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HAI�J0KML:NAOPLBQ�R6SAQ�TVUWQ�R6QAXY0UWQ[Z\NA]^Q�_�`P];KMRbacKML:ZdK$LBL�TWQ�TP`P_�Q�T
KMaeRBQ�QfJ0g^h6Uih6UPQfSAKM]^`PQ0TWQ�R6g^SAQ�T[g^jiklTPaAQimonAHAHPp(I
XPq�Jrg^_
sctiuWpwvAx
g^LyKz_�NAZ\{P]|Q�}VL6t~L6hBQ�Z�KMjPT�J�Q>RBQ
��Q�R�hBN�k�TPaAQ\m�neHAHWpwI[KMjPT
k�TPaeQbQ�h�K$]8X�m�neHAHAneI���NeR0hBUPQfTPg^LB_�`PLBL6g^NAj�X

���^������� �����������P�~�o�M�~�o� �P�
��Q:_�NAjPLBg^TPQ�R��[acKM];KM}cg^Q�LfNM��NA`PRbL
KMZ\{P]^QbhBN*O�Q:{�NAL6LBg^OP]^Qd�0�
Q�Z\g^hBh6Q�RBL�KM_�_�NAR6TPg^jWa:hBN�_�RBg^h6Q�RBg;K:TPQ3��jPQ�T*KMO�NMSAQAXc��Q�SAQ�R6hBUPQ�]^Q�LBL
�0��Q�Z\g^LBL6g^NAj�]^g^jPQ�L�UPQ�R6QfKMRBQ0�8K$g^j~h6Q�R�h6U�K$j\hBUPQ�{WR6Q�S~g^Ne`WLNAjPQ�L¡ 
J0g^hBU[SAK$]^`WQ�L0R6Q¡K$_
UWg^jPa�U�KM]F��Kb¢�X scZd£$L¡X
¤:¥�¦c§�§y¨�©�ª�g^L�KV_(«¬acKM];KM}ct~X®{�NeLBL6g^OW]^Q¯]^g^jWQ>g^LyL6Q�Q�j°g^j
h6UWQ*hDJ�N�O�K$jWTPL( �OP`Ph�L6g^aAj�KM]0h6N�jPNAg^LBQ\R
KMh6g^NyO�Q�h8JQ�Q�j�n�KMjPT
x>g|L:jPNAh\LB`c±\_�g^Q�jch\hBN>_�]²K$g^Z³K�TWQ�h6Q�_�hBg^NAj�X0´[`P_
UVhBg^Z\Q[U�K$L
O�Q�Q�jµTWQ�TPg^_(KMh6Q�T¶hBN°hBUPg^LzR3KMTPg^N°LBNe`WR6_�QA \LBQ�Q���NeRzQ�}PKMZ\{P]^Q
·�Q�R6Q�LfQ�h�K$]8X�mBpwvAvAueI3 lhBN�TWQ�TP`P_�QyK*LBZ[K$]|]�`P{W{�Q�R:]^g|Z\g^h�NM�f¸f¹
Z[KML6L¡Xº�KMg^jch�Ne{Wh6g^_(KM]�¸f»V]^g^jPQ[U�K(SeQ*O�Q�Q�j�NAOPLBQ�R6SAQ�T�g^jVhBUPg^L
a~K$];KM}ct�KM]^L6N�Q�Zig^h6hBg^jPa�g^j°¼r½DR3K(tc bL6Q�Q�«fK(S~g^T\Q�h�KM]8X�m6p(vAvexAI3X
��Q�SAQ�R6hBUPQ�]^Q�LBLbJQbTPQ�TP`W_�Q�UWQ�R6Q�K:jPQ�J¾`W{P{�Q�R�]^g^Zig^h�g^j[ZiNe]^Q�_
½
`P];KMR0a~KML0Z[KML6L(X
��Q[K$]|L6N�K$LBL6Q�RBh[K*{�NAL6LBg^OP]^Q[TPQ�h6Q�_�hBg^Nej.g^jz¤:¥�¦c§�§�ªP¨�ª� �Q�SeQ�j
gF�\jWN��0��mon(½�pwI[]^g|jPQ>g|L¿LBQ�Q�j� fO�Q�_(KM`PLBQzNM�:hBUPQ¯_�]|Q(K$RyLBU�K${�Q
NM��hBUPQy�0��mBp�½BHAI:]^g^jPQ*TWQ�h6Q�_�hBQ�TÁÀ
`PL6hdK$O�NMSAQ[h6UWR6Q�Q�h6g^ZiQ\h6UWQ
R6ZiL(X�´[NeRBQ�NMSeQ�R¡ lk�TPaAQ:m�nAHeHWpwIfKML6LBQ�R6hBQ�T¯hBN*U�K(SAQ:K[Z[KMR6aAg^j�KM]
TPQ�hBQ�_�hBg^Nej�N$��h6UWg^L*acKM];KM}ct~X0ÂcNVg|h[JNA`P]^T�O�Q�g^jchBQ�R6Q�LBh6g^jWa�h6N
_�NAjc��RBZÃh6UWg^L0TPQ�hBQ�_�hBg^Nej�X
¤:¥�¦c§�§yÄPÅ�Æ�m;¸�tcTPR3K¯fI\g^L*KÁSeQ�R6tV{�NMJQ�RD��`P]bR
KMTPg^NÁL6NA`PRB_�Q
h6U�K$h�U�KMT¬KM]^RBQ(K$TWtÇO�Q�Q�j¬NAOPL6Q�RBSeQ�TÈh6UWR6NA`PaAU¬Z\g^]^]^g Z:Q�hBR6g^_
J0K(SAQ�]^Q�jPaAhBU� �LBQ�Q>��NAR*Q�}PKMZ\{W]^Qy��É «�Q(K�Q�h�KM]8X�mBpwvAv$�AO�I3X�Y0UPg^L
Z:`W_
U�L6hB`PTPg^Q�TÊL6NA`PRB_�QVg^LyUPQ�R6QËK$h�h6UWQz]^g^Z\g^h*NM�[TPQ�h6Q�_�hBg^Nej
g^jV�r��mBp
½6HAI\KMjPTzjWNeh�L6Q�Q�j�g^jÌ�0��mon(½�pwI�X´[Í�Î�Ï\`W{P{�Q�R[]^g^Zig^h
TPQ�TW`P_�Q�T�g^Lyg^j�K$aAR6Q�Q�ZiQ�jch*J0g|h6U�h6UWQ¯Q�SAKM]^`�KMh6g^NAj�Z[KMTPQyOct
k�TPaeQim�neHAHWpwI3 cOP`Ph�jWN�_�]|Q(K$R�TWQ�h6Q�_�hBg^NAj[_(K$j*O�QÐ_�];K$g^ZiQ�T�X
Y0UWQ¿_¡«Ñ¤�¥�¦~§o§iÒ�ª�Ó�Ä�acKM];KM}ct�J0g^h6U.Ne{Wh6g^_(KM]0Q�Z\g|L6L6g^NAjÁ]^g^jPQ�L
J0KML�jPNAh0TWQ�h6Q�_�hBQ�T>g|j[�0��mon(½�pwI�X�º�K$g|jch{�NeLBL6g^OP]|Q��0��mBp�½BHAI]^g^jPQ
g^Lf{PRBQ�L6Q�j~h�K$jWT>K�jPQ�J°`W{P{�Q�Rf]^g^Zig^hg^j�´[Í�Î�Ïfg^LfTPQ�RBg^SAQ�T� �OP`Ph
Z\NAR6Q�NAOPLBQ�R6SAKMh6g^NAjPL�KMRBQ RBQ�Ôc`Wg^R6Q�T�X

���^Õ���Ö�×W×��MØfÙF�FÚ[�;�;�
¯]²K$RBaeQ�jc`WZ:O�Q�R�NM��hBUPQ�LBQ�]^Q�_�hBQ�T:a~KM];K$}~g^Q�L�KMR6Q�jPNAh�TWQ�h6Q�_�h6Q�T�XAÛDh
g^L{�NeLBL6g^OW]^QA ch6UPQ�L6Qf_�N~Ne]^g^jWaÐÜ�N$JÌ_�]^`PLBh6Q�RBL�N$��a~KM];K$}~g^Q�L�_�Nej~h
KMg^jPL
_�NA]^T:a~KMLlJ0g^hBU:]^g^jWQ�L�L6h6g|]^]Ph6N~NfJQ(KMs�hBNfO�Q�TPQ�hBQ�_�h3K$OP]|Q�J0g^h6U�h6UWQ
KM_�h6`�K$]�ÛBÝ0f´ÞxAHMZßh6Q�]^Q�L6_�NA{�QbL6Q�jWL6g^hBg^Scg^h8t~X

à�á�â ãFäMåPæ�ä(ä(ãFç�è
Õ���é~�lê�ØB� ë��F�*���0�oìW�\�M�PÙF�\ë�íA�
Ý0Q�_�Q�j~h ¼0½8R
K(t NAOPL6Q�RBSAK$hBg^NejWL Oct �U�KMjPTPR3KP  LBQ�Q
º�KMOPg;KMj[nAHeHAn~ ïî�Neg^aAhQ�h�K$]8X�m�neHAHAneIðKMjPT ¼f´*´\½8��Q�J0hBNej
mo·�Q�hBQ�R6LBNejyQ�h�KM]8XPnAHeHWpM ÇY�K$Z�`PR
KfQ�hfKM]8XcnAHeHWp�IñU�K(SAQò_�NAjc½
��RBZ\Q�T*h6UWQb{PR6Q�LBQ�jP_�QiN$��R
KMTPg;KM]�aAR
KMTPg^Q�j~h6L�g^j*hBQ�Z\{�Q�R3K$hB`PR6Qbg^j
h6UWQy_�NeRBQ�L[NM� LBQ�SAQ�R
KM]b_�]^`PLBh6Q�RBL[N$��a~K$];KM}cg|Q�L(X�k�SeQ�j�gF� RBQ�L6`W]^h6L
��R6NAZóh6UWQÃUPg^aAUÞLB{�Q�_�hBR
KM]zR6Q�L6NA]^`PhBg^Nej®Ý0Q
Ü�Q�_�hBg^NAj¬ôfR
KMh6g^jWa
Âc{�Q�_�h6RBNeZ\Q�h6Q�Rµm�Ý0ôbÂPI�Nej®¼f´*´\½D��Q�J0h6NAj¬TWNÑjWNeh�L6UWN$J
Q�S~g^TPQ�jP_�Q�m²��R6NAZõºPQ:¼�î�ÛBÛ6If��NAR a~KML _�N~NA]^g^jPayKMh hBQ�Z\{�Q�R3K$hB`PRBQ

]^NMJQ�R*hBU�KMjÊp�½Bn¯sAQ�S� �Z\g^]^]|g^Z:Q�hBR6g^_[Q�Zig^L6L6g|Nej�NM�[Kz_�NA]^T�a~K$L
_�NAZ\{�NAjPQ�j~hyg^L�TWQ�h6Q�_�h6Q�Tßg^j�hBUPQz_�Q�j~h6Q�R�NM�[L6Q�SAQ�R3K$]iacKM];KM}ct
_�]^`WL6h6Q�R6L(Xb�TPTPQ�TöhBN�R6Q�_�Q�j~h>T�K$h3K¯��R6NAZ÷klTWaeQimonAHAHPp(I3 �jWQ�J
TPQ�h6Q�_�hBg^NejWL�NM��Z\NA]^Q�_�`W];K$R�a~KML g^jy_�N~Ne]|g^jPa\Ü�NMJ�acKM];KM}cg^Q�Lfg^LbNM�
aAR6Q(KMhfg^jchBQ�R6Q�LBh(X�ø`WhÐÔ~`PQ�LBh6g^NAjPLf{�Q�RBL6g^LBhbNej*hBUPQ�NARBg^aeg^j[NM��h6UPg^L
_�NA]^T[{PU�K$LBQbK$jWT[g^h6L0{W];K$_�QÐg^jdK�a~K$Lrg^jc�8KM]^]�L6_�Q�j�K$RBg^N�X

Õ��Fù��lê×��o�F�MícÙ Ù úV�oìW�F�Mû*�M�PÙF�*�MÙF��ü~�c�
Û8j>KMj*NA{Ph6g^_¡K$]^]^t[hBUPg^_3s[Z\Q�TPg^`WZÃJ0UPg|_
Uyg^L�h6UPQ�_(KML6Q�UPQ�R6Q$ �h6UWQ
�0��m�nw½�p(I6£A�0��m6p
½BHeIR3KMh6g^N�L6UPNA`P]^TdO�QbK$O�NA`PhrNeR0]^Q�L6L�h6U�K$jdNejPQ$ 
gF�iJQzKML6LB`PZ\Q�h6UWQzL3K$Z\QyQ�}~_�g^h
KMh6g|Nej�h6Q�Zi{�Q�R
KMh6`WR6Q���NeRyh6UWQ
h8JNV�r�ÞQ�jPQ�R6aAt�]^Q�SeQ�]^L(X���j�º�g^a�X0n¯g^L[{W]^NehBh6Q�T�hBUPQ��0��mon(½
p(I�SeQ�RBL6`WL��0��mBp�½BHAI�g^jchBQ�jPLBg^hDtÁm;g^j�¢�X s~ZyX L�ý�þ6I0��NeRfhBUPQ:a~KM];K$}A½
g^Q�L�NAOPLBQ�R6SAQ�TyUPQ�RBQAX�YrUPQbL6h6R3KMg^aeU~h0]^g^jPQbg^jWTPg^_(KMh6Q�L�hBUPQ�g^R�Q�Ô~`�KM]F½
g^h8t~X��0��m�nw½�p(Ifg^jchBQ�jPL6g^hBg^Q�L�U�K(SeQiO�Q�Q�jÁZ:`P]^hBg^{P]^g^Q�T*O~t�K[O�Q(K$Z
_�NAR6RBQ�_�h6g^jWaz�8K$_�h6NAR[ÿ��zKMjPTVO~tVh6UWQ�RBQ�];KMh6g^SAQ*O�Q(KMZÈQ
±\_�g^Q�jc½
_�g^Q�Lim�HPX �AnA£eHWX vWpwIB£Pm�HPX ���M£AHPX v��AI��fHWX �Mn hBN[O�Q:_�NAZ\{�KMRBQ�T�hBN[h6UWQ
�0��mBp�½BHAI[NejWQ�L(X�Y0UPQÁ{PR6Q�]|g^Z\g^j�KMR6t.{P]^NAh[g^jPTPg|_(K$hBQ�Lyh6U�KMh*h6UWQ
�0��m�nw½�p(I�]^g^jPQrg^Lg^j��8K$_�h�]^NMJQ�R�h6U�KMj\hBUPQf�0��m6p
½BHAI�NAjPQ��ch6UWg^Lg^L
g^jbaAQ�jPQ�R3K$]~h6UPQ�_(KML6Q���NAR�L6`WOc½8h6UPQ�R6Z[KM]^]^t0Q�}~_�g^hBQ�T�a~K$L¡ wg^jfjWQ(K$RBOct
a~K$];KM}~g^Q�L0m;QAX a�X$øR3K$g|jPQ��ö�NAZ:O�Q�Lfp(vevAnMI�XeYrUPQ��0�V]^g^jWQ�L�R3KMh6g^N
KMR6Q[_�NAjPLBg^L6hBQ�jchiJ0g^h6U.K$jÁNe{Wh6g^_(KM]^]^t�h6UWg^_
s�acKML(XlYrUPQ[Z\Q�TWg^`PZ
_�NAjPLBg^TPQ�RBQ�TVUPQ�RBQ[g^L�_�Q�R6h3K$g^jW]^t��8KMR�ZiNeRBQ\_�NAZ\{P]^Q�}� �{WR6NAO�KMOP]^t
g^jPUWNeZiNeaAQ�jPQ�Ne`PL�K$jWT[Z:`P]|h6gF½8{PU�KMLBQAXcÛDh�Zig^aeU~hO�Q�K:Z\g|}cg^jPabNM�
TPg	��`PL6Q*a~KML[K$jWTzTPQ�jPL6Q�R*_�]|`PZ\{PL¡ �KMjPTVhBUPQ*TPg	��`WL6Q*Z\Q�TWg^`PZ
Z\g^aAU~hO�QbTPNAZ\g^j�KMh6g|jPabh6UPQ�Q�Z\g^LBL6g^NAj� cJ0UWg^]^Qfh6UWg^_
s*KMjPT*L6ZdK$]^]
_�]^NA`PTWL�_�NA`P]^T�Q�jP_�]|NeLBQ[K[];K$RBaAQ�R Ô~`�KMjchBg^hDt*NM��U~tcTPRBNAaeQ�j�Z[KML6L
hBU�K$jdQ�L6hBg^Z[KMh6Q�T�X
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Õ��^���lê�ØB� ë��F�*���l�M�PÙ �dë�íe�
Û��zhBUPQ°ZiNe]^Q�_�`P];KMRza~K$L�g^LV��NAR6Z\Q�T¶Oct¶h6UWQ°_�N~Ne]|g^jPa°Ü�N$JÐ 
JQ®L6UWNe`W]^T�LBQ�Q KÈ_�NAR6RBQ�];K$hBg^NAj�O�Q�h8JQ�Q�jñh6UWQ¬TPQ�h6Q�_�hBQ�T
_�NA]^TÃa~K$LVZdK$LBL6Q�LÌK$jWTÃh6UWQ¾¼0½8R3KwtÊTPQ�hBQ�R6Z\g^jWQ�T¶Z[KML6LÁTPQ
½
{�NAL6g^hBg^NAjÈR
KMh6QA zKMLÃLBUPNMJ0jÈO~t klTWaeQ�m�neHAHWpwI3X¯ø`Ph h6UPQ�RBQ
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∑

PI=min

(NPI − MPI)
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NPI
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P1      P2       P3

Température

Rayon

Courant de refroidissement 

Rcool0
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sp����cF]`_`_xZp�[_xZ?hW}fZps%e�gpZ#ukc�sp��cOg�ikdfeCuOZTgLZn��gp��]�uk]xhph�Z%\�Z%dfe[e�]bZ%dfeEsp��\H}�eNZ#uOZH_ji-sp��dfe£g�]�¦�cOe£]b��d¢ukc�ywi��Th�Ze£gL��cO��ikdfe�©�eW��cOeNZph#_xZph�eWZ%\H}f�%g�ike�cOgpZph�uOZW}�cO]xh�º

max
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Λ(T )
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dLcool = nenHΛ(T )dV � +�/01 ���cF]�Zph%e0ikcwhph%]��bywik_xZ�©
Õ
dLcool = nenHΛ(T )dV =
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Ṁ
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ν
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dLcool(ν) = nenHενdV � +�/;. �ik�kZps
εν

_����%\^]xhph%]`��]`eW��©�_ji ��gL����cfZ%d�spZ
ν
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Lcool(ν) =
5k

2µmH
Ṁ
∫ Tmax

0

εν

Λ(T )
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Volume de la coquille 
externe : V2

Volume V1 de l’intersection
de Vc avec V2

cylindre intérieur
Volume Vc du 
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Gh*tJ � OedeacW*M�dea\X%f R8Q^ODjtM�b#M�WYk`debPQ^O@Zca0O8bPQ^OFRHh _8f WYX9R8k`Z\Q R8Qld �9j3Qld#M[O Oxy WYQ 	<M�Z � �8R8X%f8ftM�f�dZ\QlWYQ`acZcZ\Q`_8blM �!_ OPdPQ`WYQ`f�d@R8Q^OFOPj3Q^]`debPQ^OFQ n�deb#M�acdPO@R8Q X2_8acd@bP[`T<a\X%f O�]^X%f ]^Q`f�debea\�2_ Q^O}�

����� C L Gh*<*tJ � bPX # Z R8Q=dPQ`Wgj�[`b#M�de_8bPQ XeO8dPQ`f2_ jtM�b M �{_ OedPQ`WYQ`f�d RHh _8f WYX2R8k`Z\Q R8Q,d �2j�Qd OtM[O O�y WYQ 	%M�Z � �KN
Q^O OtM�bebPQ^O�RHh Q`bebPQ`_8bPOlOPX%f�dGt z
σ
y �xv " R8Q ]^X%f�#�M�f ]^QUOP_8bFZIMgr<M�Z\Q`_8b@R8Q^OFjtM�b#M &WYk`debPQ^O � �
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����� C L
Gh*8E�J � bPX # Z R8Q WY[`d#M�ZcZca\]`acdP[ XeO8dPQ`f�_ jtM�b M �!_ OPdPQ`WYQ`f�d RHh _8f WYX9R8k`Z\Q R8Q d �2j�Qd OtM[O O�y WYQ 	%M�Z � �KN
Q^O OtM�bebPQ^O�RHh Q`bebPQ`_8bPOlOPX%f�dGt z
σ
y �xv " R8Q ]^X%f�#�M�f ]^QUOP_8bFZIMgr<M�Z\Q`_8b@R8Q^OFjtM�b#M &WYk`debPQ^O � �

ukc �[Z%g�e£gLªph }�gp��sptfZph�_xZph-cOd�Zph�uOZph�ikcOe�gpZph¥Z%e#d���dRuk]xh%e�]`dOykcAiw¦�_xZph�©�_ji�gL�ph���_acFe�]b��d�hW}fZps%e£g�ik_xZ�uOZ��tJikd�ukg�i%rk���EZve�®�}fZ�gpZn��gL��]�uk]xhph�Z%\�Z%dfe*}Jikg�_xZph�g�ik]bZph^u[���%\^]xhph%]b��d�Zph%e�}�_ac�h�Z��És�iOspZ�©�¦pi�hph�Z�eWZ%\^�}f�%g�ike£cOgLZ¥l~«�yw�~Î��`Ö%rk� �0ikg�sp��dJh�����cfZ%dfen��h%]�_ji�eWZ%\H}f�%g�ike£cOgLZ-ukc�\^]`_a]bZ%cÏi��%eN��h%cOgLZph%e£]`\��pZp��ik_x��gLh�_ji\��%e2ik_`_a]bs%]`eW��h�Z%g�i�Z%_`_xZ�ikc�hph%]§h%cOgLZph%e£]`\��pZ�� ² ]`dJh%]�_xZ�}�]bs#u[� iw¦%��d�uwikd�spZp��©
Z%df��]`gL��d¥ÆF´ È }fsp��}f��cOg�g�ik]`eZn�#Zps%e£]`�kZ%\�Z%dfe*e�g�iwukcF]`gLZT_ji?}�gL�ph�Z%d�spZHiOsps%g%cfZH©-spZ%e�Z%d�ukgL��]`e�uOZ?\��%e2ikc�z���\�ik]xh�spZ%_ji?}f��cFg�g�ik]`e¤ikcwhph%]%e£gLZ�u#"�©-cOd�Z�eWZ%\H}f�%g�ike£cOgLZ#h%cFgLZph%e�]`\��pZ�ikc�\�%\�Z�g�ik®w��d��*Y*Z�sp��\H}f��g�eNZ%\�Z%dfe¤g�iwuk]�ik_*uOZ#_ji�uOZ%df�h%]`eN�^uOZ�sp��_x��dfd�Z-����cO]`��ik_xZ%dfeNZ�Zph%eH�bywik_xZ%\�Z%dfe0e�gLªph�]`dfeW�%gLZphph�ikdfe2�°o�cOg�_xZ�ykg�i%}ftfZHÎ��`³|Æ��T��dÏi
e£g�iOsp�Z%d�_a]jykd�Z�sp��dfe�]`dfc�Z�_ji�_a]`\^]`eNZ�uOZ _�� iw¦%h���g2}�e�]b��d�ywik_jiOs%e�]���c�Z���Ê0d�}fZ%cFe'sp��dJh%e2ikeWZ%g���c�Z�_xZ'}Jikg�ik\�ª%e�gLZu[� iw¦%h���g2}�e£]b��d�Zph%e[��cJi�h%]`\�Z%dfe�sp��dJh%e2ikdfe[uwikdJh�_xZph�]`dfeNZ%g���ik_`_xZph'uOZ�¦pikg�gLZph?u[��Z%g�gLZ%cFg!�Om%_�Zph%e[uOZ0_�����g�ukgLZuOZ�ykg�ikd�uOZ%cOg�uOZ�_�� iw¦%h���g2}�e�]b��d�ywik_jiOs%e�]���cfZ�ikcO�4uOZ%_j©-uOZph�ÆF´ È }fs spZ%dfe£g�ikc�z�� �0ikg�sp��dJh�����cfZ%dfen��]`_�d�� ®}Ji�h-uOZ�e�g�iOspZ^h%]jykdf] «0s�ike£]`�kZ�u[� cFdSZ�zFspªph-u[� iw¦%h���g2}�e�]b��d¸uwikdJh�spZph�gL�byk]b��dJh�� ² c¸spZ%dfe�gpZ�uOZ�_�� ik\�i�hp���d�sp��dJh%ebikeNZ?cOd
_x�byOZ%g#Z�zFspªphTu[� iw¦%h���g2}�e£]b��dJ�*uwikdJh?_ji�\�%\�Z�gL�byk]b��d¢����i%}w}Jikg�i��`e*cOd¢Z�zFspªphHu[� iw¦%��df�uwikd�spZ��9o�]¤spZ%e�Zn�#Z%e¤d���Zph%e�}Ji�h�gL�pZ%_9Z%eE��c�ZTÌT¶Qi��%eN�Th%cFgLZph%e�]`\��p��ik_x��gLh�_ji^eNZ%\H}f�%g�ike�cFgLZ�ikc�spZ%dfe�gLZuOZ�_�� ik\�i�h�uOZ%��g�ik]`e0%e£gLZ^Z%d�sp��gLZ0}�_acwhv¦pi�hph�Z��Y9i�gp�byk]b��d�spZ%dfe£g�ik_xZ�uOZ�_�� ik\�i�h�uOZTywik_ji{z|]bZ�l}�7ÅJ´��NÆF´ È }fsWr#}�gL�ph�Z%dfeWZ�uO��d�s uOZTykg�ikd�uOZph0}Jikg�e�]`�s%cF_jikg�]`eW�ph�� ����cFg��%e£cJuk]bZ%g�spZ%_ji?}�_ac�h#ik��ikdfe`�[d���c�h#ik�k��dJh�sp��\H}JikgL��_xZph#uO��dfd��pZph�¬Âik�kZps?cOd�\���uOª%_xZ}�_ac�hHh��p}ftO]xh%e£]���cf���
� � � � 	
� �	� � ��� � � � � �	� � � ��� ��� ���   � � � ��� ��� � � � � � � �	�

Ì���cwh-ik�k��dJh���cÄuwikdJh^_xZ���tJi%}�]`e£gLZ�m���cfZ�_ji�sptOcOeNZ�uOZph�eNZ%\H}f�%g�ike�cFgLZph-ikc¸spZ%dfe£gLZ-uOZ�_�� ik\�i�h}fZ%cFe¤%e�gpZ']`dfeNZ%g2}�gL�%eN�pZ�sp��\^\�Z'_ji�}�gL�ph�Z%d�spZTu[� cFd¥sp��cFg�ikdfe�uOZ�gLZn��gp��]�uk]xhph�Z%\�Z%dfeb�fÌ ��cwhHik�k��dJhTuO��d�siwuwuk]`e£]b��dfd��T_xZph sp��dfe£g�]�¦�cOe£]b��dJh�uOZ uOZ%c�z�\���uOª%_xZph�u[���%\^]xhph%]b��d�Õ9cFd�\���uOª%_xZ�uOZ#e£®p}fZ*����� � 	�Z%e¤cOd\���uOª%_xZ uOZ�sp��cOg�ikdfe0uOZ�gpZn��gL��]�uk]xhph�Z%\�Z%dfe¤]`dJtf��\���yOª%d�Z�uOZ e£®p}fZ ����� � ��	�� ����cFg�gLZ%d�ukgLZ�sp��\H}�eWZ�uOZ
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Gh* ) J � bPX # Z R8Q ]^X%Z\X%f8f Q R8Q`f OeacdP[ XeO8dPQ`f2_,jtM�b M �{_ OedPQ`WYQ`f�d RHh _8f WYX9R8k`Z\Q R8Q d �2j�Qd OtM[O O�y WYQ 	%M�Z � �KN
Q^O OtM�bebPQ^O�RHh Q`bebPQ`_8bPOlOPX%f�dGt z
σ
y �xv " R8Q ]^X%f�#�M�f ]^QUOP_8bFZIMgr<M�Z\Q`_8b@R8Q^OFjtM�b#M &WYk`debPQ^O � �

_�� iw¦%h���g2}�e£]b��dJ�0d���c�h�ik�k��dJh'«[zF�^_xZ�}Jikg�ik\�ª%e�gLZ-u[� iw¦%h���g2}�e£]b��d¸uOZph-uOZ%ckzÄsp��\H}f��h�ikdfe`h�©¢_ji¢��ik_xZ%cOgywik_jiOs%e£]���cfZ�Z%e#d���cwh�ik�k��dJh�\^cO_ae£]~}�_a]b��_����%\^]xhph%]b��dRukcÛsp��cOg�ikdfe�uOZ�gLZn��gL��]�uk]xhph�Z%\�Z%dfe'h�Z%cF_9}Jikg-cOd�!iOs%eNZ%cOg?u[� iw¦%h���g2}�e£]b��d^h%c�}w}�_x�%\�Z%dfe2ik]`gLZp��sp��dJh%]�uO�%g�ikdfe[��cfZ�_xZ�ywi��'h�Z�gLZn��gp��]�uk]xhph�ikdfe`�O}fZ%cFe�ike£eWZ%]`d�ukgLZuOZph�eWZ%\H}f�%g�ike�cOgpZph�e�gLªph-¦pi�hph�Zph�Z%e�s%gL�pZ%g^h���d¥}�gp�p}�gLZ-iw¦%h���g!¦pikdfeb�CY*Z�e2iw¦�_xZ�ikc¥Î��xÅ-}�gL�ph�Z%dfeWZ�_���Z%df�h�Z%\�¦�_xZ�uOZphv}Jikg�ik\�ª%e£gLZph¥�k¦�eNZ%dfcwhv}fZ%g�\�Z%e�e2ikdfe�u[���k¦�eNZ%df]`g�_xZ�\�Z%]`_`_xZ%cOg�i�¨�c�h%eWZ%\�Z%dfeE}f��hph%]�¦�_xZ
uOZphuO��dfd��pZph#hW}fZps%e�g�ik_xZphvuwikdJh _xZph�tOcO]`e�gL�byk]b��dJh^�%e�cAuk]b�pZph���Y§iT«�ykcFgLZTÎ��`³�Î�\���dfe�gpZ�cOd�}�gp�N«C_[uOZ�eWZ%\^�}f�%g�ike£cOgLZ�uO�ps%gL��]xhph�ikdfe'©�}Jikg%e�]`g�u[� cOd�ykg�ikd�u
g�ik®���d�¦%Z�ikc�sp��c�}�}�_acwh^\�ikg���cf����cfZH}f��cOg�_xZ�\���uOª%_xZ}�gL�psp��uOZ%dfe2� ² c�spZ%dfe�gpZvuOZ _�� ik\�i�hp��uwikdJh�_xZph�ÆF´ È }fs^spZ%dfe£g�ikc�z���_ji-eWZ%\H}f�%g�ike�cOgpZ�uO�ps%gL� �`eEuOZC�!i%$���dZ%d�sp��gLZT}�_acwh-¦�g�cFebik_xZ��¤q�ik]xh^_j©�Z%d�sp��gpZp��_ji¥eWZ%\H}f�%g�ike£cOgLZ�_ji^}�_acwh�¦pi�hph�Z�ikc�spZ%dfe£gLZ�uOZ�_�� ik\�i�h-Zph%euOZ�_�����g�ukgLZ�uOZ ∼ Æ��2Á È ZJË[�CY§i�«�ykcOgpZ#Î��`³wÖ¥\���dfe�gLZ���cfZ�_ji¥\��%ebik_`_a]bs%]`eW��ukc�ywi��^]`dfe£g�ik�4ik\�i�h�ikckyk�\�Z%dfeNZ-�kZ%gLh-_xZ�spZ%dfe£gLZ
uOZ�_�� ik\�i�hp�*¨�cwh���c¤� ©ÄuOZph-��ik_xZ%cOgph�h�Z%dJh%]�¦�_xZ%\�Z%dfe��bywik_xZph�©ÏspZ%_`_xZ�Zph%e�]`\��pZph}Jikg#_xZ�\���uOª%_xZE}�gp�psp��uOZ%dfeb� �0i%}w}fZ%_x��dJh���c�Z�_ji�\��%e2ik_`_a]bs%]`eW��]`dfe�g�ik�4ik\�i�h�Zph%e�uOZ�_�����g�ukgLZ�uOZv´k�ÑÆ �
�

�Y*Zph���ik_xZ%cFgLh�u[� iw¦%��d�uwikd�spZ�uwikdJh�_ji¢gL�byk]b��dÛspZ%dfe£g�ik_xZ^h���dfeT¦�]bZ%d¢}�_acwh
�%_xZ%�k�pZph���cfZ�_ji¢\��%e2ik_`_a]bs%]`eW�ike£eWZ%d�ukcfZ�uwikdJh _xZTywi���]`dfe�g�ik�4ik\�i�h��Y9i#«�ykcOgpZTÎ��`³O½�}�gL�ph�Z%dfeNZ�_xZphv��ik_xZ%cFgLh�ukc-}Jikg�ik\�ª%e�gpZ�Ì?¶���Y*Zph-sp��_x��dfd�ZphvuOZ%dJh%]`eW��ukcv�!iOs%eWZ%cFgu[� iw¦%h���g2}�e£]b��d¥uOZH_����%\^]xhph%]b��d�¬Âukc�ywi���]xhph%c�ukc�\���uOª%_xZ#uOZ�sp��cOg�ikdfeCuOZHgpZn��gL��]�uk]xhph�Z%\�Z%dfeb�¤�EZ%_`_xZph%�s%]�h���dfe�uwikdJh'_���Z%dJh�Z%\�¦�_xZ�¦�]bZ%d�h%c�}f�%g�]bZ%cFgLZphT©�_�� iw¦%h���g2}�e�]b��d�ywik_jiOs%e�]���cfZ���Ê0d }fZ%cOeCsp��dJh%ebikeWZ%g���cC� ikcspZ%dfe£gLZ�uOZv_�� ik\�i�hp��_ji�sp��_x��dfd�Z�uOZ%dJh%]`eW������cO]`��ik_xZ%dfeWZ^u[� tO®kukgL��yOª%d�Z�Zph%e�}Jikg�e£]bs%cO_a]bª%gLZ%\�Z%dfe¤ykg�ikd�uOZ���EZ%_ji¥hf� ]`dJh�s%g�]`e�¦�]bZ%dRuwikdJh-_�� ]`dfeNZ%g2}�gL�%ebike£]b��dÛuOZ-_ji-}�gp�ph�Z%d�spZ�u[� cOd¹sp��cFg�ikdfe#uOZ�gLZn��gL��]�uk]xhph�Z%\�Z%dfe`�uO�W}f��h�ikdfe�uOZ^ykg�ikd�uOZph���cJikdfe£]`eW�ph
uOZ�\�ike�]bª%gLZ�ikcSspZ%dfe�gLZ�uOZ�_�� ik\�i�hp�#\�ik]xh�ikcwhph%]#©�}�_ac�h^ykg�ikd�ug�ik®���d��?Y§i�}�gL�ph�Z%d�spZ�u[� cFd�Z¥]`\H}f��g�ebikdfeNZ�iw¦%h���g2}�e�]b��dÄ}f��cFg�g�ik]`e�Z�z!}�_a]���cfZ%g�_jiÏd���d uO�%eNZps%e�]b��d7uOZywi��Ï©ÛuOZph�eWZ%\H}f�%g�ike�cOgpZph �
2 − 3 È ZJË ikc spZ%dfe�gLZ�uOZph�ik\�i�h�uOZ�ywik_ji{z|]bZph�ik�kZpsÏsp��cOg�ikdfe-uOZgLZn��gp��]�uk]xhph�Z%\�Z%dfeb�Ê0d¥}fZ%cOe?ikc�hph%]E�k��]`g���c�Z�_xZH}�]bs�uOZ^\��%ebik_`_a]bs%]`eN��ikcFeW��cFg�uOZ^ÆF´ È }fs�sp��g�gpZphW}f��d�u¥©�cOd¸uO�n«0s%]`e
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7�/ : 5 +5.0
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GIE�J � OedeacW*M�dea\X%f R8Q^O jtM�b#M�WYk`debPQ^O Zca0O8bPQ^O RHh _8f WYX9R8k`Z\Q R8Q d �2j�Qd OtM[O O�y WYQ 	%M�Z

�
V^d OtM[O Oxy b �e]^X9X%Z �e� � R8X%f8ftM�f�d Z\Q�WYQ`acZcZ\Q`_8b�M �{_ OedPQ`WYQ`f�d R8Q^O�Oej�Q^]`debPQ^O Q n�deb#M�acdPOR8Q X2_8acdFbP[`T<a\X%f O@]^X%f ]^Q`f2debea\��_ Q^Ox�

����� C L G+*FL
J � bPX # Z3R8QFdPQ`Wgj�[`b#M�de_8bPQ��2R8[^R�_8acdBR8QFZ�hiM�ftM�Z ��OPQFOej�Q^]`deb#M�Z\Q@R8Q@bP[`T<a\X%f O ]^X%f ]^Q`f2debea\��_ Q^OQ n�deb#M�acdPQ^O
R8Q Z�h acW*M�T�QEQ RHh��GO3Q`ZcZ�zx~%|��Dj3X%_8bH_8fqWYX2R8k`Z\Q R8Q�d �2j�Q d OtM[O Oxy WYQ 	<M�Z
�
V^d OtM[O Oxy b �e]^X2X%Z �e� �N Q^O.OtM�bebPQ^O@RHh Q`bebPQ`_8bPO�OPX%f�dGt z

σ
y �xv " R8Q ]^X%f�#�M�f ]^QqOe_8bsZIM(r<M�Z\Q`_8bFR8Q^OFjtM�b#M�WYk`debPQ^O � �
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Gh*?JHJ � bPX # Z R8QUWY[`d#M�ZcZca\]`acdP[��3R8[^R�_8acd R8QUZ�hiM�ftM�Z �9O#QSOPj3Q^]`deb#M�Z\QSR8QqbP[`T<a\X%f Ol]^X%f ]^Q`f2debea\��_ Q^OQ n�deb#M�acdPQ^O
R8Q Z�h acW*M�T�QEQ RHh��GO3Q`ZcZ�zx~%|��Dj3X%_8bH_8fqWYX2R8k`Z\Q R8Q�d �2j�Q d OtM[O Oxy WYQ 	<M�Z
�
V^d OtM[O Oxy b �e]^X2X%Z �e� �N Q^O.OtM�bebPQ^O@RHh Q`bebPQ`_8bPO�OPX%f�dGt z

σ
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�
V^d OtM[O Oxy b �e]^X9X%Z �e� � N
Q^O�OtM�bebPQ^O RHh Q`bebPQ`_8bPO OPX%f�d t z

σ
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σ
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³O´�q
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χ2 �?_xZ�d���\�¦�gLZ�\ uOZ�uOZbykgL�ph-uOZ�_a]�¦%Z%g�eN�ph�l£·�Ê ��rZ%eE_xZph���ik_xZ%cOgLhvuOZph
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\���uOª%_xZphuO�ps%g�]`enh�}�_acwh�tJikcOe2��Ê0d�}fZ%cFe?sp��dJh%e2ikeWZ%g^��cfZ�_xZph���ik_xZ%cOgLh^uOZph

χ2 gp��ukcO]`e`h�h���dfeEe£gLªph?}�gp��sptfZph�uOZ^³uwikdJh�_xZph^uOZ%c�z�s�i�h���Y*Zph^uOZ%ckz�\���uOª%_xZph�}fZ%g�\�Z%e£eWZ%dfe'uO��d�s^uOZ�¦�]bZ%dÄgLZ%d�ukgLZ�sp��\H}�eNZ�uOZph^uO��dfd��pZphhW}fZps%e£g�ik_xZph�uOZ¥��tJikd�ukg�i�uwikdJh^_xZph�uk] �#�%gLZ%dfeWZph^gL�byk]b��dJh��%e�cAuk]b�pZph�� ����cOg�sp��\H}JikgLZ%g�Z%dfe£gLZ�Z%c�z�_xZphuk] �#�%gLZ%dfenh�\���uOª%_xZphEcFe�]`_a]xh��php�9d���cwh?ik�k��dJh�cFe�]`_a]xh��'cOd�eWZph%e[uOZ �¤]xhptfZ%g#l�sn� ² dfd�Z�zFZ��*rk� ² }Jikg�e�]`g�uOZph
χ2 �k¦�eWZ%dfc�h�ik�kZps#_�� i�¨�cwh%eWZ%\�Z%dfe�}Jikg�uOZ%c�z-\���uOª%_xZph�uk] �#�%gpZ%dfe`h�u[� cFd�hW}fZps%e£gLZ Z�z|e£g�ik]`eEu[� cFd�ZHgL�byk]b��duO��dfd��pZp�'��d�s�ik_xs%cF_xZ�spZ^��cC����dÄi%}w}fZ%_`_xZ cOd�ZT}�gL�k¦piw¦�]`_a]`eW�^u[� tO®p}f��e`tfªph�Z dfcF_`_xZ�� �×Zph%e�_jiv}�gL�k¦piw¦�]`_a]`eW���cC� cOd�Z���ikg�]�iw¦�_xZ�ik_x��ikeN��]`gLZ ² �°h%cO]`��ikdfe¤cOd�Z�uk]xh%e£g�]�¦�cOe£]b��d�uOZ�e�®�}fZ

χ2
ν(m)/χ2

ν(m + 1)
��h���]`e°h%c¯}f�%�g�]bZ%cFgLZ�©�cOd�Z���ik_xZ%cOg uO��dfd��pZ �E�[o�]EspZ%e�eWZ'}�gp�k¦piw¦�]`_a]`eW�vZph%e9}fZ%e�]`eNZ-l2_�� tO®p}f��entfªph�Z#dfcF_`_xZ^Zph%ef�!ikcwhph�ZWr��ik_x��gLh�_ji
gL��ukc�s%e�]b��d�h%]jykdf] «0s�ike�]`�kZ�ukc

χ2 gL��ukcF]`eHZ%dfe�gLZ^_xZph^uOZ%ckz�\���uOª%_xZphp�'uO�n«Cdf]bZ?}Jikg ² � � �
χ2

ν(m)/χ2
ν(m + 1)

d���Zph%e¤}Ji�h'�{��g�e£cO]`eWZ��#�EZ%_ji�h%]jykdf] «0Z-��cfZ�_�����dik\��%_a]b��gLZ�_�� i�¨�c�h%eWZ%\�Z%dfe�_x��gLh���c�Z
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−0.137 $��^"%$�$ � - "!�^" 1 " � .t/0+ +0.4
−0.3 $ / $3" 7 +0.03

−0.02 $ /4.9- +0.11
−0.10"%$�$��^" 6 $ �#" 1 "�� 5912+ � : /41 +0.2

−0.3 $ / $ 5 " +0.03
−0.03 $ /459- +0.03

−0.04>@?BADC&L G0L
J � OedeacW*M�dea\X%f R8Q^ODjtM�b#M�WYk`debPQ^OsZca0O8bPQ^OFRHh _8f WYX9R8k`Z\Q R8Qmd �9j3Qmd OtM[O Oxy j8bPX��e]`dxy WYQ 	%M�Z �e� �R8X%f8ftM�f2d@Z\QlWYQ`acZcZ\Q`_8blM �!_ OedPQ`WYQ`f2d@R8Q^OFOej�Q^]`debPQ^OFQ n�deb#M�acdPO@R8Q X2_8acd@bP[`T<a\X%f O@]^X%f ]^Q`f2debea\��_ Q^Ox�

����� C L G+*?rHJ � bPX # Z3R8QFdPQ`Wgj�[`b#M�de_8bPQ��2R8[^R�_8acdBR8QFZ�hiM�ftM�Z ��OPQFOej�Q^]`deb#M�Z\Q@R8Q@bP[`T<a\X%f O ]^X%f ]^Q`f2debea\��_ Q^OQ n�deb#M�acdPQ^OlR8QSZ�h acW*M�T�QPQ RHh�� O�Q`ZcZDzx~%|��*j�X%_8bl_8foWYX9R8k`Z\Q(R8QSd �9j3QSd OtM[O Oxy j8bPX��e]`dxy WYQ 	%M�Z �e� � N Q^OOtM�bebPQ^O@RHh Q`bebPQ`_8bPO�OPX%f2d t z
σ
y �xv " R8Q ]^X%f�#�M�f ]^QUOe_8bsZIMSr%M�Z\Q`_8b�R8Q^OsjtM�b#M�WYk`debPQ^O�� �
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����� C L
Gh*FI
J � bPX # Z R8QUWY[`d#M�ZcZca\]`acdP[��3R8[^R�_8acd R8QUZ�hiM�ftM�Z �9O#QSOPj3Q^]`deb#M�Z\QSR8QqbP[`T<a\X%f Ol]^X%f ]^Q`f2debea\��_ Q^OQ n�deb#M�acdPQ^OlR8QSZ�h acW*M�T�QPQ RHh�� O�Q`ZcZDzx~%|��*j�X%_8bl_8foWYX9R8k`Z\Q(R8QSd �9j3QSd OtM[O Oxy j8bPX��e]`dxy WYQ 	%M�Z �e� � N Q^OOtM�bebPQ^O@RHh Q`bebPQ`_8bPO�OPX%f2d t z
σ
y �xv " R8Q ]^X%f�#�M�f ]^QUOe_8bsZIMSr%M�Z\Q`_8b�R8Q^OsjtM�b#M�WYk`debPQ^O�� �

����� C L
GIE2s
J � bPX # ZBR8QY]^X%Z\X%f8f Q R8Q`f OeacdP[��LR8[^R�_8acdUR8QYZ�hiM�ftM�Z ��OPQ Oej3Q^]`deb#M�Z\Q*R8QYbP[`T<a\X%f OS]^X%f ]^Q`f�&debea\�2_ Q^O Q n9deb#M�acdPQ^O R8Q Z�h acW*M�T�Q Q RHh�� O�Q`ZcZ�zx~%|��@j�X%_8b _8fqWYX9R8k`Z\QBR8Q d �9j�Q d OtM[O Oxy j8bPX��e]`dxy WYQ 	%M�Z �e� �N Q^O.OtM�bebPQ^O@RHh Q`bebPQ`_8bPO�OPX%f�dGt z
σ
y �xv " R8Q ]^X%f�#�M�f ]^QqOe_8bsZIM(r<M�Z\Q`_8bFR8Q^OFjtM�b#M�WYk`debPQ^O � �
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Y[Zph���h�s%]`_`_jike�]b��dJhTuwikdJh�_���Zph%e�]`\�ike�]b��d¥uOZph?��ik_xZ%cFgLhHuOZph°}Jikg�ik\�ª%e�gpZph?_a]�¦�gLZphHukc�\���uOª%_xZ0h���dfe[e£gLªphspZ%g�e2ik]`d�Z%\�Z%dfe�_a]b�pZph0©�_ji#\��%e`tf��uOZ'uOZ0uO�W}�gL�N¨{Zps%e�]b��d�uOZph'uO��dfd��pZph�� ����cOg��k�%g�] «0Z%g'spZ%_ji���d���cwh0ik�k��dJh}�gL��sp��uO��©�}�_acwh%]bZ%cFgLh eWZph%enh��Tº���cFe�u[� iw¦%��g�u��Cd���c�h ik�k��dJh�Zn�#Zps%e£cf�vuOZ%c�z�}�gp��sp��ukcOgLZph�u[� i�¨�cwh%eNZ%\�Z%dfeuk] �#�%gLZ%dfeNZph��[Y§iv}�gpZ%\^]bª%gLZ�sp��dJh%]xh%eWZ^©¥i�¨�cwh%eNZ%g�_xZphv\���uOª%_xZph�uwikdJh�eW��cFeWZph^_xZph�gL�byk]b��dJh�h%]`\^cF_aebikd��%�\�Z%dfe°Z%e°uO��d�sH©�\^]`df]`\^]xh�Z%g'_xZ

χ2 h%cOg�_���Z%dJh�Z%\�¦�_xZTuOZph°}Jikg�ik\�ª%e�gpZph'_a]�¦�gpZph��fY9i h�Zpsp��d�uOZ�}�gp��sp��ukcOgLZsp��dJh%]xh%eNZ#©�Zn�#Zps%e£cfZ%gHcOd¢i�¨�c�h%eWZ%\�Z%dfeCuwikdJhT_ji�gL�byk]b��d�_jiH}�_ac�h Z�z|eN�%g�]bZ%cOgLZTh�Z%cO_xZp�<}�cO]xh�uOZ'yOZ%_xZ%gT_xZph��ik_xZ%cFgLh#uOZph�}Jikg�ik\�ª%e�gLZph#_a]�¦�gLZph �k¦�eNZ%dfcwh�� ² _x��gLhTh�Z%cO_xZ%\�Z%dfen����d^}�gp��spª�uOZ#©^_�� i�¨�c�h%eWZ%\�Z%dfeCuOZH_�� ikdf�d�Z�ikc^iwu�¨!iOspZ%dfe�]`dfeN�%g�]bZ%cOgHl�Z%d�eWZ%d�ikdfe[sp��\H}�eWZ0uOZph9}Jikg�ik\�ª%e�gLZph0uO��ukcF]`e`h*}f��cFg�_ji�sp��c�sptfZ�Z�z|eW�%g%]bZ%cOgLZuwikdJhE_ji�\��%e`tf��uOZ0uOZ�uO�W}�gL�N¨{Zps%e�]b��dkrk�JY§iHh�Zpsp��d�uOZ*}�gp��sp��ukcOgLZ�lN��cO]9Zph%e�spZ%_`_xZ'uO��dfe�_xZph0gL�ph%cO_ae2ike`h�h���dfe}�gL�ph�Z%dfeN�ph�}�_acwh�tJikcOe r
i
\���dfe£gL�vcFd�Z^uk]`\^]`dfcFe�]b��dÄuOZph-��h�s%]`_`_jike�]b��dJh�uwikdJh�_xZph���ik_xZ%cOgLh^uOZph?}Jikg�ik�\�ª%e£gLZph��¤�EZ%_jiH}fZ%cFe�hf��Z�z!}�_a]���cfZ%g¤}JikgH_xZ��!ik]`eC��c�Z?h%][_ji^eWZ%\H}f�%g�ike£cOgLZp�<}Jikg�Z�zFZ%\H}�_xZp�CZph%e�h%cFgLZph%e�]`\��pZuwikdJh�_ji�gL�byk]b��d�Z�z|eWZ%g�d�Zp��ik_x��gLh?_ji�sp��dfe£g�]�¦�cOe£]b��d¥��cfZ�_�����d���ivgLZ%e�]`gLZ%gHuwikdJh'_ji�sp��c�sptfZ']`dfeNZ%g�d�Z'h�Z%g�iZ%_`_xZ-ikcwhph%]Eh%cFgLZph%e�]`\��pZ��CY§i�sp��dJh�����cfZ%d�spZ�uk]`gLZps%eNZ�uOZ�spZ%_ji�Zph%e?_ji�h���c�h%��Zph%e�]`\�ike�]b��duOZ�_ji�eWZ%\H}f�%�g�ike£cOgLZ�uwikdJh�_ji�gL�byk]b��d�]`dfeWZ%g%d�Z��T�EZ�e£®p}fZ�u[��Z%g�gLZ%cFg�h�Z#}�gL�p}Ji�yOZ��%��]�uOZ%\^\�Z%dfe'�kZ%gLh�_xZ�spZ%dfe�gLZ�uOZ_�� ik\�i�hp�*yO�%d��%g�ikdfe¤_xZph���h�s%]`_`_jike£]b��dJh �k¦%h�Z%g��k�pZph��§Y�� iOs%e�]b��d�uOZTyOZ%_xZ%g^lNuOZ�«[zFZ%g2rvh%cfspspZphph%]`�kZ%\�Z%dfe°_xZph}Jikg�ik\�ª%e£gLZph�_a]�¦�gLZph��k¦�eWZ%dfc�h uwikdJh�_xZph gL�byk]b��dJh�Z�z|eNZ%g�d�Zph�_a]`\^]`eWZ�spZph^Z%g�gLZ%cFgLh��

����� C L
GIE *�J�� bPX # Z\O(R8QYdPQ`Wgj�[`b#M�de_8bPQ^O(XeO8dPQ`f�_ OgM^r�Q^] Z\QYWYX9R8k`Z\Q d OtM[O Oxy j8bPX��{]`dxy WYQ 	<M�Z �e� �	(2_8bZ\Q^OmT<b#M�j5X Q^O ��OPX%f2d Oe_8j3Q`bej�X<OP[^O�Z\Q^Omj8bPX # Z\O Q n9deb#M�acdPOlR8Q(OPX%_ OlQ`f OPQ`W O8Z\Q(R8Q^OlR8X%f8f [^Q^O}� �
beaIM�f8T<Z\Qr�Q`bPO Z\Q.OtM%O Q`d deacbPQ`dPO �<WYX%acdea\[FOP_ RYR8QsZ�hiM�W*M%O}� �
beaIM�f8T<Z\Q�r�Q`bPO ZIM R�bPX%acdPQFQ`d j3X%acf2dPO &�deacbPQ`dPO ��WYX%acdea\[f X%bPR R8QNZ�hiM�W*M%Ox�� dPX%acZ\Q^O Q`d j�X%acf�deacZcZ\[^O � j8bPQ`Wga\k`bPQ WYX%acdea\[pR�_ dPQ`Wgj O R8QNj�X<OPQ<� �mb#M�j3Q}M�_�nQ`dqj3X%acf2deacZcZ\[^O &�deacbPQ`dPO �
OPQ^]^X%f R8QYWYX%acdea\[ R�_ dPQ`Wgj OSR8Qgj�X<OPQ<� �
beaIM�f8T<Z\Q^OSr�Q`bPOqZIM R�bPX%acdPQ*Q`dUZcacT<f Q]^X%f2deacf�_ Q ��Z�h Q`f OPQ`W O8Z\QUR8Q^O@R8X%f8f [^Q^O@R M�f OFZ\Q^OFR�a���[`bPQ`f2dPO�M�f8f Q}M�_�n y ]^X%WgWYQqR M�f OFZ\Q ]}M%O U & � � �
�?��cOgvhf� i�hph%cOgpZ%g���cfZ�spZ%e�Zn�#Z%e�d����%e2ik]`e°}Ji�h-u#"Ä©�cOd¢}�gL�k¦�_xª%\�Z��k¦%h�Z%g���ike£]b��dfd�Z%_~��d���cwh-ik�k��dJhh��W}JikgL��eN��cOeWZph _xZph�gL�byk]b��dJh�u[��Z�z|e£g�iOs%e�]b��d�uOZph�hW}fZps%e�gpZph�l2_xZph�ikdfd�Z�ikckz!r�Z%d�uOZ%ckz�}Jikg�e�]bZphvÕ*Ì ��g�u¥Z%eo�cAuw�fo§�W}Jikg�ikdfe*ik]`dJh%]�_xZph'uO��dfd��pZphTZ%d�uOZ%ckz gL�byk]b��dJh?uk]xh%e�]`d�s%eNZphp��d���c�h�ik�k��dJh?i�¨�cwh%eN�0_xZ'\�%\�Z�e£®p}fZ
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����� C L
GIEtEHJ � bPX # Z\OgR8QYdPQ`Wgj�[`b#M�de_8bPQ^OgXeO8dPQ`f�_ OgM}r�Q^] Z\Q WYX9R8k`Z\Q*d OtM[O Oxy j8bPX��e]`dxy WYQ 	<M�Z �e� �qN Q^OW
	`WYQ^OFf X%d#M�dea\X%f O��2_ Qlj3X%_8bsZIM�# T<_8bPQRS �VU�z OPX%f2dF_8deacZca\OP[^Q^O}�
uOZ�\���uOª%_xZ�uwikdJh�sptJiOs%cFdÏuOZph^³O½�uOZ%\^]`�4ikdfd�Z�ikc�z���Y[ZphvgL�ph%cF_aebike`hvh���dfe�}�gL�ph�Z%dfeN�ph h%cOg�_xZph�«�ykcOgLZphÎ��xÅO³�Z%efÎ��xÅwÅO�[Ê0d�}fZ%cFe9�k��]`g0��c�Z�_xZph?��h�s%]`_`_jike£]b��dJh0i%}w}Jikg�ik]xhph�Z%dfe*uwikdJhE_xZph?uOZ%c�z gL�byk]b��dJh0Õ�ikc Ì���g�u��Z%e0ikc�o�cJuw�*Y*Zph^��h�s%]`_`_jike£]b��dJhTh�Z%\�¦�_xZ%dfe�uO��d�s ¦�]bZ%dÄ%e£gLZvike�e£g�]�¦�cf�pZphvikc�\���uOª%_xZ uOZvuO�W}�gp�N¨{Zps%e�]b��d��Ì���cwh�ik�k��dJh��bywik_xZ%\�Z%dfe�h��W}JikgL�¢_xZph�uO��dfd��pZph�hW}fZps%e�g�ik_xZph�Z%d¸}�gL��sp��uwikdfe�©¸_���Z�z|e�g�iOs%e�]b��d uOZphhW}fZps%e£gLZphE}f��cFg�_ji�}�gLZ%\^]bª%gLZvZ%eC_ji�h�Zpsp��d�uOZ#\���]`e£]b� ukc¥eWZ%\H}fh uOZ�}f��h�Z�eN��ebik_j�*Y*Zph�i�¨�cwh%eNZ%\�Z%dfe`h ukc\���uOª%_xZ#h%cOg^spZphv³O½^gp�byk]b��dJh^sp��d�ukcO]xh�Z%dfe0Z%ckz�ikcwhph%]�©�cOd�Z^��h�s%]`_`_jike£]b��d�uwikdJh _ji���ik_xZ%cFg�uOZph'}Jikg�ik�\�ª%e£gLZph^Zph%e�]`\��php�'sp��\^\�Z _xZ�\���dfe£gLZ�_xZphC«�ykcFgLZphTÎ��xÅO³OZ%e[Î��xÅwÅO���EZ d���Zph%e0uO��d�s'}Ji�h�cFd�Zn�#Z%e�u#"�©_�� iOs���cF]xh%]`e�]b��d�uOZph�uO��dfd��pZph��[Y*Z?}�gL�k¦�_xª%\�Z^Zph%eCh�ikdJh^uO��cOeWZv_a]b��©�_ji�yO�p��\��%e£g�]bZvuOZ�_ji-h���cFgLspZ��%e£cO�uk]b�pZ����Ed�Zn�#Z%en�[_xZT\���uOª%_xZTuOZHuO�W}�gL�N¨{Zps%e�]b��d�h%c¯}w}f��h�Z�cOd�Z�h%®�\��%e�g�]bZ'hW}ftf�%g�]���c�Z�� ² ¦%Z%_`_�³AÁ¯»wÖ��[d���cwh_�� ik�k��dJh���cw�vZph%e�cOdÉik\�i�h�e£gLªph�}Jikg�e�]bs%cF_a]bZ%g�s�ikg�iOs%eW�%g�]xh��v}Jikg�_ji�}�gp�ph�Z%d�spZ
u[� cOd�Z
_x��dOykcfZ�h%e�g%cfs%�e£cOgLZH«C_jik\�Z%dfebik]`gLZ�Z%d¸h���d¹spZ%dfe�gLZ��0Y§i�uO�W}�gp�N¨{Zps%e�]b��dRu[� cOdÛ\���uOª%_xZ�u[���%\^]xhph%]b��dÏhW}ftf�%g�]���c�Z-d���Zph%euO��d�s�}Ji�h�sp��df�kZ%d�iw¦�_xZ���Ì ��eN��dJh�spZW}fZ%d�uwikdfe���cfZ¢_xZph���h�s%]`_`_jike�]b��dJh�uOZph¥��ik_xZ%cOgLh¢uOZph^}Jikg�ik\�ª%e�gLZphi%}w}Jikg�ik]xhph�Z%dfeH_x��]`dÛukcSspZ%dfe£gLZp�H_j©����Ï_�����dhf� ike�eNZ%d�u�©ÏspZ���cfZ�_�� ik\�i�h-d�Z }�gL�ph�Z%dfeNZ }Ji�h�u[���ps�ikg�ed���eN��]`gLZ�ik�kZps^cOd�Z��%\^]xhph%]b��d�h%c�}w}f��h��pZ�©�yO�p��\��%e£g�]bZvhW}ftf�%g�]���cfZ��T�EZ�gL�ph%cO_ae2ike0h%cky�yOª%gLZ�uO��d�s���cfZ_xZ#ywi��-©
_�� ]`dfeN�%g�]bZ%cOg^uOZphvÅJ´w´ È }fs-spZ%dfe�g�ikckz�l2_xZ�g�ik®w��dÏuOZ�gLZn��gL��]�uk]xhph�Z%\�Z%dfe r�}f��cOg�g�ik]`e[}�gp�ph�Z%dfeWZ%guOZph
]`dJtf��\���yO�%d��%]`eW�ph¥uOZ�eNZ%\H}f�%g�ike�cFgLZ¢��cO]#e£g�iwukcO]xh�Z%dfe�uOZ��!i%$���d¹]`\H}�_a]bs%]`eWZ
_jiÄd���d¹��ik_a]�uk]`eW�¥ukc\���uOª%_xZHuOZ#uO�W}�gp�N¨{Zps%e�]b��d�©�h%®�\��%e�g�]bZThW}ftf�%g�]���cfZ���Ì���eW��dJh��bywik_xZ%\�Z%dfe°��c�ZT_���Zph%e�]`\�ike£]b��d�uOZphC}Jikg�ik�\�ª%e£gLZph�uwikdJh _xZph�gp�byk]b��dJh^Z�z|eWZ%g�d�Zph¤¨{��cfZ cFd�g ��_xZ'}�g�]`\���g�uk]�ik_§_x��gLh���c�Z _�����d�i%}w}�_a]���cfZ�_ji�\��%e`tf��uOZuOZ�uO�W}�gL�N¨{Zps%e�]b��d��  *d�Z^\�ikcO��ik]xh�Z�Zph%e�]`\�ike£]b��dÏuOZ^_ji¥eNZ%\H}f�%g�ike�cFgLZ�©-ykg�ikd�u¥g�ik®���d�h�Z#}�gL�p}Ji�yOZ%g�iuwikdJhT_xZph?����d�ZphT]`dfeN�%g�]bZ%cOgLZph��9Y*ZE}�gL�k¦�_xª%\�Z�}f��cFg�g�ik]`e�uO��d�sT�kZ%df]`g�uOZ�spZ%e£eWZ�\�ikcO��ik]xh�Z�Zph%e£]`\�ike�]b��d��Ì���cwhHik�k��dJhTik_x��gLh?gLZ�uO�n«Cdf]*uOZph?gL�byk]b��dJhTu[��Z�z|e�g�iOs%e�]b��d�¦%Z�ikcfsp��c¯}^}�_acwh'h�Z%g�gL�pZph�lNÖ�h�Zpsp��d�uOZphTu[� ikgLsWrikcFeW��cOgHuOZ?³kÅJ´ È }fs�l�Z%dfe£gLZT³�Î�Ö^Z%e°³AÁ�´#h�Zpsp��d�uOZph�u[� ikgLsWr0}f��cFg�eWZ%dfeNZ%gTuOZ?\^]bZ%c�z^uO�n«Cdf]`g'_ji�eWZ%\H}f�%�g�ike£cOgLZHuwikdJh'_jivgL�byk]b��d�_ji�}�_acwh�_x��]`dfebik]`d�Zp�*\�ik]xh�_xZph#Zn�#Z%e`hTu[����h�s%]`_`_jike�]b��dJh�h���dfe*eN��c�¨{��cOgph¤}�gL�ph�Z%dfe`h��Ì���cwh-ik�k��dJh-�bywik_xZ%\�Z%dfe�i�¨�c�h%eW��cOd�\���uOª%_xZ�uOZ�e£®p}fZ � � � � 	�ik�kZps^cOd�Z�sp��_x��dfd�Z^uOZ%dJh%]`eN�'«[zF�pZ�©_ji���ik_xZ%cOg�ywik_jiOs%e�]���c�Z�uwikdJh�spZph#gp�byk]b��dJh�Z�z|eNZ%g�d�Zph���Y*Zph���ik_xZ%cOgph�uOZ�_ji-eWZ%\H}f�%g�ike£cOgLZ���ikg�]bZ%dfe�ik_x��gLh
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u[� ]`\�i�yOZphEh%c}�¸h�ik\^\�Z%dfe[¦�]bZ%d��psptJikdfe£]`_`_x��dfd��pZph'©�_�� ik]�uOZ�u[� cFd�]`dfeWZ%g`�{�%gL��\�ª%e£gLZ���Y�� cOe£]`_a]xh�ike�]b��duOZ�_�� ]`dfeWZ%gn�{�%gL��\��%e�g�]bZ?uwikdJh�_����%e�cAuOZ?ukc�ywi���\���_x�ps%cF_jik]`gLZTikc�spZ%dfe�gpZ?uOZphTik\�i�hTuOZEywik_ji{z|]bZphTZph%e[cOd�Z
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1Z%e �
2
�[_ji^��cJikdfe�]`eN�?\�Zph%cOg�ikdfe�_ji�sp��g�gL�%_jike£]b��dJ��Z%dfe£gLZ�spZphHuOZ%c�zT}f��h%]`e£]b��dJhp��uOZphHsptJik\H}fh#�%_xZps%e£g�]���cfZph}�gL���kZ%d�ikdfe�u[� cFd�}f��]`dfe�cFdf]���cfZ�o

0
uOZ _ji^h���cFgLspZ^Zph%e�uO�n«Cdf]bZ0}Jikg Õ

< V1(t)V2(t) >= lim
T→∞

∫ T

−T
V1(t)V

∗

2 (t − τ)dt � .�/45 �
���

τ
Zph%eC_xZ�uO�%_jik]CZ%dfe£gLZ�_�� ikg�g�]`�k�pZ ukc�}�_jikd�u[����d�uOZ�ikckz�}f��]`dfenh �

1

Z%e �
2

�*o�] � Zph%e�_xZ��kZps%eNZ%cOg uOZ_a]jykd�Z�uOZ�¦pi�h�Z�Z%dfe�gLZ _xZph�eW�%_xZph�sp�p}fZp���_xZ �kZps%eWZ%cFg�Z%d�uk]`gLZps%e�]b��d�uOZ _ji�h���cOgpspZp��ik_x��gLh

τ =
b.s

c
� .t/41 �

 [d�Z?�{��]xh�d���g�\�ik_a]xh��pZp�#��dRi%}w}fZ%_`_xZ
spZ%e�eWZ���cAikdfe�]`eN�-_xZ�uOZbykgL�
sp��\H}�_xZ�zFZ-uOZ
sp��tf�%gLZ%d�spZ�\^cOe£cfZ%_`_xZ

����� C JHG0L
J	(9] X [`W*MoR8Q(j8beacf ]`acj3Q RHh _8f acf�dPQ`b � [`bPX%WYk`debPQYb#M%R�a\X t R8Q`_�n M�f2dPQ`f8f Q^O y � X X%Wgj O#X%f �z}|xv<���
\�Zph%cFgL�#Z%d¥uOZ%c�z?}f��]`dfe`h��

1
Z%e �

2
lN��cO]�h���dfe�]`\H}�_a]bs%]`eWZ%\�Z%dfe[uO�n«Cdf]xh°}Jikg �ÉZ%e°uO��d�s¤}Jikg

τ
rk��·�ikdJh_xZ�s�i�h#h%]`\H}�_a] «0��uO�ps%g�]`e9}�_ac�hHtJikcFe`�'��dÏ�k¦�e£]bZ%dfeEÕ

Γ(τ) = V1V2cos(2πντ) � .�/ + �
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Z%d �
1

Z%e �
2

ÕTsf��Zph%e#_���Z�z!}f�%g�]bZ%d�spZ-uOZph-e£gL��cwh�u[� �<��cOdOyw�Y����k¦%h�Z%g%��iw¦�_xZ�]`dfeWZ%gn�{�%gL��\��%e�g�]���c�Z�Zph%evspZ���c�Z�_�����dÉi%}w}fZ%_`_xZ�_ji���]xh%]�¦�]`_a]`eW�p� ��cO]�Zph%e�_jiÄ\�Zph%cOgpZ�Z%duOZ%ckz
}f��]`dfenh
ukcÛuOZbykgL��sp��\H}�_xZ�zFZ
uOZ¢sp��tf�%gLZ%d�spZ¥Z%e ��cF]�sp��dfe�]bZ%dfe#eW��cFeWZ�_�� ]`d{�{��g�\�ike�]b��dhW}Jike�]�ik_xZh%cFg�_ji�h���cOgLspZ��
��� � � � � � � � ��� � ��� ���-��� ��� � � � � ����� � ��� � ��
��� 	����-� � � � ��	 �8� �

��gLZ%d���dJhv\�ik]`dfeNZ%d�ikdfe'_xZ-s�i�h�u[� cOd�Z�h���cOgLspZvhW}Jike�]�ik_xZ%\�Z%dfeH�%eNZ%d�ukcfZ�uO��dfe'_ji�uk]xh%e£g�]�¦�cOe£]b��d�uOZ¦�g�]`_`_jikd�spZ-uOZ�h%cFg`�!iOspZ�Zph%e'm�l %rk��Y�� ]`dfeNZ%dJh%]`eW��uO�%eNZps%eW�pZ�}Jikg-cOdeN�%_xZph�sp�p}fZp�HuOZ�h%cOgn�!iOspZ
sp��_`_xZps%e�g�]bspZ² l �r��¤uwikdJh?_ji�uk]`gLZps%e�]b��d T}�gp���kZ%d�ikdfe�u[� cOd��%_x�%\�Z%dfe�uOZ�h%cFg`�!iOspZHu
Ω
uOZT_ji�h���cFgLspZHuwikdJhT_ji^¦pikd�uOZuOZ¤��gL����c�Z%d�spZ u

ν
Zph%e0uO��dfd���}Jikg�Õ

A(s)I(s)∆νdΩ � .�/4. �·�ikdJhH_xZ uO��\�ik]`d�ZTg�iwuk]b���¤_ji�uO�%eWZps%e�]b��d�u[� cOd�Zv��d�uOZ��%_xZps%e£gL��\�i�ykd��%e�]���c�ZH]`d�ukcF]`e¤cOd�sp��cOg�ikdfe��%_xZps%�e£g�]���cfZ¢©Ä_ji�h���g�e�]bZ¢uOZ�_�� ikdfeNZ%dfd�Z���m%_TZph%evik_x��gLh�}f��hph%]�¦�_xZ¥uOZ�sp��g�gL�%_xZ%g¥uk]`gLZps%eNZ%\�Z%dfe�_xZph�h%]jykd�ikc�z�%_xZps%e£g�]���cfZphv}�gL���kZ%d�ikdfe uOZ�sptJiOs%cOd�Z¥uOZph�ikdfeNZ%dfd�Zphp��Z%evu[���k¦�eWZ%df]`g
cOd�Z
\�Zph%cOgpZ¥uOZ�_ji���]xh%]�¦�]`_a]`eW�sp��\H}�_xZ�zFZ�uOZ�_ji�h���cFgLspZ�� ² _ji�h���g�e�]bZ�ukc�sp��g%gL�%_jikeWZ%cFgL�°h�ikdJh�eNZ%df]`gvsp��\H}�eWZ uOZph¤�!iOs%eWZ%cOgph uOZTywik]`dJ���d�\�Zph%cOgpZ Õ
dr = A(s)I(s)∆νdΩcos(2πντ) � .�/ : �Y§i-\�Zph%cFgLZ ]`dfeWZ%g`�{�%gp��\��%e�g�]���c�Z uOZ�_����%\^]xhph%]b��d�uOZ�_ji�h���cOgLspZ��%eNZ%d�ukcfZ^Zph%e�ik_x��gph Õ

r(b) = ∆ν
∫

Ω
A(s)I(s)cos(2πντ)dΩ � .�/47 ����S��dÉi¢h%c¯}w}f��h�����c�Z�_ji�_jikg£yOZ%cOg�uOZ¥¦pikd�uOZ¥Z%d���gL����cfZ%d�spZ

∆ν
Zph%eHh%cx�¸h�ik\^\�Z%dfeE}fZ%e�]`eNZ�}f��cFg��c�Zv_xZph^��ikg�]�ike�]b��dJh�uOZ ² Z%e?uOZ�m�Z%d��{��d�s%e�]b��d�uOZ�_ji�_x��dOykcfZ%cFg^u[����d�uOZ?}�cO]xhph�Z%dfeH%e�gpZ�]jykd���gL�pZph��² }�gLªphHcFd�sptJikdOyOZ%\�Z%dfe¤uOZ�sp����g�uO��dfd��pZphp�°��cF]f}fZ%g�\�Z%eCuOZ�uO�ps%g%]`gLZT_jivh���cFgLspZ�uwikdJhH_xZ�}�_jikd¢ukc�s%]bZ%_

σ � 	�� �	��uOZ eNZ%_`_xZ�\�ikdf]bª%gLZ���cfZ  0 � 
0
&
σ
�0��dÄ�k¦�e�]bZ%dfe0Õ

r(b) ∝ ∆ν|V |cos(2πb.s0

c
− ΦV ) � .t/46 ����¹ËSZph%e�_ji-��]xh%]�¦�]`_a]`eN�vsp��\H}�_xZ�zFZ�uOZ�_ji�h���cOgpspZp��uO�n«Cdf]bZ0}Jikg Õ

V = |V |eiΦV =
∫

Ω
A(σ)I(σ)e2iπνb.σ/cdΩ � .�/4- �����Zph%eC_xZ entf�p��gLª%\�Z�uOZ�Ëfikd�°]`e�eWZ%g%e�� �°Z%g�df] È Z���cO]��%d���d�spZ ��cfZvÕo�]¤_xZph�uk]`\�Z%dJh%]b��dJh�uOZ�_ji�h���cOgLspZ�ukc¢g�ik®���dfd�Z%\�Z%dfe���cJi�h%]�\���d���sptOgL��\�ike�]���c�Zp��ik]`dJh%]���c�Z�_ji�uk]xh%�e2ikd�spZ
Z%dfe�gLZ�uOZ%ckz-}f��]`dfe`h�uOZ�_����ps%g�ikdÄh���dfe�}fZ%e�]`eWZph�uOZ%��ikdfeT_ji�uk]xh%ebikd�spZ^o§��cOgpspZ%�b��s%g�ikdJ�Hik_x��gLh�_xZ\���ukcF_xZ�ukc�uOZbykgL��sp��\H}�_xZ�zFZ�uOZ-sp��tf�%gLZ%d�spZ-Zph%e#�bywik_¤ikc�\���ukcO_xZ�uOZ�_ji¥e�g�ikdJhn�{��g�\��pZ�uOZ �[��cFg�]bZ%ghW}Jike£]�ik_xZ uOZ�_�� ]`dfeNZ%dJh%]`eW��uOZ _ji�h���cOgLspZp��d���g�\�ik_a]xh��pZ ©�_�� ]`dfeWZ%dJh%]`eN��eW��ebik_xZvuOZ�_ji�h���cFgLspZ��·�ikdJh�_ji�}�g�ike£]���cfZp� i%}�gLªph¥ik�k��]`g¢sp��g�gL�%_x�
_xZph-h%]jykd�ikckz¸�%_xZps%e£g�]���cfZph¥uOZ�uOZ%c�z�ikdfeWZ%dfd�Zphp�v��d�}fZ%cFe\�Zph%cFgLZ%g _�� ik\H}�_a]`e£cJuOZ^Z%e0_ji�}ftJi�h�Z�ukc�h%®�h%eNª%\�Z�uOZ���g�ikdOyOZ�l�Z����CÖw�Ñ¼!rk�[Y§i¢sp��g%gL�%_jike�]b��d�}fZ%g%\�Z%e0uOZ\�Zph%cFgLZ%gHuk]`gLZps%eNZ%\�Z%dfe�_xZph�}Jikg�e�]bZph#gL�pZ%_`_xZ�Z%e°]`\�i�yk]`d�ik]`gLZHuOZH_ji�Ë9]xh%]�¦�_a]`eW���? *d�Z��{��]xh#��cfZ�spZph#��cJikdf�e£]`eW�phHh���dfe��%ebik_x��dfd��pZph�©�}Jikg�e£]`g�uOZHh���cOgpspZph �%ebik_x��dJhvZ%d¢ik\H}�_a]`e£cJuOZvZ%e�Z%d�}ftJi�h�Zp�°]`_��!ikcFe¤]`df�kZ%gLh�Z%g_�������cAike�]b��dÏÖw�`»�}f��cOg��k¦�eWZ%df]`gv_ji�uk]xh%e£g�]�¦�cOe£]b��dÏuOZ�¦�g�]`_`_jikd�spZ^uOZ�_ji�h���cOgpspZ�� ² �kZpsvcFd�Z�h�Z%cF_xZv_a]jykd�ZuOZv¦pi�h�Zp��]`_�Zph%e'uO��d�s ]`\H}f��hph%]�¦�_xZ�uOZvgLZ%\���dfeWZ%g¤¨�c�h���c¤� ©�_�� ]`\�i�yOZvuOZ _ji�h���cFgLspZ��9m�_|�!ikcFe*}f��cFg^spZ%_jicFe�]`_a]xh�Z%g�}�_acwh%]bZ%cFgLh^sp��d{«�ykcOg�ike�]b��dJh�uOZ0}f��h%]`e�]b��dJh�u[� ikdfeWZ%dfd�Zph��
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Ì���eW��dJh�_xZph
sp����g�uO��dfd��pZph�l2cw����r¢ukcÏ�kZps%eWZ%cFg� Ç λ Z%e�l2_~��\Hr�_xZph
sp����g�uO��dfd��pZphp��uwikdJh�_���ZphW}JiOspZuOZ �[��cFg�]bZ%g�i�hph���s%]b�p�Cukc��kZps%eNZ%cOg

σ
�*�EdÄZn�#Zps%e�cAikdfeCcOd�Z�e�g�ikdJhn�{��g�\�ike�]b��d�uOZ �[��cOg%]bZ%gH]`df�kZ%gph�Z�uOZ_�������cAike�]b��d�Öw�`»��0��d��k¦�e£]bZ%dfe�Õ

I ′(x, y) = I(x, y).A(x, y) =
∫

∞

∞

V (u, v)e2iπ(ux+vy)dudv � .�/ "%$ �
h%]�_ji��{��d�s%e£]b��dÏuOZ^��]xh%]�¦�]`_a]`eW���%ebik]`eHsp��dfdfc�Z�uwikdJh�eW��cOeT_xZT}�_jikdSl2cw����r��?ik_x��gLh���d�}f��cFg�g�ik]`e'gLZpsp��dJh%�e£g�cO]`gLZ�sp��\H}�_xª%eNZ%\�Z%dfe�_�� ]`\�i�yOZ�uOZ#_ji^h���cOgpspZ���Ê0gL��spZ�d���Zph%e§}Ji�hH_xZ�s�i�h�� �?��cOgvsptJiw��cfZ�}Jik]`gLZ u[����cO��kZ%g�e£cOgLZp�#��dRZn�#Zps%e�c�Z^cFd�Z�\�Zph%cOgLZ-uOZ^��]xh%]�¦�]`_a]`eW���T����Zph%e��4©k�4uk]`gLZ���cfZ#}f��cOg�sptJiw��c�Z�\�Zph%cFgLZ-u[� cOd�Z}Jik]`gLZTu[� ikdfeNZ%dfd�Zp�¤��d¢�psptJikdfe�]`_`_x��dfd�Z'_jiE�{��d�s%e�]b��d¥uOZ?��]xh%]�¦�]`_a]`eW�#Z%d
Å#}f��]`dfenhHukc�}�_jikd
cF� Õ�Z%d�l2cw����rZ%evZ%dIl2�Wcw���W��rk��Y[Z�}�gL�k¦�_xª%\�Z¥sp��dJh%]xh%eWZ
uO��d�s�©�gpZpsp��dJh%e�g�cF]`gLZ�cFd�Z�]`\�i�yOZ�©�}Jikg�e£]`g
u[� cFdÉ�psptJikdf�e£]`_`_x��dfd�i�yOZ�«Cdf]¤uOZ�_ji��{��d�s%e£]b��d�uOZ���]xh%]�¦�]`_a]`eN��� ����cFg�cOdÄZ%dJh�Z%\�¦�_xZ uOZ�}f��h%]`e£]b��dJh�uOZ�eN�%_xZph�sp�p}fZphp�°_xZ}�_jikd¢l2cw����rvZph%e��psptJikdfe�]`_`_x��dfd���Z%d�cOd�d���\�¦�gLZ<«Cdf]9uOZ[}f��]`dfenhp�*uO��dfe9_xZphTsp����g�uO��dfd��pZph�h���dfe[uO�n«Cdf]bZph}Jikg�_xZph'}f��h%]`e£]b��dJh#gLZphW}fZps%e£]`�kZph�uOZphvikdfeWZ%dfd�Zph�l2_a]jykd�Zph uOZv¦pi�h�ZWr�Z%e���d�i
Õ

I ′′(x, y) =
∑

k

g(uk, vk)V (uk, vk)e
2iπ(ukx+vky)dudv � .�/ "9" �

ik�kZps�yAl2c
k

���
k
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�HDjS0QRB�STD�UWVdMRP�a�Qd\%S�XH_ ACB�D�EFE*G*IKJ,L�Qd\]P�O�P�O0Dy�	Dji�P�Y]OjDjS�MRVRDji�L�D�P� �MR\]P�D�\]\7DjS��%�DjS�S�a¢¡�ijQd\m£��RYZU�MRe

P�a�Qd\%SCXH_ MR\]PfD�\]\7DjS¥¤]QTSjS�arB�E�DjS$¤]D�YZVRD�\]P^¦�PrUjD�ijQdo�B�aF\7OjDjS$¤]QdY;U�QRB�P�D�\]aFUH£$\(MRE�D�oqD�\]P:LNijQdo�B�aF\(MRa�STQd\%S
§ Y;a?STQd\]P�M�¤,¤]D�E�OjDjS��	~2¨��	~2¨�¨�~ v ¨�~ v�v D�P$A v ��¨^DjS�ijQdo�B�aF\(MRa�STQd\%S©XZOji�UWaFVRD�\]P^E�DjS�ijQd\m£��RYZU�MRe
P�a�Qd\%S�E�DjSC¤(E�YªSNijQdo2¤%MZi�PfDjS�w���|�«WY,S § Y:_ MRYR¡}¤(E�Y,S¬O�PfD�\(XRY�DjS�wyA v |R�¥^EFE�DjS	¤]D�UWoqD�P�PfD�\]P2XZQd\7i}XH_ MZi�e
ijO[XZD�U¬�"XZDjS}UnOjSTQdE�Y;Pra�Qd\%S�MR\Z�RYZEtMRaFUnDjS¬XZD�¤(E�Y,S�D�\4¤(E�Y,S��RU�MR\(XZDjS��$A2�RMR\]P�QRB�P�D�\]Y®Y;\¯S�at�R\(MRE$P�UnpjS
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l MRarB�E�D}X,MR\%S�E�DjS�U�MRa�DjS�¨#"Cw�GRe[cj|uD�P�¨#"Cw b,e G�|�MRVRDji�E�D�PfO�E�DjSTijQj¤]DqXZD�g;cdo ¤]QdYZU�ACB�D�EFE$G*IKJ,Ld~�aFE¥M
O�P�O0¤(UnQj¤]QTSTO�XH_ YZP�aFE�a�STD�U�E�DjS¬ijQdo�B�aF\(MRa�STQd\%S�� D�P�¨�� ¤]QdYZU�aFo�MT�ZD�U�E[_ MRo�MdS�XZD��,MREtMm¡ a�DjS��:�DjS�UnO�e
STQdE�Y;Pra�Qd\%S�Sf¤%MRP�arMRE�DjS�QRB�PfD�\]Y�DjS�STQd\]P�\7O[MR\]oqQdaF\%S�MdSjSTD%$�B�Qd\]\7DjS����\ ¨#"Cw�GRe[cj|}E�D�E�QRB�DkS��d\]Py`]O�Pra�STO
DjS�P	XH_ YZ\7D�P�MRaFEFE�DqXZD}gª��b% '& × gª��bªg�&�D�PCD�\ ¨#"Cw b,e G�|uD�P	XZDqG,�)(ªG*& × G,� gªG*&y�:A YZ\7DqXRa�S�P MR\7ijD ∼ b�Ihc
+ ¤]ij~�aFE^DjS�P0MRE�QdUnS	¤]QTSjS�arB�E�D�XZD�UnOjSTQdY*XRUnD}XZDjS�S�PrUWY�i�PrYZUjDjSqXZD�EtM�P MRaFEFE�D�XZD § Y]D�E § Y�DjS + ¤]i�w�G*&-,2G,� gªG
+ ¤]if|R�:�>M EtMRU��ZD�Y;U}��o�aFe�`%MRYZPfD�Y;U}XRY"E�QRB�D	¤(UWaFo�MRaFUjDj~�E�aFo�aFP�O	¤%MRU�EtM P�MRaFEFE�D}XZDjS}MR\]PfD�\]\7DjSj~	DjS�P2XZD
. g�&2D�\ ¨#"Cw�GRe[cj|¬D�P�XZDCb,b/&CD�\ ¨#"Cw b,e G�|R��A2aF\%S�a�~¥EtM}UnO��Ra�Qd\®QRB�STD�U�VROjD�MRVRDjikE�D�PfO�E�DjSTijQj¤]D�XZD�g;cdo
DjS�P�ijQdY;VRD�UWPfD�D�\]P�a�p�UnD�oqD�\]P�D�P$S]_ O�PfD�\(Xqoq¦�oqDkMRYZe XZD�Et�N�qg o�o��

0 ������1Z�2�'��	Z�3���4��1;� ���r�5�K�r�(���
67	8�9�����]�:	
�k_ aF\]PfD�UFlmO�UnQdoqp�P�UnDqDjS�P	O § YZa ¤]O�XZD;(�Y;\]aFPfOjS�aF\(XZOf¤]D�\(X,MR\]PfDjS�XZDqijQdU�UnO�EtMRPra�Qd\ § YZa�¤]D�YZVRD�\]P2¦�P�UnD

Y;PraFE�a�STOjDjS}X,MR\%S¬ �oqQ�XZDjS�XRa �	O�UjD�\]PFS��2¨�`%MZi�YZ\�XZD¬ijDjS�oqQ�XZDjS	¤]D�UWoqD�P0XZDNijQdY;VTUWaFU�YZ\7DqBjMR\(XZD}XZD
lWUnO § Y�D�\7ijDC¤(E�Y,S�QdY�oqQdaF\%S��RU[MR\(XZD¬MRVRDji�YZ\7D¬UnOjSTQdE�YZP�a�Qd\ Sf¤]Dji�PrU�MRE�Dk¤(E�Y,S�QdY oqQdaF\%S¬B�Qd\]\7D��	¨^DjS
BjMR\(XZDjS�¤%MdSjS�MR\]PfDjS�XH_ MR\(MRE��TSTD�¤]D�Y;VRD�\]P�¦�PrUnD�¤(EtMZijOjDjS�\7_ aFo2¤]QdUWP�D�Q=<�S�YZU�EtMNBjMR\(XZD�¤%MdSjS�MR\]PfD�P�QdP�MRE�D
XRY XZO�PfDji�PfD�Y;Un~ § Y;a	ijQdYZVTUnD�E�DjS0lWUnO § Y]D�\7ijDjSND�\]P�UnDqGZc,cde[ ,c,cN{?>@$T�BAkQdYªS¬MRVRQd\%S�YZP�aFE�a�STO�YZ\ oqQ�XZD
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XZQd\]P�EtM�EtMRU��ZD�YZU4XZD"BjMR\(XZD�XZD®ij`%M § Y]D Y;\]aFPfO®DjS�P�MdSjSTD%$��RU[MR\(XZD��M(�Y;\]aFPfOjS"XZD4GZ ,c�{?>#$ XZD
UnOjSTQdE�Y;Pra�Qd\�G,��bZLk{?>@$T��^\NP�D�UWoqD2XZD�VTaFPfDjSjSTDj~HEtM�BjMR\(XZD�PfQdP MRE�DCijQdYZVRD�UWP�D$¤%MRU�E�D2XZO�P�Dji�PfD�YZU2� ∼ LZc,c
{N>#$�ijQdYZVTUnD�Y;\7DCEtMRU��ZD�YZU©D�\ VTaFPfDjSjSTD�XZD ∼ G g;c,c + oPO]Sk�}bZ�r do�o D�P ∼  RLZc + oPO]S��¬G,� g o�o����DjS
(�YZ\]aFPfOjS2¤]D�UWoqD�P�PfD�\]P�XZD}ijQdY;VTUWaFU©E[_ D�\%STD�o�B�E�D�XZD�EtM�BjMR\(XZD�¤%MdSjS�MR\]P�D�XRY4XZO�PfDji�P�D�YZU �:�u_ M�¤(UnpjS©E�DjS
QRB�STD�UWVdMRP�a�Qd\%S�XRY}PfO�E�DjSTijQj¤]D0XZD0g;cdo XZD�E[_ xnz�A2{�~:Qd\qS]_ MRP�PfD�\(X,MRaFP���XZO�P�Dji�PfD�U0XZDjS�U�MRa�DjS2XZD�EtMRU��ZD�YZU
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XZD�BjMR\(XZD�MdSjSTD%$	�RU�MR\(XZD�w ∼ LZc,c + oPO]Sf|R�7x�E�O�P�MRaFP�XZQd\7iCaF\(XRa�Sf¤]D�\%S�M,B�E�DkXZD�ijQdYZVTUWaFUkEtMk¤(E�Y,S0�RU�MR\(XZD
BjMR\(XZD©¤%MdSjS�MR\]PfDuD�\ lWUnO § Y]D�\7ijD©¤]QTSjS�arB�E�D����>M®UnOjSTQdE�YZP�a�Qd\ Sf¤]Dji�PrU�MRE�D�\7_ M�¤%MdS�B�D[MRY]ijQdYT¤ XH_ aF\]P�O�Un¦�P
X,MR\%S�E�DCi[M,XRUnD2XZDjSCQRB�STD�UWVdMRP�a�Qd\%S0XRYNijD�\]PrUjD2XH_ ACB�D�EFE]G*IKJ,L,�(�\ Dy�	D�PF~]¤]QdYZU:¤]QdYZVRQdaFU0MRY �RoqD�\]PfD�U�E�D
S�at�R\(MREªS�YZU�B�UWYZaFP�XZD�l M��hQd\�S�at�R\]a £�i[MRPraFVRDj~�\7QdYªS�MRVRQd\%S�B�DjSTQdaF\qXZD�XZO��RU�M,XZD�U^EtMkUnOjSTQdE�Y;Pra�Qd\�Sf¤]Dji�PrU�MRE�D
MRY®o�Mm¡ aFo�YZo��BA�QdY,S¬MRVRQd\%S0£$\(MRE�D�oqD�\]PCijQd\%S�PrU�YZaFP	YZ\ i�Y%B�D w��C~ �>~�!%|uUnDf¤(UnOjSTD�\]P MR\]P	GZ �i[MRUWPfDjS
XRY�ijD�\]PrUnD2XZD2E[_ MRo�MdS2XZD�UnOjSTQdE�YZP�a�Qd\%S�Sf¤]Dji�PrU�MRE�DjS (ªJ + oPO]SCD�\�¨#"Cw�GRe[cj|�D�P . . + oPO]SCD�\"¨#"Cw b,e G�|R�
¨^DjS�UnOjS�Y;E�P�MRPFSCSTQd\]P¤(UnOjSTD�\]PfOjS	STDji�P�a�Qd\�L,� gª��bZ�

���#"��%$ &('*),+.-0/21 34- 6$3�165 6$3�/�&7.03 !:# )�8 & =�/�3�3 �87:9^�;3=< )�8?>2#%/@>�A
�HDqPrU[MRVdMRaFE�ijQd\7ijD�UW\(MR\]P�ACB�D�EFE^G*IKJ,L4M�l MRaFP	E[_ QRB�«mD�PCXH_ YZ\7D�¤(Y*B�E�a�i[MRPra�Qd\ MZijijDf¤(P�OjD w���MRE�QdoqO�B

¨^Qdo�B�DjSj~kb%c,chgªB | § Y;a�DjS�P0¤(UnOjSTD�\]P�OjD"D�\ MR\]\7D�¡;DqA���¨^D�P�PfD�STDji�Pra�Qd\ XZOji�U�aFP�¤(E�YªS"D�\ XZO�P MRaFE�E�DjS
UnOjS�Y;E�P�MRPyS�D�P	EtM"XRa�STi�YªSjS�a�Qd\�XZD�ijDjS}oq¦�oqDjS�QRB�STD�U�VdMRPra�Qd\%S��^^EFE�D�ijQd\%S�PraFPrY�DqEtM�BjMdSTD¬XH_ YZ\ MRUWPra�i�E�D
D�\©¤(UnOf¤%MRU[MRPra�Qd\%~:D�\�MRP�PfD�\]PfDCXH_ QRB�STD�UWVdMRPra�Qd\%S	ijQdo2¤(E�O�oqD�\]P�MRaFUjDjS�XH_ ACB�D�EFE(G*IKJ,L�¤(EtMR\]a £�OjDjS:¤]QdY;U�E�DjS
oqQda�S��}VRD�\]aFUn~$VRQdaFU�MR\]\7D�¡;D v �
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q���68(:9S,.<=�$>�!�1�?(��#*��i�>�����!��A>i�a!��$h^\2(�*��4(%,.<=*A\5f5<=�$<o6��a�7�����4(T� �¡C](�,t��3415��hZ�����l�4(�C2�S(�15!�1Cs�<=1��A�
(=���:<:!��a>O(�1D68(:9s<�F��:��*-0�>n(�1�jx(�1��*����n�$<=C6�15��1�*@�u�'&p<=C]����4X�z{(�\8\5���$<=C2�O341|�O�$�.68(:9u,.<=�$>�!�1�?(��#*@�
C�&p������\2(=�U��CB*�<=�a(����a<=C�(�1�A<=1�*S��1¢!���C5��*@�U��7�?(t68(��?(kjb�a�4X�w�CO6�*o(8���a��C5�Z��70:�#�A�����:�U��A\]1��$�71C.\]�a!
�'&p>�,t�$�����a<=Cx(�1¢¬7<=*)��Va¥R���G��%�?(�68(��?(kjb�a��®-1`�4341�& (�1+!���C5��*@�.��;�?(m68(��?(kjb�a�t��1b6:6c�*@�G\]�_1���=�i3415�;�$�
68(:9��#C5��*)(�VW(�,%(=�.�5&p�����G*@�QP-*@<=�������$�T�$<=C6�����T�$<�F����T*)(8���a<:�O(�0=(�C5�7�'&p����*@�O(!�!�*@>��A>U\2(�*T�?(n68(��?(kjb�a�
!���C5��*)(��$�4X}Y[�T!�<=,�\5<=*-����,.��C5�������g�)j`(!��A��,.��C5�}�$�t,.��,.�%3415�T!����_1��{��1N68(:9;�>�����!��A>T��C �

alpha
X

0=(�Cu��*@��1b6���l����(��?X�� H8K�� � ��� Y[<����a�;� H8K��`M�� (�0=(��a��C5�#h{��CD�Q�g���Qh[��*�<=10�>�341|�S�$�g68(:9;<�\]����3415�/>��v(��#�
y�1C��t0:�#�A�����:�t�� ∼ V�� M�.¯ ,�°5�U�$�U�$<=C6n��1B�$<�F��7¬S<=*)�n(��$<=*��t3415�U�4(m0:�#�������:�t(����A���#C5��!����#�$�t��t�?(68(��?(kjb�a�.!���C5��*)(��$�;(�1��A<=1*.��t�?(%\5<:���#���a<=Cx��t�?(��:<=1�*@!��/*)(8���a<N!���C5��*)(��$��h�0�<=�#*���6�1*��;�`X��N�8(�C2�/�$�
!�f2(�\]�#��*@�7�`X

w'C��U3415�������a<=CD�����:��C5���a���#�$��!�<=C�!���*-C��i�o&p<=*-�?6��#C��U��7�?(7\5<=1`�����ac�*@�U�>��A��!���>���\2(�*g�[�#C ¯ C�� ������(��?X
� H8K8K � � (�1u!���C5��*@�7����o& (�,%(=�}EGF����#� HJILK8M h[��CN�>A\]�#���'& 1�Cs��C50:�#*@<=C5C���,.��C5�'f5<:�����#�$�4X��S(�C2��1�CT68(:9
 yO1C��t�A��,�\5>�*)(���1*@� ∼ �8V�� ¯ � �	���}�'& 1�C��/���C2���#��>;!���C5��*)(��$�t��t�o&p<=*)��*@�%�� � X ��M !�,

−3 h{�?(n�����V
��*-15!����a<=Cm�����6�*)(��#C2�l\2(�*��$���l\2(�*-���a!�1��$����!�f2(�*�6>����}��1S68(:9��#C5��*o(�VW(�,%(=����������*@c���*)(�\]��������J\5<=1*}����
6�*)(��#C2���� � X H

µ
, !���!����5&p�Q�g��!���15�G��CO3415���?341|��� H� 6 (�C2��h[���i*)(��#C�� � ª (�� \5���A��*�h H8KJILK F � X5q'���A��,�\5�

��U��1*-0:�a�%����76�*)(��#C2�;������\]*@<�\5<=*-���a<=C5C����lyn�$��1*t�a(��#�#�$�4X�¥[C ∼ H�8�nH� 6 (�C2��h���<=18�/�$���i6�*o(��#C2�/��
�v(��#�#�$���#CkPk>�*-�a��1*��gy H X M

µ
, ���0:*)(��a��C5��(�0�<=�#*G>���>G�>���*-1�#�Q�4X^��(�*7!�<=C2�:>o3415��C5�Qh��o&p�)jb�$���A��C�!�����[\5<=18��V

���ac�*@��\5��*@���$���a(�C5���{(�1.!�<:��1�*����!�������C50:�#*@<=C5C���,.��C5���)jb��*@��,.��,.��C5��!�f2(�12�i�#,�\]�_��3415�Z�o&p�)jb�$������C�!��{��
\5f5>�C�<=,.c�C����7�'&p>�!�*)(�C5�a(:6�S��7�?(7\5<=1`�����ac�*@�4X��-� ������\5<:������F4�$�S3415�/!����#�$��Vo!����:<=�#�{!�<=Ck�RC�>��S�8(�C2�U����
!�<:!�<=C2�i���68(:9Sy;����G�A��,�\5>�*)(���1*@���G�#CkPk>�*-�a��1�*@���Gy H� 7 � ����341|�g�$�G,t�#�_�a��1.�:<=�#��*@>�Vo��C5*-�a!�f�R!�<=C5���#V
C51|���#�$��,.��C5����C/\5<=18�����ac�*@�Z\2(�*��o&p>�0=(�\5<=*)(����a<=CN��gC51J(:6����,.<=�$>�!�1�?(��#*�����P-*@<=���=�4X�YS&p�������$���:!�>�C](�*-�a<
341|�Z\]*�<�\5<:�:�i��	�5<=C6����[(��?XZ� H8K8K��� \5<=1�*U�)j�\]�_��3415��*g�?(i\]*@>��:��C�!��7��[\5<=1`�����ac�*@�S(�1�A<=1�*7��g¬��GY
��� K �%(�1N!���C5��*��i��i�o& (�,%(=�G��1�Y[��C5�a(�1*��4X�q'�G*�>�!�f2(�1-�g��,.��C5�R��iC512(:6���lP-*@<=���=�[\2(�*G�?(i\]*@>��:��C�!��
�'& (!����#0:�#�A>����A���#�?(��#*@��hl\2(�*/�$���%*o( �8<=C2�  <=1x��C�!�<=*@�g\2(�*/�$���T>��$��!���*@<=C2�;��1N68(:97\5<=1*-*)(��#�i��C �Q�g���
>�0=(�\5<=*@��*��$���/C512(:6���{P-*@<=���=�4XlE��#C2���$h{�$�U68(:9T!�f2(�1J�N�>��A��!��A>m��C� \5<=1*-*)(��#�G����*@�G\]*@<4��1��#��\2(�*.!��
\5f5>�C�<=,.c�C��}�'&p>�0=(�\5<=*)(����a<=CU\]�_1��
�=��3415�R\2(�*}*@�QP-*@<=�����$���:��,.��C5����1t68(:9g�#C5��*o(�VW(�,%(=�4X5q'����C512(:6������
68(:9ZP-*�<=���=�S0:�a��C]��*)(��a��C5�Z����?(T*@>�!���C5���%!�<=�#�_�$���a<=Cu��12F4�a�}\2(�*i¬ �GYx��� K �T(�0���!S1�C��G68(��?(kjb�a�7C](��#C��
*-�a!�f5�7��CT68(:9:X���COC���\5��1��[�)j�!��_1*@�7341�& 1�C��7<=1U\]�_18���a��1�*@��P-1`���a<=C2�G���68(��?(kjb�a�����:<=�a��C5�Ry/�o&p<=*-�?6��#C��
��7�?(S\5<=1`�����ac�*@���>�����!��A>����8(�C2��EGF����#� HJILK8M X{Y[�A\5��C]�8(�C5�[�o& (��_�?6�C���,.��C5�[��S�?(S\5<=1`�����ac�*@�U(�0���!S�$���
�$<�F����i*)(8���a<���1�6:6c�*��7341|�t!����#�$��Vo!����:<=�#�^\]�_1���=�[1�C.\]*@<4��1�#����G�?(.*�>�!���C5�A��Pk<=*-,%(����a<=Cn�������#�?(��#*@�4X
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4.3 10^9 MsolTaux de déposition de
masse 7.9 Msol/an

Cooling time 3. 10^8 ans

Durée de la flambée

de formation stellaire

-> masse déposée 2.4 10^9 Msol

5. 10^6 ans

 
dans la région observée
réparti de facon homogène 
La majorité du gaz froid est 

Si Age = 10 Gyr alors 7.9 10^10 Msol de gaz déposé sont attendues

Masse de gaz moléculaire

dans au centre : 7.2 10^8 Msol

Taux de formation stellaire 
au centre : 10 Msol/an

-> Présence de poussière
-> Accretion de gaz par la galaxie

stellaire ~10 Msol/an dans les lobes

Masse stellaire dans les lobes

10^8 Msol

Taux de formation 

dans les lobes : 5.6 10^8 Msol

-> efficacité de la conversion 

gaz -> étoiles  ~ 20%

-> mécanismes de chauffages capable de stopper le courant 
de refroidissement dans le passé

-> Reservoir de gaz froid déposé dans le passé par 

le courant de refroidissement dont 

l’age est de qques Gyrs

-> Plusieurs épisodes de formation stellaire
associée à l’activité de la radio-source au cours 

de la vie de l’amas 

-> Le gaz accrété peut nourrir l’AGN central 

- Episodes de formation d’étoiles
- Rechauffement de l’ICM 

-> Arret du refroidissement radiatif 

- Epuisement du réservoir de gaz froid

- Réduction de l’activité de l’AGN

accrété par la galaxie

Gaz chaud 

intra-amas

moléculaire froid

Reservoir de gaz 

les lobes radios

Interaction avec 

Age de la RS 10^7ans

d’étoiles
Flambée de formation 

Masse de gaz moléculaire
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q�(;\]*@>��:��C�!��.�'& 1CDE��[¬ !���C5��*)(��5®k<=1|�;1C+* �=�$�.�#,�\5<=*-�v(�C5�aX�q��T,%(��A��*-�a���Z(!�!�*@>��A>T�<=�#��\5��*-V
,.������*@�;��tC�<=1*-�#*t�$�/C�<	��(�1r!���C5��*)(��h}341��\5<=1*�*)(��#�g��C2��1�#���/�_��F�>�*@��*S�:<=C+>�C�>�*a6��a�S�:<=1`���?(7Pk<=*-,.�
��{®k���#�.��g\2(�*-���a!�1�$���%*)(8���a<:hg!o(�\2(8F4�$���%��%*@>�!�f2(�1-�g��*t�$�/,t�#�$��1x��C50:�#*@<=C5C](�C5�aX��S(�C2�t�$�m!o(=�;����
68(��?(kjb�a���t���#�_�\]����3415����h[�o& (!����#0:�#�A>���S�o& E��[¬ \5��1��}����*@�U��*@c��U�#,�\5<=*��a(�C5�A��h}!�<=,t,.�7�$�S,.<=C5��*@��C5���$���
<�F��:��*-0=(����a<=C2�S��G� � �x���R�#C�<o6�15��C�<=0%����(��?X?h�� �8��H�� X�¥[C��Q�g���Qh��o&p>�*-1:\]���a<=CB*)(8���a<.(�1¢!���C5��*@�U��7�?(
68(��?(kjb�a�7(�!�<=,�\]�$c��A��,.��C5�Z>�0=(!�15>i�$�i,t�#�_�a��1��#C5����*@���A���#�?(��#*@��!�f2(�1J�.��g� � �]X�q7& (!����#0:�#�A>i*)(8���a<;����
68(��?(kjb�a���m!���C5��*)(��$���T�'& (�,%(=�T(D!���*-�a(��#C���,.��C5�G������Q�g���#�;�:��,%F4�?(8F4�$����hG!o(�\2(8F4�$���T�'& �#Ck�[1|��C�!���*%�$���
,.>�!o(�C5�$��,.���/��%*@�QP-*@<=�����$���:��,.��C5�{*)(8����(���� P/��1N68(:9 SX�¬�1���:��C��v� �8� � � >�0=(��_1|�/�?(u,%(=���:�%��S68(:9
(!�!�*@>���>���\2(�*G�$�7��*@<=1nC�<=�#*�!���C5��*)(���(�0=(�C5�[�o& (�\8\2(�*-�#���a<=CB�'& 1C��t>�*-1L\]���a<=C¢�

Ma = 2 × 105 ΞM2
9

T 1/2Λ−23
M�

���������
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bh � H� 9 �

9

�������?(�,%(=���:�U��1u��*@<=1NC�<=�#*/!���C5��*)(��h7�+�?(��A��,�\5>�*)(���1*@�/��1T68(:9T��C50:�#*@<=C5C](�C5�
��C ¯ � ��ht���

Λ23 � H� 23Λ ��*�68X�!�, 3 � −1 �?(�0=(��$��1�*n��O�?(%Pk<=C�!����a<=C���O*@�QP-*@<=�����$���:��,.��C5�7y+!������A�
����,�\5>�*)(���1�*@�4X

Ξ
������1COP�(!��A��1�*T��;�o&p<=*o��*@�T�� ∼ H� �A��C](�C5�7!�<=,�\]�A�T��.�o& �#C5�A��*-0=(��#�$�T��.�A��,�\5�\5��C]�8(�C5�|�$�o341|���8�$��68(:9}������(!�!�*@>���>Z(�0=(�C5�]�o& (�\8\2(�*-�#���a<=Ct�'& 1�C���>�*-1:\]���a<=Ct*)(8���a<�X�S(�C2���$�{!o(=�[�'& EGF����#�

HJILK8M h ��Cm1���#�_�$�4(�C5���$����\]*@<�\]*-�a>���>��}��1U68(:9��#C5��*)(�VW(�,%(=�}�>o��1�#�����������<�F��:��*�0=(����a<=C2�}�8(�C2�{�?(�F�(�C]��
 ��¥[���A<=*-�i���G(��?X?h�� �8� �F � h}�?(N,%(=���:�T���68(:9�(!�!�*�>��A>��O�����G��.�o&p<=*o��*@�T�� ∼ H X H� 6M9

XGY[��!��G�����
F4�a��C;��1:\5>�*��a��1*�yU�?(t341J(�C5���#�A>���Z68(:9�,.<=�$>�!�1��?(��#*@�g�Q�g��!����#0���,.��C5���>�����!��A>���(�0���!��o& �#C5�A��*#Pk>�*�<=,.c���*@�
����o& �@z�Eg� �8(�C2�U�?(O*@>a6��a<=C���t*)( �8<=C��|¤t� ∼ �X�� ¯ \5! � (�1��A<=1*/��1�!���C5��*@�t����o&p>�,t�$�����a<=Cs*)(8���a<�X
¬S<=18�n��*@<=10�<=C2�B��C �Q�g���/��C50:�#*@<=C H� 8 �

�

��.68(:9N,.<=�$>�!�1��?(��#*@�GP-*@<=���8X}��<=1�*O1C	��*@<=1 C�<=�#*u��
�X H� 9 �

�

h��?(/,%(=���:�7��}68(:9S341������0:*o(��#��\5<=10�<=�#*S����*@�S(!�!�*@>���>��S!�<=*�*@���A\5<=C]�%�<=C�!7yT��C50:�#*�<=C H2~
��1n68(:9;,.<=�$>�!�1��?(��#*@�;�Q�g��!����#0���,.��C5�}�>��A��!���>%(�1��A<=1�*;��/�?(.68(��?(kjb�a�4X�qi&p>�C���*�6��a�t,.>�!o(�C5��3415�%(��$<=*@�
��*)(�C2�QPk>�*@>��S(�1.68(:9/��C50:�#*@<=C5C](�C5���������'& (�\]*@c��G�$���U(�1�A��1�*@�U�

Ea = ηmech ∗ Mac
2

���������	

(�0���!
ηmech

1CUP�(!��A��1�*S�'&p�Q "!o(!��#�A>7���!�<=C50���*@���a<=CB��G�o&p>�C���*a6��a�Z\]*�<=0���C](�C5����G�?(.,%(=���:�7(!�!�*@>�V
��>���h���Cr>�C���*�6��a�U,.>�!o(�C5��3415�S�_��F�>�*@>��U�$<=*@���'& 1C��;>�*-1:\]���a<=C]X �S(�C2�7�$�%!o(=�/�'& EGF����#� HJILK8M h[�o&p>�C���*�6��a�
341R& �#�l������\5<:������F4�$�t��S�_��F�>�*@��*G��1��#�A�/yT�o& (!�!�*@>����a<=C��'& 1C��S,%(=���:�G�

a

��G68(:9;�������'&p��C50:�#*�<=CN¥
a ∼�X H × H� 58ηmechΞM2

9

��*�68X���<=1�*.341�& 1�C��m!o(�0:�#�A>.�8(�C2�%�$�U68(:9O!�f2(�1J�O�:<=�#�G!�*@>�>��G\2(�*/�o&p�)j�\2(�C2���a<=C
������$<�F����[*)(8���a<:��h��$�{��*o(�0=(��#�C�>�!������4(��#*@��\5<=1�*R6>�C�>�*@��*[�o& �#Ck�{(����a<=CT��Z�?(U!o(�0:�#��>}�����2\ � ∼ H X H� 58 ��*�6=h�?(/\]*@�������a<=Cr��1u68(:9T(�1�F�<=*o�u����%�$<�F����.>��a(�C5�g�'& (�\]*@c��/�$���;�<=C5C�>����� � ∼ H� 6 � !�, −3 ���}�$�/0�<=V
�_1�,.�U����S�$<�F���� � ∼ �|¤ × H �|¤ × �|¤t�v0=(�Cu��*@��1�6��� ���{(��?X?h H8K�� � � X ª ��<=Cs���a��C5��!�<=,�\]���U��S�o&p>�C���*�6��a��Qf5��*-,t��3415�g�8(�C2���$���$<�F���h��o&p>�C���*�6��a����<=�a(��$�gC�>�!������4(��#*@��\5<=1*7!�*@>���*}�?(.!o(�0:�#�A>7�����R�<=C5C�>���\2(�*Z��\ ��h
!5&p������VWy�VW���#*@� ∼ � H� 58 ��*a68X�Y[�����A�T>�C���*�6��a�.�����g!�<:f5>�*@��C5���/(�0���!t�o&p>�C���*�6��a�t�_��F�>�*@>����$<=*��%��t�o& (!�!�*@>�V
���a<=C���t68(:9�\2(�*%1C ��*�<=1�C�<=�#*m��.,%(=���:�.�X H� 9 �

�

���
Ξ × ηmech ∼ 0.8

�v0=(��$��1�*;1����#�_�$�:>��S\2(�*
��¬g1��:��C2h�� �8� � � �8(�C2�.�$�O!o(=�T�'& � ����*)(nE � XZ�{(�*T(��#�#�$��1�*@��h���������O!�f5<:!��/�:<=C5�[\]*@>��:��C5�#��hi!��m341�
��������*@c��/0:*)(��$�:��,%F4�?(8F4�$����yO�?(n0:1|�%��/�o& (!����#0:�#�A>����A���#�?(��#*@�%(!�!�*-1|�%(�1DF�<=*)�N������$<�F���� � h��o&p>�C���*�6��a�
*@�o341��$�:��\5<=1*�Pk<=*-,.��*G�$���t!o(�0:�#��>��S���0:*)(��#������*��t��C�!�<=*@��\]�_18��6�*)(�C]��4X



� ��� � ������� �� �!����� ���
	�� � � �
�� ����������� �������� ��� ��� ���������� � �

����� ���	��
���������	���
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Abstract. Cold molecular gas is found in several clusters of galaxies (Edge, 2001, Salomé & Combes, 2003): single dish
telescope observations in CO(1-0) and CO(2-1) emission lines have revealed the existence of large amounts of cold gas (up
to ∼1011M�) in the central region of cooling flow clusters. We present here interferometric observations performed with the
IRAM Plateau de Bure interferometer in Abell 1795. Comparison with IRAM 30m data shows the cold gas detected is extended
suggesting a cooling flow origin. The CO features identified are very similar to the structures observed in Hα and with the star
forming regions observed through UV continuum excess. A large fraction of the cold gas is not centered on the central cD, but
located near brightest X-ray emitting regions along the North-West orientated radio lobe. The cold gas kinematics is consistent
with the optical nebulosity behaviour in the very central region. It is not in rotation around the central cD : a velocity gradient
shows the cold gas might be cooled gas from the intra-cluster medium accreted by the central galaxy. The optical filaments,
aligned with the cD orbit, are intimately related to the radio jets and lobes. The material fueling the star formation certainly
comes from the deposited gas, cooling more efficiently along the edge of the radio lobes. Even if some heating mechanisms
are present, these millimetric observations show an effective cooling to very low temperatures indeed occurs and is probably
accelerated by the presence of the radio source.

1. Introduction

1.1. Abell 1795

The rich cluster of galaxies Abell 1795 is thought to be the
site of a cooling flow, since the temperature measured from
X-ray emission is dropping by a factor 3 towards the core,
at about 140kpc from the centre (e.g. Tamura et al 2001).
Fabian et al (2001) discovered with the Chandra satellite a
40arcsec long (∼60 kpc, with an adopted Hubble constant of
H0=75km/s/Mpc) X-ray filament in its core, coinciding with
an Hα+NII filament previously found by Cowie et al. (1983).
This filament is also conspicuous in the U-band (McNamara
et al 1996a), and the site of star formation: the blue continuum
along the edges of the radio lobes are resolved into bright knots
with the Hubble Space Telescope (HST). The absence of po-
larized light rules out that the U-band continuum is only due to
scattered light from an active nucleus (McNamara et al. 1996b).
The cD galaxy, a little South of the Northern peak of the fila-
ment, has a positive peculiar velocity with respect to the rest of
the cluster galaxies (Oegerle & Hill 1994), and is probably os-
cillating around the cluster core. The gas filament has a velocity
centred on the cluster mean velocity, and may also be sloshing
in the cluster potential (Markevitch et al. 2001). The radiative
cooling time of the X-ray emitting gas in the filament is about
3.108yr, quite similar to the dynamical age of the filament (ra-
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tio of length to velocity). This supports the cooling flow model,
in which the gas is presently cooling from the hot cluster gas.
The optical filaments are intimately related to the radio jets and
lobes from the radiosource 4C+26.42 (vanBreugel et al. 1984,
Ge & Owen 1993, Mc Namara et al 1996). The blue emission
is aligned along the edges of the radio lobes, while dust lanes
extend along the radio jets and lobes as Hα and UV (Pinkney et
al 1996), which might be interpreted as star formation induced
by the radio source or the deflection of the radio jets off pre-
existing dust and gas. If a burst of star formation were triggered
by the expanding radio lobes, the age of the burst population
should be ∼107yr. Then, the star formation rate in both lobes,
assuming the local IMF, would be ∼20 M�/yr, and the stellar
mass of the lobes would be ∼108M� (McNamara et al. 1996a).
The material fuelling the star formation and the radio source
may have two origins: either the cooling flow or gas stripped
from nearby galaxies. The morphology and kinematics of CO
emission could distinguish between the two possibilities.

1.2. Cold molecular gas

Previous spatially resolved CO emission in a cooling flow
cluster has already been reported in the Perseus galaxy NGC
1275, with a morphology related to Hα and X-ray (e.g. Inoue
et al. (1996), Bridges & Irwin (1998), using the Nobeyama
Milimeter Array and the IRAM 30m single dish telescope re-
spectively). However, this galaxy is also the result of a merger,
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the CO is observed in the center in rotation around the AGN,
and the origin of the CO gas is multiple, including the cooling
flow. The picture appears clearer in Abell 1795. Recent OVRO
observations, (Edge & Frayer, 2003) observed CO emission in
a compact region centered on the central galaxy in five cooling
clusters (Abell 1068, RXJ0821+07, Zw3146, Abell 1835 and
RXJ0338+09).

The core of the Abell 1795 has also been observed in the
CO rotational line emission, tracing the cold molecular hydro-
gen. The total emission was first detected with the IRAM 30m
telescope (Salom é & Combes 2003) and the mass of the cold
gas in a region of 23” was estimated to be 4.8 109 M�. It is
likely to be a lower limit, since the measured metallicity of
the Intra-Cluster Medium (ICM) is 0.2-0.3 solar (Tamura et al.
2001). And much more gas might be present into the cooling
radius. The molecular mass would then be much larger, by an
order of magnitude, than in a typical cD galaxy. The mass de-
position rates deduced from recent Chandra X-ray observation
of Abell 1795 are 7.9 M�/yr in the central region covered by
the 30m telescope beam of 22” (while it is ∼100 M�/yr within
200kpc, Ettori et al 2002), therefore compatible with our detec-
tion of cold molecular gas. The cold gas detected might have
been deposited out of the flow in 0.6 Gyr. The cooling time
of the hot X-ray gas is around 300 Myr in the same region.
In a steady state cooling flow scenario, a steady reservoir of
cold gas with a mass close to the mass deduced from CO ob-
servations is possible since the star formation rate (Smith et
al. 1997, McNamara et al. 1996b) is close to the mass deposi-
tion rate. However, the lack of spatial resolution prevented to
conclude that the cold gas was associated to the cooling flow,
since it could have been interstellar gas rotating in the central
cD galaxy. The gas detected here through CO rotational lines is
cold (about 20K). The intensity ratio between the CO(1-0) and
CO(2-1) (obtained with the IRAM-30m, Salom é & Combes
2003) is consistent with an optically thick gas, with somewhat
sub-thermal excitation, due to an average low density. Warm
H2, vibrationnally excited, is particularly abundant in cooling
flow galaxies and in Abell 1795 (Donahue et al 2000, Wilman
et al. 2002). The warm H2 emission could be related to the in-
teraction between the jets and the cold molecular gas.

2. Interferometric observations

The observations we present here, have been done with the
IRAM interferometer in winter 2003, with 3.2” and 1.8” spatial
resolution at the CO(1-0) and CO(2-1) lines respectively. The
frequencies were centred at 108.413 and 216.822 Ghz, corre-
sponding to the redshift z=0.06326 of the cluster cD galaxy
hosting the 4C+26.42 radiosource. The velocity of the cD is
redshifted by 374km/s with respect to the mean velocity of the
galaxies inside 200kpc (Hill et al. 1988, Oegerle & Hill 1994).
The total integration time is 43 hours, in C and D configura-
tion, with 5 or 6 antennas. To improve the signal-to-noise ratio,
we smoothed the spectral resolution to channels of 88 km/s at
CO(1-0) and 44km/s at CO(2-1), since the width of the line is
expected to be large (∼500 km/s) from the 30m observations.
The signal-to-noise is slightly better in the CO(2-1) map, and
the higher spatial resolution allows to better identify the Hα/CO

correspondance; however, the primary beam (FWHP=22”) is
twice smaller than in CO(1-0) (FWHP=45”), preventing to ob-
serve the spatial extension of the filaments .

3. Results

3.1. The molecular gas morphology

The resulting integrated maps in the two CO lines are shown
in Figure 1. At 3mm, we detect a continuum source, at the
position of 4C+26.42, of 7 mJy. This source is the expected
continuation of the synchrotron emission detected at lower fre-
quency, with a flux decreasing slope of α= -0.98. The CO(1-0)
map shows the emission found, once the continuum has been
subtracted. We clearly detect CO emission associated with the
cooling region already detected in X-rays, U-band excess and
Hα. The maximum of the emission is located in two main re-
gions : one coincident with the maximum of X-ray emission
and occurs at the North-West of the cD, the other is at the
galaxy position and extending to the South. The CO emission
is too faint to be compared to the large North-South orientated
filamentary structure seen in X-ray and Hα. Nevertheless, in the
very central part, the cold gas morphology is very similar to the
Hα and Blue continuum structures identified by Van Breugel et
al. (1984), McNamara & OConnell (1993), Smith et al (1997)
as shown on Fig. 1. The Hα-CO correlation has been found
for global emission statistically over the CO-detected cooling
flows (Edge 2001, Salom é & Combes 2003), and it is now con-
firmed by their coinciding morphologies in A1795.

3.2. The molecular gas kinematics

The kinematics of the molecular gas in A1795 is shown on
Figures 2 and 3. We present position-velocity diagrams for the
two CO lines along the axis of maximum emission (PA=27)
through the centre of the cD galaxy. There are two separated
trends in velocity in both the CO(1-0) and CO(2-1) lines. One
is a regular gradient from the galaxy centre (at zero velocity)
towards the North (5”) at 300km/s, the other is a constant veloc-
ity blueshifted by 300/350 km/s relative to the galaxy velocity
(less visible in CO(2-1) due to velocity and primary beam at-
tenuation). The velocities measured in the CO brightest regions
are coinciding with those in Hα, by Van Breugel et al (1984)
and Anton (1993), supporting the association between the cold
gas and the hot gas/optical structures. The peak of Hα emission
does not follow the peculiar velocity of the cD galaxy in the
cluster, but is centred on the cluster mean velocity (-350km/s),
i.e. the mean velocity of the galaxies inside 200kpc, while it
reaches the cD velocity at the galaxy position. The kinematics
of the cold gas and the Hα line emitting gas is compatible with
the cooling flow scenario. At the North-West position, coinci-
dent with the brigthest X-ray region, the gas is cooling within
the cluster potential. Near the cD, the flow is captured by the
cD potential (and the inner gas have a velocity close to that of
the galaxy, with a wider range of velocities).
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Fig. 1. Top : C0(1-0) integrated emission. Linear contours are drawn from -3σ to 6σ spaced by 1σ=0.36Jy/beam.km/s. Dashed are negative
contours. The beam is plotted in the bottom left corner. Bottom left : CO(2-1) integrated map. Contours are from -3σ to 8σ spaced by
1σ=0.26Jy/beam.km/s. The black triangle indicate the radio source position. Bottom right : Hα + [NII] line emission in grey scale, overlaid the
6cm continuum emission from 4C+26.42 radio lobes (vanBreugel et al. 1984).
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Fig. 2. Position-Velocity diagram in CO(1-0) emission line, the posi-
tions are along a slit of 5′′ width (integrated), centered on the galaxy
position and aligned with the maximum of emission (PA=27).

Fig. 3. Position-velocity map in CO(2-1) emission line in the same
region as in Fig. 2.

4. Discussion

The peculiar morphology of the cooling gas (X-ray, Hα, blue
continuum, molecular gas) appears to avoid the radio lobes,
particularly visible in the north (Fig. 1). This can be interpreted
as the radio jet heating and displacing the hot X-ray gas as it
cools on the cD. This scenario is supported by the detection
of X-ray cavities coincident with radio lobes in an increasing
number of cooling flow clusters imaged by the recent high spa-
tial resolution X-ray satellite Chandra (Böhringer et al., 1993;
Fabian et al., 2000). The cold molecular gas will condense
more efficiently in the resulting cold front surrounding the cav-
ities. This is also in these fronts that stars are formed, explain-
ing the optical blue continuum. The CO emission is not associ-
ated to the nearby galaxies of the cluster, and does not appear
to come from stripped gas. The association of the CO emis-
sion with the cavity border supports its origin in an intermit-
tent cooling flow scenario, where the gas cooling more rapidly
along the radio lobes is then accreted by the central galaxy and
can fuel the central AGN activity, which may regulate the cool-
ing. Finally, an important result of these interferometric obser-
vations is that the total flux retrieved is only 25% of the single
dish flux obtained previously with the IRAM 30m telescope:
this means that most of the emission is extended with respect
to the 45” beam (corresponding to 65kpc), which argues for a
cooling flow origin of the cold gas at larger radii.

5. Conclusions

Through interferometric mapping of the CO emission, we have
shown that the cold molecular gas is associated to the cooling
flow in Abell 1795. The CO emission is closely associated to
Hα and to X-ray emissions, and is concentrated at the bound-
aries of the bubbles or cavities created by the central AGN.
Cooling occurs preferentially at the edge of these cavities, were
the hot gas is denser. The peculiar long filament morphology
of the cooling gas in A1795, and its kinematics, are best inter-
preted as a cooling wake (Fabian et al. 2001): the cD galaxy
oscillates in a few 108yr period, and during a cooling time the
large-scale hot gas sees the minimum of the potential roughly
as a straight line along the cD orbit. The AGN in the cD core
and its plasma jets certainly provide a feedback heating, seen as
cavities in the X-ray maps, coincident with the radio-lobes, but
is also probably increasing the cooling to very low temperature
along the edges of these cavities, where the cold gas condenses
and forms stars. A velocity gradient of the cold gas is revealed,
that shows it is falling on the central galaxy and may provide
the AGN fueling material which is consistent with an AGN reg-
ulated cooling flow scenario.
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Salom é, P., Combes F., 2003, A&A, in press
Smith, E. P., Bohlin, R. C., Bothun, G. D., OConnell, R. W., Roberts,

M. S., Neff, S. G., Smith, A. M., Stecher, T. P., 1997, ApJ 478,
516

Tamura, T., Kaastra, J. S., Peterson, J. R. et al, 2001, A&A 365, L87
van Breugel, W., Heckman, T., Miley, G., 1984, ApJ 276, 79
Wilman, R.J., Edge A.,C., Johnstone R.M. et al., 2002, MNRAS 337,

63



� � � ��� � �e�����k� ��� � � ��� � � �e��� � � �
� � ���  � � ������� �� �!���



� ��� ��� � �

� ��
���� ��
�� ������� ��� � ��� � � ����������� ��
�� � 
 � ���
��� ��� ����� � � � � � � ��������� ��� � �

Y[�����A�s(�C5C��)j��/\]*@>��:��C5�A�u�$���%\]*@<�®k���Q�B�'&p<�F��:��*-0=(����a<=C"�#C5�A��*#Pk>�*@<=,.>���*-��3415���s�8(�C2�n�$�B�<=,%(��#C��
,t�#�#�_�#,.>���*-��3415�4X[q7&p<�F�®k��!���� P������7�'&p>�����C]��*@�.�o&p>�!�f2(�C5���#�#�$<=C��'& (�,%(=�m��%68(��?(kjb�a���T(�0���!n!�<=1*)(�C5�Q����
*@�QP-*�<=�����$���:��,.��C5��<�F��:��*�0�>��i�8(�C2�U!����i�$<=C6�15��1*��i�'&p<=C]��4X�q^(T�>��A��!����a<=CB���68(:97,.<=�$>�!�1�?(��#*@�lP-*@<=���
(�1 !���C5��*@����¢C�<=,%F4*@��1¡j (�,%(=�D���%�$���s*@>���1��_�a(��#�s��*@c��r��C�!�<=1*)(:6�o(�C5�Q�s��¢�?(�!o(�*-��<o6�*)(�\5f�a�¢��1
!���C5��*@�i�'& EGF����#� HJILK8M �8(�C2�G�$���G*)(��a���tY{�G� H V ��� ���}Y{�G�v�8V H�� C�<=1`�S<=C5�Z!�<=C]��1��#�#�7(i\]*@<�\5<:�:��*���*@<=�$�
\]*@<o6�*o(�,t,.���i�'&p<�F��:��*-0=(����a<=C2�i(�1��[�?(��A�o(�1N��g�{1�*@�;�Q��z�E�� � X

� � $ ��� 
 � �
	 
�� �� � � � ������� ��� � $������ ��� � 
 �	� 
 ���
q7&p<�F�®k��!���� P������7��n!o(�*-�A<o6�*o(�\5f�a��*;�o&p>�,t�$�����a<=C ��C Y{� (�1 !���C5��*@�O�'& 1C+C�<=1�0����Z(�,%(=����/68(�V

�?(kjb�a���4Xdq7& (�C](�� �:�:�7����G�<=C5C�>����}�A\5��!���*)(��$���G��1.�4(������#�_�#�A�/Y�f2(�C]��*)(�\2(�*���( �8��*-V � �#, ����(��?X��v� �8� � �
(.,.<=C5��*@>7�?(S\]*@>��:��C�!��S�'& 1Cr!�<=1*)(�C5�{��7*@�QPk<=�����$���:��,.��C5�[�<=C5�Z�$�7�a(�1�jO��U�>A\5<:���#���a<=C¢��7,%(=���:�
�����Z>������#,.>7y ∼ � � � �

°�(�CN�8(�C2�G�$���G� �U¯ \5!U!���C5��*o(�1¡j`X�q��i�A��,�\5�7��G*��QP-*@<=�����$���:��,.��C5�R�8(�C2�S!������A�
*@>a6��a<=CO������*@���?(����#0���,.��C5�l!�<=1*�� � ∼ H� 9 (�C2�4X|�������#,%(:6�����8(�C2�{�$�}�<=,%(��#C���<�\]����341|�g<�F4�A��C515��(�0���!�$��E�ES� �����$� � ª ��<=C5��,.<=C5��*�>��U3415�7�?(t68(��?(kjb�a��>��a(��#����CkPk<=1�a�U�8(�C2�i1C��SC�>4F41��$��18�:�i��*�c��S�_1,t�#V
C���1`�:�t���Z��*@c��/>�����C]��15��h�341��{!�<=�#C�!�����U(�0���!7�o&p>�,t�$�����a<=C¢�8(�C2�S�?(�F�(�C]���Gh}!�<=,t,.�7�$�S,.<=C5��*@�S�?(
��6�1�*@�{��X H X5q'����(�1�A��1�*@����1b6:6c�*@��C5� 341|�G!����?(}\5<=1*-*)(��#�R����*@�G(�����*���F415>�yU1C � !�<:<=�_�#C6 ��( ¯ �¡¤lhR!5&p�����
y/���#*���1Cn*@�QP-*@<=�����$���:��,.��C5�5\]�_1`�i�Q "!o(!����$���$<=C6/����?(���*)()®k��!��A<=�#*@�G����?(i68(��?(kjb�a�G��C�,.<=1�0���,.��C5�
�8(�C2�G�$�[\5<=����C5���a������i�o& (�,%(=�4XRY[��!��������R��*@c��g���#,t�#�?(��#*@�iy�!��i341��������{<�F��:��*-0�>i�8(�C2�G�$�U!o(=�i�'& EGF����#�
HJILK8M X��{(�*{(��#�#�$��1�*@��h�1�C����:��!�<=C]��l68(��?(kjb�a��(�1*)(��#�2\]1���*)(�0���*@�:��*�!������#�#�?(:6��h��)j�\]�_��341J(�C5�^�$���Z*@>a6��a<=C2�
�����(�,%F�>����S�'&p>���<=�#�$���U<�F��:��*�0�>����i�8(�C2�U����i*@>a6��a<=C2�S(=���:�o9/>��$<=�?6�C�>��i��7�?(�68(��?(kjb�a�4X�q����t<�F��:��*-0=(�V
���a<=C2�/(�0���!��o& �#C5�A��*#Pk>�*@<=,.c���*@�%��1u�[�?(��A�o(�1���U��1*@�%��t�o& �@z�Eg� �:<=C5����C+!�<=1*@�%(!���1|���#�$��,.��C5�����
�$���S�<=C5C�>����S���0:*)(��a��C5�[F4�a��C5���=������*@�U���$�A\5<=C5��F4�$���4X



�®���
� �
� � �
��� �
	��� � � � � ��� � � ��� � � � �
�� � ������ � � � � � �\� �ð��� ���

� � � � � ���� � � �

���	��
���������������������! #"%$'&)(+*-,.�0/213��465� %784:9;�<46=.���6>@?�A�BC"EDE*%FHGI".JK�L�M9ONPN�9O��5RQS9;���#��TU��9OVW46X
V!��5��P��YU7PN��HZ.�L7�X[469O ]\�^S4!_.�L7`(0aI9;�b�L��46Xc$edf*E"E"E*.g

� � � hji � ��
 � � � ���	��� ��� � �	� 	 ��� k�� �ml � � � �	� 
 � � � 
 �on�pqi�� � �
$��Mr � ��� 
 ��	 
 �ml l s �

q7&p<�F�®k��!���� Pg�������'& (�,.>��_�a<=*@��*{�$��C5�#0��o(�1.��G�>��A��!����a<=CO�>Q®�(%<�F4����C518h�,%(��$�{��1�*-�A<=1��R�'&p�����4( �8��*���
!o(�*-��<o6�*)(�\5f�a��*���C¢Y{� �$�'�R�?(�,.��C5�l(�1t��1J�/����?(G68(��?(kjb�a�4XlY[�������R\]*@<�\5<:���#���a<=Cm(.>��A>i!��?(=���:>����r\2(�*
�$��!�<=,t�#�A>S��G�:���$��!����a<=CB�����\]*@<o6�*o(�,t,.���i��7�o& ��z�E��sX

� �ut ��� 
 � �
	 
�� �� � � � �vt�p��mt<t �
���<r # ��� 
 ��	 
��<l l s �
q7&p<�F�®k��!���� PZ�����^���!o(�*-��<o6�*)(�\5f�a��*R�o&p>�,t�$�����a<=C%��C�Y{�x(�1t!���C5��*@�Z�'& 1CtC�<=1�0����(�,%(=���� 68(��?(kjb�a���4X

Y[�����A�{\]*@<�\5<:���#���a<=CN(O>���>t!��?(=���:>���� \2(�*i�$��!�<=,t�#�A>S��G�:���$��!����a<=CB�����\]*@<o6�*o(�,t,.���i��7�o& ��z�E��sX



� �g� � �:��� � ¦!�P�2¨�� �±	å�o	 �!���ï�!�!������� ���)¨o� � ¦ï�����¥���
	 �j� �

���� � ���������������������! #"�$&%'")(��
��*,+-��.0/�12436587#1:9<;=�?> @BAC7DA#/FEHG����I(�%'�IJGK�MLON8EP���-Q,�-J:+SR,.0TSU�T,V0��*
W!XZY[W0YZ\^]`_baY0Xdc'egf!hiX`ajh�XZYlkmhBf�h�X
npo&q'rMs tvuIoxwzy'y#{|o~}B�x�'�'� �Oo<��t �MrSw�y����z���D�x�'�'�
��y�����q��8�x�'�x�

G��I�D9<78583���$&�
�^o~�'tv���P��q��Ptv�'uD�C�'w
nCq���oxw

1:9<1:�?Akm�4�C�C���p� �-¡?¢�£¥¤¦¡?¢�§K�S¨p¢��4©l�ª�O«[�P�¥�¦�-¡�¡?¢P���p�¬
¡K®¯�S¢P¨p«'°M§�©[¡?±8�ª�O¢���²z��§K«´³!]´µ#§K¢P¢D¶�·O¸ª¹

º 5
1:A:»�¼½7C¾�N y'¿ �xÀjÀiw&Á �xÀjÀ�w&Á rMÂ,q�s-Ã)��o~Ä�¿vw~Å �PtvÀjo#Æ,s s o~�&w Å �P}�o&ÇÈtÉqxs�w~Å
/�%'"��|(-Ê~")Ë4%DÊ�ÌSÍ?��N?ÎzÏOÐxÑÓÒ�Ô<ÕÖÔ�× Ô'Ø<ÑÓÙ)Ø<w ÇÈ�'uÖ��t u|ÂIÂIÀÚÅ Û^Üs tvuIo&� Á �x�PÝIo~�ÖÅ
Î:ÞpÔ�× Ô'Ø<Ñ�Ù�ØÈw�ÇÈ�'uÖ��t u|ÂIÂIÀ Å s tvuIo~� Å Ç<tv��Ç<ÂIÀ����o<sÓ¿Oo~u|�-¿ Å �'�xÂIuI��H��o~s�¿O�'ß|à~¿~Å Ç<s �'Â,r��H����ÂIÇÈ�&¿ Å Ç�ÝIo~Ài¿ Å ����ÝIo~� Å
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Ý,q&�'o�ß,o~o~u�rMo<��o&Ç���o&rSì-ç^t ��Ý���ÝIo�ð��zñp�=�x�xÀò��o~s o&�PÇ<�'}�oDí�ó?rM�'o'ì-���'�Iy'ô-{Mqxs �'À[õo�ö÷Û?�'À�ß�o&�<ìS�x�'�'�'qÖî�ìItvu!�Po~�'o<��qxsKÇ<�Ö�'svt uI�ê,��ç¦Ç<s Â,����o<���
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ðH�zñC�û�ªsvq���o&q�ÂBrMo�üèÂI��o:tvuÖ�Po~�PÃøo~���xÀo<�P��tvÇ#�xß,�Po~�P��q���t �'u,�^�xÃ?ñzß�o~s s�y�ý�þÖ�DíÓ{Mqxs �'À[õo�ö÷Û?�'À�ß�o&�<ì-�x�'�'�xß�îèÝ,q��'o:Ç<�xuMÆ,��Àjo&r�PÝIo½qx���P�MÇÈtÉq��Ptv�'u��xÃª��ÝIoÇ<�'svr��'q'�Cç^t ��Ý!ÝI�x�P�Po~�#Ç<�'Àj}��'uIo~uÖ���
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Slit center :   RA = 13:48:52.647   Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-1

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = +2.4 arcsec  

Reference source : N1301001186

PA = -10 deg PA = -10 deg

Slit center :   RA = 13:48:52.604    Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-2

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = +1.8 arcsec  

Reference source : N1301001186

PA = -10 deg

Slit center :   RA = 13:48:52.561    Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-3

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = +1.2 arcsec  

Reference source : N1301001186

PA = -10 deg

Slit center :   RA = 13:48:52.516    Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-4

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = +0.6 arcsec  

Reference source : N1301001186

PA = -10 deg

Slit center :   RA = 13:48:52.473     Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-5

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = 0 arcsec  

Reference source : N1301001186

PA = -10 deg

Slit center :   RA = 13:48:52.473     Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-5

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = 0 arcsec  

Reference source : N1301001186

PA = -10 deg

Slit center :   RA = 13:48:52.387   Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-7

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = -1.2 arcsec  

Reference source : N1301001186

PA = -10 deg

Slit center :   RA =  13:48:52.344    Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-8

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = -1.8 arcsec  

Reference source : N1301001186

PA = -10 deg

Slit center :   RA = 13:48:52.301   Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-9

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = -2.4 arcsec  

Reference source : N1301001186

Slit center :   RA = 13:48:52.258   Dec = +26:35:33.64

RA = 13:48:52.473   Dec. = 26:35:33.64

Dec. offset = 0 arcsec  

OB name : A1795-ISAAC-10

Target : Abell 1795

PI: P. Salome

071.A-0591 (A)

20"

N

E

Slit Offset :

RA offset = -3.0 arcsec  

Reference source : N1301001186

PA = -10 deg
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` Y �O2546Yyla2KMI�o8aP;JsF54Ë�;C?8;Yy: YkF¨V;25CW�9FG�<MXCW4r8H�s8;Yy:hF54{4y�<2w]GMX`y` YkF5Y[MX:�¥²Yy4y�«�<MX4=A/CEMX47MX:hFK8;:/P

α
�kAh8;CW4ZY[]5`k2GF

�6F7A/J@4Z4725C5Yy:L�5� n �"�LJsFo8;:<�9lp8;4Z4I25C�4°�h8;4v¥¯MXJ@`�P«]GMX:/PL25:hFt8;472iMXJ@43MI�¨8«]GMHMX` Yy:L�3©�MX¥ÎYkF¨4y�<MXJ¶�X�L4º4IMxU52
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∫

∞
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PL2B]G25CW4£8;Yy:hF�Ah8;C?8;la�54ZCG2GF�A<MXJLCrlxY[25J;>w]GMX:<4ZCE�X`k25Cr`bR Yyl¨Ah8L]54"PL2GF¯8;JL46CE2GF n ·w8;:hFr`k2QUtJL4�PL2B]GMXl¨Ah8;CE25Cr`�8ÍtJ}8;` Yy47D�PL2GFK8?NWJ�F54725la25:<4yF{�À8;YkFt8;:<4²Yy:<4725C5V;25:<YyC¨J@: :=MXlpUtCG2KPL2¯Ah8;C?8;la�54ZCG2GFiP;Y ÔoD5CE25:<4°^{:=MXJ�FK8;`y`kMX:hF
Yy:<46CEMtP;JLYyCE2KJ@:=2�la254y�<MtPL2oF54[8;46YkF54ZYZÍtJ<29ÍtJà2�`bRTMX:�:=MXlxla2¨qr�74I2GF54 n
m CE25:=MX:hFeAh8;C92?>@25l¨A/`k2KPL25J >«laMtPL�5`k2GFiPLD°¤r:<YkFeAh8;Col¦254rl���z¨Ah8;Cb8;la�54ZCE2GF n�m MXJLCoJ@:=2ola�5la2

2GF546Yylp8;4ZY[MX:gF 2 PL20`�8�`�8�VX8;C5YZ8;:=]G20PL2GF PLMX:<:=DG2GFG^�MX:Ì]GMX:hF54[8;4I2±ÍtJ<20`k2 χ2 85AsAh8;C?8��y46C?8\la25Yy`y`k25JLC`kMXCEFtÍtJà2�`bRTMX:�JL46Yy` YkFH2wJL:�A/` J�Fo�;C?8;:/Pa:=MXlpUtCE29PL2�Ah8;C?8;la�54ZCE2GF n �5`¶�À8;JL4¯:=Db8;:<laMXYy:hFoFH2�PLMX4725C�PSR JL:MXJ@4ZYy`¹F54[8;46YkF54ZYZÍtJ<2�A<25C5la254Z4[8;:<4aPL2±Ft8;V;MXYyC F5Y�`bR Yy:<4ZCGMtP;J<]54ZY[MX:�PL2.]G2�Ah8;C?8;la�54ZCG2±F5J�AsA/`kD5la25:<4[8;YyCE2
2GF54rVHCb8;Yyla25:<4²:=DG]G2GFGFt8;YyCE2G^3]<RT2GF546�Ï_;�ÏP;YyCE2¨F5Yv`bRT2GF546Yylp8;4ZY[MX:�PL2K`�8pVX8;C5YZ8;:=]G2¹F

2
2GF54"A/` J�F¯A/CGMH]G�<2�PL2K`�8

VX8;CWYZ8;:=]G2�PL2GF¹PLMX:<:=DG2GF n �"8�FHMXlxla2�PL2GF
χ2
PL2o]G2GF¨PL25J;>wlaMtPL�5`k2GFQF5J@Yy4y^²25`y`k2¹8;JsF5Yk^ËJL:=2BF54£8;4ZYkF546YZÍtJ<2

P;J
χ2 n ·9D°¤r:<YkFGFHMX:hF�8;`kMXCEFK`�8��OMX:=]54ZY[MX: q =

Fχ =
χ2(m) − χ2(m + 1)

χ2(m + 1)(N − m − 1)
=

∆χ2

χ2
ν

$�
 '-+.+

132546472¹�OMX:=]546Y[MX:�F5J@Yy4iJL:=2aF54[8;4ZYkF546YZÍtJ<20PL2pqrYkFG�<25C n �"8�A/CGM;UG8sUtYy` Yy47D�PSRTM;Ut4I25:<YyC«J@:=2�VX8;`k25J@C�PL2aq
χF5J�A<25CWY[25JLCE2w_pqQ�oA<MXJLCKJ@:�25:hFH25lpUt`k2KPL29PLMX:<:=DG2GF�8;`kDb8;47MXYyCG2GF92GF54QPLMX:<:=DG2QAh8;C�=

P =
∫

∞

F0
P (fχ, ν1, ν2)dfχ

$�
 '
)
+

1wRT2GF54�J@:=2§la2GF5JLCE2«PL2p`bR 8;laD5` Y[MXC?8;46Y[MX:.P;J
χ2
CGDbP;JLYy4�`kMXCGFtÍtJ²RTMX:-8;J;�;la25:<4I2x`k2§:=MXlpUtCE2«PL2oAh8;C?8;�

la�546CE2GF n�m 2GF549JL:=2K�OMX:=]54ZY[MX:Ì25:�]5`kMH]G�<2��6Öo25VHYy:L�;47MX:�Õ � M;UtYy:hFHMX:h^wzs~s~;¢t� n�m MXJ@C PL2a�;C?8;:/PL2GF
VX8;`k25J@CEF�PL2 q

0

^��£Y n 2�PL2��;Cb8;:/PL2GF±VX8;`k25JLCGF�PL2
∆χ2

��`�8�A/CEM;UG8sUt` Yy` Yy47D m FH25C?8�A<254ZYy4I2G^§8;`kMXCEF�ÍtJ<2A<MXJ@C«PL2KA<254ZYy4I2GF«VX8;`k25JLCGFaPL2§q
0

^¨`�8pA/CEM;UG8sUtYy` Yy47D m FH25C?8��;C?8;:/PL2 �?]<RT2GF54¹`�8�VX8;`k25JLC�PL2p`bR Yy:<47D[�;C?8;`k2
FHMXJ�F�`�8��OMX:=]54ZY[MX:®q=� n �KR 8;laD5` Y[MXC?8;46Y[MX:�P;J

χ2
Ah8;C�`bR 8?NOMXJL4«PSR J@:-Ah8;Cb8;la�54ZCE2 FH25C?8.F54£8;4ZYkF546YZÍtJ<25�

la25:<4¯la25Yy`y`k25JLCE2�F5Ye`�89A/CGM;UG8sUtYy` Yy47D m 2GF54SA<2546Yy472��6F5Y²qÑ2GF54r�;C?8;:/P5�H^�]<RT2GF546�Ï_;�ÏP;YyCE2KF5Ye`�89A/CEM;UG8sUtYy` Yy47DPSR 8L]G]5CEMXYy46CE2
∆χ2

2GF54rA<2546Yy472«`kMXCEFtÍtJà2p`bRTMX:�]GMXl¨Ah8;CE2§`k2GF«VX8;CWYZ8;:=]G2GF�2GF546YylaDG2GFa8;V;2G]pJL:�25:hFH25lpUt`k2
8;`kDb8;4IMXYyCE2wPL2�PLMX:<:=DG2GF n



����� ��� £0£�� ��� ���q£0£	��¤£ � ���

	 ½ � 
ßÄ � �vÂ�� 
 �£Â��!�ºÂ�-4�
ÝS:=2Ë�OMXYkF¨ÍtJ<2�`bRTMX:08x8?NWJ�F547D¹J@:�laMtPL�5`k2¨PL2BF7A<2G]54ZCE2w�IPLD°¤r:<Y@Ah8;C�J@:±25:hFH25lpUt`k2�PL2²Ah8;Cb8;la�54ZCE2GF7�

254²ÍtJ<2¹`bRTMX:08aM;Ut4725:<JaJL:=2¹Yy:/P;Y[]b8;46Y[MX:aF5JLC¨`�8§ÍtJh8;` Yy4IDoPL2i]G254r8?NWJsF54725la25:<4°^=�;C��L]G2o8;J0]b8;`k]5JL`jP;J
χ2 ^MX:�PLMXYy4QF<R Yy:<4725C5CEMb�L25C9F5JLC§`k2§:<YyV;2b8;J�PL2�F5Y��;:<Y ¤Q]b8;4ZY[MX:�PL2GFoAh8;C?8;la�54ZCG2GF�46CEMXJLV;DGF n �"8��À8�� MX:-PLMX:<4

`�8�VX8;C5YZ8;4ZY[MX: PL2GFrAh8;Cb8;la�54ZCE2GFolaMtP;Y ¤Q2�`�8pÍtJh8;` Yy4ID�F54[8;46YkF54ZYZÍtJà2KPL2¹`bR 8?NWJ�F54725la25:<4/A<25CWla254rPL2oPLD°¤r:<YyC
`k2GFpUG8;CWCE2GF«PSRT25CWCE25J@C9F5JLC�]G2GF«PL25CW:<Y[25CGF n Ù�Yy:<YylxYkFH25Cx`k2

χ2
CE25VHY[25:<4¨_±lp8O>¶YylxYkFH25Cw`�8��OMX:=]54ZY[MX:-PL2

VHC?8;YkFH25lpUt`�8;:=]G2B25:��OMX:=]54ZY[MX:�PL2GFSAh8;C?8;la�546CE2GFQP;JxlaMtPL�5`k23J@4ZYy` YkFHD n<m MXJLC¯JL:a:=MXlpUtCE2rF5J���Ft8;lxla25:<4
�;C?8;:/P�PSRTD5V;D5:=25la25:<4°FG^Q`�8w�OMX:=]546Y[MX:�PL2pVHCb8;YkFH25lpUt`�8;:=]G2wF5J@Yy4�JL:=2p`kMXYB:=MXC5lp8;`k2¨A<MXJ@C�]G�h8L]5JL:-PL2GF
Ah8;C?8;la�546CE2GFG^¯]G25:<4ZCEDG2iF5J@CK`�8aVX8;`k25JLC�8

j

RhP;J§Ah8;C?8;la�54ZCG2�ÍtJ@Y²lxYy:<YylxYkFH2o`k2
χ2 n

P (aj) = Ae(aj−a′

j
)2/2σ2

j

$�
 '
(
+

fQ:KA<25JL4�laMX:<4ZCG25C¨�°u¨CW:/P;4º254=Ù�8L] ÛQCE2[�LMXC£�iÍtJà2Q`�8KVX8;CWYZ8;4ZY[MX:�P;J
χ2
^º25:��OMX:=]54ZY[MX:�PSR JL:iAh8;Cb8;la�54ZCE2

P;J laMtPL�5`k2G^r8;J V;MXYkF5Yy:/8H�L2KP;J lxYy:<YylxJLl¾P;J
χ2
2GF5434725`y`k29ÍtJ<2#=

χ2 =
(aj − a′

j)
2

σj
+ C

$�
 '1, +

8;V;2G]K`�8�]GMX:hF54[8;:<4I2«1�PLD7A<25:/Ps8;:<4¯PL2GFiYy:=]G25C54ZYy4ZJ}PL2GFiF5JLCK`k2GFKla2GF5J@CE2GF nÝS:=2wVX8;CWYZ8;46Y[MX:\PL2 ±σ
F5J@Cw`bRT2GF546Yylp8;4ZY[MX:�P;J«Ah8;C?8;la�546CE2G^�]GMXCWCE2GF7A<MX:/P�PLMX:=]x_�JL:=2wVX8;C5YZ8;4ZY[MX:

PL2 ± z\P;J χ2 n¯m MXJ@C0M;Ut4I25:<YyC«J@:g:<YyV;2b8;J-PL2 ]GMX:O¤38;:=]G2 8 Ð�×F5JLC�`�8�VX8;`k25JLC�P;J Ah8;C?8;la�54ZCE2�8SR
jlxYy:<YylxYkFt8;:<4¹`k2

χ2
^�MX:�A<25JL4K8;JL4IMXCWYkFH25C«J@:=2«VX8;CWYZ8;46Y[MX:gP;J

χ2
PL2 ±1

n �"8«A/CEMH]GDbP;J@CE2�PL2 ]b8;`k]5JL`PSRT25CWCG25JLC�]GMX:hF5YkF54I2±PLMX:=]�_a�À8;YyCE20VX8;C5Y[25C0JL:�Ah8;C?8;la�54ZCE2�PLMX:<:=D�254xPL20CGDb8?NWJsF54725C±`k2 laMtPL�5`k2�25:
`�8;YkFGFt8;:<43VX8;CWY[25C�4IMXJsFw`k2GF�8;J@4ZCE2GF�Ah8;C?8;la�54ZCE2GF9` YZUtCE2GF9P;J�laMtPL�5`k2rNWJsFtÍtJ²R _±]G2�ÍtJ<2w`�8�VX8;`k25JLC9P;J

χ28;Yy4"VX8;CWY[D�PL2 ± z n dàY�MX:a:=2¯46CEMXJLV;2vAh8XF�PL2¯lxYy:<YylxJLl)`kMH]b8;`LYy:O�OD5CWY[25J@CQ_�`�8iVX8;`k25J@C�P;J χ2
lxYy:<YylxYkFHD

A<MXJ@Cx`�8�VX8;`k25J@Cp8SR
j

^¹8;`kMXCEF�MX:-M;Ut46Y[25:<4�¢�VX8;`k25JLCEFoA<MXJLCp8
j

PLD°¤r:<YkFGFt8;:<4BJ@:.:<YyV;2b8;J�PL2a]GMX:O¤38;:=]G2
PL2 8 Ð�¾�£J@:=2wVX8;CWYZ8;4ZY[MX:�P;J ±2.7

P;J
χ2
]GMXCWCE2GF7A<MX:/P;C?8�_�J@:�:<YyV;2b8;J±PL2�~L�� PL2p]GMX:O¤38;:=]G2¨F5J@C

`�8«VX8;`k25JLC9P;JxAh8;C?8;la�546CE27� n
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P;CEMb�L�5:=2x�
2
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PSRTD5lxYkFGF5Y[MX:�CEMX4[8;46Y[MX:<:=25`y`k2GF±PL20`�8.laMX`kDG]5JL`k2�1Bf n 132�]GMXl¨A<MHFt8;:<4§2GF54w`k2xA/` J�F±8sU5MX:/Ps8;:<4985A/CE�GF`bR �L�¶P;CEMb�L�5:=2plaMX`kDG]5JL`�8;YyCE2 �G1Bf!;<�
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��Ps8;:hF«`k2GFx�s8;`�8O>¶Y[2GF n �Ë2GF«laMX`kDG]5JL`k2GFaPL2�1Bf»2?>@]5Yy47DG2GFAh8;Cw`k2GFp]GMX`y` YkF5Y[MX:\8;V;2G]w`k2GF�laMX`kDG]5JL`k2GF�PL2w�
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FHMX:<4¯J@:�U5MX:\4ZC?8L]G25J@C�P;J�]GMXl¨A<MHFt8;:<4¯laMX`kDG]5JL`�8;YyCE2 n
�"8�laD54y�<MtPL2�J@4ZYy` YkFHDG2�Y[]5YeA<MXJ@C0PL254725lxCWlxYy:=25C�`�8\lp8XFGFH20PL2§�s8H� laMX`kDG]5JL`�8;YyCG2�_�Ah8;CW4ZYyC0PL2GF�M;Ut�
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N(H2)

ICO
= 2.3 × 1020cm−2(K.km/s)
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∫

TmbdV (K.km/s)
$�� '-,.+
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CO
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CE2G]GMXJ@VHCE25la25:<4Q2GF54QPLMX:=]i46CE�GFr�À8;YZUt`k2 nc¯:�F5JHAsA<MHFt8;:<4�8;`kMXCEFwJ@:=2�PL25:hF5Yy47D9:�Ps8;:hFwJ@:�:<Jh8H�L2p254¯J@:=2w4725l¨A<D5Cb8;4ZJLCG2xPL2wC?8;��MX:<:=25la25:<4
�

B

^aMX:�A<25J@4aD5VX8;` J<25C�PSR JL:=2«Ah8;CW4x`�8gPL25:hF5Yy4ID�PL2 F5JLCy�À8L]G2�laMX�s25:<:=2 Ü��6�
2

�H^«254pPSR 8;JL46CE2«Ah8;C54
`bR Yy:<4I25:hF5Yy47DKYy:<47D[�;CEDG2¹�

CO

�6F5Y²47MXJsF�`k2GFK:<J}8H�L2GF9D5la25464725:<43`�8ala�5la2i4I25l¨A<D5C?8;4ZJ@CE27� n
N(H2)
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= f(n, TB, ∆V )
$�� '
�
+
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N(H2)
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ÍtJ@YvVX8;J@4
2.3 × 1020cm−2(K.km/)

A<MXJ@C�PL2GF�VX8;`k25JLCEFK4Z�WA/YZÍtJ<2GF
n = 200cm−2

254
TB = 10K

n
�5`º2GF54eYyl¨A<MXCW4£8;:<43PL2K:=MX4725CwÍtJà2x]G2KC?85AsA<MXCW43PLD7A<25:/P�D[�s8;`k25la25:<43PL2K`�8«laD54[8;`y` Y[]5Yy4ID�P;J lxYy` Y[25J n
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F<RTDG]5CWYy4¯8;`kMXCEF3=
TB(ν) = hν/k(

1

ehν/kTex − 1
− 1

ehν/2.7 − 1
)(1 − e−τ )

$�� '
�
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8;V;2G]
Tex

`�8a4725l¨A<D5C?8;46JLCE29PSRT2?>@]5Yy4£8;4ZY[MX:�P;Ja�s8H�5^
τ
`�8�A/CEMI�OMX:/PL25JLC9MGA/46YZÍtJ<2 n
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T10

= 4e−hν12/kTex12
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