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ε(θ, ν, p) =
TB(θ, ν, p)− T ↑ −T ↓ ·e−µτ(0,r→∞)

(Ts − T ↓) · e−µτ(0,r→∞)
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� �"Í�� � �F� � � � ¿H�4�)���F���F�)� � �4���/�� � £+��ÍN������¿s� � ÌR�	� �Z½fÕ�Í:Ø(Ø3ÿ�Ø�� ¾��)�"�R£+���&���M��.�R� ¦¢¡ ¥P��� �&� �&�F�)� ��� �� � �	� �
¿s��� Ð �&�4� � Í � ���4� ¨ �"� � � �:¦E£�� � �4�@Ç�Á �/� �E�Èú ���4���F�)� � � �R�²ÍN� �"¯ �	� � �.�&�,�� � ¿s���&���,� �E� �� � ¿k�R��� � �)�"Í?�R�	� Î �8�R�4� ¨
�M����S�����)�"Í?�R�4� � ����R�&�4� � �M��,�Í ¯ �&�4� � �)�"Í?ÍN�¬�/���R�4� � ���F�)� � ��� � � ¯ �)� � ÍN�"�	�)���R�/� � �4� � �B�����ÌB�"� � ����4� �
½�¯ ´ »&®	º3² Ã�´-¶	� ½s×(Ø(Ø�Í ¾&¾ Ç(� �"���T��� �R� � � �	� �� � �"� � � õ � � � �ÈÏ � � �� � �	�Ê�:� �T� � � �"� � � À � � ��&ÍN� � �R³F��� � ���F� �RÇ �)�"Í?ÍN�
�M���� Î ��Í?�R�	�8�)£+�)� £?¦ ��� ½ � ´ »��&º Ô ² ÃC´B¶�� ½s×(Ø(Ø�Ò ¾&¾ ÇR� � � �R�¥ÍN� �"¯ �	�q�R��� � ÌM� �4� ���F� Ç ��� � �"�F�SÍN� � � � �)�" ¨
�4��� Î �����4��Í?� �¨� �°�:��	���R� Ç �±���4���R� � � �	� �N�B�"�R� � ���4���&Í � �F���¬�	� � ��Í �	�,�&� £ � �4� �K¦¤à ����£(����M�� � �"� � �§ÍN� �"¯ �	�
¦ÝÙW¦É Ö � ��� � ��¿�� � �4� ���Ð�)�"Í?�M��,� �	� �"� �)£+�)� � � � ÍN� � �R�4� � �"���4�"���"�&�4�)� � �:ª����� � �"�R�F�?����� �4¯ �4� � �� �	� ¿��"� ¨
� � �"� ¦Bà � �R�F� � � � ¿s� � ÌR�	� �4� � ��� �¬�)�¬ÍN� �"¯ �	� Ç �)�"Í?ÍN� �B�"�R��ÌB�:��F�)�"�R� � ����R�&�4� �<Ç � � ���/�©�R� �	� �¬�����)�"Í?�R�4�
� � � ���M� À � �K¦ �k�¥� ú ��� Ç Ì � �������F���	� � �R�4���)� �4� � � �,�)ª+�"�R�F��ÍN����� ¨ Í��� �4¯ �4� � � � ������� �4� � � Ì � �����)�"Í?�R� �	�<Ç ��� � � ¨
¿s�"�&Í��� � �"� � �R���/� � �&�&�F���&�R�4� � ���4���&�F� � � � ���M� À � �q� �� � �/� � � ¯ �F�¬� � ���&� ¯)� � � Í � �4�)� ¦�Ù ��q�)�"� � �)���F����� Ç �	� �
ÍN� �"¯ �	� � �F�°�����R£+����� � �"�F�Þ�M� � ¿s� � �4� � � � �R�4� �E� ��� � �"� �©� � â�� �Í?ÍN����� Ï �ÌR�	� �:¦«à � � ��Í �	�4�4� £ � �4� � �����"���
� �"�F�.���4�.�:��	���R�	�)� � ���������¥� � ��� � �� � ���M� À � ¦
Ù �"�R�q�)�'¿�� � �4� ÇM� �«�K¿s������ �	� ����� �ÈÏ ���S�	� �q�&� �&�M�� � �"� �q� �¬� � ���T���/� � � ¦�à �°��� � Í���4�"�	� À(� �]¥&�"§6§ Ù�Ç ��� � �B���&ÍN���
�/�°���/� �4�&�ÈÏ �:�� � �"� � � � ���M� À � � �����4��� � � �$À �F� � �R� � � � �M��,�Í ¯ �&�4� � �4��� � ���F�¨�/�©�4��Í?�����,��&�R�4� Ç �������M� �	�,� ���R�
�"�R� � ���F�°�"�����F�)�"�4�°�/�²�R�4� �4�&� �"���� � �"Í?ÍN����� � �����M� À � Ç �Ý���4�©�R� � � �	� �)� ¦«à ����� � ��Í¨ÌR�	� � � �'À �,�� � ���R� �
Í �	� � ��Á?�E�	� �B� �&� � � �"�±�M������A¥$�"§6§ Ù � �"�����"ÌR�4�����F� � �M��S��M���ª � �S�,� �E� �� � £+� � � � ÍN� � �R�4� � �R�4�:£+���M���� � � �
� ��4����� � �4� �`À �)� � �,�� � �"�R�M� � �4� � ���~�B�"�/� � �4� � �"�B���,���� � �� � �	�<£ �	�4� ÌR�	� ½ ∼ Ø�Ç=Ê

µ
Í�¾~���[��� � ��¿H�,��4�"� À � ½ ∼ ÍBÍ

µ
Í�¾

½@û6º�¹�¹�º"Õ ´ ¸I®X°�å ý8³ ä?²e»t½�Í<ÉBÉ�Í ¾&¾ ¦�à � � �M��,�Í ¯ �&�4� �P� ���)�"�R£+���&�&�R�4�q���M� À ��� � ����� � ���4��Í?�����,��&�R�4� � � � �R� ¨
¿��"�)� � �"���N� � � �&� �)�,³M���� � ���	�"�R�F� �tÁ Ö Ø Ë Í �4�"�R�4� � �	� � Ö ³F���R�4� �$#(¦ ���F� � � � ��� � �R� � �"� � ���,� � ���	�)� � �Þ�)���&�4�
��� � Í���4�"�	� À(� �8� � ��¿s� � �4�S�M�� û6º�¹/¹)º"Õ�² Ã�´-¶	� ½�Í<ÉBÉBÊ ¾ ¦
  �� � �	�Ý�:� � �4� � � � �&�,�:£"�� Î ��� � �"���¥���4�²ÍN���F� �<Ç �����	�¢� �B���&Í �	�Þ� � �E�	� � � � À �F�����	� �Þ�&� �&�M�� � �"� � �F�"�
���M� À ��� � � �:¦¤à �°ÍN���&³F� � � � � � ���4�)��� � �"� � � � ���M� À � � � � � � �)��� � �4�?�M�� û6º�¹/¹)º"Õ ´ ¸I®&% ´ »$®8²e»v½�Í<ÉBÉ Ö ��¾����
��£(����F�)�S�M�� û6º�¹�¹�º"Õ ´ ¸I®&% ´ »&®�²e»H½�Í<ÉBÉ Ö ÌE¾ ¦���F�5� � � � Í��� � �"� �R�4�)� �	� � � �5�/���4��Í?�B���,��&�R�4� � �<�/� � �R��¿��"�)�<� � �T��	�"� � �"�)�)� �4�4� ÌR�	� ¦ §<�����	� ¨ � � � � � � � � � � �4� � � �
���RÍ � �M��F�)� �Ê� ��¿H�,��4�"� À ��ÍN� � �R�4�)� � ���°� � �������/� � �P� � � �&� ���F� � � � �R�4� Ï � � ��&ÍN� � �R³F��� � ���F� �<� ���4��Í?�B���,��&�R�4�
��� � � ³��RÍ �	�E� �4�¨�M����	� ��� �"� � ���R� �*¤:¡Ê� � ¦
Ù �"�R� � � � � � �4���	� � ��Í �	�4�&� £ � �4� � ���°�R�°��� � ��� Ç�� ����¿������� � ��� �4� �R�4��� � ���/�¨�)�"Í?�M�� � Ì � � � �4� � � ��À � � ���	� � ¥&�"§6§ Ù
��� �R� ¦¢¡ ¥ ¦a£ £+�)���R� � � �M�"�)��ÍN����� � � ×BÔSÁ Ö Ø Ë Í � ���M� �8� � À � � ���	�]¿s�"�R�&� � �M��8���A¥&�"§6§ ÙjÇ �)�����	� ¨ � � � � �
�R�	� � �F��ÍN�����Þ�)�"Í?�M�� � ÌR�	�²�:£+�)���	� � �"Ì � ���&£(�� � �"� � �R� ¦¢¡ ¥¬�)�4³M���� � ���	�"�R�F�)� �HÁ¢×BÔ Ë Í ½ �,�Ì ¦�×E¦�× ¾ ¦ §���� � �
�B�"�R�.�)���&�4� �,� �	� �"�Ð����� �R�F� À � � ���	� �E� £ �	� ����.�/� ¤ ���&�4�����Ð�)�������R�	� �.� ��� � �4�N� À ��	� � � ÓBÓNÍ Ë Í 2 � � �S�R� � � �	� �)�
�B�"�R�P�4�������4����������� � ��Í8ÌR�	� � � ��� �"�R�F�)� � �&�,� � �4�)� �:¦ §<���&�4� À � � ���	�.�)�"��� � ������� � � �&�jÊBÊ(Ø«ØBÊBÊ?� �.�)� � �)�������R�	� �:¦
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ISCCP
(obs. VIS et IR)présence de nuages

émissivité (éq. 2.1)

profils de vapeur d’eau
de température

température de surface

température
de brillance

non oui
rejet

����� Ù'ÚB�DC Ü6EMî�FBô$�©ï ìRò?ù ïG��ñ�÷�î)ô)ìMú"ñ�òÞìRòÞìRôKð0ò4ñ��?í�ëIï�ðHíH÷:ë ìRò,û©ô$�?í	û4û&í�H�í�ð0ô,ûI�?íHî4ñ�÷�J�÷:ëBìRò,ûLKL��ï�ñ:ðHí�ñ°ìRò,û
÷M�"û�ò4ñ�H)ï�ðHíH÷:ëFû8ENE�O>P�êQ�

Ù �"�R���4³M�"���F�.�"Ì � ���&£(�� � �"� � �R��= ¡�<�Ç �/� Í Ð ÍN�.�R�4���)� � �R�4�8� ���4� � � � £ � �?Î
���Þ�4³M�"���F��� �ÈÎ �����R��= ¡�<eÇ�� � õ �"�R�<�)�"Í?ÍN� � ����� � � Ç �	� �Ê� �"�R�F�)� � 4SR ��� � ���F�:� � �4�����Ê��� ³F���R�4� � ���M� �,� � À �
� �T4U=¢� Ù²� �"���¤�4���4�����F� � ���"�R� � ���4���&�B�"�/�� � �"� ¦�2 � � � � �4� Ç �	� �~�&� �&�M�� � �"� �[� ��� � �������/� � �T�"� Ç ��£+�����&�F�����	��ÍN����� Ç
�R�4� � �����,���� � ���R�	��ÍN����� � � � ���M� À � �T� ������ � �&� � � Ç"� �"���T�/�P�4��Í?�B���,��&�R�4� � � � �"Í?ÍN���T� � � � ��¿H��� � ���R�4� Á�×BÊ(Ø ù
�)£+�)�.�R�F�S���M� �	�4� ���R���"�R� � ���F� � ��¿H��� � ���R�4� Á ��� �R� � �4� ÇM� �"���P�R� �	� � � ���¥�)�"Í?�R�4� ½�¯�» ³ ��²�¸ Ã ² ÃC´-¶	� ½�Í<ÉBÉ	Ó ¾&¾ ¦N2 �
� ú ��� Ç �)� � ���M� À � �Ê� ������ � �&� � � Ç�� �"�F�*¿`�4� �	�R�<Ç ��� Ï � � �)�"Í?ÍN���	� ��å ³ »e» Ô ¹eÇ �F���R�4�K£+�����F�����<�M� �5� ���Ì � �"�&�R� � �"�
� � � Í � ���4��Ay�"� � � �3½ÆÀ �/�"�)�R¾8��� Ç �M��8�	���R�O¿s� � ÌR�	�©���M� �	�4� ���R� Ç �	� �8�E�Èú � � �����¨����� ¦12 � �4�"�	���,����¨�/�¥�R�4� � ���F�)�
� �?�)� � ���M� À � �RÇ �)���/�°�����&ÍN��� � ���� À ÍN�����4���8�	� �F�"Í¨ÌR�4� � � �&� �&�M�� � �"� �.� �� �.� � À �,� � ���S�/�°�R�4�)� �	�4� �"� � � �
��Í �	�4�&� £ � �4� ��� � � � � �4� �:¦Mà � � �,³F��Í�� � �.�)���&�4�S�R�4���)� � �R�4�.� � �P�4���R�4� � � � ����� Ï.À �R�4� ×E¦=ÔF¦
à ���)���M�� � �"� ×E¦�× � � � Ï �M��	��ÍN�����S�4� � �"���F�¨���"�R���4³M�"���F�¨�:��M�� � �?�R��= ¡�< �����	� � ÍN�Kª+���R�F� � �����	� � �)�:��&�@A
�yª��B� � � � ��Í �	�4�&� £ � �4� ��� �"�����:��	���R�	�)� �:¦

�k�WV��	� è ê ä�áaæÅç-èâç é ë�á.ãFã é æ]à�á�ã�Ò·íuèâã�ã	èYX·è�ç:Ò.ã3ä�åjàâä é à Ò�á.ã
à ���)���M�� � �"� ×E¦�× ÍN�"���&�4�¬���F�q�	�S�F�"Í8ÌR�4� � ��¿��"���4���R� ��� ���4���&£+���M���� � �� � �	�.�:��	���R� � �S������Í �	�,�&� £ � �4�¨� � �

� Í?�B�"�&�,���� ¦Z? ³M�"���R� � ����� Î �)�"� � � � �&�F�8� � � �&� �R�F� � �"�R�4�)� � � � �F�)���&� � �&� � � ¦
4¬���ÌB�"� �·Ç�[]\T^�_M`ba9ced�\f^�g�d�_6hi_*j�g�d�kl\Nme_�Ç

Ts

Ç ��� � � � � �	�4� �F� � � �¤� �"�R�F�)� �¤� �«��� < � ?S?<Ù~¦�û6º�¹/¹)º"Õ ´ ¸I®&% ´ »$®Mne»
½�Í<ÉBÉ Ö ÌE¾T�"����ÍN�"���&�4�����F�P�	� � ÍN� � �R�4� �5� �P�4��Í?�����,��&�R�4� �<� � � �R��¿��"�)����fA � � �4� � ��� � � ���)�:�� ��� �"�������NÌB�"�
�"�)�)�"� � �)£+�)�°�)�����	� � ¿s� � �4� � �M�� � ����R�&�4� � ÍN�Kª+��� � Î¤�	� �¬�E�Èú ���4���F�)� �?� �"��� � � ∼ × ù ¦+? ���&�4�©£(��	���R� � � �
�/���4� � �R���,����4� � � ��� �F�)���&� � �&� � � � � � �)� �tÁ �/� � ���4�)��� � �"� � � � ���M� À � �RÇCÁ �/� �:�� � ÌR�,�� � �"� � � � ���RÍ � �M��F�)� �

Ò�Ê



×E¦ Ö ¦ 4 á ; 2kß = < 7o:+; < 587p4 2 � á = < �R� <��8< ; á ��= <@?<ß 53AB58784 2 �

�"Ì � ���&£+�)� � �M��q�	� �S� ��4����� � �4� �<Ç ����&�,� � �4��ÍN����� � �¨�����Ì � �"�&�R� � �"�¢�M��S�/�N£(������R� � ���:�� � �� � �	� � ÍN� �Nq �	� �
� � �&�,�� � ¿s���&�S�,� �E� �� � ¿ ÇaÁ ��� ³�ª��B�"�&³ q)� �Z¿�� � �4� � � �R�F�N��Í �	�4�&� £ � �4� � À ��	� ÁJÍBÇ�Ø(Ø ��¢� � ��� � � �R�F� £(��	���R�S�R��� �
�4�:�� �	� �4� � � Ø�Ç=ÉBÄ�Ç � � � �4� ����� Á �/� �E�	� � � �F��� � �"�Ý� Î��	� �,����4� Ç Í�� �	� �F�"�±�R� �	� �8���²�)�"Í?�R�4� Ç �����&�4�¨�/� �4��Í?�B���,��A
�&�R�4� � �¬�/� � ���&� �Wq �4�?�)�"�F�4³F� � �¬�/� � �R��¿��"�)� ½ �4��Í?�����,��&�R�4� ®enorNn ´"Ô ¾q���q�/�°�4��Í?�����,��&�R�4� � � �S� ���&� �Wq �4� �
�)�"�F�4³F� �K¦5Ù �"�R�©�)� � Í Ð ÍN� � �,� �	� �"� �RÇ ��� � �F�)���&� � �&� � � � �R���	� � �4��Í?�����,��&�R�4� �°� � � �R��¿��"�)� � �)�"��� � �F�����,��	� �
� ���,� � ��� � � �&��� � Í Ð ÍN���"� � �4� ¦ ;~�"�R�4�e¿H� �	�RÇ<� ��� Î � �"�R�4�)� �°� �R�R�R�	��ÍN�����,� � �4� ��� ��� õ �"�R�4�����¢Î5�����Í?�R� � �&� � �
�&³F���&Í � ���F� õ �"�R�&�M�� �Wq �4� Ç �R��� �k� Í?�B�"�&�,����4� � �R�k�	� � �4���&�4� � ���F� � �R�k�	� � ÍN��� �<Ç ���k��� � �F���&� � ���&³F���&Í � ���F� Ç �R��� �
¿�� � ÌR�	� � �R���	� � �4���&�4� �:¦Mà � � �F�)���&� � �&� � �¬� � �)� Á �/�?�4��Í?�B���,��&�R�4� � � � �R��¿s�"�)� � � ��� �R��¿��"�)� � �)�"��� � �F�����,��	� � � � �
��	�"� �S� � Ò ù ¦BÙ ��.� � ���	���R� �<Ç ��� ³�ª����"�&³ q)� � � � �R�F� ��Í �	�4�4� £ � �4� � ��¿H�,��4�"� À � � � ÍBÇ�Ø(Ø ���� � ��� � � Ø�Ç=ÉBÄ�Ç ¿�� � �4�
� �R�¨�	� � ���)�:�� � � � �8�R� �B��� �R��� � Í �	� � Á Í���5�M�� � � � ��Í �	�4�&� £ � �4� �8� � � �R��¿s�"�)� � �)�"��� � �F�����,��	� � �R���R�$s"�
� �¬�����"� � �4� � � Ø�Ç=ÉBÔÞ� �R�q�	� �S� �"� �q� �)� � �"�¢�4���4³F��� Î ���S£+� �	�4� �F� �S� � ��� �R� � �4� � �R�q�	� �q� �"�F� �S� � £+� À ���,�� � �"�
½�tZu ¶Yv ¹w� Ô » ü u-¸I®Ix&y z?» v uJ½�Í<ÉBÉ(× ¾&¾ ¦{? ���/���N�)�"Í?ÍN�¬�)�"� � �)���F���F�)� � � � �"� � Ay� � � � ÍN�����/�?�4��Í?�B���,��&�R�4� � � Ê
Á]Ä ù ��¥Í�� ÎE� Í8�RÍ ½Q| ÃµÃ~} n�u�I®�t Ã º }]} ½�Í<ÉBÉ Ö ¾&¾5Í�� �	� �R��� ��� �"�R£+����� � �qÍN� � � ��� � Ò ù �B�"�R�P�/�¬�R���R�M��&�
� � � Í���4��� � �� Îò½�¯�» v �MnQ� Ã n Ã u }�� ½�Í<ÉBÉ	Ó ¾&¾ ¦ 7��:��RÍN� � � �<Ç �)���&�4� � �F�)���&� � �&� � �Þ� � � �E� Í � ���F�)� � � ×BÔVÁTÔ(Ø �
�M����)�"Í?�B��� � �� � �"� � �q�/� �4� � �F��� � �"� � ���,�)ª+�"�R�F��ÍN��������Í �	� ÍN�"���,���� Ç �M����	�q�,�)ª+�"�R�F��ÍN����� � �q�/� � �R�@A
¿��"�)� � �F� Á ������Í �	�4�&� �"����&ÍN� � �R³F��� � ���F� � ��¿`�,��A��4�"� À � � � � �)��� � ����4� ¦����*�9�Zn�Ç �/�.£"�� � �Ì � � � �4�q� ú �)��� � £+� � ���/�
�4��Í?�B���,��&�R�4� � � � �R��¿��"�)�S� � � � ��¿H��� � ���R�4� Á × ù ¦ : � � �&�@Ç �/� � ��� �&� Ì � � � �4� � � � ��Í �	�,�&� £ � �4� � Í � ���4��Ay�"� � � ��Á �/�
�4��Í?�B���,��&�R�4� � � � �R��¿��"�)� � �S�:��	���R�	�S�M��

∣∣∣∣
dε

dTs

∣∣∣∣ =
∣∣∣∣−

TB − T ↑ −T ↓ ·e−µτ

(Ts − T ↓)2 · e−µτ

∣∣∣∣

f �M��&� � � � � �R�F� � �F�)���&� � �&� � � � � Ò ù � �R�k�	� � �4��Í?�����,��&�R�4� ��< � ?S?<Ù�Ç �����)�:��&�@A��yª��B� � �R���	� � ��Í �	�4�4� £ � �4� � � � �
� � Ø�Ç�Ø(×�ÒF¦
2 � � � � �4� Ç3[]\�^�_�`ba�cMd�\f^�g1d�_�hi_p�id�][~[]\��1m _�Ç

TB

Ç ��� � � � �ÞÍN� � �R�4�)�Ð�M��²�R��= ¡�<U¦��6� }]}�v ���en���n Ã u }��
½�Í<ÉBÉ(Ø ¾��R� �	���InQ� Ã/� ½�Í<ÉBÉ	Ó ¾��"���S��£"����F�¬�	� � �:��,�"���4��� �	� � � ���F� � �,� �E� �"ÍN���&� � ���F� �.� �¨��� � � � �&�&�RÍN����� Á ÌB�"� �
� � Ñ A Ä�Ç �)�"Í?�R�4�QA��4����� � ���/�¬�)�"�F�)���R� � �"� Á ��� �	� ����� � ���F� � � �Ê� � � �&�&�RÍN����� � ��Í¨ÌM��4���F� ��� �R� Ñ A Í:Ø ��� Ñ A ÍBÍBÇ
�	� � �,� �E� �"Í q �&�4� � �)�"�F�)���&�M����°�)� � �&�,�)£(�� Î¹� �"��� � �R�R��� � � � �)£+� � �N�R�F��Í Ð ÍN� � ��� �&� Ì � � � �4� ¦kà �¢�4���/�� � �"�
� � � £(����4�

∆T =
ηT

� ª �
√

∆ντ� �"�R�F�S�/� � ��� �&� Ì � � � �4�S�,� �E� �"ÍN���&� � ���F�8���F¿s�"�F��� � �"� � �
l

T
� ª � Ç �/� �4��Í?�B���,��&�R�4� � � � ª � � q ÍN� Ç

l
∆ν

Ç �/� ÌM�� � �S�M� �4� ����4� Ç
l

τ
Ç �	�q�4��Í?� ��� � � ���4� À �,�� � �"� Ç

l
ν
Ç �R�F¿s�"���4���R� � �R����� � ���R���"�¥� À �� Á3ÍBÇR� ���B��� � ���� � �±�,� �E� �"Í q �&�4�.�R� � � �	� � ½�z*����u�½�Í<ÉBÉ(Ø ¾&¾ ¦? �"Í?�R�4�QA��4����� � � � £"��	���R� � �R�4�"�R�4� �*Á �R��= ¡�<eÇ �/�.�4� � �"���R� � �"�Þ�,� �E� �"ÍN���&� � ���F�S� � � � � Ø�Ç=Ê ù ���P� ú � � �,� � �

� ��¿s� � ÌR�	� �¬� �F�)���&� � �&� � � �N� �R�¨�	� � ��Í �	�4�&� £ � �4� � � � � � � �4� �?�&� �/�¥�R�4�)� �	�&� �"� � �R�¨�/�²�:�� � ÌR�,�� � �"� �Ì � �"���F� � �
�R��= ¡�< �������,� � � �M� �¬� � ± Í ù ½(�InQ� Ã/� ½�Í<ÉBÉ	Ó ¾&¾ Ç �)�"���&� � ÌR�M����©� � � �&� Í�� õ �"� � �,� � �4��ÍN����� Á ��� � �F�)���&� � �&� � �
À ���F���,��	� � �R�P�	� � � � � � Í��� � �"� ��� ����Í �	�,�&� £ � �4� �K¦ : � � �&��� �.�/�¬�4���/�� � �"�

∣∣∣∣
dε

dTB

∣∣∣∣ =

∣∣∣∣
1

(Ts − T ↓) · e−µτ

∣∣∣∣

�"� � � � � � �[����� ÁOÍ<É:ÿ�Ø�� ��� Ö Ó?ÿ�Ø��	Ç �����	� �~� �"��� � � Ø�Ç�Ø(Ø�Ò ù
−1 ��� � � Ø�Ç�Ø(ØBÊ ù

−1 Á*ÄBÔ?ÿ�Ø��?½�¯�� v �enQ� Ã n Ã u }��
½�Í<ÉBÉ	Ó ¾&¾ ¦
2 � Ï � Ç�[]_�m ���Z^�_���g�_����N\Na�_Mg1d�h���_e\�gÐ� � ã �F���F�)�S����� � � � Í��� � �"� � � � ��Í �	�4�4� £ � �4� �:¦Eà � � ���4���&Í � �M�� � �"�

� �<�)���&�4�5�)�"���&� � ÌR�R� � �"� � �_¿�� � �~���¬ÍN� �E�ÈÏ ����~�	�5�R�4� Ï ��£+���&� � �:�� � � ³��RÍ �	�E� �4� � �� � �,³M�"���F�<�)�"�F�4³F� ¦ �����	�"�¬�	�
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�yª��B� � ����&ÍN� � �R³ q �4���4³F� �	�&�1��� Ã u�I® u��$®¡  � t � Ç Ã ����r v å$u } �"� � Ô ��u��$å Ã~v£¢�Ô n�¤eÇ ��� ³��RÍ �	�E� �4��£(�� � � ¦M? ��� � �5�	���:��M��
ÁSÄBÔTÿ�Ø�� ��� �@Ç �)�"Í?ÍN�©�"�§���"�R£(� � � � � ªÐ��&�4��� � �4� Ç ÍN�"���&�4�©�/���R��� �T¥ �,�� � � � ��� �&� Ì � � � �4� ¦~Ù ��?� � ���	���R� �<Ç
�R��� � �	� � ��Í �	�4�&� £ � �4� ��� �"���3¦s� � ÌR�	� �<Ç �R��� � �/� � ��� �&� Ì � � � �4�¬�� Î¥� �F�)���&� � �&� � � ��� �R���	�.�R�4� Ï �T���±£(������R� � ���:��
� � � ¥ �,�� � � Á �:�� � � � �P�/�.�)�"���&� � ÌR�R� � �"�°�R��� � ¦�� � ÌR�	� � �P�/� � �R�@¦��"�)� Á �/�q���RÍ � �M��F�)��ÍN� � �R�4�)� ¦ : � � �&�@Ç �:£+�)�
�R�F� � �F�)���&� � �&� � � � � Ö Ø � � �R�P�	� � ÍN� � �R�4� ��� ��£"��B���R� � ���:�� Ç �	� � ���&�4���R� � �)�"Í?Í �	� � ��� �R�Ê�	� � ��Í �	�4�&� £ � �4� �
Á]Í<É�ÿ�Ø�� ��� Á Ö Ó�ÿPØ���� �"��� � �������"� � �4� � � Ø�Ç�Ø(Ø�Í ��� � � Ø�Ç�Ø(Ø	Ó�Á�ÄBÔ�ÿ�Ø�� �� Î �/�� � �&� � � � �)�"�F�)���&�F�)� � �M��
�������R�F� ��¥ ��ÍN����� � � �¤� �R�@¦s�"�)� � �)�"��� � �F�����,��	� �RÇ �(��� � �@A Á A �E� �4�<�)£+�)��������&ÍN� � �R³ q �4� � Ô ��u��$å Ã~v£¢�Ô n6��¯�� v �enQ� Ã n Ã u }����Í<ÉBÉ	Ó ¤�¤U¦

1er dernier
(jour du mois)

ém
is

si
vi

té

moyenne mensuelle

����� Ù_Ú���§ Ü�¨~ï?îUï�ùHîKú"ù[ìRò<ù�© ô$�?í	û4û4í�HKí�ð0ô��Þò4ëFû:ú�ò4ù�ùHòqò4ë¢ú"ëI�k÷:í�ëIð�ìR÷:ëRëBô�û�ò<þ�ï�í�ð[û:ú"ñ5ùHò,û{ª:÷�ú"ñ4û�ìRò�î4íHò4ù[î4ù ï�í�ñ��¨o© í�ëBî)ò4ñ:ðHí�ð&ú�ìRò.û:ú"ñ�ù ïI�Þ÷$«Fò4ëRëBò*�Þò4ëFû:ú�ò4ù�ùHò¬ìRôKð0ò4ñ��?í�ëBô)òSûM© ï��N�Tú"íHòqûKú"ñ�ù�© F�«e�k÷�ð~F{¬,û�ò®Rú�ò�ù�© ô$�?í	û4û4í�HKí�ð0ô¬ò,û:ð
î)÷:ëFû:ðyï�ë�ð0ò8ìMú"ñ9ï�ëIð�ùHò¯�Þ÷:í	ûqòKð�Rú�ò�ùHò,ûPõ�ú�îKð&ú�ï�ðHíH÷:ëFû�û�÷:ëIðÊìMú�ò,û�ï�ú>�ñ:ú"í�ðÊìRò�ù ï��Þò,û:ú"ñ�ò��
:��¡°F�M���±���� � �F�)���&� � �&� � � � �R�q�	� � � � � � Í��� � �"� �S� ����Í �	�4�4� £ � �4� �S� �� � �	� � �)�"� �E� � � �"� �.� �¬�4��Í?�B���,��&�R�4�?���

� � ³��RÍ �	�E� �4� � � ������&ÍN� � �R³ q �4�©�Q² �	� �,����4� � �� � �	� � �"Í�� � �F� � �?�)� � �&�,�:£"��f²Ð� � � � � �����"� � �4� � � Ø ± Øf³<Ôµ´³�¶Zÿ�Ø�� ��� Ö Ó�ÿ�Ø�� ��� � � Ø ± Ø Ö ´®·BÔZÿ�Ø��+¦M2 ���	� �<� �"���Ê�)�"�F��� q �4��ÍN����� � ���4���&Í � �F�)� � �M��<�	� �kã �F���&�M�� � �"� �
� � � ��Í �	�4�4� £ � �4� � ���¹�,³M�"���F��� � ²R������¹�)�"�R� �N� � �R�¹ÍN� �	� �)�"Í?ÍN�¥�	� � �4³F��Í��� �	� �¥�/�&° ¥ �R�4� ×E¦¹¸E¦9? �Þ�F�
� �"����� ´ ���F� � � � £"��	���R� ��� � �E� �:��&� � �)� � �4� � �RÍ����� ¥ �4� �4�4�Wq �4��ÍN�������/� � � � ��� � �R� � �"�²��� � ���±� � ��¦�� � �4�q�R�4�)�)�QA
� ��Í?ÍN������±I�����	� � �"���������:£"����,� ¥ � � �8°N²R���P�	� �Ê�	� �)� � ���M���� ´ �/�¬�4�:�� � �4� � � �R�F� �&��¥ �M��&�R�4� ¦ ���F�.��R�R�4���,³F�
�R���4��� � ���R�4�.�R��� � °F�F�.�)�"� �&�	� �4���,� � � ´ �R� � � �	� ����� ¥ ��	��ÍN�������	� ��� ��£ � �� � �"� ��� �,�� � �� ��¦
à �L° ¥ �R�4� ×E¦xÓ �R�4� � �����4�?�/�Þ�:��&�4� � � � ��Í �	�,�&� £ � �4� � Í � ���4��Ay�"� � � � ÍN��� � �F�����	� �®´ Ö Ó3ÿPØ�� A Ø ���S�	���R� �.� �QA
£ � �� � �"� �N� �,�� � �� � � �4� ��� � �)� � ��� õ ���£ � ��� ³�¶�¶ Ö ���,�ÌR� � � � ���	�"�¹�	�Þ�R�4�"�4���)�"�	�±��� � £ � ����� � �»º��&�4�±�Q²��B� � � ¦4 ����R�&�4� � �:��&�4� ��� �"��� �E�	� �B�"� � ÌR�	� ��� �� � �)� � �����RÍN����� � �R�P�/�¬�R�/��F�,³F� ÒF¦�³+¦
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à ���"Ìr�$�)��� � ¦ � � � �&�,�)£(��f² �R�4� � �����4� ��� �� � �	�P�:� � �4� � �P�)���&�4���&³ q)� �P� � � � �Ê�B���&ÍN���&�&�4���/�q�:��,�"���4��� �	� �� � �"�
� ��Í�����4�:��¢�F� ��¥ ���f²¢����£��F� � ����R�R� � �:�� � �"� � �R� � �F� � �M��	��ÍN�����.ÍN���4�)�"�4�"�	� ¥(� ���F� � ���S��� � Í��� � ���F� �:¦ ;¤�,��A
�E� � � �"�R�F�����	��ÍN�����¨�)� � �"��� � � � ��R�R� � �:�� � �"� � ��� � �4�)��� �Wq �4�����S�R� � ���R�	� � ��ÍN�����S³��RÍ�� � � � Í?�B�"�&�,����q�B�"�R�
�@���)���&�F�����	� � ÍN� � �R�4� � ±��������F�)�"�4� � �6¦��K�)�"�Ý�&� q)� �B�"�F���&�F�����	� ¦ � � �	� � �"Ì � ���&£"�� � �"� �q� ��4����� � �4� � �B�"�R£"� � �����
�B���&ÍN���&�&�4� � � � ���Ì � �&�,� � �4� � ���)� � � � Í � �,�� � �"� � ±��"� �E�	� ��� � ���,� � � � � �R�F���)�"�R£+���&�&�R�4� ¥ �	�"ÌM��	� ´ �4������� � � � £ � �4�
� Í?�B�"�&�,����4� � � � ÍN� � �R�4� �:¦ =Ý� �	� �)£(����P�)���/�f±��F�"� �<� ��£+�"� � �)�"Í?�M��4���P�)� �Ê� ���f² � �"�R�4�)� �Ê� � � �f¦H�"�&Í��� � �"� ��H� �M�� � ��	�.������ � �"� ¤ ±R�B�"�R�����,�ÌR� � ���	� � � � ��� � ��£+�����&�F��� �:¦4S�� � �)�©�4³M�� � �&�4��±[�F�"� � ����	�"� �¨� �"�F�©�R�4� � �����4���¬�	� �¬� �"�R�4�)� �¨� � � �"�R�F�)� � ��R�&�4� � ���F�N�	� � ��Í �	�4�&� £ � �4� �
Í � ���4��Ay�"� � � � �R�4� � �����4�)� � ��±�4³M�� � �&�4�8�R�4�)�)� � ����� ¦
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;¤�"�R� � ���Ì��"� � �	� � ÍN� � �R�4� � �@���)���&�F�)� � �� � �"���)�"� � � � �&�F�����°�	� � £(��	���R� � ��f²R���F�����	� � �	� �©� ��£+��� �&� �"� �
��£+�����&�F�����	� � ¦�� � �4� �3´ �M��&� � � � � � �"Ì � ���&£"�� � �"� ��� � � £+�������)�"�&�4� � ���"� � �4� ¦
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;��4� �	�P� �"�R�4�)� �P� � � �"�R�F�)� �P� �"��� �E�	� ���"� � ÌR�	� � �B�"�R�Ê�	� � ³ � £+��� �*³�¶�¶(× A ³�¶�¶,� ��� ³�¶�¶,� A ³�¶�¶ Ç�±F��R�F�)� � �B�"�R�
�	� � ���F�����	� � �"� �E�	� �B� � � � � �k� �"�R�F�)� �k� ����Í �	�,�&� £ � �4� � Í � ���4��Ay�"� � � �:¦�à ���R�4��Í �Wq �4��±����«�/���R��� � ¦s�"�R�&� � ��±(� � �«�/�
ÌM� � � � � � �"�R�F�)� � �:��M� �E� ���R�F� � �S�������M� �	�,� ���R� � �S�/�¬�F� ��¥ � ¦�2 ���	�¨� ���4�.���,�ÌR� � � � �� � �	�S�:� � �4� � �¥�R�4�2�&���?<ß� �  � � � 2 ��£ � �4�"�R�F��ÍN����� ? ��M� � �¥���8� � �.Í �	� � ´��E�	� ��� �&� � � �"� �M��8�	�©�����&£ � �)��=Ý���4�)�"�4�"�	� ¥(� ���F� � �? ��M� � � ¦kà � � �)�)�"� � ��±«�4�:�� �	� �)�Þ�M��?�	�µ7 ?�2kÙ ±«�4� ¥ �4�"�R�B���	� � ÍN� � �R�4� �N� �����M� �	�,� ���R� � �¹Í�����4�:�� � �R�
���»:�ÍN��� � ���F� � �&7��"� ��¦N2 �f°F�/±F�������M� �	�4� ���R� � �¥Í�����4�:��±ÍN� � �R�4�)� � �� � ������F� � ���R�F�®��� � �"�Ý���:£ � ��� � ���F�8�
���4�SÍ �	� �S���µ¦H�"�&ÍN� � �"� � ��� � Í?�R�R� �&� �"� � �µ7S� < 4 ? �ÍN��� � �:� � � ��z¯®T�±°~�@���S² �s×(Ø(Øf³�¤�¤U¦

à � � �R�4���)� � �R�4� ��� �PÍN� � �R�4� � �����M� �	�4� ���R� � �)�"� �&�	� �4�����<���N�R�F�P�	�)���&�R�4� � �R�k�R�F�P� q�¥ �	�P£+���&� � �:��	� ¥ �,� � �F�)�
�R�/����4�)�¬�)£(�����������R�M�� � � � �"� � �q�/� �F� ��¥ � ¦
Ù ��� � �R�4�)� �	� ��ÍN������±B�	�8�R�4�"�4���)�"�	� ��Í?�R�	�:ª+� � � ��Ì � ��� � �)��� � � � �R���/� ß � �4�&� � ¦Mà � � �"Ì � ���&£"��4���R� � �R�4���R�F�����
� � � ÍN� � �R�4� � ���F�"� �	�E� ���R�F� �.� �����M� �	�4� ���R� � �¬�F� ��¥ � � �R�q�&�4� �	� � q�¥ �	� � £+���&� � �:��	� � �R�/�"�)�)� �S� �� � �R�¢���F���	� �
ÍN���4�)�"�4�"�	� ¥(� ���F� ¦ 4S�� � �	� � �:� � � e �)���k���F���	� � �������,� � �k�M� � �4���R�4� � �����,�� � ¦ � � � �"�N����£ � �4�"�R�F��ÍN�����Ê�)�"�F�)���@A
�M������/�?�)�"�R£+���&�&�R�4� � �8�F� ��¥ ��± � � � �R�/�"�)��������	�"� ��� �S�F�"�R£+�����	� � � q�¥ �	� � £+���&� � �:��	� � �R� q)��� �S�/� � �,�� � �"� � �R�
�R�F�S�M��4�)�����	� � �.�4���&�,� � �±�4³F� �	�&� �.���"�R� � �"�¥�:��,�"��� q �4�.�4���R�4� � �����,�� � ¦ ¦
Ù �"�R��� � Í � �4������� � Í?�M�"��� � �P�/� � �Q¦s�"�&Í��� � �"� � �NÍ�����4�:��©���4�)�)���M����	� � �"Ì � ���&£(��4���R� � ±+�)���f²�Ay� �M� �P�R�/�"�)�����´8×®´�� Í q �&�4� �<� ���/�.� q�¥ �	� ¦�à � � �"Ì � ���&£(�� � �"� �Ê� �"���Ê��	�"� � ¦�� � �4� ��´ �/�S�R�4�)� �	�&� �"� � �©�)����� � Í q �&�4� ¦Eà �����M� �	� A
� ���R� � �°�F� ��¥ �©ÍN� � �R�4�)�°� � �¨�4���B���4�)�°�M��¬�/�±� ��¥ �F�Þ��� � � � � � �°� � £+�:����:£+�)�Þ�/� � �R�@¦s�"�)� � �°�F� ��¥ � ¦[à � �
�"Ì � ���&£(��4���R� � � �	� �����P� ¥ ��	��ÍN�����Ê�	��� � £+�:�� � ���/�¨�)�"�F�4³F� � � ¥ �/�"�)�q�"� � ���:�� � ���B� � �)� � �R���/�8� q�¥ �	����� �B� �¦s�"�&ÍN� � �"�R£+��������R� q)� ���F�q�/�¬�F� ��¥ �8� � �S¦s�"� � �¥�R� q)��� �¥Ì g �4�"� ¦
à �"� � ���F���/�.�	�)���&�R�4��� � � � �f¦s��� � ���R�4� ´8Ø ± È �)����� � Í q �&�4��±��/�SÍN� � �R�4��� � �5���R�4� ¥(�	� �&�4�)���)�"Í?ÍN� Ø ��Í ¦�à �"� � ���F�
�������M� �	�4� ���R�.� � �.�)�"Í?�R� �	� �N�����&�4� Ø ± È ��� ³ ± Ø ��Íµ±������	�?� � �.���R�4� ¥(�	� �&�4�)�N�)�"Í?ÍN� ³ ��Í ¦�à � � �"Ì � ���&£(��4���R� �
�:��	���R�	�����N��	�"� � �/��ÍN�Kª+���R�F���&�"�R�&�M�� �Wq �4� ´ �M��&� � � � �N�/��ÍN�Kª+���R�F� � � � ÍN� � �R�4� �¬� �R�8�	� � �&�4� �	� � q�¥ �	� � ±
��&�4�"� �E� � � ��²�)����� � Í q �&�4�¬����� � �����	�8�R��� � �R�4���4³F� ¦Ià �¨�R� � �F� � ��� � ����&�4�"� �E� �Q²E��� � �.�R�4�)�)� � ��Í?ÍN�����q�B�"�R�
�	� � ÍN� � �R�4� � ± � ����R�R� � ���F�.� ¥ ��	��ÍN����� ´ �/� ÍN�:ª+���R�F�³�$�"�R�&�M�� �Wq �4� ¦

0 5 10 15 20 25 30

0
50

10
0

15
0

20
0

jour (janvier 1993)

ép
ai

ss
eu

r (
cm

)

���0�/´ C��pµb¶ D<3$6	3�½�!4�¢�"3�Q��^�R1Ï�9'`%+'/�	�����
Q&%)��%(�K�	3$�+��34�¨GE#4!&�&3$�E'H%)�E'¨%(2Ð�&3$�^� �J· 2:��3
-�¸&-.3ÝQ&3$6^6`2:6�3:A«@s6^6 2K�9'/#&%(' ���)� �"3°6�%�G�3&#9's3
��· �^�+O ��#0-.%(' ���)�°6^�	!,3U¿¬6�%¬-.�4L�3$�+�E3��E!UQ&34�B¾
�$%)�^#43EG��(2:#MO/%:� #43¤Q&�=¹��RQ0�/�(3$#F6	3&�B�(���+��!93&�I�0%�¾
's3$6^6 �`'H34�83�'Ê6	3&�¨�"������!,34�»º�X¦¼hº�Y�½+A�¾<%:���q6	3
Q&%:�¨�"3NQ&3)'y's3 Q43$6^6 2:6	3QÆ�6�%�-.�4L�3$�+�E3S#4!&�92:6�¾
'H%)�E'H3P34�,'[�"3~¿=¿qQ�-

:��G°F�M���±E�	� � �4���	��£+� ��� �����M� �	�4� ���R� � �q�F� ��¥ � � � ×(Ø(Ø � �,�� � �"� �
�&� �4� � � ± � � ×«Ø,�(×�� �,�� � �"� � �:��M� �E� ���R�F� � ��� � � È�È ×�� �,�� � �"� � ��f²
á �,�� � Al��� �	�8� �"��� ´��E�	� ��� �&� � � �"� ¦ � � ��� � �F�)���&� � �&� � � � �R�S�������M� �	� A
� ���R� � � Í�����4�:�� � � � � � ³ ��Í � �R�Þ�	� � ÍN� � �R�4� � �&� �4� � � ���
�:��M� �E� ���R�F� � ±F�����	�S� � � � � × ± È ÇN��Í �@³ ���"�F�)� ¤<� �R�Ê�	� � ÍN� � �R�4� �
��f² á �,�� � Al��� �	�:¦ 4S�� � �	�.�:� � �4� � � �R�F�¬���&� � � ´ �����)�4³F�����	� ¥ �	��A
ÌM��	��±F�)�q� � £+�:�� � �q�R�4�)� �	�&� �"�¥£+���&� � �:��	�8� � � � � â�� ���� ¦
à � � �)�"Í?�M��,� �	� �"� � �����&�4���	� �8� ��4����� � �4� � ���8�	� � �B� � ��� �8� ��ÍN�QA
� �R�4� � �� � �"� � �"���N�� � �F� ��´ �:�� � � � � �?�E� �����4���F�)� �?� �� � �	� �
�)�4³F�����	� �Þ� �M�� � ��	� � � � � Ô ��uçn�� n±°�u }NÀ �s×(Ø(Ø(Øe¤�¤U¦ : � � �&� ±5��°F� � �¦�� � �4���)��s�F� �	� �����)� � �"Ì � ���&£(�� � �"� �Ê� ��4����� � �4� � ���Ê�)� � ÍN� � �R�4� � v �� v ° Ô ±B�	� � �4���	��£+� � �"���8���4� Í �	� ��¢�M� �8� �¨�/� ¥ � � ���	� � �¬�)�������R�	� �
� ��� � �4�Ý�)�"� � �,����4� ��Á,Á�³|Â Í 2 ¤U¦ 4S�� � �)���&�4�Ý�)�"�f° ¥ �R�,�� � �"�/±<�	�
�F�"Í8ÌR�4� � �©� � ²E��� � � eÏ� � � ÍN� � �R�4� �¨� �"��� �E�	� ���"� � ÌR�	� � � � � � �
×(Ø(ØÝ� �R� ������F� � ���R�F�µ��� � �"�¹���K£ � ��� � ���F��± � � ³ È ×�¶�� �R�¬�	� ? ��A
�M� � �¢��� � � È Ø Ç§��f² á �,�� � Al��� �	�:¦kà ���M� �,� � ¥ � � � � ÍN� � �R�4� �
�B�"�F���&�F�����	� � ��f²±£(��	���R� �S� �R�q�/� ¥ � � ���	� � �6¦�� � �S���ÝÍN�Kª+���R�M����
�	� � ���M� �	�4� ���R� � �4���	��£+�)� ��� �� � �4³M�"���F�.�)�������R�	� ¦
? �Ï�M� �4� � ¥ � ´ �/� £"��	���R�¢ÍN�Kª+���R�F���B�"�R�Ð�4³M�"���F���)�������R�	�¥ �"Í?ÍN� ���È�M��&� � �è�/�Æ£"�� � �Ì � � � �4� � �M�� � ��	� � ���&�,��Ay�)�������R�/� � �4��±
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�E¦�³(¦¥à/2 �µ4*58787 á�2 � �g� tf�,�o  �8; <�à�< � á�2 �

�)�"Í?ÍN�Ê�	�<ÍN�"���&�4�P�/�3° ¥ �R�4� �E¦�³+¦ ? ���&�4�Ê£(�� � �Ì � � � �4����� ¥ ��	��ÍN���������4�<Í �	� �Ê���?��£ �	� ���F�)� � �� � �	� � �&�,�:£"��f²
� � �Ã�u��²Gn±°�u }NÀ �s×(Ø(Ø È ¤ ±��M��P������M���ª � � � � � £(�� � � ¥ �,�Í?ÍN� �±Ä�� � � ���M� �	�4� ���R� ��� ���F� ��¥ � ¦ ;~�"�R�4�Q¦H� �	� ±R�(��� � �
�R�F�¬� � Í � �,�� � �"�¡¦s� � ÌR�	� ´ �����)�4³F�����	� ´ �/�"���F�����	� � �¨�R�/�"�)�����.�)� � �&�,�)£(��f² ¦ ���F� ��R�R�4���,³F� �R��� � � ��¥ �"�R�4��� � �
�)�"� �&�	� �4���,� � � ´S� ���4���&Í � �F���Ê�/�S£(�� � ��F�)� � � � ���M� �	�4� ���R� �<� ���F� ��¥ ����� � � � � ª �4�Q¦H���4���<�����B���&Í���F���F�)���:£+�)�
�/�¬ÍN�:ª+���R�F� ¦
:¯°F� � ����� � Í � �F���±�)���&�,� � �F� � ���&�4���R� ��� �� � �/� ÌM� � � � � � �"�R�F�)� �¥� � � ���M� �	�,� ���R� � ±Ê�	� � ÍN� � �R�4� ��� �"���

� � ��¥ �F��� � ��ÍN�����?�)�"���&�$s"�	�)� � ���8�	� � �4���	��£+� � ��F�"�&Í���f²§�4�3�&���4� �:¦ 4q��� ´ ±¤�	� � ÍN�:ª+���R�F� � ÍN��� � �F�����	� � � �"���
�:��	���R�	�)� ��� �R���	� ��� �,�� � �"� � ��� � �2�B�4�����q��±ÍN� � � ��³:Ø �4���	��£+� � �M���ÍN� �	� ± ¥ � ¥ � � � � ��� � ���f² � �� � �/�N�R� �	� �
� � � ÍN� � �R�4� �K¦
< ���)�"��£ � ����� � ���=�&�"�R�4�������F�q�	� ��� �,�� � �"� � �ÍN��� � �:� � �F� � ¦H�"�R�&� �	�4� ���������¥�R��� � �/�¬�4��Í?�����,��&�R�4� � �S����� � � ´

× Í q �&�4� ��� � � �"� ¦
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à ���)��� � £(��	�����°��� �:��¹� � ��� �	� �¥�"� t����(Õ ��u�°lnQ�°Ö ¢�Ô�v`Ú u } nQ�b°�Ê*t5��Ö � ���/���F� ��¥ � � � � �Q°F� � �©�)�"Í?ÍN�[���ceai\��	j�j�_SË1dTh���_e\©Ë d�cej�Ëi[�Ì�\��JÌ�_Lhi_L[]\µk����JÌ�_Gh9�NËi��_�me��[]���i��_LhiË `b\��JÌ�_M\©Ëá��_���Í�_SËsÎ ��t�å±Ã ® v ® }Yv ��@³�¶�¶(Øe¤�¤U¦�à � � ÍN� � �R�4� ��� ���)��� � £(��	�����S� � ��� �	� � � �"�����R��� � �)�"R�4��� � � � ���²�4��Í?� � ���F�¨�	� ���4� Í?�R�	� � ÍN� � �R�4� �´ �/�¥� q�¥ �	� � ���������M� �	�,� ���R� � �©�F� ��¥ � ¦í2 �Ï�@�B����± � ��Í¨�R��� � �R�	� � �:��4�"�&�,� ¥ � �?� �"���?�@���)���&�F� � �	�N�	�"� ¥¢� � �R�
�M��4�)�"�R� � �R�4� � �Q°F� �[� �� � �/� �4� ¥(� �"�±�)�"�F�)���&�F�)� ¦
à � ��� ���R�	� ��� �"�R�F�)� �U´?�E�	� �B� �&� � � �"�²�R�4�:£ � ���R�F����� � � ? ��M� � � ¦�à �?�R���R�M��&� � � � � ¥ ���F�)� ��� �.ÍN� � �R�4� � � �
�R�4�:£ � �F�)� � ��� � � � �4���&� � �4� � �4� � �:��M� �E� ��� � ��� � �,� �4� ��Í8ÌR�	�������)� �«� �"�R�F�)� �«� �<�M��4�)�"�R� �k� �<�F� ��¥ � l ³F�"�&Í �	� �	�
�����&£ � �)�*=²���4�)�"�4�"�	� ¥(� ���F� � � ? ��M� � � � ��= ?S¤ ��� � �R�4��� ��� � È ´ Ç Ø �)�4³M���� � ���	�"� �0l ��Í?�B�"�&�4�������R�����RÌB�
� �N�F� ��¥ �©���¨�@���)���&�F�����¬�R�F�?ÍN� � �R�4� � �����M� �	�4� ���R� � �ÐÍ�����4�:�� ¦Tà � � ���RÌ�� �¬� �"���¬��� � � � �4�N�B� � � � ���¨�R�¦��"���4���R� � ���)�"��£+��� �4� �"��� � � ´ �/� � ��� �&� �4�q� � �Ê��R�R� � ���F�����"�R�<�&�,� � � � �4�������)��� � £(��	�����P� � ��� �	� �����Þ���M� �	�,� ���R� ¦4q� � £"��	���R� � ÍN�:ª+���R�F� ��� �Ê�����)��� � £(��	�����k� � ��� �	� �P��� � �Ê�������M� �	�4� ���R� � �Ê�/���F� ��¥ � � �"������	�"� � �:��	���R�	�)� � �B�"�R�
�	�q�M��4�)�"�R� � ����� � ��� ¦
à � ��= ? �R�4��� q)� �¨�	� ¥ q �4��ÍN����� �E� �����4��Í?ÍN����� ¦Bà � � �&�,�"�)� �q� �R���	� � ���F��� � �	� � �)�,³M���� � ���	�"� �S� �8�F� ��¥ � � �"���
�R�4���	��£+� �U� ��R�����	� ��rfu�&å$� Ô � ��¤5� �"���5�)�"Í?�B� � � ��� ��� � �F�¨�B� � ��� �K¦ 4q� � ���RÌB� ��� ���F� ��¥ � � �"���k�R� �	� ���©�4³M�"���F�
�B� � ������� � �"�����R�/�"�)� ��� �� � �R� � �:�� � �"�R�M������R�F�.Í�� �,� �q�4�"�,��	�.�B�"�R���	� � � � �F�Þ�)�,³M���� � ���	�"� �:¦Bf �M��&� � �
� �?�)���&�4� Í�� �4� ��±B�R�F� ÍN�Kª+���R�F��� � � � ���4���&Í � �F�)� ¦i? ���&�4�?ÍN���&³F� � �?� � � � �K�$���&�4� ´ �R�F� � �F�)���&� � �&� � �N�R��� �¥ �,�� � � ¦<Ù ����Q²R��Í?�R�	��± �&� �R�è���RÌB�¥�R�4� � �����4�Ý�R�F�²��F�"Í��� � � � �F� ´ �R�F�±���&�4���R��±<�	�¥�M��4�)�"�R� � ����� � ���
� � �����&�4�"�F���R� �	� ���F���4�"� � �	� � �)�4³M���� � ���	�"� �²� �"�������RÍ8�R�	� �:¦ � � �����)��� � £(��	������� � ��� �	� �¢���,� � � � ���4���&Í � �F�
�B�"�R�q�,³M�"���F� ÌR�	����±������:��	���R�/����.�/�©ÍN�:ª+���R�F��±��"���B�"�R�&�,� � � �	� ����� � °M���S�R��� � ¦��"� � �	��ÍN�����S�R�F�?���&�4���R�S���
�4�)�:��	���R�	���q�/�?ÍN�Kª+���R�F�¨�B�"�R���	�8�M��4�)�"�R� �:¦ =Ý� �	� �(��� � ��� ´ �R�±�R�4�"�4���)�"�	�¨�M��&� � ���R� �Wq �4��ÍN�����.�	�"�R� � ± � �"�F�
�)�"R�4���f² ¦? � � �M��4�)�"�R� �T� ���F� ��¥ � � �"���[�,³F� �	�&�	�T� ���4�����	� � �"�&�4�<����� � � �[� � � �����[�4���R�4� � �����,�� � ¦ �«� �¨�4���&�,� � �?����£ � �4�"�R�M���� ¦4S�� � �	� � ��� � �4� � � � � e �/�Þ£+� ¥ ���,�� � �"��� � �.£(�� � �ÌR�	��±��)� � �"��� � �"�R£+����� � ���f²¢�M��4�)�"�R� � ��� �k� �"���¨�R� �	� ���
�,�ÍN���F� �¯´ �R�F��ÍN�Kª+���R�F� ¦ ��� � � � �M��4�)�"�R� � � � � �&� �&�F� ´¨� �)�)�"�R£+���&��±E�,�� �E�	� ���F��������R�&�4� � �3¦s� � � � �� � �/�¦s�"�$º�� ¦ ;¤�"�R�4� � �	� �P� �"�R�F�)� ��� �S�)� � �M��4�)�"�R� ��� �S�)�"Í?�B� � ����� � � �R� �	� ����� � °I���� � � � �,�� � �"���R� � ���F��± � � �R�F�
ÍN� � �R�4� � �����M� �	�,� ���R� � �q�F� ��¥ �.��� � � �R�F�.ÍN� � �R�4� � �q�����)��� � £"��	���F�)�¨���¥�:��¥� � ��� �	� � ¦
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��� � �"�����B���&Í �	� �����"�)� q)�3´ �)���&�4� � �f¦H�"�&Í��� � �"� ¦
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Vk�	���sÑ ���Û¥QÜ^£�Ý¡�B��Þ�ß³à_á

à ���)£(����,� ¥ � � � �R�¢ÍN� �Nq �	� � �¬�R�4��£ �	�4� �"� � � �������M� �	�,� ���R� � � �F� ��¥ �¨�M��S�,��R�B�"�&�.��f²²ÍN� � �R�4� � v � � v ° Ô
� � ���/� �E�	� ���"� � Ì � � � �4� ¥ �	�"ÌM��	� � � �q� �"�R�F�)� �:¦ 7��"� � �)£+�"� � �4�)�)�"�R� � ��ÝÍN� �Nq �	� < ��â�: �)�"�R�R�	�?��²ÍN� �Nq �	�
� �.� � �4���R�/�� � �"� ¥ ���F���,��	�6: ß�Ù+ãåäU2�¦
< ��â�:�±)���"�R� ���b°lnQ��u+å�° v ��N��nQ�°~��n } n9tZ� } Ê } u � v ���lrbÃræQ�$n3n±° } y zU°p®����lrbÃræQ�$n � � ���R�F� � � � ��� � �R� � �"� � � � �&�,�� � A¦s���&� �[� ���:��?��� � �����F��� ¥(� �P�����&�4��±"�)�"Í?ÍN� � �"�¬�F�"Í ��� � � �E� ���F��±�	� � �"��±��/��£+� ¥ ���,�� � �"�N���[������&ÍN� � �R³ q �4� � ��£+�QA

�	�"�R�B�q�� ? �����&�4�*7q�� � �"�M����B�"�R�5�/� ß �)�,³F���4�4³F�*=Ý���4�)�"�4�"�	� ¥(� ���F� ��? 7 ß = ¤�� �o=Ý���4�)��AYçR�,��F�)� ¦ 4S�� � �/�
£+��� �&� �"� � � � � � ��	� � � < ��â�:T±��	� � ��R�4���R� �¯�®� v	} Ã�u� u�I® ¯ } u�b°���á�@³�¶�·�¶e¤ ��� �6� v]} Ãfu� u��I® Û u2Ã(èw� Ô è �@³�¶�¶�¸e¤
� � � �"���P� � Í � �4� �o´ �R�F�q�M��,�ÍN���&� �	� �� � �"�±£+���&� � �:��	��±M�)�"� �&�	� ���,������R�F� � �R�@¦s�"�)���4���&�4� � �&�4� ´¨� ���f²��)�"�F�4³F� �
�����R� � ���R�[Ì � �/�� � �����F��� ¥(� �¨�B�"�R���	� � �"�[�����/��£+� ¥ ���,�� � �"� ¦/? ���&�4� � � � ��� � �R� � �"�¢� � ����Í?�R�	�Kª+�)� ���"�R��ÍN��A
� ��� �	� ���Ê�����)�4³M�� ¥ � � �S�4³M��	���R����� � �qÍ�� �4� �������&�4�S�/� � �R�@¦��"�)���4���&�4� � �&�4�S���Ê������&ÍN� � �R³ q �4� ¦Fà ��ÍN� �Nq �	�S� � �
��Í?�R�	�:ª+� � �� � �)�8�������"����R�������	�S�	� `b��hi_>\©ËsÌ����1��` _ �B�"�R���	� � ��£+���	�"�R�B��ÍN����� ¦{2 � `b��hi_>m �JË�aí[]c ±
�	��ÍN� �Nq �	��¦s�"�R�&� � �©��	�"� � �	� � �)�"� �E� � � �"� � ��f²�� � Í � �4� �©� �f¦H��� � ���R�4� � �B�"�R�N�	� � ÍN� �Nq �	� � ���RÍN��� � ���F� �°� �
�R�4��£ �	�&� �"�±ÍN���4�)�"�4�"�	� ¥(� ���F�?��&ÍN� � �R³F��� � ���F��±B�"�²�	� � �)�"� �E� � � �"� � ��f²¥� � Í � �4� �q� �R�B��� � ���R�4� � �B�"�R���	� � ÍN��A
�Nq �	� � ³�ª � �4�"�	� ¥(� ���F� ���E�	� �&� � ÌR�F� �:¦�< ��â�: � � ���"���&�F�����	��ÍN�������)�"�R�R�	�¬���ÍN� �Nq �	�S���RÍN��� � ���F� � �S�R�4��£ �	�&� �"�
ÍN���4�)�"�4�"�	� ¥(� ���F� � �8=Ý���4�)��AYçR�,��F�)� � : ß�Ù+ã7äU2�¤ ±R��ÞÍN� �Nq �	� � �q��� � Í��� � �8=Ý���4�)��AYçR�,��F�)� � : ß�Ù+ãåä*2 A
��� � Í��� ¤ ±B��±ÍN� �Nq �	�¬��&ÍN� � �R³F��� � ���F�¨�F�"�fA�³�ª � �4� � �,�� � ���F� � ���)�,³F�����	� � ���4���&ÍN� �E� � � �4�I=²� � ��Al7 � ��¯¯n }]} n�� ¢�s×(Ø(Ø(×e¤�¤ ±R�������ÍN� �Nq �	�q³�ª � �4�"�	� ¥(� ���F� �E�	� �&� � ÌR�F� ´®¥ �,�� � �8�)�4³F�����	�*= 584 ? 58� ��!�n4® � Ô,é n±°�u }ÉÀ �@³�¶�·�¶e¤�¤U¦
Ù ��<�/� � � � �4��± � ���¨���4�����R� � �,³ � ���©�R³F���F�"Í q �F� � ÍN� � ��� �	� � �:¦ 4S�� � �	���:� � �4� � �©�R�4�2�&��� ¥ �	�"ÌM�� � � ³��RÍ �	�E� �4�
� � ��� �"� �®��ä �Sê Ù�¤ ± xT� Ô�Ú�v	}]} n�n�°�u }NÀ �@³�¶�¶ È ¤ ��� � ����ZnIu��I®¬Ö8°�å@Ãfn Ú n�� ���s×(Ø(Øf³�¤ ª��"�����R�4�)� �	� �.�/�?�)�"Í?�B��A
� ����4�S�F� ��¥ ��� � � ¦< ��â�: � �� �?� � � �)��� � �M� �	� �"� Ö é r }Yv å v °*t����"Õ � � �¬�R�F�¥�ÍN��� � �"�,�� � �"���M��?�,��R���"�&� ´ �/�²£+��� �&� �"�ÏÍN�"�F��A
�)�"�F�4³F� � � �F� ��¥ � � �ÝÍN� � � �M�� � �Q¦���R� � � xT� Ô�Ú�v]}	} n n±°�u }ÉÀ �@³�¶�¶ È ¤U¦�à � �S�E� �����4���F�)� � �R� � �F� � �M��	� � �����&�4�
�/� � � � ��� � �R� � �"��¦�� � �4���M���4��"�R£ � ���	� �~< ��â�:¯AYç ßU¤ ���5�)�����	�3¦s� � �4���M�� � ����Zn�u��® Ö8°�å@Ãfn Ú n�� ���s×(Ø(Øf³�¤+´ �&�4� �	�
�)�"�F�4³F� �µ�~< ��â�:¯A 2 � ¤.� �"���¨�/�¥�4���R�4� � �����,�� � �"� � �©�)���&�,� � � � �R�4���)� �,� � � �R³�ª �&� ���F� �:¦ : � � �4� ±��	�©ÍN���,�ÍN�"�@A
�R³ �	� ÍN� � ���4���&£+���M���� � �� � �	��Í�����4�:��/±�/�P�4���4����� � �"� � �������:��¨� � ��� �	� ��±:�/���&�,�� � Í �	�4�4� �"� � �8�,�:ª+�"�R�F��ÍN�����
� �"�/� � �4��±M��� � ���4��� �&� �4� � �±£+������±M�/�N�R�4� �4�&� �"����&ÍN� � �R³F��� � ���F� � � � �R�@¦s�"�)�.�"�Ý���F�)�"�4�8�	� � �R�4�)� � � � �,�� � �"� � ±����
�)�"� � �)���F��Í?ÍN������±��/� �4� � �"���R� � �"���Q²E�R� � � � �4� � � ¥ �,� �E� �������&³F���&Í � ���F�¨£+���&� � �:��~��� � �8�/� � ��� �&� �4� � �"�����R� �	�
��� �)�"Í?�R�4� � �� �í< ��â�:¯A 2 � ¦ : � � �&� ± < ��â�:3A 2 �8���B�"�R�[�"Ìr�&�)��� � ¦M�������&� � �<�R�4�)� �	� � � � � ÍN�)�:�� �	� ÍN� �«� ����£+�"���fA
� � �"� � �� � �	��Í�����4�:�� � �R���R�F�¯ë:�"�F� ¥ �)� ¥ �,��R³ � ���F���&� q)� �	���:�� �	� �)��± ´ �/�.Í��� �Wq �4� � �°ÍN� �Nq �	���R�R�4��ÍN�����
�"� � �����4��£+��� � �/���F� ��¥ � ?<ß 5 ? �q� � �S=Ý���4�)��AYçR�,��F�)� � � � Ô � n±°�u }ÉÀ �@³�¶�·�¶e¤Jì�í{��u�Iå�nT�@³�¶�¶�¸M¤�¤U¦ ä � g �)� ´ �R�F�
�&� Í?�R� � � � �4���R��� ��¥ �,�� � ��± < ��â�:¯AYç ß �q�����)£(����,� ¥ � � �»º��&�4�P�R��� � � â �:�"�)� � � �R���B� � ��� � ��£��F� � �f¦s�"�&Í��� � ���F� ¦< ��â�:3A 2 �Ý�R�4��� � �R�4� � ���F�©��R�,���� � �N�4��Í?� � �R�4���)� �4� ���R�.����� < ��â�:3AYç ß �	�"� � ���F�?�4�"� � �	� � �B� � ��� �¨� �?�/�¥ � � ���	� � �"�����)�"�R£+���&� ��� �S�F� ��¥ � ¦�2 �µ¦�� � ��± < ��â�:3A 2 � � ����Í?�R�	� � �8�R� � ���F��ÍN�������	�"� � ���F�S�/� �F� ��¥ �.�4�"Í¨Ì��¨�"�
����� � �FªN�S�R�F�����M� �	�4� ���R� � � â�� ����4� � ���F� ��¥ ����fA � � �4� � �5� ���/� � �R�@¦s�"�)� ¦+à ���4³F� � ² � ����� �R� � � �	� �� � �"�©�"�©�F�"�
� �S�/�¬£+��� �&� �"� 2 � � ���B��� �¥� �"�F� � � � �"Ìr�&�)��� � ¦ ��� �q�/� ÍN� � ��� �	� �� � �"� ´ �@���)���&�F��� ¦< ���Q² �	� �4��±E�4�"�R�4�Q¦s� �	� ±E�/� �B� �4�&� Ì � � � �4� � �q�4�)�)�"�R� � � ´ �/�¬£+��� �&� �"� < ��â�:¯A 2 �°���±�R����� � ��� � �"�R�F� ¦Fà � ��� ���R�	� �
�����&�4�)� ��´ ¦s�"�R�&� � � � �"���5��	�"� � �/�q�4��Í?�B���,��&�R�4� � �P�/�S�)�"�F�4³F� � �R�B��� � ���R�4��± ´ ��� � ���4���@¦s�"�)���F� ��¥ �QA�� � ��±����k��� ³��fA
Í �	�E� �4� � � � �"� ¦ 4q�S�)� �P� ���f² ¥ �,�� � ���R� � ±R�/�?�)�"� � �F��� � £ � �4�S�&³F���&Í � ���F�.� � ����	�"� � �:��	���R�	�)�8���¥��Í?�R�	�:ª�����
�	� � ÍN���&³F� � � � ���/� �4�&� ���F� �P� � < ��â�: ¦�Ù �"�R���4�"�R�P�)�"Í?�R�	��ÍN����� � � � �f¦H�"�&Í��� � �"�²���<�R�4�)� �	�4� �"� � �R� < ��â�:3A 2 �Z±
�	�qÍ�����F���~�4�)�4³R� � ���F� � � ����ZnG�s×(Ø(Øf³�¤�¤ �)�"� � � � �&�F�S�/� �4�Q¦s���4���F�)� ¦

���R�«�	�5�4���&�,� � �/±"�	� � �)�"Í?�M��,� �	� �"� � ¦s� � �4� � �:£+�)�Ê�	� � ÍN� � �R�4� � v ��� v ° Ô �	�"� �k� � � �:�Í?�M� ¥ �F� � ÍN�"���&�4���������F�
�/�S£+��� �4� �"� �&� Í?�R�	���)�"�F�,³F� � ç ßU¤ � � � � �3� ´ ��R�4� ´ �4���R�4� � � � �4��� â �:�"�)��ÍN�����Ê�	� � ÍN�)�:�� �	� ÍN� �Ê� ����£+�"���R� � �"�
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� ��Í�����4�:�� ¦�? ���&�,� � �F� � ��R�R�4�w² � Í��� � �"� � ¦s� � �4� � ±~�)�"Í?ÍN�°�����Ì � ���F�)� � ��ÍN� �E� °M�:�� � �"� � � � �R�4�"�R� � ���4� �
³�ª � � � ���F�����8�&³F���&Í � ���F� � ���/�Þ�F� ��¥ �N�	�"� �¬� � � ��ªE���	� �8� � ¥ ������� � � ¥ ����±¤�F�N��� �	� �����¨�M� � �"�R�&�4��ÍN� � �R�4�´ �/��°I�Ì � � � �4� ¦�Ù ��8�)�"���&�4��±��/�°�)�"Í?�M��,� �	� �"���)£+�)�?�	� �S� �"�R�F�)� � ��� � Í���4�"�	� ¥(� ���F� �8� � �E� ���F�����.�R�F� �	� ¥ q �4�
� �R�4� � � � Í��� � �"� � � � ���M� �	�4� ���R� � ��Ð��îq�R� � � ��� ³ � £+��� ¦1? � � �)�:��&� �.� �¬�4� � � �	� ���� ´ �/� � � �	� �"� � � �/�L¦H�"���4���xT� Ô�Ú�v	}]} nG�@³�¶�¶�·e¤Jì � �����ZnIn±°�u }ÉÀ �s×(Ø(Ø Ç ¤�¤U¦
Vk�	���	� ���©��Ò��������2�=�¡ i¢h�ï£���§J���$«¬�È¥QÜ^£~Ò¡�N�$��Ò©�b�

à �q�4� � �"���R� � �"� � �M�� � ��	� � � �k� �"�&� � � ��� �NÍN� �Nq �	� � ��� � �4���R�/�� � �"� ¥ ���F���,��	�o: ß�Ù+ãåäU2§� �S=²���4�)��AYçR�,��F�)�
�)�"�R�R�	�Ê�)£+�)�5�/� � � � ��� � �R� � �"� � �k�4���&�,� � � < ��â�:3A 2 �*¦H�"�R�&� � � � �M���â ¦ 4q�)�,³M��&ÍN�<� � � � � ³

◦× ³ ◦ ���"�R�[�4³M�"���F�
�&�"�R�������&�4�S�	� ³ ���.�4���£ � ��� ³�¶�·�¸ ���P�	� �f³S� �)�)��Í8ÌR�4� ³�¶�¶ È ¦ 4S�� � �	�S�:� � �4� � �S�)���&�4�.���&� � ��±R�F�"� � �R� � � �	� �QA
�4�"� � �	� � ÍN�Kª+���R�F� � ÍN��� � �F�����	� ��� � � ���M� �	�4� ���R� � �:��	���R�	�)� �8´ �M��&� � � � �S�)���&�4�SÌM� � � � � � �"�R�F�)� � �B�"�R�P�	� �
���M� �	�4� ���R� ��� �¨�F� ��¥ � � ° ¥F¦J�E¦ Ç ¤U¦�2 ���	� �q� � � � � � �	� ����� �E� �4�)���4��ÍN����� � � ��� ��� �&� �4� � ��� � � � �)��� � £(��	���F�)� � ���
�:��¥� � ��� �	� � �	�4� �F� �P� � � °M�4³ � ��� �:¦4S�� � �/� � � � �4��±P�B�"�R�²����	� ¥ ����±��F�"� � �R� � � �	� ���4�"� �Ý� �)£(����,� ¥ �§�	�Ð�4���&ÍN� < ��â�: �B�"�R� � � �4��¥ �F��� < ��â�:3A: ß�Ù+ãåä*2�¦
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à � � �,� �E� �"Í q �&�4� � � Í�� ¥ ���R� ��z�® Ú u�Iå�n&®���n����	� v ²2Ã�
¯n��w� }^Ô�
° v ���
Su�® v �,®�n�°lnQ� � :�� ��ß�ß8¤ ��Í¨ÌM��4���F� �Ý� �R���	� � �"�&Ì � �4���R� �
ÍN���4�)�"�4�"�	� ¥(� ���F� � �B�"�/� � �4� ��³�³ ��� ³:×�� �°�/�¡7U5¯:o: � ° ¥F¦+�E¦ È ¤¦s�"�R�&� �	�4� ����� � � � �"Ì � ���&£"�� � �"� � ���F�"� �	�E� ���R�F� �3´ �4� � �"���R� � �"�±���	�QA
£+�)� � ∼ ³9Â Í ¤~� �<�/�8;¤���&�4� � �� � �	� �«� �"Í�� � �F� � £ �	�&� ÌR�	�Ê��� � �f¦H�,��A
�4�"� ¥ � ¦¤à �N�,�)ª+�"�R�F��ÍN����� �4� ã �)�4³ � �M��&£+���M����?��f² � ���4�)���4���R� �
�R�4�:£ � ����� � �<�/� � �R�@¦s�"�)��±"Í�� �	� �� �4�&�F� � � ���M� ¥ � �K¦ :�� �,�&�R� �� � �	�
�:� � �4� � ���&�,�)£(��f² � �R�k�/�S�F� ��¥ � � �����Ì�� � � � £+� �	�&� � ��� ���)���f² � � �
���M� ¥ � � ±~�)���/�±�R�4��£+� � �¨�R�F� �E�7â ���R���4� � �� � �/� � ���M��,�� � �"� � � �
� ���f²��R³F���F�"Í q �F� �:¦ 4q�� � �	� ��� ���f²¥£+��� �&� �"� ��� �S��� � � � �&�&�RÍN�����:�� ��ß�ß ´ Ì��"� ��� ��7U5¯:o:3A ³�³ ���I7U5¯:o:3A ³:× ±«� � �F�Ð�:��M��f²
�)�"Í?Í8�R� �¨� �"��� �E�	� ���"� � ÌR�	� ��� �(��� � � � �� �S� �©�&�4� �	�&�Wq ÍN�?£+��� �&� �"� A��F�"�¢�R� � � �	� �)� � � � A������»:�� ��ß�ß � ��� q�¥ �4�
�R�Ï�:��M�� � �"���?�	��ÌR�R�?� � �¯�$� � �4��ÍN����� � � �E�	� ��� � Í � �F��� �/�²�F� ��¥ �©��� �	� � ���M� ¥ � ��¤U¦�? � � �"���¬�	� � �:��M��f²³ ��� × ��� � �F�"� �q� ���4���4� �4� ������±B�	� � ��R�&�4� �S� �"����±������&�4�N��R�&�4� � ± � � �E� � �®´ �/�©�4��Í?�����,��&�R�4� � � � �R�@¦��"�)� � �
�/�°ÍN���8��� ´ �/���:��&�4� ¥ �,��R³ � ���F�����&�R�&�F� � � � ���M� ¥ � �:¦¤à �?�R�4��Í � ���8�:��M��5�°�R�F�NÌM�� � �?�M� �4� ����4�N�)�"ÍIA
�R� �	� �?�����&�4� Ø ± È · ��� Ø ± ¸�· Í � ���4�"� � ���8�	� � �)�)�"� � �����&�4� Ø ± ÁK� ��� ³ ± Ø(Ø Í � ���4�"� �:¦�à � � ��M���ª � � �S� �����&�4���R� �¦�� � �4� � �M�� ��nQ�@®��,°lnIu�I® � u Ô è�®�u� �@³�¶�¶ È ¤¬� � �E� ���F�����°���F�¥�/�¢�:�� � ÌR�,�� � �"� �Ì � �"���F� � � � �4� ã �)���,��F�)� �
� � � � �±�����"� � �4� � � È �°¦�Ù ��Þ� � ���	���R� � ±k�	� � �&�,�:£"��f² � � % Ô °p®�u� �@³�¶�¶�¶e¤ �"���©ÍN�"���&�4� � �R� � �±�	�"� ¥ �F� �
� ��� � � � �4��Í?���"�4�����	� � ±[���F�©�/� � ��� � £+� � �§�©îq� � � � �)��� � ���� ���¬�M�� �)�"� � �)���F����� �	� � �)�:��/� ¥ � � � � ³F���R�4� �
� ���"Ì � ���&£(�� � �"� �q� � �R�²Í�º�ÍN�¬�B� � ��� � �8�/��;¤���&�4��± � � � � �	� � � �S���F�8�	� � ÍN� � �R�4� � �������,� � �����S�M� � ¦�� � �4� ��� �� �
� � � �)�"� �E� � � �"� � �)�"� � �,����4� � ± � ���&�4� � � �	� ������ � � �&�M� � � Ì � � �	� �"Ì � ���&£(�� � �"�R�F��� �:¦�à �.�)�"Í?�B� �&� � � �"��ÍN��� � �F�����	�
� ���)� �¨� ���&� �Wq �4� � ± ¥ ���F���4�)� � �� � �	���:� � �4� � �§�R�4�2�$���¬�)�"Í?Í8�R� ÖSu�±°�Ã�|¯�Q�wnQ� Ú�v �S²¡t����@°ln±® ¯Su,°�Ã �9�I®enQ���z+²M� Ô u��® æ uK®�n��>�@³�¶�¶ Ç ¤�¤�� �¨�/�L78:q��: ��� � �¬�/�G7U5¯:o:�±B� � ���R� � � �	� �)� � �� � �)���&�4�¬���&� � � �B�"�R�.� �	� ���´ ��� � ���4���&�R�4���,�� � �"� � � � �"Ì � ���&£"�� � �"� ��� �� � �	� � �"Í�� � �F� � � � Í � ���4��Ay�"� � � � �M� �4�4� £+� �:¦Rà � �4� � �"���R� � �"� � �M��A
� � ��	� � � � �4� ã �)���,��F�)� � � � �S� � � �4�T� � ¥ �,� � �)�N���"�R�6º��&�4� �:��	�)� � �R�S�/� ¥ � � ���	� � �?�)�������R�	� �.� � � �R�@¦��"�)�?� ¥ ��	�
� � Á,Á�³_Â Í 2 ¦

� ��4����� � �4� 7*5S:8:¯A ³�³K¡ 7*5S:8:¯A ³:×
��ª��B� � ���"�&Ì � �4� ���"�/� � �4�
� �F��� � �M� �	� �"� ∼ ¶�· ± ¶

◦

���� � �&� � � ∼ · È Ø»Â Í
�B��� � � � � ∼ ³:Ø(Ø Í � �
�4���B��� � � � £ � �4� ∼ ³ �&�"�R�
Í�� �,� �q�4�"�,��	� ∼ ³ Ç Ø(Ø»Â�¥
�,��f² � �q�&�,�� � ¦s���&� ¸�¸ È Â ÌR� �

h�i<j ´ C¡ópµ¶�� ô,û:ú�ÞôSìRò,ûqîUï�ñ9ï�îKð0ô4ñ&í	û:ðHí~Rú�ò,û�í��®�k÷:ñ:ðyï�ëIð0ò,û.ìRò,û�û9ï�ð0ò4ù�ù�í�ð0ò,û��������UJ 
�
 òKð��������8J 
�� �

à � ° ¥ �R�4� �E¦¹¸ �R�4� � �����4�¬�	� � �4� ã �)���,��F�)� � £ �	�4� ÌR�	� � ����)�"�R� �q� �8�&�4� �	� ÍN� �	��� �8��� ³ � £+��� ³�¶�¶,�E¦�à �©� � Í � A
�,�� � �"� � Í?�B� � �)�S�M��P�����Ì � ���F�)� � ���)���/� � �4��ÍN������³ � £+���&�M�� � �8¦�� � � � ����� � �q��f²°³M��R�4� � �/�� � �&� � � �:¦

È ¶
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ðUñ%ò/´ C¬óW§¡¶ ¨Tò,ûkñ�ô4õBò)îKðyï�ëBî)ò,û¯HKí	û4íl�ùHò,û/�«÷�ú"ñ«ùHò,ûí�Þ÷:í	û<ìRòkëB÷Hò$�G�ñ�ò ���� ª�ï�ë�H�íHò4ñ ��� òKð{�©ï�ñ4û ��� �¨~ï�ñ�ô! +íH÷:ë�ù ï�ëBî�FBò¨ò4ë�ìRò4ëIðsû8ìRò�û�î4íHò�í�ëBì+í~Rú�ò¨ú"ëBòqïf�"û�ò4ëBî)ò.ìi© í�ëRþ�÷:ñ��©ï�ðHíH÷:ë��

Vk�WV��	� ���©�¦¢$Ò{¨,¢3Ü¡þ±£+�#"/ ����$Ü^§J�¦¥��ÉûJ¢3Ü�þ±Ü^§¡£s�©�

ðUñ3ò/´ C¬ó	¼J¶ ;�Q�Õ%$$-.%'&�2�(0%+'H3$6^6*) 's3³ö~D�; ¾�_
3&-¨JK%:#,1(2�%,+E'Jõ5=?@4A

à � � � � �&�&�RÍN�������R� � � �	� ��± � �� � �)���&�4�Þ���&� � ��±T� � �¬�	� � ���4�)���4���R�
Í � ���4��Ay�"� � ���"��� � ¦B��Í8ÌM��4���F� � �R� 2kß �eA ³(¦< �E�4� ¥ �4�"�R���Ê�	� � ¦s�"�F�QA
� � �"� �±� � �R�Æ�,� � �� ´�� ª����&³ q)� � � ���"�R£+���&�&�R�4� ��tfz�
*¤ ��� � � �R�
�4���&�4��A �E� �B� �&� �"Í q �&�4� � � �E� � ´ �������&� � � � � � £+����� �:¦�? ��� � ���)� � ���@A
� � ��� � � � �&�&�RÍN�����¨���F� �F�"� � �R� � � �	� ���4�"� �:¦1? ����� � Ay� � �&�,�)£(� � ���	�N���
ÌM�� � � ? ���&�4� � �4� �

ν =
È ± �|ä_� ë ì

λ =
È ± ¸ ��Í ¤ ���¢���"�/�� �	� ��A

� � �"�°£+���&� � �:��	�QA�£+���&� � �:��	��±f¦`�4�)���F���F�)������� � ��� �&� ÌR�	�q��f²N�B���&�&�R�@A
ÌM�� � �"� � ��&ÍN� � �R³F��� � ���F� �K¦MÙ ���� � ���	���R� � ±I���,���� � �"�R�F�¨���F�8�)� �
� ���f²�¦s�"�F��� � �"� �Ê� ���M��&�,� ¥ �������)���&�,� � � � ���	��ÍN����� �P� ���/�¬�,³M�.-	�F�
� �Ï�&�,�.-	�4��ÍN������±¬�����	� � �F�Ï�B���R£+����� º��&�4���"�����,�� � �"�R�F�����	� � ���
Í�º�ÍN���4��Í?� �:¦�à �.�4� � �"���R� � �"� � �M�� � ��	� � �°�4���&�4��A �E� ��� �&� �"Í q �&�4�
£+� �	�&� �F� � �6Ç È Â Í �£´Ç�?� â ¤Ê� �"� � �R�F�U¦���F�4³F�)� � � È Ø(Ø»Â Í � �
�/�� ¥ ��±R�4��� � �)���&�4�*¦H�"�F��� � �"�²� � ��R�4�)� ´ �����)�4³F�����	�¨��� � Í��� � ���F� ¦? �"Í?ÍN�¥�	�±ÍN�"���&�4�²�/�¡° ¥ �R�4� �E¦�Á ±«�	�¥�4���&�4��A �E� �B� �&� �"Í q �&�4� � �
�)�"Í?�B� � � � �°�&�4� �	� ����4���R�F� � �"� � �����4�)� ��� �G¦��K�)�"� ´�� ���4���&Í � A
�F�����	� � �)�"Í?��� � ����4� � £+�)���4�"� � �����	� ��� � � £+����� �o´ �/� � �R�@¦s�"�)� � � �
���)�:�� �:¦ ;~�"�R�4�Q¦H� �	� ±¤Ì � ���Ï���F�°�)�"�©�������"�R�¨�������&� � � � � � £+����� �
���)�:�� � ���F� � ± 2kß �eA ³ ��ÍN�"���&�4� � � � ��� �4�4� Ì � � � �4� �S� �����&� � � �S� �R���	� �S� �R�@¦s�"�)� � �)�"��� � �F�����,��	� �L�0/ v �Q� v n±°�u }ÉÀ�s×(Ø(Ø,�e¤Jì=í�� v ����� u��® Û � Ô ² v �µ�@³�¶�¶�¸e¤Jì æ u� } u�bn±°�u }NÀ �s×(Ø(Ø(×M¤Jì Û u"² u�² v u�I® � nQ�Q�6�@³�¶�¶�Á ¤Jì¤�Iu"²�Zn���n±°�u }ÉÀ

¸(Ø



�E¦÷�E¦ :S�8; ß32 ��4658787 á92 �¥��:+; 2kà�à�< ; 2 �

�@³�¶�¶�¶e¤Jìq�I���:®2Ã�� Ô ��nIu�I®��6��n9ç=® u�� �s×(Ø(Ø(Øe¤�¤U¦ 7��:��RÍN� � � � ±B�)�"Í?�R�4�QA��4����� � �¬��� � Í?�B�"�&�,��F�)� � �¬�����"� � ���fA
�,�� � �"� � � � ����4���R�F� � ��ÍN���&�&� � �)� ��� �� � �	� � ÍN� � �R�4� � �@�B�)���&�F�)� � �	�"� ��� �±�M� �4� � ¥ �¨��fA � � �,� � ��� � �R�Ý��� � ���
� � ¥ �	�"ÌB��± � ��� � ���F�)�)� �,� � � �4� � �±�M� �4� ��� ´ �/�¢ÍN�Kª+���R�F� � �R�©�R�F�¥�B��� � � � � � ���"Ì � ���&£(�� � �"� �2�B�,����°�R�F�
�4���B��� � � � £ � �4� � � â�� ����4� ¦ :~£+�)� �/�L¦���F�4³F�)�N�2�����&�4�?���S�/� � �,�Ì � � � �4�?�,� �E� �"ÍN���&� � ���F�?£+��� � °M�)� � �R� � � �8�&� �4� �
� �����,��	�"�R�M� ¥ ���)�"�R��� � �B�"�R�k�	���R� � �,�Ì � � � �4���4��Í?�B�"�4�����	���4��� � �/�8¦s�"�$º��5�Í��2ë:�"� � ���R�F� ��í{� v �w�� u��I® Û � Ô ² v ��@³�¶�¶�¸e¤�¤ ±R�/�¬ÍN�Kª+���R�F�¨���,�ÌR� � � � �R�P�R�¥ÍN� �	� ±F���²�4³M�"���F�S��� � ������f²��/�� � �&� � � � � e �/�¬�F� ��¥ �¨� � �P�R�4� � �����4��±
�B���R�¯º��&�4�.�)�"� �&�	� ���4�)�8�)�"Í?ÍN�*°I�ÌR�	� ¦
à �¡° ¥ �R�4� �E¦¹· �R�4� � �����4�±�	� � �)��� â � � ����� �©� ���4���&�4��A �E� ��� �4� �"� Í � ���4��Ay�"� � �²��è�)�"�R� ��� ���&�4� �	� ÍN� �	�©� �
��� ³ � £+��� ³�¶�¶,�E¦

� ��4����� � �4� 2kß �eA ³
�yª���� � ���"�&Ì � �4� �B�"�/� � �4�
� �F��� � �M� �	� �"� ∼ ¶�· ± È

◦���� � �&� � � ∼ Á·(Ø»Â Í
����� � � � � ∼ ³:Ø(Ø Í � �
�M� �4� � ¥ � �F����� ��� � � �)��� � ���� ´�³:Ø Î �(Øµ� ³F���R�4� � �"�/� � �4� ¤
Í�� �4� �q�4�"�,��	� ×�³ È Á»ÂM¥
Í�� �4� � � � � �&�&�RÍN����� �(×�¸ ÂM¥¦`�4�)���F���F�)� È ± �Çä_� ë
ÌM�� � �S�M� �4� ����4� ³ È ± È�È = � ë
���"�/�� �	� �� � �"� ���
�R� �	�4� ��F�)�SÍ���² ¦ ��� � �"�&� � � Ç�± · Â ê
�E� ÍN��� �&� �"� � ����4���R�F� �Q¤ × ± È Í � �)�����&�,��	� ¤ ��� � ± ¸ Í � �Q²E�4���&�F� ��¤
�� ¥ �	� � � � �F� �	� ���F�)� 1 ³�·

◦
ÎfÇ Á

◦ 2 � �)�����&�,��	� ¤ ���31 × È
◦

Î È ¶
◦ 2 � �Q²E�4���&�F� ��¤

h�i5j ´ C¡ó�Ô�¶4� ô,û:ú�ÞôSìRò,û.îUï�ñ9ï�îKð0ô4ñ&í	û:ðHí~Rú�ò,û�í��®�k÷:ñ:ðyï�ëIð0ò,û8ìMú ñ�ôKðHñ�÷�J�ì+í65[ú(û&íH÷���¬KðHñ�ò¬ìi© 7 � EfJ 
 �

Ù ��q� � ���	���R� � ±M�"���?� ¥ ��	��ÍN�������R� � � �	� � � � ��� �"�R�F�)� � ���� � ÍN���&� � ���F� � ¦H�"�R�&� � � � �M�� ����rNn é�� ¯S����n v ®e�� ���
ÌM�� � � ? ���98q� �

ν : ³"� ± ¸Çä_� ë ±
λ : × ± � ��Í ¤U¦

;=<?>=@AB>DCFEGAHEJIKELCFMBNPOQIKESRTEQ@PUV@%E>DWHESNPX

���F� � ���&� �Wq �4� � �f¦s�"�&Í��� � �"��¦s�"�R�&� � �©�M��?�/� 7*5S:8: � � �¬��� � � �E� �)� � �Þ�4�)�)�"�R£��4��ÍN�������F� ��¥ ���f² ¦�< �P� � �
� �Q°F� �~� �� � �)���&�4�8���&� � �¨���²�,³M�"���F�8��� � �����)�"Í?ÍN�¨�	�S�F�"Í8ÌR�4� � �.� � ²R��� � ����� �Wq �4��ÍN�����S�)�"�R£+���&� � �M����/�
�F� ��¥ � � �R�,����P�	��ÍN� �	� ±��,��R�B�"�&�4�q��Þ�F�"Í¨ÌR�4� � ��� � ²R��� � �R��= ¡�< ���"�R�<�	��ÍN� �	� �������F� � � � �"� � �R�P�)����� � �����¯�� v ²MnQ�b°Sn±°�u }ÉÀ �@³�¶�¶�Á ¤U¦/2 �Ð�@������±��/�Þ�)�"�R£+���&�&�R�4�N�F� ��¥ ��� � �?ÍN�"���&�4� � � � �:��,�"���4��� �	� � � ���F� �¬� � �E� �B� �&� �"�
� ��Í¨ÌR�/�ÌR�	� �L´ �)�����	� ��� � � �R�4�)� � � � �,�� � �"� � ���?�B���R��º��&�4� � ���4�)���4�)�¥�����R� � � �	� ������/� �E� �����4���F�)�¥�����&�4�±�	� �
�4��Í?�B���,��&�R�4� �S� �.ÌR� � ���/��F�)�?��f²±ÌM� �4� � � ¦H�4�)���F���F�)� �I�@³�¶ ä/� ë¬��� ×(×ïä_� ë ¤ �"�¢��f²¥³M��R�4� � ¦H�4�)���F���F�)� �����Áïä_� ë ��� · È ä_� ë ¤U¦Bà �©�F� ��¥ � ���"�R£(����6º��&�4� ¥ ���F���,��	��ÍN����� � ���M��4�)� � � � �R�4�)� � � � �,�� � �"� �6¥ � g �)� ´ �/�
�4��Í?�B���,��&�R�4� � ���/� � �R�@¦��"�)� ¦�? ��� � � �E� �)���4��� � � ��¥ �F� � �"�F� � �M�� � ��	��ÍN���������<�4��Í?���"�4�����	��ÍN����� � �R�<�/�¨�M��&�
� �S�/� �)�������R�	�.��� � � � ���)�"�R£+���&���M����/�¬�F� ��¥ � ¦
à � �<� ���f²N³ �	� �4� ¥ �,�Í?ÍN� �P� ���/�*° ¥ �R�4� �E¦¹¶ �����&ÍN���&�4����� � ���R�4�"�R£+���<�/� ¥ �,�� � �3°I�Ì � � � �4� � ���)��� � � �E� �)�����
�	�S�)�"Í?�M��,����S��f²ÞÍN� � �R�4� � �@���)���&�F�)� � �� � �"� ¦

¸f³
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¶?µeq ·¹Â À.À�¸5»<Å Úq¸<ÂUÚ¬¼ÁsrVtS¾eu ��»<Å »�ºÆÉ9��¾�½ ÁPº�¾eu ��»<Å

Vk�?v<�sÑ ��� ¨"Ü«�sÜs«^¢3�[�[Ós�$�

à ��ÌM� � � � � � �"�R�F�)� � �4�"��� ¥ �,��R³ � ���F� � �4���4�����F� � �� � �)���&�4�5���&� � �<� � �4w�x�y�z�y Ô ± � �"�4� � � �R�F� ¥ � � ���	� � �
× Í � ���R�4� �P� ���4� � �"���R� � �"�����©�	�"� ¥(� �&� � �q���<�/�� � �&� � � ¦�2 ���	��� � �<�R� � �F� � �M��	��ÍN����� �	�4� �F� � �°�R�4�2�&��� äqà 5Uâ 2�K�6u�@° v �S²��®u�I®Ix Ô �Z��u�� �@³�¶�¶�¶ ¤�¤U¦i? ����� � Ay� � � � �.���>îq�R£��4� � � �R�§�4� ¥ �4�"�R����ÍN����� � ���4���&�M�� � �"�M�� � ��� ¥ ���F�)� �
� � �E� �B���4����� � �M�)ª � ����£��F� � �����,�ÌR� � �S�R��ÍN� �Nq �	� ���RÍN��� � ���F� � � ³M��R�4���R� ����x v ² v °�u } Ö } n Ú u,° v �� Û �K®en } ±4 2 = ¤U¦ ���µ4 2 = � � �P�R�F� �4� Í?�R�	� ¥ � � ���	� � �S�B� � ��� ��� �����	��£(�� � �"�±�4� ¥ �R� �Wq �4��ÍN������� � �M�"�)� �:¦
à � � ���4���$º�� � ���)£+� � �S�R�F�¬�4� � �"���R� � �"�Ð���	��£+�)�¬£ � ����� � �¨�/���F�)�)� �,�&� �4� � ��� � � � ÍN���S�	�¬�4��� � �Q¦����"�R�S�,³M�"���R�F� � � �
�)�������R�	� �S� ��� � �4�?� ¥ ��	� ��Á,Á�³»Â Í 2 ¤U¦ ���Ý�:��	���R� � �¬�/�©£"�� � ��F�)� � � � ³M��R�4���R� � �� � � � � � � �4³M�"���F� �)�������R�	�
�B���&ÍN��� � ����� � � � � � �4�P�R�F� � �f¦s�"�&Í��� � �"�����M���� ´ �/���&� ¥ � �&� �4� ´ �)���&�4�P�)�,³F�����	� ¦�à ���R�4�)� �	�&� �"� � �R�k�)�P�:��	���R�
� � � � ����R�,������R��� �S¥ �,�� � �¨���F�q�	�.�F�"Í8ÌR�4� � �q�B� � ��� � � � �����	��£+��± � ��� e �	�.�4³F� � ² � � �R�F�S³M��R�4�S�4� � �"���R� � �"�
³F�"� � ë:�"���,��	�¨�B�"�R�P�/�¬�4�"��� ¥ �,��R³ � � ¦
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Û u,°�°�ÃfnUÕí�L�@³�¶�·,�M¤ � �R�4� � � � ���R�F�.�)�"Í?� � �/�� � �"� � � �R� ¥ �,�� � �F�"Í¨ÌR�4� � �S�R�RÌR� � �:�� � �"� � �&�,� � �,���� � �S�/�
£+� ¥ ���,�� � �"����� � �©�������)���R�M�� � �"� � � � � �"� �:¦~f �R�F���4� � �"���R� � �"� � �M�� � ��	� � � ³

◦× ³ ◦ ±¤�/�²���/� �4�&� °M�:�� � �"� � �
�/��£+� ¥ ���,�� � �"����� � ���²�4� � �R���4� �E�	� � � � ¥ �F� �f³ �yª��B� ��� �¨£+� ¥ ���,�� � �"���4���R� �	��� �� � �	�.�,�ÌR�	�:�� �E¦÷�E¦ :¯°F� � �
�&� Í?�R� � °M���S�)���&�4�¬���/� �4�&� °M�:�� � �"�/±B�)� �U�f³ ���/� �4� � � �B���R£+�����q�,� �	� �"�R�M�ÌR�	��ÍN����� � �8�4� ¥ �4�"�R�B������� ¶�¥ �,�� � � �
���/� �4� � �U��¯�� v ²MnQ�b°Sn±°�u }ÉÀ �s×(Ø(Øf³�¤�¤U¦�Ù ��P� � ���	���R� � ±��)���&�4�����/� �4�&� °M�:�� � �"���Q²E�R� � ÍN���/�8£+� ¥ ���,�� � �"�¥���F�������"��� � �
���¬ÍN� � �R�4� � �5�&�4�"�R£+���[���¬�R�8� � ���/± � �� � �4��� � �[�)�"Í?�R�4� � ����� � ���4���&£+����� � �"��³��RÍ�� � �F� ´ �&�,�:£+��� � �	� � ë:�"�F� �[� �
���R���&�R�4� �:¦ : � � �4� �R�F��ÌM� � � � � � �"�R�F�)� � �R�~�������)���R�M�� � �"�?� ¥ �,� � �4� � � � �"��� � �[� �4� ��� � �)� ´ �)���&�4�����/� �4�4� °M�:�� � �"�
� �N�/�¥£+� ¥ ���,�� � �"� ¦~à �����)���R�M�� � �"� � � �¨� �"� � � � � � ���M��4�)�©����� � �F�²� � £+�:��f² � � � ���4��� �&� �4� � �����R���&�R�4� � �M��
�,��R�B�"�&����²�:��,�"��� q �4� � ��R£(� ¥ ��±M�����&�4� Ø � ��� ³:Ø(Ø � � �8�/�N�)�������R�	� � � ³

◦× ³ ◦ ¦�2 �²�)�"Í8Ì � �M����.�)� ��� ���f²
� �"�R�4�)� �<� � � �f¦H�"�&Í��� � �"�/±��"�Þ�"ÌR� � �����<�R�F��� � � � Í��� � �"� � ���/� � ��� �&� �4���4�)�����	� � ���/�.£+� ¥ ���,�� � �"� ¦�à � � � ã �F���F�)�
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� � � ë:�"�F� � � ¥ � � �)�"�	� �k� �R�«�	� � �"Ì � ���&£"�� � �"� � � � �T�4�����	��±(����� � �M�����4� � �R�R�B� � �Ê���F�Ê�	�"� � ���F�<�/� � �R�@¦��"�)�Ê���R��� � £+�)�
� � �R�F�Ê�)�������R�	� � ���M� �4� � � � ×(Ø � ±"�)�����	�QAy� � ���,� � �«��� � ���F���&�4�)�P�)�"Í?ÍN�P���,����T���»ë:�"�F� � �Ê���R���&�R�4� ¦ ���F� �E� ² �Wq ÍN�
���/� �4� � �R� � �F� � �M��	� � � �E� �)����f²¦ë:�"�F� � ���R��� � £+�)� � � � � � �"�F���)�"� � � � �&�F�)� ¦i? ���&�4�N���/� �,�&� °M�:�� � �"� � � �U°N²R�N��
�)�"�R� ��� �q������R�F�)�8�����F�q�R�4� � �����4� � �"�F�S�M� � �	� � £(�� � �� � �"� ��� � �	� �"�R� �Wq �4� �:¦
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à �SÌM� � � � � � �"�R�F�)� � � 2åäU2Ï×(Ø(Ø(Ø �8���4���R�4� � � � �4� � �"� � ��� � Í?�R�R� �&� �"� � � � �M��&�4���M� � �4� �Ê� �°�R�4� ¥ �,�Í?ÍN�
� 2åäU2 ;1:+; < 587 �:£+�)�N�	� � �"�R� � ���b°F�M��F� � ��� � � ? 7 2 �Z± � �©¨ ßS? ��� � �ª� < ;35 ¦~à � �8� �"�R�F�)� � �"���¬���4�
�"�)��� �	� � � �����&�4�±�F�:£+��Í¨ÌR�4� ³�¶�¶�¶ ��� � �)�)��Í8ÌR�4� ×(Ø(Ø(Ø �)£+�)�±��� � � � �&�&�RÍN�����G� á7äqá ;�:+; < 587 ´ ÌB�"� �¹� �
� ��4����� � �4�.� Ù 58;ñÇ ¦N? ��� � � � �&�&�RÍN������� � �<�R� � Í�� ¥ ���R� ´ ÌM� �4� ���4� � �"���R� � �"� ´ ���M��&�4���:��M��f² ¦Eà ���R�4��Í � ���
�:��M�� � � �&� �&�F�¢�����&�4� Ø ± Ç �

µ
Í ��� Ø ± Á Ç

µ
Íµ±Ê�	� � �)�)�"� � �����&�4� Ø ± ¸f³

µ
Í ��� Ø ± ¸�·

µ
Íµ±Ê�	�Ý�&�4� �	�&�Wq ÍN�� �R�4���4³F� � �f¦H�,��4�"� ¥ � ¤ �����&�4� Ø ± Á·

µ
Í ��� Ø ± ·�¶

µ
Íµ±R���f°F���	�.���M��&� �Wq ÍN�S�����&�4� ³ ± È ·

µ
Í ��� ³ ± Á È

µ
Í ¦Rà � �

� �"�R�F�)� � ¦s�"�R�&� � � � �)�"�&�4� � �B�"� � ����� ��f²²�4� ã �)���,��F�)� � ����r |Jè¥+u�Z��rm� ± ´ �M��&� � � � � � ���F�����	� � � � � � � � � � �
��� � � �E� �)� � �.£+� ¥ ���,�� � �"�¡784^� <9¦Rà �N���M�� � �4�8�,� �E� �"ÍN���&� � ���F�¨� � � � ���4���&Í � �F�)�¨�M����R�F� � �"�R�4�)�S���RÍ � �F��� � �
� �°�4�Q¦H���4���F�)����Í¨ÌM��4���F�)��±��)�"Í?�R�	���4�)� � ���"Ì � ���&£(�� � �"� � £+��� � �	� � �"� � �R� � � � � � ÌR�	� � �)�"�R���F� � �B�"�R� �	���R�
�R�4�"�R� � ���4� ��� ���)���&�,��	� �:¦
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�f³ ���/� �4� � �T� £ ¤ ³:Ø ���/� �4� � �®� � ¤ � � � ��� � �R� � �"�³ ³ ¦s�"�$º�� � ³��RÍ �	� � � �&�4�"� � �:��	� � ±FÍ��� ¥ �4�:£+� �
× � ¦s�"�$º�� �®�H� �RÌ ¤ �&�4�"� � �:��	� ��� ����&ÌR�4� �o´ �/�� ¥ � � ¦H��� � ���	� ��� � �	� �"�R� �Wq �4� �
� ³ ¦s�"�$º�� � ³��RÍ �	� � ��� �RÌR�&�4�"� � �:��	� �Ç � ¦s�"�$º�� � ³��RÍ �	� � ��� �RÌR�&�4�"� � �:��	� ¡ �4��Í?�B���4�)�È � ¦s�"�$º�� � �4��Í?�B���4�)� ��� ����&ÌR�4� �8´ �/�� ¥ � � ¦s��� � ���	� ��� � �	� �"�R� �Wq �4� ��� �R��� � � � �����4� ¤¸ È ¦s�"�$º�� ��� ���	���4�"�R³�ª����	� �8´ �/�� ¥ � � ¦s��� � ���	� �T� �R��� � � � � ³ � £+��� ¤
Á � ¦s�"�$º�� �®�H� �RÌ ¤ �&�4�"� � �:��	� ��� ����&ÌR�4� �o´ � ��¥ � � ���	� �· � ¦s�"�$º�� ��� �RÌR�&�4�"� � �:��	� �U¡ �4��Í?�����4�)� ��� ����&ÌR�4� �o´ � ��¥ � � ���	� �¶ × ¦s�"�$º�� �®�H� �RÌ ¤ �&�4�"� � �:��	� ��� ����&ÌR�4� �o´ ¦s��� � ���/� ¥ �.�:� � �F� � �)�³:Ø × ¦s�"�$º�� ��� �.�:� � �F� � A£¦`�4� �	�R� �:£+�)�.³M��R�4� � ³F���&Ì�� �³�³ × ¦s�"�$º�� ��� �.�:� � �F� � A£¦`�4� �	�R��� �� � ³M��R�4� � ³F���&ÌB� �³:× · ¦s�"�$º�� �9¡ ÌB� �	� ²R���4�"ÍN�"�&�R³ � ���F�³"� È ÌB� �	��� � � ���	���4�"�R³�ª����	� � �B��� �&�	� �,���� �o´ �/�� ¥ � � ¦s��� � ���	� �³ Ç È ÌB� �	��� ����&ÌR�4� � ����� �&�	� �,���� �3´ � ��¥ � � ���	� �³ È Ç ÌB� �	��� �S�:� � �F� ��� �)� �®�H� �RÌ ¤ �&�4�"� � �:��³�¸ Ç ÌB� �	��� �S�:� � �F� � A£¦H�4� �	�R�³�Á · � �"� � A�Ì�� �	� �M� � � � ����ÌB� � ���F��� �P� ����&ÌR�4� �8´ �/�� ¥ � � ¦s��� � ���	� �³�· · � �"� � A�Ì�� �	�U¡ Ì�� � ���F��� �P� ����&ÌR�4� �o´ � ��¥ � � ���	� � �"��Í � ���4�"�R³�ª����	�³�¶ · � �"� � A�Ì�� �	�U¡ Ì�� � ���F��� � �M� � � � ��� � �8�:� � �F� ��� �)� �
×(Ø · � �"� � A�Ì�� �	� �M� � � � �����:� � �F� � A£¦H�4� �	�R� �R�4�:���� � � �9¡� �RÌR���"�/� � �4� �
×f³ · � �"� � A�Ì�� �	� �M� � � �9¡ ²E���4�"ÍN�"�&�R³ � ���F� �
×(× Á �4�"�r��� ��� � ³F���&ÌB� �9¡ �4�"�R� � �,� � ��4��� � ���F� � �������� � �F� �
×,� ¸ �R�,� � � � � � �)�"�R£+���&�4� ��� � ³:Ø �ã´ Ç Ø �ü� ����&ÌR�4� �
× Ç ¸ �R�,� � � � � � �)�"�R£+���&�4� ��� �SÍN� � � ��� � ³:Ø �ü� ����&ÌR�4� �
× È ¸ �R�,� � � � � � �)£+�)�.�)�"�R£+���&� � � ¥ �,�� � � � �R�/����4� �
×�¸ ¸ ³M��R�4� � ³F���&Ì�� � ±F�Ì � ���F�)� � �qÌB� �	�
×�Á ¸ ³F���&ÌB� � ÍN�Kª+���R�F� � ±I�Ì � ���F�)� � �SÌ�� �	�
×�· ¸ ³F���&ÌB� � �B��� � �4� �9¡ �R�4� �
×�¶ ¸ ë:�"�F� ��� � � � � ���&� � °M�:�� � �"�
�(Ø ¶ � � � ���&� �
�f³ ¶ ¥ �/�"�)� �³:Ø ���R���&�R�4� �
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:��&°F�M���±¤�(��� � �S�R�F� ÌM� � � � � � �"�R�F�)� �T´ �&� q)� ³M��R�4� �4� � �"���R� � �"� � �M�� � ��	� � ∼ ³DÂ Í ¤ ��� � � � �q�R�4�"��� � �)�� � u�@°�Ãf� } �,®'² n�°�u }NÀ �s×(Ø(Ø(×M¤�¤U¦
V�³?v�³WV ûJ�����=� �#�Æûr�J¨K��Ü+§ £��Û���n§�����«¬�

���F� ���/� �4�&� °M�:�� � �"� � � � Í�����4�:��f²¢�F� ��¥ ���f²�� � ���R�4�"�B� � �)� �M�� t° Ô �@®Øn±°�u }ÉÀ �@³�¶�¶ È ¤U¦BÙ ���R�$s"�8����� �R�F�
�F�"�R£+�����	�¬���/� �4�&� °M�:�� � �"�/±��(��� � ���R�F�8�)�"Í?� � �/�� � �"� � � �E� �����4�����4� � ���/� �4�4� °M�:�� � �"� ��� �� � �R�²�"Ìr�&�)��� � ¦k�R� � °NA
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Lc
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δ
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exp(−δ/Lc)
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Va,b(
−→r )√

Va,a(
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−→r )�@�Ly@�
Va,b(
−→r ) =

∫
¹
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a(−→x ).b(−→x +−→r )d−→x
�\�

a
yS�

b
{�� �W���\y@{«������~:�����\y@{¹¨X� �����\y@{�Ô���yS���\y@{¹�:�(| � ���S��~\� �

C(−→r )
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Va,b(
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Va,a(

−→r )
yS�

Vb,b(
−→r )
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C(δk) =

∑
(a− µa)(b(δk)− µb)

σa.σb�\�
µa

yS�
µb

{�� ���l�\y@{l}l�k�LyS����y@{�����~���§�}l|S��~\Ô���y@{���y@{l������~:�����\y@{m���\|������ ~���y@{
a

yS�
b
©Ò¬Ò��yKë3yS���~���|5�����¨���yS������yP{�� ~��å��y��@yS�W����yS�I�\y@{]������~:�����\y@{]¨C� ���]{���¨�¨���~�}lyS�I�\y���~:��~\{�©

σa
yS�

σb
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δk
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exp(−1) ∼ 0, 37( ¼ ) ©
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 �i� � � W� � 
 � E$��V
e��\�$�1G�W\� ��d 
1G � q

Ä þ(�Kú����	ùYú��,�.
�þ����-�� � A ú�� B � �vúxû�4���Aú�ûKú��Yÿ�y�qþ¿þcÿ�ù�þ(���!	qú� ÿvú��
�ú��������9ú�4>þ(�Kú����
(xA, yA, zA)

ú��
(xB, yB , zB) � ù�þ(���Qü�����ú��Å�qþ¿þcÿ�ù�þ(���!	qú�u�
! �	xÿ������Aú�*Ã

R
♁
(sin θA,B cos φA,B, sin θA,B sin φA,B, cos θA,B) � ü��9ú�� R

♁

ûKú;ÿ�ü�Æ¿þ(��ùYú�ûMü
Â5úxÿ>ÿvú(#
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�þ(������0�\ü7���

AB
2 = (xA − xB)2 + (yA − yB)2 + (zA − zB)2

>þ(�)�
AB

2 = 2R
2

♁
(1 − sin θA sin θB cos(φA − φB) − cos θA cos θB)þcÿ�ù�� ü�
�ÿ�Á��ûMü.ÈK�(��ÿvú�É-#�Ê�É

h =
AB

2
= R

♁
sin

α

2ù�� þ(Ë
A

a

B = 2R
♁

sin
h

R
♁ù�� ü7
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cos(2a) = 1 − 2 sin2(a)þ(��ü
1 − 2 sin2

„

arcsin
h

R
♁

«

= 1 − 2

„

h

R
♁

«2

= cos

„

2 arcsin
h

R
♁

«

ùYþ��!�
2 arcsin

h

R
♁
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„

h

R
♁

«2
!

ù�� þ�Ë
A

a

B = R
♁
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1 − 2

„

h

R
♁

«2
!

ü��9ú��
h

R
♁

2

=
AB
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♁
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A
a

B = R
♁

arccos (sin θA sin θB cos(φA − φB) + cos θA cos θB)�(	xþ(�cÿ�ü7
! ��~���Yú��eú���� � θ ú�^��ûMü.�qþ�/WûMü7���)���AùYú � ùYþ��!� θ = π
2
− Λ � ü��9ú�� Λ

ûMüHûMü7���)���AùYú(#
Í ���Qü»ûMú��eú���� � ü��9ú�� Ω � ûMüoûKþ(���(�)���Qù�ú

A
a

B = R
♁

arccos (cos ΛA cos ΛB cos(ΩA − ΩB) + sin ΛA sin ΛB)
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exp(−1)
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C1 = {C1,i; i = 1, . . . , N} �¹�\� N
y@{��¥�\y��� }U����yì��y�¨�~b¤�yS�\{k�yK¤)¨���~\Ô���y ∼ æ\xCB ��y��:�¦� ����~:�����@y�©exzy@{¥����������y@{l��yt{G�ì{ |S��~\y���yS}I¨C� ��yS���\ytyS�m��yP{ �{��������S������yN�L|@� ��� ��¨�§�~\Ô���y^�:����~�������~��h���\y£��|S}l� ~�����yS���°��������� � �S��ÓS��yV{G��~\{�� ����~\yS�«��yN�@yS����y£�@� }I¨C��{G���W��y�©�ñ^�� �@�@Ó@��ym��~���{�~¹á��5� ~��<| � ��}¥����~\� � {����U�\yl�S�)�S�\yìÕ ������|@y¥yS�U|S¨h��~\{�{ yS���U}lyS��{���yS���\y¥}l���LyS����yk×K©�xR�P��yS��¤�~\ÓS}ly�@� }I¨X��{ ���W��y^¨���|@{�yS�W��y�������������y���|S��~�}ly���y°������~:����~���~���|����m}¥���W��y�������yS~��LyS��¤X©�Û£|@�@� ����|S�\|@y���y°�:�V��� ������y{��������S������y±yS�u�:����~�������yÃ¨���~\{�Ô��z�¡� ����§�� �L� �h���\yláI�:�I¨���yS}I~\ÓS��y±�@� }I¨X��{ ���W��y��C~���{k������~��^��y¢�5� ~���¯���yS���@y]�)�@|��Y���~\Ô���yUÔ���~R{�yV��� � ����~��^¨h�����:�I��~\{�� �����@y±����¤t�¿. ��y@{^yS��y@{�����yS�<| � ���@|@y¢¨h���°�:�l��� ¨C� ��� ��¨�§�~\y�©3Ý��]¨�����Ö�y@�S��~\� ���yS}I¨X� ��yS���\yV}l� �W����yÃÔW�z�¡yS���\y¢y@{���� {�{��)�S~\|@y¢á]�:�]������|@y¢��yV�:�±¨X|S��~\����yU{ ����{���yS~��Ly�©

� � �@�����s�����4���2�(�~�4�W� �2�l���(�@�.¸ � �`�D�P�
xzy@{U{�� ����~\{���~\ÔW��y@{U�\�������\y@{±� ����yS�W��y@{Ã¨h���U�\y@{U}ly@{�����y@{ñ<�PÛ:\<#ù�ú |S� ���W�]{�¨h����~:���\yS}lyS�W�±����Ó@{¢��~�}I~���|@y@{���� ���§�yS��� §�yìá��\y@{¥|S��yS������yu���ã���\� �Xy�©xzy@{l��y@� §���~\ÔW��y@{m�3� ~��W��yS��¨X� �:����~\� ��¨���|@�@|@��yS����y@{m��y��:�s{ y@�S��~\� ��é�© Ð�©�Ñ|S� ��~\yS�W�e�h� {�|@y@{{������y@{nÿo�Yûc<>"\û\<R{�¨h����~:����¤tÕÄ¨C� ����|S� ����~\� �¥yS�Z| � ���S��~\� �l��y��:�N��~\{�� �����@y��L{�����|5� �@y��S~����S���:��~���y��y�� �@�L� �m��|S��yS��}I~���|=¨h����:�N�\� ������yS���e��y=�@� §�|S��yS���@yk×K©L¬���\y@{Ò¨CyS��}lyS��� ��~\yS���¹�3��������yS~�������y°��y@{Ò�@� ����|S�:����~\� ��{¨����)��§�y@{���y�x�� ò yS�W����yN�\y@{���� ����|@y@{�<�P�:\<#ù�ú�yS�«�\y@{e~�����yS��¨C� �:����~\� ��{°� ����yS����y@{�¨h���«�@y@{«��yS��¤¥}l|S��§��)��y@{�{������y@{V��� ��y@{V�L|@� ��� ��¨�§�~\Ô���y@{UyK¤������S}lyS}lyS�W�±��~�}I~���|@y@{¥Õ%| ��� �W��~\ÓS��ym�����h� �����Î��}l|S��~\����~���yk×K© ó y@�S~Ò�z�¡y@{����X§�|S�:� {��¨h� {�{���ê¥{ ���W��¨X� ����|S��yS������y�{�¨h����~:���\yS}lyS�W�÷�\y@{�{�� ����~\{���~\Ô���y@{R�\�)�����\y@{���� �W�� �±�°�Cy@{�� ~��Ã¨C� �����:�=��y@{���~�������~\� ���yV�5�¡|S¨h��~\{�{ yS������y£��yS~��Ly�©xzyu��y@�@� ����{�����¤	{ � ����~\y@{¥��yt}l�)��ÓS�\y@{���yS�^Ô���ytà�Ý)ø«î���îNí�ôh�¹âV¬ ¨XyS��}lyS�m�3�����L� ~���� �@�@Ó@{�����¤	|@��§�yS���\y@{�@� �W��~���yS��� ���\y@{����@� ����� ��~���yS}lyS�W�N����¤m¨���|@�@|@��yS�W��y@{°}l|S��§��)��y@{�{�� ����~\{���~\Ô���y@{=�3� ~��W��yS��¨X� �:����~\� �t�h� {�|@y@{�{����«�:���~\{�� �����@yÃ�L|@� ��� ��¨�§�~\ÔW��y±yS�W����yÃ�\y@{^¨C� ~�����{�©h¬�¦¨h����� ���W�£��y@{N{�� ����~\y@{^�3�¡|S¨h��~\{ {�yS����{^��yU��yS~��LyÃ�3�¡à�Ý)ø�îÃ�h�\y@{��|S�����:����~���|@{]{�¨h����~:���\y@{±��� ����|@y@{U¨h���Ã�5�¡î ó ôÌ{ � �W�U����~���~\{ |@y@{U¨X� ���¢�\y@{�| ��~���ym�@�\÷ ���S~\��yS�]���Ly@�l�\y@{±��� ����|@y@{

<�P :c<�ù�ú�© ó �¡y@{��¢��� ���]����yI�@� ����y@�S��~\� �®�3�¡à�Ý)ø�î {�yS�\� �s�\y@{V}ly@{�����y@{'<�P :\<#ù�úsÔ���~Òy@{��£¨���� ¨C��{�|@yIyS�s�)��y]��y�5�¡y@{���~�}¥����~\� �¦��y@{°{�� ����~\{���~\Ô���y@{=�\�)�����\y@{°{����°��� ��{=�\y@{°¨�~b¤�yS�\{�©
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ô�� ���^�YÖ���{���yS�°����}I~\yS��¤��\y@{=|S¨h��~\{ {�yS����{�¨���|@��~���y@{=¨h���=�\yN}l����ÓS�\y¢á±�@yS���\y@{=}ly@{�����|@y@{=yS�t¬��� � {�~\yVyS�=yS�î^}l|S��~\ÔW��y¢���tðN� ���3��� �P~�����yS����~\yS���N{����=�\y@{��@��yKê¥�S~\yS����{�¨X� ����|S� ����yS����{
λc

��yV�5�¡|@Ô��h����~\� �ìé�©�Ù�©
°^��yÃ¨����)�@|@������y]��y±}I~���~�}I~\{ ����~\� �s�h� {�|@y]{����£����y±}l|S��§�����y]Ô��h� {�~b��ð^y��=��� � y@{��^����~���~\{�|@y±¨X� ���£}I~���~�}I~b�{�yS�¢����ym��~bëX|S��yS���@y��

L
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L(λc; c = 1, . . . , N ′) =

n∑

i=1

(Xi −
y À^Ã�Ä�ÀL¾ÁÎ
i )

2

�\�
n < N

y@{��¢�\y]��� }Ã����y¥��yI¨�~b¤�yS�\{¢�@� }I¨X� ��� ���W�±����yI}ly@{�����y!<�P :\<#ù�ú��
Xi

y@{��U�:����yS¨���|@{�yS�W� ����~\� �å��y�5�¡|S¨h��~\{�{�yS���V��yÃ��yS~��Ly]��� ����|@yÃ¨h���£�5�¡î ó ô Õ |@ÔC©Cé�©�ÙL×^yS�£y ÀLÃ�ÄÁÀM¾xÎ
i

�h�5�¡|S¨h��~\{ {�yS���V��yU��yS~��Ly±}ly@{�����|@y]������{N�\y¨�~b¤�yS�
i
©XxR�m}I~���~�}I~\{ ����~\� �®¨C� ���V� ����yS��~��V�\y@{N¨C� ~\��{V� ¨���~�}¥����¤ {λ̂c; c = 1, . . . , N ′} y@{���| ��~���y±~�����|S¨XyS�������}I}lyS�W�¥¨C� ���l� §h� ÔW��yP}l� ~\{I��y��5� §�~��LyS�tÑ�Ø�Ø�Ú�©exzy@{I�@� ����~���~\� ��{l~���~���~:���\y@{ {λ0

c ; c = 1, . . . , N ′} {�� �����¨X� �������u}l� ~\{N��� ����|
x
�h{ �l¨�����Ö�y@�S��~\� ��{����°�\y@{

N ′
¨���yS}I~\ÓS��y@{£�@� }I¨C��{ ������y@{]Ü

λ = C · (X −Xm)
�8�\�

C
y@{��£�:�m}¥������~\�@y

N ′ × N
��y@{�| � ���S��~\� ��{£¨���� ¨���y@{�| � ������~\y@{£¨h���£�5�¡î ó ô�©zî^�¦�@� ����{V��y±�5�¡� ¨���~�}I~\{ ����~\� �z��\y@{£¨X� ����|S� ����~\� ��{£~���~���~:���\y@{
λ0

c

{�� ���N}l�)��~bÏh|@y@{£¨X� ���N}I~���~�}I~\{ yS���
L(λ)

�X�:�R| � ���S��~\� � ��y±¨XyS����y±� � ��"A:»:
�rú`Pf�1ù�<�"QP8©
�z�@�s�@�z�~���2�(�~�4�Å¸U� L(λ)

xR��¨��:������§�y«é�©�Ù�Ú�¨���|@{ yS�W��y�5�¡|S�L� ������~\� �±��y@{R{�� ����~\{���~\Ô���y@{3�\�)�����\y@{z��y÷�:��}l�k�LyS����yyS����ye�5�¡|@���������5���)¨Cy���yS�(| � ���S��~\� �Ã���Ã��� }U����y«��ye�@� }I¨X��{ ���W��y@{�¨���~����S~�¨h���\y@{�¨���~\{�y@{�yS�Ã�@� }I¨���y«������{z�5���YÖ���{����yS}lyS�W�U����¤ì}ly@{�����y@{'<�P :\<#ù�ú�©Xxzy±}I~���~�}U��}+y@{��£{���¨�¨X��{�|]������yS~��W�V�\� ��{�Ô���y±�\yU��� � ��~\yS���¢��yÃ�:�D| � ���S��~\� ���yV¨XyS����y��
L(λ)

����yS��~\yS����~��<| |S��~\yS���^á
10−6 ©�xR�I�@� �����Xy¢yS�t��� ~����@� ���@yS����yU�\y@{°¨���|@��~\�S��~\� ��{E¡�à�Ý)ø�îÌ¨����-¡ ����¡y@{����ÎáY����~���ym��yS���\y@{]ÔW�z�¡yS���\y@{±{�� �W�=| � ������~\y@{�©Rxzym��� }U����y���ym�@� }I¨C��{ ������y@{±¨���~����S~�¨h���\y@{]�z���@�W���W�]¨h� {±��y{�~�����~bÏh������~\� ��������{e�@y^��� {����5�¡|@�������¹Ô��h� ��� ����~\Ô���y°��y���|S¨XyS���¥��� ���^ÔW��y����¥��� }¥��~���y��L|@� ��� ��¨�§�~\Ô���yNyS�e��y�:��{�� ����~\{���~\Ô���yU�\�)�����\y]�@� ��{�~\��|S��|@y�©3¬����� ���Ly��X~��÷{�������~��V��yÃ�:���@� �����Xy]��yÃ�5�¡|@�������VÔ��h� ��� ����~\ÔW��yIyS������y]�\y@{¨���|@��~\�S��~\� ��{Q¡�à�Ý)ø�î

N ′
ó ôi¡ ��<v�%ý?�Cà�Ý)ø�î�á

N ′
�@� }I¨C��{ ������y@{£¨���~����S~�¨h���\y@{�© ó � }I}ly]� �¦{k� �ì������yS���3�C¨�����{�\y]��� }U����y¥��y±�@� }I¨X��{ ������y@{¢~��W��|S����|@y@{Ã������}lyS�W��y��z¨�����{V� �s��yS�����LyS��{£�\y@{¢� ���\yS����{V�@� ���@yS���h�����V¡�à�Ý)ø«î¨����-¡ ©C¬��Ï��¦yS�¦�LyS�����8�:�l�@� �����XyÃ�@� ���@yS���h�����V�:�l�@� ��Ï������ ����~\� �¢¡�à�Ý)ø«î � ¨���~�}I~\{ |1¡ �8���¡y@{����ÎáY����~���y±¨���yS�h�����yS�u�@� }I¨���yV�\y@{

N ′
¨���yS}I~\ÓS��y@{^�@� }I¨X��{ ������y@{�Ô���~z{�� �W��� ¨���~�}I~\{ |@y@{°¨h���°}I~���~�}I~\{ ����~\� �¦��y

L(λ)
©xR� | � ����y ��~�}I~�������~\� �Ì��y@{ì|@��������{uÔ��h� ��� ����~\ÔW��y@{¦������y@{���ys��~\yS� ��y �5����}l|S��~\� � ����~\� �Ì��ys�5�¡� ¨���~�}I~\{G����~\� �Ô���yS�\ÔW��yP{�� ~��I�\y���� }¥��~���yP�L|@� ��� ��¨�§�~\Ô���yuyS�I�:��{�� ����~\{���~\ÔW��y��\�)�����\yP�@� ��{�~\��|S��|@y�©Òª�� ����yr| � ~\{m��������yS�:ás��yÑ1xxt�@� }I¨X��{ ������y@{Ã~��«{�yS}U���\y�Ô��z� ~��e�z� �®��~��U¨�����{±�3����}l|S��~\� � ����~\� �z��@yS�:�P¨XyS���Ã�S����y�yS�®¨h������~\y��#s át����y��~�}I~�� ����~\� �ì��y£�:�I}l|S��§�����y¢��y¢}I~���~�}I~\{ ����~\� �t�\� ��{�Ô���yV�\y£��� }U����yÃ��yV������~:�����\y@{°��yS��~\yS����~�}I¨X� ��� ���W��©
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Õ�×ÀÉ§×�Û�Õ�×�Û�çØæ¥ÑÖÕtáÅÑ�ÏÖÑÖÕ�áÅÑfæ�ÞðßðÔf×�Ð¥Ú�áÅÑÖÕñÕ�ÚÜÎ½×�ËÅÓ�ÚØÏÀÐ¥ÑÖÕpóØÌÍÉ¿ËÅÓ�Û�Õ�ÑxÑfÎãÏÖÚÜßàËÅ×�Ñvá�æôßðÚÜÛ�ÕtáÅÑfêØÓÀÉ§Û�×�ËåÑfÓ�ßðÑf×�×�Ó�Ñ�É§æ
|��vu áÅÑ÷Ó�ÑfËÅÓ�ÑfÎ¥á�Ó�Ñ¿ÌAé)ÉÖêqÉ§Î½×ÀÉ§ò"Ñ �

npo,+
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021436587:9<;>=@?BADCFEHGJIFKLENM�OPEQM$RHS�TLENM6UVEHGJIXW�S$EHKYKLENM�EHZ[ULS$W�T<M&IXW�TYZ>U\MXIXW^]�S_KLENM$`P]aEHK<M%Kcb TYZ>d,EHSHM�TLW�Z�Ife�S(g*h*i�jLEHZ
Z:W�TYS�k*Z8b ENM�UlIfe,MQMceaULT<MHm\e�T<Mce�ZFUVE!Ife�S(Sce$IPIXW�S�U!ea],CnGoENM�]�S$ENMäù ú�ûdùþüþýpjLEHZqS$W^],rPE�k�sut&ENM8IvW�TYZFU\M*M$W�ZFUvS$ENM�IXExwcy
ULTzd,EHGoEHZ>UV{BOPEQ|>ea]PU%EHZ~}�e,M${>KLW�w�e�KYT<M$RNM6EHZ�j��>�${Y�

◦
A������^{Y�

◦
hQkx{&jL����{Y�

◦
A����	�${Y�

◦
hQkx{Xjz���a��{Y�

◦
A�������{Y�

◦
hQk�s

npo �
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021436587:9<;�;f?BADCFEHGJIFKLENM�OPEQM$RHS�TLENM6UVEHGJIXW�S$EHKYKLENM�EHZ[ULS$W�T<M&IXW�TYZ>U\MXIXW^]�S_KLENM$`P]aEHK<M%Kcb TYZ>d,EHSHM�TLW�Z�Ife�S(g*h*i�jLEHZ
Z:W�TYS�k%ENM�U:MceaULT<M�mze�T<Mce�Z>UVElIfe�SDSce$IPIXW�S�U@ea],C�GoENM�]�S$ENMñùµúàûdùþüþý�jLEHZ�S$W^],rPE�k�sPt&ENMfIvW�TYZFU\MvM$W�Z>UFS$ENM�IXExw�ULTzd,EHGoEHZ>UV{
OPEQ|>ea]PU!EHZ�}�e,Mx{�KLW�w�e�KYT<M$RNM6EHZ�jL����{Y�

◦
A����a�,{Y�

◦
hQkx{Xj��^��{Y�

◦
A����^��{Y�

◦
hQkx{XjL�^�,{Y�

◦
A������,{Y�

◦
hQk�s

npo��
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0214365X7@9<;��f?_tve�S�UVENM2OPE_Kcb R4Ife�T<MHM$E�]�S2OPE_Z:EHT�rPE(TYZ>d,EHSHM$RxE6E�U8OPE_Kcb R4Ife�T<MHM$E�]�S%GoENM�]�S$RxE÷ùµúÃûdùþüþý�EHZ�OPRxwxEHG�},S$E
��������M�]�SuKcb A(]�Sce,M�TLE�s��2b TYZ>d,EHSHM�TLW�ZnENM�U>mze�TzUVE8�!Ife�S�ULTYS%OPEDKcb e$��]�M�UVEHGoEHZFU:S$R�e�KYT<M$R&M�]�SDKcb EHZ�M$EHG�},KLE_OPENMDGoENM�]�S$ENM
ùµú´û¹ùµüþýPs

����º ¾À¼"· �ì¼�º ¼½·À¾¹»-¾x¡Ø¾¹»^ÄF¢
ÈjÑÖÕèÏpÉ§Ó�×�ÑÖÕÝáÅÑðÌÍÉn�¥òqæÅÓ�Ñ ��� o,+ ËÅÓ�ÔÖÕ�ÑfÎ½×�ÑfÎØ×ÝÌ�ÑÖÕÝÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�ÕèáÅÑðÎ¥ÑfÛ�ò"ÑãÓ�ÑÖÕ�×�Û�×�æ¥ÔÖÑÖÕèËåÚÜæÅÓèÌ�ÑàßðÚÜÛ�ÕèáÅÑãáÅÔ��

ÏÖÑfßäîÅÓ�Ñ n����qÒ Ñf×ñË¡ÑfÓ�ßðÑf×�×�ÑfÎ½×øáÅÑ�ÏÖÚÜßàËìÉ§Ó�ÑfÓ}Ì�ÑÖÕñÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�ÕñÛ�Î½ê"ÑfÓ�ÕÀÔÖÑÖÕ  ÌAé&ÔÖÏÀÐ¥ÑfÌ�Ì�Ñ¿á�æÃÏÖÚÜÎ½×�Û�Î¥ÑfÎ½×xÑfæÅÓÀÉÜÕ�Û�ÑfÎ
É§æ�ÞÃÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�ÕøßðÑÖÕ�æÅÓ�ÔÖÑÖÕøá¥É§Î¥ÕøÌ�ÑÖÕøÕ�×ÀÉ§×�Û�ÚÜÎ¥Õ �
ÈjÑÖÕäÉ§Ì�Ì�æÅÓ�ÑÖÕèÚÜî¥Õ�ÑfÓ�êqÉ§îÅÌ�ÑÖÕ÷Õ�æÅÓ¿Ì�ÑÖÕ¿ßðÑÖÕ�æÅÓ�ÑÖÕðù ú ûdùþüþý Õ�ÑÝÓ�Ñf×�Ó�ÚÜæÅê"ÑfÎ½×âá¥É§Î¥Õ¿Ì�ÑÖÕ�Ó�ÑÖÕ�×�Û�×�æÅ×�Û�ÚÜÎ¥Õ÷ËìÉ§ÓäÌ�ÑâÓ�ÔÖÕ�ÑpÉ§æ
áÅÑâÎ¥ÑfæÅÓ�ÚÜÎ¥ÑÖÕ �Ê� Î Ó�Ñf×�Ó�ÚÜæÅê"ÑðÏfÌÍÉ§Û�Ó�ÑfßðÑfÎØ×äæÅÎ¥ÑâÓ�ÔfòqÛ�ÚÜÎ áÅÑâÐìÉ§æÅ×�ÑÖÕ÷ÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓ�Õ÷á�æõßôÉ§Î½×�ÑpÉ§æëÉ§æ�ê"ÚÜÛ�Õ�Û�ÎìÉ§ò"Ñ
áÅÑxÌÍÉäÌ�ÚÜÎÅòqÛ�×�æ¥áÅÑ ���

◦
~ ê"ÑfÓ�Õ � �

◦
�Ý�Ø� é)É§æÅ×�Ó�ÑvËìÉ§Ó�×pó½Ì�ÑÖÕñÔfËìÉ§Û�Õ�ÕÀÑfæÅÓ�Õ}áÅÑ�ÌÍÉäÌÍÉ§Ó�ò"ÑvîìÉ§Î¥áÅÑ�É§æÃÕ�æ¥áÙá®é æÅÎ¥ÑvÌ�Û�òqÎ¥Ñ

Õ�Û�×�æ¥ÔÖÑ ����
◦
� Õ�ÑfßèîÅÌ�ÑfÎ½×xÏÖÚÜÓ�Ó�ÑÖÕ�ËåÚÜÎ¥á�Ó�Ñ�
 ÚÜÓ�×�ÑfßðÑfÎ½×  ÏÖÑ÷çØæÅÛjÑÖÕ�×}Ó�ÑfÌ�Ñfê"Ô÷Õ�æÅÓøÌ�Ñ�×�ÑfÓ�ÓÀÉ§Û�Î �

{ ÚÜæÅ×�Ñ�
 ÚÜÛ�ÕpóvÕ�æÅÓõÏÖÑfÓ�×ÀÉ§Û�Î¥ÑÖÕ�Ó�ÔfòqÛ�ÚÜÎ¥Õ ó�ÌÍÉ Ó�ÑÖÕ�×�Û�×�æÅ×�Û�ÚÜÎ�ÑÖÕ�×�áÅÔfòqÓÀÉÜáÅÔÖÑ ��w É§Ó�Ñ¹ÞÅÑfßàËÅÌ�Ñ Õ�æÅÓ´Ì�Ñ¤£÷É§ßðÏ�ÐìÉ§×�¥qÉ
� n����

◦
~ � �q�

◦
� �¹ó±áÅÑÖÕ ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�Õ Û�Î	
 ÔfÓ�Û�ÑfæÅÓ�ÑÖÕ xo�� Ïfß�Õ�ÚÜÎ½×�É§×�×�ÑfÎ¥á�æ¥ÑÖÕzÉ§Ì�ÚÜÓ�Õ�çØæ¥Ñ�Ì�ÑÖÕ Û�Î½ê"ÑfÓ�Õ�Û�ÚÜÎ¥Õ Û�Î¥á�Û�ç½æ¥ÑfÎØ×

áÅÑÖÕ¿êqÉ§Ì�ÑfæÅÓ�Õ¿ËÅÌ�æ¥Õ¿ËÅÓ�Ú�Ï�Ð¥ÑÖÕ÷áÅÑ � � Ïfß �Êr ÑÖÕ÷ÔÖÏpÉ§Ó�×�Õ¿Û�ßàË¡ÚÜÓ�×ÀÉ§Î½×�ÕèÉpêÜÉ§Û�ÑfÎØ×èáÅÔV¦  Ôf×�ÔâßàÛ�Õ÷ÑfÎ Ôfê�Û�áÅÑfÎ¥ÏÖÑàÕ�æÅÓ
ÌÍÉ��¥òqæÅÓ�Ñ ��� o�n Ñf×äÔf×ÀÉ§Û�ÑfÎ½×âÉ§×�×�Ó�Û�îÅæ¥ÔÖÕ  ÌÍÉ¬ËÅÓ�ÚpÞ�Û�ßàÛ�×�ÔãáÅÑÖÕäÏx§Ü×�ÑÖÕ � ÈjÑÖÕ¿òqÓÀÉ§Î¥áÅÑÖÕÝÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�Õ¿ËÅÓ�ÔÖá�Û�×�ÑÖÕèÕ�æÅÓ
Ì�Ñ�£!¦CÚÜÌ�Ì�ÑfÎ�ÕÀÚÜÎ½×�� ÑfÌ�Ì�ÑÖÕ}æÅÎ�É§Ó�×�Ñ�
AÉÜÏf×ñÚÜæÃîÅÛ�ÑfÎÃÏÖÚÜÓ�Ó�ÑÖÕ�Ë¡ÚÜÎ¥áÅÑfÎ½×�� ÑfÌ�Ì�ÑÖÕ  æÅÎ¥Ñ�Ó�ÔpÉ§Ì�Û�×�Ôl¨ � Û¡ÌAé&ÚÜÎÃÕpé&ÑfÎ¬Ó�Ô�
þïfÓ�Ñ¿É§æ�Þ
ßðÚ��"ÑfÎÅÎ¥ÑÖÕèËÅÓ�Ôfê�æ¥ÑÖÕ¿ËìÉ§Ó y���ötu ���¥ò �Ê��� Ò�� �¹ó¡Û�Ì�ÕÀÑfßäîÅÌ�ÑðçØæ¥ÑàáÅÑ�
 ÚÜÓ�×�ÑÖÕ÷ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�Õ÷ÕÀÚÜÛ�ÑfÎ½×èÉ§×�×�ÑfÎ¥á�æ¥ÑÖÕèÕ�æÅÓ

npo í
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ÏÖÑf×�×�ÑtÓ�ÔfòqÛ�ÚÜÎ �q� É§Û�Õ ËÅæÅÛ�Õ�çØæ¥ÑtÌ�ÑÖÕ ßðÑÖÕ�æÅÓ�ÑÖÕtù úôûdùþüþýèßôÉ§Î¥çØæ¥ÑfÎ½×pó"Û�Ì�ÑÖÕ�×�á�Û��ôÏfÛ�Ì�Ñ}áÅÑtÏÖÚÜÎ¥ÏfÌ�æÅÓ�Ñ}áÅÔ��¥ÎÅÛ�×�Û�ê"ÑfßðÑfÎ½× �

·��a©Ø¸�Á��o�¥¼´ÆYª«�ìÆ ¬¥Ä¥º_»)¾�©¥Áô¼��fª�»<¢^½¼�ºA·Ö»-ÄF¢ � Î¬Ó�ÔÖÕ�ÑpÉ§æÃáÅÑvÎ¥ÑfæÅÓ�ÚÜÎ¥ÑÖÕ�É§Ó�×�Û��ìÏfÛ�ÑfÌ�ÕøÑfÎØ×�ÓÀÉ�®�Î¥Ô÷Õ�æÅÓñÌ�ÑÖÕ}ÚÜî¥Õ�ÑfÓ�êqÉ��
×�Û�ÚÜÎ¥Õ¿ÏÖÑfÎ½×�Ó�ÔÖÑÖÕ��AÎ¥ÚÜÓ�ßôÉ§Ì�Û�Õ�ÔÖÑÖÕäÚ,�¡Ó�ÑâáÅÚÜÎ¥ÏâæÅÎ�Ë¡ÚÜ×�ÑfÎ½×�Û�ÑfÌ�Û�Î½×�ÔfÓ�ÑÖÕ�ÕÀÉ§ÎØ×÷ç½æìÉ§ÎØ×  ÌAé Û�Î½ê"ÑfÓ�Õ�Û�ÚÜÎ áÅÑÖÕ¿ÔfËìÉ§Û�Õ�ÕÀÑfæÅÓ�Õ
áÅÑ¿Î¥ÑfÛ�ò"Ñ �
Èzé)É§Ì�ò"ÚÜÓ�Û�×�ÐÅßðÑ�áÅÔf×ÀÉ§Û�Ì�Ì�Ô´ÑÖÕ�×ðáÅÔÖÏfÓ�Û�×ôËìÉ§ÓðÌÍÉ��¥òqæÅÓ�Ñ ��� o ���tr Ñf×ãÉ§Ì�ò"ÚÜÓ�Û�×�ÐÅßðÑ´Õpé)É§ËÅËÅæÅÛ�Ñ�Õ�æÅÓà×�Ó�ÚÜÛ�ÕðîìÉÜÕÀÑÖÕðáÅÑ
áÅÚÜÎÅÎ¥ÔÖÑÖÕ¯� Ì�ÑÖÕðÚÜî¥ÕÀÑfÓ�êÜÉ§×�Û�ÚÜÎ¥ÕãÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕðÕ�ÑfÌ�ÚÜÎ ÏÀÐìÉÜç½æ¥Ñ�ÏpÉ§ÎìÉ§ÌøÏ[� � �þÏqó Þ®ó �"ó ×c���¹ózÌ�ÑÖÕâßðÑÖÕ�æÅÓ�ÑÖÕÃù ú ûdùþüþýÿáÅÑÖÕ
ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�Õ�áÅÑ¿Î¥ÑfÛ�ò"Ñ�� ~ � Þ®ó �"ó ×c���}Ñf×}Ì�ÑÖÕ}ËÅÓ�Ôfê�Û�Õ�Û�ÚÜÎ¥Õøá�æ´ßðÚØáÅïfÌ�Ñ y���öñuè�
r ÑÖÕñáÅÑfÓ�ÎÅÛ�ïfÓ�ÑÖÕ}ÚÜÎ½×}Ôf×�Ô�ÚÜËÅ×�Û�ßàÛ�Õ�ÔÖÑÖÕñÑfÎ¬Ì�ÑÖÕñÉ�¦Cæ¥Õ�×ÀÉ§ÎØ×}É§æ�ÞãßðÑÖÕ�æÅÓ�ÑÖÕvù úÃû¹ùµüþýÙÑf×}áÅÚÜÎÅÎ¥ÑxÌÍÉäîìÉÜÕ�ÑváÅÑ�áÅÚÜÎÅÎ¥ÔÖÑÖÕ
é y���ötu ÚÜËÅ×�Û�ßàÛ�Õ�Ôqé �"� Ñ}ÏÖÑfÌ�Ì�Ñ�� ÏfÛåÕ�ÚÜÎ½×záÅÔÖá�æÅÛ�×�ÑÖÕ�Ì�ÑÖÕzÕ�×ÀÉ§×�Û�Õ�×�Û�çØæ¥ÑÖÕ�Ì�Ú�ÏpÉ§Ì�ÑÖÕ�áÅÑÖÕzÔfËìÉ§Û�Õ�ÕÀÑfæÅÓ�ÕzáÅÑ}Î¥ÑfÛ�ò"ÑJ� � Ñ�� Þ¡ó ���
Ñf× � Ñ�� Þ¡ó �����ñÕ�æÅÓ}ÌAé&ÑfÎ¥ÕÀÑfßäîÅÌ�Ñ÷áÅÑ¿ÌAé ~ æÅÓÀÉÜÕ�Û�Ñ �¥� Ñ�ß� fßðÑqóÅÌ�ÑÖÕøÕ�×ÀÉ§×�Û�Õ�×�Û�ç½æ¥ÑÖÕ}Ì�Ú�ÏpÉ§Ì�ÑÖÕøáÅÑÖÕøÚÜî¥ÕÀÑfÓ�êÜÉ§×�Û�ÚÜÎ¥ÕxÕÀÉ§×�ÑfÌ��
Ì�Û�×�ÑÖÕ�� � �þÏqó Þ®ó �"ó ×c��Ñf× � �þÏqó Þ®ó �"ó ×c����ÕÀÚÜÎ½×v×�Û�Ó�ÔÖÑÖÕváÅÑÝÏÖÑÖÕvß� fßðÑÖÕ�ÚÜî¥Õ�ÑfÓ�êÜÉ§×�Û�ÚÜÎ¥Õ �¡r ÐìÉÜÏfæÅÎ¥ÑâáÅÑÖÕ�ÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥Õ
� �þÏqó Þ®ó �"ó ×c�âÑf×ðÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�Õ ~ � Þ¡ó �"ó ×c�âÕÀÚÜÎ½×ðÏÖÑfÎ½×�Ó�ÔÖÑÖÕ��AÎ¥ÚÜÓ�ßôÉ§Ì�Û�Õ�ÔÖÑÖÕ  ÌAé)É§Û�áÅÑ´áÅÑÖÕðÕ�×ÀÉ§×�Û�Õ�×�Û�çØæ¥ÑÖÕàÌ�Ú�ÏpÉ§Ì�ÑÖÕâÓ�ÑÖÕ��
Ë¡ÑÖÏf×�Û�ê"ÑÖÕäÑfÎ Ï�ÐìÉÜçØæ¥ÑàË¡ÚÜÛ�Î½×�� Þ®ó ��� �ª� Î ÚÜîÅ×�Û�ÑfÎ½×âÉ§Ì�ÚÜÓ�Õ¿Ì�ÑÖÕäáÅÚÜÎÅÎ¥ÔÖÑÖÕ �¿� È&�þÏqó Þ¡ó �"ó ×c�÷Ñf× ~�� È&� Þ®ó �"ó ×c� �Êu êÜÉ§ÎØ×
á®é/ f×�Ó�ÑvæÅ×�Û�Ì�Û�Õ�ÔÖÑÖÕñËìÉ§ÓtÌ�Ñ |x�xu ó"Û�Ì¡ÏÖÚÜÎ½ê�Û�ÑfÎ½×øáÅÑ�ÏÖÑfÎØ×�Ó�ÑfÓñÏÖÑÖÕñáÅÚÜÎÅÎ¥ÔÖÑÖÕ �ì� Î¬á�Û�Õ�Ë¡ÚqÕ�Ñ  ËÅÓ�ÔÖÕ�ÑfÎØ×øáÅÑÖÕñáÅÚÜÎÅÎ¥ÔÖÑÖÕ
�¿� ÈjÏ��þÏqó Þ®ó �"ó ×c��Õ�æÅÓ�ÌAé&ÑfÎ¥Õ�ÑfßèîÅÌ�Ñ�áÅÑ�ÌAé ~ æÅÓÀÉÜÕ�Û�Ñ��µÓ�ÑfËÅÓ�ÔÖÕ�ÑfÎØ×�ÔÖÑÖÕñËìÉ§Ó�ÌÍÉäîìÉ§Î¥áÅÑfÌ�Ñf×�×�Ñvê"ÑfÓ�×�ÑxÑf×�Ó�ÚÜæÅò"Ñ�ËÅÌÍÉÜÏÖÔÖÑvÑfÎ
áÅÑÖÕ�Õ�ÚÜæ¥Õ��tÑf×�áÅÑÖÕ�áÅÚÜÎÅÎ¥ÔÖÑÖÕ ~�� ÈjÏ�� Þ®ó �"ó ×c�}Õ�æÅÓøÌ�ÑÖÕøËÅÛÇÞ�ÑfÌ�ÕxÑfÎ�ÏÖÚ�° Î¥ÏfÛ�áÅÑfÎ¥ÏÖÑ��µîìÉ§Î¥áÅÑfÌ�Ñf×�×�ÑäÓ�ÚÜæÅò"ÑèÉ§Ì�Û�òqÎ¥ÔÖÑäÉpê"ÑÖÏ
ÌÍÉÝËÅÓ�ÔÖÏÖÔÖáÅÑfÎ½×�Ñ�� �
ÈjÚÜÓ�Õ¿áÅÑÝÌAé)É§ËÅËÅÓ�ÑfÎ½×�Û�ÕÀÕÀÉ§ò"Ñqó¡Ì�Ñ |��vu æÅ×�Û�Ì�Û�Õ�Ñ íÜ� � áÅÑÖÕváÅÑfæ�Þ�¦CÑfæ�Þ�áÅÑÝáÅÚÜÎÅÎ¥ÔÖÑÖÕ¿ÑfÎ ÏÖÚ�° Î¥ÏfÛ�áÅÑfÎ¥ÏÖÑ �®~ Î¥Õ�æÅÛ�×�Ñqó
á¥É§Î¥ÕàÌÍÉ�ËÅÐìÉÜÕ�Ñ´áÅÑ¬êÜÉ§Ì�Û�á¥É§×�Û�ÚÜÎjózÚÜÎ áÅÚÜÎÅÎ¥Ñ´ÑfÎ ÑfÎ½×�Ó�ÔÖÑ´á�æ |x�xu Ì�ÑÖÕ Ò � � Ó�ÑÖÕ�×ÀÉ§ÎØ×ôá�æ±¦�ÑfæëáÅÑ´áÅÚÜÎÅÎ¥ÔÖÑÖÕ
�¿� ÈjÏ��þÏqó Þ®ó �"ó ×c� � ÈjÑÖÕ�êÜÉ§Ì�ÑfæÅÓ�ÕøËÅÓ�ÔÖá�Û�×�ÑÖÕ�ÑfÎ´Õ�ÚÜÓ�×�Û�Ñäá�æ |��vu � ~�� ÈjÏfÓ�� Þ®ó �"ó ×c����Õ�ÚÜÎ½×xÉ§Ì�ÚÜÓ�Õ�áÅÔÖÏÖÑfÎ½×�Ó�ÔÖÑÖÕvÑf×�áÅÔ��
Î¥ÚÜÓ�ßôÉ§Ì�Û�Õ�ÔÖÑÖÕñË¡ÚÜæÅÓñÉ§î¡ÚÜæÅ×�Û�Ó}É§æ�ÞãÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�Õ�Ó�ÑÖÕ�×�Û�×�æ¥ÔÖÑÖÕ ~ Ó�� Þ®ó �"ó ×c� ��~ Î	�¥Îjó�ÏÖÑÖÕ�áÅÑfÓ�ÎÅÛ�ïfÓ�ÑÖÕ}Õ�ÚÜÎØ×tÏÖÚÜßàËìÉ§Ó�ÔÖÑÖÕ
É§æ�ÞÃÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�ÕøßðÑÖÕ�æÅÓ�ÔÖÑÖÕ¿ù ú�ûdùþüþý´ÉÜÕ�Õ�Ú�ÏfÛ�ÔÖÑÖÕ �
² Û�ÎìÉ§Ì�ÑfßðÑfÎ½×pó½Ì�ÑÖÕ�ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�ÕzÑfÎðÏÀÐìÉÜç½æ¥Ñ}Ë¡ÚÜÛ�Î½×2� Þ¡ó �"ó ×c� Õ�ÚÜÎØ×�ËÅÓ�ÔÖá�Û�×�ÑÖÕ  ÌAé)É§Û�áÅÑøáÅÑÖÕzÚÜî¥ÕÀÑfÓ�êÜÉ§×�Û�ÚÜÎ¥ÕzÕdÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕ
�¿� ÈjÏ��þÏqó Þ®ó �"ó ×c�}á�Û�Õ�Ë¡ÚÜÎÅÛ�îÅÌ�ÑÖÕ�ÑfÎ�ÏÀÐìÉÜç½æ¥ÑäËåÚÜÛ�ÎØ×"� Þ®ó �"ó ×c�tÑf×�á�æ |��vu ÑfÎØ×�ÓÀÉ�®�Î¥Ô��µËÅÐìÉÜÕ�Ñ¿á®é æÅ×�Û�Ì�Û�ÕdÉ§×�Û�ÚÜÎ>� �

npo�³
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Er(x,y,t)=ESLr(x,y,t).De(x,y)+Me(x,y)
épaisseurs de neige restituées

ESLr(x,y,t)=ESLcr(x,y,t)+Mec

épaisseurs de neige SL restituées

ESLcr(x,y,t)
épaisseurs de neige SL centrées restituées

O(c,x,y,t)
observations satellites :

M(c,x,y) et D(c,x,y)
stat. loc.  (SL) :

optimisation

ISBA optimisé

Me(x,y) et De(x,y)
stat. loc. (SL) :

mesures disponibles en coincidence
mesures disponibles en global

de restitution
statistiques

épaisseurs de neige SL restituées partout

ESLr(x,y,t)=ESLcr(x,y,t)+Mec

Er(x,y,t)=ESLr(x,y,t).De(x,y)+Me(x,y)

épaisseurs de neige restituées partout

RNA
entrainé ESLcr(x,y,t)

épaisseurs de neige SL cent. restituées partout

75% 75%

OSLc(x,y,t)=OcSLx,y,t)−Mc ESLc(x,y,t)=ESL(x,y,t)−Mec

RNA
(apprentissage)

entrainé
RNA

entrée sortie

D(c,x,y)
O(c,x,y,t)−M(c,x,y)

OSL(c,x,y,t)=

obs. sat. centrées−normalisées

centrage

E(x,y,t)−Me(x,y)
De(x,y)

ESL(x,y,t)=

épaisseurs centrées−normalisées

épaisseurs de neige in situ : épaisseurs de neige modélisées :
ISBA(x,y,t)E(x,y,t)

VALIDATION

+ SL

UTILISATION

coincidence spatio−temporelle

centrage
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� ×�ÓÀÉpê"ÑfÓ�ÕxÏÖÑäÌ�ÚÜÎÅòÙÏÀÐìÉ§ËÅÛ�×�Ó�ÑqóìæÅÎ¥ÑèÔf×�æ¥áÅÑèÑ¹Þ�ÐìÉ§æ¥Õ�×�Û�ê"ÑäÕ�æÅÓ�ÌAé æÅ×�Û�Ì�Û�ÕÀÉ§×�Û�ÚÜÎ  ÌAé&ÔÖÏÀÐ¥ÑfÌ�Ì�ÑäòqÌ�ÚÜîìÉ§Ì�ÑÝáÅÑÖÕ�ÚÜî	�
Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥ÕäÕdÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕäÉ¬Ôf×�ÔàßðÑfÎ¥ÔÖÑqójá�Û��®ÔfÓ�ÑfÎ½×�ÑÖÕäßðÔf×�Ð¥ÚØáÅÑÖÕèá®é Û�Î½ê"ÑfÓ�Õ�Û�ÚÜÎ©ÚÜÎ½×äÔf×�Ôâ×�ÑÖÕ�×�ÔÖÑÖÕäáÅÑ�
 É�¾ÖÚÜÎ
É§ËÅËÅÓ�Ú,
 ÚÜÎ¥á�Û�Ñ ��y Ì}Õpé)ÉÖê"ïfÓ�Ñ�çØæ¥Ñ¬ÌAé æÅ×�Û�Ì�Û�ÕÀÉ§×�Û�ÚÜÎ á®é æÅÎ¥Ñ´Õ�ÑfæÅÌ�ÑÃÕ�ÚÜæÅÓ�ÏÖÑ�áÅÑÃáÅÚÜÎÅÎ¥ÔÖÑÖÕðÕdÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕðÎjé&ÑÖÕ�×àËìÉÜÕ
Õ�æ	�ôÕdÉ§ßàßðÑfÎ½×�Ó�Û�Ï�Ð¥ÑÝÑfÎ�Û�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎ�ËåÚÜæÅÓv×�ÑfÎ½×�ÑfÓvæÅÎ¥ÑäÛ�ÎØê"ÑfÓ�Õ�Û�ÚÜÎõáÅÑäÌAé&ÔfËìÉ§Û�Õ�ÕÀÑfæÅÓváÅÑäÎ¥ÑfÛ�ò"Ñqóìß� fßðÑ
Õ�ÛñÏÖÑÖÕâÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥ÕèßðÚÜÎØ×�ÓÀÉ§Û�ÑfÎ½×ðæÅÎ¥Ñ¬ÏÖÑfÓ�×ÀÉ§Û�Î¥Ñ¬Õ�ÑfÎ¥Õ�Û�îÅÛ�Ì�Û�×�Ô±���¥ò � ��� o � � y ÌtÑÖÕ�×ÝáÅÚÜÎ¥ÏÙÎ¥ÔÖÏÖÑÖÕ�ÕdÉ§Û�Ó�ÑÙáÅÑ
¿�ÀFÁ�ÂuÃLÄBÅ^Æ�ÇDÈLÉlÊ�Ã�ÅaÉlÆ,Ê�À�ÂuÊ�Å^Æ�ËPÌ	Í�ÃµÀ>ÄBÊ�Ê�Ì	Í�Å�ÈLÈLÃ�Í�Å^Ê ËåÚÜæÅÓ�É§ßðÔfÌ�Û�ÚÜÓ�ÑfÓvÏÖÑf×�×�Ñ÷Õ�ÑfÎ¥Õ�Û�îÅÛ�Ì�Û�×�Ô �w É§ÓôÉ§Û�Ì�Ì�ÑfæÅÓ�Õpó áÅÑãÎ¥ÚÜßèîÅÓ�Ñfæ�ÞëÉ§Ì�ò"ÚÜÓ�Û�×�ÐÅßðÑÖÕàá®é Û�ÎØê"ÑfÓ�Õ�Û�ÚÜÎ Ñ¹Þ�Û�Õ�×�ÑfÎ½×  ÌAé&ÔÖÏÀÐ¥ÑfÌ�Ì�Ñ¬Ì�ÚØÏpÉ§Ì�Ñp�xÎBÏaÐÜúaÑ�Òfü%Ð�Ó<Ô
� n���³ í �¹ó6ÕaÖ§ûx×NÒ�ØLÑ�Ò�Ø�Ðqú>Ù�ÚpÖHÑÜú>Ð�Ø�ÙÛ� Ò����qÒ ���¹óñÏqé&ÑÖÕ�×ÃÌÍÉ Ë¡ÚÜÌ�Ì�æÅ×�Û�ÚÜÎ Û�Î½×�Ó�Ú�á�æÅÛ�×�Ñ ËìÉ§ÓÃáÅÑÖÕÃËìÉ§ÓÀÉ§ßðïf×�Ó�ÑÖÕ
Ñ¹Þ�×�ÔfÓ�Û�ÑfæÅÓ�Õô×�ÑfÌ�Õãç½æ¥Ñ�ÌÍÉõê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎ ÚÜæ Ì�ÑÃÓ�ÑfÌ�Û�Ñ�
��µ×ÀÉ§î ����� Ò �âçØæÅÛøáÅÔfòqÓÀÉÜáÅÑ�Ì�ÑÃËìÉÜÕ�ÕÀÉ§ò"Ñ  ÌAé&ÔÖÏ�Ð¥ÑfÌ�Ì�Ñ
òqÌ�ÚÜîìÉ§Ì�Ñ �Qu �¥Î�áÅÑ�Ì�Û�ßàÛ�×�ÑfÓ�ÏÖÑf×�×�ÑèÉ§Ì�×�ÔfÓÀÉ§×�Û�ÚÜÎ�áÅÑ�ÌAé Û�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎjó¥Û�ÌjÑÖÕ�×}Î¥ÔÖÏÖÑÖÕ�ÕdÉ§Û�Ó�Ñ÷áÅÑ Ê�ÉBÇBÇuÆ,ÃLÁ~Å^Æ�ÈµÅ
ÇDÈLÉlÊ'ÇXÀ�Ê�Ê�Ã�ÂDÈµÅ�¿^Å�ÍxÍ�Å�ËPÌPÆ�Ã�ÌPÂDÃLÈLÃ¼Í�Ü�ÈµÀ@¿�Ì�ÈµÅ ÑfÎ ÏÖÚÜßèîÅÛ�ÎìÉ§Î½×âÌ�ÑÖÕ À>ÂBÊ�Å�Æ�ËPÌ	Í�ÃµÀ>ÄBÊ�Ê�Ì	Í�Å�ÈLÈLÃ�Í�Å^Ê ÉÖê"ÑÖÏÌ�ÑÖÕ Á~Å^Ê�ÉBÆ,Å^ÊqÝ4Þàß�Ý4á�â Ñf×øÌÍÉ Á[À@ãuÜ�ÈLÃµÊ�Ì	Í�ÃµÀ>Ä �ÈjÑäßðÚØáÅïfÌ�ÑèáÅÑäÕ�æÅÓ�
AÉÜÏÖÑ y���öñu ÉôáÅÚÜÎ¥ÏäÔf×�ÔäæÅ×�Û�Ì�Û�Õ�Ô÷Ë¡ÚÜæÅÓ�áÅÔf×�ÑfÓ�ßàÛ�Î¥ÑfÓ  ÌAé&ÔÖÏ�Ð¥ÑfÌ�Ì�ÑèòqÌ�ÚÜîìÉ§Ì�ÑèÌ�ÑÖÕ�Õ�×ÀÉ§×�Û�Õ��
×�Û�çØæ¥ÑÖÕñÌ�ÚØÏpÉ§Ì�ÑÖÕñáÅÑvÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ}áÅÑxÎ¥ÑfÛ�ò"Ñ �Åy Ì®É 
 É§Ì�Ì�æ�É§æÅËìÉ§ÓÀÉÖêqÉ§Î½×øÏÖÚÜÓ�Ó�Û�ò"ÑfÓ}Ì�ÑÖÕtËÅÓ�Ôfê�Û�Õ�Û�ÚÜÎ¥Õ}á�æÙßðÚØáÅïfÌ�Ñ
òqÓNäÜÏÖÑ  æÅÎ¥ÑøÎ¥ÚÜæÅê"ÑfÌ�Ì�Ñ�ßðÔf×�Ð¥ÚØáÅÑxáÅÑ�ÏÖÚÜÎØ×�ÓÀÉ§Û�Î½×�Ñ�Õ�æÅÓ�áÅÑÖÕ�ßðÑÖÕ�æÅÓ�ÑÖÕ�ùµúÙûdùþüþý ��r Ñf×�×�ÑøßðÔf×�Ð¥Ú�áÅÑ�Õpé)É§ËÅËÅæÅÛ�Ñ
Õ�æÅÓÝæÅÎ¥ÑÃÉ§ÎìÉ§ÌY��ÕÀÑãÑfÎëÏÖÚÜßàËåÚqÕdÉ§Î½×�ÑÖÕâËÅÓ�Û�Î¥ÏfÛ�ËìÉ§Ì�ÑÖÕàçØæÅÛ�Ë¡ÑfÓ�ßðÑf×àá®é&Ñ¹Þ�×�ÓÀÉ§Û�Ó�ÑÙÌ�ÑÖÕâÕ�×�Ó�æ¥Ïf×�æÅÓ�ÑÖÕâÕ�ËìÉ§×�ÛÍÉ§Ì�ÑÖÕ
Ñf×â×�ÑfßàË¡ÚÜÓ�ÑfÌ�Ì�ÑÖÕàáÅÑÖÕÝÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓ�Õâá�æ ßôÉ§ÎØ×�ÑpÉ§æÿÎ¥ÑfÛ�ò"Ñfæ�Þ � ÈjÑÖÕâÏÖÚÜßàË¡ÚqÕÀÉ§Î½×�ÑÖÕâÌ�ÑÖÕÝËÅÌ�æ¥ÕÝÛ�ßàËåÚÜÓ�×ÀÉ§ÎØ×�ÑÖÕ
ÚÜÎØ×äÉ§Ì�ÚÜÓ�Õ¿Ôf×�ÔâÉ�¦Cæ¥Õ�×�ÔÖÑÖÕ÷É§æ�ÞõáÅÚÜÎÅÎ¥ÔÖÑÖÕâù ú û¹ùµüþý �jr Ñf×�×�ÑâÚÜËÅ×�Û�ßàÛ�ÕÀÉ§×�Û�ÚÜÎ á�æõßðÚØáÅïfÌ�Ñ y���öñu ËåÑfÓ�ßðÑf×÷áÅÑ
Ó�ÔÖá�æÅÛ�Ó�Ñ�áÅÑ�ËÅÓ�ïÖÕðáÅÑ � ��� ÌAé&ÑfÓ�Ó�ÑfæÅÓôçØæìÉÜá�ÓÀÉ§×�Û�ç½æ¥ÑÃßðÚ��"ÑfÎÅÎ¥Ñ´Õ�æÅÓàÌÍÉ�ËÅÓ�ÔÖá�Û�Ïf×�Û�ÚÜÎ áÅÑ¬ÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓôá�æ
ßôÉ§ÎØ×�ÑpÉ§æp�µ×ÀÉ§î �½��� n�� � � � ËìÉ§Ó�×�Û�ÓtáÅÑøÏÖÑÖÕ�ËÅÓ�Ôfê�Û�Õ�Û�ÚÜÎ¥Õ�ÚÜËÅ×�Û�ßàÛ�ÕÀÔÖÑÖÕ�áÅÑ}ßðÚ�áÅïfÌ�Ñ�áÅÑ}ÌAé&ÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓ�áÅÑ}Î¥ÑfÛ�ò"Ñqó
áÅÑÖÕøÕ�×ÀÉ§×�Û�Õ�×�Û�ç½æ¥ÑÖÕøÌ�ÚØÏpÉ§Ì�ÑÖÕ}Ë¡ÑfæÅê"ÑfÎ½×* f×�Ó�Ñ÷ÑÖÕ�×�Û�ßðÔÖÑÖÕpóÅÏÖÑ¿çØæÅÛ:
 ÉÜÏfÛ�Ì�Û�×�Ñ÷Ì�Ñ�ËìÉ§ÓÀÉ§ßðÔf×�ÓÀÉ§ò"ÑäáÅÑ�ÌAé)É§Ì�ò"ÚÜÓ�Û�×�ÐÅßðÑ
áÅÑ¿Ó�ÑÖÕ�×�Û�×�æÅ×�Û�ÚÜÎ´ÑfÎÃòqÌ�ÚÜîìÉ§Ì �¥� Ñ¿Ì  óÅáÅÑÖÕ}ßðÔf×�Ð¥Ú�áÅÑÖÕ�á®é Û�ÎØê"ÑfÓ�Õ�Û�ÚÜÎ´Õ�ÚÜÎØ×�ÏÖÚÜÎ¥Õ�Û�áÅÔfÓ�ÔÖÑÖÕ �¥u æo�¥ÎìÉ§ÌAó¥ÏÖÚÜßàßðÑ
ÚÜÎ�Ë¡ÚÜæÅêqÉ§Û�×�Õpé �ÃÉ§×�ÑfÎ¥á�Ó�Ñqó¥Ì�ÑÖÕ}Ó�ÔÖÕ�ÑpÉ§æ�Þ�áÅÑ¿Î¥ÑfæÅÓ�ÚÜÎ¥ÑÖÕxç½æÅÛÊËåÑfÓ�ßðÑf×�×�ÑfÎØ×�æÅÎ¥Ñ Á~Å�ÃLÈLÈ�ÅaÉlÆ,Å¯åVÉlÊ�Ã�ÀFÄ�ãuÅ^Ê
À>ÂBÊ�Å�Æ�ËPÌ	Í�ÃµÀ>ÄBÊ�Ê�Ì	Í�Å�ÈLÈLÃ�Í�Å^Ê Ó�ÑÖÕ�×�Û�×�æ¥ÑfÎ½×zÌ�ÑÖÕ�ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�Õ�áÅÑñÎ¥ÑfÛ�ò"ÑøÉÖê"ÑÖÏøæÅÎ¥Ñ}ç½æìÉ§Ì�Û�×�Ô}ÏÖÚÜßàËìÉ§ÓÀÉ§îÅÌ�Ñ  æÅÎßðÚ�áÅïfÌ�Ñ÷çØæÅÛªÉâÔf×�Ô÷ÚÜËÅ×�Û�ßàÛ�Õ�Ô¿Ë¡ÚÜæÅÓQ f×�Ó�Ñ¿Ì�Ñ�ËÅÌ�æ¥Õ�ËÅÓ�ÚØÏÀÐ¥Ñ¿Ë¡ÚqÕ�Õ�Û�îÅÌ�Ñ¿áÅÑÖÕ}ßðÑÖÕ�æÅÓ�ÑÖÕäù ú�ûdùþüþý~�µ×ÀÉ§î �ì��� n$+ � �
~ ÎãÑ��¡Ñf×póqá¥É§Î¥Õ�ÏÖÑÖÕzáÅÑfæ�ÞâÏpÉÜÕ óÜÌ�ÑÖÕ_ØcæÝûøÕ�ÚÜÎØ×�áÅÑñÌAé&ÚÜÓ�á�Ó�ÑøáÅÑ n�� Ïfß�óqÏÖÑ}çØæÅÛ¥ÑÖÕ�×�ßàÛ�Ñfæ�Þðç½æ¥ÑñÌ�ÑÖÕzêÜÉ§Ì�ÑfæÅÓ�Õ
É§×�×�ÑfÛ�ÎØ×�ÑÖÕvÉÜÏf×�æ¥ÑfÌ�Ì�ÑfßðÑfÎØ×xËìÉ§Ó2ç�Ò�ÓµÓ«è�Òfü%Ð�ÓYÔB� Ò����qo �ñÉpê"ÑÖÏ Òqo Ïfß �
ö Û�ÑfÎ çØæ¥ÑðÏÖÑÖÕ÷ÑfÓ�Ó�ÑfæÅÓ�ÕÝáÅÑ n�� Ïfß Î¥ÑðÕ�ÚÜÛ�ÑfÎØ×äËìÉÜÕ÷Î¥ÔfòqÌ�Û�ò"ÑpÉ§îÅÌ�ÑÖÕ óÊÑfÌ�Ì�ÑÖÕ÷ßðÚÜÎØ×�Ó�ÑfÎ½×àáÅÑ�
AÉ�¾ÖÚÜÎ Ó�ÔpÉ§Ì�Û�Õ�×�Ñ
ÏÖÑàçØæjé Û�Ì�ÑÖÕ�×�ËåÚqÕ�Õ�Û�îÅÌ�ÑÝá®é&ÚÜîÅ×�ÑfÎÅÛ�ÓÝÉ§ËÅÓ�ïÖÕäÉÖê"ÚÜÛ�Ó÷Ñ¹Þ�ËÅÌ�ÚÜÓ�ÔàáÅÑâßôÉ§ÎÅÛ�ïfÓ�ÑàÕ���Õ�×�ÔfßôÉ§×�Û�ç½æ¥ÑÝÌ�ÑâËÅÓ�ÚÜîÅÌ�ïfßðÑðáÅÑ
ÌAé Û�ÎØê"ÑfÓ�Õ�Û�ÚÜÎ áÅÑ÷ÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓváÅÑ÷Î¥ÑfÛ�ò"Ñ  ×�ÓÀÉÖê"ÑfÓ�ÕvÌAé æÅ×�Û�Ì�Û�ÕÀÉ§×�Û�ÚÜÎõáÅÑ¿ËÅÌ�æ¥Õ�Û�ÑfæÅÓ�ÕvÏpÉ§ÎìÉ§æ�Þ�Ñf×�áÅÑäËÅÌ�æ¥Õ�Û�ÑfæÅÓ�Õ
ßðÔf×�Ð¥Ú�áÅÑÖÕ  ÌAé&ÔÖÏÀÐ¥ÑfÌ�Ì�Ñ�òqÌ�ÚÜîìÉ§Ì�Ñ ��r Ñf×�×�Ñ�Ôf×�æ¥áÅÑ�×�Ó�ïÖÕðáÅÔf×ÀÉ§Û�Ì�Ì�ÔÖÑ�ÑfÎ ÏÖÑÃçØæÅÛøÏÖÚÜÎ¥ÏÖÑfÓ�Î¥ÑÃÌ�ÑÃÏÖÚÜÎ½×�ÑfÎØæ ÑfÎ
Û�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎÃáÅÑ�Ï�ÐìÉÜçØæ¥ÑvÚÜî¥Õ�ÑfÓ�êÜÉ§×�Û�ÚÜÎ¬ÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑxÛ�Î¥á�Û�êØÛ�á�æ¥ÑfÌ�Ì�ÑqóØßôÉ§Û�ÕñÉ§æ¥Õ�Õ�ÛQáÅÑ�Ì�ÑfæÅÓtÕH�ØÎ¥ÑfÓ�òqÛ�Ñqó½ßðÚÜÎ½×�Ó�Ñ
ÌÍÉ ÄBÜ^¿�Å�Ê�Ê�Ã�Í�Üéã&ê<ÃLÄB¿�À�Æ,ÇXÀ�Æ,Å^Æ Ôfò½É§Ì�ÑfßðÑfÎØ×ôÌ�ÑÖÕ Ê�À>Æ�Í�ÃµÅ�Ê~ãuÅëÁ[À@ãuì�ÈµÅ�Ê[À�ÇBÍ�ÃLÁ~ÃµÊ�Ü^Å�Ê Ñf×àÌ�ÑÖÕ ãuÀ>Äfí
ÄBÜ^Å�ÊnÝ�Þéß�Ý4á�â ËåÚÜæÅÓtËÅÓ�ÑfÎ¥á�Ó�Ñ¿ÑfÎ�ÏÖÚÜßàËÅ×�Ñ�áÅÑ2
 É�¾ÖÚÜÎÃÚÜËÅ×�Û�ßôÉ§Ì�Ñ�ÌÍÉèêÜÉ§Ó�ÛÍÉ§îÅÛ�Ì�Û�×�Ô¿Õ�ËìÉ§×�Û�Ú,�A×�ÑfßàËåÚÜÓ�ÑfÌ�Ì�Ñ¿á�æ
ÏÖÚÜæÅê"ÑfÓ�×÷Î¥ÑfÛ�ò"Ñfæ�ÞõáÅÑÝßôÉ§ÎÅÛ�ïfÓ�Ñ  ßàÛ�Ñfæ�Þ�ÏÖÚÜÎ½×�ÓÀÉ§Û�Î¥á�Ó�ÑðÌÍÉÙÓ�ÑÖÕ�×�Û�×�æÅ×�Û�ÚÜÎ � ÈjÑÖÕ¿á�Û��ôÏfæÅÌ�×�ÔÖÕ÷Ôf×ÀÉ§ÎØ×¿ßàÛ�Ñfæ�Þ
ÏÖÚÜßàËÅÓ�Û�Õ�ÑÖÕ ózÛ�ÌxÑÖÕ�×ðßôÉ§Û�Î½×�ÑfÎìÉ§ÎØ×ÙË¡ÚqÕ�Õ�Û�îÅÌ�Ñ´á®é&Ôf×ÀÉ§îÅÌ�Û�ÓãæÅÎ¥ÑÃÌ�Û�Õ�×�Ñ´áÅÑÖÕðËÅÓ�Û�ÚÜÓ�Û�×�ÔÖÕãË¡ÚÜæÅÓôÌAé)É§ßðÔfÌ�Û�ÚÜÓÀÉ§×�Û�ÚÜÎ

þæÅ×�æÅÓ�ÑÖÕàáÅÑÖÕâÛ�Î¥Õ�×�Ó�æÅßðÑfÎ½×�ÕãÑf×àáÅÑÖÕâ×�ÑÖÏ�ÐÅÎÅÛ�çØæ¥ÑÖÕðáÅÑÙÓ�ÑÖÕ�×�Û�×�æÅ×�Û�ÚÜÎ ��u Û�Î¥Õ�ÛtÌ�ÑÙÓ�ÑÖÏÖÚÜæÅÓ�ÕôÉ§æ�Þ Ó�ÔÖÕ�ÑpÉ§æ�ÞëáÅÑ
Î¥ÑfæÅÓ�ÚÜÎ¥ÑÖÕvá®é æÅÎ¥Ñ¿ËìÉ§Ó�×xÑf×  ÌÍÉàá�Û��¡ÔfÓ�ÑfÎ¥ÏÖÑ n�� s_î o í§s ó  ÌÍÉàÓ�Ôf×�Ó�Ú,� á�Û��åæ¥Õ�Û�ÚÜÎ
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 ÚÜÎ¥Ïf×�Û�ÚÜÎ¥ÕøáÅÑ�Ë¡ÑfÓ�×�Û�Î¥ÑfÎ¥ÏÖÑqó
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áÅÑÖÕñÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ ôn�� ��s #$� s ó o íâ��s #$� s ó ³ �à��s #$� s ó n�� s(î o í§s ó o í§s(î ³ �Üs ó�Ì�ÑÖÕñÏÖÚØÑ��ôÏfÛ�ÑfÎØ×�ÕøáÅÑvÓ�Ôf×�Ó�Ú,�
á�Û��¡æ¥Õ�Û�ÚÜÎ

σ ïað>ñ Ñf×øáÅÑÖÕ}Ó�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕxêØÛ�Õ�Û�îÅÌ�ÑÖÕøç½æÅÛjÕÀÚÜÎ½×}Ó�Ñf×�ÑfÎ½æ¥Õ � ÈjÑÖÕøÏfÌÍÉÜÕÀÕ�Û��ìÏpÉ§×�Û�ÚÜÎ¥Õ�ÚÜÎØ×xÉ§Û�Î¥Õ�ÛjÔf×�Ô�
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þÚÜæÅÓ�ÎÅÛ�ÑðËìÉ§Ó÷ÌÍÉ �¿�}uvuè�®� Û��®ÔfÓ�ÑfÎ½×�ÕäÕÀÑfæÅÛ�Ì�Õ÷ÚÜÎ½×ÝÔf×�Ôâ×�ÑÖÕ�×�ÔÖÕ�� ≥ � ó íÜ�vâ ≥ � ó ��� Ñf×n ó ��� ��ËåÚÜæÅÓñÚÜîÅ×�ÑfÎÅÛ�Óøá�Û��®ÔfÓ�ÑfÎ½×�ÑÖÕñ×ÀÉ§Û�Ì�Ì�ÑÖÕ}áÅÑxËåÚÜËÅæÅÌÍÉ§×�Û�ÚÜÎÃæÅ×�Û�Ì�Û�Õ�ÔÖÑ�á¥É§Î¥ÕtÌÍÉÝÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ ��w Ì�æ¥ÕñÌ�ÑvÕ�ÑfæÅÛ�Ì®ÑÖÕ�×
îìÉÜÕpóÜËÅÌ�æ¥Õ Û�ÌP�âÉxáÅÑ}Õ�Û�×�æìÉ§×�Û�ÚÜÎ¥Õ�Û�Î½×�ÔfòqÓ�ÔÖÕ�á¥É§Î¥Õ ÌÍÉvîìÉÜÕ�Ñ �q� É§Û�Õ Ì�ÑÖÕD#pÚÜÎ¥ÑÖÕv
µÓ�ÚÜÎØ×�Û�ïfÓ�ÑÖÕzáÅÑñÌAé&ÑfÎÅÎ¥ÑfÛ�ò"ÑfßðÑfÎ½×ñÉ§Û�Î¥Õ�Û
çØæ¥Ñ¿Ì�ÑÖÕøßðÚÜÛ�ÕxáÅÑ÷×�ÓÀÉ§Î¥Õ�Û�×�Û�ÚÜÎ�ËÅÓ�ÔÖÕ�ÑfÎ½×�ÑfÎØ×�É§Ì�ÚÜÓ�ÕxáÅÑÖÕ�ÏÖÚÜßàË¡ÚÜÓ�×�ÑfßðÑfÎ½×�Õ¿á�æ¥Õ  áÅÑÖÕøêqÉ§Ì�ÑfæÅÓ�Õø×�Ó�ïÖÕ�á�Û��®ÔfÓ�ÑfÎ½×�ÑÖÕ
áÅÑñÏÖÑfÌ�Ì�ÑÖÕ ËÅÓ�ÔÖÕ�ÑfÎ½×�ÑfÎØ×�á¥É§Î¥Õ Ì�Ñ�Ó�ÑÖÕ�×�ÑñáÅÑ�ÌÍÉxîìÉÜÕ�ÑñáÅÑñáÅÚÜÎÅÎ¥ÔÖÑÖÕpóÜçØæÅÛ�Ë¡ÑfæÅê"ÑfÎ½×�Ë¡ÑfÓ�×�æÅÓ�î¡ÑfÓ ÌÍÉvÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ � ÈÊÉ
áÅÔÖÏfÛ�Õ�Û�ÚÜÎ´áÅÑ÷Î¥Ñ¿Ó�Ñf×�ÑfÎÅÛ�Ó�çØæ¥Ñ�Ì�ÑÖÕøËÅÛÇÞÅÑfÌ�Õ�ÉÖê"ÑÖÏäæÅÎÃÛ�Î¥á�Û�ÏÖÑ �¿�}uvu Ôfò½É§Ì ¬n ÉâÔf×�Ô¿ËÅÓ�Û�Õ�Ñ �Qr ÚÜßàßðÑèÏÖÚÜÎ¥Õ�×ÀÉ§×�Ô
É§æÅËìÉ§ÓÀÉÖêqÉ§Î½×�ÏÖÑf×}Û�Î¥á�Û�ÏpÉ§×�ÑfæÅÓxáÅÑ÷ËÅÓ�ÔÖÕ�ÑfÎ¥ÏÖÑ÷áÅÑ�Î¥ÑfÛ�ò"Ñ÷ÑÖÕ�×}×�Ó�ïÖÕ(�QÉ§îÅÌ�Ñ����¥ò � o � � � �
� æÅÓðÌ�ÑÖÕ n���³v� � Ò ÏÖÑfÌ�Ì�æÅÌ�ÑÖÕãÏÖÚÜÎ¥á�æÅÛ�ÕÀÉ§Î½×  Òv�qÒqov³qÒ,+ ËåÚÜÛ�ÎØ×�ÕôÑfÎÿÛ�ÎØ×�ÔfòqÓÀÉ§Î½×ÙÌÍÉõá�Û�ßðÑfÎ¥Õ�Û�ÚÜÎ ×�ÑfßàË¡ÚÜÓ�ÑfÌ�Ì�Ñqó

Õ�ÑfæÅÌ�Õ Ò�n�³ � ³ � ËåÚÜÛ�ÎØ×�ÕðÚÜÎ½×ôÔf×�Ô¬Ó�Ñf×�ÑfÎØæ¥ÕðËìÉ§Ó�ÏÖÑ�çØæjé Û�Ì�ÕàÚÜÎ½×ôæÅÎÿÛ�Î¥á�Û�ÏÖÑ ���øuxu áÅÑ¬Î¥ÑfÛ�ò"ÑÃáÅÑ n Ñf×ðçØæjé Û�Ì�Õ
Îjé&Ôf×ÀÉ§Û�ÑfÎ½×xËìÉÜÕøáÅÑÖÕøË¡ÚÜÛ�Î½×�Õ�áÅÑ÷Ïx§Ü×�ÑÖÕ �
~ Î	�¥Îjó�ËÅæÅÛ�Õ�ç½æ¥Ñ´Ì�ÑÖÕðÓ�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕÙÎ¥Ñ�Õ�ÚÜÎØ×ôËìÉÜÕãá�Û�Õ�ËåÚÜÎÅÛ�îÅÌ�ÑÖÕãÌ�ÚÜÓ�ÕôáÅÑ´ÌÍÉõÎ½æÅÛ�×ÙÐÅÛ�ê"ÑfÓ�ÎìÉ§Ì�Ñqó�ÑfÌ�Ì�ÑÖÕÙÚÜÎ½×ÙÔf×�Ô
Ó�ÑÖÏÖÚÜÎ¥Õ�×�Û�×�æ¥ÔÖÑÖÕ  ËìÉ§Ó�×�Û�Ó�áÅÑÖÕøÏpÉ§ÓÀÉÜÏf×�ÔfÓ�Û�Õ�×�Û�çØæ¥ÑÖÕ�áÅÑÖÕ�ó$Ó°ý½ûfü�Ò�ØÀûÝÚÜîÅ×�ÑfÎ½æ¥ÑÖÕ�ÑfÎ�áÅÑfÐ¥ÚÜÓ�ÕøáÅÑ÷ÏÖÑf×�×�Ñ¿Ì�Û�ßàÛ�×ÀÉ§×�Û�ÚÜÎ �
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ÈjÑÖÕ¬ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ¥Õ¬áÅÑ�ÌÍÉ Î¥ÑfÛ�ò"Ñ�ÕÀÑ�îìÉÜÕÀÉ§ÎØ×¬Õ�æÅÓôÌ�ÑÖÕÙÚÜî¥Õ�ÑfÓ�êÜÉ§×�Û�ÚÜÎ¥ÕÙßàÛ�ÏfÓ�Ú,� ÚÜÎ¥áÅÑÖÕ¬ËìÉÜÕ�Õ�Û�ê"ÑÖÕãÚÜÎØ×ÙáÅÔV¦ 
Ôf×�ÔàáÅÔfê"ÑfÌ�ÚÜËÅË¡ÔÖÑÖÕäÉÖê"ÑÖÏâÌ�ÑÖÕ�×�ÑfßàË¡ÔfÓÀÉ§×�æÅÓ�ÑÖÕäáÅÑÝîÅÓ�Û�Ì�ÌÍÉ§Î¥ÏÖÑÖÕäáÅÑ �Å���êé§y ¦Cæ¥Õ�çØæjé ¬o íÙ�¿s #"ó¡ÑfÎ æÅ×�Û�Ì�Û�ÕÀÉ§ÎØ×÷áÅÑÖÕ
ßðÔf×�Ð¥Ú�áÅÑÖÕøÌ�Û�Î¥ÔpÉ§Û�Ó�ÑÖÕ���ëJÒ�Ð�Ó<Ò�Òfü%Ð�Ó<Ôl� n������ ���}ÚÜæ�Î¥ÚÜÎ	�AÌ�Û�Î¥ÔpÉ§Û�Ó�ÑÖÕ��gfQýØú[Òfü%Ð�ÓYÔu� n���� í ��� � ÈjÑÖÕ}Ó�ÔÖÕ�æÅÌ�×ÀÉ§×�Õvá®é æÅÎ¥Ñ
ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎâÎ¥ÑñÕ�ÚÜÎØ×ªËìÉÜÕ á�Û�Ó�ÑÖÏf×�ÑfßðÑfÎ½×�×�ÓÀÉ§Î¥Õ�ËåÚqÕdÉ§îÅÌ�ÑÖÕ ÑfÎÝòqÓÀÉ§Î¥áÅÑfæÅÓ�Õ ËÅÐ^��Õ�Û�çØæ¥ÑÖÕ�ç½æìÉ§ÎØ×�Û��QÉ§îÅÌ�ÑÖÕpó§ßôÉ§Û�Õ Û�Ì�Õ
Ë¡ÑfæÅê"ÑfÎ½×øÏÖÚÜÎ¥á�æÅÛ�Ó�Ñ  áÅÑÖÕñÛ�Î	
þÚÜÓ�ßôÉ§×�Û�ÚÜÎ¥Õ}çØæìÉ§Ì�Û�×ÀÉ§×�Û�ê"ÑÖÕøÕ�æÅÓtÌ�ÑÖÕñËÅÓ�ÚÜËÅÓ�Û�Ôf×�ÔÖÕ}áÅÑvÌÍÉäÎ¥ÑfÛ�ò"Ñ ��� ÑÖÕtÛ�Î	
þÚÜÓ�ßôÉ§×�Û�ÚÜÎ¥Õ
Õ�æÅËÅËÅÌ�ÔfßðÑfÎØ×ÀÉ§Û�Ó�ÑÖÕ�çØæÅÛ�Î¥ÑñËåÑfæÅê"ÑfÎØ×& f×�Ó�ÑñßðÑÖÕ�æÅÓ�ÔÖÑÖÕzá�Û�Ó�ÑÖÏf×�ÑfßðÑfÎØ×�ËìÉ§Ó�Ì�ÑÖÕ�ÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕpóqÕÀÚÜÎ½×�É§Ì�ÚÜÓ�Õ�ÉÜÏÖÏÖÑÖÕ�Õ�Û�îÅÌ�ÑÖÕ
 ËìÉ§Ó�×�Û�ÓváÅÑ÷ÏÖÑÖÕøËÅÓ�ÚÜËÅÓ�Û�Ôf×�ÔÖÕ � ÈjÑÖÕ�ÏfÌÍÉÜÕÀÕ�Û��ìÏpÉ§×�Û�ÚÜÎ¥ÕxÕÀÚÜÎ½×xáÅÑÖÕ�ßðÔf×�Ð¥ÚØáÅÑÖÕxáÅÑ÷Õ���Î½×�Ð¥ïÖÕ�ÑäËìÉ§Ó�ÏÖÚÜßàËÅÓ�ÑÖÕ�Õ�Û�ÚÜÎ�áÅÑ
ÌAé Û�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎ¯�ÜÏ�ÐìÉÜÏfæÅÎðáÅÑÖÕ(ó$Ó°ý½ûfü�Ò�Ødû�áÅÑ�Î¥ÑfÛ�ò"ÑñÓ�ÔÖÕ�æÅßðÑñÉ§Û�Î¥Õ�Û�æÅÎðÑfÎ¥ÕÀÑfßäîÅÌ�Ñ}áÅÑñÏpÉ§ÓÀÉÜÏf×�ÔfÓ�Û�Õ�×�Û�çØæ¥ÑÖÕzá�æàßôÉ§Î	�
×�ÑpÉ§æ �år ÑfÌÍÉàËåÑfæÅ×xÉ§Ì�ÚÜÓ�Õ(
þÚÜæÅÓ�ÎÅÛ�ÓváÅÑÖÕ}ËÅÛ�Õ�×�ÑÖÕ�ËåÚÜæÅÓøÌ�ÑÖÕ�ßðÚØáÅïfÌ�ÑÖÕxáÅÑ÷ÏfÌ�Û�ßôÉ§×xÑf×xá®é Ð^��á�Ó�ÚÜÌ�ÚÜòqÛ�ÑqóQÑfÎ�ÉÜÕÀÕ�ÚØÏfÛÍÉ§ÎØ×
Ï�ÐìÉÜçØæ¥Ñ�ó$Ó°ý½ûfü�Ò�Ø  áÅÑÖÕñËÅÓ�ÚÜËÅÓ�Û�Ôf×�ÔÖÕøÕ�Ë¡ÔÖÏfÛ��ìç½æ¥ÑÖÕ}áÅÑ�ÌÍÉèÎ¥ÑfÛ�ò"Ñ¿çØæÅÛ®ËåÑfæÅê"ÑfÎØ×�É§Û�áÅÑfÓ  ÌÍÉÝËìÉ§ÓÀÉ§ßðÔf×�Ó�Û�ÕdÉ§×�Û�ÚÜÎ´áÅÑ
ÏÖÑÖÕ}ßðÚ�áÅïfÌ�ÑÖÕ �
r ÚÜßàßðÑ�ÏÖÑfÌÍÉ÷É¿áÅÔV¦  Ôf×�ÔxÔfê"ÚØçØæ¥ÔqóqæÅÎ¥ÑøÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎãáÅÑÖÕzßôÉ§ÎØ×�ÑpÉ§æ�ÞðÎ¥ÑfÛ�ò"Ñfæ�ÞôÏÖÚÜÎ¥Õ�×�Û�×�æ¥ÑøæÅÎ¥ÑøËÅÓ�ÑfßàÛ�ïfÓ�Ñ

Ôf×ÀÉ§Ë¡ÑãÑfÎ êØæ¥ÑÙáÅÑôáÅÔfê"ÑfÌ�ÚÜËÅË¡ÑfßðÑfÎ½×�Õà×�Ð¥ÔÖÚÜÓ�Û�çØæ¥ÑÖÕÝËÅæÅÛ�ÕàÉ§Ì�ò"ÚÜÓ�Û�×�ÐÅßàÛ�ç½æ¥ÑÖÕâáÅÑÖÕ�×�Û�Î¥ÔÖÕ  ÌÍÉÃÎ¥ÑfÛ�ò"Ñ � ÈÊÉ´ÏfÌÍÉÜÕÀÕ�Û��
�ìÏpÉ§×�Û�ÚÜÎ©Ó�ÑfòqÓ�ÚÜæÅËåÑÙÉ§Ì�ÚÜÓ�ÕäÌ�ÑÖÕäËÅÛÇÞ�ÑfÌ�ÕèÕ�ÑfÌ�ÚÜÎ áÅÑÖÕèÕ�Û�òqÎìÉ§×�æÅÓ�ÑÖÕâÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕäÕ�Û�ßàÛ�ÌÍÉ§Û�Ó�ÑÖÕ óªÏqé&ÑÖÕ�×��  � á�Û�Ó�ÑÙÉÖê"ÑÖÏãæÅÎ¥Ñ
êqÉ§Ó�ÛÍÉ§îÅÛ�Ì�Û�×�ÔàÌ�Û�ßàÛ�×�ÔÖÑqóÊÑf×÷áÅÑàÌ  ó¡æÅÎ©É§Ì�ò"ÚÜÓ�Û�×�ÐÅßðÑðËÅÓ�ÚÜËÅÓ�Ñ  ÏÀÐìÉÜç½æ¥Ñ�ó$Ó^ýØû¹ü�Ò$Ø¬ÑÖÕ�×÷áÅÔfê"ÑfÌ�ÚÜËÅËåÔqójÏÖÚÜßàßðÑãÏÖÑfÌÍÉ�ó
ËìÉ§ÓxÉ§Û�Ì�Ì�ÑfæÅÓ�ÕpóQÉâáÅÔV¦  Ôf×�Ô÷Õ�æÅòqò"ÔfÓ�Ô¿ËìÉ§Ó2ç�Ò�ÓµÓ�è�Ðqú>ÙpÎBÏaÐÜú�Ñp� Ò����qo � �
ÈÊÉ�ßðÔf×�Ð¥Ú�áÅÑã×�ÚÜËåÚÜÌ�ÚÜòqÛ�çØæ¥Ñ¬áÅÑ�£xÚÜÐ¥ÚÜÎ¥ÑfÎ¸�zç�Ö,Ï	ÖÜúFÒ¹ú�� n���³qÒ ���¹ó É§ËÅË¡ÑfÌ�ÔÖÑÙÉ§æ¥ÕÀÕ�Û�ßðÔf×�Ð¥Ú�áÅÑÙ×�ÚÜËåÚÜÌ�ÚÜòqÛ�çØæ¥Ñ

á®é)É§æÅ×�Ú,� ÚÜÓ�ò½É§ÎÅÛ�ÕÀÉ§×�Û�ÚÜÎjóQÚÜÎ½×�áÅÔV¦  Ôf×�Ô¿ÑfßàËÅÌ�Ú��"ÔÖÕ  ÌAé)É§ÎìÉ§ÌY��Õ�Ñ�áÅÑ!¦�Ñfæ�ÞÙáÅÑ¿áÅÚÜÎÅÎ¥ÔÖÑÖÕøÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕøËåÚÜæÅÓ}ÌAé ÐØæÅßàÛ��
á�Û�×�Ô÷áÅÑÖÕøÕÀÚÜÌ�ÕJ��ì!Ø¹ù�Ñ^Òfúìü%ÒÖü!Ð�Ó<Ôf� Ò�����n ��� �
ÈÊÉ�ÏÖÚÜÎ½ê"ÑfÓ�ò"ÑfÎ¥ÏÖÑ�ÑÖÕ�×àÚÜîÅ×�ÑfÎØæ¥Ñ�É§ËÅÓ�ïÖÕ n�� Û�×�ÔfÓÀÉ§×�Û�ÚÜÎ¥ÕôÕ�ÑfæÅÌ�ÑfßðÑfÎ½× � ÈÊÉõá�Û�Õ�×ÀÉ§Î¥ÏÖÑãæÅ×�Û�Ì�Û�ÕÀÔÖÑÃÑÖÕ�×èÌÍÉ�êqÉ§Ì�ÑfæÅÓ

É§î¥Õ�ÚÜÌ�æ¥ÑâáÅÑÖÕ¿á�Û��®ÔfÓ�ÑfÎ¥ÏÖÑÖÕ�ËÅÌ�æÅ×H§Ü×÷ç½æ¥ÑÝÌÍÉÙá�Û�Õ�×ÀÉ§Î¥ÏÖÑ ~ æ¥ÏfÌ�Û�á�Û�ÑfÎÅÎ¥ÑôÉpê"ÑÖÏâÌÍÉôÓ�ÑfÎ¥ÚÜÓ�ßôÉ§Ì�Û�ÕdÉ§×�Û�ÚÜÎ Õ�ÑfÌ�ÚÜÎ Ï�ÐìÉÜçØæ¥Ñ
á�Û�ßðÑfÎ¥Õ�Û�ÚÜÎ�×�ÑfÌ�Ì�Ñäç½æ¥Ñ÷áÅÔÖÏfÓ�Û�×�Ñäá¥É§Î¥Õ}ÌÍÉàÕ�ÑÖÏf×�Û�ÚÜÎ�ËÅÓ�ÔÖÏÖÔÖáÅÑfÎØ×�Ñ �
ÈÊÉàÏfÌÍÉÜÕÀÕ�Û��ìÏpÉ§×�Û�ÚÜÎ´ÑÖÕ�×øÔf×ÀÉ§îÅÌ�Û�ÑÝÉ§æÅ×�ÚÜæÅÓ�áÅÑ�Ð½æÅÛ�×�ó$Ó^ýØû¹ü�Ò$ØÀûäË¡ÑfæÅËÅÌ�ÔÖÕøÏÖÚÜßàßðÑ¿Ì�Ñ÷ßðÚÜÎ½×�Ó�Ñ÷Ì�Ñ�×ÀÉ§îÅÌ�ÑpÉ§æ � � Ò �
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ÈÊÉ�
þÚÜÎ¥Ïf×�Û�ÚÜÎ ËìÉ§Ó�×�Û�ÏfæÅÌ�Û�ïfÓ�Ñ áÅÑ ÏÖÑf×ÃÉ§Ì�ò"ÚÜÓ�Û�×�ÐÅßðÑ áÅÑ ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ ÑÖÕ�×¬Ì�ÑõÌ�Û�ÑfÎ áÅÑ�ê"ÚÜÛ�Õ�Û�ÎìÉ§ò"ÑõÛ�ßàË¡ÚqÕ�Ô

É§æ�ÞpóxÓ^ýØû¹ü�Ò�Ødû �Åu Û�Î¥Õ�ÛAó�çØæìÉ§Î¥áãÌÍÉÝÏÖÚÜÎØê"ÑfÓ�ò"ÑfÎ¥ÏÖÑ÷ÑÖÕ�×øÉ§×�×�ÑfÛ�Î½×�ÑqóÅÌ�ÑÖÕtËÅÓ�ÚÜ×�ÚÜ×4�ØË¡ÑÖÕøÏÖÚÜÓ�Ó�ÑÖÕ�Ë¡ÚÜÎ¥á¥É§Î½×�É§æ�Þ±ó$Ó^ýØû¹ü�Ò$ØÀû
ËÅÓ�Ú�Ï�Ð¥ÑÖÕtÚÜÎ½×}É§æ¥Õ�Õ�Û¥æÅÎ¥Ñ�ËåÚqÕ�Û�×�Û�ÚÜÎãËÅÓ�ÚØÏÀÐ¥Ñxá¥É§Î¥Õ�ÌAé&ÑÖÕ�ËìÉÜÏÖÑváÅÑÖÕ�áÅÚÜÎÅÎ¥ÔÖÑÖÕ �År Ñf×�×�ÑøÛ�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎ¬ÉÜáÅá�Û�×�Û�ÚÜÎÅÎ¥ÑfÌ�Ì�Ñ
É§Û�áÅÑ}É§Ì�ÚÜÓ�Õ  ÌAé Û�ÎØ×�ÑfÓ�ËÅÓ�Ôf×ÀÉ§×�Û�ÚÜÎôáÅÑÖÕ_ó$Ó°ý½ûfü�Ò�ØÀû �q~ ÎÝæÅ×�Û�Ì�Û�ÕÀÉ§Î½×zÏÖÑf×�×�ÑñÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎàáÅÑ%£�ÚÜÐ¥ÚÜÎ¥ÑfÎjóÜË¡ÚÜæÅÓ Ï�ÐìÉÜçØæ¥Ñ
ßðÚÜÛ�ÕøÑf×ñË¡ÚÜæÅÓøÏ�ÐìÉÜçØæ¥Ñ¿ÏÖÑfÌ�Ì�æÅÌ�Ñ÷áÅÑvÌÍÉÝòqÓ�Û�Ì�Ì�Ñ¿Õ�ËìÉ§×�ÛÍÉ§Ì�Ñqó�æÅÎ~ó$Ó°ý½ûfü�Ò�ØÝáÅÑ�Î¥ÑfÛ�ò"Ñ¿ÑÖÕ�×�ÉÜÕ�Õ�Ú�ÏfÛ�ÔvÉ§æ�ÞÃÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥Õ
ÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕ � ÈÊÉô×�ÑÖÏ�ÐÅÎÅÛ�çØæ¥ÑàáÅÑäÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎõÕH�ØÎØ×�Ð¥Ôf×�Û�Õ�ÑÝ×�ÚÜæÅ×�ÑÖÕxÌ�ÑÖÕvÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥Õ�ÑfÎ�ê�æ¥Ñèá®é æÅÎ¥ÑâÉ§ÎìÉ§ÌY��Õ�Ñ
áÅÑÖÕ�êqÉ§Ó�ÛÍÉ§×�Û�ÚÜÎ¥Õzá®é æÅÎôÏpÉ§ÎìÉ§ÌìÑfÎ�
 ÚÜÎ¥Ïf×�Û�ÚÜÎôáÅÑÖÕ�É§æÅ×�Ó�ÑÖÕzËåÚÜæÅÓ�É§î¡ÚÜæÅ×�Û�Ó�É§æ�ÞâÓ�ÑfÌÍÉ§×�Û�ÚÜÎ¥Õ�ÑfÎ½×�Ó�ÑøÌ�ÑÖÕzÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥Õ �
ÈjÑ¬Î¥ÚÜßèîÅÓ�ÑÃáÅÑpóxÓ^ýØû¹ü�Ò�Ødû´ÑÖÕ�×àÏ�Ð¥ÚÜÛ�Õ�ÛøáÅÑ�
AÉ�¾ÖÚÜÎ  ÏÖÑÃç½æ¥ÑÙÌAé Û�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎ 
þÚÜæÅÓ�ÎÅÛ�Õ�ÕÀÑãæÅÎ¥ÑÃá�Û�ÕÀÏfÓ�Û�ßàÛ�ÎìÉ§×�Û�ÚÜÎ
Õ�×ÀÉ§×�Û�Õ�×�Û�çØæ¥Ñ¿ÑfÎ½×�Ó�ÑèÏ�ÐìÉÜçØæ¥Ñ�ó$Ó°ý½ûfü�Ò�Øfó¥Ì�Û�ßàÛ�×ÀÉ§Î½×�É§Û�Î¥Õ�Û®Ì�ÑÖÕxÉ§ßèîÅÛ�òqæP° ×�ÔÖÕxÑfÎØ×�Ó�Ñ÷ÏÖÑÖÕJó$Ó°ýØû¹ü�Ò�Ødû �
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ÈjÑÖÕ¿ËÅÓ�ÑfßàÛ�ïfÓ�ÑÖÕ¿Û�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎ¥Õ÷çØæÅÛ Ó�ÑÖÕÀÕ�ÚÜÓ�×�ÑfÎ½×äáÅÑÝÌÍÉ¬ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ Õ�ÚÜÎ½×¿Ì�ÑÖÕ�ËÅÓ�ÚÜ×�ÚÜ×4�ØË¡ÑÖÕ÷Ñ¹Þ�×�ÓÀÉ§Û�×�Õ �Êr Ñ
Õ�ÚÜÎØ×�Ì�ÑÖÕ�ËåÚqÕ�Û�×�Û�ÚÜÎ¥Õtá¥É§Î¥ÕtÌAé&ÑÖÕ�ËìÉÜÏÖÑ�áÅÑÖÕtÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥ÕñáÅÑÖÕ�ÏÖÑfÎØ×�Ó�ÑÖÕtáÅÑÖÕ�òqÓ�ÚÜæÅË¡ÑÖÕ � ÈÊÉ �¥òqæÅÓ�Ñ � � Ò Ó�ÑfËÅÓ�ÔÖÕ�ÑfÎØ×�Ñ
ÏÖÑÖÕ�Ë¡ÚqÕ�Û�×�Û�ÚÜÎ¥Õ¿ÉÜÏÖÏÖÚÜßàËìÉ§òqÎ¥ÔÖÑÖÕäáÅÑÖÕ�ÔÖÏpÉ§Ó�×��A×���ËåÑàá¥É§Î¥Õ¿ÏÀÐìÉÜç½æ¥Ñnó$Ó°ýØû¹ü�Ò�ØÃÉ§æÅ×�ÚÜæÅÓ÷áÅÑâÏÖÑÖÕxêqÉ§Ì�ÑfæÅÓ�Õ¿ÏÖÑfÎ½×�ÓÀÉ§Ì�ÑÖÕ �
ÈjÑÖÕÝÔÖÏpÉ§Ó�×��A×���ËåÑÙáÅÑÖÕ÷Ó�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕÝê�Û�Õ�Û�îÅÌ�ÑÖÕäáÅÑãÏ�ÐìÉÜçØæ¥Ñ�óxÓ^ýØû¹ü�Ò�Ø�Õ�ÚÜÎ½×èÛ�ßàËåÚÜÓ�×ÀÉ§ÎØ×�ÕpóªÏÖÚÜßàßðÑãÚÜÎ Ë¡ÑfæÅ×èÕpé �
É§×�×�ÑfÎ¥á�Ó�Ñqó§ËÅæÅÛ�Õ�çØæ¥Ñ�ÏÖÑ�ÏpÉ§ÎìÉ§Ì�Îjé)É�ËìÉÜÕªÔf×�Ô�æÅ×�Û�Ì�Û�Õ�Ô�Û�ÏfÛ � Èzé&ÚÜÓ�áÅÚÜÎÅÎìÉ§Î¥ÏÖÑfßðÑfÎ½×�áÅÑÖÕ!ó$Ó°ýØû¹ü�Ò�ØdûñÕÀÑfÌ�ÚÜÎèæÅÎ¥Ñ�ÏÖÑfÓ�×ÀÉ§Û�Î¥Ñ
Ôfê"ÚÜÌ�æÅ×�Û�ÚÜÎ´×�ÑfßàË¡ÚÜÓ�ÑfÌ�Ì�Ñ÷á�æ�ßôÉ§ÎØ×�ÑpÉ§æ�ÉâÔf×�Ô�
AÉÜÏfÛ�Ì�Û�×�ÔÖÑ¿ËìÉ§ÓøæÅÎ�ÏÀÐ¥ÚÜÛÇÞ´É§ËÅËÅÓ�ÚÜËÅÓ�Û�ÔäáÅÑÖÕ}ËÅÓ�ÚÜ×�ÚÜ×4�ØË¡ÑÖÕøÛ�ÎÅÛ�×�ÛÍÉ§æ�Þ �
w ÚÜæÅÓ÷×�Ó�ÚÜÛ�Õ÷ßðÚÜÛ�Õ÷áÅÑÝÌAé ÐÅÛ�ê"ÑfÓ6�AÎ¥Úpê"ÑfßèîÅÓ�Ñ n����qÒ ó	¦�É§Î½ê�Û�ÑfÓ÷Ñf×¿ßôÉ§Ó�Õ n����qo ��Ñf×¿Ë¡ÚÜæÅÓ÷Ï�ÐìÉÜçØæ¥ÑâËÅÛÇÞ�ÑfÌzÑfÎØ×�Û�ï��

Ó�ÑfßðÑfÎ½×÷ÏÖÚÜæÅê"ÑfÓ�×÷áÅÑÝÎ¥ÑfÛ�ò"Ñqó¡Ì�ÑÖÕ�×�Ó�ÚÜÛ�Õ¿ÏpÉ§Ó�×�ÑÖÕ¿á�æõÐìÉ§æÅ×¿áÅÑÝÌÍÉôËÅÌÍÉ§Î¥ÏÀÐ¥Ñ � � o ßðÚÜÎ½×�Ó�ÑfÎØ×÷Ì�ÑÖÕ�Ó�ÔÖÕ�æÅÌ�×ÀÉ§×�Õ¿áÅÑÝÌÍÉ
ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ � ÈªÉ�ÏpÉ§Ó�×�Ñ¬á�æëÐìÉ§æÅ×âÓ�ÑfËÅÓ�ÔÖÕ�ÑfÎ½×�ÑÃÑfÎÿÏÀÐìÉÜç½æ¥Ñ¬ËÅÛÇÞÅÑfÌñÌ�Ñ�ó$Ó°ýØû¹ü�Ò�ØõáÅÑÙÎ¥ÑfÛ�ò"ÑãÌ�ÑÙËÅÌ�æ¥ÕâÕ�ÚÜæÅê"ÑfÎØ×
ËÅÓ�ÔÖÕ�ÑfÎØ×�ÑãÉ§æ ÏÖÚÜæÅÓ�ÕäáÅÑâÌÍÉ�ÕÀÉ§Û�Õ�ÚÜÎ � ÈjÑÖÕèÏpÉ§Ó�×�ÑÖÕ÷ÑfÎ	� áÅÑÖÕ�Õ�ÚÜæ¥ÕèÕ�ÚÜÎ½×äÏÖÑfÌ�Ì�ÑÖÕäáÅÑàÌÍÉ¬ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ©áÅÑâÌÍÉ¬Î¥ÑfÛ�ò"Ñ
ËìÉ§Ó�fQüþýaØ�æ Òfü%Ð�ÓYÔB� n���� � �tÑf×øáÅÑ¿ÌÍÉâÏfÌÍÉÜÕÀÕ�Û��ìÏpÉ§×�Û�ÚÜÎ�áÅÑ�ÌÍÉâÎ¥ÑfÛ�ò"Ñ÷ËìÉ§Ó�Ú�Ðqü üµÏ	ÒBí û�� n���³qo � �
� æ�ó$Ó°ý½ûfü�Ò�Ø n É§æ óxÓ^ýØû¹ü�Ò�Ø ³ ó¥Û�Ìu�´ÉðæÅÎ¥ÑâÉ§æÅòqßðÑfÎ½×ÀÉ§×�Û�ÚÜÎ[
µÓÀÉ§Î¥ÏÀÐ¥ÑèáÅÑèÌÍÉôÏÖÚÜÎØ×�Ó�Û�îÅæÅ×�Û�ÚÜÎ áÅÑäÌÍÉãá�Û��¡æ¥Õ�Û�ÚÜÎjó

ËìÉ§Ó�×�Û�ÏfæÅÌ�Û�ïfÓ�ÑfßðÑfÎ½× �o íÃ�¿s #ôÑf× n³ �´��s # �ªr ÑfÌÍÉÃÑÖÕ�×  É§×�×�Ó�Û�îÅæ¥ÑfÓ  ÌAé)É§æÅòqßðÑfÎ½×ÀÉ§×�Û�ÚÜÎëáÅÑàÌÍÉ¬×ÀÉ§Û�Ì�Ì�ÑôáÅÑÖÕ
òqÓÀÉ§Û�Î¥Õ�á¥É§Î¥Õ Ì�ÑtßôÉ§Î½×�ÑpÉ§æ¯�ÜÕ�æÅÓ ÌÍÉQ�¥òqæÅÓ�Ñ � � Ò á�æâÐìÉ§æÅ×póÜÌ�ÑÖÕ�ÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ �o í���s #}Ñf× �³ �¿��s #}á�Û�ßàÛ�Î½æ¥ÑfÎ½×
ÑfÎ½×�Ó�ÑôÌ�ÑÖÕ�ó$Ó°ý½ûfü�Ò�Ødû n Ñf× ³ � ÈÊÑÖÕäáÅÑfÓ�ÎÅÛ�ÑfÓ�Õ�óxÓ^ýØû¹ü�Ò�Ødû�� �q¯³ �¹ójÕ�ÚÜÎ½×äßôÉ§Ó�ç½æ¥ÔÖÑÖÕäËìÉ§Ó÷æÅÎ¥ÑôÕÀÉ§×�æÅÓÀÉ§×�Û�ÚÜÎ áÅÑàÌÍÉ
îìÉ§Û�Õ�Õ�ÑÝáÅÑÖÕvÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ �³ �¬��s #è×ÀÉ§Î¥á�Û�Õ¿ç½æ¥ÑèÏÖÑfÌ�Ì�ÑÖÕ ão íÙ��s #ÝÏÖÚÜÎØ×�Û�Î½æ¥ÑfÎ½×  îìÉ§Û�Õ�ÕÀÑfÓ �¡r ÑfÌÍÉãÑÖÕ�×¿É§æ¥Õ�Õ�Û
ÚÜî¥Õ�ÑfÓ�ê"ÔÃË¡ÚÜæÅÓðÌÍÉ á�Û��®ÔfÓ�ÑfÎ¥ÏÖÑ o í§s(î ³ �Üs ���¥òqæÅÓ�Ñ´á�æ ÏÖÑfÎ½×�Ó�Ñ��ôçØæÅÛ�É§ËÅÓ�ïÖÕðæÅÎ¥ÑÃÐìÉ§æ¥Õ�ÕÀÑqózá�æ¥Ñ  æÅÎ¥Ño
 ÚÜÓ�×�Ñ
á�Û��¡æ¥Õ�Û�ÚÜÎ "³ �è��s #"ó½á�Û�ßàÛ�ÎØæ¥ÑfÎ½×�Épê"ÑÖÏ�ÌÍÉèÕÀÉ§×�æÅÓÀÉ§×�Û�ÚÜÎ¬áÅÑÖÕ�ÔfßàÛ�Õ�Õ�Û�êØÛ�×�ÔÖÕ J³ �â��s #xÑf×�ÌÍÉ÷îìÉ§Û�Õ�Õ�ÑxáÅÑxÏÖÑfÌ�Ì�ÑÖÕ 
o íÙ��s #èËÅÓ�ÔÖÏÖÔÖáÅÑfßàßðÑfÎ½×äÔfê"Ú�çØæ¥ÔÖÑ � Èzé)É§ÎØ×�Û�� ÏÖÚÜÓ�Ó�ÔfÌÍÉ§×�Û�ÚÜÎ ÑfÎ½×�Ó�ÑÝÌ�ÑÖÕxÓ�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕ�êØÛ�Õ�Û�îÅÌ�ÑÖÕ����¥òqæÅÓ�ÑÝá�æ�îìÉÜÕc�
Ñf×øÌ�ÑÖÕxÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ �³ �ô��s #äáÅÔV¦  Ôfê"Ú�ç½æ¥ÔÖÑqó¥ÑÖÕ�×  Î¥ÚÜæÅê"ÑpÉ§æ´ßàÛ�ÕÀÑ÷ÑfÎ´Ôfê�Û�áÅÑfÎ¥ÏÖÑ �ìw É§ÓvÉ§Û�Ì�Ì�ÑfæÅÓ�ÕpóÅÌÍÉðÓ�Ôf×�Ó�Ú,�
á�Û��¡æ¥Õ�Û�ÚÜÎ

σ ïað>ñ á�Û�ßàÛ�Î½æ¥Ñ�ÑfÎ½×�Ó�Ñ�Ì�Ñ�ó$Ó^ýØû¹ü�Ò$Ø n Ñf×ðÌ�Ñ~ó$Ó°ý½ûfü�Ò�Ø ³ ó�Û�Î¥á�Û�çØæìÉ§Î½×ÙæÅÎ¥Ñ�á�Û�ßàÛ�Î½æÅ×�Û�ÚÜÎ á�æ Ó�ÑfÌ�Û�Ñ�
 �
Èzé)É§ÎìÉ§ÌY��Õ�ÑÝç½æÅÛ Õ�æÅÛ�×�×�ÑfÎ¥á  ßðÚÜÎØ×�Ó�ÑfÓ�çØæ¥ÑäÏÖÑf×�×�ÑèÕ�æ¥ÏÖÏÖÑÖÕ�Õ�Û�ÚÜÎõáÅÑÖÕ�ó$Ó^ýØû¹ü�Ò$ØÀûâÑÖÕ�×�Ó�ÑfÌ�Û�ÔÖÑ  ÌAé�ä§ò"ÑÝáÅÑ÷ÌÍÉôÎ¥ÑfÛ�ò"Ñ
Ñf×�É§æ�Ó�ÑfÌ�Û�Ñ�
 �
~ Î½×�Ó�Ñ�Ì�Ñ�áÅÔfîÅæÅ×}áÅÑvÌAé ÐÅÛ�ê"ÑfÓøÑf×�ÌÍÉJ�¥Îjó�Û�Ì:�ãÉ÷æÅÎ¥Ñv×�ÑfÎ¥á¥É§Î¥ÏÖÑ¿ÏfÌÍÉ§Û�Ó�Ñ  ÌAé)É§æÅòqßðÑfÎ½×ÀÉ§×�Û�ÚÜÎ�áÅÑ�ÌÍÉèË¡ÚÜËÅæÅÌÍÉ§×�Û�ÚÜÎ

áÅÑÖÕ�áÅÑfÓ�ÎÅÛ�ÑfÓ�Õ*óxÓ^ýØû¹ü�Ò�Ødû ��� æÅÓ�ÌÍÉ(�¥òqæÅÓ�Ñ � � o óqÑfÎðáÅÔfîÅæÅ×záÅÑ}ÕÀÉ§Û�Õ�ÚÜÎjó§Ì�ÑÖÕQó$Ó°ý½ûfü�Ò�Ødû n% � áÅÚÜßàÛ�Î¥ÑfÎØ×zßôÉ§Û�ÕzÏÖïÖáÅÑfÎØ×
ËÅÓ�ÚÜòqÓ�ÑÖÕ�Õ�Û�ê"ÑfßðÑfÎØ×�ÌÍÉâËÅÌÍÉÜÏÖÑèÉ§æ�Þ±ó$Ó°ýØû¹ü�Ò�ØdûèÕ�æÅË¡ÔfÓ�Û�ÑfæÅÓ�Õ �
u Û�Î¥Õ�ÛAó½Ì�Ñ(îOï âlß�á�ðOñ ÌàÓÀÉÜÕ�Õ�ÑfßèîÅÌ�Ñ�ËÅÌ�æÅ×H§Ü×ñÌ�ÑÖÕtÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥Õtá�æ¬áÅÔfîÅæÅ×}áÅÑ�ÌÍÉäÕÀÉ§Û�Õ�ÚÜÎÙÎ¥ÑfÛ�ò"Ñfæ¥Õ�Ñ � ÈjÑÖÕñÔfßàÛ�Õ��Õ�Û�ê�Û�×�ÔÖÕðÉ§æ�Þ ×�Ó�ÚÜÛ�Õ�
þÓ�ÔÖçØæ¥ÑfÎ¥ÏÖÑÖÕðÕ�ÚÜÎ½×àËÅÓ�Ú�Ï�Ð¥ÑÖÕôáÅÑÃÏÖÑfÌ�Ì�ÑÖÕðáÅÑÙÌÍÉ�ê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎ � ÈjÑÖÕðÔfßàÛ�Õ�Õ�Û�êØÛ�×�ÔÖÕ ±³ � ��s #

áÅÚÜÎ½×¬ÌÍÉ Õ�ÑfÎ¥Õ�Û�îÅÛ�Ì�Û�×�Ô É Ôf×�Ô´ßàÛ�Õ�Ñ�ÑfÎ ÔfêØÛ�áÅÑfÎ¥ÏÖÑ�ËÅÓ�ÔÖÏÖÔÖáÅÑfßàßðÑfÎ½×póøÎ¥Ñ´Ó�ÔpÉ§òqÛ�Õ�ÕÀÑfÎ½×¬ËìÉÜÕ  ÌÍÉ ËÅÓ�ÔÖÕ�ÑfÎ¥ÏÖÑõáÅÑ
Î¥ÑfÛ�ò"Ñ � ÈÊÉ�á�Û��¡ÔfÓ�ÑfÎ¥ÏÖÑðá®é&ÔfßàÛ�ÕÀÕ�Û�êØÛ�×�ÔÖÕ n�� s_î o í§s ÑÖÕ�×äÉ§Ì�ÚÜÓ�Õ¿ËÅÓ�Ú�Ï�Ð¥ÑãáÅÑ � ó®ÑfÎ ÉÜÏÖÏÖÚÜÓ�á ÉÖê"ÑÖÏôÌÍÉÙÓ�ÑfÌÍÉ§×�Û�ÚÜÎ áÅÑ
r ÐìÉ§ÎÅò¤�xÎBÏ	ÐÜú�ÑoÒfü!Ð�ÓYÔ!� n���³ í ��� �jw É§ÓÝÉ§Û�Ì�Ì�ÑfæÅÓ�ÕèÌ�ÑÖÕ÷Ó�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕèê�Û�Õ�Û�îÅÌ�ÑÖÕäÏpÉ§ÓÀÉÜÏf×�ÔfÓ�Û�Õ�×�Û�çØæ¥ÑÖÕÝáÅÑðÏÖÑ¯ó$Ó°ý½ûfü�Ò�Ø
Õ�ÚÜÎØ×èîìÉÜÕ�ÕÀÑÖÕpóªÏÖÚÜÎ	�¥Ó�ßôÉ§ÎØ×ôÉ§Û�Î¥Õ�ÛtÌÍÉ�ËÅÓ�ÔÖÕ�ÑfÎ¥ÏÖÑ¬áÅÑãê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎ ��r é&ÑÖÕ�×âáÅÚÜÎ¥ÏôÌ�Ñpó$Ó°ý½ûfü�Ò�Ø�çØæÅÛ�Ó�ÑfòqÓ�ÚÜæÅË¡ÑÙÌ�ÑÖÕ
ÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥ÕâÕ�æÅÓäæÅÎ©ßôÉ§Î½×�ÑpÉ§æÿßàÛ�Î¥ÏÖÑp�þç½æ¥ÑfÌ�çØæ¥ÑÖÕâÏÖÑfÎ½×�Û�ßðïf×�Ó�ÑÖÕc�èÑfÎ©ËÅÓ�ÔÖÕ�ÑfÎ¥ÏÖÑÙáÅÑôê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎ ��r ÑfÌÍÉ�Õ�Ñ
ÏÖÚÜÎ	�¥Ó�ßðÑ¿Õ�æÅÓñÌ�ÑÖÕñÏpÉ§Ó�×�ÑÖÕ}áÅÑvÌÍÉ �¥òqæÅÓ�Ñ � � o Ú��¬Ì�ÑXî�ï âfß�á�ðOñ Ì��þÑfÎÙê�Û�ÚÜÌ�Ñf×c��ßôÉ§Ó�ç½æ¥Ñ�Õ�æÅÓ�×�ÚÜæÅ×ñÌ�ÑvßðÚÜÛ�Õ}áÅÑvÎ¥Ú,�ê"ÑfßäîÅÓ�Ñ n����qÒ Õ�æÅÓ�Ì�ÑÖÕD
 ÚÜÓH f×�Õzá®é)É§Ó�îÅÓ�ÑÖÕ  
 ÑfæÅÛ�Ì�ÌÍÉ§ò"Ñ}Ë¡ÑfÓ�Õ�Û�Õ�×ÀÉ§Î½×2�þá®é)É§ËÅÓ�ïÖÕ�ÌÍÉ�ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎôáÅÑøÌÍÉvê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎ
áÅÑ � É§×�×�Ð¥ÑÇòøÕc� ��ó æ¥ÑfÌ�çØæ¥ÑÖÕ¿Ó�ÔfòqÛ�ÚÜÎ¥ÕpójÏÖÚÜßàßðÑôÌ�ÑâÎ¥ÚÜÓ�á Ñf×÷Ì�ÑâÎ¥ÚÜÓ�áa� ÑÖÕ�×èáÅÑÖÕ � ÓÀÉ§Î¥áÅÕäÈªÉÜÏÖÕäÑf×¿ÌAé � æÅÓÀÉ§Ì�çØæÅÛ
Õ�ÚÜÎØ×�ÏÖÚÜæÅê"ÑfÓ�×�ÑÖÕ�áÅÑ2
 ÚÜÓH f×�Õ}Ë¡ÑfÓ�Õ�Û�Õ�×ÀÉ§Î½×�ÑÖÕ ó¥É§ËÅËìÉ§Ó�×�Û�ÑfÎÅÎ¥ÑfÎ½×  ÏÖÑ�ó$Ó^ýØû¹ü�Ò$ØÝ×�ÚÜæÅ×vÉ§æÃÌ�ÚÜÎÅòôáÅÑ�ÌAé ÐÅÛ�ê"ÑfÓ �¥y ÌjÕpé)É§òqÛ�×
áÅÚÜÎ¥Ï�á®é æÅÎpóxÓ^ýØû¹ü�Ò�ØÝç½æÅÛ¡Õ�ÑxÓ�Ñf×�Ó�ÚÜæÅê"ÑvËÅÓ�Û�Î¥ÏfÛ�ËìÉ§Ì�ÑfßðÑfÎ½×�á¥É§Î¥ÕtÌ�ÑÖÕtÓ�ÔfòqÛ�ÚÜÎ¥ÕñáÅÚÜßàÛ�Î¥ÔÖÑÖÕñËìÉ§ÓtÌ�ÑÖÕ&
 ÚÜÓH f×�ÕtáÅÑfÎ¥ÕÀÑÖÕ �
� Î�Ó�ÑfßôÉ§Ó�çØæ¥ÑfÓÀÉôÔfò½É§Ì�ÑfßðÑfÎØ×vçØæ¥Ñ¿Ì�ÑÖÕ�ßôÉÜÕ�Õ�Û�
 Õ}ßðÚÜÎ½×ÀÉ§òqÎ¥Ñfæ�Þ´×�ÑfÌ�Õxç½æ¥Ñ÷ÌAé � æÅÓÀÉ§ÌªÑf×øÌAé&ÚÜæ¥ÑÖÕ�×váÅÑÖÕ | ÚØÏÀÐ¥Ñfæ¥Õ�ÑÖÕ
É§ËÅËìÉ§Ó�×�Û�ÑfÎÅÎ¥ÑfÎ½×Ý×�ÚÜæÅ×èÉ§æ Ì�ÚÜÎÅò´áÅÑâÌAé ÐÅÛ�ê"ÑfÓ  ÏÖÑqó$Ó°ý½ûfü�Ò�Ø±�®ÏÖÑfÌÍÉÃÑÖÕ�×÷áÅÚÜÎ¥ÏðÏÖÚÜÐ¥ÔfÓ�ÑfÎØ×ÝÉÖê"ÑÖÏðÌ�ÑÖÕ¿êÜÉ§Ì�ÑfæÅÓ�ÕäáÅÑÖÕ
Ó�Ôf×�Ó�Ú,� á�Û��¡æ¥Õ�Û�ÚÜÎ¥Õ

σ ï�ðFñ ÉÜÕÀÕ�ÚØÏfÛ�ÔÖÑÖÕ �ÈjÑÖÕ<îOï âlß�á�ðOñ�ß =®óf; Ñf× � ßðÚÜÎØ×�Ó�ÑfÎ½×ÝÌ�ÑàáÅÔÖÏfÓ�ÚØÏÀÐìÉ§ò"ÑôáÅÑÖÕ÷ÔfßàÛ�Õ�Õ�Û�êØÛ�×�ÔÖÕ n³ ���¿s #ðÑf×÷á¥É§Î¥ÕäæÅÎ¥ÑâßðÚÜÛ�Î¥á�Ó�Ñ
ßðÑÖÕ�æÅÓ�ÑèáÅÑäÏÖÑfÌ�Ì�ÑÖÕ ðo íô��s # �år ÑèÕ�ÚÜÎ½×váÅÚÜÎ¥ÏäáÅÑÖÕ�ó$Ó^ýØû¹ü�Ò$ØÀûàç½æÅÛÊÓ�ÑfòqÓ�ÚÜæÅËåÑfÎØ×xÌ�ÑÖÕxËÅÛÇÞ�ÑfÌ�ÕvÉÖê"ÑÖÏèÌ�Ñ÷ßôÉ§ÎØ×�ÑpÉ§æ
 á�Û��®ÔfÓ�ÑfÎ½×�ÑÖÕÝÔf×ÀÉ§Ë¡ÑÖÕèáÅÑðÕÀÚÜÎ ÔfËìÉ§Û�Õ�Õ�Û�ÕÀÕ�ÑfßðÑfÎ½× � ÈÊÉÃÓ�ÑfÌÍÉ§×�Û�ÚÜÎëáÅÑ r ÐìÉ§ÎÅò�ÏÖÚÜÎ	�¥Ó�ßðÑãÏÖÑf×�×�Ñô×�ÑfÎ¥á¥É§Î¥ÏÖÑÙÉpê"ÑÖÏ
æÅÎ¥Ñ¿ÐìÉ§æ¥Õ�ÕÀÑ÷áÅÑ÷ÌÍÉàá�Û��®ÔfÓ�ÑfÎ¥ÏÖÑ n�� s(î o í§sÝ� ÈÊÉðá�Û��®ÔfÓ�ÑfÎ¥ÏÖÑ o í§s(î ³ �Üs áÅÚÜÎ½×xÌÍÉâËåÚqÕÀÕ�Û�îÅÛ�Ì�Û�×�Ôäá®é&ÑÖÕ�×�Û�ßôÉ§×�Û�ÚÜÎ�áÅÑ

n$+ í
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ÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�áÅÑèÌÍÉðÎ¥ÑfÛ�ò"ÑÝÕpé&ÑÖÕ�×�ÉÖê"ÔfÓ�ÔÖÑÝËÅÌ�æ¥ÕvÐìÉ§æÅ×vá¥É§Î¥ÕvÏÖÑf×�×�ÑâÔf×�æ¥áÅÑqóåÉ§æÅòqßðÑfÎØ×�ÑðÉ§æ¥Õ�Õ�ÛÊßôÉ§Û�ÕváÅÑèßôÉ§ÎÅÛ�ïfÓ�Ñ
ËÅÌ�æ¥ÕãÉ§ßàËÅÌ�Ñ � ÈÊÉõÐìÉ§æ¥Õ�Õ�ÑÃáÅÑÖÕôÓ�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕôËÅÓ�ÚÜæÅê"Ñ´ÑfÎ¥ÏÖÚÜÓ�Ñ�ÌAé)É§æÅòqßðÑfÎ½×ÀÉ§×�Û�ÚÜÎ áÅÑÃÌAé&ÔfËìÉ§Û�Õ�ÕÀÑfæÅÓ �z~ Î Ñ��®Ñf×pó
ß� fßðÑ�ÑfÎãËÅÓ�ÔÖÕ�ÑfÎ¥ÏÖÑváÅÑøê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎjóØÌÍÉ¿Î¥ÑfÛ�ò"Ñ�ÑÖÕ�×�áÅÑøËÅÌ�æ¥ÕtÑfÎôËÅÌ�æ¥ÕtÉ§îåÚÜÎ¥á¥É§ÎØ×�ÑvËåÚÜæÅÓzÛ�ßàË¡ÚqÕ�ÑfÓtÕ�ÚÜÎÙÉ§Ì�î¡ÔÖáÅÚ
ÑfÎ½×�Ó�ÑxÌ�ÑÖÕ�ó$Ó^ýØû¹ü�Ò$ØÀû Ò Ñf× + � ÈjÑ�ó$Ó°ý½ûfü�Ò�Ø Ò ÑÖÕ�×�ËÅÓ�ÔÖÕ�ÑfÎØ×�Ñ¿ÉÜÕ�Õ�Ñ$#�Ó�ÔfòqæÅÌ�Û�ïfÓ�ÑfßðÑfÎØ×�É§æãÏÖÚÜæÅÓ�ÕñáÅÑøÌÍÉäÕÀÉ§Û�Õ�ÚÜÎ ��y ÌåÑÖÕ�×
ËÅÓ�Ú�Ï�Ð¥Ñðá�æ ó$Ó°ýØû¹ü�Ò�Ø n ÑÖÕ�×÷Õ�æÅÓ�×�ÚÜæÅ×¿Ì�Ú�ÏpÉ§Ì�Û�Õ�ÔÖÑàÑfÎ î¡ÚÜÓ�á�æÅÓ�ÑðáÅÑÖÕ�Ó�ÔfòqÛ�ÚÜÎ¥ÕäáÅÑqó$Ó°ýØû¹ü�Ò�Ø n �®y ÌzÏÖÚÜÎ¥Õ�×�Û�×�æ¥ÑðÉ§Û�Î¥Õ�Û
ËÅÌ�æÅ×H§Ü×tæÅÎ�ó$Ó°ý½ûfü�Ò�ØäáÅÑ�×�ÓÀÉ§Î¥Õ�Û�×�Û�ÚÜÎãê"ÑfÓ�Õ�Ì�Ñ"óxÓ^ýØû¹ü�Ò�Ø o ÉÖê"ÑÖÏxæÅÎ¥Ñ�áÅÑfÎ¥Õ�Û�×�ÔxáÅÑ�ê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎÙÛ�ÎØ×�ÑfÓ�ßðÔÖá�ÛÍÉ§Û�Ó�Ñvê"ÑfÓ�Õ
áÅÑÖÕ}Ó�ÔfòqÛ�ÚÜÎ¥ÕxáÅÑ¿îåÚÜÛ�Õ ó�ê"ÚÜÛ�Ó�Ñ÷áÅÑ�×�ÚÜæÅÎ¥á�ÓÀÉ�óìá�æ~ó$Ó°ýØû¹ü�Ò�Ø o �
ÈjÑ�îOï âfß,á�ð�ñ ;âÕ�æÅÛ�×ªÌ�Ñ&
þÓ�ÚÜÎ½×�áÅÑtÎ¥ÑfÛ�ò"Ñ2�§ÑfÎÝÎ¥Úpê"ÑfßäîÅÓ�Ñqó½ÑfÌ�Ì�ÑtÑÖÕ�×ªÌ�Ú�ÏpÉ§Ì�Û�Õ�ÔÖÑñÉ§æ�ÞèÐìÉ§æÅ×�ÑÖÕ ÌÍÉ§×�Û�×�æ¥áÅÑÖÕ�Ñf×�áÅÑÖÕ�ÏÖÑfÎ¥áê"ÑfÓ�Õ÷Ì�ÑàÕ�æ¥á Ì�ÑÖÕ÷ßðÚÜÛ�Õ÷Õ�æÅÛ�êÜÉ§ÎØ×�ÕpóÊÉÖêqÉ§Î½×ÝáÅÑðá�Û�Õ�ËìÉ§ÓÀÉ�®�×�Ó�Ñ � r Ñ¯ó$Ó°ý½ûfü�Ò�Ø�ÏÖÚÜÎ¥ÏÖÑfÓ�Î¥ÑðæÅÎ ×4�ØË¡ÑàáÅÑàÎ¥ÑfÛ�ò"ÑÖÕäËÅÌ�æ¥Õ
Õ�ïÖÏÀÐ¥ÑÖÕ�ßôÉ§Ó�ç½æ¥ÔÖÑÖÕ�ËìÉ§Ó�æÅÎ¥Ñ}á�Û��åæ¥Õ�Û�ÚÜÎðÕ�Û�òqÎÅÛ��ìÏpÉ§×�Û�ê"Ñ �o í¿��s #øÑf× 6³ �÷��s #"óqÏqé&ÑÖÕ�×��  � á�Û�Ó�Ñ}æÅÎ¥ÑñÎ¥ÑfÛ�ò"ÑøÕ�ïÖÏÀÐ¥Ñ
 òqÓÀÉ§Û�Î¥Õ÷ÉÜÕ�Õ�Ñ$#ÝòqÓ�ÚqÕpóåÉ§Û�Î¥Õ�Û çØæ¥ÑèËìÉ§ÓváÅÑÖÕ�Ó�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕ�ê�Û�Õ�Û�îÅÌ�ÑÖÕvËÅÌ�æ¥Õ�ÔfÌ�Ñfê"ÔÖÑÖÕ �¡w É§Ó÷Ñ¹ÞÅÑfßàËÅÌ�Ñqó¡ÑfÎ | æ¥Õ�Õ�Û�Ñqó
ÌÍÉÝêqÉ§Ì�Ì�ÔÖÑ÷áÅÑ¿ÌÍÉÝÓ�Û�ê�Û�ïfÓ�Ñ y ÑfÎÅÛ�ÕÀÑfÛ�Û&� ∼ ���

◦
~ �}É§ËÅËìÉ§Ó�×�Û�ÑfÎØ×  ÏÖÑ�ó$Ó°ýØû¹ü�Ò�Øâ×�ÚÜæÅ×øÌAé ÐÅÛ�ê"ÑfÓ �

ÈjÑEîOï âlß�á�ðOñ �ôçØæÅÛÅÓ�ÑfòqÓ�ÚÜæÅËåÑ�Ì�ÑÖÕzÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥Õ�É§æ�ÞâÓ�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕ�ÔfÌ�Ñfê"ÔÖÑÖÕ�áÅÚÜÎ¥Ï}æÅÎ¥ÑøÏÖÚÜæÅê"ÑfÓ�×�æÅÓ�ÑxÎ¥ÑfÛ�ò"Ñfæ¥Õ�ÑÛ�ßàË¡ÚÜÓ�×ÀÉ§Î½×�Ñqó�É�æÅÎ ÏÖÚÜßàË¡ÚÜÓ�×�ÑfßðÑfÎ½×Ù×�ÑfßàË¡ÚÜÓ�ÑfÌøÑfÎ ÌÍÉ§×�Û�×�æ¥áÅÑ�Õ�ÑfßèîÅÌÍÉ§îÅÌ�ÑqózßôÉ§Û�ÕðÏÖÚÜÎ¥ÏÖÑfÓ�Î¥ÑÃÌ�ÑÖÕðßôÉ§Î½×�ÑpÉ§æ�Þ
ËÅÌ�æ¥ÕøÔfËìÉ§Û�ÕxÕ�æÅÓøáÅÑÖÕ}Ó�ÔfòqÛ�ÚÜÎ¥ÕøË¡Ñfæo
 ÚÜÓ�ÑÖÕ�×�Û�ïfÓ�ÑÖÕ �
ÈjÑÖÕqó$Ó°ýØû¹ü�Ò�Ødû�Õ�æÅÛ�êÜÉ§ÎØ×�ÕàÏÖÚÜÎ¥ÏÖÑfÓ�Î¥ÑfÎ½×ðËÅÌ�æÅ×H§Ü×àÌÍÉ¯�¥ÎÿáÅÑÙÌAé ÐÅÛ�ê"ÑfÓ � ÈjÑêî�ï âfß,á�ð�ñ 7ëÕpé Û�ÎØ×�ÑfÓ�ËÅÓ�ïf×�ÑÃÏÖÚÜßàßðÑ¬æÅÎ
ó$Ó°ý½ûfü�Ò�Ø¬áÅÑè×�ÓÀÉ§Î¥Õ�Û�×�Û�ÚÜÎ Épê"ÑÖÏâÌÍÉãËåÔfÓ�Û�Ú�áÅÑâÚ���Ì�ÑÝßðÔf×ÀÉ§ßðÚÜÓ�ËÅÐÅÛ�Õ�ßðÑàÑÖÕ�×v×�Ó�ïÖÕvÛ�ßàË¡ÚÜÓ�×ÀÉ§Î½× �jy Ì ÑÖÕ�×�ËìÉ§Ó�×�Û�ÏfæÅÌ�Û�ï��
Ó�ÑfßðÑfÎ½×ÝËÅÓ�ÔÖÕ�ÑfÎØ×ÝÑfÎ ßàÛ�Ì�Û�Ñfæëá®é ÐÅÛ�ê"ÑfÓâÑf×äá�Û�Õ�ËìÉ§ÓÀÉ�®�×ÝËÅÓ�ÑÖÕ�ç½æ¥ÑôÑfÎ½×�Û�ïfÓ�ÑfßðÑfÎ½×ôÉ§æ©áÅÔfîÅæÅ×èá�æ ËÅÓ�Û�Î½×�ÑfßàË¥Õ ��� Î
Ó�ÑfßôÉ§Ó�çØæ¥Ñ¿ç½æ¥Ñ�ÏÖÑ�ó$Ó°ý½ûfü�Ò�ØÝÏÖÚ�° Î¥ÏfÛ�áÅÑ÷Épê"ÑÖÏ�æÅÎ�ÏfÓ�ÚÜÛ�Õ�ÑfßðÑfÎ½×øÑfÎØ×�Ó�Ñ¿Ì�ÑÖÕñá�Û��¡ÔfÓ�ÑfÎ¥ÏÖÑÖÕ�á®é&ÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ n�� s_î o í§s
Ñf× o í§s_î ³ �Üs ���¥ò � � � Ò � �ì� É§Î¥ÕvÏÖÑ�óxÓ^ýØû¹ü�Ò�ØfóåÌÍÉðá�Û��¡æ¥Õ�Û�ÚÜÎõá�æ�ÓÀÉ��"ÚÜÎÅÎ¥ÑfßðÑfÎ½× ôo íÙ��s #èÕ�æÅÓxÌ�ÑÖÕ�ËìÉ§Ó�×�Û�ÏfæÅÌ�ÑÖÕ
áÅÑÝÎ¥ÑfÛ�ò"Ñàá¥É§Î¥Õ�Ì�ÑâßôÉ§Î½×�ÑpÉ§æ ÑÖÕ�×�Õ�æ	�ôÕÀÉ§Î½×�ÑâË¡ÚÜæÅÓ¿ç½æ¥ÑÝÌ�ÑÖÕ¿ÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ  ÏÖÑf×�×�Ñ�
µÓ�ÔÖçØæ¥ÑfÎ¥ÏÖÑâÕpé)É§ËÅËÅÓ�Ú�Ï�Ð¥ÑfÎ½×
áÅÑðÏÖÑfÌ�Ì�ÑÖÕ q³ �´��s # �j� é)É§ËÅÓ�ïÖÕXô(Ö�õ ù%Òfü8Ð�Ó<Ô!� Ò����qo �¹ó®Ì�ÑÖÕäßðÔÖÏpÉ§ÎÅÛ�Õ�ßðÑÖÕèáÅÑðßðÔf×ÀÉ§ßðÚÜÓ�ËÅÐÅÛ�Õ�ßðÑÙËÅÓ�Úpê"Ú�ç½æ¥ÑfÎØ×
æÅÎ¥ÑàîìÉ§Û�Õ�ÕÀÑâÌ�Ôfò"ïfÓ�ÑðáÅÑÖÕ¿Ó�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕÝç½æÅÛzÕ�ÑâÓ�Ñf×�Ó�ÚÜæÅê"ÑôÛ�ÏfÛ �ªr ÑàÏfÛ�Î¥çØæÅÛ�ïfßðÑ'ó$Ó°ý½ûfü�Ò�ØÃÑÖÕ�×äÉ§æ¥Õ�Õ�Û�æÅÎ ÏfÌ�æ¥Õ�×�ÑfÓ
áÅÑã×�ÓÀÉ§Î¥Õ�Û�×�Û�ÚÜÎ©á�æ©Ë¡ÚÜÛ�Î½×âáÅÑôê�æ¥Ñôá�æ©Ó�ÑfÌ�Û�Ñ�
 � ~ ÎëÑ��¡Ñf×póÊÌ�ÑÖÕ�óxÓ^ýØû¹ü�Ò�Ødû¬ËÅÓ�ÔÖÏÖÔÖáÅÑfÎ½×�ÕàÓ�ÑfòqÓ�ÚÜæÅË¡ÑfÎ½×âÌ�ÑÖÕèËåÚÜÛ�ÎØ×�Õ
ÑfÎõÓ�ÔfòqÛ�ÚÜÎ¥Õ�ßðÚÜÎ½×ÀÉ§òqÎ¥Ñfæ¥Õ�ÑÖÕ ó®×ÀÉ§Î¥á�Û�Õ¿ç½æ¥ÑâÏÖÑfæ�Þõç½æÅÛ�Õ�æÅÛ�ê"ÑfÎØ×vÓÀÉÜÕÀÕ�ÑfßäîÅÌ�ÑfÎØ×÷ËÅÌ�æÅ×H§Ü×¿Ì�ÑÖÕvÓ�ÔfòqÛ�ÚÜÎ¥Õ÷áÅÑÝËÅÌÍÉ§Û�Î¥ÑÖÕ
�µÎ¥ÚÜÓ�áa� ÑÖÕ�×�áÅÑ÷ÌÍÉÝßðÑfÓ�á®é u ÓÀÉ§ÌªÑf×øÚÜæ¥ÑÖÕ�×�áÅÑ�ÌÍÉâîìÉ§Û�Ñ÷á®é s æ¥áÅÕ�ÚÜÎ>� �
ÈjÑiî�ï âfß�á�ðOñ Ë Õ�æ¥ÏÖÏÖïÖáÅÑôÑfÎ ò"ÔfÎ¥ÔfÓÀÉ§Ì�Û�ÕÀÉ§Î½×ÝÌ�ÑðÓH§ÜÌ�Ñãá�æ ßðÔf×ÀÉ§ßðÚÜÓ�ËÅÐÅÛ�Õ�ßðÑÃÉÖê"ÑÖÏôæÅÎ¥ÑðîìÉ§Û�Õ�ÕÀÑðáÅÑð×�ÚÜæÅ×�ÑÖÕèÌ�ÑÖÕ
ÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ �ñr Ñ¤ó$Ó°ýØû¹ü�Ò�Ø ÑÖÕ�×ô×�Ó�ïÖÕãËÅÓ�ÔÖÕ�ÑfÎ½×¬á¥É§Î¥ÕÙÌÍÉ Õ�ÑÖÏÖÚÜÎ¥áÅÑ�ËìÉ§Ó�×�Û�Ñ�áÅÑ´ÌAé ÐÅÛ�ê"ÑfÓp��
 Ôfê�Ó�Û�ÑfÓÙÑf×¬É§æ	� áÅÑfÌ  � �
r ÚÜßàËÅ×�Ñ��A×�ÑfÎ½æ áÅÑÖÕxêqÉ§Ì�ÑfæÅÓ�ÕxÔfÌ�Ñfê"ÔÖÑÖÕ�áÅÑÖÕxÓ�Ô�òìÑÖÏf×ÀÉ§Î¥ÏÖÑÖÕpó¡ÑfÌ�Ì�ÑäÕ�ÑèÕ�Û�×�æ¥ÑèÕ�æÅÓxáÅÑÖÕ*#pÚÜÎ¥ÑÖÕxáÅÑèê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎ ÉÜÕ�Õ�Ñ$#
Ë¡Ñfæ áÅÑfÎ¥Õ�Ñ  ÏÖÑf×�×�ÑôÕÀÉ§Û�Õ�ÚÜÎ � - + Ñf× -¿í óÊÕ�ÑfÌ�ÚÜÎ ÌÍÉ�ÏfÌÍÉÜÕÀÕ�Û��ìÏpÉ§×�Û�ÚÜÎ Ó�ÔÖá�æÅÛ�×�ÑãáÅÑ � É§×�×�Ð¥ÑÇòøÕc�¿Ñf×÷ËÅÓ�ÔÖÕÀÑfÎ½×ÀÉ§Î½×
áÅÑÖÕøÔfËÅÛ�Õ�Ú�áÅÑÖÕøáÅÑ¿Ó�ÑÖÏÀÐ½æÅ×�ÑÖÕxÎ¥ÑfÛ�ò"Ñfæ¥Õ�ÑÖÕ_
AÉÖê"ÚÜÓ�Û�ÕÀÔÖÑÖÕ�ÉÖê"ÑÖÏäæÅÎ¥Ñ¿Ó�ÑfßðÚÜÎ½×�ÔÖÑèáÅÑÖÕ}×�ÑfßàËåÔfÓÀÉ§×�æÅÓ�ÑÖÕ�ê"ÑfÓ�Õ �

◦
rv�

~ Î	�¥ÎjóØÌ�ÑÖÕRîOï âlß�á�ðOñ�ß÷ö Ñf×søÙÕ�ÚÜÎØ×�ßôÉ§Ó�çØæ¥ÔÖÕ�ËìÉ§ÓtáÅÑÖÕ�ÔfßàÛ�ÕÀÕ�Û�êØÛ�×�ÔÖÕ�ßàÛ�ÏfÓ�Ú,� ÚÜÎ¥áÅÑÖÕñËìÉ§Ó�×�Û�ÏfæÅÌ�Û�ïfÓ�ÑfßðÑfÎ½×}îìÉÜÕÀÕ�ÑÖÕpó�¬ÏÖÚÜßàËÅÓ�Û�Õ Ãn�� ��s # �ìr ÑäÕ�ÚÜÎ½×�áÅÑÖÕ�ó$Ó°ý½ûfü�Ò�ØÀûèËåÑfæ�ËÅÓ�ÔÖÕÀÑfÎ½×�ÕvÑfÎ´áÅÔfîÅæÅ×�á®é ÐÅÛ�ê"ÑfÓpó¥Ë¡ÚÜæÅÓøÌ�ÑÖÕ�çØæ¥ÑfÌ�ÕøÌ�ÑÖÕ�ÔfßàÛ�Õ��
Õ�Û�ê�Û�×�ÔÖÕ �o í���s #¬Ñf× '³ �õ��s #ãÕ�ÚÜÎØ×Ýá�æëß� fßðÑÙÚÜÓ�á�Ó�Ñ��ªÌÍÉ�á�Û��®ÔfÓ�ÑfÎ¥ÏÖÑ o í§s_î ³ �Üs � ÑÖÕ�×èáÅÚÜÎ¥Ï�
AÉ§Û�îÅÌ�Ñ �
ÈjÑÖÕðÔfßàÛ�ÕÀÕ�Û�êØÛ�×�ÔÖÕ ën�� �¿s #o� ÕÀÚÜÎ½×ðÔfò½É§Ì�ÑfßðÑfÎ½×ã×�Ó�ïÖÕ�
AÉ§Û�îÅÌ�ÑÖÕâÓ�Ôfê"ÔfÌÍÉ§Î½×ðÌÍÉ�ËÅÓ�ÔÖÕ�ÑfÎ¥ÏÖÑ´áÅÑ¬òqÓ�ÚqÕâòqÓÀÉ§Û�Î¥ÕðÑf×
áÅÑãÎ¥ÑfÛ�ò"ÑãÐØæÅßàÛ�áÅÑ � ~ Î©ÚÜæÅ×�Ó�Ñqó ÏÖÑÖÕÝ×�Ó�ÚÜÛ�ÕâáÅÑfÓ�ÎÅÛ�ÑfÓ�Õnó$Ó^ýØû¹ü�Ò$ØÀûÃÓ�ÑfòqÓ�ÚÜæÅË¡ÑfÎ½×âÌ�ÑÖÕÝËåÚÜÛ�ÎØ×�ÕèÌ�Ú�ÏpÉ§Ì�Û�Õ�ÔÖÕâá¥É§Î¥ÕÝáÅÑÖÕ
#pÚÜÎ¥ÑÖÕøÚ��ÃÌ�Ñ�Ó�ÑfÌ�Û�Ñ�
 ÑÖÕ�×}ËåÑfæÃßôÉ§Ó�çØæ¥ÔqóÅÏÖÚÜÎ	�¥Ó�ßôÉ§Î½×xÌÍÉâÏÖÚÜÐ¥ÔfÓ�ÑfÎ¥ÏÖÑ÷áÅÑ�ÌÍÉÝÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ�Épê"ÑÖÏ¿Ì�ÑÖÕñêqÉ§Ì�ÑfæÅÓ�ÕøáÅÑ
Ó�Ôf×�Ó�Ú,� á�Û��¡æ¥Õ�Û�ÚÜÎ

σ ï�ðFñ 
AÉ§Û�îÅÌ�ÑÖÕ�ÉÜÕ�Õ�Ú�ÏfÛ�ÔÖÑÖÕ  ÏÖÑÖÕxÏfÌ�æ¥Õ�×�ÑfÓ�Õ �

n$+^³
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ÈÊÉâÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎn
 ÚÜæÅÓ�ÎÅÛ�Ñ÷áÅÚÜÎ¥Ï�æÅÎ¥Ñ�Û�ÎØ×�ÑfÓ�ËÅÓ�Ôf×ÀÉ§×�Û�ÚÜÎ�ÏÖÚÜÐ¥ÔfÓ�ÑfÎØ×�Ñ÷áÅÑÖÕøÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥ÕøÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕxÕ�ÑfÌ�ÚÜÎÃÌ�ÑÖÕ
á�Û��®ÔfÓ�ÑfÎ½×�Õ�ÏÖÚÜßàË¡ÚÜÓ�×�ÑfßðÑfÎ½×�Õ�ÏfÌ�Û�ßôÉ§×�Û�çØæ¥ÑÖÕøÓ�ÔfòqÛ�ÚÜÎìÉ§æ�Þ �
r ÚÜßàßðÑfÎ½×�ÏÖÑf×�×�ÑäÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ�áÅÔfÓ�Û�ê"ÔÖÑäáÅÑÖÕxÚÜî¥Õ�ÑfÓ�êÜÉ§×�Û�ÚÜÎ¥ÕxÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕvÕ�Ñ¿ÏÖÚÜßàËìÉ§Ó�ÑÝÉ§æ�Þ�ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ¥Õ

Õ�×ÀÉ§×�Û�çØæ¥ÑÖÕøáÅÑ¿ÌÍÉÝÎ¥ÑfÛ�ò"Ñ÷áÅÑXfQüþý�Ø�æ Òfü%Ð�Ó<Ôl� n���� � �tÑf×øáÅÑ¿ÌÍÉÝê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎ�áÅÑ�ÚpÐqü üµÏ	ÒBí û�� n���³qo �P¨

Æ)¼"·âÆ^»^¼	¢Ø· ��½¼���Æ)¼"· ��Æ��Ø·¹·Ö»��:���Ø¾¹»^ÄF¢Ø·÷¼cà�»^·d¾N��¢½¾À¼"·
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e ∼ 1, 6 · T (ε19H − ε37H )

ÉÖê"ÑÖÏ
T = Tmax =

Ò í o £àó
e ≤ 30
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ÌAé ÐÅÛ�ê"ÑfÓpó Ì�ÑÖÕàÕ�Û�òqÎìÉ§×�æÅÓ�ÑÖÕàÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕàÕ�ÚÜÎØ×àÕ�Û�òqÎÅÛ��ìÏpÉ§×�Û�ê"ÑfßðÑfÎ½×ôá�Û��®ÔfÓ�ÑfÎ½×�ÑÖÕàÑfÎØ×�Ó�Ñ¬ÌAé&ÑÖÕ�×âÑf×ÝÌAé&ÚÜæ¥ÑÖÕ�×âáÅÑÙÌÍÉ´Ó�Û��
ê�Û�ïfÓ�ÑvÈÊÔfÎìÉn��� Ò��

◦
~ ó�ÑfÎ | æ¥Õ�Õ�Û�Ñ��*��ÏÖÑf×�×�Ñ�×�ÓÀÉ§Î¥Õ�Û�×�Û�ÚÜÎjó�îÅÛ�ÑfÎ�çØæjé)É§î¥Õ�ÑfÎ½×�Ñ¿á¥É§Î¥ÕñÌÍÉâÏfÌÍÉÜÕÀÕ�Û��ìÏpÉ§×�Û�ÚÜÎ�áÅÑ � ×�æÅÓ�ß�ó

ÏÖÚÜÓ�Ó�ÑÖÕ�Ë¡ÚÜÎ¥á�ÏÖÑfÓ�×ÀÉ§Û�Î¥ÑfßðÑfÎ½×  Ï�ÐìÉ§ÎÅò"ÑfßðÑfÎØ×xÓ�ÔÖÑfÌªá¥É§Î¥ÕøÌ�ÑÖÕ}ËÅÓ�ÚÜËÅÓ�Û�Ôf×�ÔÖÕxáÅÑ¿ÌÍÉÝÎ¥ÑfÛ�ò"Ñ �
ÈÊÉ ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ Õ�Ñ�ËÅÓ�Ú,¦CÑf×�×�Ñ�áÅÚÜÎ¥Ï´ÔfÌ�Ôfò½É§ßàßðÑfÎ½×ÃÕ�æÅÓÙÏÖÑfÌ�Ì�ÑÖÕôÔf×ÀÉ§îÅÌ�Û�ÑÖÕÙËìÉ§Ó fåüþý�Ø�æ Òfü%Ð�Ó<Ô*��� ��� � �âÑf×

Ú�Ðqü üµÏPÒBí û���� ��³qo �¹ó�ßôÉ§Û�Õ(�ÃÉ§ËÅË¡ÚÜÓ�×�Ñ¿ÌÍÉÝÎ¥ÚÜ×�Û�ÚÜÎ´á®é&Ôfê"ÚÜÌ�æÅ×�Û�ÚÜÎ´×�ÑfßàË¡ÚÜÓ�ÑfÌ�Ì�ÑäáÅÑÖÕøßôÉ§Î½×�ÑpÉ§æ�Þ�Î¥ÑfÛ�ò"Ñfæ�Þ �
ÈÊÉ¿ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎãîìÉÜÕ�ÔÖÑ}Õ�æÅÓzÌ�ÑÖÕ�ÚÜî¥Õ�ÑfÓ�êÜÉ§×�Û�ÚÜÎ¥Õ�ÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕ�çØæÅÛ¥ê�Û�ÑfÎ½×�á®é/ f×�Ó�ÑøËÅÓ�ÔÖÕ�ÑfÎ½×�ÔÖÑqó½Ó�ÔÖÕ�æÅßðÑ}ÌÍÉ�êqÉ§Ó�ÛÍÉ��

îÅÛ�Ì�Û�×�ÔäÕ�ËìÉ§×�ÛÍÉ§Ì�ÑèÑf×x×�ÑfßàËåÚÜÓ�ÑfÌ�Ì�Ñèá�æ´ßôÉ§Î½×�ÑpÉ§æõÎ¥ÑfÛ�ò"Ñfæ�Þ´á�æÅÓÀÉ§ÎØ×xÌAé ÐÅÛ�ê"ÑfÓ �®r é&ÑÖÕ�×�æÅÎ¥ÑäßðÔf×�Ð¥ÚØáÅÑÝÕ���Î½×�Ð¥Ôf×�Û�çØæ¥Ñ
Ë¡ÚÜæÅÓøÚÜîÅ×�ÑfÎÅÛ�ÓøÌAé Û�Î	
þÚÜÓ�ßôÉ§×�Û�ÚÜÎ�Õ�æÅÓ}ÌÍÉÝÎ¥ÑfÛ�ò"Ñ÷çØæÅÛ®Îjé&ÑÖÕ�×øËìÉÜÕøá�Û�Ó�ÑÖÏf×�ÑfßðÑfÎØ×�ßðÑÖÕ�æÅÓÀÉ§îÅÌ�ÑäÑf×�ç½æÅÛ®Îjé&ÑÖÕ�×}ËìÉÜÕ}Î¥ÚÜÎ
ËÅÌ�æ¥ÕñÏpÉ§ËÅ×�æÅÓ�ÔÖÑ�ËìÉ§ÓtÌ�ÑÖÕñÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ¥ÕñÕ�×ÀÉ§×�Û�çØæ¥ÑÖÕ�áÅÑxÌÍÉäÎ¥ÑfÛ�ò"Ñ ��r Ñf×�×�ÑxÛ�Î	
þÚÜÓ�ßôÉ§×�Û�ÚÜÎ¬Ë¡ÑfæÅ×�×�Ó�ÚÜæÅê"ÑfÓ}Õ�ÚÜÎ¬É§Ë	�
ËÅÌ�Û�ÏpÉ§×�Û�ÚÜÎ�á¥É§Î¥Õ�Ì�ÑÖÕxÉÜÏf×�Û�ê�Û�×�ÔÖÕxáÅÑ÷ßðÚØáÅÔfÌ�Û�ÕÀÉ§×�Û�ÚÜÎ �Qu Û�Î¥Õ�ÛAóJfìýPÙ�ÐÜúFÙ�Ú�Ö�óBõ,Öp��� ����� �}É§×�×�Ó�Û�îÅæ¥ÑfÎØ×xÌ�Ñ¿Ó�Ñf×ÀÉ§Ó�á 
ÌÍÉ"
 ÚÜÎ½×�Ñ¿á¥É§Î¥ÕñÌ�ÑÖÕ}ßðÚ�áÅïfÌ�ÑÖÕ  ÌAé)É§ËÅËÅÓ�ÚÖÞ�Û�ßôÉ§×�Û�ÚÜÎq
AÉ§Û�×�Ñ�Õ�æÅÓ}Ì�ÑvêØÛ�ÑfÛ�Ì�Ì�Û�Õ�ÕÀÑfßðÑfÎ½×�áÅÑ�ÌÍÉèÎ¥ÑfÛ�ò"Ñ¿ËìÉ§ÓñÌÍÉâá�Û��¡æ¥Õ�Û�ÚÜÎ
×�Ð¥ÑfÓ�ßàÛ�çØæ¥ÑÃÑf×àËìÉ§ÓÝÌAé)É§Ì�î¡ÔÖáÅÚ�� Ì�ÑÙÓ�ÑÖÏÖÚÜæÅÓ�Õ  æÅÎ¥ÑÃÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎÿîìÉÜÕ�ÔÖÑÃÕ�æÅÓÝÌ�ÑÖÕàÚÜî¥ÕÀÑfÓ�êÜÉ§×�Û�ÚÜÎ¥ÕðÕdÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕ
áÅÑfê�ÓÀÉ§Û�×øÓ�ÑfÎ¥á�Ó�ÑäÏÖÑfÌÍÉâË¡ÚqÕ�Õ�Û�îÅÌ�Ñ¿Õ�æÅÓøÏ�ÐìÉÜçØæ¥Ñ÷Ó�ÔfòqÛ�ÚÜÎ´ÏÖÚÜæÅê"ÑfÓ�×�ÑèáÅÑ¿Î¥ÑfÛ�ò"Ñ¿Ë¡ÚÜæÅÓ�áÅÚÜÎÅÎ¥ÑfÓøæÅÎ¥Ñ¿Û�Î¥á�Û�ÏpÉ§×�Û�ÚÜÎ�Õ�æÅÓ
ÌAé�ä§ò"Ñ÷áÅÑ�ÌÍÉâÎ¥ÑfÛ�ò"Ñ �
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ÈjÑ�×ÀÉ§îÅÌ�ÑpÉ§æ � �u8 ßðÚÜÎ½×�Ó�Ñ æÅÎ¥Ñ Ì�Ôfò"ïfÓ�Ñ É§ßðÔfÌ�Û�ÚÜÓÀÉ§×�Û�ÚÜÎ
Ë¡ÚÜæÅÓ}ÏÖÑfÓ�×ÀÉ§Û�Î¥Õ ó$Ó°ý½ûfü�Ò�ØÀû÷ËìÉ§ÓñÓÀÉ§ËÅË¡ÚÜÓ�×�É§æ�ÞãêqÉ§Ì�ÑfæÅÓ�Õ}ÚÜîÅ×�Ñ��
ÎØæ¥ÑÖÕøÉÖê"ÑÖÏvÌ�ÑÖÕ}ÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥ÕñîÅÓ�æÅ×�ÑÖÕ}ÚÜæãß� fßðÑ¿ÑfÎÃÕ�Ë¡ÔÖÏfÛ��
�QÉ§ÎØ×�ÌÍÉxËåÔfÓ�Û�Ú�áÅÑqóÜÌÍÉváÅÑfÎ¥Õ�Û�×�Ô}áÅÑñÌÍÉxê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎôÚÜæàÑfÎ¥ÏÖÚÜÓ�Ñ
ÌÍÉ÷×�ÚÜËåÚÜòqÓÀÉ§ËÅÐÅÛ�Ñ��µ×ÀÉ§î ����� Ò � � ÈÊÉäá�Û��®ÔfÓ�ÑfÎ¥ÏÖÑvá®é&ÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ
� �Yv î98"í v ÑÖÕ�×âæÅÎ ßðÑfÛ�Ì�Ì�ÑfæÅÓôÑÖÕ�×�Û�ßôÉ§×�ÑfæÅÓôáÅÑ¬ÌAé&ÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓ
É§æÙáÅÔfîÅæÅ×táÅÑ�ÌAé ÐÅÛ�ê"ÑfÓtÑfÎãËÅÌÍÉ§Û�Î¥Ñ��nîOï âlß�á�ðOñ Ì	��×ÀÉ§Î¥á�Û�Õ�çØæ¥ÑÌÍÉ�á�Û��®ÔfÓ�ÑfÎ¥ÏÖÑ 8"í v î ³ � v ËÅÓ�ÑfÎ¥áðÌÍÉvÓ�ÑfÌ�ïfê"Ñ  ÌÍÉ*�¥ÎãáÅÑ}ÌAé ÐÅÛ��
ê"ÑfÓ��nîOï âfß,á�ð�ñ�ß 7�Ñf×�Ë>� � ÈÊÉãÓ�ÑfÌÍÉ§×�Û�ê"ÑJ
AÉ§Û�îÅÌ�ÑÖÕ�Õ�ÑÝáÅÑÖÕ�ÏÖÚÜÓ��Ó�ÔfÌÍÉ§×�Û�ÚÜÎ¥Õ}Õ�æÅÓ�ÌAé&ÔfËìÉ§Û�Õ�ÕÀÑfæÅÓøáÅÑ�Î¥ÑfÛ�ò"Ñqó�ê�Û�ÑfÎ½×øÉ§æ¥Õ�Õ�Û¡áÅÑvÌAé Û�Î	�
ÏfÌ�æ¥Õ�Û�ÚÜÎjóåá¥É§Î¥Õ�ÌÍÉÙÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎjó®á®é&ÚÜî¥Õ�ÑfÓ�êÜÉ§×�Û�ÚÜÎ¥Õ÷Ó�ÑfÌ�Û�ÔÖÑÖÕ
 ÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓn�µËÅÓ�Û�Î¥ÏfÛ�ËìÉ§Ì�ÑfßðÑfÎ½×âÌÍÉ�á�Û��®ÔfÓ�ÑfÎ¥ÏÖÑãá®é&ÔfßàÛ�ÕÀÕ�Û��
ê�Û�×�ÔÖÕw� �Yv î98"í v � ��u æ¥Õ�Õ�ÛAó�ÌÍÉ ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ ò"ÔfÎ¥ïfÓ�Ñ�áÅÑÖÕ
óxÓ^ýØû¹ü�Ò�Ødû ÏÖÚÜÎ½×�ÑfÎìÉ§ÎØ×´æÅÎ¥Ñ Û�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎ Õ�æÅÓÃÌAé&ÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓ
áÅÑøÎ¥ÑfÛ�ò"Ñ � ÈjÑÖÕ�ÏÖÚÜÓ�Ó�ÔfÌÍÉ§×�Û�ÚÜÎ¥Õ  ÌAé Û�ÎØ×�ÔfÓ�Û�ÑfæÅÓtáÅÑøÏÖÑÖÕ*ó$Ó^ýØû¹ü�Ò$ØÀû
ÑfÎØ×�Ó�ÑâÌ�ÑÖÕ¿ÏpÉ§ÎìÉ§æ�ÞõÑf×¿Ì�ÑÖÕ¿ÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓ�Õ¿Ó�ÑfÌ�Ñfê"ÔÖÑÖÕ÷Õ�ÚÜÎØ×pó¡ËìÉ§Ó
ÏÖÚÜÎ¥ÕÀÔÖç½æ¥ÑfÎØ×pó	
 É§Û�îÅÌ�ÑÖÕ �
{ ÚÜæÅ×�Ñ�
þÚÜÛ�Õ óªÌ�ÑÖÕÝÏpÉ§ÎìÉ§æ�Þ©ÕÀÚÜÎ½×Ý×�ÚÜæ¥ÕèËÅÌ�æ¥ÕâÚÜæ©ßðÚÜÛ�Î¥ÕâÕ�ÑfÎ	�
Õ�Û�îÅÌ�ÑÖÕ  ÌAé&ÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓÝá�æ ßôÉ§Î½×�ÑpÉ§æ � y Ì�ÑÖÕ�×ÝáÅÚÜÎ¥ÏðÛ�ßàË¡ÚqÕ��
Õ�Û�îÅÌ�ÑäáÅÑèËÅÓ�ÚØá�æÅÛ�Ó�ÑÝæÅÎ¥ÑÝÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ áÅÚÜÎ½×�Ì�ÑÖÕ�ó$Ó^ýØû¹ü�Ò$ØÀû

Î¥ÑàÏÖÚÜÎ½×�Û�ÑfÎ¥á�ÓÀÉ§Û�ÑfÎØ×äËìÉÜÕ÷á®é Û�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎëÐ}�	Ö§û¹ü�Ò$Ødù\Ö�Ø¹ùxÕ�æÅÓ�ÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ �Êw É§Ó÷ÏÖÚÜÎ¥Õ�ÔÖçØæ¥ÑfÎ½×póªÉ��¥Î á®é&ÚÜîÅ×�ÑfÎÅÛ�Ó
æÅÎ¥ÑÝÛ�Î½×�ÑfÓ�ËÅÓ�Ôf×ÀÉ§×�Û�ÚÜÎ ËÅÐ���Õ�Û�çØæ¥ÑÝÛ�Î½×�ÔfÓ�ÑÖÕ�ÕdÉ§Î½×�ÑàáÅÑÖÕ�ó$Ó°ý½ûfü�Ò�ØÀûfóåÛ�Ìl
AÉ§æÅ×Q
AÉ§Û�Ó�ÑÝáÅÑÖÕvÏÖÚÜÎ¥ÏÖÑÖÕÀÕ�Û�ÚÜÎ¥Õ¿Õ�æÅÓvÌÍÉôçØæìÉ§Ì�Û�×�Ô
áÅÑ¿ÌAé Û�ÎØê"ÑfÓ�Õ�Û�ÚÜÎ �
u Û�Î¥Õ�ÛÊÌ�ÑÖÕxÉ§ËÅ×�Û�×�æ¥áÅÑÖÕváÅÑ÷ÏÖÑÖÕxáÅÑfæ�Þ�á�Û��®ÔfÓ�ÑfÎ¥ÏÖÑÖÕxá®é&ÔfßàÛ�ÕÀÕ�Û�êØÛ�×�ÔÖÕ  ×�ÓÀÉÜÏÖÑfÓ�ÌAé&ÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓxÕ�æÅÓxáÅÑfæ�Þ�ËåÔfÓ�Û�Ú�áÅÑÖÕ

á�Û��®ÔfÓ�ÑfÎ½×�ÑÖÕ�áÅÑøÌAé ÐÅÛ�ê"ÑfÓ�Õpé&ÚÜî¥Õ�ÑfÓ�ê"Ñ  Î¥ÚÜæÅê"ÑpÉ§æôßôÉ§Û�ÕzáÅÑ}ßôÉ§ÎÅÛ�ïfÓ�Ñ}ËÅÌ�æ¥ÕzÕÀÑfÎ¥Õ�Û�îÅÌ�ÑÖÕ�òqÓNäÜÏÖÑ  ÌÍÉ¿ÏfÌÍÉÜÕÀÕ�Û��ìÏpÉ§×�Û�ÚÜÎx �
ÈÊÉ��¥òqæÅÓ�Ñ � �-í ËÅÓ�ÔÖÕÀÑfÎ½×�ÑèÌAé Û�Î½ê"ÑfÓ�Õ�Û�ÚÜÎ áÅÑÖÕvÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�ÕváÅÑ÷Î¥ÑfÛ�ò"ÑèËåÚÜæÅÓxÌ�ÑÖÕ�×�Ó�ÚÜÛ�Õ�ó$Ó°ý½ûfü�Ò�ØÀûÝËÅÓ�ÔÖÕ�ÑfÎ½×ÀÉ§ÎØ×¿Ì�ÑÖÕ

ßðÑfÛ�Ì�Ì�ÑfæÅÓ�ÑÖÕñÏÖÚÜÓ�Ó�ÔfÌÍÉ§×�Û�ÚÜÎ¥ÕøÉÖê"ÑÖÏxÌÍÉ÷á�Û��®ÔfÓ�ÑfÎ¥ÏÖÑxá®é&ÔfßàÛ�ÕÀÕ�Û�êØÛ�×�ÔÖÕ�� �Yv î98"í v �µ×ÀÉ§î � � �u8 � ��� ÎÙÉ§Ì�ò"ÚÜÓ�Û�×�ÐÅßðÑxËÅÓ�ÚÜËÅÓ�Ñ
 ÏÀÐìÉÜç½æ¥Ñ�óxÓ^ýØû¹ü�Ò�ØâîìÉÜÕ�ÔäÕ�æÅÓ}ÌÍÉàá�Û��®ÔfÓ�ÑfÎ¥ÏÖÑ�� �Yv î98"í v ÑfÎ´ÏÀÐ¥ÑfÓ�Ï�ÐìÉ§ÎØ×xÌ�ÑÖÕxÏÖÚØÑ��ôÏfÛ�ÑfÎØ×�Õ�á®é)É�¦Cæ¥Õ�×�ÑfßðÑfÎ½×�áÅÑ�ÌÍÉ
Ó�ÑfÌÍÉ§×�Û�ÚÜÎ�Ì�Û�Î¥ÔpÉ§Û�Ó�Ñ��

SD = a0 + a1 · (e19H − e37H)
óÅÕ�Ë¡ÔÖÏfÛ��ìç½æ¥ÑfßðÑfÎØ×  ÏÀÐìÉÜç½æ¥Ñ�ó$Ó^ýØû¹ü�Ò$Ø �

u ËÅÓ�ïÖÕzÛ�Î½ê"ÑfÓ�Õ�Û�ÚÜÎjó½ÌÍÉäÏÖÚÜÓ�Ó�ÔfÌÍÉ§×�Û�ÚÜÎÙÑfÎØ×�Ó�Ñ�Ì�ÑÖÕ�ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�Õ�Ó�ÑÖÏÖÚÜÎ¥Õ�×�Ó�æÅÛ�×�ÑÖÕ�Ñf×�Ì�ÑÖÕ�ÔfËìÉ§Û�Õ�ÕÀÑfæÅÓ�Õ�ßðÑÖÕ�æÅÓ�ÔÖÑÖÕ�ù ú¬û¹ùµüþý
ÑÖÕ�×záÅÑ!� � ó\� 8��"� Î¥ÑñËÅÓ�Ú�ÏÖÔÖá�æÅÓ�ÑøÕ�Û�ßàÛ�ÌÍÉ§Û�Ó�Ñ}Ë¡ÚÜÓ�×�Ñ}Õ�æÅÓ�ÌÍÉ�á�Û��®ÔfÓ�ÑfÎ¥ÏÖÑ 8"í v î ³ � v Ñf×zá¥É§Î¥ÕzÏÖÑøÏpÉÜÕzÌÍÉ�ÏÖÚÜÓ�Ó�ÔfÌÍÉ§×�Û�ÚÜÎ

y�z ��¹�³°«�¸�²º.£J¤¦¥§�,����¨|{0 �£Äº.£�}�B¸¢B��£°�s ¢«�¨�¥�¨���£� ¢��£J·¬¯�¨�¥§¥�£�º¢£�®.¯�,«�,«�~.®c£¦�#�2�¬�sÅE�4£°«�«�£�º¢¨���®cB��¨ª«�¨�B�z£¦�s¤n�¬¯�«�£Äº¢£�}�B¸¢B��£°�®c£°¯�¹�£°«ÄºHµ £°Â²«�¯¾�,¨ª¯�£¡º¢£¦ .Â��¬Â.£¦�Äº¢£�±B��¯�¨?�¬»�¨�¥�¨ª«�³7{0 ¢¨�®c, ¢¯�¯¾�¬¨§£°�²«��°«�¯�£�¥�¨�³¦�¦´�®*�¬¯�£gÂ¢£°¹�®�¥�£B´¢�s¥§�v±Ç³¦·,³°«¾�¬«�¨�B�R£°«Ä�, R¯�£°¥§¨�£U�GÅ
�  ¢¨§�
{0 ¢£�¥§�½¹�³°«�¸¢²º¢£�º.£-}�,¸�,��£¦�Q�¦µ �¬®�®¢¥§¨|{0 �£�Á½ ��¢£�·,¯�¨�¥�¥�£¡º¢¨���®cB��³°£��� ¢¯� ��Q®�¥§�,��´¢º¢£¦�J«�£¦�0«¾��«�¨§±B£¦��º¢£�¤°¥?�¬����¨ª©*¤n��«�¨§,����Áº¢£° ¢Â�º¢¨�¹�£¦�¢��¨�B���4B�0«�³°«�³��V�,¨ª«�£¦�¦ÅY�[�,¨���¤¦£¦¥§�s¨�¹�®�¥�¨|{0 �£Ä»c£n�, ¢¤¦B ¢®R®¢¥§ ¢��º¢£���� �W�S�����S��Å z £���,¹s»¢¯�£�«�,«¾�¬¥�� �¡³°«�³�©¢Â.³�Á��

×
��n±Ç£¦¤¡¥�£¦��¤¦�,�*�¬ ¢Â[º¢³°©���¨���®¢¥� ��Ä¸*�, .«+���F���¼´#�1�@�½´#�j�p�ê£°«-���h���n±Ç£¦¤¡£¦��®¢¥§ ¢�+�������E�ê®cB .¯�«�£°�²«�£g¯�º.£¼¹�£g«�«�¯�£�£¦��³¦±²¨§º¢£¦�¢¤¦£ ��¢£�¨����� �£¦�¢¤¦£�º¢£°��º.¨¡ H³°¯�£¦��¤°£¦�Äº¢£�®c,¥?��¯�¨����¬«�¨�B��Åz �R¤¦¥§�¬����¨�©�¤n�¬«�¨�,� ÁRº¢£¦ .Â(º.¨�¹�£¦����¨�B�¢��®c£°¯�¹�£°« ¢%£¦¥�¥�£�º¢£l�V�,¨ª¯�£�¯�£¦����,¯�«�¨ª¯sº�µ �, .«�¯�£¦�¡�Ã«�¯� �¤°«� .¯�£¦�¼º¢£�º.³¦®c£¦��º��,�¢¤¦£v£¦�0«�¯�£�¥�£¦���� �W�
�������N£z £¦�]·¬¯¾�,®¢¸�£¦��º.£¦�7¤¦�,�*�¬ ¢Âl�������E�½´p�j�p�<£°«�j�p�F¹�B�0«�¯�£¦�0«O ���£#±,�¬¯�¨§�,»¢¨§¥�¨ª«�³�º.£:¤¦,¹�®c,¯�«�£¦¹�£°�²«7Á�¥§�j{0 �£¦¥�¥�£J¥§���¬�<�Oµ �,®¢®c,¯�«�£¯�¨�£¦�OÅ � ��¯z¤¦B�0«�¯�£B´4º¢£¦�s®�¤B¥�£¦���,®¢®*�¬¯¾�¬¨�����£¦�0«Q®c, ¢¯�¥�£¦�z³¦¹�¨�����¨�±²¨ª«�³¦���F�p��£°«z¥§�E¯�³g«�¯�²º¢¨¡ H ���¨�B��Å��[�¬¨��²«�£°�*�,�0«n´#£¦�<®¢¯�£¦���,�0«®cB .¯�¤¾¸*�¬¤¦ ���º.£¡¤¦£¦�l��� �W�
�����S�½¥�£¡«�~.®c£¡¹z��¿À,¯�¨ª«¾�,¨ª¯�£sº¢£¡±Ç³¦·,³°«¾�¬«�¨�B���¶��£¦¥�,�¥�[��«�«�¸�£U¦��S��£°«�º¢£¼��£¦¨�·B£!�¶��£¦¥�B�&�0«� ¢¯�¹!�g´.£°«�£°�¤¦,¹�®*�¬¯¾�¬�0«7¥�£¦�Oº¢¨��Ã«�¯�¨�»� .«�¨§,���O¥2µ  ¢��£#�,®.¯
§¦�7¥¶µ �, .«�¯�£4�n±Ç£¦¤a¥§��¤¦¥§�,����¨ª©*¤¦�¬«�¨�B���¬�FB».«�£¦�² �£B´°¥¶µ �,º¢³F{0 ��¬«�¨�B�¡£¦�Ã«7·B¥�B»��,¥�£¦¹�£¦�0«m�¶�,¨�»¢¥§£,Å

¨ , ¢«�£U�^B¨��¦´�¤¦£¦¥�¥�£U¢%¤¦¨��¬«�«�£°¨§�0«-��©Eª �n±Ç£¦¤��F�p���E�¼´�¢��j�jªq�n±Ç£¦¤��F�p�S£g«�¢��j�jª �n±Ç£°¤��j�p� ¥�,¯��
{0 Oµ B��¤¦,¹�®*��¯�£½¥§��¤¦¥§�,����¨ª©*¤¦�¬«�¨�B��n±Ç£¦¤Ä¤¦£¦¥�¥�£�º.£��[��«�«�¸�£U¦�����«&¬��\�_h��®�7���F�j���E� �gÅ]�4£¦¥§�¡¤¦B�.©�¯�¹�£�¥¶µ ¨§�]�* ¢£¦��¤¦£Ä¨�¹�®c,¯�«¾�¬�²«�£Äº.£Ä¥§�¡±Ç³¦·,³°«¾�¬«�¨�B��º¢�,���:¥§�¼¤¦,�*º. �¨ª«�£º¢£�¥?�v¤°¥?�¬����¨ª©*¤n��«�¨§,�OÅ¯ ¨�����¨*¥¶µ  ¢«�¨�¥�¨����¬«�¨�B�Qº¢£�º¢£° ¢Âsº¢¨�¹�£¦����¨�,���#¥§¬¯���º�µ  ¢��£�¤¦¥§�,����¨ª©*¤¦�¬«�¨�B�Q®¢¯�³¦��£¦�0«�£�¥¶µ ��±,�,�0«¾�¬·B£�º.£�{² ��,¥�¨ª©*£°¯4¥¶µ ¨��0«�£°¯¾º.³¦®c£¦�*º¢�,�¢¤¦£º¢£°�k��� �W�S�����S��´�¹z�¬¨��4¯�£¦�*º�¥�£¦ .¯�¨��²«�£g¯�®¢¯�³°«¾��«�¨§,�Q®¢¸E~¢��¨|{0 �£�®¢¥§ ¢���¬¯¾º. �£BÅ�°��z¤¾¸�,¨§��¨�º.B��¤�º�µ  .«�¨§¥�¨���£°¯Äº.£¦�J®¢¯�¬«�,«�~¢®c£°�J,¯�·B�,��¨���£¦���£¦¥�B�[º¢£¦��¨��*º.¨§¤°£¦�Ä�*�¦�sÅ
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jYZ:W�TYS�kx{f�¯jYS$W^],rPE�kJE�U(�ojzd,EHS�Uµk�s

� Î¥ÑäßðÔf×�Ð¥Ú�áÅÑâáÅÑèÏfÌÍÉÜÕÀÕ�Û��ìÏpÉ§×�Û�ÚÜÎ áÅÑÖÕvá�Û��®ÔfÓ�ÑfÎ½×�ÑÖÕ¿ÚÜî¥ÕÀÑfÓ�êÜÉ§×�Û�ÚÜÎ¥Õ�ÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕ  ÌAé&ÔÖÏ�Ð¥ÑfÌ�Ì�ÑâòqÌ�ÚÜîìÉ§Ì�ÑÝêØÛ�ÑfÎØ×
á®é/ f×�Ó�Ñ�ËÅÓ�ÔÖÕ�ÑfÎØ×�ÔÖÑ �Å~ Ì�Ì�ÑvËåÑfÓ�ßðÑf×ñæÅÎ¥Ñ�Õ���Î½×�Ð¥ïÖÕ�Ñ�áÅÑÖÕñá�Û�ê"ÑfÓ�Õ�ÑÖÕñÛ�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎ¥ÕøÏÖÚÜÎ½×�ÑfÎØæ¥ÑÖÕøá¥É§Î¥ÕñÌ�ÑÖÕñáÅÚÜÎ	�
Î¥ÔÖÑÖÕÝÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕ ��¶ ÚÜßàßðÑÙÏÖÑfÌÍÉ  Ôf×�ÔàßðÚÜÎ½×�Ó�ÔÙá¥É§Î¥Õ÷Ì�Ñ ¶ ÐìÉ§ËÅÛ�×�Ó�Ñ � ójÌAé Û�Î	
 ÚÜÓ�ßôÉ§×�Û�ÚÜÎ Õ�æÅÓ÷Ì�ÑðßôÉ§ÎØ×�ÑpÉ§æ
Î¥ÑfÛ�ò"Ñfæ�ÞèÑÖÕ�× ÏpÉÜÏÀÐ¥ÔÖÑtá¥É§Î¥ÕªÌ�ÑÖÕ ÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥ÕªÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕ �Y¶ Ñf×�×�ÑtßðÔf×�Ð¥Ú�áÅÑ�Ñ¹Þ�×�ÓÀÉ§Û�×ªæÅÎ¥Ñ�ËìÉ§Ó�× Û�ßàËåÚÜÓ�×ÀÉ§ÎØ×�Ñ
áÅÑ�ÌAé Û�Î	
þÚÜÓ�ßôÉ§×�Û�ÚÜÎâáÅÑzÌÍÉ}ÏÖÚÜßàËÅÌ�Ñ¹Þ�Û�×�ÔtáÅÑÖÕÊÕ�Û�òqÎìÉ§×�æÅÓ�ÑÖÕpó§ÑfÎ÷æÅ×�Û�Ì�Û�ÕÀÉ§ÎØ× á�Û��®ÔfÓ�ÑfÎ½×�ÑÖÕ Ì�ÚÜÎÅòqæ¥ÑfæÅÓ�Õ á®é&ÚÜÎ¥áÅÑzË¡ÚÜæÅÓ
É§Û�áÅÑfÓ  ãBÜ�¿�À�Æ,Æ�ÜaÈµÅ^Æ�ÈµÅ�Ê�ãuÃ�·&Ü�Æ�ÅaÄFÍ�Å^Ê�Ê�À>ÉBÆ�¿�Å�Ê�ãBÅ¯ËPÌPÆ,ÃµÌPÂDÃµÈLÃ�Í�Ü^Ê ËÅÓ�ÔÖÕ�ÑfÎ½×�ÔÖÑÖÕvÉ§æ ¶ ÐìÉ§ËÅÛ�×�Ó�Ñ + �
ÈÊÉvÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎàÉøßàÛ�Õ ÑfÎÝÔfê�Û�áÅÑfÎ¥ÏÖÑñáÅÑÖÕ Õ�×�Ó�æ¥Ïf×�æÅÓ�ÑÖÕ ÏÖÚÜßàßèæÅÎ¥ÑÖÕ�Ñf× áÅÑÖÕ ÏÖÚÜßàË¡ÚÜÓ�×�ÑfßðÑfÎ½×�ÕzÕ�ËåÔÖÏfÛ��ìçØæ¥ÑÖÕ
á¥É§Î¥Õ¿ÏÖÑÖÕ¿á�Û��®ÔfÓ�ÑfÎ½×�ÑÖÕ÷áÅÚÜÎÅÎ¥ÔÖÑÖÕäÕÀÉ§×�ÑfÌ�Ì�Û�×�ÑÖÕ¿ç½æÅÛ�ÚÜÎØ×¿É§Û�Î¥Õ�Û Ôf×�ÔÝÓ�ÑfòqÓ�ÚÜæÅË¡ÔÖÑÖÕ÷ÑfÎõÐ½æÅÛ�×�ó$Ó°ýØû¹ü�Ò�Ødû ��¶ Ñfæ�Þa� ÏfÛ
ßðÚÜÎØ×�Ó�ÑfÎ½×ðáÅÑÖÕÝÓ�ÔfËìÉ§Ó�×�Û�×�Û�ÚÜÎ¥Õâò"ÔÖÚÜòqÓÀÉ§ËÅÐÅÛ�ç½æ¥ÑÖÕðÉ§æëÏÖÚÜæÅÓ�ÕÝáÅÑôÌAé ÐÅÛ�ê"ÑfÓàÏÖÚÜÐ¥ÔfÓ�ÑfÎ½×�ÑÖÕðÉpê"ÑÖÏ¬ÏÖÑôçØæÅÛtÑÖÕ�×âÉ§×��
×�ÑfÎ¥á�æ áÅÑÖÕäÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ¿ßàÛ�ÏfÓ�Ú,� ÚÜÎ¥áÅÑÖÕpóÊÏÖÚÜÎ	
 ÚÜÓ�ßðÔfßðÑfÎ½×  ÏÖÑàçØæÅÛ�É¬Ôf×�ÔðÔf×ÀÉ§îÅÌ�Û�ÉÖê"ÑÖÏðÌ�ÑÖÕ÷Õ�Û�ßäæÅÌÍÉ§×�Û�ÚÜÎ¥Õ
á�æ ¶ ÐìÉ§ËÅÛ�×�Ó�Ñ¸� �
� Î¥ÑäÉ§ßðÔfÌ�Û�ÚÜÓÀÉ§×�Û�ÚÜÎ�áÅÑÖÕ�ÏÖÚÜÓ�Ó�ÔfÌÍÉ§×�Û�ÚÜÎ¥ÕxÑfÎØ×�Ó�Ñ¿Ì�ÑÖÕøÚÜî¥Õ�ÑfÓ�êqÉ§×�Û�ÚÜÎ¥Õ�Ñf×}Ì�ÑÖÕ}ßðÑÖÕ�æÅÓ�ÑÖÕ÷ùµú�ûdùþüþý´É§ËÅËìÉ§ÓÀÉ�®�×vÉpê"ÑÖÏ
ÌÍÉÃÏfÌÍÉÜÕÀÕ�Û��ìÏpÉ§×�Û�ÚÜÎ Î¥ÚÜÎ	� Õ�æÅË¡ÑfÓ�ê�Û�Õ�ÔÖÑðÔf×ÀÉ§îÅÌ�Û�ÑqóÊÏÖÑf×�×�ÑãÉ§ßðÔfÌ�Û�ÚÜÓÀÉ§×�Û�ÚÜÎ©ÑÖÕ�×èÏfÌÍÉ§Û�Ó�ÑfßðÑfÎ½×äÛ�Î¥Õ�æ	�ôÕÀÉ§Î½×�ÑãÑfÎ Ó�Ñ��
ò½É§Ó�áÃáÅÑÖÕñÓ�ÔÖÕ�æÅÌ�×ÀÉ§×�Õ�Ôf×ÀÉ§îÅÌ�Û�Õ}á¥É§Î¥Õ}ÌÍÉÝáÅÑfÓ�ÎÅÛ�ïfÓ�Ñ�ËìÉ§Ó�×�Û�Ñ¿á�æ ¶ ÐìÉ§ËÅÛ�×�Ó�Ñ � Ë¡ÚÜæÅÓøÑfÎ½ê�Û�ÕÀÉ§ò"ÑfÓ}æÅÎ¥ÑvÛ�Î½ê"ÑfÓ�Õ�Û�ÚÜÎ
ÕÀÉ§×�Û�Õ�
 É§Û�ÕÀÉ§ÎØ×�Ñ �
� ÔpÉ§ÎÅßðÚÜÛ�Î¥ÕpóØÌÍÉ÷ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ¬çØæÅÛìê�Û�ÑfÎ½×�á®é/ f×�Ó�ÑQ
AÉ§Û�×�ÑøË¡ÑfÓ�ßðÑf×�æÅÎ¥Ñ ÃLÄFÍ�Å�Æ�ÇuÆ�Ü^Í�Ì	Í�ÃµÀ>Ä¤Ç�¹�ºfÊ�Ã�»fÉBÅ�¿^ÀPí
¹BÜ^Æ,Å�ÄFÍ�Å áÅÑÖÕ�ËÅÓ�Ú�ÏÖÑÖÕ�Õ�æ¥Õ Û�Î½×�ÑfÓ�ê"ÑfÎìÉ§ÎØ×tá¥É§Î¥ÕzÌ�ÑñßôÉ§Î½×�ÑpÉ§æôÎ¥ÑfÛ�ò"Ñfæ�Þà×�ÚÜæÅ×�É§æàÌ�ÚÜÎÅòäáÅÑñÌAé ÐÅÛ�ê"ÑfÓ�ÑfÎ�
 É§Û�ÕÀÉ§ÎØ×É§ËÅËìÉ§ÓÀÉ�®�×�Ó�Ñ}Ì�ÑtÓH§ÜÌ�ÑñÛ�ßàË¡ÚÜÓ�×ÀÉ§Î½×�áÅÑtÌÍÉxê"Ôfò"Ôf×ÀÉ§×�Û�ÚÜÎôá¥É§Î¥Õ Ì�ÑÖÕ�Õ�Û�òqÎìÉ§×�æÅÓ�ÑÖÕ�ÚÜî¥Õ�ÑfÓ�êÜÉ§×�Û�ÚÜÎÅÎ¥ÑfÌ�Ì�ÑÖÕ ��¶ é&ÑÖÕ�×�áÅÚÜÎ¥Ï
æÅÎ¥Ñ�ÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎ¬Î¥ÚÜæÅê"ÑfÌ�Ì�Ñqó�ÕÀÉ§Î¥Õ6ÐQ�>Ø¹ù\Ö�ØdùzçØæÅÛ¡ÑÖÕ�×�ËÅÓ�ÚÜË¡ÚqÕ�ÔÖÑxÛ�ÏfÛ �¶ ÑfÌ�Ì�Ñ�� ÏfÛåÛ�ÎØ×�ïfòqÓ�ÑvÌ�ÑÖÕ�ËÅÐ¥ÔfÎ¥ÚÜßðïfÎ¥ÑÖÕ
áÅÑ Á[Ü�Í�Ì�Á~À�Æ,Ç�¹uÃµÊ�Á[Å çØæÅÛjÎjé&Ôf×ÀÉ§Û�ÑfÎ½×�ËìÉÜÕxËÅÓ�Û�Õ�ÑfÎ�ÏÖÚÜßàËÅ×�ÑÝá¥É§Î¥ÕxÌÍÉàÏfÌÍÉÜÕ�Õ�Û��ìÏpÉ§×�Û�ÚÜÎõáÅÑXfQüþýaØ�æ Òfü%Ð�ÓYÔ
��� ��� � � � ÈÊÉàÕ�ÑfÎ¥Õ�Û�îÅÛ�Ì�Û�×�ÔäáÅÑÖÕøÔfßàÛ�Õ�Õ�Û�ê�Û�×�ÔÖÕ �³ �ô� v #äÉ§æ�Þ�
 É§Û�îÅÌ�ÑÖÕxÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�Õ}Ó�ÑfÎ¥ÏÖÚÜÎØ×�Ó�ÔÖÑÖÕxÕ�æÅÓ�×�ÚÜæÅ×�ÑfÎ
áÅÔfîÅæÅ×�áÅÑ}ÕdÉ§Û�Õ�ÚÜÎàÑf×�É§æàßðÔf×ÀÉ§ßðÚÜÓ�ËÅÐÅÛ�Õ�ßðÑ�ÑÖÕ�×  Î¥ÚÜæÅê"ÑpÉ§æðê"ÔfÓ�Û��ìÔÖÑ �9¶ Ñ}ÏpÉ§ÎìÉ§Ì¥á®é&ÚÜî¥Õ�ÑfÓ�êÜÉ§×�Û�ÚÜÎãÏÖÚÜÎ	�¥Ó�ßðÑ
áÅÚÜÎ¥Ï÷ÕÀÚÜÎ�ËåÚÜ×�ÑfÎØ×�Û�ÑfÌÊÑf×�Õ�ÚÜÎ�ÏÖÚÜÎØ×�ÑfÎ½æ�ÑfÎ�Û�Î	
þÚÜÓ�ßôÉ§×�Û�ÚÜÎ�Õ�æÅÓ}Ì�Ñ�ßôÉ§Î½×�ÑpÉ§æ�Î¥ÑfÛ�ò"Ñfæ�Þ �
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¶ ÑÖÕj×�ÓÀÉÖêqÉ§æ�ÞäÚÜÎ½× Ôf×�ÔzÌAé&Ú�ÏÖÏpÉÜÕ�Û�ÚÜÎèá®é æÅÎ¥Ñ Ì�ÄlÌ�È�ºfÊ�Å"ÊEºfÊxÍ�ÜaÁ[Ì	Í�Ã�»fÉlÅ"Å�Í(À>Â�ÀxÅ^¿�Í�Ã�ËFÅ�Á�È4ê�Ü�¿h¹BÅ�ÈLÈµÅ�ÂFÈµÀ�ÂuÌ�È�Å
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Abstract.
The sensitivity of passive microwave satellite observations to snow characteristics is

evaluated, between 19 and 85 GHz, for a winter season, for the Northern Hemisphere.
The surface emissivities derived from the Special Sensor Microwave /Imager measure-
ments are systematically compared with in situ snow measurements at 2784 stations, in
North America and Eurasia. In addition, coincident satellite responses from active mi-
crowave sensors (ERS scatterometer) and visible observations (AVHRR) are also ana-
lyzed. Passive microwaves at high frequency (85 GHz) are very sensitive to the presence
of snow on the ground, even for very low snow depth. None of the tested satellite mea-
surements is well correlated to the snow depth at a global scale, making snow depth re-
trieval from these observations very difficult. The sensitivity of the satellite observations
to snow characteristics depends on local conditions. An inversion scheme based on lo-
cal statistics is presented and shows the potential of microwave satellite observations for
assimilation in a land surface model at a global scale. Finally, a clustering of the suite
of satellite measurements is developed and helps characterize the different snow types
and their dynamics.

1. Introduction

The land area covered by snow in the Northern Hemi-
sphere ranges from ∼4.106 km2 at its minimum in August
to ∼ 47.106 km2 at its maximum in January [Robinson et al.,
1993]. Because of its high albedo, snow extent is a primary
factor controlling the amount of solar radiation absorbed
by the Earth. Even a shallow snow cover can increase the
albedo of a bare landscape from 0.2 to 0.8. Any decrease
in snow cover related to a warming trend would result in
increased absorption of solar radiation, melting the snow
and inducing a positive feedback. As a consequence, the
cryospheric components of the climate are regarded as sen-
sitive indicators of changes. Snow cover also interacts with
and modifies the overlying air masses, considerably influenc-
ing the atmospheric circulation, not only in polar regions
but also at mid-latitudes, making assimilation of observa-
tions in polar regions crucial for Numerical Weather Predic-
tion (NWP) models. Not only the snow cover but the snow
depth, its albedo and other thermal characteristics are of
importance in the interaction with the atmosphere [Gong et
al., 2004]. In addition, snow is a dominant source of delayed
water supply in the Northern regions, with large impact on
the global hydrological budget. Sud and Mocko [1999] insist
on the influence of the snow melting processes on modeled
soil moisture.

Copyright 2005 by the American Geophysical Union.
0148-0227/05/$9.00

A snowpack is a complex medium with large spatial and
temporal variability [Frei and Robinson, 1999]. It can con-
sist of several layers having different densities and crystal-
size distributions. The properties of these layers reflect
the snowpack’s history and relate to location and elevation.
Sturm et al. [1995], for instance, suggest separating the snow
into six classes: tundra, taiga, alpine, maritime, prairie, and
ephemeral, each type having a unique ensemble of textu-
ral and stratigraphic characteristics, including the sequence
of snow layers, their thickness, density, crystal morphology,
and grain.

Unfortunately, conventional measurements in remote po-
lar areas are sparse, thus limiting the ability to accurately
monitor the snow characteristics, its coverage, its depth,
and season length. In addition, the representativity of point
measurements for regional applications is often questioned.
Satellite observations provide a unique opportunity to con-
tinuously monitor the whole polar region at regional scales.

Microwave radiation responds to snow properties such
as density, depth, crystal-size distribution, vertical temper-
ature gradient, surface wetness, melting-refreezing cycles,
and embedded or covering vegetation. The responses of mi-
crowave radiation to these surface characteristics are usually
highly dependent on frequency. An extensive amount of re-
search has been directed toward a better understanding of
the mechanisms responsible for the microwave emission of
snow, both modeling analysis and ground based or aircraft
experiments. Modeled microwave emissivities of snow are
particularly sensitive to snow water equivalent, grain size,
and snow wetness. The dielectric losses in dry snow are very
small, so the extinction coefficient is dominated by scatter-
ing, this effect being stronger at shorter wavelengths, for

1
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larger particles and drier snow. The first numerical results
for dry snow used conventional Mie scattering theory and
predicted a steep decrease of the brightness temperatures
with grain size [e.g., Chang et al., 1976]. Calculations us-
ing dense-medium theory show that the scattering is less
than predicted with the assumption of independent scatter-
ing assumed by the Mie scattering theory [e.g., Tsang, 1992].
Large differences in the dielectric properties of liquid and
frozen water at microwave frequencies produce substantial
variations of the snow emissivity with wetness and melting.
With increasing wetness, the dielectric losses become large
and the scattering negligible. Wet snowpacks radiate like
black bodies at the physical temperature of the upper snow
layer. In the spring, snow undergoes melting and refreezing
cycles during which large spherical grains are formed. Grain
sizes can increase by a factor of 2-3 by the end of the winter
[Sturm et al., 1997]. Thus, the microwave signature of the
snowpack varies between black body behavior for wet snow
to high reflectivities due to strong volume scattering by the
large inhomogeneities. This effect is especially sensitive at
higher frequencies. Field experiments have been conducted
to analyze the snow emissivity with respect to the charac-
teristics of the snowpack. The University of Bern has been
particularly active with ground-based measurements in the
Alps [e.g., Schanda et al., 1983; Matzler, 1994], while sev-
eral aircraft measurement campaigns have been conducted
in Finland by the University of Helsinki and by the UK Met
Office [e.g., Kurvonen and Hallikainen, 1997; Hewison and
English, 1999]. Measurements confirm the large variability
of the snow emissivities with snow characteristics and his-
tory. Matzler [1994] measures emissivities of various land-
scapes in winter between 5 and 100 GHz at 50◦ incidence and
searches for specific microwave signatures that would enable
unambiguous retrieval of snow parameters from microwave
observations. He concludes that estimation of snow water
equivalent is not feasible solely from passive microwave ob-
servations in this range. However, snow cover can be discrim
inated from other surfaces, even for fresh powder snow when
using the higher frequencies. Passive microwave satellite ob-
servations over snow have been used to estimate snow cover
and depth [e.g., Kunzi et al., 1982; Chang et al., 1987; Hall
et al., 1991; Foster et al. 1996 a; Grody and Basist, 1996;
Pulliainen and Hallikainen, 2001; Josberger and Mognard,
2002], with the substantial advantages over visible obser-
vations that the microwave observations do not depend on
the solar illumination, are not limited to cloud-free areas,
and are sensitive to snow depth. However, global applica-
tions of snow depth algorithms are questioned and several
studies have suggested the need for regionally-specific ad-
justments [Foster et al., 1996 b; Robinson and Spies, 1994]
or adding extra information in the retrieval process (e.g.,
land classification, topography, air temperature [Singh and
Gan, 2000] or temperature history [Josberger and Mognard,
2002]). In addition, compared to visible or infrared obser-
vations, microwave observations have coarser spatial reso-
lution, creating problems when interpreting heterogeneous
footprints that cover mixtures of surface types and snow
characteristics.

The objective of this study is to investigate the sensitivity
of passive microwave satellite observations between 19 and
85 GHz to snow properties on a global basis for a whole win-
ter with the help of ancilliary information to better charac-
terize the pameters that influence the microwave responses
over snow. Passive microwave information is provided by
the SSM/I from which the microwave land surface emissiv-
ities have been calculated [Prigent et al., 1997; 2001]. The
in situ snow measurements, the satellite observations and
the ancillary data sets are described in section 2. Section 3
presents the observation analysis, with special emphasis on
the spatial and temporal variability of the emissivity over
snow-covered regions. Section 4 examined the possibility
to retrieve snow depth and water equivalent from satellite
observations. In addition, a snow classification based on
microwave emissivity is proposed in Section 5 and is com-
pared to the classification of Sturm et al. [1995]. Section 6
concludes this study.

2. passive Microwave Satellite Observations,
In Situ Measurements, and Ancilary Data
Sets

Passive microwave satellite data are examined in coinci-

dence with a large data set of in situ snow measurements.

Ancillary information concerning vegetation and topogra-

phy will help analyze the microwave signal. The Sturm et

al. [1995] classification will give insight into the snow mi-

crophysical properties. For comparison purposes, coincident

ERS scaterometer observations and visible reflectances will

also be analyzed.

2.1. Passive Microwaves: SSM/I Emissivities Between
19 and 85 GHz

The SSM/I instruments on board the Defense Meteoro-

logical Satellite Program (DMSP) polar orbiters observe the

Earth twice daily at 19.35, 22.235, 37.0, and 85.5 GHz with

both vertical and horizontal polarizations, with the excep-

tion of 22 GHz which is vertical polarization only. The ob-

serving incident angle is close to 53◦, and the fields of view

decrease with frequency, from 43 km × 69 km to 13 km

× 15 km [Hollinger et al., 1987]. Brightness temperatures

are often directly used in snow characterization algorithms.

They include the contribution from the atmosphere and po-

tentially from clouds. Microwave emissivities of land sur-

faces have been estimated from SSM/I observations by re-

moving contributions from the atmosphere, clouds, and rain

using ancillary data from the International Satellite Cloud

Climatology Project (ISCCP) [Rossow and Schiffer, 1999]

and the NCEP reanalysis [Kalnay et al., 1996]. Cloud-free

SSM/I observations are first isolated using collocated visi-

ble/infrared satellite observations (ISCCP data). The cloud-

free atmospheric contribution is then calculated from an es-

timate of the local atmospheric profile from NCEP reanaly-

sis. Finally, with the surface skin temperature derived from

IR observations (ISCCP estimate), the surface emissivity is

calculated for the seven SSM/I channels. See Prigent et al.

[1997; 2001] for more details. The calculated emissivities

are related to the surface properties themselves, decontami-

nated from atmospheric contributions or from modulations

by the surface temperature Ts. They are estimated on an

equal area grid of 0.25◦

× 0.25◦ at the equator. Monthly

mean emissivities (at 53◦ incidence angle) are presented on

Figure 1 a at 19, 37, and 85 GHz for the horizontal polar-

ization, for November 1992, January 1993, and March 1993.

2.2. The In Situ Snow Measurements

Three sources of data are considered: the Canadian Daily

Snow Depth Database established for CRYSYS project from

Environment Canada, the snow depth station measurements

gathered by the National Center for Environmental Predic-

tion in North America and the Historical Soviet Daily Snow

Depth [Armstrong , 2001]. The in situ snow depth measure-

ments cover Canada (2032 stations), USA (552 stations),

and the former Soviet Union (200 stations) during the 1992-

1993 snow season, with an accuracy of 2.54 cm (1 inch) in

the USA and 1 cm elsewhere. The measurements are care-

fully quality-controlled and anomalous measurements are re-

jected. American and nearly 250 Canadian stations include

the air temperature at 2 meters above ground-level.
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Comparisons between satellite and point measurements
are challenging because of the differences in spatial scales
[Brubaker et al., 2000]. In this study, no spatial interpo-
lation has been applied and only coincident measurements
are analyzed. For monthly mean snow depth calculations,
we only consider the stations with at least 10 measurements
during the month. For comparison with the satellite obser-
vations, for each box of the equal area grid of 0.25◦

× 0.25◦

at the equator, the in situ measurements are averaged. Fig.
1 b shows the monthly mean snow depth for November 1992,
January 1993, and March 1993. The in situ measurements
cover a large variety of environments in the Northern Hemi-
sphere, for a whole winter season.

Snow water equivalent is also measured at 672 stations in
Canada, every 2 weeks with an accuracy of 1 mm [Schmidlin,
1990]. These measurements provided by the Canadian Me-
teorological Service result from the depth’s means of the
melt of five coring near the station. The density of new
snow ranges from about 50 kg.m−3 when the air tempera-
ture is low, to about 200 kg.m−3 when the temperature is
close to 0◦C. After the snow falls its density increases due
to gravitational settling, wind packing, melting, and recrys-
tallization. The relationship between snow depth and snow
water equivalent is presented on Figure 2 for all the avail-
able measurements. As the density of the snow changes with
depth, the relationship between snow water equivalent and
snow depth is not linear, with density increasing with snow
depth. In addition, as expected, during the winter season
for a given snow depth, the snow water equivalent increases,
as shown on Figure 2 from the in situ measurements.

The operational NOAA snow data product is also pre-
sented on Figure 1 f, as the percentage time during a month
that a given pixel is snow covered. The NOAA Northern
Hemisphere Weekly Snow and Ice Cover Charts are prepared
by visual inspection of all available visible band satellite im-
agery on a daily basis.

2.3. Ancillary Information

2.3.1. Vegetation Classification and Topography
Matthews [1983] vegetation and land use data set was

compiled from a large number of published sources. At a 1◦

spatial resolution the vegetation classification distinguishes
a large number of vegetation types, that are further grouped
into 9 classes [Prigent et al., 2001]. Associated with the veg-
etation classification is a land use data set that distinguishes
five levels of cultivation intensity, ranging from 0 to 100%
cultivation for 1◦ cells. Combining the vegetation and land
use data set gives information about actual land cover. For
each vegetation class, areas with cultivation intensity greater
than 20% are defined as cultivation, which makes up a tenth
class. For topography information, the Global Land One-
kilometer Base Elevation (GLOBE) digital elevation model
with a 30” spatial resolution is used.
2.3.2. Sturm et al. Snow Classification

A snow cover classification is proposed by Sturm et al.
[1995]. It is a unified compilation of different classifications
in which each class is uniquely defined by a set of textu-
ral and stratigraphic properties of the snow. Six classes are
identified (tundra, taiga, maritime, prairie, mountain, and
ephemeral), each one having representative densities, grain
size, stratigraphy, and thermal properties. Each class is sim-
ply related to climate regime and the snow cover class can be
inferred from routinely measured variables such as wind, air
temperature, and precipitation. The derived classification
is available with a 0.5◦ spatial resolution.
2.3.3. ERS Backscattering coefficient

The European Remote Sensing satellite polar orbiter pro-
vide multi-timescale observations of the Earth in the active
microwave domain. The C-band is used at a monthly res-
olution to help interpret the coincident passive microwave
observations. The spatial resolution is sampled from the

nominal resolution to the equal area grid of 0.25◦

× 0.25◦ at
the equator. Figure 1 d shows the resulting backscattering
coefficient for three months in the winter season.
2.3.4. AVHRR Visible Reflectances

The Advanced Very High Resolution Radiometer on
board the NOAA meteorological polar orbiters provide daily
observations of the Earth in the visible and infrared do-
mains. The first channel is in the visible (VIS 0.58-0.68 mi-
cron). The monthly-composite AVHRR visible reflectances
(0.58-0.68 micron) generated under the joint NASA and
NOAA Earth Observing System Pathfinder project [James
and Kalluri, 1994] will be used in this study. They are av-
eraged from their 8 km Pathfinder nominal resolution to
the resolution of the equal area grid. Figure 1 e shows the
resulting visible reflectances for the three months.

3. Analysis of the Spatial and Temporal
Variability of the Passive Microwave Signatures
over Snow

First, satellite signatures over snow have a large spatial
variability, in the microwave and in the visible, for a given
month (Figure 1). In March for instance, the region North of
50◦N is almost completely covered by snow during the whole
month but shows very contrasted responses at all frequen-
cies. As an example, the plains in Kazakstan North of the
Aral sea are associated with very high visible reflectances
and low emissivities (especially at 85 GHz), whereas low
reflectances and higher emissivities are observed in Siberia
around 60◦N. There is also a sharp discontinuity in the sig-
natures of passive and active microwaves at a constant lat-
itude from the east to the west of the Ural Mountain. In
January in North America, North of 45◦N, contrasted sig-
natures are observed even in the visible, although the snow
cover is total. Second, for a given region, the satellite ob-
servations can undergo significant changes during the winter
season, without large variations in the snow cover or snow
depth. The Labrador in Canada is such a region, with large
variations in the emissivity even at 19 GHz during the win-
ter, although the snow cover is constant and the snow depth
does not vary much.

What are the variations in the snowpack characteristics
that explain these differences in the satellite responses?

The monthly mean satellite derived parameters and an-
cillary information are compared along a cross-section at
55◦N in Russia, for the three months previously considered
(Figure 3). Snow totally covers the region for this whole
period. Along with the microwave and visible satellite in-
formation (the 6 upper panels), the snow depth at the sta-
tions, the air temperature (from the ECMWF reanalysis),
and the topography are indicated along this cross section.
Several noticeable geographical features can be mentioned:
The Ural Mountains (between 55◦W and 60◦W), the Altay
Mons (between 85◦W and 90◦W), the Volga river which is
very large in this area (∼ 49◦W). Mountains are character-
ized by an increase in the backscattering coefficient and in
the microwave emissivities, due to their sensitivity to the
topographic roughness. However, it should be noticed that
the snow signatures at 37 GHz and 85 GHz is still observ-
able over the Ural (the signal is much weaker over the Altay
mountains likely due to denser vegetation). In November,
the emissivities decrease over rivers: the dielectric proper-
ties of water induce low emissivities that contrast with the
surrounding areas. For the rest of the winter, the rivers are
likely to be frozen and/or snow covered and they do not
have distinct signatures. The Ob river (∼ 83◦W) signature
is rather weak all winter long, likely completely covered by
ice and snow. In rather flat regions, the backscattering and
the microwave emissivities decrease with time during the
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winter season. By the end of the winter, larger snow grains
are formed [Sturm et al., 1997]. The microwave signature of
the snowpack then varies between the characteristic of wet
snow in November to lower emissivities due to scattering by
the large inhomogeneities by the end of the winter. It can
be noticed that west of the Ural mountain, the emissivity
decrease at the end of the snow season is more pronounced
than on the east: Even at 19 GHz, significant scattering is
observed in March between 65◦W and 85◦W. This is consis-
tent with the snow classification by Sturn et al. [1995] that
distinguish between mostly “prairie” snow east of Ural and
mostly “tundra” snow west of the mountain range. By late
winter, “tundra” snow contains a large percentage of depth
hoar that are likely to cause scattering even at 19 GHz. The
lower mean air temperatures observed west of the mountain
is also consistant with this snow type, the lowest temper-
ature coinciding well with the lowest observed emissivities
(i.e., corresponding to the highest probability of depth hoar
formation). The differences between 19 and 37 GHz have of-
ten been used as representative of the snow depth variations
[Chang et al., 1987]: On this cross-section, this relation-
ship between the satellite data and the in situ snow depth
measurements is not obvious. West of the Ural mountain,
vegetation is dominated by deciduous forest whereas culti-
vation and grassland prevail in the east [Matthews, 1983].
As expected, for similar snow depth, the sensitivity of the
emissivities to the snow signal is more pronounced where
the vegetation density is lower. The visible reflectances also
show large variations along this cross-section during the win-
ter. The reflectances tend to increase from November to the
middle of the winter. It then decreases at the end of the
winter although the snow still completely cover the surface:
this is expected as the concentration of snow impurity (de-
position of dust and vegetation debris) increases with snow
aging and reduces the snow visible reflectance [Aiko et al.,
2003].

The effect of vegetation on the snow emissivities is illus-
trated on Figure 4. In the region between 60◦E 90◦E and
52N◦ 63◦N where the snow cover and topography are rather
homogeneous, the normalized histograms of the emissivities
at 19 and 85 GHz (horizontal polarization), the difference
between 19 and 37 GHz, and between 37 and 85 GHz for
the same polarization, the backscattering coefficients and
the visible reflectances are presented for three types of vege-
tation, in January 1993. Cultivation, grassland, and tundra
correspond to low vegetation density, especially in winter.
The density of the vegetation cover is high all year long for
evergreen forest. The deciduous forest in winter correspond
to an intermediate vegetation density between the two pre-
vious ones. The sensitivity of the snow emissivity to veg-
etation density increases with frequency, with the 19 GHz
only weakly responding to the vegetation changes. At 85
GHz, the presence of dense evergreen vegetation above the
snow covered ground increases the emissivity, as expected:
Emissivity histograms of evergreen forested areas are well
separated from the other two that correspond to lower den-
sity vegetation cover, during winter time. The 19H–37H and
37H–85H emissivity differences are also very sensitive to the
presence of vegetation, confirming that these differences are
not simply and uniformly proportional to the snow depth.
In active microwave, the backscattering decreases because
of the presence of the snow on a low topographic roughness
but this decrease is limited by vegetation influence. In the
visible as well, the effect of the vegetation cover is evident,
with the reflectances decreasing with increasing vegetation
density.

To further investigate the mechanisms that drive the re-
lationship between satellite observations and in situ mea-
surements, time series for each variable are presented at two
selected sites (Figure 5: left in Siberia 134.75◦E 60.387◦W,
right in Canada 80.7◦W 51.387◦N). The microwave emis-
sivities are calculated for all clear sky situations. Monthly

mean visible reflectances are added to the figures for com-
parisons. Compared to the lowest frequencies, the 85 GHz
reacts much more strongly to the first centimeters of snow
on the ground, with sharply decreasing emissivities as soon
as snow appears. It then reaches a minimum (around be-
ginning of December in Siberia) and stabilizes although the
snow depth keeps increasing. Rosenfeld and Grody [2000]
also observed this behavior. The 37 and 19 GHz emissivi-
ties also decrease during the winter season but with a much
lower rate. For these two cases, around February the 37
and 85 GHz emissivities are similar. In Siberia, the emis-
sivity difference at 19 and 37 GHz smoothly increases with
snow depth. As the skin temperature approaches melting at
the end of the winter, the emissivities strongly vary from a
day to the other. The thawing transition induced a rather
strong defect on the microwave signal, as already explored
by Judje et al. [1997] to classify the freeze/thaw prairie soils
with SSM/I. The backscattering coefficient and the visible
reflectances increase as the snow covers the surface but de-
crease in February, although snow still covers the area. This
phenomenon coincides with the sharp decrease in the emis-
sivity difference between 37 and 85 GHz. The backscatter-
ing decrease is low, but is due to the liquid water content
increase in the cover because of the metamorphism. The
visible reflectances are expected to be sensitive to dust de-
position on the surface and to a lesser extent to snow grain
variations. Given that the differences between 37 and 85GHz
is likely driven by snow particle metamorphism, the impact
of the snow grain on the visible reflectances is suspected to
also be significant.

Figure 6 presents the histograms of the satellite responses
for the different winter months over a fully snow covered re-
gion (located between 263◦E 46◦N and 297◦E 52◦N). The
emissivities decrease from November to February but start
increasing in March, when the snow depth is still increas-
ing. This change in the behavior also appears on the differ-
ences between the 19 and 37 GHz. Kelly and Chang [2003]
also report on an “hysteresis” phenomenon: the difference
between the brightness temperatures at 19 and 37 GHz in-
creases with increasing snow depth during the first part of
the winter, but after a maximum, it decreases more rapidly
than the measured snow depth. They actually do not apply
their regression algorithm to the late winter period because
of this phenomenon. Rosenfeld and Grody [2000] also in-
sist on this aspect that they characterize as an anomalous
signature. Similar phenomenon appears on the visible re-
flectances.

4. Information Content of Satellite Observations
on Snow Depth

Snow depth (SD) is a key characteristics of the snowpack
that play important roles in land surface and hydrological
models. The relationship between these quantities and the
passive microwave observations are now examined.

First, linear correlations have been calculated between
the various satellite products and the snow depth, on a
monthly mean basis, for the 1992-1993 winter for all the
available station measurements. Emissivity combinations
are also considered. Most algorithms to retrieve snow depth
and water equivalent from passive microwaves are based on
a linear function of the brightness temperatures between 19
and 36 GHz, usually for horizontal polarization [Chang et
al., 1987]: SD(cm) = a(Tb18H − Tb36H) + b. In the initial
algorithm, a is fixed to 1.59 cm.K−1 with the assumption
that the grain radius is 0.3 mm and the snow density is 300
kg.m−3. Table 1 summarizes the results of the linear regres-
sion calculations using the calculated emissivities and the in
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situ SD. Whatever the satellite variable, the linear correla-
tions are very low (maximum of 0.26 for C-backscattering
coefficient) on a global basis, showing that the snow depth
will be difficult to retrieve globally from simple and unique
combinations of these satellite informations. Limiting the
correlation calculations to a given winter period (beginning,
middle, and end of the winter) does not significantly improve
the correlation. Restricting the calculation to a given low
vegetation density and to a specific period during the winter
increases the linear correlation, but remains too low to war-
rant a quality retrieval even in sparsely vegetated regions.
Rosenfeld and Grody [2000] also found very low and chang-
ing correlations during the winter between the brightness
temperatures and the snow depth.

Considering the questionable applicability of the static
method to the globe, Kelly and Chang [2003] revisited it by
tuning the coefficient a and b in the previous equation for
each region and further considering a vegetation cover. They
observed that errors are slightly smaller with this ’dynamic’
algorithm than with the static one, especially at the begin
of the snow season. Josberger and Mognard [2002] also de-
veloped an algorithm. It is based on the Chang et al. [1987]
approach but parameterized with the temperature gradient
between the surface air and the ground, to account for the
dependence of the microwave scattering on the snow grain
size. The method has been evaluated over Siberia [Grippa
et al., 2004] and again, it performs sightly better than the
’static’ algorithm for the first part of the snow season but
not for the second part of the winter, when the snow has al-
ready undergone metamorphism. Kelly et al. [2003] model
the grain radius growth and the snow densification process
to parameterize their initial static model, but the new model
does not show significant improvement over the static algo-
rithm. They insist on the fact that locally the algorithms
can perform better.

For each selected in situ station, the linear correlations
have been calculated between the 19 and 37 GHz emissivity
difference and the snow depth during the winter. Locally,
good correlations are obtained (Figure 7). From one location
to another, the satellite observations are affected by differ-
ent sources of variability, the snow depth being one among
several others like the vegetation. At a given location, there
is a reduced number of sources of variability and the cor-
relation between the in situ snow depth measurements and
the satellite observations is much larger. The global correla-
tions have been re-calculated, subtracting for each location
and each observations the mean value over the winter and
normalizing them by the standard deviation for that loca-
tion (Figure 8). The linear correlation is larger (0.6). This
local standardization procedure has the effect of partly sup-
pressing the variability that is location-dependent (see Aires
et al. [2005] for the same approach in a soil moisture study).

This means that locally snow depth information could
realistically be extracted from the passive microwave ob-
servations, provided that statistics on the snow depth in
the region is available (mean and standard deviation of the
snow depth in the winter period). This information is ob-
viously available at the in situ measurement stations. Is it
possible to interpolate this information in space? If infor-
mation on the spatial patterns of the snow depths can be
obtained, then the local statistics could be interpolated in
space which would allow the retrieval process outside the in
situ stations. To examin this possibility, outputs from a land
surface model have been analyzed. ISBA-ES (Interactions
between Soil, Biosphere and Atmosphere - Explicit Snow)
[Douville et al., 1995; Boone and Etchevers, 2001] includes
a so-called intermediate complexity snow scheme, to better
understand which snow processes are the most important
for atmospheric and macroscale hydrological applications.
An explicit multi-layered approach resolves the large ver-
tical density and temperature gradients, distinguishes the
thermal properties between the snow and the soil-vegetation

layer, includes the effects of liquid water transmission and
storage refreezing in the snow pack, and models the absorp-
tion of incident radiation within the snowpack. Ten years
of ISBA-ES snow depth outputs have been analyzed, on a
monthly mean basis with a 1◦

×1◦ spatial resolution. A Prin-
cipal Component Analysis (PCA) is performed on this data
base to identify the predominant spatial patterns, globaly
and separately on the Eurasia and North America.

For the three situations, the first component explains
∼ 75% of the variance and clearly indicates a latitude gra-
dient whereas the second component (representing less than
10% of the variance) shows more complex structures partly
related to the topography and distance to the coasts. Higher
order components are less interpretable but for a good repre-
sentation of the spatial variability of ISBA, a total of 50 com-
ponents needs to be used, representing a total of 99.5% of the
variance. Once the components are extracted by the PCA,
each monthly snow depth map can be representated by the
weighted sum of the first 50 PCA components. For each
month and for the year 1992-1993, a minimization procedure
based on quasi-Newton method is then used to minimize
the difference between the in situ measurements and the
ISBA-derived snow depth PCA-representation. The min-
imization has been performed for the three previous cases
(globaly, Eurasia, North America). The correlation between
the resulting snow depth and the in situ snow depth mea-
surements is very satisfactory for Eurasia (∼ 0.8), less over
North America (<0.6) and globaly. Table 3 shows the im-
provement of the statistics with optimized ISBA. The corre-
lations are usually better while the biases are close to zero in
comparison with genuine ISBA. Thus the Root Mean Square
(RMS) errors are lower in the optimized version. The fact
that the optimization procedure for the calibration of ISBA
outputs to the in situ measurements is less satisfactory glob-
ally is not surprising since the snow depth patterns are less
related among the continents. Mitigated results for Amer-
ica are due to a lower density of stations and a more com-
plex snow cover variability (coastal influence due to smaller
coast-to-coast distance in North America, less strong topo-
graphic gradient in Eurasia). In the following, we focus in
the Eurasian case since a more detailed spatial study would
be required for the global or the American cases.

Calibrating the ISBA outputs is not the main goal here:
we optimize ISBA outputs for interpolating the local statis-
tics outside the situ stations. However, it should be noticed
that, by design, the optimized ISBA outputs are much closer
to in situ measurements (Table 3): this calibration technique
is interesting by itself for any model calibration to sparse in
situ measurements. Over Eurasia and for each pixel, the
mean and standard deviation of the snow depth are derived
from our optimized ISBA-ES estimates. The improvement
of the local statistics is represented in Table 2. The RMS er-
rors decrease, from the original ISBA-ES prediction to the
optimized configuration, from 5.9 (respectively 6.0) to 3.6
(resp. 4.2) for the mean (resp. standard deviation). The
quality of these local statistics are now more compatible
with inversion experiments.

Different inversion methods have been tested (not shown)
to derive the snow depth from satellite observations (linear,
multi-linear and various neural networks). Neural Networks
(NN) give the best results since they offer a better ability for
information fusion. The chosen NN has 7 inputs (i.e. satel-
lite observations), 30 units in the hidden layer and 1 output
(i.e. the standardized snow depth estimate). The inputs
are the standardized emissivities at 19H, 37H, 85H, 19H–
37H and 37H–85H derived from SSM/I, the backscattering
coefficient (ERS) and the visible reflectances (AVHRR). For
each pixel, both the inputs and output are standardized (i.e.
centered and normalized) by their respective (interpolated)
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local statistics. The learning phase of the NN uses 75%
of the database composed of the satellite observations and
the in situ snow depth in coincidence. The generalization
database uses the last 25% to test the ability of the NN
retrieval scheme to generalize its behavior to unknown data.

The statistics of the inversion are indicated in Table 3.
Similar results are found between the snow depth prediction
of optimized ISBA-ES and those derived from satellite ob-
servations, especially for the winter months with significant
snow. For the months with a low level of snow, optimized
ISBA shows a really good agreement as opposed to satel-
lite’s derived NN inversion which focuses on higher contents
by design. During the winter, the bias is usually neglectable
with optimized ISBA and gets close to 2 cm for many months
with NN. The lower performance of the approaches at the
end of the season is related to the fact that the 37 GHz
signal starts to be sensitive to the scattering by large par-
ticules at this period of the winter, and thus does not re-
act anymore to the snow depth. These differences between
the NN and the optimized-ISBA approaches are due mainly
to the annual learning of NN in opposition to the monthly
optimization of ISBA which is a huge advantage. However,
RMS is always less than 10.0 cm for the NN inversions while
optimized ISBA reachs 11.4 cm in March. The methodol-
ogy is actually only limited by the number and quality of in
situ measurements1. More important, optimization of ISBA
monthly outputs will always require calibration by in situ
measurements whereas our retrieval is ready to use for other
periods of time, without any additional in situ information.

Figures 9 (a and b) compare SD time series during the
winter, from in situ measurements and from the NN re-
trievals. Figure 9 a present retrievals with limited success,
illustrating the limitations of the technique. For instance, in
one case (black circles), in situ SD has a smooth standard be-
havior whereas the inverted SD presents abrupt variations.
For two of these cases (circles and triangles), the snow ac-
cumulation is rather important: high snow depths are of-
ten incorrectly predicted since they are rare in the learning
database and as a consequence the NN has not a good sta-
tistical representation of them. On the third example (white
circles), the snow melting is predicted too early. Figure 9 b
shows examples of sucesssfull inversions that represent the
majority of cases. For these cases, the time series of retrieved
SD are coherent with the in situ measurements. One case
(black circles) illustrates the capacity of the algorithm to
estimate the absence of the snow. Another one (triangles)
demonstrates the expected performance of the NN for com-
monly observed seasonal cycles of SD. The third example
(white circles) shows that the algorithm can also correctly
detect two maxima in the seasonal cycle.

Figure 10 presents the predicted snow depths for Decem-
ber 1992 over Eurasia, as compared to in situ measurements.
The patterns observed in the in situ data, are also present
on the neural network retrieved products. For example, the
area with significant snow depths near 90E and 65N is cor-
rectly reproduced. The snow depth gradient South of 60N
agrees also very well with the in situ observations. However
over some regions, the retrieval does not perform well: for
instance over Kamchatka (160E,55N), the measured snow
depths are less than 30 cm whereas the satellite inversion
predicts values close to 50 cm.

Finally, an important point to be made is that globally
the satellite retrieval is better than the ISBA prediction
alone. This means that satellite observations can provide
information on snow depth and that this information could
improve simulations by land surface model. Variational as-
similations of satellite observations in surface models would
improve the quality of the simulations, by taking profit of
both model and the observation potentials. The assimilation
could be done either by direct assimilation of the satellite
observations (although that can be difficult due to the lack
of accurate radiative transfer models for the snow) or by
assimilation of the retrieved snow depth products provided
that related uncertainties are estimated [Aires et al., 2004 a
and b].

5. Satellite-Derived Snow Classification

Snow classifications using passive microwave observa-
tions have already been developed based directly on SSM/I
brightness temperatures up to 37 GHz, using linear [i.e.,
Neale et al., 1990] or more sophisticated classification
method [Sun et al., 1997]. Classification results do not di-
rectly translate into quantifiable properties but they can
yield valuable qualitative information on the snow prop-
erties. Additional information that are not directly mea-
sured remotely can be deduced from them. It is a synthetic
method to compress the information: each cluster of snow
will summarize a specific set of snow characterisics. It can
give indications to modelers (climate and hydrology), each
cluster of snow being related to specific snow properties that
can help parameterization in the model.

In addition, snow cover classification can be a first step
toward development of snow algorithms. The classification
then helps group pixels with similar satellite signatures (i.e.,
with limited variability) and a specific algorithm is devel-
oped for each class. This has also been suggested by Kelly

et al. [2003].
An unsupervised (i.e. without a priori on the classes)

clustering technique is applied to the microwave emissivi-
ties on a monthly basis: the emissivities at 19, 37, 85 GHz
at horizontal polarizations, the emissivity differences (19H–
37H and 37H–85H) and the microwave backscattering co-
efficient are used for the clustering. Kohonen topological
method [Kohonen, 1982], also called self-organizing topolog-
ical method have already been developed to analyze satelite
data sets [Prigent et al., 2001]. The special feature of this
classification algorithm is that neighborhood requirement is
imposed on the classes, so that when it converges, proto-
types corresponding to nearby classes have nearby location
in the data space: this additional information helps inter-
prete the classes. Using this Kohonen classification, for each
month and each location, a snow cluster is associated to
the satellite observations. The clustering technique synthe-
sizes all the observations to obtain an analysis of the vari-
ations of one spectral band with respect to the others and
gives insight into the relationships between the observations.
The number of classes is chosen so that for each cluster,
at least one information provides statistical discrimination,
thus limiting ambiguities between clusters. Figure 11 shows
the variation of the center of each cluster for each piece of
information along with its standard deviation around the
center value. The visible information has not been used for
the clustering because it is not always present over North-
ern latitudes. However, for each class, the variation of the
visible reflectances, when present, is indicated on the lower
panel. The standard deviation of the visible reflectances in
each cluster is large, as expected because this channel is not
used in the classification.

For three different months in the winter, for each snow-
covered pixel, Figure 12 (panels (b), (c) and (d)) shows the
result of the clustering. The upper panel (a) indicates for
each location the snow cluster that is more frequent dur-
ing the winter. The snow classification by Sturm et al.

[1995] and the vegetation classification by Matthews [1983]
are added to Figure 12 (the two lower panels).

From cluster 1 to cluster 8, there is a clear increase of
the scattering contribution, especially at 37 and 85 GHz,
likely related to increasing grain sizes in the snow pack: on
Figure 11 (upper panel) the 37 and 85 GHz emissivities de-
creases from cluster 1 to cluster 8. For the last classes (6
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to 8), the 85 GHz emissivity reaches saturation while the 37
GHz emissivity still decreases. This is also observed on the
37H–85H emissivity difference (Figure 11 panel (b)) that
first increases (due to stronger scattering at 85 GHz) and
then decreases (with the 85 GHz emissivity saturating with
the 37 GHz emissivity still decreasing). The backscatter-
ing coefficient decreases from cluster 1 to 8 because of the
topographic influence. Anticorrelation between the visible
reflectances and the 85 GHz emissivities is clear (see Figure
11 top and bottom panels). The following analysis tends to
show that these successive classes are related to the snow
aging.

From the beginning of the winter to its end, there is a
clear trend toward larger proportion of high snow classes
in Figure 12: at the beginning of the winter, classes 1 to
5 dominate but are then progressively replaced by higher
classes.

Class 1 is charaterized by high emissivities close to vege-
tation emissivities (Figure 11). It is predominantly located
in regions dominated by forests, both evergreen and decidu-
ous (in the Matthews’ vegetation a classification, see Figure
12), in the beginning of the winter. A few areas (North and
North East of the Great Lake for instance or the Ural moun-
tains) that are covered by evergreen forest belongs to cluster
1 all winter long. Snow cluster 2 is similar to cluster 1 and is
almost always located in the regions surrounding the cluster
1 regions: it is a transition cluster between classes 1 and 3,
located in regions of less dense vegetation, in the transition
zone between forest and woodland / tundra. Classe 3 corre-
sponds to dryer snow: it is present at rather high latitude at
the beginning of the winter and in the middle of the winter
at lower latitude (Figure 12). It is characterized by signifi-
cant scattering at 37 and 85 GHz (i.e., dry snow with rather
large grains) and higher visible reflectivities. The Yenisey
river valley in Russia (around 90◦W) belongs to that cluster
all winter long. Cluster 5 covers the Northern latitude at
the beginning of the snow season and is dominant south-
ward in the middle of the winter: it has almost disappeared
at the end of the winter. On the contrary, classes 7 and 8 are
rarely present in the beginning of the snow season: for these
classes, emissivities at 37 and 85 GHz are of the same order
(lower emissivity differences between 37 and 85 GHz) and
the 19 GHz emissivity also decreases indicating the presence
of large grains.

How does this satellite-derived classification compare
with the static snow classification from Sturm et al. [1995]?
For the most representative classes in the Sturm et al. clas-
sification, Figure 13 gives the percentage of each satellite de-
rived classes for three representative months in the winter,
along with the cumulative percentage for the whole winter
(left column). As already described, for the tundra, taiga,
and prairie classes in the Sturm et al. classification, the
proportion of high classes in the satellite derived classifica-
tion increases as the snow ages. This clearly shows that for
a given cluster in the Sturm et al. classification, the snow
parameters that influence the microwave emissivities evolve
significantly: depending on the snow classification applica-
tion, using a satellite derived classification that describes the
snow evolution during the winter might be more adequate.
The maritime snow type however is particularly stable all
winter long, the mountain type as well but to a lower ex-
tent. This snow type could be interpreted as the mountain
snow type with a strong influence of the cluster 8, associ-
ated to metamorphism. This stability through the season
is due to the proximity of the coast which generates a high
precipitation rate and air temperatures close to zero dur-
ing the season. One will also notice abrupt transitions in
the satellite derived classification that do not appear on the
Sturm et al. one. For example, during most of the winter,
the satellite signatures are significantly different East and
West of Lena river (located West of 120◦W in Russia): this

transition, although not appearent on the Sturm et al. clas-
sification certainly corresponds to real changes in the snow
properties.

The satellite-derived snow classification summarizes the
spatial and temporal variability of the snow pack during
the winter season. It is a synthetic method to derive snow
information that is not directly measurable, that is not cap-
tured by static snow classification although this information
can be very relevant for modeling activities. For instance,
Sud and Mocko [1999 a] attribute the delay in snow melt in
the models partly to neglecting the snow aging on the ther-
mal diffusivity and albedo: using the satellite derived snow
classification would make it possible for each snow covered
location to give an indication on the snow aging.

6. Conclusions and Perspectives

The sensitivity of passive microwave satellite observations
to snow characterictics has been systematically analyzed,
for a whole snow season in the Northern Hemisphere. The
emissivities have been first calculated from the measured
brightness temperature, thus suppressing the variable con-
tribution of the atmosphere and surface temperature from
the signal. The analysis includes the 85 GHz measurements,
that is often neglected because of its higher sensitivity to the
atmosphere. Coincident satellite-derived visible reflectances
and active microwave backscattering coefficients are also ex-
amined to help understand the passive microwave signature.

The emissivity at 85 GHz strongly reacts to the presence
of snow as soon as it covers the ground. This frequency had
not been used so far for snow detection, because of its sensi-
tivity to atmospheric changes: our preprocessing of the mi-
crowave observations (i.e., substraction of the atmospheric
contamination through the calculation of emissivities) makes
it possible to use these channel that are sensitive to the at-
mosphere.

Vegetation does interfere with the signal that is received
by the satellite. Snow emissivities also react to scattering by
the snow grain growth that is related to the snow metamor-
phism during the winter. This phenomenon increases with
frequency and is already very sensitive at 37 GHz.

Comparison with in situ snow depth measurements shows
low correlation with the microwave emissivities on a global
basis. As a consequence, snow depth retrieval will be very
difficult to retrieve with accuracy from passive microwave
observations on a global basis for the full snow season, con-
firming previous studies [e.g., Kelly et al., 2003; Grippa et
al., 2004]. To partly alleviate these difficulties, a scheme
has been developed that combines satellite observations, in
situ measurements, and land surface models. This retrieval
method is very general and could be used for any other ap-
plication for which there is a need to merge the satellite
observations with sparse in situ measurements and model
outputs. Furthermore, the combination of different wave-
lengths partly limits the ambiguities related to the individ-
ual sensitivity of each satellite observations to the various
sources of variability (snow depth, vegetation, snow meta-
morphism). The final retrieval algorithm is compatible with
an assimilation strategy that would better constraint the
behavior of surface models.

The microwave observations can also help characterize
the snow physical properties. A clustering algorithm has
been applied to the microwave satellite observations for a
whole snow season for the Northern Hemisphere and clearly
shows a strong sensitivity to the snow metamorphisms dur-
ing the winter. Given that the snow metamorphism drives
the snow cover evolution, first its albedo and second its me-
chanical properties, characterization of the snowpack using
satellite observation classification can yield qualitative in-
formation for snow model parameterization.
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Notes

1. If the data base of measurements was larger, the NN learning
could, for example, have been done on a monthly scale rather
than on the whole year. This would have a strong impact on
the results.
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Table 1. From top to bottom 1) monthly-mean effective
emissivities at 19 GHz, 37, and 85 GHz for horizontal polar-
ization from SSM/I 2) visible reflectances from AVHRR 3)
NOAA snow cover product 4) in situ snow depth at the lo-
cal stations. The results are presented for November 1992,
January 1993, and March 1993, from left to right.

Table 2. Statistics of the estimates of the local statistics (mean and standard deviation) for the three configurations of ISBA-ES.

Table 3. This table summarizes the statistics of the predic-
tion methods (ρ : the linear correlation, b : the bias, σ : the
standard deviation and RMS : the root mean square error)
for the 25% of the data with which these methods have been
evaluated for the winter 1992-1993. The column entitled “in
situ” shows the values of the mean and the standard devia-
tion of the in situ measurements for all the stations in order
to compare them to the statistics of the prediction methods.
The “ISBA” column is associated with genuine predictions of
the model. The “ISBA - 50CPopt” is for the ISBA configu-
ration with 50 optimized components. The third block is for
the artificial neural network prediction with 7 inputs. The two
horizontal lines border the snow season.
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Tab 1

Snow Depth global winter period vegetation density
vs oct-dec jan feb-may high low

emis 19H -0.06 -0.03 0.11 -0.01 0.12 -0.05
emis 37H -0.12 -0.21 -0.01 0.08 -0.01 -0.23
emis 85H 0.04 -0.14 0.13 0.18 0.04 0.21
emis 19H-37H 0.11 0.31 0.15 -0.13 0.21 0.29
emis 37H-85H -0.21 0.02 -0.20 -0.26 -0.07 -0.49
VIS refl -0.04 0.16 -0.05 -0.04 0.14 -0.13
backscat. 0.26 0.15 0.27 0.30 0.22 0.19
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Tab 2

Eurasia
µ σ

configuration ρ b RMS ρ b RMS

ISBA genuine 0.84 0.2 5.9 0.85 0.8 6.0

ISBA 50 CP 0.84 0.2 6.0 0.85 0.8 5.9

ISBA 50 CP + optimization 0.94 0.2 3.6 0.93 -0.1 4.2



Tab 3

ISBA Retrievals Satellite Retrievals

month in situ ISBA ISBA - 50CPopt RNA : 7→1
92/93 µSD σSD ρ b σ RMS ρ b σ RMS ρ b σ RMS

jul 0.0 0.0 ND 0.0 0.0 0.0 ND 0.0 0.1 0.1 0.06 1.6 3.3 3.7
aug 0.0 0.0 ND 0.0 0.0 0.0 ND 0.0 0.1 0.1 0.12 1.9 4.4 4.8
sep 0.0 0.2 0.76 0.0 0.2 0.2 0.59 0.0 0.2 0.2 0.22 2.1 4.2 4.7

oct 1.9 3.9 0.87 0.0 2.5 2.5 0.89 0.0 1.8 1.8 0.78 1.8 5.1 5.4
nov 9.1 11.7 0.91 1.2 5.6 5.7 0.97 0.0 3.0 3.0 0.88 0.8 6.2 6.2
dec 15.8 16.1 0.88 2.9 8.6 9.1 0.95 -0.4 5.1 5.1 0.86 0.0 3.9 3.9
jan 22.8 21.0 0.86 3.6 11.1 11.7 0.93 0.0 7.8 7.8 0.90 1.3 7.9 8.0
feb 28.6 26.7 0.85 2.5 14.5 14.7 0.92 0.0 10.6 10.6 0.93 -1.3 9.7 9.8
mar 26.4 27.7 0.73 -3.2 18.7 19.0 0.91 0.8 11.4 11.4 0.94 -0.5 9.7 9.8
apr 13.6 23.7 0.59 -4.9 19.8 20.4 0.89 1.0 10.8 10.8 0.91 0.8 9.7 9.7
may 1.9 8.7 0.68 -0.7 6.4 6.4 0.97 0.0 2.3 2.3 0.90 2.3 5.8 6.2

jun 0.0 0.0 ND 0.0 0.0 0.0 ND 0.0 0.4 0.4 0.00 1.7 3.8 4.1



Figure 1. From top to bottom 1) monthly-mean effec-
tive emissivities at 19 GHz, 37, and 85 GHz for horizon-
tal polarization from SSM/I 2) visible reflectances from
AVHRR 3) NOAA snow cover product 4) in situ snow
depth at the local stations. The results are presented for
November 1992, January 1993, and March 1993, from left
to right.

Figure 2. Relationship between snow depth and snow
water equivalent as derived from the available measure-
ments in Canada for the winter 1992-1993. The measure-
ments are separated by months and a regression is given
for each winter period (beginning, middle and end of the
winter).

Figure 3. Cross-section of the various monthly mean
measurements at 55.5◦N in Russia between 40◦E and
90◦E. From top to bottom: 1) the SSM/I microwave
emissivities at 19, 37, and 85 GHz (horizontal polariza-
tions) along with the emissivity difference between 19
and 37 GHz; 2) the AVHRR visible reflectances; 3) the
ECMWF surface air temperatures; 4) the in situ snow
depth at the local stations; 5) the topography. Each vari-
able is presented for November 1992, January 1993, and
March 1993.

Figure 4. Normalized histograms of the microwave
emissivities and the visible reflectances for three types
of vegetation, for January 1993 for all the pixels that are
fully snow covered in the area 60E 90E and 52 63N.

Figure 5. Time series of the various measurements
from October 1992 to May 1993 for two locations: at
134E 60.38N (deciduous forests) in Russia and at 80.7W
51.38N (evergreen forests) in Canada. From top to bot-
tom: the microwave emissivity daily estimates (clear sky
only) at 19, 37, and 85 GHz for the horizontal polariza-
tion; the daily emissivity differences for horizontal polar-
ization (19 GHz- 37 GHz, 37 GHz -85 GHz); monthly
mean AVHRR visible reflectances; the surface skin tem-
perature; the in situ snow depth measurements.

Figure 6. Normalized histograms of the microwave
emissivities, the visible reflectances, and the snow depth
for five winter month in North America (92.7W 88.9W
49.13N 52.88N) over evergreen forest.

Figure 7. Local linear correlation between the snow
depth and the emissivity difference at horizontal polar-
ization (19 GHz – 37 GHz) for the 1992-1993 winter sea-
son.

Figure 8. Global linear correlation between the normal-
ized snow depth and the normalized emissivity difference
at horizontal polarization (19 GHz – 37 GHz) for the
1992-1993 winter season. The correlation coefficient is
indicated.

Figure 9. Samples of in situ (dashed lines) and retrieved
(solid lines) snow depth time series for the 1992-1993 win-
ter. Top: not correctly predicted. Bottom: correctly
predicted.



Figure 10. Map of the snow depths retrieved from
the satellite observations using a Neural Network method
along with the in situ measurements for December 1992
over Eurasia.

Figure 11. Upper and middle panels: the variation
of the center of each cluster for each piece of informa-
tion along with its standard deviation around the center
value. Lower panel: the corresponding values for the vis-
ible reflectances.

Figure 12. Three upper panels: for three different
months in the winter, the result of the clustering. Fourth
panel: the snow classification by Sturm et al. [1995].
Lower panel: the vegetation classification by Matthews
[1983].

Figure 13. From left to right: The distribution of the
classes deduced from the microwave satellite observations
for the whole winter saeson, for November, for January,
and for March for each dominant class in the Sturm et
al. [1995] classification.
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 ÔfÓ�ÑfÎ¥ÏÖÑ
á¥É§Î¥Õ�Ì�ÑÖÕ�×�Ó�ÚÜæ¥ÕWð ¶ Ñf×�×�ÑâÐ��ØË¡ÚÜ×�Ð¥ïÖÕ�ÑâÑÖÕ�×¿Õ�ÚÜæ¥Õ��A×�ÑfÎ¥á�æ¥ÑâËìÉ§Ó¿ÌAé&Ñ��®Ñf×¿á�æ ê"ÑfÎ½×÷çØæÅÛ áÅÔfò½É§ò"ÑâÌ�ÑÖÕ¿ÕÀÚÜßàßðÑf×�Õ¿áÅÑÖÕ
ÉÜÕ�Ë¡ÔfÓ�Û�×�ÑÖÕøáÅÑ÷Õ�æÅÓ�
AÉÜÏÖÑ¿ÑfÎ´áÅÔfËÅÌÍÉ�¾pÉ§ÎØ×�ÌÍÉÝÎ¥ÑfÛ�ò"Ñ¿ê"ÑfÓ�Õ�Ì�ÑÖÕøÏfæÅê"Ñf×�×�ÑÖÕWð
ÈÊÉJ�¥òqæÅÓ�Ñ ö ð Ò ËÅÓ�ÔÖÕ�ÑfÎØ×�Ñ¿áÅÑfæ�ÞãÏpÉÜÕ}áÅÑ�Ó�æÅò"ÚqÕ�Û�×�Ô¿á�Û��¡ÔfÓ�ÑfÎØ×�ÑÖÕWðÅÈjÚÜÓ�Õ�çØæ¥Ñ�ÌÍÉèÓ�æÅò"ÚqÕ�Û�×�Ô�ÑÖÕ�×!
AÉ§Û�îÅÌ�Ñqó�ç½æ¥ÑfÌ�çØæ¥ÑÖÕ

ÏÖÑfÎ½×�Û�ßðïf×�Ó�ÑÖÕ´áÅÑ´Î¥ÑfÛ�ò"Ñ��µÛ�ÏfÛ Ò Ïfß��ãÕ�æ	�ôÕÀÑfÎ½×  Épê"ÚÜÛ�Ó¬æÅÎ¥Ñ�Õ�æÅÓ�
 ÉÜÏÖÑ�ËÅÌÍÉ§Î¥Ñ�ðñÈÊÉ Ó�æÅò"ÚqÕ�Û�×�Ô�É§æÅòqßðÑfÎØ×ÀÉ§Î½×pó
ÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�á�æðßôÉ§Î½×�ÑpÉ§æÙáÅÚÜÛ�×& f×�Ó�ÑøÔfò½É§Ì�ÑfßðÑfÎ½×tËÅÌ�æ¥Õ�Û�ßàË¡ÚÜÓ�×ÀÉ§Î½×�Ñqó�ÏÖÚÜÎ	�¥Ó�ßôÉ§Î½×}É§Û�Î¥Õ�ÛÅæÅÎðÓ�ÔÖÕ�æÅÌ�×ÀÉ§×�Û�Î½×�æÅÛ�×�Û�
�ó
ß� fßðÑ÷Õ�Û®ÌÍÉ"
 ÚÜÓ�ßðÑ¿Î¥ÚÜÎ	�AÌ�Û�Î¥ÔpÉ§Û�Ó�ÑèáÅÑ¿ÌÍÉâá�Û�ßàÛ�Î½æÅ×�Û�ÚÜÎ�Î¥Ñ�ÌAé&ÑÖÕ�×øËìÉÜÕWð

Ù lgã �d{}~�ìQ�Gp ~�pÚya�zr4r:pR�dpR|�y

� Î¥Ñ�
 ÚÜÛ�ÕâÌÍÉ�Î¥ÑfÛ�ò"ÑÃ×�ÚÜßäî¡ÔÖÑ´É§æ Õ�ÚÜÌ}Ñf×ôÉ§ËÅÓ�ïÖÕôÉpê"ÚÜÛ�ÓðËÅÓ�Úpê"Ú�çØæ¥ÔÃæÅÎÿÌ�Û�Õ�ÕÀÉ§ò"ÑÃáÅÑÖÕðÕ�æÅÓ�
 ÉÜÏÖÑÖÕpó  
 ÚÜÓ�ÏÖÑÃáÅÑ
Õpé)ÉÜÏÖÏfæÅßèæÅÌ�ÑfÓ¿Ì�ÑÖÕvÏÖÚÜæ¥ÏÀÐ¥ÑÖÕ¿á�æ�ßôÉ§ÎØ×�ÑpÉ§æ Õ�æÅîÅÛ�Õ�Õ�ÑfÎØ×xæÅÎ¥ÑÝÏÖÚÜßàËÅÓ�ÑÖÕ�Õ�Û�ÚÜÎ áNÆ¥ÑàÉ§æ�ËåÚÜÛ�áÅÕ�áÅÑÖÕvÏÖÚÜæ¥Ï�Ð¥ÑÖÕ÷Õ�æÅË¡Ô��
Ó�Û�ÑfæÅÓ�ÑÖÕWðQÈÊÉðÎ¥ÑfÛ�ò"ÑèÔf×ÀÉ§Î½×væÅÎ´ßàÛ�Ì�Û�ÑfæõáÅÔ�
þÚÜÓ�ßôÉ§îÅÌ�ÑqóåÑfÌ�Ì�ÑÝÕ�Ñ¿×�ÓÀÉ§Î¥Õ�
 ÚÜÓ�ßðÑèáÅÚÜÎ¥ÏèÑfÎ´ËìÉ§Ó�×�Û�ÑÝÕ�ÚÜæ¥Õ�ÏÖÑf×vÑ��¡Ñf×váÅÑ
ÏÖÚÜßàËÅÓ�ÑÖÕ�Õ�Û�ÚÜÎ�ð
ÈÊÉxêÜÉ§Ó�ÛÍÉ§×�Û�ÚÜÎàá®é&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ

dh
á�æÝßôÉ§Î½×�ÑpÉ§æàÎ¥ÑfÛ�ò"Ñfæ�ÞÝÌ�ÚÜÓ�Õ�çØæjé æÅÎ¥Ñ�ËÅÓ�ÑÖÕÀÕ�Û�ÚÜÎ

dδp
ÑÖÕ�× Ñ¹Þ�ÑfÓ�ÏÖÔÖÑ  ÕÀÉøÕ�æÅÓ�
 ÉÜÏÖÑ

ÑÖÕ�×jÕ�æÅËÅË¡ÚqÕ�ÔÖÑ�á®é)É§æÅ×ÀÉ§ÎØ×ÊËÅÌ�æ¥ÕjòqÓÀÉ§Î¥áÅÑ�ç½æ¥Ñ�ÏÖÑf×�×�ÑzÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓ
h
ÑÖÕ�×®Û�ßàËåÚÜÓ�×ÀÉ§ÎØ×�Ñqó"ùzÔ�Ò�Ôp×�ÚÜæÅ×�ÑÖÕ®Ì�ÑÖÕjÕÀÚÜæ¥Õ�� ÏÖÚÜæ¥Ï�Ð¥ÑÖÕ

Õ�ÚÜÎØ×ªÏÖÚÜßàËÅÓ�ÑÖÕ�Õ�Û�îÅÌ�ÑÖÕ ó±Ñf× ÏÖÑ:¦�æ¥ÕÀç½æjé  æÅÎ¥Ñ�ÏÖÑfÓ�×ÀÉ§Û�Î¥ÑtÔfËìÉ§Û�Õ�Õ�ÑfæÅÓªá®é Û�Î¥ÏÖÚÜßàËÅÓ�ÑÖÕÀÕ�Û�îÅÛ�Ì�Û�×�Ô
h .

=

�þÏpÉÜÕªÌ�Û�ßàÛ�×�Ñ�Ì�Û�çØæÅÛ�áÅÑ��jð

� �,+



0214365�ã�9¼=:?2ADCFEHGJIFKLE�O�]'KYT<MHMce�rPE6Ife�S�KLE�OPR4I2ñ^UQZ:EHT�rPE�],C M�]�S�OPE�],C�M�]�S�m\e^wxENM�OPE�S�],rPW�M�TzUVR�O�T¶ßBRHS$EHZ>UVENM�s
�*b ENM�ULTYG�eaULTLW�Z OPE�K�eoS�],rPW�M�TzUVR�M$E"mze�TzU8Ife�S�KLE�w�e�KLw�]�K*OPE"Kcb Rxw�e�S�Uzy�UY»�IXEoOPENMJ|>ea]PUVE�]�SHM�Oub ]�Z:E�wxW^]�IvE�Oub ]�Z
Go½�ULS$E�s

dh

dδp
∝ (h− h .

=)

Õ�ÚÜÛ�×pó
dh

dδp
= a · (h− h .

=)

ó æìÉ§Î¥á�ÚÜÎ´ÏÀÐ¥ÑfÓ�Ï�Ð¥Ñ  Û�Î½×�ÔfòqÓ�ÑfÓvÏÖÑf×�×�Ñ÷Ñ¹Þ�ËÅÓ�ÑÖÕÀÕ�Û�ÚÜÎjóÅÚÜÎ�Ó�ÑfòqÓ�ÚÜæÅË¡Ñ¿Ì�ÑÖÕ}êqÉ§Ó�ÛÍÉ§îÅÌ�ÑÖÕ
dh

(h− h .
=)

= a · dδp

Ë¡ÚÜæÅÓ�É§Ì�Ì�Ôfò"ÑfÓpóìÚÜÎ�Ñ��®ÑÖÏf×�æ¥Ñ¿Ì�Ñ÷Ï�ÐìÉ§ÎÅò"ÑfßðÑfÎØ×váÅÑ÷êÜÉ§Ó�ÛÍÉ§îÅÌ�Ñ
u = (h− h .

=)

ÌAé Û�Î½×�ÔfòqÓÀÉ§×�Û�ÚÜÎ©Ì�ÚÜò½É§Ó�Û�×�ÐÅßàÛ�çØæ¥ÑôÑfÎ½×�Ó�ÑôÌAé Û�Î¥Õ�×ÀÉ§Î½×äÛ�ÎÅÛ�×�ÛÍÉ§ÌAó
i
óX�þÚ�� ÌÍÉ¬ÏÖÚÜæ¥ÏÀÐ¥ÑôáÅÑàÎ¥ÚÜæÅê"ÑfÌ�Ì�ÑôÎ¥ÑfÛ�ò"ÑàêØÛ�ÑfÎØ×_¦Cæ¥Õ�×�Ñ

áÅÑäÕÀÑ÷áÅÔfËåÚqÕÀÑfÓpóåÉpêÜÉ§ÎØ×vçØæ¥Ñ¿ÌÍÉðÏÖÚÜßàËÅÓ�ÑÖÕÀÕ�Û�ÚÜÎ�Îjé)É§Û�ÑäÌ�Û�Ñfæ>�øÑf×xÌAé Û�Î¥Õ�×ÀÉ§Î½×*�¥ÎìÉ§ÌAó
f
ól�µÌAé&Ôf×ÀÉ§×�á®é&ÔÖçØæÅÛ�Ì�Û�îÅÓ�ÑèÑfÎ¯�¥Î

áÅÑ÷ÏÖÚÜßàËÅÓ�ÑÖÕ�Õ�Û�ÚÜÎ>�ñáÅÚÜÎÅÎ¥Ñ
∫ f

i

du

u
=

∫ f

i

a · dδp

ln |uf | − ln |ui| = a · (δpf − δpi)

ln |uf | = ln |ui|+ a · (δpf − δpi)

|uf | = |ui| · ea·(δpf−δpi)

ËÅæÅÛ�Õ�çØæ¥Ñ�ÌAé&ÔÖç½æÅÛ�Ì�Û�îÅÓ�ÑèÑÖÕ�×�É§×�×�ÑfÛ�Î½×  ÌAé Û�Î¥Õ�×ÀÉ§Î½×Q�¥ÎìÉ§ÌAóÅÛ�Ì®Îjé �ÃÉâËìÉÜÕøáÅÑ¿Õ�æÅÓ�ËÅÓ�ÑÖÕ�Õ�Û�ÚÜÎ~�
δpf = 0

� ��ò



ÌÍÉ ËÅÓ�ÑÖÕÀÕ�Û�ÚÜÎ�Û�ÎÅÛ�×�ÛÍÉ§Ì�ÑõÉx�½É§ÎØ×ãË¡ÚÜæÅÓ¬ÚÜÓ�Û�òqÛ�Î¥Ñ´Ì�Ñ´ËåÚÜÛ�áÅÕÙáÅÑ�ÌÍÉ ÏÖÚÜæ¥Ï�Ð¥ÑõáÅÔfËåÚqÕÀÔÖÑqó�áÅÑ�ßôÉÜÕÀÕ�Ñ�ê"ÚÜÌ�æÅßàÛ�çØæ¥Ñ
ρ
ó

á®é&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ
en

Ñf×�ÉÖê"ÑÖÏ
g
ÌÍÉðÏÖÚÜÎ¥Õ�×ÀÉ§Î½×�Ñ÷áÅÑ÷ËåÑÖÕÀÉ§ÎØ×�ÑfæÅÓpó

δpi = p−→
P

=
mg

S
=

ρV g

S
=

ρSeng

S
= ρeng

|uf | = |ui| · e−aρgen

ÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓo�¥ÎìÉ§Ì�ÑõÎ¥Ñ�Ë¡ÚÜæÅêÜÉ§ÎØ×ÃËìÉÜÕn f×�Ó�Ñ�ËÅÌ�æ¥Õ¬ËåÑf×�Û�×�Ñ çØæ¥Ñ�ÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓÃá®é Û�Î¥ÏÖÚÜßàËÅÓ�ÑÖÕ�Õ�Û�îÅÛ�Ì�Û�×�Ô �þá®é)É§ËÅÓ�ïÖÕ
ÌAé Ð^��Ë¡ÚÜ×�Ð¥ïÖÕ�Ñ�
 ÚÜÓ�ßäæÅÌ�ÔÖÑèÉ§æ�áÅÔfîÅæÅ×c�

u = (h− h .
=) > 0

ÚÜÎ�Ë¡ÑfæÅ×}Ó�ÑfÎ¥ÚÜßàßðÑfÓ
a
ÑfÎ

χ
óÅÏÖÚ�Ñ��ôÏfÛ�ÑfÎ½×váÅÑ¿ÏÖÚÜßàËÅÓ�ÑÖÕ�Õ�Û�îÅÛ�Ì�Û�×�Ôqó

(h− h .
=) = (hi − h .

=) · e−χρgen

± Û�Î¥Õ�Û®ÌÍÉÝêÜÉ§Ó�ÛÍÉ§×�Û�ÚÜÎ�á®é&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�ÑÖÕ�×øáÅÚÜÎÅÎ¥ÔÖÑ¿ËìÉ§Ó

∆h = (h− hi) = (hi − h .
=) · (e−χρgen − 1)

ï�ÚÜæ¥ÕxÌAé Ð^��ËåÚÜ×�Ð¥ïÖÕ�Ñèç½æ¥ÑäÌÍÉàÏÖÚÜæ¥Ï�Ð¥ÑâáÅÔfË¡ÚqÕ�ÔÖÑ¿Î¥ÑèÕ�æÅîÅÛ�×�ËìÉÜÕváÅÑ÷ÏÖÚÜßàËÅÓ�ÑÖÕ�Õ�Û�ÚÜÎjóQÌAé&ÔfËìÉ§Û�Õ�Õ�ÑfæÅÓváÅÑ÷Î¥ÑfÛ�ò"Ñè×�ÚÜ×ÀÉ§Ì�Ñ
á�æ�ßôÉ§ÎØ×�ÑpÉ§æ�ÑÖÕ�×øáÅÚÜÎÅÎ¥ÔÖÑ¿ËìÉ§Ó

etot = en + h
í�Î�ËÅÓ�ÑfÎìÉ§ÎØ×xáÅÑÖÕ}êqÉ§Ì�ÑfæÅÓ�ÕøÏÖÚÜÐ¥ÔfÓ�ÑfÎØ×�ÑÖÕxáÅÑÖÕxá�Û��¡ÔfÓ�ÑfÎØ×�ÑÖÕøêqÉ§Ó�ÛÍÉ§îÅÌ�ÑÖÕpó¥ÚÜÎ´É§î¡ÚÜæÅ×�Û�× 

χ ∼ 10−5 ¼ É
−1 ð

± Û�Î¥Õ�ÛAó�ÌÍÉâÏÖÚÜßàËÅÓ�ÑÖÕ�Õ�Û�ÚÜÎ´áÅÑÖÕ}ÏÖÚÜæ¥Ï�Ð¥ÑÖÕ�Û�Î	
þÔfÓ�Û�ÑfæÅÓ�ÑÖÕøá�æÃßôÉ§ÎØ×�ÑpÉ§æ´Û�ßàËÅÌ�Û�çØæ¥Ñ¿ç½æ¥Ñ�ÌAé&ÔfËìÉ§Û�ÕÀÕ�ÑfæÅÓøáÅÑ�Î¥ÑfÛ�ò"Ñ�Î¥Ñ
Ë¡ÑfæÅ×! f×�Ó�ÑvÏÖÚÜÎ¥Õ�Û�áÅÔfÓ�ÔvÏÖÚÜßàßðÑxÌÍÉèÕ�æÅË¡ÑfÓ�ËåÚqÕ�Û�×�Û�ÚÜÎãÕ�Û�ßàËÅÌ�Ñ�áÅÑÖÕtÔfËìÉ§Û�Õ�Õ�ÑfæÅÓ�ÕñáÅÑÖÕ�ÏÖÚÜæ¥ÏÀÐ¥ÑÖÕ}áÅÑxÏÀÐìÉÜç½æ¥ÑvÏ�ÐØæÅ×�ÑÖÕWð

� ���



Ô ÕÖÕ üÎ×�ü ô

Þ � ß ód�õô�� ��� ��� ÿlö�÷ þ Ø

ø2ù úQû`üEý"þEý1ÿ��������Qý�û`ý��
ù	�hÿ
������@ý�ý1ÿÅþ�����������hÿ��@ý�����Fú\ÿþ1ú��
���Qý�!ý���Cû`ý��@üEû��`ú��@ý��Qý�ÿ���� ���@ý"û`ý�ûNú���ý1ÿ�@ú!�Yÿ
û�ù �`ÿ#"�ý$�Ìû`ý*û��Yÿ`ÿüEý��þ��Yÿ��@ý1ÿ
�hÿ��Cû`ý�&%����Fú'�����Qý�(�\úQüEý�lý1ÿÌþ��Yÿ�@ý$��%��hÿ��)�Qý*�+�-,Nú�� ��� û�ù ú\ÿ�./�����+���Fú!�Yÿ�ð ¶ ý$�'�
ý���+�����@ý1ÿ�� ý1ÿ0������"�ý$���hÿ��1�Qý� û��Yÿ`ÿüEý�2���Fú�3�ú\ÿ
���Qý�¸û��hÿ�1�`ÿ ÿ�����%#ý$��ý���
�YþEý�4+þEý$���`ú²û`ý� þ������5����hÿ��@ý����Fú\ÿþ1ú��
���Qý�Wð ¶ ý$���Qý�76Sþ1ú8./������ý1ÿ��9�`ÿý��
��pý�������:���3;�Yÿ
���Qý ý$�9��Yÿ���û��Yÿþ�ÿ��Yÿ�6Sþ������@ü$�QüEý�¥ý1ÿ����@ý<6Sý$���Qý�Wð�ø�ý$������@û��@ý�ý���Cû`ü$�@ý$����ú\ÿü��
�����'�>=��
�hÿ��Fú��@ü�û�ù ú\ÿ�.?�����+���Fú!�YÿA@B�'��=��ý$���Qý�þ�:
�Yþ$�`ÿý"ý���*�����9þ1úQüEý�ðNíkÿC�\ú���ú����hÿ��D�Qý
ÿ���� ���@ý&û`ý�Cþ������5����hÿ��@ý�E4(þEý$���@ý���ü$��:��9û`ý9Wù	�����
���@ý1ÿ��@ýB@B�`ÿGF���������3#ý�ð

ø�ý�8���@ý$��ú!H$�@ý�+û`ý�pþ$�Fú����Fú!�Yÿ�+û`ýCþEý$���@ý��@ýEþ�:`ÿ`ú!=��ý!û����@ý1ÿ��7û`ý��EI�JN�D�
��� ¼ ýE������Yÿ ý$�2û`ý"�EI 8�8 �
��� v ���@ý$�K6�\ú\ÿ�3ð�L��hÿ�M��YÿN�����FúQþ$�Qý�ìDO�P�QSR$T�UAV��EI�JN�-W<4 ¼ ýE������Yÿ1�Yû������@ý)�`ÿý�����������þ�:ý)3#ü�����ü$���Fú!=��ýCý1ÿ�þ�:ý$�@þ�:
�hÿ��(�Qý�
û����Yú��@ý��ý$�&�Qý�X���'�hÿ��=��`ú5�-"7����@ý1ÿ��)���2��úQý$��,1�`ÿÌý1ÿ�@ý$� ���Qý�û`ýY�5�Yú\ÿ���lû��hÿ�&�`ÿ ý���
�YþEý

p
6SûNú���ý1ÿ�Fú!�Yÿ`ÿý$�
ð

¶ ý$���@ýZ��ü$��:���û`ýY�$ý$���&[$���@ý*./�Yþ1ú��Qý$��ý1ÿ��D�Yû������@ü�����,1���������!H$��ý�lÿ�����ü$�Fú!=��ý�Wð�\]�hú!(�������&�`ÿ ÿ���� ���@ý�û`ý
ûNú���ý1ÿ�Fú!�Yÿ^����$ü$�FúQý$���)@9_�4 ¼ ýE������YÿG�����76Sý1ÿ��@ý1ÿû��hú���=��ýD�Qý��þE���Qþ$���!7û`ý$%#ý1ÿ
�húQý1ÿ��Cý1ÿþ���� �����hÿ���)�������&�Qý��N�E�#ý1ÿ��û`ý>�
ù¡ü$����=��ý�ð v ���@ý$���\ú\ÿ�3C���Fú��\ú!@ýB�
ù	����3;H$���@ý��5������.?�����+���\ú!pý$�"þEý$���@ý>��ü$��:���û`ý+` T�abO<cdcfedU�ghV��EI 8�8 Wjð

iYjlk�m)nNoÃÌqpsr#tEu�u5v�w�x�y�z-u�xD{S| w�x�}~ z���w9y�w9y�v ~ z-�E���

ï��Yú�� {X} �Qý��%����Fú'�����Qý��û�ù����Fú�3�ú\ÿýÅû`ý��û��Yÿ`ÿüEý�¸ý$�N��Yú�� {C} �Qý�%����Fú'�����Qý�!û��5ÿ�����%#ý$��ý���
�YþEý�4`þ���� �`ú\ÿ
�hú!��Yÿ�Z�\ú\ÿüE�hú��@ý�!û`ý� {X}
Cj =

p∑

i=1

ai,jXi

¼ �����*û`ü$�@ý$����ú\ÿý$�*�Qý�!þ���ý<� þ1úQý1ÿ���
ai,j
4 {C} %#ü$�FúKF�ý

〈Ci|Cj〉 = 0 ∀ i 6= j

ý$���'�>�+�-,Nú���ú!����Fú!�Yÿwû`ý��'�B%����Fú'�hÿþEý��
���Cú����5�������hÿþEý�û`üEþ$���Yú!���hÿ��@ý�ð
� ü�����ü$���Fú!=��ý$��ý1ÿ��E4;�'�Y���@ý$��ú!H$�@ýCþ������5����hÿ��@ýCû`ü$�@ý$����ú\ÿý��'�²ûNú��@ýEþ<6�Fú!�Yÿ�@ý$�!�Yÿ��'��=��ý$���Qý#�
ù¡ü$�Fú��@ý$��ý1ÿ���û�� ÿ��
��3#ý�û`ýB�5�Yú\ÿ���"ý���Z�+�-,Nú��+���
ð

¶ ý$�'� �@ý$%�úQý1ÿ���@&þ�:ý$�@þ�:ý$���'��û����Yú��@ýY�
���S�hÿ��)�
���(�Qý²þEý1ÿ����@ý�û`ýZ3�����%9ú��@ü�@üE���\ú!��hÿ����Qý���ý1ú����Qý$���*�-"�����@ý$��ý1ÿ��Wðø��B@ýEþ��Yÿû`ý�þ������5����hÿ��@ý�û`ü$�@ý$����ú\ÿý9�`ÿý�û����Yú��@ý���ý$���$ý1ÿûNúQþ$���'�hú��@ý9@�'�+���@ý$��ú!H$�@ý�ý$�Z�
���S�hÿ����
���Z�Qý;þEý1ÿ����@ý¥û`ý#3�����%9ú��@ü���`ú�%��hÿ��Y�
ù¡ü$�Fú��@ý$��ý1ÿ��9�+�-,Nú��+���kû��hÿ�Y�Qý#������6Sý���
�YþEý�@ý�����hÿ��Wð

�EI;�



iYjlk�m�nNo'��p1r#tEu�u5v�w�x���w�u��?�$v�w�x~ z-�D{�z#�^t���w�u�u5w-�

{C1, C2}
þ��Yÿ���Fú����ýN�Qý>���'�hÿ����Fú\ÿþ1ú��
���+û��hÿ���Qý�=��ý$�8�'�ÌûNú!���ý$��@ú!�Yÿ

ý���>�����Fú��+���Qý�ð8���3ûNú���ý1ÿ�Fú!�Yÿ�E4s�
ù ú\ÿ��@ü$3������\ú��@üÅû`ý2�
ù ú\ÿ�./�����+���Fú!�Yÿ ý������!����X�����Yû��`ú��@ý�û��hÿ��þEýD���'�hÿ�ð ¼ ������û`ý��ý���
�YþEý�)��%#ýEþZ�`ÿ+������&3����hÿû
ÿ���� ���@ý�û`ý²ûNú���ý1ÿ�Fú!�Yÿ�E4��'���@ýEþ�:ý$�@þ�:ý"û`ý�)�-,Ný�&@ý*����������`ú��)@ý$�!�Yÿ2�Qý�N[$��ý����Fú\ÿþ1ú��$ý�ð

± ��3#ü$���Fú!=��ý$��ý1ÿ��E4q���`ú!�=��ý��'��%����Fú'�hÿþEý"ý���Cû��Yÿ`ÿüEý��
���

σ2 =
1

2n(n− 1)

p∑

i=1

p∑

j=1

t(xi − xj)(xi − xj)

=
1

2n(n− 1)

p∑

i=1

p∑

j=1

t((xi − 〈x〉) + (〈x〉 − xj))((xi − 〈x〉) + (〈x〉 − xj))

=
1

2n(n− 1)

p∑

i=1

p∑

j=1

t(xi − 〈x〉)(xi − 〈x〉) + t(〈x〉 − xj)(〈x〉 − xj) + . . .

. . . + 2t(xi − 〈x〉)(〈x〉 − xj)

=
1

n− 1

p∑

i=1

t(xi − 〈x〉)(xi − 〈x〉)

ý$�*=��ý��
ù����$ü$�����@ý$���!û`ý�������"FýEþ$�Fú!�Yÿ�������:���3;�Yÿ
���Qý#����D�`ÿý�û����Yú��@ý�û`ý�%#ýEþ$�@ý$���*�`ÿ`ú����hú��@ý
u

]ù¡üEþ$�Fú��
Π = utu

��%#ýEþ tuu = 1���!����D�'�B%����Fú'�hÿþEý"û`ý�Cû��Yÿ`ÿüEý�D������"Fý$�@üEý�D%������

σ2
u =

1

n− 1

p∑

i=1

t(Π(xi − 〈x〉))Π(xi − 〈x〉)

=
1

n− 1

p∑

i=1

t
(utuxi − utu〈x〉)(utuxi − utu〈x〉)

=
1

n− 1

p∑

i=1

t(xi − 〈x〉)(utuutu)(xi − 〈x〉)
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σ2
u =

1

n− 1

p∑

i=1

t(xi − 〈x〉)utu(xi − 〈x〉)

=
1

n− 1

p∑

i=1

tu(xi − 〈x〉)t (xi − 〈x〉)u

= tu

(
1

n− 1

p∑

i=1

(xi − 〈x〉)t (xi − 〈x〉)
)

u

= tuV u

V
ý���Y�'�+�+�����FúQþEý�û`ý��%����Fú'�hÿþEý�76Sþ���%����Fú'�hÿþEý�E4������ü$���Fú!=��ý;ý$��û`ü<Fÿ`úQý#�5��Fú��Fú�%#ý�ð ¶ ý$���@ý>%����Fú'�hÿþEý¥û`ý�����@ý$��%����Fú!�Yÿ��������"Fý$�@üEý�-û��Yú���[$���@ý(�+�-,9ú���ú!püEýX�������'�Cþ��Yÿ������hú\ÿ��@ý tuu = 1

ð�L;ù���� �
ù¡ý$�����!�YúNû`ýX�'��.?�Yÿþ$�Fú!�Yÿ
û`ý"ø���3����hÿ�3#ý

L = tuV u + λ(1− tuu)

λ
ý�����Qý��#�����Fú����\úQþE���@ý$���²û`ý"ø���3����hÿ�3#ý�ð

L
�Yû���ý$�*�`ÿÅý<,����@ý$�#�����5�����

∂uL = 0
û�ù����C�
ù¡ü�=��
���Fú!�Yÿ�����,%����Qý$��������������@ý�!û`ý

V
V u = λu

iYjlk�m>nNo!��pYr#tEu�u5v�w�xG�?�Sz-u�x��ltE��}�^v�w�x����$t��bz��?�?tEu��� ��1z�¡������!xSz-u��{�z2¢$z-����z-u5��wDx$w�{?tEuG{?w�x&u5t�£�¢�w<z�£�¡z�¡qw�x��

V
ý���������ü$���Fú!=��ý;ý$��û`ü<Fÿ`úQý>����Fú��Fú�%#ý�4$û��YÿþB�Qý��%����Qý$��������������@ý���Yÿ��D�@üEý$���Qý�D�5��Fú��Fú�%#ý�Wð��'�B%����Fú'�hÿþEý"û`ý�!û��Yÿ`ÿüEý�*������"�ý$�@üEý�!ý���

σ2
u = tuV u = tuλu = λ

î!ý���@ý�@9������"Fý$�@ý$�)�Qý�lû��Yÿ`ÿüEý�&����(�QýY%#ýEþ$�@ý$���)���������@ý
u1
�����9þ1úQüZ@�'�#%����Qý$�������������@ý

λ
�'� ������D3����hÿû`ý�ð ¼ �����D��������%#ý$���Qý�@ýEþ��YÿûC�-,`ý�û`ý%����Fú'�hÿþEý �+�-,Nú��+���Qý�4�ú���./�������-"7�����@ý$�Z�'��þ��Yÿ������hú\ÿ��@ý tuu1 = 0

ð ± ú\ÿ�Fú
û`ý9��`ú��@ý�ð
ø��>%����Fú'�hÿþEý����������Qý"ý���

σ2 = tr(V )L��hÿ�+�Qý3þE��2���0�Qý� û��Yÿ`ÿüEý� ú\ÿ`ú��Fú'���Qý�2��Yÿ��2����H�¸ûNú!��$ý$��@üEý�E47ý$���Qý����@ý1ÿ`ÿý1ÿ�� �Qý �
�������Y�Qý�9�������@ý�E4�ú��s./�����9���!����Y���@ü<. ü$�@ý$���
ù ���Fú��\ú!����Fú!�Yÿ
û`ý�lû��Yÿ`ÿüEý�lþEý1ÿ����@üEý�)�@üEû��`ú��@ý�WðNø�� ��ü$��:���û`ý²þ��Yÿ�Fú!��@ý$���>@9�@ü�����û��@ý�
ù¡ü�=��
���Fú!�YÿG����,1%����Qý$����&���������@ý�lû`ý*�'� �+�����FúQþEý�û`ý��þ������@ü$�'���Fú!�Yÿ�Wð`ø��
û`üEþ������5��Fú��Fú!�Yÿ��$ý$���D[$���@ý ���!������N�Yú\ÿ�*���@üEþ1ú!@ý��
���D�$ý$���@ý�û�ù ú\ÿ�.?�����+���Fú!�Yÿ�ð
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± �wþ�������²û`ý�þEý�Z������%�����,�4
�Yÿ]� ý$�������%#ý1ÿ��Z�@ýEþ�����������¾þE���Qþ$���-û`ý�!þ������@ü$�'���Fú!�Yÿ�Y�\ú\ÿüE�hú��@ý��ý1ÿ����@ý#�Qý�
û��Yÿ`ÿüEý�D3���°YþEý#@B�
ù ú\ÿ�.?�����+���Fú!�Yÿ]=���ù¡ý$���Qý�Y�����������@ý1ÿ��Z������Qý$���Cú\ÿ��@ý$�76Sû`ü$��ý1ÿû��hÿþEý�ð
± ÿ�������ý$���Qý�.?�Yÿþ$�Fú!�Yÿwû`ý�þ���%����Fú'�hÿþEý&û`ý��%����Fú'�����Qý�

u
ý$�

v
4��'�B./�Yÿþ$�Fú!�Yÿ

Cu,v(
−→r ) =

∫ ²
n

u(−→x ) · v(−→x +−→r )d−→x

�Qý�*��������6Sþ���%����Fú'�hÿþEý����Yÿ��Cû��Yÿ`ÿüEý�D�
���
〈u, u〉 = σ2

u〈v, v〉 = σ2
v�Qý�Cþ���%����Fú'�hÿþEý�²þ$���Yú!@üEý�

〈u, v〉 = 〈v, u〉 ≡ ρ · σuσv�Yÿ������$ý$���Qý
ρ
�Qý�þ��9ý<� þ1úQý1ÿ��²û`ý�þ������@ü$�'���Fú!�Yÿ −1 ≤ ρ ≤ 1

ø���.?�Yÿþ$�Fú!�Yÿ û`ýÌþ������@ü$�'���Fú!�Yÿ³�@ü$���Yÿû³@��'��=��ý���Fú!�Yÿµ´ ó �ý$���Qý5ý���#�'���������
���`ú��\ú��@üÅû`ý û`ü$�@ý$����ú\ÿý$���'�%����Fú'�����Qý2���QüE�����Yú��@ý
v
@G�'�ÅûNú!����hÿþEý −→x + −→r ��Yþ�:
�hÿ���=��ý+�
ù��Yÿ þ��Yÿ`ÿ
�hú��B�'��%����Fú'�����Qý2���QüE�����Yú��@ý

u
@C�'��5��Fú��Fú!�Yÿ −→x ¶

·¹¸�º	» �5¼XÏ · ¼�½¿¾ ¶ ù¡ý�����`ÿ�ü$�Qü$��ý1ÿ���ú\ÿ�:ü$�@ý1ÿ��8@)�������@ý8��ý�����@ýX��:���Fú!=��ý�4Eú��mþ��Yÿ�%9úQý1ÿ��-û��Yÿþ2û`ý7þ��������@ý1ÿû��@ý��Yÿ5ú\ÿ�À��ý1ÿþEý#������'��þ������@ü$�'���Fú!�Yÿ�ð
ï��Yú��

u = λ · v + b
4
��%#ýEþ

b
�`ÿ������`ú��*Wù	�-"��������hÿ��Z@B�'�>%����Fú'�����Qý

v
ý$�Y�����@ü$���hÿ��*�'�B��ý�����@ý"û`ý

u
ð���!����D�Yÿ��

〈u, u〉 = 〈(λ · v + b), (λ · v + b)〉 = λ2〈v, v〉 + 2 · λ〈v, b〉 + 〈b, b〉���`ú!�=��ý��Qý������`ú��!ý���������@ý$��ý1ÿ��*þ������@ü$�QüB���CFú�3�ÿ
���(V?�����.ký1ÿÅþE��Cû`ý��`ú'�hú!�ú\ÿ����������ý1ÿ�������W<4 〈v, b〉 = 0
ð

¼ ���Z�hú����Qý$����E4
〈u, v〉 = 〈(λ · v + b), v〉 = λ〈v, v〉 + 〈v, b〉 = λ〈v, v〉

û�ù����
λ =

〈u, u〉 − 〈b, b〉
〈u, v〉
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íkÿC�
ù	����@ý1ÿþEý"û`ý9�����`ú��E4��'�#.?�Yÿþ$�Fú!�Yÿ¾û`ý"þ������@ü$�'���Fú!�Yÿ¾ý���*���!����!û��Yÿ`ÿüEý9�
���
ρ(−→r ) =

〈u, v〉−→r√
〈u, u〉−→r · 〈v, v〉−→rFú�û��G�����`ú��²ý���*�-"7�����@ü�����D�'�B��ý�����@ý�%����húQý�û`ý
u
4����!����

ρ(−→r ) =
〈u, v〉−→r√

(〈u, u〉
%����hú
−→r

+ 〈b, b〉−→r ) · 〈v, v〉−→r���`ú!�=��ý 〈b, b〉 ≥ 0
4��'�;þ������@ü$�'���Fú!�Yÿ3ûNú���ú\ÿ��ý&ý1ÿC���@ü�@ý1ÿþEý"û`ý������`ú��Wð
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ø2ù �`ÿ5û`ý�)�����ýEþ$��ú\ÿþ��Yÿ��������Fÿ
�����Qý"û�ù �`ÿýY��:�H�@ý²û`ýZ��:���Fú!=��ý�����"������@û�ù :��`ú�ý���(�QýY�@ýEþ�������)@ �
ù ú\ÿ�./�����+�-6�Fú!=��ýN´��
ù ���Fú��\ú!����Fú!�Yÿ>û`ý�D�+�Yþ�:`ú\ÿý�*�5�����D�Qý�þE���Qþ$�����+�hú!Y�����@ú�û`ý�D�!��3�úQþ1úQý$�!Wð ¶ ý�Z�hÿ`ÿüEý�²û`ý���:�H�@ý9�Yÿ��
ü$�@ü#�
ù���þEþE��Fú!�Yÿ>û�ù¡ü$�@ý1ÿû��@ýB��ý�*þ��Yÿ`ÿ
�hú!���hÿþEý��û��hÿ�*�Qý¥û����+�hú\ÿý�ð ¶ ý$�'�1� ü$�@üB�����Fú��
ù��9þEþE��Fú!�Yÿ û`ý�.¹�hú��@ý
û`ý�Cþ�:��YúK,5þ��YÿþEý$�Fÿ
�hÿ��Z�
ù¡ý$�����!�Yú�û`ý��
ù������Fú���ú\ÿ�./�����+���Fú!=��ý�ð
ï�ús�
ù ���Fú��\ú!����Fú!�Yÿ û`ý�Z3������@ý�*�+�Yþ�:`ú\ÿý���b����ýBÉYÊ ½lË ÿý#]ù¡ý���*�
��Y%����hú���ý1ÿ��&"�����FúKF�ü �5�����²þEý�Y�����E%�����,�4
þEý$�'�Y%9úQý1ÿ��ký1ÿ����@ý<6l�������@ý*û��;û`ü$%#ý$�!�����$ý$��ý1ÿ���û`ý�M��ý$�7./�����+�hÿþEý�2þE���Qþ$���'�����Yú��@ý�2û�ù����@ûNú\ÿ
���@ý$����X��ý$����Yÿ`ÿý$�!WðL;ù	�hú����Qý$����E45����"7�����@û�ù :��`ú-ý$�²þ��������@ý<6¹�@ý1ÿ��Îû��]���FúK,wû��¾û`ü$%#ý$�!�����$ý$��ý1ÿ��"û`ý�*ÿ�����%#ý$���Qý� ¶�¼ É#4�@ý$���Qý�Z�Qý�
ý1ÿ����@ý$���Fú!pý�)�����püEû��hÿ��)�`ÿýY�'����3#ýZ�
��pý*û`ý�þ$�\úQý1ÿ���)�$ý$���)@ý*�$ý$����ý$�����@ý�û`ýZ�@ý���@ý$��û��hÿ�(�'�¥þ�������@ý�ð ± ú\ÿ�Fú¹4�N[$��ýC�Qý�¸þ��Yÿ�������þ$�@ý$����2ÉZÊ ½bË ����H�1�������Yþ�:ü�G��� û`ü$%#ý$�!������ý$��ý1ÿ��5û`ýG�Qý$���+���þEýÅý1ÿ ú\ÿ��@ý$�FÿýÌV
ï��`ÿ�4
v ýÇò��Qý$���76 ¼ �Yþ�Í����@û�4(ï�ú��\úQþ��Yÿ � ������:`úQþ� ½ ÿþ�WX@ý*�������Fÿý1ÿ���û`ýZ������lý1ÿ2������&%#ý$��(�Qý�)��������Fú!�Yÿ����Î�ý$���@ý�&�
���
½ ÿ��@ý$�ký$� ± \]L¥ð�L;ù	�������@ý�E4$ý1ÿþ����@ý¥ú\ÿþ��Yÿ��������Fÿ
�����Qý�9�
���Y�Qý$�����@ý��������@þEý�ZFÿ
�hÿþ1ú!H$�@ý�9�����@ý1ÿ��Y�5������û`ý��
�����@ý1ÿ
���Fú'������@ýEþ�:`ÿ����!��3�ú!=��ý���5������þ��Yÿ��Fú\ÿ��ý$�1@C�������5��@ý$�>�Qý$���>���������@ý�N���@þ�:`ú��@ýEþ$�����@ý�]V ½lÏ \�Wjð�\A�hú!
þEý$�'�;ÿý�þE�Yþ�:ý9�
����'�>�@ý1ÿû��hÿþEý�û`ý�.?�Yÿû�ð
¼ ���#�hú����Qý$����E4��Qý>�!��3�úQþ1úQý$�)�Ìü$3����Qý$��ý1ÿ�� �`ÿý>����H� 3����hÿû`ý�ú����5�������hÿ��@ý�ð�LY�Îþ�:��YúK, û`ý>�@ý$�(�����@ý$�8�!��3�úQþ1úQý$�
û`ü$�$ý1ÿû����^�'�^�����9û��þ$�Fú�%�ú��@ü¸û`ý���@ü������������Wð�ï��Yú�� �
���9�`ÿý���ý1ú����Qý$���@ý þ��YÿþEý$���Fú!�YÿÊû��Lþ��9û`ýB./�hú!S�hÿ�� =���ù	@��°Yþ�:ý�ü$3����Qý�4E�`ÿ#�!��3�úQþ1úQý$�9ý<,`üEþ$���@ý$���*�QýÐ�����-Ñ!�@ý$��ý1ÿ��s������������`úQû`ý$��ý1ÿ��8=���ù �`ÿ>�������@ý�ðYï��Yú����
�����`ÿý+ú\ÿ��@ý$�7.¹�YþEý������X���$ü$�����Fú!�Yÿ`ÿý$���Qý²ü$%�ú����hÿ��X�`ÿý��$ý$���@ýCû`ýD�@ý$����7ûNÆý*@��'��þ��������@ü$:ý1ÿ�@ú!�Yÿ1�
���(�
ù ���Fú��\ú!����@ý$���Wðmíkÿ�Fÿ�4��'�@üEþ$���Fú��@üB=���ù���Î5�@ý#�`ÿ��!��3�úQþ1úQý$�-û��Yú��²þ��YÿûNú��Fú!�Yÿ`ÿý$���Qý&þ�:��YúK,]�
���Z�
ù ���Fú��\ú!����@ý$���Wð5É*ÿ��!��3�úQþ1úQý$�M=��`ú�ÿ�ù¡ý���Z�
������+�������ý1ÿ������5�����Fú��E4(ÿ�ù¡ý���*�
��Y��������Qý�ý$�Z�'���$ü$�@ü1ÿ`ú��@ü&û`ý�Z�@ü������������²ý���*��ý1ÿ
�YþEüEý�ð�\A�hú!*�'�+@üEþ$���Fú��@ü�
���@ý��E%��hÿ��8�������s�
���M�Qý�������H$��ý�û�ù¡ý<,����!�Yú������Fú!�Yÿ]V
ï9í����]Òsfq4?Ò���O$Q7P�a?edU�gEf
Ó�R<abO$Ô2W�=��`ú��������@ý&�'�Z�
��@ýlû`ý�
ù ú\ÿ��@ü$3��Fú��@ü&û`ý��û��Yÿ`ÿüEý�Wð�L;ù	�������@ý�Cþ��Yÿ�FúQû`ü$�����Fú!�Yÿ�*�������*�����Fú�%����'�����Qý��þ�������ý��Qý�þ��YÆ��E4��'�B�5���������`ú��\ú��@ü�����
ù	�YþEþ�H�#��� þ���û`ý�������@þEý�Vd�������"þ��Yÿ`ÿ
�-Ñ!���@ý¸þ�������ý1ÿ��&ý���"üEþ$�Fú��@ý��`ÿýB.?�Yÿþ$�Fú!�YÿÕ�
�����FúQþ$���\ú!H$�@ý�W9��Yÿ�� @���@ý1ÿû��@ý"ý1ÿwþ��Yÿ�@úQû`ü$�����Fú!�Yÿ�ð

¶ ý� �hÿ`ÿüEý�"û`ý>��:�H�@ýB�Åù��Yÿ��B����ý1ÿü+@1./�hú��@ý;ü$%;�����ý$�9��ý��þ�:��YúK, ý1ÿ��+���Fú!H$�@ý�û`ýB�!��3�úQþ1úQý$�!Wð�íkÿÎý<Î�ý$�E4�$ý1ÿû��hÿ����!�Yÿ�3��@ý$����E4�"Fý������:
�hú����hú!�þ��Yÿ�����Ö��Qý$�D�
ù¡ý1ÿ�pý$� ���Qý�û`ý�)�����-Ñ!�@ý$��ý1ÿ���Z�������\ú!=��ü�*����,Ìû��Yÿ`ÿüEý�Wðï�ú
þEý$���@ý�û`ü$�+���@þ�:ý;ý����./�����+�����FúQþEý&ý$�Z�Fú�3;�����@ý$��@ý�4�ý$���Qý&þ������������@ý&ÿüE�hÿ��N�Yú\ÿ�Y�
ù ú\ÿþ��Yÿ�%#ü1ÿ`úQý1ÿ���û`ý ���@ý1ÿû��@ý�`úQý1ÿ�������"û`ý>�@ý$����9=��ý>�Qý>�@ýEþ������� @Ìû`ý���!��3�úQþ1úQý$�!9���@ü<6Sý<,9ú!����hÿ���Wð5×�ØScMU5Ù OSR<a���P�RNa¹T�ÚSÛ�T�Ú�Q�R�U�Ü�Ý�OSR�R�P�edQ�OÞ O�Q�Ü<edU�ß�O$U
abO<Q�cKPNQ7T�Ú�O�×²ý���(�`ÿ^�Qý1ú����N���Fú�%+���Fú��QýZ�!�����=��ýY�
ù��YÿÌû`ü$�+�����@ýY�`ÿýZ��:�H�pý�ð ± ú\ÿ�Fú¹4�ú���@ý$�#���QýY�������$ý$���Fú\ÿý1ÿ��Ð=��
�hÿû��Yÿ>]ù	��������=��ýD@Z�`ÿ;ÿ�����%#ýE�������������!H$��ýCû�ù������@ý$�2ý1ÿ>���@ý$��úQý$�8�\úQý$���������M�Qý�M�!��3�úQþ1úQý$�!8=��`ú
ý<,Nú!��@ý1ÿ�� �-Fÿ û�ù	���5�����Fú��������`úQû`ý$��ý1ÿ��#@1�`ÿA�@ü�����������9=��`úMpý$� ���Qý�þ���:ü$�@ý1ÿ��Wð�í2ÿ���`ú��@ý�FúkþEýB�@ü�����������"ý���
ú����5�������hÿ��&ý$�9=���ù ú��8�Fú!�=��ýB.?�����@ý$��ý1ÿ���û�ù�[$���@ý����Fú��\ú!@ü>�������@ü$�FúQý$���@ý$��ý1ÿ��E4�ú��2ý���"þ��Yÿ�@ý1ú����Qü�û`ý�û`ü$%#ý$�!�����$ý$���YÿG���������@ý"þ��9û`ý �-Fÿwû`ý�]ù	�������@ý$�D=��ý��Qý��@ü�����������*�����@ý1ÿ��¾þ������@ý���5�YÿûG�`úQý1ÿ�@;þEý9=��ý��
ù��Yÿ������@ý1ÿû�ð

��J 8



�0�
�����Fú��lû`ý!þEý��þ��Yÿ�FúQû`ü$�����Fú!�Yÿ�E4�%;�YúQþ1ú��`ÿýD�\ú!��@ý*û`ýD�!��3�úQþ1úQý$�!)=��`ú
��ý$����ý$���@ý1ÿ���@9�`ÿ¸ü$���ûNú'�hÿ��lý1ÿ^��J�J�à
û`ý"û`ü$�+�����@ý$�!ý<� þE�YþEý$��ý1ÿ��Ypý��������%�����,$ð

�b���$ý û`ü1ÿ�����ú\ÿ
���Fú!�Yÿ Fú��@ý�ò�ý$�Òsf \]�hÿû��Fú�%��CV�ý<,�6b\]�hÿû�����Í#ý����.?�E4 � ÊYÉ é ø�ú\ÿ���,
W ò�ò�ò"ð �+�hÿû��Fú�%��Nð¡þ����� ý1ÿ�������V � ÊYÉ é ø�ú\ÿ���,
W ò�ò�ò"ð 3#ý1ÿ������`ð�����3\]�Yþ ± ï�6 Ë V � ÊYÉ é�Ï ï�L éh± �����Qý�W ò�ò�ò"ð	�������Qý�ð .?�
þE���Qþ$����@þ1úQý1ÿ��FúKF
=��ý îáV?������Fú!��Fú!=��ý�SW ò�ò�ò"ð �76¹������"FýEþ$�Wð�����3

ï9þ1ú��'���âV�þE���Qþ$����ÿ�����ü$�Fú!=��ý�W @þ1ú��'�������.?�Wð ú\ÿ��Fú'�Nð .?�\����
�YûÕV�þE���Qþ$����.?������ý$��W ò�ò�ò"ð � ���
�Yû�ð¡û`ýÊ ¶ øãVd%�ú!��
���\ú!S���Fú!�YÿC3#ü���3�������:`ú!=��ý�W ò�ò�ò"ð ÿþ$�
ð �þE���Wð¡ýEû��� ÿ������!���>Vd3�������:`ú!=��ý�SW ò�ò�ò"ð 3�ÿ������!���Wð ú\ÿ�./��
��@ý�Cû`ý�û��Yÿ`ÿüEý� \��ï ó ø ò�ò�ò"ð � ���=��
ð¡þ����
¼ �����3��@ý]ï ó ø ò�ò�ò"ð �5�����3��@ý��=��
ð�����3�@üEû��Yþ$�Fú!�Yÿ V Ë WUí8�+�Yþ�BV�üEûNú��Fú!�YÿqW ò�ò�ò"ð ,`ý$�+�Yþ�Wð�����3
â�ý<, é ø����@ý<,âV�.?�����+���@ý$���*û`ý��@ý<,��@ý�W ò�ò�ò"ð ����3ð�����3������3��������+���Fú!�Yÿ ¶ 4�ä����@â����hÿÌV�þ������`ú��Qü�SW ò�ò�ò"ð úQû��Fú!Wð .?� é û���þ� é û���þ$� é ������5������åCþ�������
Ä ��%��CV?����"Fý$��SW ò�ò�ò"ð���`ÿ�ð¡þ����
îD������V?���FúQý1ÿ��@ü#����"�ý$���4�@þ$�Fú����@ü�W ò�ò�ò"ð ��������6¹�'�hÿ�3ð�����3�
���������Qü$�\ú!����Fú!�Yÿ \ ¼2½ V�ûNú!����Fú����ü�WCý$� ± ��ý1ÿ�\ ¼ Vd�
��������3#ü�W ò�ò�ò"ð úQû��Fú!Wð .?� é û���þ� é û���þ$� é ������5������åCþ����������@ü�@ý1ÿ������Fú!�Yÿ� ± ��ý1ÿ ± � þEý�ð�����3AV?��`ú��@ý������@ýE�����Fú!=��ý�W ò�ò�ò"ð����$ý1ÿ���� þEý�ð�����3
ï9þ$�Fú�����#V ¼�±*± W ò�ò�ò"ð�@þ$�Fú�����Wð ÿý$�

þ������ �`ÿ`úQþE���Fú!�Yÿ \���æEú����'�CV?ä�ú��@ý<./��,Åý$�Câ):��`ÿû`ý$���`ú��@û
W ò�ò�ò"ð �N��æEú����'�Nð�����33�������:`ú!���ý ��L â):ý � ú����âV�û`ý��@ú\ÿâç<eda?ÔNP,��W ò�ò�ò"ð 3�ú�����ð�����3Ë F�3�V�û`ý��@ú\ÿC%#ýEþ$�����FúQý$��W ò�ò�ò"ð ,�F�3ð�����3���Fú��\ú����hú��@ý� @þ$�@ýEý1ÿâVd%9ú������
���\ú!����Fú!�Yÿwû`ý��@ý$����ú\ÿ
����W �\ú\ÿ���,�.?�Wð�����3 é �Fú��� é �EJNð :������
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��4�î�ðÐV7ïEI�I�J;W<4�îY�YûNú!����ü$���FúQý�ý1ÿ��Yÿû`ý����ú����\ú���ü$���Fú!=��ý� ���������'� ÿ�����%#ý$���Qý>3#ü1ÿü$�����Fú!�YÿLû`ý�S���@ý$���\ú��@ý���ü$�@ü��������!��3�ú!=��ý�E4
î8:�ð�L;ð
��:ý�Fú!E4�É*ÿ`ú�%#ý$��Fú��@ü9îM���Fú!ZàNð
í 3�����4Eî�ð�4��hÿû9\ ðEð�����ý�(V7ïEI�I�_�W<4�ñ>Ò8ò*ò(ó�ñ*òYô�òöõ�P�ad÷�øXU Þ O<Q8ò ù�`*úDúÌû�P�U Þ�ü P�a¹PZô�O$a&ý�R�O$Q�Ù R8þ]P�U�Ú�P�cK4Ê í�ÿ�í � �9û`û����@û ÿ �
�YþEý9äs�\ú�3�:�����ý1ÿ��@ý$�E4�3;�9û`û����@ûÅûNú!����Fú������@ýEû]�Yþ$�Fú�%#ý ���@þ�:`ú�%#ý&þEý1ÿ��@ý$�*ýEû��
í ú��@ý�E4;ä���V7ïEI�I�I;W<4�î8�������!H$��ý��ú\ÿ�%#ý$��@ý�+ý$�Ð�@ü�pýE����,�û`ýCÿý$�����Yÿý�Z´��������\úQþE���Fú!�Yÿ^@��
ù ú\ÿ��@ý$�7. ü$�����NH$���@ýY:
�����@ý�@ü���������Fú!�Yÿ�� í�ÿ �+ý$�Z@B�
ù	�hÿ
������@ý"û`ý�pü$�FúQý���@ý$�������@ý$���Qý��4
î8:���L�����:ý�Fú!�4�É!ÿ`ú�%#ý$��Fú��@ü îs���Fú!YI	�
í ú��@ý�E4;ä���4
���;î8�Fú�3#ý1ÿ��E4��hÿû�����*������� V/��J�J�_�W<4�Ê²ý$�������ÿý$���(����ÍN�`ÿþEý$�����hú\ÿ��b�2���@ý�����ý1ÿ��Ð��Fú\ÿ�39�
�E�#ý<6Fú'�hÿ�������Fú!��FúQþ�9´ í �@ý$�N���@ý9@ý1ÿ�Fú\ÿ�31�������\úQþE���Fú!�Yÿ�45ñ O<Ú�Q�P�c��8T�Ô��qÚ�a¹P�a?e/T�U
4�����4q��_�ï ò�� ��_ ò �	�
í ú��@ý�E4�ä���4�����î8�Fú�3#ý1ÿ��E4��hÿû������*������� V/��J�J ò W<4 ÿ ý1ÿ�@ú��Fú�%�ú��l� ��.
����@ý$���\ú��@ý(��úQþ$�����&�E%#ýD�hÿû�ú\ÿ�.?�����@ýEûB����@ý$�76%����Fú!�Yÿ�)������Yú��5�N�Yú!������@ý����*� 3��!���
����pþE���QýB´��	� � �!���
����������Fú!��FúQþE�����@ý$�'���Fú!�Yÿ��:`ú���E4��! sT#"%$*O�T&�q÷�Ó�RSe/Ý�P�cúDOSREO�P�Q�Ý<÷�4'����(�V?L>ï�ï�ïEJ�);W*�
í �N������Yÿ�3�4��+�8V/��J�J�ï�W<4�,*ú!������FúQþE��� ÿ �E%9úQý$�9L��hú���� ÿ ÿ����áL²ý$����:.-2ý$��@ú!�YÿÕ�]V/, ÿ L ÿ L9W<410qO�Ý$÷	 XQ�O2�� !4�Ê��-6�Fú!�Yÿ
��� ÿ ÿ���� �hÿû3�UþEý�L���������ý1ÿ��@ý$�E4 Ï �����Qû`ý$�E44� ± 4658������76bÉ*ÿ`ú!E4�V/, ÿ L ÿ L�W7�&LZ62� ± \8�
í ��Í9ú¹4:9;��4 í �6,��Yþ�:`ú�Í�������45�hÿû�\8�6,Y���Fú&V/��J�J�);W<44<MÎ�ýEþ$��Z��.ÐFÿ���� ��:���FúQþE�����
��������ý$�@ý$����Yÿ��:��������&��%#ý�����;�Yû��
�hÿû������$ýEû���E4��	 MT#"=$*O�T&�q÷�Ó�RSe/Ý�P�c5ú*OSR�O�P�Q7Ý<÷�4>��(�?sV7ïEI;W*�
Ï ������:����!����ü�4><@��4-ý$�>���A�)V/��J�J��;W<4 � �!���
����ø��hÿûB�&��%#ý$�>�+�����`ú\ÿ�3�./��� ��:ý1�#ýE���N��J�J�JG6�î8����"FýEþ$�B���������

ÿ��E%#ý$�#��ý$����J�J���4C0�O�Ý<÷	 MQ�O2�� !46<Ð��������ýE�hÿ��&������ú!�Fú!�YÿG6(ð;�Yú\ÿ��1�!ý�pýE���@þ�:���ý1ÿ����@ý��
Ï ú!�:�����4:����V7ïEI�I ò W<4qñ#O<Ú�Q�P�c�ñ#O$a/DXT�Q&EER'"$T�QZõ�P�a/abO<Q<UGú*O�Ý�T�g�U
eda?e/T�U
4 ± ,�./���@û�4���,�.?���@û^�`ÿ`ú�%#ý$��Fú��l�^���@ý���ýEû��
Ï �Yÿ`ÿ�4>ä���4��hÿû � �F�*�9þ�:��YÿÇV7ïEI�I��;W<4+õ&Q�Ü�Ý$e�R Þ OµabÜ<c�Ü Þ Ü$abO�Ý�a?e/T�UHG]õ&Q<e�UqÝ�eI��O<R O$a]Ô+Ü$ad÷�T Þ O<R<4>%;���A�^ï�4îÐÉ;J;K í ÉZîL<2ø�ä��
Ï ���Yÿý�4 í �(V/��J�J�ï�W<4 ü OSR$Ý�QSeM��a?e/T�UöT#"BØ�ô	N&òOGQP(ôSRTP'U&��cfe/Ý$e?a*ôqUqTVDXW^ô
UqTVD ô�Ý<÷�O<Ô+O$4�þEý1ÿ����@ý1Ê���J�4�\3ü$�@ü���6ä����hÿþEý��
Ï ���Yÿý�4 í ��4��hÿûGîY�6<8�@þ�:ý$%#ý$��BV/��J�J�ï�W<4 í ÿ5ú\ÿ��@ý$�@þ������
���Fú!��Yÿ]��.M��:��@ýEý9Fÿ����¥@þ�:ý$��ý�Z��.s%������9ú\ÿ�3 þ����>6���Qý<,Nú��b�¾þ��������QýEûA���2��:ý>�����ý#�'�hÿûA����7./�YþEýB�N�9û`ý$��´(ø��9þE���K6b@þE���Qý�ý$%������
���Fú!�Yÿ������hÿ������`ú\ÿý�Fú��@ý���4>�! T#"Z`�Ó Þ Q7T�Ô+O$abO�T�Q7T�cKT�g�Ó�4YZ�46);�-_ � )�I�_6�
Ï ���Yÿý�4 í ��4`ý$�Z���A��V/��J�J�_�W<4:9):ý[�*:�ÖYÿý<6 í 3�3��@ý$3����Fú!�Yÿ��'�hÿû�����7.¹�YþEý�@þ�:ý$��ý�ú\ÿ��@ý$�@þ������
���Fú!��Yÿ]������"FýEþ$� ´í ÿ��E%#ý$��%9úQý\�94��! ÐT#"��scfedÔNP�abO$4��	]E4�ïE�;� � ��J��	�
Ï �����
��Í#ý$�E4@^%��4�\8��ð���Fú\ÿ��Í9ú¹4 í �1�(:
�hÿ�3�4*�hÿû_<1��ð;����$ý$��3#ý$�âV/��J�J�J;W<47�Sÿ��@ý$�������'���Fú\ÿ�3ã��
����@ýA����7.¹�YþEý��ýE������@ý$��ý1ÿ����./����þE���\ú��������Fú!�Yÿ>�hÿû�%����\úQû����Fú!�YÿB��.�����@ý$���\ú��@ý<6Sû`ý$�Fú�%#ýEû#@ÿ����`�)���@ý$��ý�=��`ú�%����Qý1ÿ���ú\ÿ+�*���Fú'�
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ÿ ú��$ý$�Fú'��4�ú\ÿÌú*O<ÔNT�abONô5O<U�R<e�U�g�edU�`�Ó Þ Q7T�c�T�g�Ó�Z!(�(�(GôqÓ�Ô���T�RSedÚ�Ô�4�ýEûNú��@ýEûÕ����\a� ± �7ý�4Y^%� Ï �����
��Í#ý$�E4ð6�6�!ú��@þ�:`úQý�4
�hÿû í �b�Y�hÿ�3;��46� í , ÿ îÐ�����\úQþE���Fú!�Yÿ��
Ï ���`ÿ�4	<@��4	<@��\]�����Fú\ÿ�4!-�� ÿ ú��N�Yÿ�46��� � ý1ÿû��@ý�4��hÿû3���6�&���Qý����ÕV7ïEI���I;W<4 í ÿ5ý1ÿý$��3��2�hÿû2�+���&�N�9û`ý$�5��.Fÿ���� þ��E%#ý$�Y��`ú��������Qý�./���D����ý$�����Fú!�Yÿ
���M��%����'�hÿþ�:ý�./���@ýEþE����Fú\ÿ�3�4��	 MT#"=$)c�P;Ý$e/T�cKT�g�Ó�4dc�esV7ïE��ï�W<4:)�)�) � )�_��	�
Ï ���`ÿ�4	<@��4�îY��L���%9úQû�4�\8� ÿ �û����¹4��hÿû � � Ï ���`ÿ����9V7ïEI�I��;W<4 í ÿ�����ý$�FúQþE�����N�9û`ý$�q���>Fú��#���'���@ýY@ÿ����)6Sþ��E%#ý$���������Fú�3�������:��^.?���D���$ý$�����Fú!�Yÿ
���s�E%����'�hÿþ�:ý�./���@ýEþE����Fú\ÿ�36��4d�	 MT#"=$)cKP�Ý$e?T�cKT�g�Ó�4dc�?��
�)���
�hÿý�E4 í ��4�øf�Nø�ý$3���3�ÿý$��,�4��hÿû^ä���L�����ú\ÿý�V/��J�J�);W<4	�Z���@ý���.�ý$%;�������Fú!�YÿG��.���:ý���$ýEþ1úKF�þZ����7.¹�YþEý����@ýE���.8����7./�YþEý Fÿ����¥�'�E�#ý$��E4gP&U
ßEe�Q�T�U�Ô+O<Uqa¹P�c�ô�Ý$e¹O<UqÝSO#P�U Þ 0�O�Ý<÷�UqT�c�T�g�Ó�4dc6]�4
à�à�ï � à�à�à	�
�)����%#ý$�E4�ð6� 6h����4�ð6� 6bîY�	� ú�3�ÿý$���Yÿ�4 í �	�(:
�hÿ�æ��;4 ÿ �!�Z�-"7��4��hÿû øf�Nø���3��ý$���@ý�V7ïEI�I ò W<4�\wúQþ$�����&��%#ý�ûNúQý$�QýEþ$���FúQþ�������$ý$���FúQý�N��.��AFú����76¹�!�;��� ����:`ú�3�:Ì.?�@ý�=��ý1ÿþ1úQý�E4ÐØiPfPfPj0�Q�P�U�R$P�Ý�a?e?T�UãT�Uk$*O�T�R$Ý$e¹O<UqÝSO�P�U Þ úDO$Ô�T;abOô5O<U�RSedU�g�4�c�cMVQ);W<4qà�)�_ � à�_��	�
�(:
�hÿû�����@ý$Í�:
���E4 ÿ ��V7ïEI�à�J;W<45ú�P Þ e/P�a?edß�Ol0�Q�P�U�RT"�O<Q$4�F�����CýEû���4�L���%#ý$�*î8�����\úQþE���Fú!�Yÿ���
�(:
�hÿ�3�4 í ��4sîY� � �!�9ý$��@ý1ÿ�4Y9;� ÿ þ�:�� ��3�3#ý�4f9;�m� ú���:ý1ú��E4s�hÿû8,��'ng�&������� V7ïEI;��à;W<4M\wúQþ$�����&��%#ý5ý$��ú!�Fú!�Yÿ.?������Fÿ���� �hÿûG3��'�Yþ1úQý$�CúQþEý�4��	 MT#"=$)cKP�Ý$e?T�cKT�g�Ó�4Y����4
��) � )�I	�
�(:
�hÿ�3�4 í ��4-ð6��ä
����@ý$�E4��hÿûBL��V,�������V7ïEI��;��W<4�Ê*ú�� �����6��!û`ý$�Fú�%#ýEû>3��!���
����@ÿ���� þ��E%#ý$�8�
��������ý$�@ý$��E4�òZU
UqP�cfRT#"=$)c�P;Ý$e/T�c�T�g�Ó�4do��
�(:
�hÿ�3�4 í ��4d����^�ý$�����;4m<1��ð;����$ý$��3#ý$�E4m��� í ���N������Yÿ�3�4�ð6��ä�����@ý$�E4�L��m,Y�����¹4��hÿûâÊ���\���3�ÿ
���@ûãV/��J�J ò W<4í ÿ
������Fú!2��.93������`ÿû�6¹��ýE������@ýEûµ�hÿû0�
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ÿ :ý$�?"����¹4��&��4�\a��ä�ú����;4 ± � � ����?"FýE�hÿ�4Eð6�Wø�ý$�N�������Yÿ�4 Ï �Wø�ý���-Î5�@ý�4\y%�Eîs��3#ý�4��hÿû9\8� � ���NV7ïEI�I��;W<4-\wúQþ$�����&��%#ý�@ý$�N���@ý9@ý1ÿ�@ú\ÿ�3N��.sFÿ���� .d�������¥þE�����Qý"þE���D�����(:
���N�Yÿ`úK,5ú\ÿG��:ý�ä��@ý1ÿþ�: í ����E4�ØiPfPLP�0�Q7P�U�R$P;ÝEa?e?T�U�RT�U�$*O�T�R�Ý$e/O$UqÝ�O�P�U Þ úDO$Ô�T;abO ô5O<U�R<e�U�g;44c!��4:)���_ � )����	�
ÿ ú����\ú!�Yÿ�4�ä���V7ïEI�I ò W<4 ÿ ú�� ���'���Fú!�Yÿ3ý<� þE�YþEý"û`ý��üEþ�:
�hÿ�3#ý�*���YûNú'���FúK.?!û��hÿ���Qý��ý1ÿ�%9ú����Yÿ`ÿý$��ý1ÿ����þ��������Qý<,`ý�E4î8:���L�����:ý�@ú!E4�É!ÿ`ú�%#ý$��@ú��@ü � �@ý1ÿ������QýNï�4���ü$�N�Yú��@ý&û�ù :
���`ú��\ú������Fú!�YÿA@;ûNú��Fú�3#ý$�!û`ý�D�@ýEþ�:ý$�@þ�:ý���
ÿ ú\ÿ�3�:�4;îY��4��hÿû=9;� � �hÿ�V/��J�J�J;W<4
�!ý$���FúQý$%�������.5@ÿ����B�&���@ý$��ý�=��`ú�%����Qý1ÿ��X��Fú\ÿ�3��
���Fú�%#ý���úQþ$�����&�E%#ý*���Fú�3�:��76

ÿý����@ý$���$ý$���������@ý�û�������4�úDO<ÔNT�abO9ô5O<U�R<e�U�g1T#"�P)U�ßEedQ7T�U
ÔNO$U
a/4f]�r�4��;� ò�� ����à	�
ÿ �$ý1ÿþEý$�E4
����4�,F� � ����û��+�hÿ�4��hÿû�����,Y���9û�V7ïEI���I;W<4�î8�@ýEþ1ú��`ú������Fú!�YÿG�@ý$���FúQý$%�������%#ý$�(�'�hÿû^�hÿû2��þEýE�hÿ{��ú���:��:ý ÿ�ÿ \pKq�9´g��û`ý1ÿ��FúKF�þE���Fú!�YÿÕ�hÿû¾þ�:
�����Yþ$�@ý$�Fú!��FúQþ�9��.Ð��:ýB@þE�����@ý$�Fú\ÿ�3^Fú�3�ÿ
���¹4m�	 XTi"�òYa?ÔNT�RA�q÷�O<Q<e?ÝNP�U ÞÒDÝ�O�P�U
e?Ý~0�O�Ý<÷�UqT�c�T�g�Ó�4Y��V/� ò _�6l�;�V);W*�
ÿ �`úQý�E4�9;��4�L����*���`ú\ÿ���Yÿ�4-�hÿû ÿ �-\]�Yû����NV7ïEI�I�);W<4 � � ÿ ú\ÿ9��:ý+û`ý$%#ý$�!������ý1ÿ��M��.��@ý$3�ú!�Yÿ
������úQþ$�����)��%#ý<6¹�
��@ýEûFÿ���� þ��E%#ý$������3;���Fú���:��NE4ú\ÿ�õ&Q�TEÝ�O�O Þ edU�g�RNT#"9ad÷�O�?;ad÷+òZU�U�Ú�P�cf$XúDòYô
ô8$XØ�ô ý�R�O$Q�Ù R��8T�U�"EO<Q�O$UqÝ�O\�
ÿ ����3����9ÿ�4 í �MV7ïEI�à;��W<4�<8�QýEþ$�������+��3�ÿý$�FúQþN@þE�����@ý$�Fú\ÿ�3^.?�����È������3�:�4�Fÿý$�@ý$���3þ��Yÿû��þ$�Fú\ÿ�3C����7.¹�YþEý�E45úDP Þ e/Tô�Ý$e¹O<UqÝSO$4�Z�4�_�ï ò�� _����	�
ÿ �������C45\a��45ð6�X,Y������3��@ý1ÿ�4��hÿû � �(ø�ú!����Yÿ³V7ïEI�I ò W<4 í @ýE����Yÿ
���MFÿ���� þ��E%#ý$�"þ$�'���FúKF�þE���Fú!�Yÿ������@ý$��./����!�9þE�������>3��!���
���s�������\úQþE���Fú!�Yÿ�E4d�! 8T#"��sc edÔ�P;abO$4�?;4�ïE��à�ï � ïE����)	�
ÿ �û�4:y���4��hÿû�L��
\8�
\]��þ�Í;�]V7ïEI�I�I;W<4�Ê²ý\� Fÿ����)6¹��:���FúQþ�Y��� þ��������Qý$��ý1ÿ�� ÿ�ÿ ú Ï ��îs�����O��´
L�ý�Fú�3�ÿA�hÿû

ý$%������
���Fú!�Yÿ3��ú���:3� ÿ ø ÿ �&î��Sÿ`ú��Fú'���Fú�%#ý;�7û�������@ý$��E4��	 �Ti"Zþ�O$abO�T�Q�T�c�T�g�e/Ý�P�c�ô�TEÝ$e¹O$a?Ó���P&��P�U
4']�]E4b)�) ò�� )�_��	�
ÿ �`ÿ�4b����4	����Ê*ýE���Qý�4�ð6��\¾þ�L��Yÿ`ÿý$���¹4��hÿû�,F�!�(:ý1ÿ�3GV7ïEI�I;��W<4�\]�Yÿ`ú������Fú\ÿ�3>�'�hÿû�6b����7.¹�YþEýZFÿ���� þ��YÿûNú��Fú!�Yÿ�.?����� ÿ�ÿ \.Kq��û������D��@ú\ÿ�3��hÿ>�����FúKF�þ1ú'���9ÿý$�������9ÿý$�2�&����Í¥þ$�'���FúKF�ý$�E4�ØiPfPLPk0�Q7P�U�R$P;Ý�a?e/T�U�R)T�U~$*O�T�R�Ý$e¹O<UqÝ�OP�U Þ úDO$Ô�T;abO�ô�O<U�RSedU�g�4�c
e�Vd_�W<4
��J�ï � ��J�I	�
9�����ÿý�E44����4q�hÿû í � ÿ þ�:
�s���!����V7ïEI ò�ò W<45þ�e?Ý$Q�TVDXP�ß�O ô���O�Ý�a?Q�T�Ô+O$a?Q<Ó�4
\3þ � ���s�)62,*ú����A�
ÉZ�'�����;4Xä���4C�+�Ð\]�����@ý�4&�hÿû í �Ðä��`ÿ�3 V7ïEI���ï�4�ïEI�����4�ïEI���à;W<41�5Q�T�Ô ad÷�O�T�QSÓha¹TÌP&���qc e?Ý�P�a?e?T�U�R<4(\wúQþ$�����&��%#ý�@ý$�N���@ý pý1ÿ�Fú\ÿ�3�4 í ���@ýEþ�:�,Y����@ý�4b��ÿþ��
%��hÿ8-Y�QýEþ�Í548ð6��4Ð�hÿû�-��Y�Îý1ú!��Í;����.NV7ïEI�_ ò W<4 ± ÿ³��:ýG�:
����ý^��.�þ������\ú!Fú!�Yÿ�6¹�����;�Yû`ý1ÿýEûö�\ú\ÿý�E4Xú*O<ßEe¹O*D T#"þ]T Þ O<QSU�õ(÷�Ó-R<e?ÝE4m�	]E4����;� � ��)�à	�
-2ý$���N���@ý�46<@��4q�hÿû{y��b^9����.?�+�hÿâV7ïEI�I ò W<4 í ����������@ý�þE���\ú��������Fú!�Yÿ���. í -O,��1� %9ú!Fú����Qý9�hÿû5ÿýE���76
ú\ÿ�.?�����@ýEû

þ�:
�hÿ`ÿý$�!&��Fú\ÿ�3B��þEýE�hÿ2�hÿû þ$�!���ûN%9úQý\�DE4�ØSUqabO<QSU�P�a?e?T�UqP�c:�	 �T#"�úDO<ÔNT�abO*ô5O<U�RSedU�g�4g����V7ï�);W<4���)�ï�� � ��)�_�J	�
��ïE�



%;�YÿA\wúQý�4 � ��V7ïEI�J��;W<4 Ï ý1ú�������3#ýBæ���� ± ���Fú�Í����i����ý$��\¾ýEûNúQý1ÿ�4���$ý$æEúQý$���Y^Z�����!�YúQû����Qý$�9\¾ý$������������`ÿ�3#ý1ÿ�4�òZU:GUqP�c!O<U Þ O<Q�õ(÷�Ó�RSe�E-4XZ
e�46);���!�
�Õ��3�ÿý$�E4����4 � �]ø�ý$�N�Yú\ÿý�4�\a� Ï ����3#ýE���û�4��hÿû+,F���Z�����&V7ïEI�I�I;W<4 í ����û��9��.�%#ý$3#ý$�����Fú!�Yÿ;þ��E%#ý$�-ý<Î$ýEþ$����Yÿ
<f� ÿ @þE�����@ý$������ý$�@ý$�lû�������4�ØiPfPLP�0�Q�P�U�R�P;Ý�a?e/T�U�RYT�U.$*O�T�R$Ý$e¹O<UqÝ�O P�U Þ úDO$Ô�T;abO*ô5O<U�R<e�U�g;46c6]E4�I�)�� � I�_��	�

�Îý$3��+�����Qý$�E4MÉF��4��hÿû8����\�����æ��Qý$�^V7ïEI�I�I;W<4d�Z����3�:Õ�
���@ý+��Yú��Ð�@ý<À�ýEþ$�Fú�%�ú��l���N�9û`ý$�¹4sØiPfPfP 0�Q7P�U�R$P;ÝEa?e?T�U�RT�U�$*O�T�R�Ý$e/O$UqÝ�O�P�U Þ úDO$Ô�T;abO ô5O<U�R<e�U�g;44c:]E4�ï�)�I�ï � ï�)�I ò �
�Îý1ÿ���æ;4�ä��5V7ïEI�I;��W<4 í ��ý$���K6SþE���\ú��������@ýEûC��þEýE�hÿG����3;���Fú���:�� .?��� ÿ�ÿ \pKq�<44�! �Ti"F$*O�T*�
÷�Ó�RSe/Ý�P�c
úDOSREO�P�Q�Ý<÷�4d��(VZ�4�;��J�) � �;��ïE�	�
� ú�3�ÿý$���Yÿ�4Dð6� 6bîY��4DL�� � ���;�Yÿ�4�ð6� 6h���1�)����%#ý$�E4 � �@�&�������FúQý$�E4*�hÿûµÊF� Ï ���`ú�3��`úQý$�ÕV7ïEI�I;��W<4D\]�Yÿ`ú������Fú\ÿ�3

þ��Yÿ`úK. ý$������).?���@ý���Cþ�:
�����Yþ$�@ý$�Fú!��FúQþ�*��Fú\ÿ�3+�#� �����FúK.?�@ý�=��ý1ÿþ$�^��úQþ$�����)��%#ý ���YûNú���ý$�����;4qúDO<ÔNT�abO9ô5O<U�RSedU�g
P&U�ß�e�Q�T�U�Ô+O<U
a/4Y��(�4���I�I � )�ïEJ	�

� ú!��+�hÿ`ÿ�46-���V/��J�J�J��;W<4�\��Yÿ`ú������Fú\ÿ�32��.X@ýE����Yÿ
������:
����ú\ÿ�3¸ú\ÿ ÿ ú���ý$�Fú'�=��ú���:�<f� ÿ @þE�����@ý$������ý$�@ý$��û�������4ØiPfPfPu0�Q7P�U�R$P;ÝEa?e?T�U�T�U�$*O�T�R�Ý$e/O$UqÝ�O�P�U Þ úDO$Ô�T;abO�ô�O<U�RSedU�g�4�c�?sVd_�W<4�ïE��J�_ � ïE��J�I	�
� ú!��+�hÿ`ÿ�4q-F��V/��J�J�J��qW<4�\��Yÿ`ú������Fú\ÿ�39@ýE����Yÿ
����Fÿ�������ý$���kú\ÿ � �@ýEý1ÿ��'�hÿû���ú���:F<f� ÿ @þE�����@ý$������ý$�@ý$�2û�������4ØiPfPfPu0�Q7P�U�R$P;ÝEa?e?T�U�T�U�$*O�T�R�Ý$e/O$UqÝ�O�P�U Þ úDO$Ô�T;abO�ô�O<U�RSedU�g�4�c�?sVd_�W<4�ïE����ï � ïE����à	�
������û�:�����@ý�44�*��4��hÿû]L��g,Y��ý$Í��+�hÿ³V/��J�J�J;W<4�L�ý$�@ý$����ú\ÿ`ú\ÿ�3G�'�hÿû]����7.¹�YþEý �
��������ý$�@ý$���.?����� ��:ý�<f� ÿ 6�ï
��ú\ÿû�6b@þE�����@ý$������ý$�@ý$�E4�ØiPfPfPu0�Q7P�U�R$P;Ý�a?e/T�U�R T�U�$*O�T�R�Ý$e¹O<UqÝ�O�P�U Þ ú*O<ÔNT�abO9ô5O<U�R<e�U�g;4�c�?;4�ïE��à � ï$_�J	�

nq:�����4 Ë ��4 ÿ �hø�ú¹4��hÿûF^%� ÿ ������ÿý�DV/��J�J�);W<4V<MÎ�ýEþ$��8��.�%#ý$���FúQþE���`ú\ÿ�:����N��3#ý1ÿý1ú��b�>�Yÿ>@ÿ����³��$ýEþ$�������������$ýEû���hÿû5ú����ú������\úQþE���Fú!�Yÿ�.?���D�����FúQþE�����@ý$�N���@ý9@ý1ÿ�Fú\ÿ�31��.MFÿ����94��! MTi"=$*O�T&�
÷�Ó�R<e?Ý�P�c5úDOSREO�P�Q�Ý<÷�4>��(V?MV?L���);W*�
n(ú����Fú¹4�\8��4 ÿ �lø�ýs,²ü$3��������76b\A��@þ$�Qý�41��� ± �����Qü�4 Ï ��^9�����N���`ÿ�4*�hÿûS��� � �ý$�Fú\ÿ©V/��J�J�);W<4 ÿ ���7.¹�YþEýA��Yú���N�Yú!������@ýÎý���Fú��+���Fú!�Yÿµ.d�������:ý���9ÿý$��3�ú!��FúQþA��@ý���.B��:ýöVd� �����FúK6
ú\ÿþ1úQû`ý1ÿþEýÌ�hÿû � �����FúK6¹�@ý���������Fú!�YÿqW�Yþ$�Fú�%#ý9��úQþ$�����&�E%#ý�<f� ÿ � ú\ÿû ÿ þE�����@ý$������ý$�@ý$�Y�hÿû ÿ�í � û�������4qú*O<ÔNT�abO9ô5O<U�R<e�U�g2T#"�P&U
ßEe�Q�T�U�Ô+O<UqaQ�
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ø�ú!��@ý"ý$�Cû`ý�@þ$�Fú����Fú!�Yÿ3û`ý�*�Yþ$���Yÿ�����ý�D�Qý�*����������Fú��\ú!@ü�Cû��hÿ�*þEý����������������
�Yþ$���Yÿ�����ý û`ü<Fÿ`ú��Fú!�Yÿí �&î í ÿ
������@ý�ý1ÿp�&����������hÿ��@ý�*î8�Fú\ÿþ1úQþ$�
���Qý�>Vd�@ýEþ�:`ÿ`ú!=��ý�WV í W�\ ÿ É V í û�%��hÿþEýEû
W�\¾úQþ$�����&�E%#ý ÿ ���`ÿûNú\ÿ�31É!ÿ`ú��#V�ú\ÿ����������ý1ÿ��SWí�ÿ <CKq< ÿ�í í 3#ý1ÿþEý ÿ �
���Fú'���Qý[<8�������$üEý1ÿ`ÿý�Kq<8�������$ýE�hÿ ÿ �
�YþEý í 3#ý1ÿþ$��V?����3��hÿ`ú!���ý�Wí -�,��1� í û�%��hÿþEýEû}-2ý$���},!ú�3�:3�*ý���������Fú!�Yÿ~�Z�YûNú!����ý$�@ý$�BV�ú\ÿ����������ý1ÿ��SW
��< ÿ Ï � ± ��ý1ÿ����@ý&û�ù|<8���û`ý� ÿ �
���Fú'���Qý�*û`ý��'� Ï � ± ���:�H$�@ý+V?����3��hÿ`ú!���ý�W
�&Ê�< ÿ ��ý1ÿ����@ý#ÊY���Fú!�Yÿ
����û`ý�@58���û`ý� ÿ �
���Fú'���Qý�BV?����3��hÿ`ú!���ý�W
�&Ê��*\ ��ý1ÿ����@ý#ÊY���Fú!�Yÿ
����û`ý;�!ýEþ�:ý$�@þ�:ý�Z\3ü$�@ü��������!��3�ú!=��ý�BV?����3��hÿ`ú!���ý�W
���my ÿ y ÿ %����Fú'���`ú��\ú��b�C�hÿûÅþ�:
�hÿ�3#ý�ú\ÿC��:ý+���myX�����:ý$�FúQþ ÿ y ÿ �@ý$� ú\ÿ��)�hÿ
�Yû���Vd������"�ý$�SWLO<Ð\ L²ú�3�ú������d<8�Qý$%����Fú!�Yÿ�\]��û`ý$�XVd�N�9û�H$�Qý�WL�\ ÿ î L�ý<.�ý1ÿ�pý�\¾ý$�@ý��������!��3�úQþE��� ÿ ���@ý$���\ú��@ý î8����3������«Vd������"�ý$�SW
< í L ÿ <8�������$ýE�hÿ í ý$���Yÿ
�����FúQþ#L²ý<. ý1ÿþEý9�hÿû ÿ �
�YþEý"þ������
�hÿ��ÕV?����3��hÿ`ú!���ý�W
<C�&\��ãä <8�������$ýE�hÿp��ý1ÿ����@ý�.?���D\¾úQûNú����©�Y�hÿ�3#ý;�ÎýE����:ý$�*ä����@ýEþE�����BV?����3��hÿ`ú!���ý�W
<f� ÿ <8�������$ýE�hÿ��*ý$�N���@ý ÿ ý1ÿ�Fú\ÿ�3�V?����@ý$���\ú��@ý�W� ø ±YÏ < � �!���
����ø��hÿû ± ÿý<6¹Í�� Ï ��pý;<8�Qý$%����Fú!�YÿÌVd������"�ý$�SW�9± < ÿ � ý���������Fú!�Yÿ
����� ± �$ý$�����Fú!�Yÿ
���m<kÿ�%�ú����Yÿ���ý1ÿ������ ÿ ���@ý$���\ú��@ý2V?����@ý$���\ú��@ý�W� ÿ � î � �!���
��� ÿ �Yú��d�Îý$�Fÿý��Dî8����"FýEþ$�#Vd������"Fý$�SW
,YÉ�9 ,²ý$�!Fú\ÿ�Í�ú�É*ÿ`ú�%#ý$��Fú��l�^��.'9�ýEþ�:`ÿ����!��3��ÕV?����3��hÿ`ú!���ý�W
�h<f<f< ��ÿ���Fú������@ý9��.'<8�QýEþ$���FúQþE���s�hÿû}<8�QýEþ$�����Yÿ`úQþ��<kÿ�3�ú\ÿýEý$��>V?����3��hÿ`ú!���ý�W
� ÿ Ï í V/< ÿ W ��ÿ��@ý$���Yþ$�Fú!�Yÿ�²ý1ÿ����@ý��Qý ÿ ���¹4��'� Ï ú!�����:�H$�@ý"ý$���
ù í ���N�����:�H$�@ý1V/<8,����\úQþ1ú�� ÿ ÿ����ZW�Vd�N�9û�H$�Qý�W
� ÿ Ï í V?ä>�YW � ÿ Ï í V?ä����@þEý[�*ý�������@ý�W�Vd�N�9û�H$�Qý�W
� ÿ �7�&î ��ÿ��@ý$�Fÿ
���Fú!�Yÿ
��� ÿ ���@ý$���\ú��@ý��(�!���û��(�\ú��+�������!��3��Cî8����"FýEþ$�#Vd������"Fý$�SW
ø�< � ± ÿ ø����5���������Yú��@ý�û�ù|58���û`ý�*ý1ÿ � ü�����:���Fú!=��ý"ý$� ± þEüE�hÿ���3�������:`úQý ÿ �
���Fú'���Qý�#V?����3��hÿ`ú!���ý�W
ø �9� < ø����5���������Yú��@ý�û`ý � �'�Yþ1ú!���!��3�úQý&ý$� � ü�����:���Fú!=��ý"û`ý��
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