
HAL Id: tel-00408689
https://theses.hal.science/tel-00408689

Submitted on 31 Jul 2009

HAL is a multi-disciplinary open access
archive for the deposit and dissemination of sci-
entific research documents, whether they are pub-
lished or not. The documents may come from
teaching and research institutions in France or
abroad, or from public or private research centers.

L’archive ouverte pluridisciplinaire HAL, est
destinée au dépôt et à la diffusion de documents
scientifiques de niveau recherche, publiés ou non,
émanant des établissements d’enseignement et de
recherche français ou étrangers, des laboratoires
publics ou privés.

Etude multi-longueur d’onde des galaxies lumineuses en
infrarouge locales

Delphine Marcillac

To cite this version:
Delphine Marcillac. Etude multi-longueur d’onde des galaxies lumineuses en infrarouge locales. As-
trophysique [astro-ph]. Université Paris Sud - Paris XI, 2005. Français. �NNT : �. �tel-00408689�

https://theses.hal.science/tel-00408689
https://hal.archives-ouvertes.fr


� ◦ ���������	��
���
������

���������������! "�$#��$%'&��"�(�*)+�+��#
�-,/.0,1��,2�430���5�� 6��.7�(89���:#<;>=9����&7?

@BA0CEDFC

G ��HJI�
LKNM�HJ

G ��O*�5��P*M�
LK*QR�5ST
6U��(V��*
"�*


WYX6Z'[�\^]�_a`b\dcfehgYibj!k5\l_4mnj�[�oqpsrB_+j(mutwvyx{zu|Y}6~��

�������������������s�7���f�!�������4�������N�'�

G V��
�y ¢¡¤£¢¥�¦�§b ©¨«ª<¬®­¯¦�¡E¡°ªb­

D O�±�
LM"�

²Y³¤´�µ·¶¹¸ ´·º�³�»�¼+º¾½À¿·Á<´�¶"´ÃÂ7ÄÅµÇÆ!½<¿sµ·¶
µ·¶"ÄÈÁ<É�º�É�ÊÃ»¾¶"ÄËºf´s¸ »f¿·¶"´�Ä�¶"ÄÈ¶"¿ »f¿�ÌÍÂ7É�ÂE½À´·Á-¶ µ·»�Äl³¤É-¿Î³�¶"Ä

D ��O*M�
LKNO�
"ST
�Ï¾Ð9Ñ0ÒLM���P*��
b������Ó9�*
LÔ�V�K�M5SÕV-Ö7��×9×9QTI(I!QT��KØ����
ÚÙ�V�×�
LKs�

Û ×�
 Ü0HL����K*QTÝNO�
�Þ®ß4à	á C Ù�V�×9QRKnV�M!�!QTÒJ

Ûãâ D M�H G*ä V�K�
�å®æ4à°ç�è�é�á C Ù�V�×9QRKnV�M�
LO*�
Ûãâ ê VJÔFQT�ìë�èNí�à�î ê QR��
JÒLM�
LO*�
Ûãâ ï SRP4
L�!M��-ðñç+à�ò2ó4ô�õfó+æ'ö�ò2ö ÷¢V G*G ���!M�
LO*�
Ûãâ ø �!O*K���ù�ß2ö�ú'ô�ç�ú�é�ò'ö ÷¢V G*G ���!M�
LO*�
Ûûâ ü O*QRSRSÕV�O*×�
�ý¢ö�ò2ô*à4ßþú�ô�õ-ð¤é�ç�ô*á�õ ÿ^��HJI!QT�*
LKNM





� ����� � �

Ö7
LM!M�
 M ä�� I�
 G ��HJI�
LK�M�
 O*K�
 HLM!O��*
 ×�O*SRM!Q
	hST��K*U�O�
LO*� �*
JIÃU�V�SÕVfÙ	QT
JIÃSRO*×9QRK�
LO�I�
JI�
LKwQRK����(V�����O*UÍ

���� ÷ ü I��¯�*HLM�
JÒLM�HJ
JI��sÏ�ÓØ×9QTÒL����K�I G V�� � D Ñ6Ö ï0Û 
 Ò�V�×�HL�(V 
L×¯PnV���ÝNO�HJ
��ØP4�����s�*
<Sh����P�I�
L�!Ô�V�M���QR��


LO*��� G HJ
LK � D Ñ���� G O*QTI��"���"×9QTÒL����K�I G V�� Û � ÿ D 
 Ò�V�×�HL�(V¯
L×¯PnV���ÝNO�HJ
��®P4�������*
BSh����P�I(
L�!Ô�V�M���QR��
0V�×�H�	
�!QTÒ�V�QRK D G QRM���
L��� â Ö7
LM!M�
 G � G O*SÕV�M!QT��Ks�*
9U�V�SÕVfÙ	QT
JI"
JI!M6M!� � I6QR× G ���!M(V�K�M�
��ÀSh��HJÒ ä 
LSRST
<ÒJ��I!×���ST��U�QTÝ�O�
-
LM

JI�MñI(��O*ÔÍ
LK�M5ÒJ��K�I!QT�*HL��HJ
"V�O�±!��O*����� ä O*Q2ÒJ��×9×�
®SÕV G QT
L�!��
®�*
®÷���I�
LM!M�
®�*
0Sh��HLÔÍ��SRO*M!QT��KÎ�*
JIñU�V�SÕVfÙFQT
JI â � V
G ��
L×9Q � ��
 G V��!M!QT
B�*
7ÒJ
LM!M�
ñM ä�� I�
ñ
JI!MlÒJ��K�I(V�ÒL��HJ
��¢Sh��HLM!O��*
B�*
ESh��HL×9QTI(I!QT��K9�*
JI G ��O�I�I!Q � ��
JIl�*
7M�
LSTI^��P	±!
LM�I
��V�K�I¯Sh� QRK����(V�����O*UÍ
�×��! Í
LK â'C SRST
� ÃV�HLM�H-ÒJ��× G V���HJ
"��ÒJ
LSRST
 G ��HJ�	QRM�
 G V��¯ST
JI6SRQRP*�(V�QR�!QT
JI¯�*
��	QTI�M!�!QRP*O�	
M!QT��K�I0I G 
JÒLM!�(V�ST
JI�����HLK�
L�!U�QT
 
 DFC�ê I��BHLM(V�ST��K*K�HJ
JI®��V�K�I�Sh� O*K*QRÔÍ
L��I¢ST�FÒ�V�S�V�QRK�I!Q°Ý�O2�#�9O*KìHJÒ ä V�KNM!QRSRST��K·�*
��� ÷ ü I®ST�FÒ�V�ST
JI®�*HLM�
JÒLM�HJ
JI G V�� � ÷ ï®D 
LM � D Ñ â Ö7
LM!M�
�HLM!O��*
�V<×���K�M!��H9ÝNO�
�ST
JI �$� ÷ ü I6�	QTI!M(V�KNM�
JI6
LM
ST�FÒ�V�ST
JI G ��HJI(
LK�M(V�QT
LK�M��*
JI¯HL×9QTI(I!QT��K�I�V�I�I(�NÒLQTHJ
JI¯V�O	Ù·ÿ ï¢A I!QR×9QRSÕV�QR��
JI$%�ÒJ
 G 
LK���V�KNM¯ST
JI¯U�V�SÕVfÙFQT
JI��	QTI&	
M(V�KNM�
JI G ��HJI�
LKNM�
LK�M5O*K�
"V�P�I(��� G M!QT��K G SRO�I������!M�
'�ÀÏ��b×9QTÒL����K�I!�*ÝNO*Q�
JI!M5V�I�I��FÒLQTHJ
"V�O	ÙÀI!QRSRQTÒ�V�M�
JI â Ö7
LM!M�

HLM!O��*
�VØV�O�I(I!Q¤×���KNM!��HÀÝNO�
�SÕVØÒJ��×¯P*QRKnV�QTI���K QRK����(V�����O*UÍ
-×��( Í
LK*) DFC�ê I�ST�NÒ�V�ST
JI G 
LO*M�V�O�I�I!Q�+LM!��

O*M!QRSRQTI(HJ
6ÒJ��×9×�
6
JI!M!QR×-V�M�
LO*���*
0SÕV�SRO*×9QRK���I!QRM�H6QRK����(V�����O*UÍ
6��� O*K�
®U�V�SÕVfÙFQT
®�*
6ÒJ
0M, G 
®��V�K�IBSh� O*K*QRÔÍ
L��I
ST��QRKNM(V�QRK�±�O�I�ÝNO2�#�bO*K ��
J�*I ä Q
��M5�*
'�.-bÏ â#/	â � V�I�
JÒJ��K��*
 G V��!M!QT
¯
JI!M5ÒJ��K�I(V�ÒL��HJ
0�bSh��HLM!O��*
"�*
®SÕV21�V�×�P+HJ

�*
3�����!×-V�M!QT��KãI!M�
LSRSÕV�QR��
���
JI G ��K�I(V�P*ST
<�*
9Sh��HL×9QTI�I!QT��Kã�*
JI G ��O�I�I!Q � ��
JI���V�K�I"ST
JI"U�V�SÕVfÙ	QT
JI¯�*
<ÒJ
9M, G 
4�
V�QRK�I�Q	ÝNO�
7Sh��HLM!O��*
B�*
7SÕV5� ���!×-V�M!QT��K�I!M�
LSRSÕV�QR��
ñ��HJÒJ
LKNM�
 â Ö7
LM!M�
BHLM!O��*
5V�HLM�Hñ��H�V�SRQTI�HJ
��¢Sh� V�QT�*
B�*
ñI G 
JÒLM!��
JI
ä V�O*M�
-��HJI���SRO*M!QT��K 
 ÷�-®������� ��V�K�I�ST
9��H�� HL��
LK�M!QT
LSBV�O���
 G ��I��*
JI"U�V�SÕVfÙ	QT
JI��6��P*M�
LKNO�IbV�O Ü � @ �'
LM��	O
ÒJ�F�*
B�*
BI� FK�M ä�� I�
B�*
 G � G O*SÕV�M!QT��K-I!M�
LSRSÕV�QR��
 ü®ï � ï76®C Ü 
 ø �!O8�JOnV�S:9uÖ ä V��!ST��M!�N����� / � âÍC SRST
5V0×���K�M!��H
ÝNO�
<SÕV�1�V�×¯P4HJ
À�*
3� ���!×-V�M!QT��KãI�M�
LSRSÕV�QR��
ÀV�Ô�V�QRMbO*K�
<�	O*��HJ
À�*
�� â Ï�×9QRSRSRQÕV���� ��� V�K*K�HJ
JI�
LMbÝNO�
ØÏ��<;

LKNÔNQR����KÃ�*
6SÕV�×-V�I�I�
"�*
JI¢HLM���QRST
JI¢�*
¯SÕV�U�V�SÕVfÙFQT
�I�
=� ���!×-V�QRM0V�O ÒJ��O*��I¢�*
"ÒJ
LM!M�
 G*ä V�I�
¯�?>ØSÕV9U�V�SÕVfÙ	QT


JI�MBSRO*×9QRK�
LO�I�
¯
LK QRK����(V�����O*UÍ
 â



��� �������
	��



� � �������	�
�

@ ä QTI2M ä 
JI!QTI2�*
�V�STI��BQRM ä V G V�K�Ò ä ����×-V�M!QTÒ7I!M!O��� ®� �NSRO*×9QRK���O�I�QRK����(V���
J�"U�V�SÕVfÙFQT
JI 
���� ÷ ü I��+�*
LM�
JÒLM�
J�
V�M¢Ï�Ó®×9QTÒL����K�I�P  � D Ñ6Ö ï0Û 
 Ò�V�×�
L�(V�V�P+�ÍV���� � D Ñ��lV�K��-V�ME���¯×9QTÒL����K�I�P  Û � ÿ D 
 Ò�V�×�
L�(V¯V�P4�ÍV����
M ä 
5��
JÒJ
LK�M!S  9SÕV�O*K�Ò ä 
J� D G QRM���
L�EI V�M�
LSRSRQRM�
(� â�@ ä 
JI�
BU�V�SÕVfÙ	QT
JIEV���
5M��N��V! �ÒJ��K�I�QT�*
L��
J��M��6P4
ñM ä 
�÷¢��I�
LM!M(V
D M���K�
�� �°U�V�SÕVfÙ� 
LÔÍ��SRO*M!QT��KìI!QRK�ÒJ
"M ä 
  V���
�����O*K�� M���P+
��hV��B×�����
"KNO*×�
L����O�I0V�M ä QRU ä ��
J�*I ä Q
��M0V�K��
QRMñQTI7M ä ��O*U ä M�M ä V�MBV�SÕV��!UÍ
 G V��!MB� ��I!M(V���IBI�
J
LKÀQRK�M ä 
0ST�NÒ�V�S4O*K*QRÔÍ
L��I�
6V���
0P+���!K�QRK I!O�Ò äÀG*ä V�I(
JI â	@ ä 

 ��I�M G V��!M®� ��M ä QTI�M ä 
JI�QTI G ��
JI�
LKNM�I"V9K�
��wI!M!O��� Î�*
J�	QTÒ�V�M�
J� M��<�	O�I�M¢
L×9QTI�I!QT��KÃ� �¤�	QTI!M(V�KNM �$� ÷ ü I¢QRK
M ä 
"×9QT� 	hQRK����(V���
J�Ø�(V�K*UÍ
 ân@ ä 
LQR���	O�I!M¢
L×9QTI�I!QT��K ä V�IBP4
J
LKØÒJ��× G V���
J�ØM��9M ä ��I�
"� ��V�ST�FÒ�V�S'I(V�× G ST
"� ���� ÷ ü I0QRK V��*�	QRM!QT��KÃM��<M ä 
 G ��
J�	QTÒLM!QT��KÃ� �¤I(
LÔÍ
L�(V�SlI G 
JÒLM!�(V�Sl
LK�
L�!U4 Ø�	QTI!M!�!QRP*O*M!QT��K�I 
 DFC�ê I��5P*O*QRSRM®��K
��V�M(V V�Ô�V�QRSÕV�P*ST
�QRKÃM ä 
�ST�FÒ�V�SlO*K*QRÔÍ
L��I�
 â � M ä V�I®P4
J
LK·I ä ���BK·M ä V�M6�	QTI!M(V�KNM¯V�K��ÃST�NÒ�V�S �$� ÷ ü I G ��
JI�
LK�M
I�QR×9QRSÕV��"×9QT�ÃQRK����(V���
J�sI G 
JÒLM!�(V�S�
LK�
L�!U4 Ã�	QTI!M!�!QRP*O*M!QT��K ��I�QR×9QRSÕV��"ÿ ï0A P*O*× G I¯V���
9�*
LM�
JÒLM�
J�·QRK·P4��M ä
ST�FÒ�V�SNV�K��"�	QTI�M(V�K�M ��� ÷ ü I!� ä ���E
LÔÍ
L�l�	QTI!M(V�K�M �$� ÷ ü I2I ä ��� 
LÔNQT�*
LK�ÒJ
E� �*VBI�M!����K*UÍ
L�'I!QRSRQTÒ�V�M�
¤V�P�I���� G M!QT��K
V�M5Ï��0×9QTÒL����K�I7V�I�I��FÒLQÕV�M�
J�9I!QRSRQTÒ�V�M�
ñU��(V�QRK�I â � M�V�STI��6I ä ���5I^M ä V�M¤�	QTI!M(V�KNM �$� ÷ ü ×9QT��QRK����(V���
J�9
L×9QTI�I�QT��K
Ò�V�KØP+
®O�I�
J�ÎM���UÍ
LM ä 
L���BQRM ä ST�FÒ�V�S DFC�ê IBQRKØ�����*
L��M���
JI!M!QR×-V�M�
6M ä 
6M���M(V�S�QRK����(V���
J�ÎSRO*×9QRK���I!QRM, â�@ ä 

I(
JÒJ��K�� G V��!M¯� �EM ä QTI"M ä 
JI!QTI6QTI"�*
J�	QTÒ�V�M�
J�sM���M ä 
�P*O*��I!M¯� �7I�M(V��������!×-V�M!QT��KãV�K��ÃM�� M ä 
���
JÒJ
LK�MbI!M(V��
� ���!×-V�M!QT��K ä QTI!M����� 9� �4M ä 
JI(
5U�V�SÕVfÙ	QT
JI!��� ä QTÒ ä QTI¤��
JI G ��K�I�QRP*ST
�� ����M ä 
��	O�I!ME
L×9QTI�I!QT��K â�@ ä QTI7I!M!O��� ��7V�I
�*��K�
0M ä V�K��	I¤M���V�ÒJ��×¯P*QRKnV�M!QT��KÎ� � ä QRU ä ��
JI���SRO*M!QT��K I G 
JÒLM!�(V 
 ÷=-®�������"QRKÀM ä 
���
JI�M ���(V�×�
(����P*M(V�QRK�
J�
V�M�Ü � @���� Ñ0÷ D �ìV�K��sM ä 
-I!M�
LSRSÕV�� G � G O*SÕV�M!QT��KãI� NKNM ä 
JI!QTI�×��N�*
LSTI�Ò�V�SRST
J� ü®ï � ï 60C Ü 
 ø �!O8�JOnV�S 9
Ö ä V��!ST��M!������� / � â � M ä V�I6P4
J
LK·I ä ���BK·M ä V�M6M ä 
�P*O*��I!M"� �ñI!M(V��������!×-V�M!QT��K ä V�I"V<�	O*�(V�M!QT��K � �ñV�P4��O*M
� â Ï ü  Í
�V�� â Ï��3; � �lM ä 
6I!M�
LSRSÕV���ÒJ��KNM�
LK�M0QTI �����!×�
J� �	O*�!QRK*U<M ä QTIBP*O*��I!M�� �^I!M(V�� � ���!×-V�M!QT��K â



��� ��� �����
	��
�



ï ×�
JI G V���
LK�M�I



� � ��� �����
	��
�



� � � � � ����� � ��� � �

� K�
�M ä�� I�
�
JI!M6O*KÃST��K*UØV G*G ��
LKNM!QTI�I(V�UÍ
�I�
L×�H9����
L×�P*O�Ò ä 
JI âRâRâ�� 
9I���O ä V�QRM�
���
L×�
L��ÒLQT
L�"M���O*M�
JI"ST
JI
G 
L��I���K*K�
JI¢Ý�O*Q�×Î����KNM�� V�QRM¢ÒJ��K 
 V�K�ÒJ
"
LM�ÝNO*Q�×Î����K�M0V�QT�*HJ
 â� 
ÀÔÍ��O��	�(V�QTI���
L×�
L��ÒLQT
L� ê V�ÔNQT� C SRPnV � G ��O*��V�ÔÍ��QR� G ��� G ��I(H<ÒJ
�I!O�±!
LMb�*
<M ä�� I�
 V�QRK�I!QñÝ�O�
 G ��O*�
×Î� V�ÔÍ��QR�¢
LK�Ò�V��	��HJ
bV�OÎÒJ��O*��I��*
6×���KÎI!M(V�UÍ
¯�*
 ê0C¤ï�â� 
6I���O ä V�QRM�
®��
L×�
L��ÒLQT
L� ü O*QRSRSÕV�O*×�
"ÿ�QRK�
�V�OÎ�*
JI � ����
LM�I G ��O*�7×Î� V�ÔÍ��QR��I�
LK�I!QRP*QRSRQTI(HJ
=��Sh� V�I!M!��� G*ä  	
I�QTÝ�O�
0
LK�SRQTÒJ
LK�I�
6V�OÀ×-V�U�QTI�M � ��
0�*
 G*ä  FI!QTÝNO�
®��� Ñ¢��I(V  À
LM G ��O*�ñ×Î� VJÔÍ��QR�5�*��K*K�H®�*
 G ��HJÒLQT
LO	ÙÀÒJ��K�I�
LQRSTI
�*
 G O*QTI â�Û 
L��ÒLQ°V�O�I�I!Q2��� VJÔÍ��QR�®V�ÒJÒJ
 G M�H"��� +LM!��
6×���K G ��HJI�QT�*
LK�M¢�*
7±�O*�� ��*
6M ä�� I�
 â� 
�I(��O ä V�QRM�
�V�O�I(I!Q'��
L×�
L��ÒLQT
L� D M�
 G*ä V�K�
9Ö ä V��!ST��M G ��O*�0×Î� VJÔÍ��QR�®QRK*QRM!QTHJ
bV�O	ÙØÒJ�F�*
JI®�*
¯I� FK�M ä�� I(

HLÔÍ��SRO*M!QRÔÍ
��*
JIBU�V�SÕVfÙ	QT
JI�
LM G ��O*�5M���O*M�
6Sh� V�QT�*
"ÝNO2� QRS�×Î� V�V G*G ���!M�HJ
"��V�K�I�ÒJ
LM!M�
6M ä HL×-V�M!QTÝNO�
 â� 
 I���O ä V�QRM�
ÎV�O�I�I!Qñ��
L×�
L��ÒLQT
L�9Ü�
L����K*QTÝNO�
 ø OnV�M�
LM ï SRP4
L�!M�� � �(V�K�ÒJ
JI�Ò ä QRK*Q G ��O*��VJÔÍ��QR�-V�ÒJÒJ
 G M�H
��� +LM!��
"ST
JI5�(V G*G ���!M�
LO*��I��*
®×-V�M ä�� I�
 â� 
�ÔÍ��O��	�(V�QTI���
L×�
L��ÒLQT
L�¯×�
JI G V���
LK�M�IbÝ�O*Q¤��KNM"M���O�±!��O*��I�HLM�H � ×���KsHJÒJ��O*M�
-
LM"×Î����KNM�V�QT�*HJ
<V�O
ÒJ��O*��I®�*
bÒJ
LM!M�
 G HL�!QT�F�*
 âRâRâ�Û 
L��ÒLQ°�*
�×Î� VJÔÍ��QR���hV�QRM0ÒJ��K 
 V�K�ÒJ
�
LM®VJÔÍ��QR�"V�ÒJÒJ
 G M�
L�®×���K Ò ä ��Q>ÙØST����I�ÝNO�

±J� V�QB�*HJÒLQT�*H �*
ÀK�
 G V�I�QRKNM�HLU���
L������HJÒJ��ST
JI���� QRK*UÍHLK*QT
LO*��I G ��O*��QRK�M�HLU���
L�9O*K ×-V�U�QTI!M � ��
 �*
 G*ä  	I!QTÝNO�

� ��K���V�×�
LK�M(V�ST
 G ��O*� � V�QR��
"�*
®SÕV G*ä  	I!QTÝ�O�
 â

C K 
 K·±!
<ÔÍ��O��	�(V�QTI���
L×�
L��ÒLQT
L��×�
JI-V�×9QTI�M ä HJI(V����*I�
LM9K���K M ä HJI(V����*I G ��O*�9ST
JI�P4��K�I�×���×�
LK�M�I
G V�I(I�HJI¢
LK�I(
L×¯P*ST
4��ST
JI¢�	QTI�ÒLO�I(I!QT��K�I0V�Ò ä V��!K�HJI'�9SÕV-Ò�V�K�M!QRK�
4�+ST
JI�U�V�M�
�V�O	Ù ��ST
JI�×���×�
LKNM�I0�	�
	�ST
JI0
LM0ST
JI
×���×�
LKNM�I��hV��&��
LSRO�I"V�I(I��NÒLQTHJI"V�O	ÙÃ�*
L�!K*QT
L��I"×���QTI6�*
�M ä HJI(V����*I â Ö0��HLM(V�QRM"I� N× G V��*
b��HJ�	QRUÍ
L�"ST
JI®M ä�� I(


LK�I(
L×¯P*ST
 
 KnV�ST
L×�
LK�M�� 
 ×-V�QTI G V�I � ����ÒJHL×�
LK�MÀM���O�±���O*��I<M!� � I G ���F�	O�ÒLM!Q
��� â¤Û 
L��ÒLQ�� � � ä K$�¤÷0V G*ä V��
Û 
L��ÒJ
4� D 
LPnV�I!M!QT
LK$�fÿ�QT
L�!��
4� ï �!KnV�O�� ��Ö7
J�	�!QTÒ4��
EV�K*K$� D V�K��	�!QRK�
4��÷�
LKnV�O�� � ê 
LS G*ä QRK�
4� Û V��!QT
4� � �(V�K�ÒJ��QTI!�
ü QRSRST
JI!� � QTÒJ��SÕV�I5
LM G O*QTIBM���O*M5×�
JI5ÒJ� G V�QRK�I¢�*
 G ����×����*
 ê®C�ï � � QTÒJ�8��M���O*M5×�
JI5ÒJ� G V�QRK�I�����
JI(ÒL�!QR×�


LM¢�*
®M�
LK*K*QTI�ÝNO*Q�×�
"�*
L×-V�K���V�QT
LK�M0��HLU�O*SRQ � ��
L×�
LK�M���Ý�O�
LSRST
 G V�UÍ
ñ±L��
LKÎHLM(V�QTI âRâRâ

C K 
 K$�F±�
�K�
 G 
LO	Ù G V�I 
 K*QR�®I V�K�I®��
L×�
L��ÒLQT
L�6M���O*M�
JI®ST
JI G 
L��I���K*K�
JI6ÝNO*Q�×Î����KNM G 
L�!×9QTI6����
LK�I(
LQ
	
U�K�
L���	×�
L��ÒLQ�V�O Ö � CED �*
6Ü�
L��I(V�QRSRST
JI!����SÕV�QRKìÖ7�����	QT
L�!� � V�O*��
LK�M¢Ü�
L��I!M!�(V�
LM�
4� ê 
LS G*ä QRK�
¯
LMBM���O*M�
JI�ST
JI
G 
L��I���K*K�
JI0VJÔÍ
JÒ"ÝNO*Q	±L� V�Q G V��!M(V�UÍH¯ST
JI ä 
LO*��
JI�����
LK�I(
LQRU�K�
L×�
LK�M�I

C K 
 K�±!
0K�
 G 
LO	Ù G V�IBK�
 G V�IB��
L×�
L��ÒLQT
L� � �(V�K�ÒJ
�	 � KNM�
L� G ��O*��ÒJ
L�!M(V�QRK�
JI��*
6I(
JIBHL×9QTI�I!QT��K�I!� � 
�V�K�	
D 
LPnV�I�M!QT
LK ø V�Ò ä G ��O*��I(V ×�O�I!QTÝ�O�
-��
LSÕVfÙ*V�KNM�
<ÝNO*QEV�� ���!M�
L×�
LK�MbQRK�I G QR��H-SÕV 
 Ks�*
-×-V M ä�� I�
4�'V�QRK�I�Q
ÝNO2� ï S
����
J�Î
LM5ÿ°
J�	��� G ��O*�BST
LO*� 
 SR×�I â



� ����� ��� 	�� �
����� 	���� � �



� � � � � � ��� � � � ��� � � �

���	��

��������������� âìâÎâÎâØâØâÎâØâÎâØâØâÎâÎâìâÎâØâØâÎâØâÎâØâØâÎâÎâìâÎâÎâìâÎâÎâØâØâØâÎâ �
��� � 	 � ��� � � � ��� � �"!������ �#� � � âØâÎâØâØâÎâÎâìâÎâØâØâÎâØâÎâØâØâÎâÎâìâÎâÎâìâÎâÎâØâØâØâÎâ $

%'&)(�*,+.-0/213/,4�5�*,+7698;:=<,+>*�?A@�/B@"5�C�?D-E<F?G<F:H/21�*

� I ��� � ��� ��	 � �#� �.J � ��K 	BL 	�M ��� � N
Ï â Ï Ö7��× G ��I!QRM!QT��Kì��� O*K�
6U�V�SÕVfÙ	QT
 â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ð
Ï â � C M!O��*
¯×¯O*SRM!Q
	hST��K*U�O�
LO*��I0������K��*
¯�*
JIBU�V�SÕVfÙ	QT
JI â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â ÏPO
Ï â#/ Û ��� G*ä ��ST��U�QT
¯�*
JIBU�V�SÕVfÙ	QT
JI â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â � /
Ï â � � K�M�
L�(V�ÒLM!QT��Kì�*
"U�V�SÕVfÙFQT
JI79 C ÔÍ��SRO*M!QT��Kì�*
JIB×���� G*ä ��ST��U�QT
JI â â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â ��

Q R � �TS � ���U� � � �VJ � �;K 	WL 	"M�� ���XL � 	 � � � � � � � ��� � � $	�
� â Ï ê 
JIBU�V�SÕVfÙ	QT
JI5P*QT
LK G V��!M!QTÒLO*SRQ � ��
JI âRâRâ â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â / Ï
� â � � K�
 ä QTI!M���QR��
"�*
JI���P�I(
L�!Ô�V�M!QT��K�I5�*
JI�U�V�SÕVfÙFQT
JI5SRO*×9QRK�
LO�I�
JI�
LKÎQRK����(V�����O*UÍ
 â6â"â6â"â"â6â¯â / Ï
� â#/ Ñ¢�!QRU�QRK�
¯�*
®Sh��HL×9QTI(I!QT��KÎQRK����(V�����O*UÍ
"�*
JI �$� ÷ ü IB
LM��*
JI � �$� ÷ ü I â6â"â¯â6â"â6â"â6â"â"â6â¯â ���
$ I � � �ZY ��� � � � ��J � � �[L � �\K 	WL 	"M ��� �]L � 	 � � � � � � � ��� � �"^ �
	 �Z� �"K �`_ acb

%=%d&)e�fg5�+�+,5#C ?7h�*,+jikC�l	+�+�53m�:=*,+Th0/2?	+n1�o�5p?Aqr:U/G:
C�l	-E*7fsCAtW*�?7h�*,+.-0/213/,4�53*,+n1plEfu5p?�*�l	+>*,+*F?v5p?Aqr:U/G:
C�l	-�*E&

a w �xLzy � 	 � � � �#� � � �"^ �
	 �Z� �"K �VJ � �;K 	WL 	"M�� ���XL{� � 	WL ���]|p|}| aB~
� â Ï ÿ^����P*STHL×-V�M!QTÝNO�
�
LM5
LK�±!
LO 
 Ù � â â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â �"O
� â � ÿ^��HJI�
LKNM(V�M!QT��K �*
JI��	Q3�4HL��
LKNM�I5×��F� � ST
JI â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ó��
� â#/ Ö7��× G V��(V�QTI���K �*
JI5�	Q3�4HL��
LKNM�I�×��F� � ST
JI â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â ÓÍÐ
b |p|}|F� � �,L3L ��J � �;K 	WL 	"M ��� �XL�� � � � 	 � � � ��| N,b
Ó â Ï ÖñV�M(V�ST��U�O�
JI¢O*M!QRSRQTI�HJI â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ð�Ó
Ó â � C M!O��*
��*
JI �$� ÷ ü I5
LM � ��� ÷ ü I5�	QTI�M(V�K�M�
JI â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â 
��
Ó â#/ ï ÷ @ � Ö � C � � â"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â 
ÍÐ
Ó â � ï ÷ @ � Ö � C � � � â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â O /

%=%=%'&)eE@�l�h�*�hE*�1�/j��/2f7�2<B*�hE*sqUC�:�f�/B@"5#C ?g+�@�*�1p13/k5p:=*�:=*,+BiFC�?	+�/E�E1#*jhE*�1�oz<�fg5#+�+,5�C�?7h�*,+iFC lA+�+,5�mF:
*c+A&



� � 	 �BL � J � � 	 	�� ��� � � �

� � � 	 	������ � ����J ��� �[Lzy S�� � � � � � ����	 � � � � J � � � �;K 	BL 	�M ��� �G_ �c�"$
� â Ï C M!O��*
"�*
6Sh� ä QTI�M���QR��
6QRK�I!M(V�K�M(V�K�HJ
��*
=� ���!×-V�M!QT��KØ����HLM���QRST
JI���V�K�I�ST
JIBU�V�SÕVfÙFQT
JI â6â"â6â"â"â Ï�ÏL�
� â � Ö7��×9×�
LK�M0HLM!O��	QT
L�¢ÒJ
LM!M�
 G*ä V�I�
6�*
������!×-V�M!QT��KØI�M�
LSRSÕV�QR��
	� â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï�Ï¾Ð
� â#/ 
 O�
LSRST
6×�HLM ä �F�*
6O*M!QRSRQTI�
L��� â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï�� /
N � � ��J �TJ �xL 	�
 	 	 �
� � J �V^ � 	 	 � ��� � ��� �,L3L 	�� � � � Q b
Ð â Ï ÿ^��HJI�
LKNM(V�M!QT��K �*
JIB�(V�QT
JI�
LKìV�P�I���� G M!QT��KØHLM!O��	QTHJ
JI âÃâ6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï�� �
Ð â � C Ò ä V�KNM!QRSRST��K�I®�*
6U�V�SÕVfÙFQT
JI�HLM!O��	QTHJI â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï / �
Ð â#/ ï ×�HLSRQT���(V�M!QT��K �*
�SÕVÀ�*HLM�
JÒLM!QT��Ks�*
JI®�(V�QT
JI6
LK�V�P�I���� G M!QT��K�I�O*�0Sh��HJÒ ä V�K�M!QRSRST��Kã�*
�U�V�SÕVfÙFQT
JI

ST��QRK�M(V�QRK�
JI âØâ"â6â"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï / �
Ð â � Ö7��× G V��(V�QTI���Kì�*
JI5U�V�SÕVfÙFQT
JI � D Ñ 
LM � ÷ ï6D ��V�K�IBST
"�	QÕV�U��(V�×9×�
 ê �������.	 A δ â â6â"â6â"â"â ÏL���
Ð â Ó Û �F�*HLSRQTI(V�M!QT��KØ�*
®Sh� ä QTI�M���QR��
¯�*
®SÕV � ���!×-V�M!QT��KØI!M�
LSRSÕV�QR��
 âYâ¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â ÏL���
Ð â � ÷�
JI!O*SRM(V�M�I â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â ÏL� /
Ð â Ð ï ÷ @ � Ö � C � � � â"â6â"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â ÏL�NÐ
Ð â 
 ï ÷ @ � Ö � C � � â"â6â"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï � Ð
� ���G���p���"���0�����c���	��
����	�A����������� âÎâìâÎâÎâìâÎâÎâØâØâÎâØâÎâìâÎâÎâìâÎâÎâØâØâÎâØâÎâØâØâ ��� N



� � � ��� � � � � � � � � �

Ï â Ï ÿ^��HJI(
LK�M(V�M!QT��K �*
JI¯ÿ ï¢A 
LM¯�*
JI��	Q3�4HL��
LKNM�Ib×��N�*
JI��*
9ÔNQRP*�(V�M!QT��K�I���
JI G ��K�I(V�P*ST
JI¯�*
JI
PnV�K��*
JI0V�����×-V�M!QTÝ�O�
JI 
 ÔÍ��QR�5M(V�P*ST
�V�OsÏ â#/ � â�â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â ÏL�

Ï â � ÿ^��HJI(
LK�M(V�M!QT��Kì�*
JI�PnV�K��*
JI�V�����×-V�M!QTÝNO�
JI¢�*
 Û 
�� â�â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ï�Ó
Ï â#/ � ×9QTI(I!QT��K<
LM7
ÚÙFM!QRK�ÒLM!QT��K��*
5SÕV"Ü���QT
 � V�ÒLM�HJ
 G ��HJ�	QRM�
JI G V��¤ST
5×��F� � ST
��*
 ê HJI�
L�!ME
LMñV�S �

ÏPO�O�� âñâ6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ï �
Ï â � ÿ^��HJI(
LK�M(V�M!QT��Kì�	OìÒ  FÒLST
6�*
6ÔFQT
6�*
JI G ��O�I�I!Q � ��
JI â$â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ï¾Ð
Ï â Ó Ö7��O*�!P4
JI5����
ÚÙ	M!QRK�ÒLM!QT��K â'â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ï¾Ð
Ï â � QR×-V�UÍ
 � Üw
LM5� G M!QTÝ�O�
"�*
 Û Ðf� âìâ6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â ���
Ï â Ð � ×-V�UÍ
JIB×¯O*SRM!QRST��K*U�O�
LO*�®������K��*
"�*
 Û 
	Ï â â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â ���
Ï â 
 ê QÕV�U��(V�×9×�
¯�*
 A O*P*P*ST
 â^â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â ���
Ï â O ÿ^��HJI(
LK�M(V�M!QT��Kì�*
¯Ý�O�
LSTÝNO�
JI5ÒJ��O*�!P4
JI5�*
6����M(V�M!QT��Kì�*
®U�V�SÕVfÙ	QT
JI�I G QR�(V�ST
JI â â"â6â"â"â6â¯â � �

� â Ï C M!O��*
"×¯O*SRM!Q
	hST��K*U�O�
LO*��I®������K��*
"�*
"ÝNO�
LSTÝ�O�
JI5U�V�SÕVfÙFQT
JI�M, G QTÝ�O�
JI â6â"â6â"â6â"â"â6â¯â / �
� â � � QR×9QRM�
JI¢�*
6I�
LK�I!QRP*QRSRQRM�H"��� � D Ñ6Ö ï0Û � � D Ñ0ÿ A Ñ @ � D Ö �0ø7ï 
LM D G QRM���
L� â â"â6â"â"â6â¯â / Ó
� â#/ Ö7��× G M(V�UÍ
JI¢�	Q3�4HL��
LKNM!QT
LSTI���Ï�Ó µ × âaâ6â"â"â6â"â6â"â6â¯â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â / 

� â � � ��K��Ø�	Q3�+O�I5
ÚÙ	M!�(V�U�V�SÕV�ÒLM!QTÝNO�
¯��P�I�
L�!ÔÍH"�*
®Sh� � Ü$V�OØI!O*P*×9QRSRQR×�HLM!�!QTÝNO�
 â�â6â"â6â"â"â6â¯â ���
� â Ó ÿ^��HJI(
LK�M(V�M!QT��KÃ�*
®SÕV G V��!M!QT
"ÒJ
LK�M!�(V�ST
b�*
6SÕVbU�V�SÕVfÙ	QT
"�*
JI ï K�M�
LK*K�
JI��9�	Q3��HL��
LK�M�
JI¢ST��K�	

U�O�
LO*��I¢������K��*
 â*â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â ��Ï
� â � ü V�SÕVfÙ	QT
6�*
JI ï K�M�
LK*K�
JI��bM!�(VJÔÍ
L��I�SÕV9�	QTI!M!�!QRP*O*M!QT��Kì
LK U�V � A ��
 P*ST
LO:� â�â6â"â6â"â"â6â¯â ���
� â Ï ÿ^��HJI(
LK�M(V�M!QT��K��*
JI'�	QÕV�U��(V�×9×�
JI°ÒJ��O*ST
LO*�&	 ÒJ��O*ST
LO*�°QRK����(V�����O*UÍ
 G ��O*�2ST
JI�ÒJ��O*ST
LO*��I � ÷ ï6D


LM � D Ñ6Ö ï¢Ûãânâ¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ó	Ï
� â � ÿ^��HJI(
LK�M(V�M!QT��Kì�*
"SÕVbP*QRP*SRQT��M ä�� Ý�O�
��*
"I G 
JÒLM!��
JI ê V�ST
'9 A 
LST��O 
 ������� � âaâ"â6â"â"â6â¯â Ó��
� â#/ Ö7���!��HLSÕV�M!QT��K 
LK�M!��
6SÕV�SRO*×9QRK���I�QRM�H LIR


LMBSÕV9ÒJ��O*ST
LO*� � ÷ ï6D ÷ � � � Ï���� â â"â6â"â"â6â¯â Ó /
� â � ÿ^��HJI(
LK�M(V�M!QT��K9�*
EÝNO�
LSTÝNO�
JI�I G 
JÒLM!��
JI�QTI�I!O�I°�*
�SÕV�P*QRSRQT��M ä�� Ý�O�
 � V�U�V�Ò ä 
4� ê ��ST
�9 ÿ^O*UÍ
LM
�� ê ÿ � â°â"â6â"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ó�Ó
� â Ó ÿ^��HJI(
LK�M(V�M!QT��Kì�*
JI¢ÒJ���!��HLSÕV�M!QT��K�I���P�I�
L�!ÔÍHJ
JI���Ð �2Ï�����Ï�Ó�V�ÔÍ
JÒ �$� ÷ 
 C SRPnV �b
LM�V�S �n������� � â Ó�Ó
� â � ÿ^��HJI(
LK�M(V�M!QT��Kì�*
"SÕVbP*QRP*SRQT��M ä�� Ý�O�
��*
"I G 
JÒLM!��
JI¢Ö ä V��� �9 C SRPnV � 
 �����	Ï(� â â6â"â"â6â¯â ÓÍÐ
� â Ð Ö7��× G V��(V�QTI���K �	QR��
JÒLM�
"�*
JIBSRQRP*�(V�QR�!QT
JI¢��V�K�I5Sh� QRK����(V�����O*UÍ
6×��! Í
LK â â6â"â6â"â6â"â"â6â¯â Ó�O
� â 
 Ö7��× G V��(V�QTI���Ky�*
JI��	QTI!M!�!QRP*O*M!QT��K�I9��� O*K�
 �$� ÷ ü � � �$� ÷ ü 
LMbU�V�SÕVfÙFQT
ÀK����!×-V�ST
 G ��O*�

ST
JI / SRQRP*�(V�QR�!QT
JI â*â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â � �
� â O ÿ^��HJI(
LK�M(V�M!QT��Kì�*
JI¢ÒJ���!��HLSÕV�M!QT��K�I5SRO*×9QRK���I!QRM�H�	hSRO*×9QRK���I�QRM�H���V�K�I�Sh� QRK����(V�����O*UÍ
6×��( Í
LK â�â � Ï
� â Ï�� ÿ^��HJI(
LK�M(V�M!QT��K �*
JI9ÒJ���!��HLSÕV�M!QT��K�I9SRO*×9QRK���I�QRM�H�	hSRO*×9QRK���I!QRM�HØ��V�K�I�Sh� QRK����(V�����O*UÍ
�ST��QRK�M(V�QRK


LMB×��( Í
LK âaâ"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â � �
� â Ï�Ï ê QÕV�U��(V�×9×�
JI�ÒJ��O*ST
LO*�&	 ÒJ��O*ST
LO*� G ��O*�5O*KÎHJÒ ä V�KNM!QRSRST��K �*
6U�V�SÕVfÙ	QT
JI5�*
6Sh� O*K*QRÔÍ
L��I�ST�NÒ�V�S â � �
� â Ï�� ÿ^��HJI(
LK�M(V�M!QT��K$�*
JIì�*HJÒJ��× G ��I!QRM!QT��K�I I G 
JÒLM!�(V�ST
JIì��P*M�
LKNO�
JI G ��O*�ì�*
JI �	QTI!M!�!QRP*O*M!QT��K�I

I G 
JÒLM!�(V�ST
JI5����HLK�
L�!U�QT
��*
 109L�

â7â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â � �
� â Ï / ÿ^��HJI(
LK�M(V�M!QT��K$�*
JIì�*HJÒJ��× G ��I!QRM!QT��K�I I G 
JÒLM!�(V�ST
JIì��P*M�
LKNO�
JI G ��O*�ì�*
JI �	QTI!M!�!QRP*O*M!QT��K�I

I G 
JÒLM!�(V�ST
JI5����HLK�
L�!U�QT
��*
 1010L�

â â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â � Ð
� â ÏL�Çÿ^��HJI(
LK�M(V�M!QT��K$�*
JIì�*HJÒJ��× G ��I!QRM!QT��K�I I G 
JÒLM!�(V�ST
JIì��P*M�
LKNO�
JI G ��O*�ì�*
JI �	QTI!M!�!QRP*O*M!QT��K�I

I G 
JÒLM!�(V�ST
JI5����HLK�
L�!U�QT
��*
 1011L�

â â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â � 




� ��� � ����� ��w ����� �	� R � �
�

� â Ï�Ó ÿ^��HJI�
LKNM(V�M!QT��K$�*
JIØ�*HJÒJ��× G ��I!QRM!QT��K�IÃI G 
JÒLM!�(V�ST
JI ��P*M�
LK�O�
JI G ��O*�ì�*
JI �	QTI!M!�!QRP*O*M!QT��K�I
I G 
JÒLM!�(V�ST
JI5����HLK�
L�!U�QT
¯�*
 1012L�

âaâ¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â � O
� â Ï � ÿ^��HJI�
LKNM(V�M!QT��K$�*
JIØ�*HJÒJ��× G ��I!QRM!QT��K�IÃI G 
JÒLM!�(V�ST
JI ��P*M�
LK�O�
JI G ��O*�ì�*
JI �	QTI!M!�!QRP*O*M!QT��K�I

I G 
JÒLM!�(V�ST
JI5����HLK�
L�!U�QT
¯�*
 1013L�

âaâ¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ð��
� â Ï¾Ð ÿ^��HJI�
LKNM(V�M!QT��Kì�	OÎ�(V G*G ���!M�ÿ ï¢A � 
 ÿ ï¢A )¢Ü D*ü �5��Ðb
LM¯Ï�� µ × â·â6â"â"â6â¯â6â"â6â"â"â ÐFÏ
� â Ï�
 ÿ^��HJI�
LKNM(V�M!QT��Kì�	OÎ�(V G*G ���!M�ÿ ï¢A Ð µ × � ÿ ï¢A Ï�� µ × â â¯â"â6â"â6â"â"â6â¯â6â"â6â"â"â Ð��
� â ÏPO ê HJÒJ��× G ��I�QRM!QT��Ka�*
JI ÿ ï0A 
LKuO*K�
sÒJ��× G ��I(V�KNM�
sQT��K*QTI�HJ
 
 ����O*UÍ
(�Î
LMØK���K QT��K*QTI�HJ

 P*ST
LO:� â � QRU�O*��
¯�*
 � ��HJ�*HL�!QTÒ ü V�SRSRQÕV�K�� â â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ð /
Ó â Ï � ×-V�UÍ
6�	O Û V��(V�K�� 
 
LST� ��Ï�Ó µ ×«��P*M�
LK�O�
bVJÔÍ
JÒ � D Ñ6Ö ï¢Ûãâwâ"â6â"â"â6â¯â6â"â6â"â"â Ð�Ð
Ó â � � ×-V�UÍ
6�	O Û V��(V�K�� 
 
LST� �9��� µ ×«��P*M�
LK�O�
bVJÔÍ
JÒ Û � ÿ D+â$â"â6â"â6â"â"â6â¯â6â"â6â"â"â Ð�Ð
Ó â#/ D ��O*��ÒJ
 A0ê � 	 ÿ Û</ 	��9�*HLM�
JÒLM�HJ
2� Ï�Ó µ ×«
LM �9��� µ × â â¯â"â6â"â6â"â"â6â¯â6â"â6â"â"â Ð�O
Ó â � D ��O*��ÒJ
 A0ê � 	 ÿ Û</ 	(Ï¾Ð��*HLM�
JÒLM�HJ
 ��Ï�Ó µ × 
LM7�9��� µ × ânâ¯â"â6â"â6â"â"â6â¯â6â"â6â"â"â 
��
Ó â Ó C Ù*
L× G ST
"�*
"I���O*��ÒJ
6I�O G*G �!QR×�HJ
¯�	OÎÒ�V�M(V�ST��U�O�
 âuâ"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â 
	Ï
� â Ï ÿ^�!QRK�ÒLQ G V�ST
JI � Û � O*M!QRSRQTI�HJ
JI â â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï�Ï�Ó
� â � ê Q3�4HL��
LKNM�
JI5ST��QTI5��� V�M!M�HLKNOnV�M!QT��KìO*M!QRSRQTI(HJ
JI â$â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï�Ï¾Ð
� â#/ Û HLM ä �N�*
��*
-Ò�V�STÒLO*SE��� O*K�
�SÕV��!UÍ
LO*�bHJÝ�O*QRÔ�V�ST
LK�M�
ÀVJÔÍ
JÒ-SÕV M�
JÒ ä K*QTÝNO�
-�*
JI¯QRK��	QTÒJ
JI��*
� QTÒ � â<â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï����
Ð â Ï C ÔÍ��SRO*M!QT��KìM�
L× G ����
LSRST
"�*
 A 
�� A O�� A δ 
LM ê �������9
LK � ��K�ÒLM!QT��KØ�	O M�
L× G I â â"â6â"â"â Ï�� �
Ð â � C ÔÍ��SRO*M!QT��K M�
L× G ����
LSRST
 �*
 A δ 
LM ê ������� G ��O*��O*K�
 �����!×-V��!M!QT��KÇI!M�
LSRSÕV�QR��
Ø�*
ÎM, G 
D � ÷ ∝ 
ÚÙ G 
 	hM � τ � â7â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â6â¯â"â6â"â6â"â"â6â¯â6â"â6â"â"â Ï��ÍÐ
Ð â#/ ÿ^��HJI�
LKNM(V�M!QT��Kì�	OØ�	QÕV�U��(V�×9×�
 ê �������.	 A δ â6â"â"â6â"â6â"â6â¯â"â6â"â6â"â"â6â¯â6â"â6â"â"â Ï���O
Ð â � ÿ^��HJI�
LKNM(V�M!QT��Kì�	OØ�	QÕV�U��(V�×9×�
 ê �������.	 A δ â6â"â"â6â"â6â"â6â¯â"â6â"â6â"â"â6â¯â6â"â6â"â"â Ï���O
Ð â Ó ÿ^��HJI�
LKNM(V�M!QT��Kì�	OØ�	QÕV�U��(V�×9×�
 ê �������.	 A δ â6â"â"â6â"â6â"â6â¯â"â6â"â6â"â"â6â¯â6â"â6â"â"â Ï / �
Ð â � ê QTI!M!�!QRP*O*M!QT��KØ�*
JIBU�V�SÕVfÙ	QT
JI �21�V�×�P+HJ
��*
������!×-V�M!QT��K I!M�
LSRSÕV�QR��
6ST�FÒ�V�ST
JI â â"â6â"â6â"â"â Ï / Ï
Ð â Ð ê QTI!M!�!QRP*O*M!QT��Ks�*
�SÕVÀSRO*×9QRK���I!QRM�H�QRK����(V�����O*UÍ
��*
JI®U�V�SÕVfÙ	QT
JI0�"1�V�×�P+HJ
��*
 � ���!×-V�M!QT��K�I

I!M�
LSRSÕV�QR��
JIBST�FÒ�V�ST
JI â â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï / �
Ð â 
 ê QTI!M!�!QRP*O*M!QT��KØ
LKÎ×-V�U�K*QRM!O��*
��*
JI"Ï���Ó9��P	±!
LM�I5�*��K�M¢�*
JI5I G 
JÒLM!��
JI5��K�M0HLM�H6��P*M�
LK�O�I âÎâ Ï /4/
Ð â O C Ù*
L× G ST
"�*
"I G 
JÒLM!��
6� G M!QTÝNO�
"��P*M�
LK�O â�â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â Ï / �
Ð â Ï�� ê QTI!M!�!QRP*O*M!QT��KØ�*
JIB��
J�*I ä Q
��M�I¢�*
JIBU�V�SÕVfÙFQT
JI��	O Ö � ÷ D � �0ê6D ÷a
LM �¢ê"D �ñâ+â"â6â"â6â"â"â Ï / Ó
Ð â Ï�Ï ê QTI!M!�!QRP*O*M!QT��KÎ�*
JIñSRO*×9QRK���I!QRM�HJIBQRK����(V�����O*UÍ
JI5�*
JIñU�V�SÕVfÙ	QT
JI5�	OØÖ � ÷ D � �¢ê"D ÷u
LM �0ê"D �7â Ï / Ð
Ð â Ï�� C Ù*
L× G ST
"�*
"�*HJÒJ��× G ��I!QRM!QT��KØ�*
"I G 
JÒLM!��
 G V��5SÕVbM�
JÒ ä K*QTÝ�O�
��*
JI5��K��*
LST
LM!M�
JI â â6â"â"â Ï / O



� � � � � � ��� � � � � � � ���

Ï â Ï ÿ^��HJI(
LK�M(V�M!QT��K��*
JI G ��� G �!QTHLM�HJI°�*
JI'�	Q3��HL��
LK�M�
JI°HLM���QRST
JI�
LK�� ��K�ÒLM!QT��K��*
�ST
LO*�'M, G 
�I G 
JÒLM!�(V�S â 

Ï â � ÿ^��HJI(
LK�M(V�M!QT��K9�*
JI��	Q3��HL��
LK�M�I°ÒJ��K�I!M!QRM!OnV�KNM�I^�	O¯×9QRSRQT
LO¯QRKNM�
L��I!M�
LSRSÕV�QR��
ñ�*
�K���M!��
 ü V�SÕVfÙ	QT

�� 
JÝNO�
LO	ÙØ������� � â â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â O
Ï â#/ ÿ^�!QRK�ÒLQ G V�ST
JI�PnV�K��*
JI�����HL×9QTI�I�QT��KÎ�*
JI5ÿ ï0A ��V�K�IBSh� QRK����(V�����O*UÍ
6×��! Í
LK 
 ê �(V�QRK�
¯����� / �

ï SRSÕV�×-V�K��*��SÕV�
LM������'ÏPO�
�O � â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ï /
Ï â � ÿ^��� G �!QTHLM�HJI�UÍHLK�HL�(V�ST
JI¢�*
JI��	Q3�4HL��
LKNM�I5M, G 
JI5�*
6U�V�SÕVfÙ	QT
JI â â"â6â"â¯â6â"â6â"â6â"â"â6â¯â ���
� â Ï Û ��� G*ä ��ST��U�QT
"�*
JIñU�V�SÕVfÙ	QT
JIBSRO*×9QRK�
LO�I�
JI5
LK QRK����(V�����O*UÍ
6
LK�����K�ÒLM!QT��KÎ�*
®ST
LO*�BSRO*×9QRK�� 	

I!QRM�H®QRK����(V�����O*UÍ
 
 D V�K��*
L��I=9 Û QR�(V�P4
LS�ÏPO�O�Ó � â â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â /4/
� â � ÿ^��HJI(
LK�M(V�M!QT��Kì�*
JI¢�	Q3�4HL��
LKNM�I�Ò ä V�× G I���P�I�
L�!ÔÍHJI G V�� � D Ñ6Ö ï0Ûãâbâ¯â6â"â6â"â6â"â"â6â¯â / Ð
� â Ï ÿlV��(V�× � M!��
JI¢�*
JI��	Q3�4HL��
LKNM�
JI � Û � O*M!QRSRQTI�HJ
JI â�â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ï�Ï �
� â � ê Q3��HL��
LK�M�
JI5ST��QTI���� V�M!M�HLK�OnV�M!QT��K O*M!QRSRQTI�HJ
JI âYâ6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ï�Ï �
� â#/ ÖESÕV�I�I�Q 
 Ò�V�M!QT��KØ�*
JIBU�V�SÕVfÙ	QT
JI�I�
LST��KÎSÕV�ÒLSÕV�I(I!Q 
 Ò�V�M!QT��KØ�*
 ê ��
JI�I!ST
L�5
LM0V�S âuâ"â6â"â"â6â¯â Ï�ÏPO
Ð â Ï ê H 
 K*QRM���K��*
JI G I�
LO��*��I^ÒJ��KNM!QRK�O�I7
LM^�*
JI^ÒJ��K�M!QRK�O�I G ��O*� A δ 

	 ���!M ä 
  & Ñ¢M!M(VJÔFQÕV�K*K*Q

ÏPO�OÍÐ4�ñ
LM G ��O*� A 
�� A O�
LM A Ï�� â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ï���O
Ð â � Ö7��× G V��(V�QTI���Kþ�*
À��
J�*I ä Q
��M�I�×�
J�	QÕV�K�I9��P*M�
LK�O�I-I!O*� G SRO�I!QT
LO*��I9Ò ä V�× G I�HLM!O��	QTHJI G V��� D Ñ6Ö ï¢Ûãâ�â"â¯â6â"â6â"â6â"â"â6â¯â6â"â6â"â"â6â"â6â¯â6â"â"â6â"â6â"â¯â6â"â6â"â6â"â"â6â¯â Ï / �
Ð â#/ ÷¢HJI���SRO*M!QT��KØ�*
6Ò ä V�ÝNO�
"HJÒ ä 
LSRST
¯��V�K�I5SÕVbM�
JÒ ä K*QTÝ�O�
��*
JI5��K��*
LST
LM!M�
JI â�â"â6â"â6â"â"â6â¯â Ï / 




� ��� � � � � �7w ��� � ����� � � R �



� � ����� � �	��� ��� �

� 
JI G ����U�� � I°�*
JI°M�HLST
JI�ÒJ� G 
JI G 
L�!×9QR��
LKNM^V�O	Ù�V�I!M!����K���×�
JIl�	O 6 Ü � � � I!Q � ÒLST
7�*
 G ��
LK��	��
EÒJ��K�I�ÒLQT
LK�ÒJ

ÝNO2� QRS�
ÚÙ	QTI!M(V�QRM^O*K9U��(V�K��9K���×¯P*��
�������P	±�
LM�I��	Q3�4O�I���V�K�I^ST
BÒLQT
LS�ÝNO2� QRSTI�V G*G 
LS � ��
LK�M����	��
 �
��
������ â Ö ä V��!ST
JI
Û 
JI�I!QT
L�ñHLM(V�P*SRQRMñO*K�
�SRQTI�M�
¢��� O*K�
®ÒJ
LK�M(V�QRK�
®������P	±!
LM�I7ST
JI G SRO�I7P*�!QRSRSÕV�KNM�I$%*V�O�±���O*����� ä O*Q2
LSRST
¢
JI!MñÒJ��K*K�O�

I(��O�I�ST
¯K���× �*
¯Ò�V�M(V�ST��U�O�
 Û 
JI�I!QT
L� â�ï O 6 � 6 I�Q � ÒLST
4� 	 QRSRSRQÕV�× A 
L��I�Ò ä 
LSl
LM¢I(��K 
 STI¢HLM(V�P*SRQR��
LKNM®O*K�

SRQTI�M�
9�*
 G SRO�I"�*
�Ó������ ��P	±!
LM�I6Ý�O*Q��*
LÔFQRK�M"ST
9Ò�V�M(V�ST��U�O�
 �®ü Ö 
 V�ÒL����K  N×�
-�*
 � ��O*ÔÍ
�V�OãÖñV�M(V�ST��U�O�

ü 
LK�
L�(V�S � â � S4�(V�I�I�
L×�P*ST
6�*
JIB��P	±�
LM�IBV�O�I�I�Q ä HLM�HL���FÒLS  FM�
JIBÝ�O�
®�*
JI5V�×-V�IB����HLM���QRST
JI!�*�*
JIñKNOnV�UÍ
JI5�*
0U�V �
��O �*
JI6U�V�SÕVfÙFQT
JI â ÿ���O*�!M(V�KNM!��ÝNO�
LSTÝ�O�
JI¯I!Q � ÒLST
JI=��O*��
LK�M"K�HJÒJ
JI�I V�QR��
JI G ��O*�¯V�ÒJÒJ
 G M�
L��SÕVÀKnV�M!O*��
�
ÚÙ	M!�(V.	
U�V�SÕV�ÒLM!QTÝNO�
¯�*
¯ÒJ
L�!M(V�QRK�
JI¢�*
"ÒJ
JI¢I���O*��ÒJ
JI â�C KsÏ¾Ð�Ó�Ó�� C ×9×-V�KNO�
LS��"V�KNM0V�Ô�V�QRM0�*H ±��9HL×9QTI�Sh� ä  G ��M ä�� I(

ÝNO�
"ÒJ
L�!M(V�QRK�I0��P	±�
LM�I G ��O*Ô�V�QT
LK�M�+LM!��
"�*
JI������������������ �����B
ÚÙFM�HL�!QT
LO*��I=��K���M!��
6U�V�SÕVfÙ	QT
 ânÛ V�QTI¢V�Oì�*HLP*O*M
�	O 6�6 I!Q � ÒLST
4�°SÕVÃÒJ��×9×�O*KnV�O*M�HØV�I!M!��� G*ä  	I!QTÝNO�
 
JI!M�M���O�±���O*��I9�	QRÔFQTI�HJ
�I!O*��ST
�I!O�±!
LM â � K M�HLST
JI�ÒJ� G 

�*
<� â ÓÀ× �*
9�	QÕV�× � M!��
�QRKnV�O*U�O*��H-V�O Û ��K�M 	 QRSTI���K G 
L�!×�
LM0� C � �BQRK A O*P*P*ST
9������P�I�
L�!ÔÍ
L�¯�*
JI¯ÒJH�	
G*ä HLQT�*
JI®��V�K�I¢SÕV �!�"��
 ����
����$#&% '(�)#*�,+*-/.,#0� �+ÒJ
¯ÝNO*Q'SÕV���
 G ��O�I�I(
�V�Oì�*
LS �<�*
JI7������KNM!Q � ��
JI0ÒJ��K*KNO�
JI®�*

K���M!��
ñU�V�SÕVfÙ	QT
 â Ö7
LM���P	±!
LMl
ÚÙ	M!�(V�U�V�SÕV�ÒLM!QTÝNO�
5
JI!M^ÒJ��K*K�O-�*
 G O*QTI^I(��O�IlST
EK���×Y�*
21 � � �	34�5�6#&% '(�)#*�,+*-/.,#0� â
ÿ�� � I5��� O*K I!Q � ÒLST
 G SRO�IñM(V���� �	ST
JIñU�V�SÕVfÙFQT
JIBI(��K�MB×9QT
LO	ÙÀÒJ��K*KNO�
JI!��ÒJ
 G 
LK���V�K�M5
LSRST
JIñ��
JI!M�
LKNM��*
JIB��P	±!
LM�I
P4
�V�O	Ù·×-V�QTI6QRK�M!�!QRU�V�KNM�I!��×���K�I!M!�!O�
LO	Ù·×-V�QTI¯�*HLSRQTÒ�V�M�I¯
LM�I!O�ÒLQRM�
LK�M"��
JÒ ä 
L��Ò ä 
ÀÒ�V��!M�HJI!QT
LK*K�
-
LM¯QR×-V�U�Q
	
KnV�M!QT��K âRâRâ ÿ^����PnV�P*ST
L×�
LKNM G V���ÒJ
�ÝNO2��
LSRST
JI¢U�V����*
LK�M6
LK�ÒJ����
¯O*K�
�SÕV��!UÍ
 G V��!M0�*
¯×0 	I!M � ��
<�n×0 	I!M � ��
b�*

ST
LO*�¢
ÚÙFQTI!M�
LK�ÒJ
4��×0 	I!M � ��
"�*
®ST
LO*�����!QRU�QRK�
4���*
®ST
LO*��HLÔÍ��SRO*M!QT��Kì
LM5�*
6ST
LO*�¢�*
LÔÍ
LK*QR� â

� V®�*HJÒJ��O*ÔÍ
L�!M�
��*
JIlU�V�SÕVfÙ	QT
JI^SRO*×9QRK�
LO�I�
JI�
LK9QRK����(V�����O*UÍ
5��V�K�IlSh� O*K*QRÔÍ
L��I¤ST�NÒ�V�S 
�� ÷ ï6D �FÏPO�
�� � G O*QTI
��V�K�I7Sh� O*K*QRÔÍ
L��Iñ�	QTI!M(V�KNM 
�� D ÑYÏPO�O�Ó�
LM D G QRM���
L�5����� / �EV6×���KNM!��H=��ÝNO�
LS G ��QRK�M7K���I7ÒJ��K*KnV�QTI(I(V�K�ÒJ
JIñI!O*�
Sh��HLÔÍ��SRO*M!QT��K �*
JIBU�V�SÕVfÙ	QT
JI�HLM(V�QT
LK�M5���(V�U�QRST
JI ânC SRST
¯V9V G*G ���!M�H6O*K�
®K���O*ÔÍ
LSRST
"ÔFQTI!QT��KÎI!O*�BSh��HLÔÍ��SRO*M!QT��K �*
JI
I�M!�!O�ÒLM!O*��
JIE
LM¤�*
JI¤U�V�SÕVfÙFQT
JIE��V�K�I�Sh� O*K*QRÔÍ
L��I â � S�
JI!M¤�*��K�Ò�ÒL�!O�ÒLQÕV�S+�*
B×9QT
LO	Ù�ÒJ��× G ��
LK��	��
¢ÒJ
JI¤U�V�SÕVfÙFQT
JI â
Û ��KsM!�(V�Ô�V�QRS7�*
9M ä�� I�
<I���
JI!M¯V��!M!QTÒLO*STH�V�O*M���O*���*
9Sh��HLM!O��*
À�*
�ÒJ
JI"U�V�SÕVfÙ	QT
JI ��O*K���
J�*I ä Q
��M¯ÔÍ��QTI!QRK �*

� â Ó.	(Ï âNï ÒJ
5��
J�*I ä Q
��M!���*
BM�
LSTI¤��P	±!
LM�I�I���KNM2±!
LO*K�
JI 
 Ó.	�
®×9QRSRSRQÕV����*I7��� V�K*K�HJ
JI�� % ï M!�(VJÔÍ
L��IESh� QR× G ���!M(V�K�ÒJ

�	O ����K�� �	Q3�4O�I5QRK����(V�����O*UÍ
"
LM5ST
JI5ÒJ��× G M(V�UÍ
JI¢�*
6U�V�SÕVfÙ	QT
JI5QRK����(V�����O*UÍ
JI!��ÒJ
JI5��P	±!
LM�I5I�
L×�P*ST
LK�M0��
 G ��H�	
I(
LK�M(V�M!Q
� I��*
®Sh� O*K*QRÔÍ
L��I=��ÒJ
LM!M�
"H G �FÝNO�
 â

� V9ÒJ��× G ��H ä 
LK�I!QT��KØ�*
6ÒJ
JI5U�V�SÕVfÙFQT
JIBK�HJÒJ
JI(I!QRM(V�K�M��*
JI¢V�SRST
L��I&	h��
LM���O*��I�ÒJ��K�I!M(V�KNM�I5
LK�M!��
 G ��O�I�I�Q � ��
4�
��
JI G ��K�I(V�P*ST
9�*
bSh��HL×9QTI�I�QT��K QRK����(V�����O*UÍ
��*
�ÒJ
JI®U�V�SÕVfÙ	QT
JI!�4HLM���QRST
JI&	hM!����O·K���QR�!�4��
 G ��K�I V�P*ST
JI6�	O�Ò ä V�O�� 	
�hV�UÍ
6�*
JI G ��O�I�I!Q � ��
JI(�N×���� G*ä ��ST��U�QT
�
LM G ��� G �!QTHLM�HJI��*
JI5U�V�SÕVfÙFQT
JI!��±L� V�Q'V��!M!QTÒLO*STH"ÒJ
®×-V�KNO�I�ÒL�!QRM¢
LK M!����QTI
G V��!M!QT
JI â°ï Ô�V�K�M�����
ÚÙ G ��I�
L�b×���KãM!�(V�Ô�V�QRSB�*
<M ä�� I�
4�n±�
<Ô�V�QTI G ��HJI�
LKNM�
L�9O*K�
<HLM!O��*
ÀUÍHLK�HL�(V�ST
��*
JIbU�V.	
SÕVfÙ	QT
JI2� M!�(VJÔÍ
L��I�ST
LO*��I"�	Q3�4HL��
LKNM�I�HLSTHL×�
LKNM�I�ÒJ��K�I�M!QRM!O*M!Q
��I 
 G �!QRK�ÒLQ G V�ST
L×�
LK�M9HLM���QRST
JI!�2U�V � � G ��O�I�I�Q � ��
JI
M!����O K���QR�¢
LM¢×-V�M!Q � ��
¯K���QR��
(��V�QRK�I!Q�ÝNO�
"ST
JI¢�*��×-V�QRK�
JI®�*
"ST��K*U�O�
LO*�®������K��*
bV�O	Ù*Ý�O�
LSTI�QRSTI¢I(��K�M0V�I(I�� 	
ÒLQTHJI â Ö7
JI G ��QRK�M�I0ÒJ��K�I!M!QRM!O�
L����KNM0ST
¯Ò ä V G QRM!��
 � 
LM0I�
L����K�M¢O*M!QRSRQTI�HJI G V��¢SÕV�I!O*QRM�
¯��V�K�I�ST
JI¢Ò ä V G QRM!��
 � Ü
��Ü � � â � K�
 G ��HJI�
LKNM(V�M!QT��K �*
JI0��P�I�
L�!Ô�V�M!QT��K�I¢
 ��
JÒLM!O�HJ
JI0I!O*�5ST
JI¢U�V�SÕVfÙFQT
JI�SRO*×9QRK�
LO�I�
JI®
LKÎQRK����(V�����O*UÍ

G 
L�!×�
LM!M!�(V��*
®×�
LM!M!��
¯
LKØHLÔNQT�*
LK�ÒJ
"ST
JI G ��� G �!QTHLM�HJI¢V�M  G QTÝNO�
JI��*
6ÒJ
JI5��P	±!
LM�I ä ����I�	hK����!×�
4�nV�QRK�I!Q'ÝNO�

ST
LO*�-QR× G ���!M(V�K�ÒJ
<� SÕV ����QTI�
LKyK���×�P*��
Ø
LM�
LKþM�
L�!×�
Ø����HLÔÍ��SRO*M!QT��K �*
JI9U�V�SÕVfÙ	QT
JI â Ö7
LM!M�
ÎHLM!O��*
Ø
JI!M
G ��HJI(
LK�M�HJ
"V�O�Ò ä V G QRM!��
 � � â � 
0�*
L�!K*QT
L�BÒ ä V G QRM!��
6�*
0ÒJ
LM!M�
 G V��!M!QT
0×�
 G 
L�!×�
LM!M!�(Vb�*
¢×9QT
LO	Ù G ��HJI�
LK�M�
L�
SÕV G ����P*STHL×-V�M!QTÝ�O�
��*
6ÒJ
LM!M�
"HLM!O��*
 â

� VyI�
JÒJ��K��*
 G V��!M!QT
ãV�P+�����*
L�(VySh��HLÔÍ��SRO*M!QT��Ka�*
ÃSh��HL×9QTI�I!QT��K QRK����(V�����O*UÍ
 �*
JI G ��O�I(I!Q � ��
JIØVJÔÍ
JÒ�ST




Q � � ���Z�	J ���
� �#� �

��
J�*I ä Q
��M â�� ��O�Il
JI�I V�QT
L����K�I^�*
EÔÍ��QR�^��V�K�IlÝNO�
LSRST
E×�
JI�O*��
7�*
JI°U�V�SÕVfÙ	QT
JI G SRO�I+±�
LO*K�
JI(� G SRO�Il�!QTÒ ä 
JI^
LKbU�V �
V�ÔÍ
JÒ G 
LO*M +LM!��
�×���QRK�IB�*
 G ��O�I(I!Q � ��
���O��*
JI G ��O�I�I�Q � ��
JIñV�O	Ù G ��� G �!QTHLM�HJIñO*K G 
LOÀ�	Q3��HL��
LK�M�
JIB��KNM7O*K�

HL×9QTI�I�QT��K QRK����(V�����O*UÍ
6ÝNO*Q2V¯Ô�V��!QTH â Ö7
LM!M�
6HLM!O��*
6I�
L�(Vb
 �4
JÒLM!O�HJ
'� G V��!M!QR�5�*
®�	QTI!M!�!QRP*O*M!QT��K�I5I G 
JÒLM!�(V�ST
JI
����HLK�
L�!U�QT
ñÒ�V�SRQRP*��HJ
JI°I!O*�'Sh� O*K*QRÔÍ
L��I°ST�FÒ�V�S �¾
LM��*HLM(V�QRSRSTHJ
JI^V�O�Ò ä V G QRM!��
 � Ü â � 
¤Ò ä V G QRM!��
7Ü G ��HJI�
LKNM�
L�(V�O*K�

ÒJ��× G V��(V�QTI���K<�	QR��
JÒLM�
B
LK�M!��
5�	QTI!M!�!QRP*O*M!QT��K�I¤I G 
JÒLM!�(V�ST
JI^����HLK�
L�!U�QT
4�ÍU�V�SÕVfÙFQT
JI^SRO*×9QRK�
LO�I(
JI�
LK�QRK����(V�����O*UÍ

ST�FÒ�V�ST
JI5
LM��	QTI!M(V�KNM�
JI â

C K 
 K SÕVØM!����QTI!Q � ×�
 G V��!M!QT
�V�P4�����*
L�(VÎO*K�
ÀHLM!O��*
 G SRO�I G ��HJÒLQTI�
<�	O ×�HJÒ�V�K*QTI!×�
<��
JI G ��K�I(V�P*ST
-�*

Sh��HL×9QTI�I�QT��K��*
JI G ��O�I�I�Q � ��
JI â � 
JI'U�V�SÕVfÙFQT
JI°HLM!O��	QTHJ
JI�I(��K�M'��
 G ��HJI(
LK�M(V�M!QRÔÍ
JI^����
LK�ÔFQR����K9
��7; �*
JI'U�V�SÕVfÙFQT
JI
�*HLM�
JÒLM�HJ
JI��ÎÏ�Ó µ × G V�� � D Ñ6Ö ï0Û �n
LSRST
JI0I!O*P*QTI�I�
LKNM�O*K�
01�V�×¯P4HJ
��*
'�����!×-V�M!QT��KÃI!M�
LSRSÕV�QR��
 â � ��HLM!O��*

�*
�Sh� ä QTI!M���QR��
 G V�I�I�HJ
��*
¯SÕV3�����!×-V�M!QT��K·I!M�
LSRSÕV�QR��
��*
bÒJ
JI¢��P	±!
LM�I0Ô�V�K���O�I G 
L�!×�
LM!M!��
��*
bÝ�OnV�KNM!Q 
 
L�0SÕV
1�V�×�P+HJ
®�*
7�����!×-V�M!QT��K I!M�
LSRSÕV�QR��
=�"SÕV'� ��QTIE
LKÀM�
L�!×�
¢�*
0�	O*��HJ
0�*
¢ÒJ
LM!M�
 G*ä V�I�
®V�QRK�I!Q4Ý�O�
¢�*
¢ÝNOnV�K�M!QRM�H
����HLM���QRST
JI=� ���!×�HJ
JI â � 
�Ò ä V G QRM!��
9Ü � V�P+�����*
bST
JI6�	QRÔÍ
L��I�
JI"×-V�K*Q � ��
JI"����HLM!O��	QT
L�6Sh� ä QTI!M���QR��
 G V�I�I�HJ
9�*
JI�$� ÷ ü I â � 
�Ò ä V G QRM!��
¢Ü � � �*HLM(V�QRSRST
5ÒJ��×9×�
LK�M7QRS�
JI!M G ��I�I!QRP*ST
B�*
�Ý�OnV�KNM!Q 
 
L�EÒJ
LM!M�
 G*ä V�I�
��*
������!×-V�M!QT��K
I!M�
LSRSÕV�QR��
"QRK�M�
LK�I�
 â



� � � � � ��� � �

� SB
JI!M9�	Q��-ÒLQRST
 �*
"� V�QR��
��*
ÀSh� V�I!M!��� G*ä  FI!QTÝNO�
 
LM9�*
À��HJ�	QRUÍ
L�9O*K�
<M ä�� I(
 I(V�K�IbO*M!QRSRQTI�
L�9O*K U��(V�K��
K���×�P*��
"��� V�P*��HLÔFQÕV�M!QT��K�I â ÿlV��&����QTIBSh� V�S G*ä V�P4
LMBK�
®I!O���M!�*��K��(Vf±���O*M�
6�*
JIB
ÚÙ G ��I(V�K�M�I!�*�*
JIñQRK��	QTÒJ
JI(�*�*
JI
ST
LM!M!��
JI®U���
JÒJÝNO�
JI âRâRâ Ö0��
JI!M0O*K G 
LO �hV�I!M!QT�	QT
LO	Ù G ��O*�0ST
"ST
JÒLM�
LO*� â4ï O SRQT
LOÃ�*
��*H 
 K*QR�®M���O*M�
JI0ST
JI0K���M(V.	
M!QT��K�I G V�I � G V�I!�L±J� V�Qn�*HJÒLQT�*H0�*
BST
JI G ��HJI�
LKNM�
L�EM���O*M�
JI7
LK-×3+L×�
�M�
L× G I¤QTÒLQ���V�K�IEÒJ
5Ò ä V G QRM!��
¢ÝNO�
LSTÝNO�

G 
LO PnV��!PnV���
 â Ö7
LM!M�
À×�HLM ä �N�*
 G ��HJI�
LKNM�
�Sh� VJÔ�V�K�M(V�UÍ
Î�*
 G 
L�!×�
LM!M!��
À�*
ÀÔÍHL�!Q 
 
L�-V�I�I(
 �<ÔFQRM�
�Ò ä V�ÝNO�

I  N×�P+��ST
4�*K���M(V�M!QT��K ��OÎ�*H 
 K*QRM!QT��K â
� ��� ���
	 ���(�)+�� �����5+*� � � +*�
�
����� �6� ��� ��� �
��� # �*� ��� +*
�� ��� - �*��
���� ������� �*
�������
 �!� #���� ��������+4� � +�� ���
� �����
� �,# +4���!� ��� �*� � � ��
���� � ���

� � � ��������� � � ��
"!2�p
 � ��� �	�$#&%�' � �p�)(�
*!�

���,+ ���.-/-/-

• 0�1 24365*798:5*;=<>79?A@*7CB�D
B�E�F:5*DGE�5*E�7�H�7IH�E�<J@>5*E�F:K:@>E�LG?M<N<>8O7�PQ@*5*DGB�7�<)H:7R2SD�B�7�T9U)V�W�XY ZG[G[:\�]Q^ 2SD�B�7�_`3a7=B�LbK Y ZG[G[bZb]Qc:d B�B�7�7�</@
8M5>;�<J7=?b@*;97&7=?eH�;f@"D�E�BgH:DG?M<aB�D<J7�PQ@*E�Lb?ih cjZ�c
• 	lk m d 5>7=8:5*;=<>79?A@>7nB�DoB�E�F:5"D�E�5>E�7pH�7�H�E�<J@>5*E�F:K:@>E�LG?M<4<J8q7=Pf@>5"D�B�7=<aH.r ;9?M795*sGE�7nH:7mCt D�5*up_ d B�FMD�v Y ZG[G[M\ D ]fc9d B�B�7�7�</@,8:5*;=<>79?A@>;=7w7=?�H�;9@*D�E�B�H:D�?O<
B�D4<>7=Pf@>E�LG?h cjZ�c
• xw0zy {
24|}5*798:5*;=<>79?A@>7
B�D�B�E�F:5"D�E�5>E�74H�7SH�E�</@*5>E�F:K�@*E�Lb?~<J8q7=Pf@>5"D�B�74H.r ;9?M795*sGE�7
{
D��sbDbP t 7�T9U�V�W�X Y�Z�[b[G�:^:ZG[G[ h ]Qc�d B�B�7p7�</@a8M5>;�<J7=?b@*;97n79?�H�;9@*D�E�B
H:DG?M<RB�Dz<>7=Pf�@>E�LG?�h cjZ

� ��� ���0� ��� � �����p�G� �>�������T�p�)( 
"!�

���,+ ����-/-/-

• LIR � L� � {�K:��E�?:Lb<>E�@>;�E�?���5"D�5*LGK:sb7&H.r K:?:7�sAD�B�D���E�7&79?A@>5*7��o79@ \�[G[b[
µ � cqd B�B�7�7=<J@P9DGB�P9K:B�;=7�H�7�H�7=K�����DG?:E��95*7=<���<>LGE�@47=?�E�?A@>;9sb5*DG?A@
B�7z<J8q7=Pf@>5*7zH:7�B�D~sAD��B�D���E�7 ^ <JLbE�@o7=?�K�@>E�B�E�<*D�?A@�B�D���Lb5>��K:B�7eH:7���D�?MH:795"<o_���E�5"D�Fq79B YJ\=�G�b�b]

<JKME���D�?A@*7z�
LIR � �

×10−3
YJ\=�M\Gc¡ ��

L12(L�) ¢ \�Z��
L25(L�) ¢ \�£ h c � L60(L�)¢ \=[b[

L100(L�)
]Qc

• LFIR � L� � {�K:��E�?:Lb<>E�@>;�H:D�?M<�B�7¤H�Lb�oD�E�?:7�H�7¤B�r E�?���5"D�5*LGK:sb7~B�LGE�?b@"D�E�?¥79?A@*5>7�h [ 79@£�[b[
µ � c�d B�B�7p7=<J@aP9DGB�P9K:B�;=7n79?¤E�?A@>;=sG5"D�?A@RB�7&<>8O7�PQ@*5>7nLGK¤8MDG5�B�D���LG5*��K:B�7H�7���DG?MH�795"<R_¦�eE�5"D�Fq79B YJ\=�G�b�b] <JKME���D�?A@*7z�

LIR � �:c¡ 
×10−3

Y/\�£ h c � L60(L�

] ¢ \�[G[
L100(L�)

]fc

§J¨)©aª«©*¬J­S®¡©I¯Q­9ªC°�±=²b¬
L7 ³ L12

©*´
L15 µ ­=¶Aªl®¡©I¯J·�­=°b¸j´«¬/©R¹4º



a ��� � 	�� �#� � �

� � � ���0� ��� � ���j�}�	�	�>�������.�}�g(�
"!�

���)+	��� ���
νLν

-/-J-
• L7



L�

��� {
K:��E�?MLb<>E�@*;&H:D�?M<RB�DzFMD�?OH�7 � ��� m�� � {�� Z P979?A@>5*;97
	  
µ � c

• L12


L�

��� {
K:��E�?MLb<>E�@*;&H:D�?M<RB�DzFMD�?OH�7 ��
 � ��	 \�Z
µ � c

•L15


L�

� {
K:��E�?MLb<>E�@*;&H:D�?M<RB�DzFMD�?OH�7 � ��� m�� � {�� � P979?A@>5*;97 \�£
µ � c

•L24


L�

� {
K:��E�?MLb<>E�@*;&H:D�?M<RB�DzFMD�?OH�7p� � |C��Pf7=?A@>5*;97 Z h µ � c
• L60



L�

� {
K:��E�?MLb<>E�@*;&H:D�?M<RB�DzFMD�?OH�7 ��
 � �¤Pf7=?A@>5*;97
	 �G[
µ � c

•L100


L�

� {
K:��E�?MLb<>E�@*;&H:D�?M<RB�DzFMD�?OH�7 ��
 � �¤Pf7=?A@>5*;97
	 \=[G[
µ � c

•L850


L�

� {
K:��E�?MLb<>E�@*;&H:D�?M<RB�DzFMD�?OH�7&� m������ Pf7=?A@>5*;97p� £G[
µ � c

��� ­9¶Aªp®¡©o¯>·A­=°b¸¡´«¬/©�¹ ³ ©"®¡®¡©oª«©*¬J­�­9ª«ª«±�¯"¸��"©���®�­¤®¡²��p¸¡¶A±=ª«¸j´�����´«¬J­���©*¬/ªS®�©� A®j´«¬/©
!#"�$ ¨&%�')(�*,+S¯"©*¶�´«¬���ª«²b¬-�/.Gº 0�1

µ
��º

2 � ­9¶Aªp®¡©o¯>·A­=°b¸¡´«¬/©�¹ ³ ©"®¡®¡©oª«©*¬J­�­9ª«ª«±�¯"¸��"©���®�­¤®¡²��p¸¡¶A±=ª«¸j´�����´«¬J­���©*¬/ªS®�©� A®j´«¬/©
' !435" �
+76

µ
�$¯*©"¶�´«¬��Rª«²b¬-�98�+

µ
��º

: � � ���-; ���D�	� �k��� � �"�<;F
 �
• 0 � y/=?> DGF:5>;=��E�D�@>E�LG?
@AK:EG5*798:5*;=<>79?A@*7)B�7l��L�H��9B�7wH�7C2
7�<J7=5J@ ^ � LGK:B�D�?MsG795�_ |lK:sb7f@\��G�b[:c

� �k
 
*� ��!	������� � �w!E� �����D�k�I��!2�p� �j� � �4Ap�}�g(�
"!�
'�0�)+ � � �CB ��� �c���#���}�A��!2�p�a-
LIR(L�) = 11.1+5.5

−3.7 × L0.998
15 . Ö ä V��� 9 C SRPnV � 
 �����	Ï(�

LIR = 0.89+0.38
−0.27 × L1.094

12 . Ö ä V��� 9 C SRPnV � 
 �����	Ï(�

LIR(L�) = 4.37+2.35
−2.13 × L1.62

6.7 × 10−6. Ö ä V��� 9 C SRPnV � 
 �����	Ï(�
D � ÷ 


M�yr
−1 ��- Ï â ÐFÏ ×10−10LIR



L�

� â �6
LK*K*QTÒLO*M!M 
 ÏPO�O�
 �
LIR(L�) - Ï â O	Ï 
 ± � â Ï¾Ð4� LFIR.

D ��Q
��
L�¢
LM�V�S â � 
 ÏPO�O	Ï(�



� ����� ���	��� 
��
�������

� ��� ��������������� ����� ���
���������	�  � � 





���������
	���
 �

� �0� � � � � � � ��� � � � � � � � ��� ��� �

#0�I� ��!k�}
 �
����� ���
���������  !�"��#�$&%('�#�)+*�,�-",/.0� )��1�1�1�2�1�2�1�1�1�1�1�2�1�2�1�1�1�1�1�2�1�2�1�1� 3\bc�\bc�\ {�7=<R;9@>LbE�B�7=< cncpcncpcpcncpcScpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc  \bc�\bc Z {�7n��E�B�E�7=K � ?b@*795"</@*79B�B�DGE�5*7 cScpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc �\bc�\bc � {
Dz�oD�@>E��95*754aLbE�5*7 cpcncpcScpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc \ �\bc�\bc h {�7S@>5*LGK¤?:LGE�5aPf7=?A@>5"D�B cpcScpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc \��
���76 8
 �'�$�)9��':-  !� ;<-=�
#0*�'�)0'�>?�@$A%=�
#�$�)B$�)C�5*�,�-",/./�")C�D�1�1�2�1�2�1�1�1�1�1�2�1�2�1�1� �/E\bc Z:c�\ 2
Lb��DGE�?M7nH:7=<GF cpcpcncpcScpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc \��\bc Z:c Z 2
Lb��DGE�?M7SKMB�@*5*D���E�LGB�7f@ cpcScpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc ZG[\bc Z:c � 2
Lb��DGE�?M7S��E�<JE�F:B�7p_ 8:5*L�P t 7nE�?���5"D�5*LGKMsG7 cpcncpcpcScpcncpcncpcncpcpcncpcScpc Z:\\bc Z:c h 2
Lb��DGE�?M7nH:7pB r E�?:��5*DG5>LbK:sG74�zL�ub79? cncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc ZbZ\bc Z:c £ 2
Lb��DGE�?M7nH:7pB r E�?:��5*DG5>LbK:sG74B�LbE�?A@*DGE�?�_ <JK:FM�zE�B�B�E���;f@>5*E @bKM7 cpcncpcpcncpcScpc ZG�\bc Z:c � 2
Lb��DGE�?M7S5"DGH:E�L cpcpcncpcScpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc ZG�
���7H IJ�/><��K��
-"��*
� )�$:)L�5*�,�-",/./� )L�M�1�1�1�1�2�1�2�1�1�1�1�1�2�1�2�1�1�1�1�1�2�1�2�1�1� 6:H\bc �Mc�\ {�7=<RsAD�B�D���E�7=<C79B�B�E�8�@>E @AK:7=< cScpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc Z h\bc �Mc Z {�7=<RsAD�B�D���E�7=<�<J8:E�5"D�B�7=< cpcScpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc ZG�\bc �Mc � {�7=<RsAD�B�D���E�7=<CE�5*5>;=sGK:B�E�795*7=< cpcncpcpcncpcncpcncpcpcScpcncpcncpcncpcpcncpcScpc ZA 
���=N O�#0 P)0>Q,0RS !�"�
#�$:)�*�,�-",/./�")C�UTV8
W/��-7'� X�=�
#�$:)L�Y�Z�0>[�
K���-"�:*
� )C�S�\�1�1�1�1�2�1�2�1�1� 6:]

^ - ^ � �I� �k� �"�#���3���g� A}�E� � +l! ��!`_�� �
� | � | � � ��� � �U� �zL � �

� 
JI¤HLM���QRST
JI �����!×�
LKNM¤SÕV®×-Vf±!
LO*��
 G V��!M!QT
��*
5SÕV®×-V�M!Q � ��
�ÔNQTI!QRP*ST
���� O*K�
BU�V�SÕVfÙFQT
 âNC SRST
JI¤��KNMEHLM�H5ÒLSÕV�I�	
I(HJ
JIB
LKÀM  G 
6I G 
JÒLM!�(V�S�
LK O*M!QRSRQTI(V�K�MBST
JIñ�(V�QT
JI5
LKÎV�P�I���� G M!QT��K G ��HJI�
LK�M�
JI5��V�K�IñST
JIBI G 
JÒLM!��
JIBI!M�
LSRSÕV�QR��
JI â
Ö7
JI0�(V�QT
JI®I���KNM G ���F�	O*QRM�
JI®��V�K�I0ST
JI®V�M!×���I G*ä�� ��
JI6�*
JI0HLM���QRST
JI®I!O*QRÔ�V�K�M®SÕV-M�
L× G HL�(V�M!O*��
��	OÃ×9QRSRQT
LOy�
G ��O*�®ST
JI®HLM���QRST
JI®M!� � I0Ò ä V�O��*
JI!�4ST
JI0×�HLM(V�O	Ù I���KNM������!M�
L×�
LKNM6QT��K*QTI�HJI®
LM0K�
 G ���F�	O*QTI�
LK�M"ÝNO�
 G 
LOÃ�*

�(V�QT
JI9
LKþV�P�I���� G M!QT��K â¤ê � I�ÝNO�
ÀSÕVØM�
L× G HL�(V�M!O*��
Î�	QR×9QRKNO�
4�lST
JI�×�HLM(V�O	Ù I�
<��
JÒJ��×¯P*QRK�
LKNM<
LM9ÒL��HJ
LK�M
�*
JI¯�(V�QT
JI¯
LK V�P�I���� G M!QT��K 
LK V��!� +LM(V�KNMb�*
JI G*ä ��M���K�I���V�K�I¯Sh� V�M!×���I G*ä�� ��
-�*
-Sh��HLM���QRST
 â Ö ä V�ÝNO�
9M, G 

I G 
JÒLM!�(V�SE�(V�I�I�
L×¯P*ST
<ST
JI¯HLM���QRST
JI G ��HJI�
LKNM(V�K�M�ST
JI"×3+L×�
JIbI� 	I!M � ×�
JI¯�*
-�(V�QT
JI¯
LKãV�P�I(��� G M!QT��K$��Ò���
JI!M �
�	QR��
¯�*
6×3+L×�
6M�
L× G HL�(V�M!O*��
¯ÒJ��×9×�
6ST
®×���KNM!��
"ST
6M(V�P*ST
�V�OsÏ â Ï â� 
JIñHLM���QRST
JI¤KnV�QTI�I(
LK�M G �!QRK�ÒLQ G V�ST
L×�
LK�M�
LK�V�×-V�I 

	 QRSTI���K ��� �����	����� / �ba ä V�K*U ��� �����	�����	Ï4� � �!QRM���
�	
Ô ânï SRÔÍ
LK�I!ST
LP4
LKãÏPO�O�
�� G ��O*�0SÕV9U�V�SÕVfÙ	QT
b�*
JI ï K�M�
LK*K�
JI G V��¢
ÚÙ*
L× G ST
 â � � G V��!QR�®�*
JI�KNOnV�UÍ
JI¢×���STHJÒLO�	
SÕV�QR��
JI(�2U��(V�K��*
JI�I!M!�!O�ÒLM!O*��
JIbÒJ��× G ��I�HJ
JIb�*
�U�V �À
LM��*
 G ��O�I�I!Q � ��
�� O*K�
-M�
L× G HL�(V�M!O*��
À�*
ØÏ�Ó.	 / � � â
D O*QRM�
���O*K�
 G 
L�!M!O*�!PnV�M!QT��KÎ
ÚÙ	M�HL�!QT
LO*��
6ÒJ��×9×�
0O*K�
0��K��*
®�*
0Ò ä �FÒ®ÒL��HJHJ
 G V��ñO*K�
®I!O G 
L�!K���Ô�V��FSh����K��*

�*
��*
LK�I!QRM�H��*
JI0P*�(V�I®I G QR�(V�O	Ù ��O O*K�
bQRK�M�
L�(V�ÒLM!QT��KsV�ÔÍ
JÒ�O*K�
¯U�V�SÕVfÙ	QT
bÔÍ��QTI!QRK�
4�4ÒJ
L�!M(V�QRK�
JI G V��!M!QT
JI6�	O



� I ��� � ��� ��	 � �#� �TJ ���;K 	WL 	�M ��� �

M  G 
"I G 
JÒLM!�(V�S @ 
L× G HL�(V�M!O*��
 �	O*��HJ
¯�*
®ÔNQT
 ×-V�I�I(
 � O*×9QRK���I!QRM�H
� 106 V�K�I M� L�

��Ó ��������� Ï / � �
105

ø � ��
������ Ï�� Ï � Ï â � 104

ø Ó Ï�Ó�Ó���� Ï���� � â Ó � ���
ï � OÍÐ���� Ó���� /	â � � �
ï Ó 
	Ï���� Ï������ � â Ï ���� � Ðf����� ������� Ï â Ð�Ó �
� Ó � Ó���� ������� Ï â ��Ó /
ü � � ����� Ï�������� Ï â � � Ï â#/
ü Ó Ó������ Ï�Ó������ � â O�� � â 

�"� �NÐ���� ��������� � â 
�� � â �
�"Ó ������� / ������� � â � O � â Ï
Û � / Ó���� Ð�Ó������ � â ��
 � â ���
Û Ó ��
���� ����������� � â ��� � â ���	Ï

� à�í��nÏ â Ï���ÿ^��HJI�
LK�M(V�M!QT��K��*
JI G ��� G �!QTHLM�HJIE�*
JI¤�	Q3��HL��
LK�M�
JI¤HLM���QRST
JIE
LK ����K�ÒLM!QT��K<�*
BST
LO*��M, G 
BI G 
JÒLM!�(V�S â

KNOnV�UÍ
"ÔÍ��K�M¢ÒJ��×9×�
LK�ÒJ
L���9I���
 ����K��	��
L� â�ê 
JI5HLM���QRST
JIBÔÍ��KNM�KnV��TM!��
 â

� 
JI�HLM���QRST
JI��*
9×-V�I�I�
9QRKNM�
L�!×�HJ�	QÕV�QR��
 
 � ≤ Û ≤ 
 M�
�0ÔÍ��KNM�I�
������!×�
L�2� M!�(VJÔÍ
L��IbM!����QTI"U��(V�K��*
JI

G*ä V�I�
JI�I!O�ÒJÒJ
JI�I!QRÔÍ
JI 
 ï K��	��H¯��������� ï K��	��
 ��� � � �'ÏPO�O / �®�
� K�
ØÒLSÕV�I(I!Q 
 Ò�V�M!QT��K{VsHLM�HØHLM(V�P*SRQT
 G ��O*�<ST
JI"±!
LO*K�
JIÀHLM���QRST
JI â Ö7
LM!M�
 Ò�V�I�I!Q 
 Ò�V�M!QT��K{I�
�� ��K��*
ìI�O*�

Sh��
ÚÙ*Ò � IE�*
5�(V  Í��K*K�
L×�
LK�MBQRK����(V�����O*UÍ
 
�� ÷=�°�*
¢�0��Ï����6×9QTÒL����K�I7�*
JIE��P	±!
LM�I�±!
LO*K�
JI â � ��
ÚÙ	ÒJHJI � ÷ HLM(V�K�M
��
LSRQTH4���*
Î×-V�K*Q � ��
ÎÝ�OnV�SRQRM(V�M!QRÔÍ
ìV�Oþ×���QRK�I!� �ÃSÕVÃÝNOnV�K�M!QRM�Hì�*
 G ��O�I�I�Q � ��
 ÒLQR��ÒLO*×�I!M�
LSRSÕV�QR��
Ø
LM"� ST
LO*�
�	QTI!M!�!QRP*O*M!QT��K I G V�M!QÕV�ST
4��ÒJ
LM!M�
"ÒLSÕV�I(I!Q 
 Ò�V�M!QT��KØI�� QRKNM�
L� G � � M�
�ÒJ��×9×�
6O*K�
¯I�HJÝ�O�
LK�ÒJ
6HLÔÍ��SRO*M!QRÔÍ
<�

� � ����� �����¤�)� ����� � �
� �*� � ����SÕV �����!×-V�M!QT��Kþ����HLM���QRST
JI9�*HLP*O*M�
 G V���SÕV ���(V�U�×�
LKNM(V�M!QT��K ��� O*K K�OnV�UÍ
 â
D ��O�I5Sh��
 ��
LM���� O*K�
 G 
L�!M!O*�!PnV�M!QT��K 
ÚÙ	M�HL�!QT
LO*��
4��ST
¯ÒJ�N
LO*�5Ô�V9I���
 ����K��	��
L�¢�*
"×-V�K*Q � ��
"QTI���M ä 
L�!×�

G O*QTI¤V��	QÕV�PnV�M!QTÝ�O�
 â � K9
L×¯P*�� Í��KÀI!M�
LSRSÕV�QR��
5V G*G V��(V��TM â ÿ°
LK���V�K�M7ÒJ
LM!M�
 G*ä V�I�
4��O*K�
BHL×9QTI�I!QT��K�I�
L�(V
G ���N�	O*QRM�
"��V�K�I5ST
"�*��×-V�QRK�
"�(V��	QT��
LMB×9QTÒL��� 	 ��K��*
 â

� � �4��� �������)�,+�� +���� � � � �*���,�7�¾Sh��
L×¯P*�� Í��K�I!M�
LSRSÕV�QR��
ñV�ÒJÒL� � M�
ñ�*
�SÕV�×-V�M!Q � ��
7
LKNÔNQR����K*KnV�KNM�
 â � 
JIl��P	±�
LM�I
I���K�M G ��� � ��K��*HL×�
LK�M�
LK�� ��O*QTIB��V�K�IñST
JIñK�OnV�UÍ
JI5×���STHJÒLO*SÕV�QR��
JI¯�FQRSTIñK�
®I���K�MBÔFQTI!QRP*ST
JIñÝ�O2�#� G V��!M!QR�
�*
�Sh��HL×9QTI�I!QT��Ks�*
JI G ��O�I�I!Q � ��
JI¯Ý�O*Q^ST
JI�
LK�M���O*��
LK�MÀ�2
LSRST
JI"I���KNM¯Ò ä V�O,��HJ
JI2�ÀO*K�
�M�
L× G HL�(V�M!O*��

����
LK�ÔFQR����K Ó���� Ï���� �Y
LM G ���F�	O*QTI�
LKNM�O*K �(V  Í��K*K�
L×�
LKNM"V�O*M���O*���*
9Ï���� µ × â

� � ���	� ���	���)� ��� �	��
 
����g� ���)�����g� ��� �����b��V�O·ÒJ��O*��I6�*
bÒJ
LM!M�
 G*ä V�I�
4�+Sh��HLM���QRST
9I�
bÒJ��K�M!�(V�ÒLM�
-�*
�×-V.	
K*Q � ��
�ÝNOnV�I!QTI!M(V�M!QTÝNO�
 âÍï O-P+��O*M¤�*
�Ý�O�
LSTÝNO�
JI�×9QRSRSRQT��K�I7��� V�K*K�HJ
JI!�ÍO*K�
5U��(V�K��*
 G V��!M!QT
��	O<�	QTI�Ý�O�

ÒLQR��ÒLO*×�I!M�
LSRSÕV�QR��
 
 I V�K�I5�*��O*M�
 G ����M�� 	 G SÕV�K�HLM(V�QR��
(�0V9HLM�H"H ±!
JÒLM�HJ
¯
LM�SÕV�M���O*M�
"K���O*ÔÍ
LSRST
�HLM���QRST
"Ô�V
�*
LÔÍ
LK*QR���	QR��
JÒLM�
L×�
LKNM9ÔNQTI�QRP*ST
<
LK � G M!QTÝ�O�
 âlC SRST
�
JI!M9V�ST����I9V G*G 
LSTHJ
 @ 	 @ V�O*�!Q â � K�
 G V��!M!QT
À�	O
U�V �¯Ý�O*Q���
JI�M�
"V�O*M���O*��
JI!M G QTHLUÍHJ
"
LM5Ô�V�HL×�
LM!M!��
"��V�K�IBST
¯�*��×-V�QRK�
"�*
JIB�(V  Í��K�I 6bâ Ö7
JI¢��P	±�
LM�I
K�
 G ��HJI�
LKNM�
LK�M G SRO�Iñ����
ÚÙ*ÒJHJIEQRK����(V�����O*UÍ
0QR× G ���!M(V�KNM5
LMEÔÍ��KNMñP*QT
LK�M
	�M5�*HJÒLST
LK�Ò ä 
L�BST
JI7��H�V�ÒLM!QT��K�I
K�O�ÒLSTH�V�QR��
JI0Ý�O*Q�ST
JI � 
L����K�M¢
LK�M!��
L�¢I�O*�BSÕV9I�HJÝNO�
LK�ÒJ
 G �!QRK�ÒLQ G V�ST
 â

ÿ°��O*�7ST
JI�HLM���QRST
JI G SRO�I¤×-V�I�I!QRÔÍ
JI!�ÍST
JI�ÒJ��K*KnV�QTI�I(V�K�ÒJ
JI7I���K�M¤P+
�V�O�ÒJ��O G ×���QRK�IEVJÔ�V�K�ÒJHJ
JI0�Í��K�K�
5I(V��TM
G V�I°M!� � I°P*QT
LKbÒJ��×9×�
LKNM�
LSRST
JIlI�
 � ���!×�
LK�M â ÿ^SRO�I!QT
LO*��I ä  G ��M ä�� I�
JIlI���KNM°HLÔÍ�FÝ�O�HJ
JIl�*��KNM°SÕV¢ÒJ�ÍV�ST
JI�ÒJ
LK�ÒJ

�*
 G SRO�I�QT
LO*��I G ����M��NHLM���QRST
JI(��×-V�QTI5ÒJ
JI G*ä V�I(
JI�����HLÔÍ��SRO*M!QT��KØK�
6I(��K�M G V�I5
LK�ÒJ����
�ÒLSÕV�QR��
L×�
LK�M0�*H 
 K*QT
JI â

ê � I-ST����I!�^ST
JI�HLM���QRST
JIÀV��!�!QRÔÍ
LK�M�I!O*��SÕVÃI�HJÝNO�
LK�ÒJ
 G �!QRK�ÒLQ G V�ST
ì�	O �	QÕV�U��(V�×9×�
Ø�*
 A 
L�!M�I�� G �!O*K*U?	
÷�O�I�I�
LS�
LMEÔÍ��K�M� G V�I�I�
L�ESÕV"×-Vf±!
LO*��
 G V��!M!QT
0�*
5ST
LO*�7ÔFQT
 â�ï O<ÒJ��O*��Iñ�*
�ÒJ
LM!M�
 G*ä V�I�
4�F
LSRST
JI¤�(V! Í��K*K�
LK�M
G �!QRK�ÒLQ G V�ST
L×�
LKNM0��V�K�IBST
6�*��×-V�QRK�
 � Ü G ��O*�BST
JI G SRO�I5×-V�I�I!QRÔÍ
JI!�	ÔFQTI!QRP*ST
®
LM G ���NÒ ä 
6QRK����(V�����O*UÍ
 G ��O*�



� | � � � 	 �c� � ��� �#� �.JFy � � �VK 	BL 	�M ��� ~

SÕV G SRO G V��!M â� ����I�ÝNO2� O*K�
bHLM���QRST
9V-P*���*STH�Ï��"�À����; �*
bI���K ä  F�	����U � K�
4�4I���KÃÒJ�F
LO*�¢K�
 G 
LO*M G SRO�I0×-V�QRK�M�
LK*QR�
O*K�
 G ��
JI�I!QT��K �*
¯�(V��	QÕV�M!QT��KÃI!O��-I(V�KNM�
 G ��O*�¢I¾��� G*G ��I�
L���9Sh��
 ����K��	��
L×�
LK�M®U��(V�ÔNQRM(V�M!QT��K*K�
LS â�ê � I5ST����I(�
Sh��HLM���QRST
"V��!�!QRÔÍ
6
LK 
 K �*
0ÔFQT
 â � 
6ÒJ�N
LO*�ñÔ�V�I¾��
 �4��K��	��
L�5
LMB��V�K�I5ÒJ
L�!M(V�QRK�IBÒ�V�IB�*
®K���O*ÔÍ
LSRST
JIB��H�V�ÒLM!QT��K�I
KNO�ÒLSTH�V�QR��
JIñÔÍ��K�MBVJÔÍ��QR�7SRQT
LOÀI�QnSÕV6M�
L× G HL�(V�M!O*��
0
JI!MEI!O��-I V�K�M�
 â � 
JIñHLM���QRST
JIE�*
7� V�QRP*ST
�×-V�I�I�
�ÔÍ��K�M 
 K*QR�

LKØK�HLP*O*ST
LO�I�
 G SÕV�K�HLM(V�QR��
4��ST
LO*�¢ÒJ�N
LO*��
LK KnV�QRK�
"P*SÕV�K�Ò ä 
 â � 
JI G SRO�IB×-V�I�I�QRÔÍ
JI5
LKØI!O G 
L�!K���Ô�V�
 â

� | � | Q � � 	 �zL���� � � � � � ����� �,L3L 	�� � �
Û QRSRQT
LO ê 
LK�I!QRM�H @ 
L× G HL�(V�M!O*��


cm−3 �
ï M���×9QTÝNO�
 
 A � � 	 ������QT� ∼ ��Ó ∼ Ï����
ï M���×9QTÝNO�
 
 A � � 	hM!Q � �*
 ∼ � â ��Ó ∼ 
9�����
Û ��STHJÒLO*SÕV�QR��
 
 H2

� ≥ Ï¯����� ≤ Ï����� ��K*QTI�H�	���HLU�QT��K A � � Ï�	 104 ∼ Ï��9������ ��K*QTI�H�	 �	Q3�4O�I ∼ � â � / 
9������ ��K*QTI�H=	 Ò ä V�O�� �
10−3 Ó 105

� à�í���Ï â � �Øÿ^��HJI(
LK�M(V�M!QT��Ks�*
JI6�	Q3��HL��
LK�M�I"ÒJ��K�I�M!QRM!OnV�K�M�I¯�	OÃ×9QRSRQT
LO·QRKNM�
L��I!M�
LSRSÕV�QR��
��*
bK���M!��
 ü V�SÕVfÙ	QT

�� 
JÝ�O�
LO	ÙØ������� � â
� 
�×9QRSRQT
LOÀQRK�M�
L��I�M�
LSRSÕV�QR��
¢
JI!M G �!QRK�ÒLQ G V�ST
L×�
LK�M5ÒJ��K�I!M!QRM!O�H0�*
5U�V �0
LME�*
 G ��O�I�I�Q � ��
 â Ö7
JI7�*
LO	Ù-ÒJ��× 	

G ��I(V�KNM�
JI5I���K�MñP*�(V�I�I(HJ
JI G V��ñ�*
0U��(V�K��*IB×���O*ÔÍ
L×�
LKNM�I��*
0×-V�M!Q � ��
4�	UÍHLK�HL��HJI G V��B�	QRÔÍ
L��IB×�HJÒ�V�K*QTI!×�
JI
ÔFQT��ST
LK�M�IEÒJ��×9×�
5ST
JI^ÔÍ
LKNM�I¤�*
BI!O G 
L�!K���Ô�V�
4�ÍST
JI¤H ±�
JÒLM!QT��K�I��*
5×-V�M!Q � ��
5�*
JI¤HLM���QRST
JI4±!
LO*K�
JI âND Q*ST
5×9QRSRQT
LO
QRKNM�
L��I!M�
LSRSÕV�QR��
5K�
ñ��
 G ��HJI(
LK�M�
5ÝNO2� O*K�
ñ×-V�I�I�
7K�HLU�SRQRUÍ
�V�P*ST
5�*
JI^U�V�SÕVfÙ	QT
JI!� 
 � G 
LQRK�
5Ó=; �*
ñSÕV¢×-V�I�I(
B�*
JI
HLM���QRST
JI®��V�K�I�SÕV9K 	�M!��
(����QRS°V ��
JÒLM�
�� ���!M�
L×�
LK�M®ST
LO*��I G ��� G �!QTHLM�HJI6V�QRK�I!Q°
LM�ST
LO*�0�	QTI!M!�!QRP*O*M!QT��K ����HLK�
L�!U�QT

ÒJ��×9×�
�K���O�I®ST
�ÔÍ
L�!����K�I G V��6SÕV�I!O*QRM�
 G ��O*�0ST
JI"U�V�SÕVfÙFQT
JI®SRO*×9QRK�
LO�I�
JI�
LKÃQRK����(V�����O*UÍ
 â � S+±���O�
�V�O�I(I!Q
O*K �
	�ST
ØÒL�!O�ÒLQÕV�S0��V�K�I�Sh��HLÔÍ��SRO*M!QT��K{�*
JI-U�V�SÕVfÙ	QT
JI-
LKÇÒJ��K�M!�!QRP*OnV�K�M �ÃSÕV �����!×-V�M!QT��KÇ�*
ÎSÕVÃ×���STHJÒLO*ST

H2


 HLSTHL×�
LK�M G �!QR×������	QÕV�S ��SÕV�KnV�QTI�I(V�K�ÒJ
��*
���O*M!O*��
JI�UÍHLK�HL�(V�M!QT��K�I0����HLM���QRST
JI�����O<��SÕV�KnV�QTI�I(V�K�ÒJ
��*
JI
HLM���QRST
JI â� V�ÒJ��× G ��I�QRM!QT��Ks
LK·×-V�I�I�
��	O·×9QRSRQT
LO·QRK�M�
L��I�M�
LSRSÕV�QR��
-
JI!M6�*
-Ð�� % ��� ä  	�	����U � K�
4�'��
 ; ��� ä 
LSRQRO*×

LM®� ;«����HLSTHL×�
LKNM�I0ST��O*���*I0�*��KNM¢ST
�Ò�V��!P+��K�
4��Sh���JÙ� FU � K�
4�nST
¯×-V�U�K�HJI!QRO*× �nST
�I!QRSRQTÒLQRO*× ��ST
¯I���O�����
¯
LM¢ST

� 
L� 
�� 
JÝNO�
LO	ÙØ������� � â � 
6×9QRSRQT
LOÎQRKNM�
L��I!M�
LSRSÕV�QR��
b
JI!M5I���O*×9QTI�V�OÎ�(V! Í��K*K�
L×�
LK�M®�*
JI5HLM���QRST
JI�ÝNO*Q'V ��
JÒLM�

G ��� � ��K��*HL×�
LK�M6I(V�ÒJ��× G ��I!QRM!QT��KÃÒ ä QR×9QTÝNO�
"ST�FÒ�V�ST
¯
LKìQT��K*QTI(V�K�M®
LM � ��Oì�	QTI(I��NÒLQÕV�KNM¢ÒJ
L�!M(V�QRK�I0HLSTHL×�
LK�M�I â� Sn
JI!M¤V�O�I(I!QnI���O*×9QTI �6O*K-Ò ä V�× G ×-V�U�K�HLM!QTÝ�O�
¢�*
5Ý�O�
LSTÝNO�
JI�×9QTÒL��� 	 ü V�O�I�I 
 ø 
LS:9 � 
L���! ÎÏPO�
�O���÷0V�K��
9 �  FK�
<ÏPO�O����+÷¢V�K��<9 �®O*S ��V��!K*QñÏPO�
�O �5�*��KNM0Sh�����!QRU�QRK�
�K2��
JI!M G V�I�M!� � I¢P*QT
LKÃÒJ��K*K�O�
�
LM®V�O�ÝNO�
LS°ST
JI

JI G � ÒJ
JIBQT��K*QTI(HJ
JI5I���K�M¢I�
LK�I!QRP*ST
JI â � 
JI5�(V  Í��K�I�ÒJ��I�×9QTÝ�O�
JI¢ÒJ��× G ��I�HJI��*
 G V��!M!QTÒLO*ST
JI5��
LSÕV�M!QRÔFQTI!M�
JIBÔÍ��K�M
V�O�I(I!Q�QT��K*QTI�
L�5ST�FÒ�V�ST
L×�
LK�M¢ST
JIBU��(V�QRK�I�
LMBST
JIB×���STHJÒLO*ST
JI â

��� K 	���J � 	 �zL���� � � � � � � ��� �,L3L 	 � � �
� Sn
JI�M�ÒJ��× G ��I�H��*
BM!����QTI G*ä V�I�
JI¢� � �&�	� �*���(�5+*��� ��� � � � �&�	� �*��� ��� +*- � 
 
 �¤
LM � �&�	� ���	� - +����Q� 
 � �*� � � â� VÎM(V�P*ST
 Ï â �Ø�*HLM(V�QRSRST
-ST
JI G �!QRK�ÒLQ G V�ST
JI G ��� G �!QTHLM�HJI��*
-ÒJ
JIb�	Q3�4HL��
LKNM�
JI G*ä V�I(
JI â�C SRST
JI�I���KNMbI�O*�!M���O*M

�*H 
 K*QT
JI¢
LK ��H���HL��
LK�ÒJ
2�bSh� ä  	�	����U � K�
4�nÒJ��K�I!M!QRM!OnV�KNM�×-Vf±!���!QRM(V�QR��
"�	O ×9QRSRQT
LOÎQRK�M�
L��I�M�
LSRSÕV�QR��
 â � 
 - �
� � ��

�5+*��� ����
JI!M G �!QRK�ÒLQ G V�ST
L×�
LKNM5ÒJ��K�I!M!QRM!O�H���� V�M���×�
JI7��� ä  	�	����U � K�
0QT��K*QTI�HJI â � ��HLK�
L�!U�QT
¢×��! Í
LK*K�
®�*
JI G*ä � 	
M���K�I  À
JI!MBI!O G HL�!QT
LO*��
'�¯Sh��HLK�
L�!U�QT
6��� QT��K*QTI V�M!QT��KØ�*
0Sh� ä  	�	����U � K�
 � ÒJ
6Ý�O*Q4QR× G SRQTÝNO�
6Ý�O�
®� � IBÝNO�
 H+

I(
®��
JÒJ��×¯P*QRK�
�VJÔÍ
JÒ6O*KØHLST
JÒLM!����KìQRS2
JI!MBM!� � I5ÔFQRM�
®QT��K*QTI�H â�ê V�K�IBST
 - �
� �5��
 ����
q��� � �nSh��HLK�
L�!U�QT
"×��! Í
LK*K�

�*
JI G*ä ��M���K�IE
JI�M�QRK���HL�!QT
LO*��
��6Sh��HLK�
L�!U�QT
¢��� QT��K*QTI(V�M!QT��KÀ�*
JI7V�M���×�
JI¤��� ä  F�	����U � K�
®
LM¤I!O G HL�!QT
LO*��
 �"ÒJ
LSRST


§ 8���º .&© ¹4º



��� I ��� � ��� ��	 � �#� �TJ ���;K 	WL 	�M ��� �

�*
"�	QTI(I��NÒLQÕV�M!QT��Kì�*
 H2

� â � 
 - �
� � ��
�- +����Q� 
 � �*� � �¢
JI!M G �!QRK�ÒLQ G V�ST
L×�
LK�M6ÒJ��K�I!M!QRM!O�H��*
 H2

LM5Sh��HLK�
L�!U�QT


×��( Í
LK*K�
��*
JI G*ä ��M���K�I6K�
 G 
L�!×�
LM G SRO�I6I(VÀ�	QTI�I��FÒLQÕV�M!QT��K â Ö7
9I�Ò ä HL×-VÎI�
b��HLÔ � ST
9Ý�O�
LSTÝNO�
 G 
LO·I!QR× 	
G SRQTI!M�
®��V�K�IBSÕV�×�
JI!O*��
®�?>Î�*
JIB
JI G � ÒJ
JIñÒJ��×9×�
®ST
®Ò�V��!P+��K�
4�	ST
JIñ×�HLM(V�O	Ù ��O�ST
JIñU��(V�QRK�IB�*
 G ��O�I�I!Q � ��

K2����KNM G V�IñST
JIñ×3+L×�
JI5HLK�
L�!U�QT
JI5��� QT��K*QTI(V�M!QT��Kì��O��*
6�	QTI(I��NÒLQÕV�M!QT��K'%	
LSRST
JIBK�
 G 
LO*ÔÍ
LK�M�
ÚÙ	QTI!M�
L�ñQT��K*QTI�HJ
JI
��V�K�IñST
®×9QRSRQT
LO K�
LO*M!��
6��O�×���STHJÒLO*SÕV�QR��
 â�ê 
 G SRO�I!�FST
JIñ�(V  Í��K�I�ÒJ��I!×9QTÝ�O�
JIB�*
 ä V�O*M�
6HLK�
L�!U�QT
6ÝNO*Q�I���K�M
Ò�V G V�P*ST
JI���� QT��K*QTI�
L�bST
JI¯U��(V�QRK�I�
LM�ST
JI¯×���STHJÒLO*ST
JI G HLK � M!��
LK�M�V�I�I�
 � G ��� ����K��*HL×�
LKNM���V�K�I�ST
JI�K�OnV�UÍ
JI
×���STHJÒLO*SÕV�QR��
JI â � V�I�H G V��(V�M!QT��KØ
LKNM!��
6ST
JI5�	Q3��HL��
LK�M�
JI G*ä V�I�
JI5I�
®��HLÔ � ST
6�*��K�Ò"ÝNO�
LSTÝNO�
 G 
LOØV��!P*QRM!�(V�QR��
 â
L � 	 ��L���� � � � � � ��� � �cL�L 	 � � � �#� ��� � ��� � 
®U�V �6QRK�M�
L��I!M�
LSRSÕV�QR��
 G 
LO*M5+LM!��
0QT��K*QTI�H6I���O�IñSh��
 ��
LM5�	O �(V  Í��K*K�
�	
×�
LKNM�O*SRM!�(VJÔFQT��ST
LM®
LM 6 �*
JI�±�
LO*K�
JI¢HLM���QRST
JI!���*
JI�K��! �V�O	ÙìV�ÒLM!Q
� I!���*
JI5Ò ä �NÒJI!�n�*
JI G V��!M!QTÒLO*ST
JI0Ò ä V��!UÍHJ
JI
�*
 ä V�O*M�
¯HLK�
L�!U�QT
¯��OØ��� V�O*M!��
JI�×�HJÒ�V�K*QTI!×�
JI�
LK�ÒJ����
¯×-V�S'ÒJ��K*K�O�I â Ö7��×9×�
"ST
6×���KNM!��
"SÕVbM(V�P*ST
 Ï â ���
��K �	QTI�M!QRK*U�O�
 ST
JI9��HLU�QT��K�I A � � �'K�HLP*O*ST
LO�I(
JI�U�V ��
LO�I�
JI<
LK�M���O*�(V�K�MÀ�*
�±!
LO*K�
JI�HLM���QRST
JI!�^ST
�×9QRSRQT
LOþQRK�	
M�
L��I!M�
LSRSÕV�QR��
�Ò ä V�O�� � G �!QRK�ÒLQ G V�ST
L×�
LKNM"QTI�I!OØ�*
�SÕV��	QTI G 
L��I!QT��KÃ�*
JI¢��
JI!M�
JI¢�*
�I!O G 
L�!K���Ô�V�
4�+
LM¢ST
¯×9QRSRQT
LO
QRKNM�
L��I!M�
LSRSÕV�QR��
0QT��K*QTI�H��	Q3�4O�I â � 
JIE��HLU�QT��K�I A � � I���KNMEI���O*ÔÍ
LKNME��
 G ��HJI�
LKNM�HJ
JIEÒJ��×9×�
0�*
JI ����K�
JIEQT��K*QTI�HJ
JI

LKNM���O*�(V�K�M6ST
JI®HLM���QRST
JI®Ò ä V�O��*
JI®
LM¢×-V�I(I!QRÔÍ
JI¢ÒJ��×9×�
��*
JI®V�I�I��FÒLQÕV�M!QT��K�I"Ñ ø0â � K�
"��HLU�QT��K A � � QT�*H�V�ST

I�
 G ��HJI�
LK�M�
bI���O�I¢SÕV � ���!×�
¯��� O*K�
bI G*ä�� ��
�QT��K*QTI�HJ
¯
LKNM���O*�(V�K�M6O*K�
¯HLM���QRST
�QTI���STHJ
 â Ñ¢Kì�*H 
 K*QRM6V�ST����I�ST

�(V! Í��Ks�*
 D M!����×9U���
LK 


rs
��ÒJ��×9×�
�ST
��(V! Í��K V�O·�*
LS ���	O�Ý�O�
LS^Sh� ä  F�	����U � K�
�K�
LO*M!��
 G 
LO*M6
ÚÙ	QTI!M�
L� â�ï

Sh� QRKNM�HL�!QT
LO*�"�*
¯SÕV<I G*ä�� ��
�M�
LSRST
�ÝNO�
¯� ≤ rs

 ÒJ
LM!M�
�I G*ä�� ��
b
JI!M0V�O�I(I!QlV G*G 
LSTHJ
bI G*ä�� ��
��*
 D M!����×9U���
LK:���

ST
�×9QRSRQT
LOÀ
JI!M G ��
JI�Ý�O�
�M���M(V�ST
L×�
LK�MñQT��K*QTI�H G V��¤ST
��(V  Í��K*K�
L×�
LK�MB�*
�SÕVñ±!
LO*K�
¢HLM���QRST
 â Ö7
 G 
LK���V�KNMñÒJ
LM!M�

�*
JI�ÒL�!Q G M!QT��K�K2��
JI!M G V�I���H�V�SRQTI!M�
ñÒ�V���ST
JI°HLM���QRST
JI°KnV�QTI�I�
LK�Ml
LKbU�����O G 
7��O�V�×-V�I(�fÒJ
7Ý�O*QN��
LK��bSÕV5I!M!�!O�ÒLM!O*��

�*
JI®��HLU�QT��K�I A � � G SRO�I ä HLM�HL����U � K�
9
LM6ÒJ��× G ST
ÚÙ	
 â � 
JI®HLM���QRST
JI®×-V�I�I�QRÔÍ
JI®ÔÍ��K�M6I�
2�����!×�
L� G �!QRK�ÒLQ G V�ST
�	
×�
LKNM5��V�K�IBST
JI�����K�
JI5I!O G 
L� 
 ÒLQT
LSRST
JIB�*
JIñK�OnV�UÍ
JI5×���STHJÒLO*SÕV�QR��
JI(�*I!Q4P*QT
LKÎÝ�O�
®ÒJ
JI7��HLU�QT��K�I A � � ÔÍ��K�M5I(

��H G V�K��	��
�V�I�I�
 �"ÔFQRM�
 ä ����I0�	OØKNOnV�UÍ
 
 
 ��
LM¢Ò ä V�× G V�U�K�
4� 
¤��� �Í
 ��� � � ��ÏPO�
�O � â+C K 
 KìÒJ
JI¢��HLU�QT��K�I�K�

I���KNM G V�I7I!M(V�M!QTÝNO�
JI!�Í×-V�QTI � ���!×�
LK�M7O*K ������K�Mñ��� QT��K*QTI(V�M!QT��K�Ý�O*Q+I���
LM�
LK��À��V�K�IEST
�×9QRSRQT
LO<QRKNM�
L��I!M�
LSRSÕV�QR��
 â

Ö7
JI���HLU�QT��K�I-I�
-��
�������QT�	QTI�I�
LKNM�
LKyHL×�
LM!M(V�K�M"�ìM���O*M�
JI�ST
JI�ST��K*U�O�
LO*��I�������K��*
·�l
LKy� G M!QTÝ�O�
4�lST
JI
�(V�QT
JI0�*
"��
JÒJ��×�P*QRKnV�QTI���K·�*
"Sh� V�M���×�
b��� ä  	�	����U � K�
b
LM¢ST
JI5�(V�QT
JI¢QRK�M�
L���	QRM�
JI®ÒJ��×9×�
�� Ñ � � �
	 �9�"O�Ó�O�
LM
Ó���� ��� 
LM
� Ñ � �
	 � / Ð�� � 
LM / Ð���
 � I���K�M<��P�I�
L�!ÔÍHJ
JI�
LM G 
L�!×�
LM!M�
LK�M-��� V�ÒJÒJHJ�*
L��V�O	Ù G �!QRK�ÒLQ G V�ST
JI
Ò�V��(V�ÒLM�HL�!QTI!M!QTÝNO�
JIØ�*
·ÒJ
JI���HLU�QT��K�IØÒJ��×9×�
·SÕVã×-V�I�I�
Ã��� ä  	�	����U � K�
�QT��K*QTI(H4�ñSÕVãM�
L× G HL�(V�M!O*��
�
LM ST
JI
V�P4��K���V�K�ÒJ
JI9Ò ä QR×9QTÝNO�
JI 
 Ñ0I!M�
L�!P*���FÒ �{ÏPO�
�O ����SÕVØ×-V�I�I�
À�*
JI�HLM���QRST
JI�QT��K*QTI(V�K�M�
JI â Ñ¢Ky��P�I�
L�!ÔÍ
 V�O�I�I�Q
Sh��HL×9QTI�I�QT��K�QRK����(V�����O*UÍ
ñ�*
JI G ��O�I�I!Q � ��
JI(�¾Sh��HL×9QTI�I�QT��K � Üþ�*
JIlHLM���QRST
JI°�	Q3�4O�I�HJ
 G V���ST
JI°U��(V�QRK�I!�fSh��HL×9QTI�I!QT��K
ÒJ��KNM!QRK�O�
�M ä 
L�!×9QTÝ�O�
6SRQRP*��
�	hSRQRP*��
�
LKÎ�(V��	QT� 
 Ñ0I!M�
L�!P*���FÒ �·ÏPO�
�O � â

ê V�K�I<K���M!��
 ü V�SÕVfÙFQT
4�EÒJ��×9×�
Ø��V�K�I<SÕV G SRO G V��!M��*
JI-U�V�SÕVfÙ	QT
JI<I G QR�(V�ST
JI!��ST
JI-��HLU�QT��K�I A � � I���K�M
G �!QRK�ÒLQ G V�ST
L×�
LKNM-ST�FÒ�V�SRQTI�HJ
JI9��V�K�I�ST
JIbP*�(V�I!�lÒJ
ÀÝNO*Qñ×���K�M!��
 ÝNO�
ÀSÕV � ���!×-V�M!QT��KþI!M�
LSRSÕV�QR��
� 
JI�M G SRO�I
V�ÒLM!QRÔÍ
<Ý�O�
���V�K�I¯ST
9P*O*SRP4
 â � 
JI¯��HLU�QT��K�I A � � �*HLM�
JÒLM�HJ
JI ��Sh��HJÒ ä 
LSRST
À�*
9K���M!��
 ü V�SÕVfÙFQT
-��O ��V�K�I"ST
JI
U�V�SÕVfÙ	QT
JI�ÔÍ��QTI�QRK�
JI0��KNM¢O*K�
¯×-V�I�I�
¯QRK���HL�!QT
LO*��
 � 105M�

ânê 
JI¢��HLU�QT��K�I A � � I���K�M0�*HLM�
JÒLM�HJ
JI®��V�K�I0�*
JI
U�V�SÕVfÙ	QT
JI¤ST��QRKNM(V�QRK�
JI â � 
JI¤QRK�I!M!�!O*×�
LKNM�I¤K�
¢I���K�M7I�
LK�I!QRP*ST
JIEÝ�O2� V�O	Ù9��HLU�QT��K�I A � � ST
JI G SRO�I¤U��(V�K��*
JIE��V�K�I
ST
JI�U�V�SÕVfÙFQT
JI�ST��QRK�M(V�QRK�
JI$%�
LSRST
JI�I���KNM0V G*G 
LSTHJ
JI5��HLU�QT��K�I A � � UÍH�V�K�M�
JI C SRST
JI���KNM�O*K�
6×-V�I(I�
6ÔÍ��QTI!QRK�
"�*

107 −109 M�

��ÒJ
�ÝNO*Q G ��O*�!�(V�QRMEÒJ���!��
JI G ��K��	��
=�6SÕV������!×-V�M!QT��K���� V�×-V�Iñ��O<�*
�I�O G 
L�EV�×-V�I7����HLM���QRST
JI â
� 
�×9QRSRQT
LOsQT��K*QTI(H�Ò ä V�O�� G ����ÔFQT
LK�M G �!QRK�ÒLQ G V�ST
L×�
LK�M9�*
JI"��
JI!M�
JI��*
�I!O G 
L�!K���Ô�V�
 
 Û Ò��6
J
 9 Ñ0I&	

M!�!Q �Í
L�¯ÏPOÍÐ�Ð4� â � S2
JI!M5Ò ä V�O,�4H G V��BST
JI5��K��*
JI��*
6Ò ä �NÒ"�*
JI�I!O G 
L�!K��¾Ô�V�
 G O*QTI¢I�
0��
�������QT�	QRM¢
LKØHL×�
LM!M(V�K�M
G �!QRK�ÒLQ G V�ST
L×�
LKNM���V�K�I7ST
��*��×-V�QRK�
®�*
JI7�(V  Í��K�I 6 
 ÒJ��K�M!QRKNO*O*×«
LME�(V�QT
JIñ
LK�HL×9QTI�I!QT��K�����HLSTHL×�
LK�M�IñM!� � I
� ���!M�
L×�
LK�M¢QT��K*QTI�HJI�� â� 
�×9QRSRQT
LO�QRK�M�
L��I�M�
LSRSÕV�QR��
0ÒJ��KNM!QT
LK�M�V�O�I�I�Q��	OÀU�V �¢QT��K*QTI�H0�	Q3�4O�IE
LK��*
 ä ����Iñ�*
JIE��HLU�QT��K�I A � � ��OÀ�*
JI
��
JI!M�
JI®�*
�I!O G 
L�!K���Ô�V�
 â Ö7
�U�V � G 
LO*M G ���¾ÔÍ
LK*QR�"�*
2��O*QRM�
��*
�U�V �bQT��K*QTI(H ä ����I®�*
JI0��HLU�QT��K�I A � �'
 
 �4
LM
Ò ä V�× G V�U�K�
(�����*
¯Sh� QT��K*QTI(V�M!QT��K·�	O U�V ��K�
LO*M!��
��	Q3�4O�I G V��0ST
��(V  Í��K*K�
L×�
LK�M � ÜY�*
JI0HLM���QRST
JI®Ò ä V�O��*
JI
��OØ�*
®×�HJÒ�V�K*QTI�×�
JI�
LK�ÒJ����
"×-V�S2ÒJ��K*KNO�I 
�� 
JÝ�O�
LO	ÙØ������� � â

��6Gº 1S© ¹4º



� | � � � 	 �c� � ��� �#� �.JFy � � �VK 	BL 	�M ��� �c�

��� 	 �zL���� � � � � � ����� �,L3L 	�� � � � � � � � � � � KbU��(V�K��¯K���×�P*��
B����HLSTHL×�
LK�M�I��	Ob×9QRSRQT
LO�QRK�M�
L��I!M�
LSRSÕV�QR��
5K�
LO*M!��

��KNM0�*
JI��(V�QT
JI¢�*
�I!M!�!O�ÒLM!O*��
 
 K�
¯��V�K�I¢Sh� QRK����(V�����O*UÍ
�ST��QRK�M(V�QRK â Ö7
JI5�(V�QT
JI G 
L�!×�
LM!M�
LK�M®��� V�ÒJÒJHJ�*
L���9SÕV
Ò ä QR×9QT
�
LM"V�OÃ��
�������QT�	QTI�I(
L×�
LK�M"�	OÃ×9QRSRQT
LO·QRK�M�
L��I!M�
LSRSÕV�QR��
�U�� � ÒJ
�V�O	Ù �(V�QT
JI¯Ö � � λ Ï�ÓÍÐ â Ð µ × 
LM¯Ñ � λ � /
µ × â�� K U��(V�K��sK���×�P*��
<����
JI G � ÒJ
JI�K�
LO*M!��
JIbÒJ��×9×�
<ST
-I(�N�	QRO*× �'ST
-Ò�V�STÒLQRO*×Ë��O ST
 G ��M(V�I�I�QRO*×È��K�M
V�O�I(I!Q�HLM�H0�*HJÒJ��O*ÔÍ
L�!M�IñM!� � I¤M
	�MñÒ�V��ñ
LSRST
JI7V G*G V��(V�QTI�I V�QT
LK�M5
LKÀV�P�I(��� G M!QT��K���V�K�I7ST
JI7I G 
JÒLM!��
JIEI!M�
LSRSÕV�QR��
JI â

Ö7
 G 
LK���V�KNM!�4ST
¯U�V ��K�
LO*M!��
9V-I�O*�!M���O*M0HLM�H�HLM!O��	QTH G V��¢SÕV-�(V�QT
 A � �À�	ÏbÒL× ÝNO*Ql
JI!M�O*K�
b�(V�QT
b�*

I�M!�!O�ÒLM!O*��
 ä  G 
L� 
 K�
À
LK�M!��
ÀST
JI��*
LO	ÙãI���O�I¯K*QRÔÍ
�V�O	Ù � -®�Ø
LMÀÏ<�*
-Sh��HLM(V�M2� ��K���V�×�
LK�M(V�S5�*
�Sh� V�M���×�

��� ä  NU�����U � K�
 
 K:-bÏ4�4S -®��� � - D - 1

2
� � - 1

2
� � - � ) � � â Ö7
LM!M�
�M!�(V�K�I!QRM!QT��KsVÀO*K�
 G ����PnV�P*QRSRQRM�H�����HL×9QTI�I�QT��K

I G ��KNM(V�K�HJ
��*
�� â 
ÍÐ 10−15 s−1 ��ÒJ
5ÝNO*Q�� V�QRME����
LSRST
BO*K�
B�(V�QT
 � ���!M�
L×�
LK�MEQRK�M�
L���	QRM�
 â Ö7
LM!M�
5� V�QRP*ST
 G ����PnV.	
P*QRSRQRM�H�����HL×9QTI�I!QT��K 
JI!M�ÒJ��× G 
LK�I�HJ
 G V��5SÕV9M!� � I�U��(V�K��*
�Ý�OnV�KNM!QRM�H¯��� ä  FU�����U � K�
�K�
LO*M!��
¯ÒJ��K�M�
LKNO ��V�K�I
ST
"×9QRSRQT
LOØQRK�M�
L��I�M�
LSRSÕV�QR��
 â Ö7
LM!M�
"�(V�QT
�V G 
L�!×9QTI��*
"Ò�V��!M���U��(V G*ä QT
L�0ST
6U�V � A � �*
6K���M!��
 ü V�SÕVfÙFQT
"
LM¢�*

ÝNO�
LSTÝNO�
JIBU�V�SÕVfÙFQT
JI G ���NÒ ä 
JI¢V 
 KØ����HLM!O��	QT
L�¢I(V�ÒLQRK�HL×-V�M!QTÝ�O�
�
LM�I(V��	QTI!M!�!QRP*O*M!QT��K â� 
ØU�V � A � 
JI!M<SÕV�ÒJ��× G ��I(V�K�M�
 �*
ìU�V �ØSÕV G SRO�I<QR× G ���!M(V�K�M�
Ã
LK ×-V�I�I(
Î��V�K�IÀSÕV G SRO G V��!M��*
JI
U�V�SÕVfÙ	QT
JI â�D V �	QTI!M!�!QRP*O*M!QT��KþI G V�M!QÕV�ST
 ��V�K�IbK���M!��
 ü V�SÕVfÙ	QT
�
JI!M���
LSÕV�M!QRÔÍ
L×�
LKNM-�	Q3��HL��
LK�M�
 �*
�ÒJ
LSRST
��*

SÕV G*ä V�I�
Ø×���STHJÒLO*SÕV�QR��
 
 H2

�9��O QT��K*QTI(HJ
 
 A � � ���EV�ST����I�ÝNO�
ÎSÕV��*
LK�I�QRM�HØ�(V��	QÕV�ST
Ã�*
ÎU�V � QT��K*QTI�Hì��O
×���STHJÒLO*SÕV�QR��
®�*HJÒL��� �TM7M!� � I � ���!M�
L×�
LK�MBV�O��*
LS �"�*
¯Ï�� � G Ò4�ÍÒJ
LSRST
0�*
 A � I���HLM�
LK��<SÕV��!UÍ
L×�
LK�M5V�O<�*
LS �¯�	O
�(V! Í��KØÔFQTI!QRP*ST
6�*
6SÕVbU�V�SÕVfÙ	QT
 
 Ö7��×¯P4
JI¯ÏPO�O	Ï(� â

Ö7��×9×�
ìST
Ø×���K�M!��
 SÕVsM(V�P*ST
 Ï â ���¤ST
Ø×9QRSRQT
LOÇQRKNM�
L��I!M�
LSRSÕV�QR��
 K�
LO*M!��
ìI(
ÎM!����O*ÔÍ
ÃI���O�I<SÕV � ���!×�

��� O*K�
 G*ä V�I�
�M!Q � �*
<
LM G 
LOs�*
LK�I�
4�°V G*G 
LSTHJ
 G*ä V�I�
����
� ����� ��
 �	10�¯
LM���� O*K�
<ÒJ��× G ��I V�K�M�
 G SRO�I�������QT�*

V G*G 
LSTHJ
 G*ä V�I�
$��
 �"10� â4ï ST����I0ÝNO�
¯SÕV G ��
L×9Q � ��
�
JI!M G ��
JI(Ý�O�
�O*K*Q
�����!×�HL×�
LKNM"�	QTI!M!�!QRP*O�HJ
4�+SÕV-I(
JÒJ��K��*


JI�M7ÒJ��× G ��I�HJ
®�*
¢ÒJ��× G ST
ÚÙ*
JIB�*
0Ý�O�
LSTÝNO�
JIñ�	Q �¾V�QRK�
JIB�*
 G V���I�
JÒJI(�NÝNO�
�Sh����K���
LM!����O*ÔÍ
®HLU�V�ST
L×�
LK�M5��V�K�I
ST
JI-
LK�ÔÍ
LST� G*G 
JI<�*
JI9KNOnV�UÍ
JI�×���STHJÒLO*SÕV�QR��
JI âñD V·�	QTI!M!�!QRP*O*M!QT��K 
JI�M�
ÚÙFM!� � ×�
L×�
LKNM<QRK ä ��×���U � K�
ØÔÍ��QR��

���(V�ÒLM(V�ST
¯�N
LSRST
�
JI!MEI!M!�!O�ÒLM!O*��HJ
¢
LK 
 SÕV�×�
LK�M�Iñ��O-KnV G*G 
JIE
LM G ��O*�!�(V�QRM +LM!��
��*��×9QRK�HJ
 G V��¤SÕV6M!O*�!P*O*ST
LK�ÒJ

 D Ò�V�ST�"9 C SR×�
LU���
J
LK ��������� C SR×�
LU���
J
LK<9 D Ò�V�ST�<������� � â

ê V�K�I¢K���M!��
 ü V�SÕVfÙFQT
4�nQRS�
ÚÙ	QTI!M�
¯V�O�I�I!Q°�*
JI5KNOnV�UÍ
JI0�*
¯U�V �¯K�
LO*M!��
��*HLM�
JÒLM�HJI�� ä V�O*M�
"SÕV�M!QRM!O��*
b�	O
G SÕV�K9U�V�SÕV�ÒLM!QTÝNO�
 
 Ö7��×�P+
JI5ÏPO�O	Ï(� â Ö7
JIlK�OnV�UÍ
JI G 
LO*ÔÍ
LK�M7VJÔÍ��QR�^O*K�
B���!QRU�QRK�
5
ÚÙ	M!�(V�U�V�SÕV�ÒLM!QTÝ�O�
���O9ÔÍ
LK*QR�
�	O<U�V ��Ò ä V�O��À
LM�QT��K*QTI�H G V��¤ST
JIEI!O G 
L�!K��¾Ô�V�
¢�	O-�	QTI�ÝNO�
BU�V�SÕV�ÒLM!QTÝNO�
¢ÝNO*Q���
LM���×¯P4
�
LKÀI�
B��
�������QT�	QTI�I(V�KNM

LM¢I�
®��
JÒJ��×¯P*QRKnV�KNM â� V G SRO G V��!Ml�*
JI°U�V�SÕVfÙ	QT
JI^I G QR�(V�ST
JI G ��HJI�
LK�M�
LKNM^O*K9�*H 
 ÒLQRMl
LK A � V�O�ÒJ
LKNM!��
ñ�*
ESÕV�U�V�SÕVfÙ	QT
 
 Ö7��×�P+
JI
ÏPO�O	Ï(���'S � �?>s�*
JI6KNOnV�UÍ
JI¯×���STHJÒLO*SÕV�QR��
JIb��K�MbHLM�H�Ò�V��!M���U��(V G*ä QTHJI â � S�
ÚÙ	QTI!M�
-V�O�I�I�Q��*
JI"M!����O�I¯��V�K�I"SÕV
�	QTI�M!�!QRP*O*M!QT��K �	O U�V � A � �'ÝNO*QEÒJ��QRK�ÒLQT�*
LK�M�V�ÔÍ
JÒÀ�*
JI���HLU�QT��K�I A � � â � S �hV�O*M��*��K�Ò<QRK�M�
L� G ��HLM�
L��ÒJ
-U�V �
ÒJ��×9×�
¯ST
®��HJI�
L�!ÔÍ��QR��ÝNO*Q�Ô�V��*��K*K�
L�¢KnV�QTI�I(V�K�ÒJ
'� H2


LM�V�O	ÙÎHLM���QRST
JI â� Sñ
ÚÙFQTI�M�
�O*K�
�ÒJ���!��HLSÕV�M!QT��Ky
LK�M!��
ÀSÕVÎ×-V�I(I�
<�*
<U�V � V�M���×9QTÝ�O�
�
LMbSÕVÎ×���� G*ä ��ST��U�QT
 �*
JI�U�V�SÕVfÙFQT
JI
�*
¯Sh� O*K*QRÔÍ
L��I�ST�FÒ�V�SE��V�ST����I¢ÝNO2� QRS2K�
"��
 G ��HJI(
LK�M�
bÝ�O2��
LKNÔNQR����K Ï0�-� ;q�*
"SÕV9×-V�I(I�
"�*
JI5U�V�SÕVfÙ	QT
JI0
LSRSRQ G 	
M!QTÝNO�
JI!�	ST
®U�V � A � ��
 G ��HJI�
LKNM�
¯
LK�ÔFQR����K�Ï�� ; �*
®ÒJ
LSRST
"�*
JIñU�V�SÕVfÙ	QT
JI5I G QR�(V�ST
JI5
LM / � ; �*
0SÕVb×-V�I�I(
6�*
JI
QR�!��HLU�O*SRQ � ��
JI â

� 	��BS 	 � � 	��	L � � �BL 	�� � �
� � O�I�ÝNO2��
LK�ÏPO � Ó��*��KÀK�
6ÒJ��K*KnV�QTI(I(V�QRM5Ý�O�
0M!����QTIB×���STHJÒLO*ST
JI���V�K�IñST
®×9QRSRQT
LO
QRKNM�
L��I!M�
LSRSÕV�QR��
4�BV�O�±���O*����� ä O*Q6
LK�ÔFQR����KÇÒJ
LKNM<ÔFQRK*U�MÀI(��K�M<ÒJ��K*KNO�
JI â � K U��(V�K�� K���×�P*��
 ����
LKNM!��
ì
LSRST
JI
ÔFQT
LK*K�
LK�M��*
JIÀ
LK�ÔÍ
LST� G*G 
JI ������QT�*
JIÀ�*
JI<HLM���QRST
JI ï�ü®ø 
LMÀI���K�M V�O�I�I!Q5M!����O*ÔÍHJ
JI���V�K�IÀ�*
JI<ÒJ��× � M�
JI â
Ö7
LSRST
JI�Ý�O2����K���P�I�
L�!ÔÍ
�ST
 G SRO�I$����HJÝNO�
L×9×�
LK�M°I���K�M^ÖBÑ �fÖ A � CH+ �fÖ � �¾Ñ A � NH3


LM H2O

�� 
JÝNO�
LO	Ù

������� � â H2

JI!Ml�*
¤ST��QRKbSÕV5×���STHJÒLO*ST
7SÕV G SRO�I^V�P+��K���V�KNM�
4��×-V�QTI°
LSRST
7
JI!MlI� F×�HLM!�!QTÝ�O�
4�fK�
 G ��I�I � �*
 G V�I°�*


×���×�
LKNM�Iñ�	Q G ��SÕV�QR��
JI!��ÒJ
�ÝNO*Q*SÕV6��
LK����	Q��-ÒLQRST
L×�
LKNMñ��P�I(
L�!Ô�V�P*ST
5I V�O��$� G V��!M!QR�E�*
B�(V�QT
JI¤ÔNQRP*�(V�M!QT��K�
LSRST
JI
��V�K�I5ST
6�*��×-V�QRK�
6QRK����(V�����O*UÍ
 
 ÷5QRUÍ� G ��O*ST��O ��� �����n������� � â�C SRST
6
JI!MBQRK��	QR��
JÒLM�
L×�
LK�M®HLM!O��	QTHJ
0��M!�(VJÔÍ
L��I
SÕV ×���STHJÒLO*ST
<ÖBÑ �2ÝNO*Q�
JI!M6Sh��HLSTHL×�
LK�M�ST
 G SRO�I¯V�P4��K���V�K�MbV G � � I H2

â Ö7��×9×�
ÀÖBÑd
JI!M"O*K�
�×���STHJÒLO*ST

�	QTI(I� N×�HLM!�!QTÝNO�
4�F
LSRST
 G ��I�I � �*
�O*K<×���×�
LKNMñ�	Q G ��SÕV�QR��
0
LMEI�
JIEM!�(V�K�I!QRM!QT��K�I7����M(V�M!QT��K*K�
LSRST
JI G 
LO*ÔÍ
LKNM�+LM!��

G SRO�I2�hV�ÒLQRST
L×�
LK�M���P�I�
L�!ÔÍHJ
JI���V�K�IbST
À�*��×-V�QRK�
 ÒJ
LK�M!QR×�HLM!�!QTÝNO�
 â Ñ¢KãI!O G*G ��I�
ÀÝ�O�
<ST
JI�×���STHJÒLO*ST
JI9�*

ÖBÑdI(��K�M G �!QRK�ÒLQ G V�ST
L×�
LK�Mb
ÚÙ	ÒLQRM�HJ
JI G V��"�*
JI6ÒJ��SRSRQTI�QT��K�I"VJÔÍ
JÒ H2

��ÒJ
�Ý�O*Q^
ÚÙ G SRQTÝ�O�
�ÝNO�
-ÖBÑ I���QRM®O*K
P4��KÎM!�(V�ÒJ
LO*���*
 H2

â
Ö0��
JI!MÀV�OÇÒJ�N
LO*�À�*
ØÒJ
JI<K�OnV�UÍ
JIÀ×���STHJÒLO*SÕV�QR��
JI�Ý�O�
ìI�
�� ���!×�
LK�MÀST
JI<HLM���QRST
JIÀÒJ��×9×�
ì��K Sh� V·ÔFO



� Q I ��� � ��� ��	 � �#� �TJ ���;K 	WL 	�M ��� �

G ��HJÒJHJ�*
L×9×�
LKNM â � K�
5ÒJ���!��HLSÕV�M!QT��K V®HLM�H5×9QTI�
�
LK-HLÔNQT�*
LK�ÒJ
¢
LK�M!��
�SÕV®SRO*×9QRK���I!QRM�H0ÖBÑ 
LM�SÕV®SRO*×9QRK���I!QRM�H
��V�K�IÀSh� QRK����(V�����O*UÍ
ØST��QRKNM(V�QRK 
 D V�K��*
L��I 9 Û QR�(V�P4
LSbÏPO�
�Ó��0ÏPO�O � ����Ò���
JI!M ���	QR��
 
LK�M!��
 ST
ÎU�V �ÃÝNO*Q�Ô�V
�*��K*K�
L�5KnV�QTI(I(V�K�ÒJ
¯V�O	ÙÎHLM���QRST
JI5
LM5ST
®�(V! Í��K*K�
L×�
LK�M"V�I�I��FÒLQTH��9�*
JI5HLM���QRST
JI5M!� � I^±�
LO*K�
JI â

� 	 �B� � � � ��� � �
� V G ��O�I(I!Q � ��
Ã
JI!MÎÒJ��× G ��I(HJ
·�*
ÃM!����QTI Ô�V��!QTHLM�HJIØ�*
ÃU��(V�QRK�Is�ñST
JI�U�����I U��(V�QRK�I 
 ø5ü G ��O*� � � 1� � �*��� � G ����PnV�P*ST
L×�
LK�MñÒJ��K�I!M!QRM!O�HJI��*
5I�QRSRQTÒ�V�M�
JI¤V�×���� G*ä 
JI¤
LM � ��O-Ò ä �!QTI!M(V�SRSRQRK$�ÍST
JI G 
LM!QRM�I^U��(V�QRK�I 
 Ü D*ü

G ��O*����������� - ��� � � � �*��� �"
LK Ò�V��!P4��K�
ÀV�×���� G*ä 
�
LM � ��OãU��(V G*ä QRM�
<
LM�O*K�
<ÒJ��× G ��I(V�K�M�
<ST��K*U�M�
L× G I
V G*G 
LSTHJ
 � � ø 
 �����5#0���
��� � �,#6������� �*� �,#o� �*�)#(�°
LM�V�O�±!��O*����� ä O*Q�V�I�I(�NÒLQTHJ
��0�*
JI^ÒJ��×¯P*QRKnV�QTI���K�IE�*
BÒ  FÒLST
JI
V�����×-V�M!QTÝNO�
JI â � STI7I���KNM7ÒJ��K*KNO�IBI���O�I¤ST
¢K���× �*
 1 �4#4� +�� �*��� 
�� ��� y + ���:���:� � � 
�
 ���('(�,+*- ����� 
 
 ���
	 y ' 1����O '(�Q� G ��O*� � �*�)#0��� � ����� �*� +4
*10��� �*�,+*- ����� 
�
 ��� â� 
JI�U�����I�U��(V�QRK�IÀI���KNM<V�I�I��FÒLQTHJI"�·�*
JI G V��!M!QTÒLO*ST
JI<�*
ØM(V�QRSRST
ÎI!O G HL�!QT
LO*��
 �yÏ��ÃK*× â � 
LO*�-M(V�QRSRST

×-VfÙ	QR×-V�ST
�Ô�V��!QT
5��� O*KÀ×��N� � ST
��®Sh� V�O*M!��
¢×-V�QTIE
LSRST
¢
JI!M¤I���O*ÔÍ
LKNM7ÒJ��× G �!QTI�
¢
LK�M!��
bÏ���� 
 ê V�ST
 9 A 
LST��O$�
������� �7
LM5��Ó���K*× 
 ê �(V�QRK�
'9 ï K��*
L��I���K·ÏPO�
�Ó � â � 
LO*�5�	QTI!M!�!QRP*O*M!QT��KÎ
LK�M(V�QRSRST
6
JI!M7×��N�*HLSRQTI(HJ
 G V��7O*K�

ST��Q��*
 G O*QTI(I(V�K�ÒJ
Î�*
 M  G 
 dN/da ∝ a−α V�ÔÍ
JÒ α ÒJ��× G �!QTI<
LK�M!��
 � â Ð 
LM /	â Ó 
 ê V�ST
 ��� �����¤�����	Ï4�
ê 
JI�
L�!M ��� ��� �'ÏPO�O�� � â Ö7
JI G V��!M!QTÒLO*ST
JI¢I���KNM �bSh��HJÝNO*QRSRQRP*��
"M ä 
L�!×��F�� NKnV�×9QTÝNO�
2��O*K�
"M�
L× G HL�(V�M!O*��
 Te

∼ ���.	h��� � V�ÔÍ
JÒ ST
ÎÒ ä V�× G �*
��(V  Í��K*K�
L×�
LKNM V�O�ÝNO�
LS5
JI!M�I���O*×9QTI�ST
 ×9QRSRQT
LOþQRK�M�
L��I�M�
LSRSÕV�QR��
 â Ö0��
JI!M
�·�	QR��
ØÝ�O�
 M���O*M�
ØSh��HLK�
L�!U�QT
ìV�P�I����!P4HJ
 �·ÒJ��O*�!M�
ÎST��K*U�O�
LO*�<������K��*
Ø��V�K�I-ST
Î�*��×-V�QRK�
 � Ü �lÔNQTI!QRP*ST

��O G ���FÒ ä 
·QRK����(V�����O*UÍ
�
JI!M�QRKNM�HLU��(V�ST
L×�
LK�M ��H�	 HL×9QTI�
���V�K�I Sh� QRK����(V�����O*UÍ
·×��! Í
LKa
LM ST��QRK�M(V�QRK â¢D � QRSTI
I���KNM9×-Vf±����!QRM(V�QR��
L×�
LKNM-��
JI G ��K�I(V�P*ST
JI9�*
ÀSh��HL×9QTI�I!QT��K V�Oy�*
LS �Ã�*
 Ó�� µ × �^�*
JI�U��(V�QRK�I3�ØSh��HJÝNO*QRSRQRP*��
M ä 
L�!×��F�� NKnV�×9QTÝNO�
5K�
 G 
LO*ÔÍ
LKNME��
LK��	��
5ÒJ��× G M�
¢�*
JI�PnV�K��*
JIE
LK-HL×9QTI�I!QT��KÀI!QRM!O�HJ
JI�
LK�M!��
�Ï5
LM�Ï�Ó µ × âD ��O*ÔÍ
LKNM!��QRSTIBK�
 G 
LO*ÔÍ
LK�M G V�I�
ÚÙ G SRQTÝ�O�
L�BST
"ÒJ��KNM!QRK�O �*
JI5I G 
JÒLM!��
JI5��V�K�I5ST
6�*��×-V�QRK�
bÓ.	���Ó µ × âD 
LSRSRU���
LK 
 ÏPO�
�� �0V-×���K�M!��H9ÝNO�
¯ST
JI0M!����QTI0K�HLP*O*ST
LO�I�
JI G V��0��
�1n
JÒLM!QT��K �®ü ÖaÐ���� / ������� / 
LM6��� � 

V�Ô�V�QT
LKNM9O*K ÒJ��KNM!QRK�Oþ
LKNM!��
·Ï â ��Ó.	h� â 
 µ ×ÅÒ�V��(V�ÒLM�HL�!QTI�H G V���O*K�
ÀM�
L× G HL�(V�M!O*��
 �*
ÀÒJ��O*ST
LO*���*
ÃÏÀ�����
� ��V�K�I�O*K�
 ��HLU�QT��K �?>þSÕVÃM�
L× G HL�(V�M!O*��
Ø����HJÝNO*QRSRQRP*��
Î�*
JI9U��(V�QRK�I-K�
 G ��O*Ô�V�QRM��*H G V�I�I(
L� � �*� â � 
JI
U��(V�QRK�I���
JI G ��K�I(V�P*ST
JI��*
�ÒJ
LM!M�
�HL×9QTI�I!QT��K ��O*��
LKNM�V�I�I��FÒLQTHJI �ì�*
JI G 
LM!QRM�I�U��(V�QRK�I9�*
ÃÏ�� � �*
À�(V  Í��K

LKNÔNQR����K$��Ò ä V�O,��HJI¯�*
9×-V�K*Q � ��
-QRK�M�
L�!×9QRM!M(V�K�M�
 G V��"�*
JI G*ä ��M���K�I � Ü â�ï K��	�!QT
JI�I�
 
 ÏPOÍÐ�
 �"V�×���K�M!��H
ÝNO�
0Sh��HL×9QTI�I!QT��K �ÀÏ��.	(Ï���� µ ×q�*
 Û Ï¾Ð¯HLM(V�QRM5�*��×9QRK�HJ
 G V��B�*
JI7U��(V�QRK�IñO*K G 
LO G SRO�I G 
LM!QRM�IBI!O*P*QTI(I(V�K�M
O*K�Ò ä V�O,�2V�UÍ
6I!M��FÒ ä V�I!M!QTÝNO�
��NST����I�ÝNO�
�ST
JIEU��(V�QRK�IBI���KNM G SRO�I G 
LM!QRM�I!��Sh��HLK�
L�!U�QT
®�	OÀU��(V�QRK �*
LÔNQT
LKNMñÒJ��× 	
G V��(V�P*ST
 �ìÒJ
LSRST
À�*
JI G*ä ��M���K�I�QRK�ÒLQT�*
LKNM�I!�l
LMbSh� V�P�I(��� G M!QT��K ��� O*K G*ä ��M���KyÒ ä V�K*UÍ
 I�QRU�K*Q 
 Ò�V�M!QRÔÍ
L×�
LK�M
Sh��HLK�
L�!U�QT
6QRKNM�
L�!K�
"
LMñSÕVbM�
L× G HL�(V�M!O*��
¯�	OÀU��(V�QRK â � K�
�� ��QTI7ÝNO�
®ST
0U��(V�QRKÎI���
JI!MB�*HJI�
ÚÙ*ÒLQRM�H6
LKÎHL×�
LM!M(V�K�M
O*K G*ä ��M���K$�ÍI(��K�HLK�
L�!U�QT
BQRK�M�
L�!K�
5�	QR×9QRKNO�
�� ���!M�
L×�
LK�M¤
LM�I V0M�
L× G HL�(V�M!O*��
�V�O�I(I!Q â�D Q*ST
 1�O	Ù��*
 G*ä ��M���K
K2��
JI!M G V�I�I!O��-I(V�KNM G ��O*�6×-V�QRKNM�
LK*QR�¯ST
�U��(V�QRK �ÀO*K�
-ÒJ
L�!M(V�QRK�
9M�
L× G HL�(V�M!O*��
 
 M�
L× G HL�(V�M!O*��
<����HJÝ�O*Q
	
SRQRP*��
(���ESÕVÃM�
L× G HL�(V�M!O*��
ì�	O U��(V�QRK 1�O�ÒLM!O�
ÃV�OþU���HØ�*
JIÀÒJ��SRSRQTI!QT��K�I G*ä ��M���K�	hU��(V�QRK â5D V�M�
L× G HL�(V�M!O*��

×��( Í
LK*K�
bI(
L�(V�U�ST��PnV�ST
L×�
LKNM®I�O G HL�!QT
LO*��
 ��SÕV�M�
L× G HL�(V�M!O*��
��	Oì×9QRSRQT
LO â Ñ¢K G 
LK�I(
�V�O�±!��O*����� ä O*Q^Ý�O�

ST
JI G 
LM!QRM�I6U��(V�QRK�I"��KNM"O*K�
9M(V�QRSRST
9�*
ÎÏ â �.	(Ï�Ó µ × 
 ê®ø ÿ5ÏPO�O���� ê V�ST
 ��� �����������	Ï(� â � 
JI G 
LM!QRM�I6U��(V�QRK�I
I���KNM7V�I�I(�NÒLQTHJI¤V�O<ÒJ��K�M!QRK�O ��V�K�I¤ST
5�*��×-V�QRK�
¢Ó.	�Ó�� µ × �Í×-V�QTI�K�
 G 
LO*ÔÍ
LK�ME��
LK��	��
�ÒJ��× G M�
¢�*
JI�PnV�K��*
JI
LKØHL×9QTI(I!QT��K â� K�I G 
JÒLM!��
E�*
¤SÕV5K�HLP*O*ST
LO�I�
 G V�����
�1n
JÒLM!QT��K �6ü ÖBÐ���� / 
 Ö7
JI(V���I �   ��� � � �FÏPO�O � Ò(��
JI!M G ��HJI�
LK�M�H��BSÕV
 U�O*��
$Ï â Ï�����K G 
LO*M7ÔÍ��QR�¤ST
JI G �!QRK�ÒLQ G V�ST
JIEPnV�K��*
JIñ
LKÀHL×9QTI�I!QT��K â � K<I G 
JÒLM!��
¢�*
JI¤PnV�K��*
JIñ����HL×9QTI�I!QT��K
�*
¯SÕV�U�V�SÕVfÙFQT
 � � ���!×-V�M!QT��Kì����HLM���QRST
JI Û 
�� 
�� V�O*��
LK�M$��� �����+������� �B
JI!M G ��HJI�
LK�M�H ��SÕV 
 U�O*��
 Ï â �Î�*ST

ÒJ��KNM!QRK�O*O*×dSRQTH7�"V�O	Ù G 
LM!QRM�I�U��(V�QRK�IEV6HLM�H5I�O G*G �!QR×�H�
LM^ST
JI�PnV�K��*
JIE����HL×9QTI�I!QT��K-��KNMEHLM�H5�*HJÒJ��× G ��I�HJ
JI
I!O*QRÔ�V�K�M¢�*
JIBST����
LK�M��JQT
LK*K�
JI�
 â

ê O*ST
  9 	 QRSRSRQÕV�×�I 
 ÏPO�
	Ï(����K�M-×���K�M!��HØÝNO�
 ÒJ
JI9PnV�K��*
JI<HLM(V�QT
LK�M<V�I�I(�NÒLQTHJ
JI �Ã�*
JI�×��N�*
JI��*

ÔFQRP*�(V�M!QT��Kþ�*
JI�SRQÕV�QTI���K�I<Ö�-6Ö ��O Ö 	 A �*
JI9Ò  	ÒLST
JI�V�����×-V�M!QTÝNO�
JI�ÒJ��×9×�
�ST
 �*HLM(V�QRSRST
�SÕVìM(V�P*ST
 Ï â#/
 QRK�I G QR��HJ
<�*
 ï SRSÕV�×-V�K��*��SÕV ��� ��� �EÏPO�
�O�� ê �(V�QRK�
À����� / � â � 
JI�ÿ ï0A ��V�ÒL����K  F×�
À�*
 ��� #*�,+�� �*�	��
 �,���� + ���:���:� � � 
�
 ��� �*�,+*- ����� 
�
 ��� ��Ò���
JI!M ���	QR��
¯�*
JIB×���STHJÒLO*ST
JI¢ÒJ��× G ��I�HJ
JI5��� O*KØU��(V�K�� K���×¯P*��
��*
"Ò  FÒLST
JI
V�����×-V�M!QTÝNO�
JI!����K�M6HLM�H G ��� G ��I�HJI®ÒJ��×9×�
 G ���!M�
LO*��I6�*
�ÒJ
JI0PnV�K��*
JI6����HL×9QTI�I!QT��K 
 ÿ�O*UÍ
LM ��� �����^ÏPO�
�Ó��

�Q¨)©*´«´/©R´/©*¯>·b¶A¸���²A©Rª«©*¬J­4°b¬��"ª«©"¶�´��"©I°b®¡²AªN©"¶ µ �*´J­=¸¡® µ ­9¶Aªl®�­Sª«©"¯*´/¸¡±�¶ 6bº �Gº �Gº



� | � � � 	 �c� � ��� �#� �.JFy � � �VK 	BL 	�M ��� �"$

ÿ�O*UÍ
LM 9 � 
LUÍ
L�BÏPO�
�O�� ï SRSÕV�×-V�K��*��SÕV ��� �����	ÏPO�
�Ó � â Ö7
EI���KNM°�*
 G 
LM!QRM�
JI°×���STHJÒLO*ST
JI^�*
¤M(V�QRSRST
7QRK�� HL�!QT
LO*��

� � â � � ÒJ��× G ��I�HJ
JIb�*
�Ó�� �sÏ������ìV�M���×�
JI���SÕV 
 U�O*��
 Ï â Ï-×���KNM!��
��*
JI�
ÚÙ*
L× G ST
JI��*
<ÿ ï¢A V�QRK�I�Q
ÝNO�
�ST
JI0�	Q3��HL��
LK�M�I"×�HJÒ�V�K*QTI!×�
JI®��
JI G ��K�I(V�P*ST
JI®�*
JI¢PnV�K��*
JI6�*HJÒL�!QRM�
JI'�-SÕV-M(V�P*ST
©Ï â#/	â Ö7
JI®ÿ ï0A ��KNM
HLM�H QRKNM�
LK�I�HL×�
LK�M HLM!O��	QTHJI G V�� � D Ñ 
 ø ��O*SÕV�K*UÍ
L� ��� �����6ÏPO�O�
�V�� � V�O*��
LKNM ��� �����5���������7Ü�
L��I!M!�(V�
LM�

��� �����������	Ï�V � â � STI®I���KNM6I!O*�!M���O*M6��P�I�
L�!ÔÍHJI®��V�K�I®ST
JI¢��HLU�QT��K�I¯�*
 G*ä ��M��F�	QTI�I��FÒLQÕV�M!QT��K$��I(V�O��¤ST����I�ÝNO�
�ST

�(V! Í��K*K�
L×�
LK�M � ÜY
JI!M0M!��� G QRKNM�
LK�I�
 â � 
JI®ÿ ï0A I���KNM0I(��O*ÔÍ
LK�M"V�I�I��FÒLQTHJI��-�*
¯SÕV3� ���!×-V�M!QT��KÃI�M�
LSRSÕV�QR��

 ü 
LK8��
LS���� ��� �7ÏPO�O�
�� A 
LST��O ��� � � �l���������°÷���O�I�I(
LS ��� �����l�����	Ï�V ����×-V�QTI¯QRSTIbI���K�M9V�O�I�I!QE��
LK�ÒJ��K�M!��HJI
G � � I¢�*
JIBK��! �V�O	ÙØV�ÒLM!Q
� I5�*
6U�V�SÕVfÙ	QT
"I!Q�ST
®�(V! Í��K*K�
L×�
LK�M®Ý�O2� QRSTIB��
JÒJ��QRÔÍ
LKNM¢K2��
JI�M G V�IBM!��� G �	O*� â

ø V�K��*
 SRQÕV�QTI(��K ×��F�*
"�*
6ÔFQRP*�(V�M!QT��KÎ×���STHJÒLO*SÕV�QR��

λCentral

µ ×"�/	â#/ Ö 	 A Ü0QRP*�(V�M!QT��KØ����HLST��K*U�V�M!QT��K

Ò  FÒLST
"V�����×-V�M!QTÝNO�

� â � Ö 	 Ö Ü0QRP*�(V�M!QT��KØ����HLST��K*U�V�M!QT��K

Ò  FÒLST
"V�����×-V�M!QTÝNO�

Ð â Ð Ö 	 Ö D O G 
L� G ��I�QRM!QT��KØ�*
 G SRO�I!QT
LO*��I

ÔNQRP*�(V�M!QT��K�I¢����HLST��K*U�V�M!QT��K

 â � Ö 	 A Ü0QRP*�(V�M!QT��Kì�*
�1n
ÚÙ	QT��K

V�M!M(V�Ò ä HJ
 ��O*KÎÒ  	ÒLST
¯V�����×-V�M!QTÝ�O�

��V�K�I5ST
 G SÕV�KØ�	OØÒ  	ÒLST
 â

Ï�Ï â#/ Ö 	 A Ü0QRP*�(V�M!QT��Kì�*
�1n
ÚÙ	QT��K
V�M!M(V�Ò ä HJ
JI��bO*KìÒ  FÒLST
"V�����×-V�M!QTÝNO�

ä ����I��	O G SÕV�KìÒ  FÒLSRQTÝNO�
"I(V�K�I�V�M���×�

��� ä  	�	����U � K�
�V���±�V�ÒJ
LK�M 
�� ×���K���� �

Ï�� â � Ö 	 A Ü0QRP*�(V�M!QT��Kì�*
�1n
ÚÙ	QT��K
V�M!M(V�Ò ä HJ
 ��O*KÎÒ  	ÒLST
¯V�����×-V�M!QTÝ�O�


ä ����I��	O G SÕV�KØÒ  	ÒLSRQTÝ�O�
 â
�9V�M���×�
JI���� ä  F�	����U � K�
�V���±�V�ÒJ
LK�M�I 
�� �	O���� �

Ï�� â � Ö 	 A Ü0QRP*�(V�M!QT��Kì�*
�1n
ÚÙ	QT��K
V�M!M(V�Ò ä HJ
 ��O*KÎÒ  	ÒLST
¯V�����×-V�M!QTÝ�O�


ä ����I��	O G SÕV�KØÒ  	ÒLSRQTÝ�O�
 â/ V�M���×�
JI���� ä  	�	����U � K�
�V���±�V�ÒJ
LK�M�I 
�� M!�!QT��� �
Ï /	â Ó�Ó Ö 	 A Ü0QRP*�(V�M!QT��Kì�*
�1n
ÚÙ	QT��K

V�M!M(V�Ò ä HJ
 ��O*KÎÒ  	ÒLST
¯V�����×-V�M!QTÝ�O�

ä ����I��	O G SÕV�KØÒ  	ÒLSRQTÝ�O�
 â

�-V�M���×�
JI���� ä  F�	����U � K�
bV���±!V�ÒJ
LKNM�I 
�� ÝNOnV��!M�
LM�� �

� à�í��¢Ï â#/ � ÿ^�!QRK�ÒLQ G V�ST
JI<PnV�K��*
JI-����HL×9QTI�I!QT��Kþ�*
JI<ÿ ï0A ��V�K�I9Sh� QRK����(V�����O*UÍ
Ø×��! Í
LK 
 ê �(V�QRK�
ì����� / �
ï SRSÕV�×-V�K��*��SÕV�
LM ��� �'ÏPO�
�O �
â

� V 
 U�O*��
«Ï â#/ ×���KNM!��
6O*KØI G 
JÒLM!��
®U�ST��PnV�S'����HL×9QTI�I�QT��KØ�*
JI G ��O�I�I!Q � ��
JI�V�ÔÍ
JÒ6Sh��HL×9QTI�I!QT��KÎ�*
JIBU�����I
U��(V�QRK�I 
 G ��QRK�M!QRSRSTHJI&	 G ��QRK�M�I���� G 
LM!QRM�I"U��(V�QRK�I 
 M!�(V�QRM�I�ÒJ��KNM!QRK�O�I��¯
LM¯ÿ ï¢A 
 G ��QRK�M!QRSRSTHJI��"I�
LST��KsST
�×��F� � ST

�*
 ê 
JI�
L�!M ø ��O*SÕV�K*UÍ
L��9 ÿ^O*UÍ
LM 
 ÏPO�O�� � G ��O*�0O*K�
�U�V�SÕVfÙFQT
bÒJ��×9×�
bSÕV�K 	�M!��
���ST
JI¢U�����I0U��(V�QRK�I®I���KNM
��
JI G ��K�I(V�P*ST
JIB�*
0SÕV�×-Vf±!
LO*��
 G V��!M!QT
6�*
¢Sh��HL×9QTI(I!QT��KØV�O �*
LS ���*
 � � µ × â � 
JIBÿ ï¢A I���K�M5V�I�I��FÒLQTHJI5V�O	Ù
PnV�K��*
JI�����HL×9QTI�I�QT��KãI!QRM!O�HJ
JIb
LK�M!��
 / 
LM<Ï / µ × â�C K�M!��
 ���ì
LMbÓ�� µ × �'ST
JI G 
LM!QRM�I�U��(V�QRK�I��*��×9QRK�
LK�MSh��HL×9QTI(I!QT��K â



� a I ��� � ��� ��	 � �#� �TJ ���;K 	WL 	�M ��� �

ðñö�� �*Ï â Ï �"ÿ^��HJI�
LKNM(V�M!QT��K-�*
JIlÿ ï0A 
LM^�*
JIl�	Q3�4HL��
LKNM�Il×��N�*
JIl�*
7ÔFQRP*�(V�M!QT��K�Il��
JI G ��K�I V�P*ST
JI°�*
JI°PnV�K��*
JI
V�����×-V�M!QTÝNO�
JI â�� �������
	���	
�n��������	<� I G 
JÒLM!��
E�*
 �®ü ÖBÐ���� / VJÔÍ
JÒ7ST
JI°�	Q3�4HL��
LKNM�
JIlPnV�K��*
JI�
LK�HL×9QTI�I!QT��K
 Ö7
JI(V���I �  ��� � � � �'ÏPO�O � � â�� �������
	���	�����������	ã� C Ù*
L× G ST
��*
"×���STHJÒLO*ST
JI6�*
bÿ ï0A 
LM0ÒJ
JI0�	Q3��HL��
LK�M�I
×��F�*
JI5�*
6ÔFQRP*�(V�M!QT��KÎ��
JI G ��K�I(V�P*ST
JI5�*
JI�PnV�K��*
JI�V�����×-V�M!QTÝ�O�
JI 
 ê �(V�QRK�
$��� �����n����� / � â

� 
JI5U��(V�QRK�IBKnV�QTI�I(
LK�M�S ���?>ØST
JI5ÒJ��K��	QRM!QT��K�I��*
 G ��
JI(I!QT��KÎ
LM��*
®M�
L× G HL�(V�M!O*��
¯I���KNM G ��� G QTÒJ
JI �9�*
JI
��H�V�ÒLM!QT��K�I7ÒJ��× G ST
ÚÙ	
JIE
LK�M!��
¢HLSTHL×�
LK�M�IEST��O*���*I!�ÍÒ���
JI!M �6�	QR��
���V�K�I�ST
JI¤V�M!×���I G*ä�� ��
JI ������QT�*
JI��*
JI¤HLM���QRST
JI

LK 
 KÎ�*
"ÔNQT
4�*ÒJ��×9×�
6ST
JI5UÍH�V�K�M�
JI!�nST
JI5I!O G 
L�!UÍH�V�K�M�
JI!�*ST
JI5K���Ô�V�
4��ST
JIBK�HLP*O*ST
LO�I�
JI G SÕV�K�HLM(V�QR��
JI�
LM5ST
JI
I!O G 
L�!K���Ô�V�
 â � V5ÒJ��× G ��I!QRM!QT��K��*
JI'U��(V�QRK�I2Ô�V��!QT
 �����!M�
L×�
LKNM°
LK'����K�ÒLM!QT��Kb�*
JI'ÒJ��K��	QRM!QT��K�I G*ä  	I!QTÝ�O�
JI°ÝNO*Q

LKNM���O*��
LK�MbST
LO*�"ÒL��H�V�M!QT��K â � STI6I(��K�M¯
LK�I!O*QRM�
9
ÚÙ G O*STI�HJI6ÔÍ
L��I"ST
�×9QRSRQT
LO·QRK�M�
L��I!M�
LSRSÕV�QR��
<
LM6ÔÍ��K�M¯HLÔÍ��SRO�
L�
M���O*MØV�O{ST��K*Uy�*
 ST
LO*� ÔNQT
·V�O{U���HÃ�*
JI ÒJ��K��	QRM!QT��K�I G*ä  	I!QTÝNO�
JI Ý�O2� QRSTIÀÔÍ��K�M ��
LK�ÒJ��KNM!��
L� â Ö7
L�!M(V�QRK�I
I�
L����KNM^�*HLM!�!O*QRM�I G V��°HL����I!QT��K$�fÔ�V G ���!QTI(V�M!QT��K9��O2���(V�U�×�
LKNM(V�M!QT��K â�ê � V�O*M!��
JIlÔÍ��K�M^ÒL��� �TM!��
 G V��lV�ÒJÒL��HLM!QT��K$�
ÒJ�ÍV�U�O*SÕV�M!QT��K â Ö7
L�!M(V�QRK�IñU��(V�QRK�I7�*
 G ��O�I�I!Q � ��
¢ÒJ��K�M!�!QRP*O�
L����K�MBQRK��	QR��
JÒLM�
L×�
LKNM7�"SÕV������!×-V�M!QT��K ����HLM���QRST
JI
G O*QTI�ÝNO2� QRSTI^±!��O�
LK�M¢O*KÎ�
	�ST
"�*
"Ò�V�M(V�S  	I�
LO*�®V�OØÒJ��O*��I��*
6SÕV �����!×-V�M!QT��K �*
 H2

�*SÕV�×-Vf±!
LO*��
 G V��!M!QT
¯�*

H2

K2� V G O�I�
 � ���!×�
L�7
LK G*ä V�I�
5U�V ��
LO�I�
0��V�K�IESÕV6×�
JI!O*��
¢�?>ÀÒJ
LM!M�
���H�V�ÒLM!QT��KÀK2��
JI�M G V�IñV�I�I�
 ��
��-Ò�V�ÒJ

G ��O*�ñ��
LK��	��
0ÒJ��× G M�
6�*
¢Sh� V�P4��K���V�K�ÒJ
6�*
¢Sh� ä  F�	����U � K�
®×���STHJÒLO*SÕV�QR��
6�*HLM�
JÒLM�H"V�O�±!��O*����� ä O*Q 
 ü ��O*ST��9
D V�S G 
LM�
L�-ÏPO � / � ü ��O*ST� ��� ��� �¤ÏPO � / � â Ñ¢K G 
LK�I�
9ÝNO�
�ST
JI¯V�M���×�
JI¯��� ä  F�	����U � K�
<I���K�M�V��*I(���!P+HJI0�ÀSÕV
I!O*�&�hV�ÒJ
-�*
JI¯U��(V�QRK�I�
LMbÝ�O2� QRSTI�I�
-�*H G SÕV�ÒJ
LKNM G V��b
 �4
LM�M!O*K*K�
LS7I�O*�¯ÒJ
LM!M�
-I!O*�&�hV�ÒJ
4�'ÒJ
<Ý�O*Q7V�O*U�×�
LK�M�

ST
LO*� G ����PnV�P*QRSRQRM�H��*
¯��
LK�ÒJ��K�M!��
 â � K�
'����QTI�O*K�
"×���STHJÒLO*ST
¯�*
 H2

ÒL��HJHJ
4�+
LSRST
"
JI!M�SRQRP4HL��HJ
 
 �"V�M�� ��� �����
ÏPO�O�O�� ê O*ST
  ·ÏPO�O � ��ÿ^QR�!����K�
LSRST� ��� �����2ÏPO�OÍÐ4� â� 
JI�U��(V�QRK�IÎÒJ��K�M!�!QRP*O�
LKNM G SRO�I �	QR��
JÒLM�
L×�
LK�M<�sSÕV � ���!×-V�M!QT��Ku�*
JI HLM���QRST
JI 
LK G 
L�!×�
LM!M(V�KNMØV�O	Ù
KNOnV�UÍ
JI¯×���STHJÒLO*SÕV�QR��
JI��*
�I�
���
�������QT�	QR� G ��O*�¯�*��K*K�
L��KnV�QTI�I(V�K�ÒJ
ÀV�O	Ù<��O*M!O*��
JI"UÍHLK�HL�(V�M!QT��K�Ib����HLM���QRST
JI â� ����I(Ý�O�
¢ÒJ
JIEHLM���QRST
JIEÔÍ��K�MBV��!�!QRÔÍ
L�7
LK 
 K<�*
�ÔNQT
4�N
LSRST
JI¤ÔÍ��KNM7ÒJ��KNM!�!QRP*O�
L���"SÕV=� ���!×-V�M!QT��K<�*
�K���O*ÔÍ
�V�O	Ù
U��(V�QRK�I â�C M���QRST
JI0
LM G ��O�I(I!Q � ��
JI�I���KNM¢�*��K�Ò¯QRK�M!QR×�
L×�
LK�M®SRQTHJ
JI G O*QTI�Ý�O2� V�O�±!��O*����� ä O*Q°SÕV9×-Vf±!
LO*��
 G V��!M!QT

�*
JI�HLM���QRST
JI�KnV��TM9��V�K�I9�*
JI�ÒJ�NÒJ��K�I9�*
 G ��O�I(I!Q � ��
�
LM�ST
JI9HLM���QRST
JI�
LK 
 Ky�*
<ÔFQT
À�*��K*K�
LK�M9KnV�QTI�I(V�K�ÒJ

���*
JI G ��O�I�I!Q � ��
JI!��ÒJ
LM!M�
9I  N×�P*QT��I�
9
JI!M G ��HJI�
LKNM�HJ
 
 U�O*��
ÎÏ â � â�C SRST
9I���O*S � ÔÍ
�Sh��H G QRK�
LO	Ù G ����P*S � ×�
��*

SÕV<KnV�QTI�I(V�K�ÒJ
9�*
�SÕV G ��
L×9Q � ��
�UÍHLK�HL�(V�M!QT��Ks����HLM���QRST
JI(�4×-V�QTI"ÒJ
LM!M�
9Ý�O�
JI�M!QT��KÃ�*H G V�I(I�
bST
9Ò�V��	��
9�*
�×-V
M ä�� I�
 â

� V G ��O�I(I!Q � ��
®K�
®��
 G ��HJI�
LK�M�
¯Ý�O2�	O*K G ��O*��ÒJ
LK�M0�*
®SÕVb×-V�I�I�
6�	O ×9QRSRQT
LOÎQRKNM�
L��I!M�
LSRSÕV�QR��
 % G ��O*�!M(V�K�M

LSRST
-V ��
JÒLM�
 G ��� � ��K��*HL×�
LK�M�ÒJ
L�!M(V�QRK�
JI G ��� G �!QTHLM�HJI¯�*
JI"U�V�SÕVfÙFQT
JI"ÒJ��×9×�
�ST
LO*�¯�	QTI!M!�!QRP*O*M!QT��Ks
LKsHLK�
L�&	
U�QT
�Ò�V��9
LSRST
�
JI!M���
JI G ��K�I(V�P*ST
��*
ÀSh��
ÚÙ	M!QRK�ÒLM!QT��K{�°SÕV G ��O�I�I!Q � ��
�V�P�I����!P+
�
LM��	Q3�+O�I(
<ST
<�(V  Í��K*K�
L×�
LKNM
HLK�
L�!UÍHLM!QTÝNO�
 
 � Ü 	hÔNQTI�QRP*ST
�	 G ���NÒ ä 
 � ÷��"
LM�ST
<��H�	 HL×�
LM9��V�K�IbST
<�*��×-V�QRK�
 �*
<Sh� QRK����(V�����O*UÍ
À×��( Í
LK 
LM
ST��QRKNM(V�QRK â Ö7
LM!M�
�
ÚÙFM!QRK�ÒLM!QT��K�
JI!M®I�HLST
JÒLM!QRÔÍ
9
LK ST��K*U�O�
LO*�"������K��*
 ��
LSRST
9V ��
JÒLM�
�M!� � I �����!M�
L×�
LKNM6ST
b�*� 	
×-V�QRK�
 � Ü ��×���QRK�I � ���!M�
L×�
LK�M7ST
5�*��×-V�QRK�
0� G M!QTÝ�O�
4�N
LM G SRO�I�STHLU � ��
L×�
LKNMñST
5�*��×-V�QRK�
¢�*
5Sh� QRK����(V�����O*UÍ

G ���FÒ ä 
 âÍê V�K�I^ST
ñÒJ
JI���� O*K�
ñUÍHJ��×�HLM!�!QT
��*
JI G ��O�I(I!Q � ��
JI^�*
ñM, G 
BHJÒL�(V�KNM(V�UÍ
4��Ò���
JI!M �®�	QR��
BI!Q*��K9��
LU�V����*

O*K�
bHLM���QRST
��9M!�(VJÔÍ
L��I®O*K K�OnV�UÍ
��*
 G ��O�I(I!Q � ��
 G V��®
ÚÙ*
L× G ST
4�nST
bI G 
JÒLM!��
��*
�Sh��HLM���QRST
9V G*G V��(V��TM0����O*U�Q â



� | � � � 	 �c� � ��� �#� �.JFy � � �VK 	BL 	�M ��� � b

ðñö����5Ï â � �sÿ^��HJI�
LKNM(V�M!QT��K �*
JI�PnV�K��*
JI-V�����×-V�M!QTÝNO�
JI��*
 Û 
�� 
 
ÚÙ	M!�(V�QRM��*
 � V�O*��
LK�MÀ
LM�V�S â ��������� � â� 
�ÒJ��K�M!QRKNO*O*× 
LM"ST
JI"�(V�QT
JI"�	O�U�V �-��KNM¯HLM�H9��
LM!QR��HJI â � V ÒJ��O*�!P+
9
LKsM!�(V�QRM G ST
LQRK�×���K�M!��
-ST
9I G 
JÒLM!��

��HJI�O*SRM(V�K�M â � 
JI G ��QRK�M!QRSRSTHJI�I(��K�M5ST
JI�Vf±�O�I!M�
L×�
LKNM�I��*
"Ò ä V�Ý�O�
6PnV�K��*
4� G V��5O*K�
6ST����
LK�M��JQT
LK*K�
 â

� ��
ÚÙFM!QRK�ÒLM!QT��K Aλ
V�I�I��FÒLQTHJ
0��ÒJ
¯����O*U�QTI�I�
L×�
LKNM0
JI!M¢�*H 
 K*QT
 G V���SÕV������!×�O*ST
<Ï â Ï¯�?> Iλ 
JI�M5Sh� QRK�M�
LK�I!QRM�HSRO*×9QRK�
LO�I(
 G 
L���LO�
-V G � � I"ST
9KNOnV�UÍ
-�*
 G ��O�I�I!Q � ��
�
LM Io(λ) Sh� QRK�M�
LK�I!QRM�H-SRO*×9QRK�
LO�I�
-ÝNO�
�Sh����KsÔÍ
L�!�(V�QRM
LKØSh� V�P�I�
LK�ÒJ
"�*
 G ��O�I�I!Q � ��
 â

Iλ = Io(λ) 10−Aλ/2.5 = Io(λ)e−τλ

 Ï â Ï(�

Ñ¢Kì�*H 
 K*QRM¢V�O�I�I!Q�Sh��H G V�QTI�I(
LO*��� G M!QTÝ�O�
¯Ý�O*Q2
JI!MB��
LSRQTHJ
 �bSh��
ÚÙFM!QRK�ÒLM!QT��K G V��BSÕV � ���!×¯O*ST
�Ï â � â

τλ = 0.921Aλ.

 Ï â � �

� ��
ÚÙFM!QRK�ÒLM!QT��K 
JI!M�M!� � I��	Q��-ÒLQRST
 �ì×��N�*HLSRQTI�
L� �ìSh��HJÒ ä 
LSRST
Î��� O*K�
�U�V�SÕVfÙFQT
 Ò�V��9
LSRST
 �*H G 
LK��y�*
ÀSÕV
ST��K*U�O�
LO*��������K��*
4�2�*
�SÕV�ÒJ��× G ��I�QRM!QT��K��*
JI G ��O�I(I!Q � ��
JI!�4�*
�ST
LO*�6M(V�QRSRST
4�2�*
bST
LO*��� ���!×�
4���*
�ST
LO*���	QTI&	
M!�!QRP*O*M!QT��K$���*
9SÕVÀ×�HLM(V�SRSRQTÒLQRM�H-�*
�SÕVÀ��HLU�QT��K ÒJ��K�I!QT�*HL��HJ
4�2�*
-I(V�ÒJ��× G V�ÒLQRM�H â � ��HLM!O��*
<�*
�Sh��
ÚÙFM!QRK�ÒLM!QT��K
�*
�ÒJ
L�!M(V�QRK�
JI®��HLU�QT��K�I6�*
�K���M!��
 ü V�SÕVfÙFQT
4�4��OÃ�*
bU�V�SÕVfÙFQT
JI G ���FÒ ä 
JI"V-×���K�M!��H9ÝNO�
¯ST
JI0ST��QTI6����
ÚÙ	M!QRK�Ò�	
M!QT��K G ��O*Ô�V�QT
LK�M5+LM!��
6M!� � IB�	Q3��HL��
LK�M�
JI â � V 
 U�O*��
«Ï â Ób��
 G ��HJI�
LKNM�
6SÕVbST��Q2����
ÚÙ	M!QRK�ÒLM!QT��KØ�*
JIBK�OnV�UÍ
JI��*

Û V�UÍ
LSRSÕV�Ks
LM¯�*
�SÕV Ü���QT
 � V�ÒLM�HJ
�
LK � ��K�ÒLM!QT��Ks�*
�SÕV�ST��K*U�O�
LO*�b������K��*
 â � ��
ÚÙ	M!QRK�ÒLM!QT��K 
JI!M6M!�(V�ÒJHJ
-
LK
� ��K�ÒLM!QT��Ky�*
-SÕVìST��K*U�O�
LO*�9������K��*
�
LM�K����!×-V�SRQTI(HJ
 I!O*QRÔ�V�KNM�SÕV � ���!×¯O*ST
ÃÏ â#/ Ý�O*Q7��
 G ��HJI�
LK�M�
�SÕVì�	Q3��H�	
��
LK�ÒJ
b����
ÚÙ	M!QRK�ÒLM!QT��K G V��¢�(V G*G ���!M��-Sh� V�M!M�HLK�OnV�M!QT��K·��V�K�I0SÕV9PnV�K��*
�ÔNQTI!QRP*ST
¯Ü � ��K ä I���K K����!×-V�SRQTI�HJ
��
SÕV��	Q3�4HL��
LK�ÒJ
"����
ÚÙ	M!QRK�ÒLM!QT��Kì
LKNM!��
6ST
JI 
 SRM!��
JI ø 
LM�Ü � ��K ä I(��K â

K(λ) =
E(λ− V )

E(B − V )
=

Aλ −AV

E(B − V )


 Ï â#/ �



� � I ��� � ��� ��	 � �#� �TJ ���;K 	WL 	�M ��� �

ðñö�� ��Ï â#/ � � ×9QTI�I!QT��K 
LME
ÚÙ	M!QRK�ÒLM!QT��K �*
�SÕV¯Ü���QT
 � V�ÒLM�HJ
 G ��HJ�	QRM�
JI G V��7ST
¢×��N� � ST
 ê®ø ÿ O�� â � 
JI7PnV��!��
JI
����
L�!��
LO*�ñI���K�MEST
JIE��P�I(
L�!Ô�V�M!QT��K�I7�*
5Sh��HL×9QTI�I�QT��K 
 ÔÍ��QR� ê0ø ÿ�O�� � â � 
JIEÒL����Q>Ù-I!O*�¤SÕV¯ÒJ��O*�!P+
¢����
ÚÙFM!QRK�ÒLM!QT��K
I���KNM9ST
JI9��P�I�
L�!Ô�V�M!QT��K�I9�*
ÀI VJÔ�V�UÍ
 9 Û V�M ä QTI!�ñÏPOÍÐ�O â � V SRQRU�K�
ÀK���QR��
 
LK M!�(V�QRM G ST
LQRKy��
 G ��HJI�
LK�M�
�SÕV
I���×9×�
��*
JI5M!����QTI¢ÒJ��× G ��I(V�KNM�
JI â Iλ 
JI!M5Sh� QRK�M�
LK�I�QRM�H��*
6�(V! Í��K*K�
L×�
LK�M!� NH

SÕV��*
LK�I!QRM�H"��� ä  	�	����U � K�
4�
σH

�*SÕV�I�
JÒLM!QT��Kì
��-Ò�V�ÒJ
 G V��¢V�M���×�
"��� ä  F�	����U � K�
 â



� | � � � 	 �c� � ��� �#� �.JFy � � �VK 	BL 	�M ��� � N

ðñö ���'Ï â � �<ÿ^��HJI�
LKNM(V�M!QT��K �	OÎÒ  	ÒLST
"�*
6ÔFQT
6�*
JI G ��O�I�I!Q � ��
JI â�� QRU�O*��
6QRK�I G QR��HJ
¯�*
 ü V�SRSRQÕV�K�� 
 ������� � â

ðñö����2Ï â Ó ��Ö7��O*�!P4
JI5����
ÚÙ	M!QRK�ÒLM!QT��Kì�*
®K���M!��
 ü V�SÕVfÙFQT
 
 M!�(V�QRM G ST
LQRK:�����	O ü �(V�K�� � OnV�UÍ
6�*
 Û V�UÍ
LSRSÕV�K
 M!QR��
LM�I��ñ
LM�ÿ°
LM!QRM � OnV�UÍ
¯�*
 Û V�UÍ
LSRSÕV�K 
 M!�(V�QRM�
LK G ��QRKNM!QRSRSTHJI�� â



��� I ��� � ��� ��	 � �#� �TJ ���;K 	WL 	�M ��� �

� 
JIEST��QTIñ����
ÚÙ	M!QRK�ÒLM!QT��K ��V�K�I¤ST
0�*��×-V�QRK�
®� G M!QTÝ�O�
0
LM G ���FÒ ä 
 � ÷ K�
¢Ô�V��!QT
LK�M G V�IEM!��� G �*
JI � OnV�UÍ
JI
�*
 Û V�UÍ
LSRSÕV�K �bK���M!��
 ü V�SÕVfÙ	QT
6ÒJ��×9×�
6ST
®×���K�M!��
6SÕV 
 U�O*��
 Ï â Ó â�C SRST
JI5I�
L����K�M G ��HJI(
LK�M�HJ
JI�
LKÎ�*HLM(V�QRS
V�OÎÒ ä V G QRM!��
6Ü � â � ��
ÚÙ	M!QRK�ÒLM!QT��Kì��V�K�IBÒJ
6�*��×-V�QRK�
"�*
®ST��K*U�O�
LO*��������K��*
¯
JI!M G �!QRK�ÒLQ G V�ST
L×�
LK�M6V�I�I��FÒLQTHJ

V�O	ÙØU�����I0U��(V�QRK�I®ÒJ��×9×�
�ST
¯×���KNM!��
�SÕV 
 U�O*��
 Ï â#/	â4ï G SRO�I®ÒJ��O*�!M�
¯ST��K*U�O�
LO*�6������K��*
4�+SÕV G 
LKNM�
b�*
JI
ST��QTI<����
ÚÙFM!QRK�ÒLM!QT��K{�	QRÔÍ
L�!UÍ
 � ���!M�
L×�
LK�M â � 
JI-ÿ ï0A I(
L×¯P*ST
LK�M�+LM!��
ìV�O�±!��O*����� ä O*Q0�*
ÎP4��K�I�Ò�V�K��	QT��V�M�I
G ��O*�7
ÚÙ G SRQTÝNO�
L�¤SÕV'�����!M�
���
L×���K�M�HJ
®�*
�SÕV¯ÒJ��O*�!P+
0����
ÚÙ	M!QRK�ÒLM!QT��K�
LK � Ü 
 ê®ø ÿ�O���
LM 
 U�O*��
YÏ â#/ � â�� K�

PnV�K��*
����	Ï¾Ð�Ó � 
JI!M G ��HJI�
LKNM�
0��V�K�IñSÕV�ÒJ��O*�!P4
0����
ÚÙ	M!QRK�ÒLM!QT��KÎ�*
0SÕV"Ü���QT
 � V�ÒLM�HJ
 %*
LSRST
®
JI!M G SRO�I � V�QRP*ST

��V�K�I6ÒJ
LSRST
��	O ü �(V�K�� � OnV�UÍ
b�*
 Û V�UÍ
LSRSÕV�K�
LM0ÒJ��× G S � M�
L×�
LKNMbV�P�I�
LKNM�
9��V�K�I6ÒJ
LSRST
��	O G 
LM!QRM®K�OnV�UÍ

�*
 Û V�UÍ
LSRSÕV�K â Ö7
 G QTÒ�
JI!M6I���O*ÔÍ
LKNM6V�I(I��NÒLQTH9V�O	ÙØM!� � I G 
LM!QRM�I0U��(V�QRK�I6Ò�V��!P+��K�HJI6ÒJ��×9×�
bST
b×���K�M!��
�SÕV
 U�O*��
 Ï â#/	ânê 
6×-V�K*Q � ��
�UÍHLK�HL�(V�ST
4��ST
JI¢�	Q3�4HL��
LK�ÒJ
JI0��� O*K�
¯ÒJ��O*�!P4
2��Sh� V�O*M!��
 G 
LO*ÔÍ
LKNM�+LM!��
¯SRQTHJ
JI ��SÕV
×�
LM(V�SRSRQTÒLQRM�H<Ý�O*Q�Ô�V��!QT
9��� O*K�
9��HLU�QT��K �ÀSh� V�O*M!��
 
 a -®� â ����
 Z�

G ��O*�6ST
 ü �(V�K�� � OnV�UÍ
-�*
 Û V�UÍ
LSRSÕV�K

LM2a -®� â ����� Z�

G ��O*�BST
6ÿ°
LM!QRM � OnV�UÍ
6�*
 Û V�UÍ
LSRSÕV�K:��� ��O*K�
6�	QTI!M!�!QRP*O*M!QT��KØ�	Q3��HL��
LK�M�
"�*
®M(V�QRSRST
6�*
®SÕV
G ��O�I�I!Q � ��
4� �bO*K�
"UÍHJ��×�HLM!�!QT
 G SRO�I�ÒJ��× G V�ÒLM�
 â

Û +L×�
�I!Q^ST
9�*��×-V�QRK�
-�*
9Sh� QRK����(V�����O*UÍ
�×��! Í
LK 
JI�M6×���QRK�I6M���O�Ò ä H G V��6Sh��
ÚÙFM!QRK�ÒLM!QT��K$�'QRS G ��HJI�
LK�M�

�*
LO	ÙÀPnV�K��*
JIEQR× G ���!M(V�K�M�
JI�
LK�V�P�I���� G M!QT��K �XO â Ð µ ×q
LM®Ï�
 µ ×qÝNO*Q+I(��K�MBV�I�I��FÒLQTHJ
JI ���*
JI G V��!M!QTÒLO*ST
JI
�*
"I�QRSRQTÒ�V�M�
JI â � 
JI�
ÚÙ G HL�!QT
LK�ÒJ
JI5×�
LK�HJ
JI5
LKÎSÕV�P4���(V�M���QR��
¯I�O*�5�*
JI5I!QRSRQTÒ�V�M�
JI5×���KNM!��
LK�M0�*
JI¢V�P�I���� G M!QT��K�I
� O â Ð9
LM"Ï�
 µ × G SRO�I�HLM!����QRM�
JI�ÝNO�
"ÒJ
LSRST
JI¢�*
JI5I G 
JÒLM!��
JI�V�I!M!��� G*ä  	I!QTÝNO�
JI!��ÒJ
"ÝNO*Q�M�
LK��	�(V�QRM��9×���K�M!��
L�
ÝNO�
®ST
JI5I!QRSRQTÒ�V�M�
JI0V�I!M!��� G*ä  	I!QTÝNO�
JI5K�
6I���KNM G V�I G O*��I 
 ê �(V�QRK�
09 � 
J
�ÏPO�
�� � â

� | � | $ � 	 	 	�� ��� � � ��� � � �
� 
 G ����P*S � ×�
¤�*
^SÕVB×-V�M!Q � ��
�K���QR��
�
JI!M�K�H¤�*
^M�
LK�M(V�M!QRÔÍ
JIlV�I�I�
 ���	QRÔÍ
L�!UÍ
LKNM�
JI°����
JI�M!QR×-V�M!QT��K��*
^×-V�I�I(


�*
JI6U�V�SÕVfÙ	QT
JI â4ê 
LO	Ù ×�HLM ä �F�*
JI6QRK��*H G 
LK���V�K�M�
JI�
ÚÙFQTI!M�
LKNM G ��O*�"
JI�M!QR×�
L�6SÕV-×-V�I(I�
9�*
JI®U�V�SÕVfÙFQT
JI-��SÕV
G ��
L×9Q � ��
 
JI!M�PnV�I�HJ
ìI!O*�-�*
JI<ÒL�!QRM � ��
JI<�� FKnV�×9QTÝ�O�
JIÀ
LM�SÕVsI�
JÒJ��K��*
ØI!O*�-SÕV·SRO*×9Q � ��
ØHL×9QTI(
 G V��-ST
JI
U�V�SÕVfÙ	QT
JI â�Û V�QTIBST
JI5�*
LO	Ù�×�HLM ä �N�*
JI¢�*��K*K�
LK�M0�*
JIB��HJI!O*SRM(V�M�I5QRK�ÒJ��× G V�M!QRP*ST
JI â

ï Sh��HJÒ ä 
LSRST
��*
ÃSÕV U�V�SÕVfÙ	QT
4�BÒJ
 G ����P*S � ×�
�
JI!MÎV G*G V��!OuST����I�ÝNO�
Ã�*
JI ÒJ��O*�!P+
JIÎ�*
 ����M(V�M!QT��K �*
JI
U�V�SÕVfÙ	QT
JIBI G QR�(V�ST
JIñ��K�M5HLM�H¢M!�(V�ÒJHJ
JI�� â*D Q4SÕV"SRO*×9Q � ��
6HLM(V�QRMñO*KÀP+��K�QRK��	QTÒ�V�M�
LO*�5�*
¢SÕV¯×-V�I(I�
4��Sh��
JI(I�
LK�M!QT
LS
�*
"ÒJ
LSRST
�	 ÒLQ°I�
6M!����O*ÔÍ
L�(V�QRM G � � I��	OØÒJ
LKNM!��
�
LM�SÕV�ÔNQRM�
JI(I�
6�*
"����M(V�M!QT��KÃV�O*U�×�
LK�M�
L�(V�QRM G O*QTI��*HJÒL��� �TM!�(V�QRM
�(V G QT�*
L×�
LKNM�VJÔÍ
JÒ�SÕVÀ�	QTI!M(V�K�ÒJ
�V�O·ÒJ
LK�M!��
 
 ST��QTI6�*
 �6
 G ST
L��� â � 
JI6ÒJ��O*�!P4
JI®�*
�����M(V�M!QT��K��*
JI0U�V�SÕVfÙFQT
JI
I G QR�(V�ST
JIÎV�O*U�×�
LKNM�
·P*QT
LK G � � I �	O ÒJ
LK�M!��
4�ñ×-V�QTI�K�
Ã�*HJÒL��� �ÕI�I�
LKNM G V�IÎV�O�I�I!Q0ST��QRKuÝ�O2��
LSRST
JI���K�M G O
+LM!��
<×�
JI!O*��HJ
JI â�� K�
<ÒJ��K�M!�!QRP*O*M!QT��KþI!O G*G STHL×�
LKNM(V�QR��
��ØSÕV ×-V�I(I�
�ÔFQT
LK�Mb�*
JI¯KNOnV�UÍ
JIb�*
<U�V � A � ÝNO*Q
I���HLM�
LK��*
LKNM G SRO�I�ST��QRK Ý�O�
 ST
JI�HLM���QRST
JI �7×-V�QTI<ST
LO*��×-V�I�I(
 
JI�M<QRK�I!O��-I V�K�M�
 G ��O*�À��
LK��	��
ÃÒJ��× G M�

�*
JIÀÔFQRM�
JI�I�
JIÀ�*
Ø����M(V�M!QT��K ��P�I�
L�!ÔÍHJ
JI �sU��(V�K��*
Ã�	QTI!M(V�K�ÒJ
ì�	O ÒJ
LKNM!��
 â Ö7
JÒLQ®QR× G SRQTÝNO�
 SÕV G ��HJI�
LK�ÒJ

��� O*K�
�ÝNOnV�K�M!QRM�H-QR× G ���!M(V�KNM�
-�*
9×-V�M!Q � ��
-��V�K�I¯�*
JI6��HLU�QT��K�I��*
�M!� � I��hV�QRP*ST
�SRO*×9QRK���I!QRM�H â � ��
JI(I�
LK�M!QT
LS
�*
¯SÕV�×-V�I�I(
"
JI!M�K���×9×�HJ
 - ����� .�� ���)+*���,� 
 ��O - ����� .�� ��� +4- � �,�¢��O - ��������- �*��
�
 �*�g� � �5Ò�V��0
LSRST
�
JI�M
QRK��	QR��
JÒLM�
L×�
LKNM0��P�I�
L�!ÔÍHJ
�V�O�I�I!Q�P*QT
LK �bSh��HJÒ ä 
LSRST
��*
JIBU�V�SÕVfÙ	QT
JI5ÝNO2�#�9ÒJ
LSRST
"�*
JI�V�×-V�I â� 
JI5��P�I�
L�!Ô�V�M!QT��K�I5I���
ÚÙ G SRQTÝ�O�
LKNM�I!Q4Sh����KÎI!O G*G ��I�
6Ý�O�
0SÕVbU�V�SÕVfÙ	QT
®ÔNQTI�QRP*ST
6
JI!MB
LK�����O*QT
6��V�K�IBO*K U�Q
	
U�V�KNM�
JI�Ý�O�
 ä V�ST�9I���×¯P*��
"
LMñ×-V�I�I�Q
� â � 
JI5I�QR×¯O*SÕV�M!QT��K�I5KNO*×�HL�!QTÝ�O�
JI�QRK��	QTÝ�O�
LKNM�ÝNO2� O*K ä V�ST�9I G*ä HL�!QTÝ�O�

I!M(V�P*QRSRQTI(
¯ST
JI0�	QTI�ÝNO�
JI¢
LK G V��!M!QTÒLO*SRQT
L�®I�Q'ST
¯�	QTI(Ý�O�
b
JI!M�STHLU � ��
L×�
LKNM®U�V�O�Ò ä Q^
LK D+â Ö7
L�!M(V�QRK�
JI0U�V�SÕVfÙFQT
JI
ÒJ��×9×�
 �6ü ÖE� � Ó�� ï � G ��HJI�
LK�M�
LKNM¢�*
JI�V�K*K�
�V�O	Ù�� ���!×�HJI5�*
®U�V � �*�*
 G ��O�I(I!Q � ��
JI5
LM5����HLM���QRST
JI G 
L� G 
LK�	
�	QTÒLO*SÕV�QR��
JI9V�O G SÕV�K �*
�SÕVÎU�V�SÕVfÙFQT
 â � STI G ����ÔFQT
LK*K�
LK�M9I(V�K�Ib�*��O*M�
À�*
�SÕVÎÒJ��SRSRQTI�QT��Kã�*
<�*
LO	Ù�U�V�SÕVfÙFQT
JI
�������!QT
LKNM(V�M!QT��K�I��	Q3��HL��
LK�M�
JI â � 
LO*�"I!M(V�P*QRSRQRM�H�K�HJÒJ
JI�I!QRM�
�O*K�
9�	QTI!M!�!QRP*O*M!QT��K��*
�×-V�I(I�
�I G*ä HL�!QTÝ�O�
 G V���ÒJ

ÝNO�
9ST
JI6ÔFQRM�
JI�I�
JI"�*
�����M(V�M!QT��K I���KNM2� G 
LO G � � I"ST
JI6×3+L×�
JI���V�K�I"Sh� V�K*K�
�V�Oã
LM¯��V�K�I"ST
��	QTI(Ý�O�
3��SÕV
×3+L×�
0�	QTI!M(V�K�ÒJ
®�	O<ÒJ
LKNM!��
 â � 
JI7ÒJ��O*�!P4
JIñ�*
5����M(V�M!QT��K�K�
 G 
L�!×�
LM!M�
LKNM7U�O � ��
0��� V�SRST
L�BV�O�	 �*
LS ���*
®���0�/ � � G Ò4�F��V�K�IñST
JIñ×�
LQRSRST
LO*��IBÒ�V�I â ÿ���O*�5I(��K��*
L�7ST
 G ��M�
LK�M!QT
LS�U��(V�ÔNQRM(V�M!QT��K*K�
LS � G SRO�IñU��(V�K��*
6�	QTI!M(V�K�ÒJ
4�
��KìO*M!QRSRQTI�
"�*
JI���P	±!
LM�I5K�HJÒJ
JI(I(V�QR��
L×�
LK�M G SRO�I�HLST��QRU�K�HJI0ÒJ��×9×�
"ST
JI0V�×-V�I5U�ST��P*O*SÕV�QR��
JI®��OÎST
JI�U�V�SÕVfÙFQT
JI
I(V�M�
LSRSRQRM�
JI 
 ST
JI5�*
LO	Ù � OnV�UÍ
JI5�*
 Û V�UÍ
LSRSÕV�K:� â � S�I�
L×�P*ST
6P*QT
LKÎÝ�O�
0ST
 ä V�ST�9�*
®SÕV�Ü���QT
®SÕV�ÒLM�HJ
"I���HLM�
LK��*

±�O�I�ÝNO2�#�9�����9��O / ����� G Ò6�	OÎÒJ
LKNM!��
 â

��� ®¡®�©*ªCª«©*¬/±=¶�´C°G¬��"ª«©"¶�´��"©"ªl°b®�²bªN©"¶ µ �*´J­=¸¡® µ ­=¶bªl®�­4ª«©"¯*´/¸¡±�¶ 8=º ��º +�º



� | Q � � ��J � 	 �BL � ��� L�� �"K � � � ���;Jky#� ��J �.J � �\K 	WL 	"M�� ��� � ~

ê 
7SÕV¢×-V�M!Q � ��
ñK���QR��
B
JI!M^V�O�I�I!Q*HLÔÍ�FÝ�O�HJ
���Sh��HJÒ ä 
LSRST
5�*
JI^V�×-V�I^�*
7U�V�SÕVfÙFQT
JIB��ST
7U�V �ñQRK�M!�(V.	�V�×-V�IE
JI!M
ÒJ��KNM!����STH G V��2O*K G ��M�
LKNM!QT
LS�U��(VJÔFQRM(V�M!QT��K*K�
LS G SRO�I'×-V�I�I!Q
�*Ý�O�
lSh��
LK�I(
L×¯P*ST
¤�*
JI2×-V�I�I�
JI2�*
^M���O�I2ST
JI'��P	±!
LM�I
ÔFQTI!QRP*ST
JI$%+ST
JI®U�V�SÕVfÙ	QT
JI6��� V�×-V�I"��K�M"�*
JI0ÔFQRM�
JI�I�
JI6�*
��	Q G 
L��I!QT��K G SRO�I6HLST
LÔÍHJ
JI"Ý�O�
bK�
bST
 G 
L�!×�
LM!M!�(V�QRM
ST
®M ä HJ��� � ×�
¯�	O Ü¢QR�!QT
LS G ��O*�BST
JIBI� FI�M � ×�
JIñ��
LSÕVfÙ	HJI$%	ST
6I�M!����K*U�
LM �7
�V��<ST
LK�I�QRK*U�ÒJ��K 
 �!×�
LK�M0V�O�I(I!Q4SÕV
K�HJÒJ
JI(I!QRM�H"�*
®×-V�M!Q � ��
"K���QR��
2�bSh��HJÒ ä 
LSRST
¯�*
JI0V�×-V�I â

D Q*Sh��
ÚÙFQTI!M�
LK�ÒJ
B�*
ñ×-V�M!Q � ��
5K���QR��
B
JI!M�V�O�±���O*����� ä O*Q�V��	×9QTI�
4�ÍI(V¢KnV�M!O*��
B
JI!M�
LK�ÒJ����
ñM!� � I�QRK�ÒJ
L�!M(V�QRK�
"�� S^I�
L×¯P*ST
�M!� � I G ����PnV�P*ST
9Ý�O2� O*K�
 �hV�QRP*ST
2���(V�ÒLM!QT��K�I���QRM�� ���!×�HJ
9�*
�×-V�M!Q � ��
�PnV��� Í��K*QTÝ�O�
9ÒJ��×9×�
-�*
JI
V�I�M!��
JI6I���×¯P*��
JI â � K�
bV�O*M!��
2���(V�ÒLM!QT��K�
JI!M®I(V�K�I®�*��O*M�
0� ���!×�HJ
��*
 G V��!M!QTÒLO*ST
JI6HLSTHL×�
LK�M(V�QR��
JI¯�*
0� ���!M�

×-V�I(I�
®QRK�M�
L�(V�U�QTI�I V�K�M0M!� � I � V�QRP*ST
L×�
LKNM0V�ÔÍ
JÒ6ST
JI¢V�O*M!��
JI5ÒJ��×9×�
¯ST
JI�� ��-��)��� â
� | � |�a � � ���Z� � ��� � � � ��� ���
	WL

ï O�±!��O*����� ä O*Q �	��K G 
LK�I�
¢Ý�O�
BM���O*M�
¢U�V�SÕVfÙ	QT
 G ��I�I � �*
5O*K<M!����O-K���QR�ñÒJ
LK�M!�(V�S4�*
5×-V�I�I(
 ∼106 −109

M�

â � ����I�ÝNO�
�SÕV<U�V�SÕVfÙ	QT
�
JI!M G V�O*ÔN��
�
LKÃU�V �9
LM G ��O�I�I!Q � ��
4�+QRS°K2��
JI!M G V�I"V�SRQR×�
LK�M�H9
LM®��
JI!M�
bQRKnV�ÒLM!Q
� â� SBK2��
JI!M-�*HLM�
JÒLM(V�P*ST
ìÝ�O�
 G V��9ST
JI-
 ��
LM�I9U��(VJÔFQRM(V�M!QT��K*K�
LSTI<ÝNO2� QRS G ���¾ÔÍ�NÝNO�
 â¤ï QRK�I!QBO*KþM!����OþK���QR�<
JI!M
G ��HJI(
LK�M�
LM"M!� � I G 
LO V�ÒLM!Q
�¢V�OãÒJ
LK�M!��
-�*
-K���M!��
 ü V�SÕVfÙ	QT
 â � ����I�Ý�O�
<�	OsU�V �-
JI�M��	QTI G ��K*QRP*ST
-��V�K�I¯SÕV
U�V�SÕVfÙ	QT
�
LM6ST����I�ÝNO2� QRS¤
JI!M¯V�×�
LK�H G � � I"�	O�M!����O�K���QR�!��QRS^Ô�V�+LM!��
-V�ÒJÒL��HLM�HÎ�4SÕV ×-V�M!Q � ��
�
LK�ÔFQR����K*KnV�K�M�

 U�V � � G ��O�I�I!Q � ��
�ÔÍ��QR��
 HLM���QRST
JI��0�����!×�
�O*Ky�	QTI�ÝNO�
 ��� V�ÒJÒL��HLM!QT��K â � 
JI � ����ÒJ
JI��*
ÀÔNQTI(ÒJ��I!QRM�H G ��HJI�
LK�M�
JI
V�OþI(
LQRK �	Oþ�	QTI(Ý�O�
�� ��K�M G 
L���	��
 �ìSÕV ×-V�M!Q � ��
 I���Ky×���×�
LK�M-ÒLQRK�HLM!QTÝNO�
 %^
LSRST
�Ô�V G ����U���
JI(I!QRÔÍ
L×�
LK�M
I(
��(V G*G ���NÒ ä 
L�¯�	O·M!����O�K���QR� G O*QTI6M���×�P+
L�¯�*
J��V�K�I â � 
9�	QTI�ÝNO�
9��� V�ÒJÒL��HLM!QT��KsÔ�V"+LM!��
9Ò ä V�O,�4H"�ÀO*K�

M�
L× G HL�(V�M!O*��
��*
 @ ∼ 105 � â � K�
 G V��!M!QT
5�*
ñSÕV0×-V�M!Q � ��
5�(V  Í��K*K�HJ
���V�K�I�Sh� � Ü{
LM^ST
JIl�(V  Í��K�I 6 
 ÷¢
J
JI!�
ÏPO�
�� ����Sh� V�O*M!��
¯
LK QRK����(V�����O*UÍ
 â� K�
0��
LSÕV�M!QT��KÎV¯HLM�H0×9QTI�
0
LK HLÔNQT�*
LK�ÒJ
®
LKNM!��
¢SÕV¯×-V�I�I�
0�	O�M!����O�K���QR�7ÒJ
LKNM!�(V�S2
LM7SÕV��	QTI G 
L��I!QT��K��*

ÔFQRM�
JI�I�
6��V�K�I�ST
®P*O*SRP+
¯�*
®SÕV�U�V�SÕVfÙFQT
 
 � ���!×¯O*ST
 Ï â � @ ��
L×-V�QRK�
���� �����n������� � â

MTN = 108.13

(

σ

200km.s−1

)4.02

M�


 Ï â � �

Ö7
LM!M�
b��
LSÕV�M!QT��KÃ×���K�M!��
bST
�SRQT
LK 
LKNM!��
bM!����OìK���QR�6ÒJ
LK�M!�(V�S^
LM0U�V�SÕVfÙFQT
 ä ��M�
4�+ÒJ
�ÝNO*Q�SÕV�QTI(I�
 G 
LK�I�
L�0O*K�

HLÔÍ��SRO*M!QT��K ÒJ��×9×¯O*K�
��*
"ÒJ
JI5�*
LO	Ù 
LK�M!QRM�HJI®V�OÎÒJ��O*��I��	O M�
L× G I â

^ -�� %������	� ��� �����	� �����)+0�����E
�� �/A3�����	�D� ��� +l! ��!`_�� ���
� | Q | � w[� 	 	 � � � J � � �

� 
·�*��×-V�QRK�
·�*
JI 6 
JI!M �	QRÔNQTI(Hì
LK �*
LO	Ù G V��!M!QT
JI·�7ST
JI�
 - +*
�� G ��O*�<ST
JI�ST��K*U�O�
LO*��IØ������K��*

ÒJ��× G �!QTI(
JI�
LK�M!��
�� â Ï"
LM����Í
hÜ ��
LMBST
JI�
 #*
 � �ñ
LK�M!��
¯��
LM�Ï���� �Í
hÜ â � ��HL×9QTI�I!QT��K 6 �*
JIBU�V�SÕVfÙ	QT
JI G 
LO*M
+LM!��
�V�I�I��FÒLQTHJ
=���*
JI�I���O*��ÒJ
JIBQRK��	QRÔFQT�	O�
LSRST
JI5P*�!QRSRSÕV�K�M�
JI 
 HLM���QRST
JI^±!
LO*K�
JI!�*HLM���QRST
JIBP*QRKnV�QR��
JI(��I!O G 
L�!K���Ô�V�


LMÀ��
JI!M�
ì�*
ìI!O G 
L�!K���Ô�V�
4�7HLM���QRST
JI��sK�
LO*M!����K�I����ESh��HL×9QTI�I!QT��K ø ��
L×�I(I!M!�(V ä SRO*K*Uã�	OÇU�V �ì
LM�ÒJ
LSRST
 �*
JI
K��( �V�O	ÙìV�ÒLM!Q
��I â� 
JI'U�V�SÕVfÙ	QT
JI G ��I�I(HJ��V�K�M'O*K�K��! �V�O9V�ÒLM!Q
�*×���K�M!��
LK�M ����HJÝ�O�
L×9×�
LKNM�O*K�
EHL×9QTI�I!QT��Kb��V�K�I'ST
��*��×-V�QRK�

�*
JI 6 ×���O�I¢
LM5�	O*��I¢V�I�I��FÒLQTHJ
"V�OÎ�	QTI�ÝNO�
"��� V�ÒJÒL��HLM!QT��K â� 
JI¯U�V�SÕVfÙ	QT
JI¯I�O*P*QTI�I(V�K�M�O*K�
�1�V�×�P+HJ
-QRK�M�
LK�I�
<�*
�� ���!×-V�M!QT��K I!M�
LSRSÕV�QR��
<HL×�
LM!M�
LK�M9V�O�I�I!Q¤��V�K�I¯ST

�*��×-V�QRK�
9�*
JI 6�â�ï G � � I0O*K I�O*��I(V�O*M0�*
2� ���!×-V�M!QT��K·����HLM���QRST
JI!�+ST
JI0HLM���QRST
JI G SRO�I0×-V�I�I�QRÔÍ
JI0ÝNO�
�
 M��*��K*K�
LKNM®KnV�QTI�I(V�K�ÒJ
2�-�*
JI¢I�O G 
L�!K��¾Ô�V�
��*
"M, G 
 � � â � ��
LK�I�
L×�P*ST
��*
JI¢I!O G 
L�!K���Ô�V�
¯
LM0�*
JI�ÔÍ
LKNM�I¢I�M�
LS
	
SÕV�QR��
JI�Ô�V0V�ST����I �����!×�
L�^O*K�
ñI!O G 
L�lP*O*SRST
B�*
7U�V �ñÒ ä V�O���ÝNO*QFÔ�V¢I���HLM�
LK��	��
B��V�K�IlST
ñ×9QRSRQT
LO�QRK�M�
L��I!M�
LSRSÕV�QR��


LMBÝNO*Q�I�
L�(V���
JI G ��K�I V�P*ST
6��� O*K�
6HL×9QTI�I!QT��K 6 G SRO�I5�	Q3�4O�I�
 
 Ö ä 
LÔ�V�SRQT
L� 9$ÖEST
LU�UÎÏPO�
�Ó � â � 
JI5HLST
JÒLM!����K�I
G QTHLUÍHJIE��V�K�I�ST
JI¤×-V�U�K�HLM���I G*ä�� ��
JIE�*
JI¤HLM���QRST
JI��0K�
LO*M!����K�I7I���K�M7V�O�I�I!Q*��
 G ��K�I(V�P*ST
JI¤��� O*K�
¢HL×9QTI�I!QT��K 6
 
 ��
LMEI  NK�Ò ä ����M!����K:� â � 
JI¤��
JI!M�
JI7�*
5I!O G 
L�!K���Ô�V"�*
5M  G 
 � 
LM � � I���KNME��P�I�
L�!Ô�V�P*ST
JIE��V�K�I¤ST
JIE�*��×-V�QRK�
JI


 *�©"­���®�� ! ¶�´/©*¬J­=¯*´/¸¡¶�� '�­=ª«ª«¸���© 3 ­9¬«´/¸¡¯"®¡©"ª"º



Q � I ��� � ��� ��	 � �#� �TJ ���;K 	WL 	�M ��� �

�(V��	QT��
LM 6 
LK�ÔFQR����K 105 V�K�IñV G � � I7Sh��
ÚÙ G ST��I!QT��K$�f±�O�I�ÝNO2�#�¯ÒJ
0Ý�O�
¢ST
¢��
JI!M�
¢�*
0I!O G 
L�!K���Ô�V�
®I�
5×�HLSÕV�K*UÍ

V�OÎ×9QRSRQT
LOØQRK�M�
L��I!M�
LSRSÕV�QR��
 â� 
JI"P*QRKnV�QR��
JI 6 I���KNM�V�O�I�I!Q¤��
JI G ��K�I V�P*ST
JI"��� O*K�
-HL×9QTI�I�QT��K 6bâ Ö7
�I���K�M��*
JI¯I� 	I!M � ×�
JI"����HLM���QRST
JI
V�OuI�
LQRKu�*
JI(Ý�O�
LSTI O*K G*ä HLK���× � K�
 ��� V�ÒJÒL��HLM!QT��K M!�(V�K�I&� � ��
ÃO*K�
<���(V�ÒLM!QT��K �*
ÃSÕVã×-V�I�I�
·�*
ÃSh��HLM���QRST

ÒJ��× G V�U�K���KÎÔÍ
L��I5O*KÎ��P	±�
LM5ÒJ��× G V�ÒLM7�bM!�(V�ÔÍ
L��I5O*K �	QTI�ÝNO�
6��� V�ÒJÒL��HLM!QT��K â�ï OÎÒJ��O*��IB�*
6ÒJ
 G ���FÒJ
JI�I!O�I(�
ST
�U�V �ÎI���HJÒ ä V�O,�4
Ø
LM�HL×�
LM<��V�K�I�ST
 �*��×-V�QRK�
Î�*
JI��(V  Í��K�I 6bâlø 
�V�O�ÒJ��O G �*
�P*QRKnV�QR��
JI 6 I���K�M-�*
JI
I���O*��ÒJ
JI5M!�(V�K�I!QRM���QR��
JI5ÔFQTI!QRP*ST
JIBÝNO�
LSTÝ�O�
JIl±!��O*��IB
LK 6 ST����I(Ý�O�
6�*
®SÕVb×-V�M!Q � ��
"
JI�M�V�ÒJÒL��HLM�HJ
 G V��BSh����P	±�
LM
ÒJ��× G V�ÒLM!� G O*QTI7ST
LO*�ñSRO*×9QRK���I!QRM�H®�*HJÒL��� �TM5��V�K�I7O*K��*HLSÕV�Q��*
0Ý�O�
LSTÝNO�
JIñ�	Q �¾V�QRK�
JI7��Ý�O�
LSTÝNO�
JIñÒJ
LK�M(V�QRK�
JI
�*
ñ±!��O*��I â

� | Q | Q w9� 	 	�� � � �BL ���
	�! �#�	L � �
� 
5�(V  Í��K*K�
L×�
LKNMBÒJ��× G �!QTI¤
LK�M!��
�Ï����"
LM������6K*× �����!×�
5ST
5�(V  Í��K*K�
L×�
LKNMEO*SRM!�(V�ÔNQT��ST
LM âFï Sh��HJÒ ä 
LSRST


��� O*K�
¢U�V�SÕVfÙFQT
4�FSh��HL×9QTI�I�QT��K � Ü 
JI!M G �!QRK�ÒLQ G V�ST
L×�
LKNM�V�I�I��FÒLQTHJ
¢V�OÀ�(V  Í��K*K�
L×�
LKNM��*
JI2±!
LO*K�
JI7HLM���QRST
JI7
LM
V�O	Ùì�	QTI(Ý�O�
JI0��� V�ÒJÒL��HLM!QT��K·�*
JI¢K��( �V�O	Ù V�ÒLM!Q
� I0�*
�U�V�SÕVfÙ	QT
 â�Û +L×�
�I�Q'SÕV3���(V�ÒLM!QT��K SÕV G SRO�I0QR× G ���!M(V�K�M�

�*
�ÒJ
LM!M�
�HL×9QTI�I!QT��K·
JI!M6V�P�I����!P4HJ
 G V��®SÕV G ��O�I(I!Q � ��
 G ��O*�=+LM!��
b��HJHL×9QTI�
3��U��(V�K��*
bST��K*U�O�
LO*�"������K��*
4�
O*K�
 G 
LM!QRM�
 G V��!M!QT
¢
JI!M��	Q3�+O�I(HJ
5��V�K�I�ST
B�*��×-V�QRK�
�O*SRM!�(VJÔFQT��ST
LM$% ê 
 G SRO�I!��O*K�
 G V��!M!QT
��	O9�(V  Í��K*K�
L×�
LKNM

JI!M�V�O�I�I�Q7�	QR��
JÒLM�
L×�
LKNM-��P�I�
L�!ÔÍHJ
 â � 
JI9HLM���QRST
JI9ÝNO*Q7ÒJ��KNM!�!QRP*O�
LK�M��ìÒJ
ÀÒJ��K�M!QRKNO � Ü 
 Ï�Ó����.	���
���� � �
I���KNM6×-V�I�I!QRÔÍ
JI 
 Û ≥ Ó M�

���N±!
LO*K�
JI 
 ÝNO�
LSTÝ�O�
JI 108 V�K�I¯V�O G SRO�I���
LM"Ò ä V�O��*
JI 
 @ ≥ Ï��^����� �0� â� V 
 U�O*��
 Ï â � G ��HJI�
LK�M�
ÀSÕVìU�V�SÕVfÙFQT
�I G QR�(V�ST
 Û Ðf� 
LK PnV�K��*
�÷ 
 ����O*UÍ
(�b
LM�� ��Ó���� � 
 P*ST
LO:�<�°�*
JI
HL×9QTI�I�QT��K�I G ��K�ÒLM!O�
LSRST
JI0
LK � ÜaM!�(V�ÒJ
LKNM�ST
JIB��HLU�QT��K�I A � � �*
JIBP*�(V�I�I G QR�(V�O	Ù â

ï Ò�V�O�I�
Ã�*
 I VsÒJ���!��HLSÕV�M!QT��KaV�ÔÍ
JÒ ST
JI HLM���QRST
JIb±�
LO*K�
JI!�ESh��HL×9QTI�I!QT��K � ÜÈV I���O*ÔÍ
LK�MÎHLM�H O*M!QRSRQTI�HJ

G ��O*�E�*HLM�
L�!×9QRK�
L�7ST
5M(V�O	Ù-�*
5�����!×-V�M!QT��K�����HLM���QRST
JI â ÿ�SRO�I!QT
LO*��IñÒ�V�SRQRP*�(V�M!QT��K�I7
LKNM!��
�M(V�O	Ù��*
5�����!×-V�M!QT��K
����HLM���QRST
JI6
LM®�	QRÔÍ
L��I 1�O	Ù � ÜY��KNM0HLM�H G ��HJI�
LKNM�HJ
JI G V��6�6
LK*K*QTÒLO*M!M 
 ÏPO�
 / �����6
LK*K*QTÒLO*M!M ��� � � � 
 ÏPO�O�� ���
ü V�SRSÕV�U ä 
L� ��� � � � 
 ÏPO�
�� ��� � 
LQRM ä 
L��
L� 9 A 
JÒ �F×-V�K 
 ÏPO�O�Ó ��� Û 
LO*��
L� ��� ����� 
 ÏPO�O�Ó � â�Û V�QTI°ÒJ
LMlQRK��	QTÒ�V�M�
LO*�

JI!M � ���!M�
L×�
LK�M¤V ��
JÒLM�H G V��lSh��
ÚÙ	M!QRK�ÒLM!QT��K�
LMlQRS	
JI!M°M!� � I°�	Q��-ÒLQRST
ñ�*
EST
ñÒJ���!�!QRUÍ
L� G ��� G ��
L×�
LKNM���V�K�IlSÕV5×�
�	
I!O*��
B�?>-Sh��
ÚÙFM!QRK�ÒLM!QT��K-
JI�M��	Q��-ÒLQRST
7�0×�
JI!O*��
L�¤
LM^ST
JI^ST��QTI¤����
ÚÙFM!QRK�ÒLM!QT��K�Ô�V��!QT
LK�M¤M!� � I �����!M�
L×�
LKNME��V�K�I�ÒJ

�*��×-V�QRK�
B�*
7ST��K*U�O�
LO*��������K��*
 
 
 U�O*��
{Ï â Ó � â � � O*SRM!�(VJÔFQT��ST
LMEV0HLM�H7O*M!QRSRQTI�H G ��O*�^
JI�I(V! Í
L������
JI!M!QR×�
L�lSh��
ÚÙ 	

ðñö�� �0Ï â � � � ×-V�UÍ
Ø�*
ìSÕV·U�V�SÕVfÙ	QT
 I G QR�(V�ST
 Û Ðf� â���� � ��	 ������� 	w� � ×-V�UÍ
 G �!QTI�
Ø
LKÇPnV�K��*
ìÜ �
Sh����P�I�
L�!Ô�V�M���QR��
¯�	O Û ��KNM � V�U�O*KnV"� D V�K ê QT
LUÍ� 
 ÖñV�SRQ
�����!K*QT
(� â���� � � 	��°��	 � 	 � � ×-V�UÍ
 G �!QTI�
2����Ó����
� G V�� � � @ 
 � SRM!�(V�ÔNQT��ST
LM � ×-V�U�QRK*U @ 
LST
JI�ÒJ� G 
(� â � 
JIb�*HLM(V�QRSTI��*
JI���P�I�
L�!Ô�V�M!QT��K�I�I���KNMb�*��K*K�HJI���V�K�I
 Ö7���!K�
LM!M/��� �����2ÏPO�O�� � â

M!QRK�ÒLM!QT��KØ�*
JIñU�V�SÕVfÙ	QT
JI!�*
LK G V��!M!QTÒLO*SRQT
L����V�K�IñST
JI5U�V�SÕVfÙFQT
JIBHLM�
LQRKNM�
JI¯�*V�ST����I5ÝNO�
0ÒJ
L�!M(V�QRK�I G 
LK�I�
LKNM5Ý�O�

Sh��HLM!O��*
6�*
JI G ��� G �!QTHLM�HJI5O*SRM!�(VJÔFQT��ST
LM!M�
JI � � G M!QTÝ�O�
JI¢I!O��-I�
LKNM G ��O*�B�*HJ�	O*QR��
®ST
JI G ��� G �!QTHLM�HJI�QRK����(V�����O*UÍ
JI



� | Q � � ��J � 	 �BL � ��� L�� �"K � � � ���;Jky#� ��J �.J � �\K 	WL 	"M�� ��� Q �

�*
JI¯U�V�SÕVfÙFQT
JI 
 Û 
LO*��
L� ��� �����EÏPO�O�Ó��¤ÏPO�O�O ���'��� V�O*M!��
JIbÒJ��K�I!QT� � ��
LKNMbÝNO2� O*K�
 G V��!M!QT
<�*
9Sh� QRK������!×-V�M!QT��K

JI�M�M!� � I � ���!M�
L×�
LK�M7×-V�I�ÝNO�HJ
5
LK-O*SRM!�(V�ÔNQT��ST
LM � � G M!QTÝNO�
¢
LMEÝ�O�
BSh� QRK����(V�����O*UÍ
®V G*G ���!M�
�O*K�
BQRK������!×-V�M!QT��K
ÒJ��× G STHL×�
LKNM(V�QR��
 
 A O*U ä 
JI/��� � � ��ÏPO�O�
�� ø V��!UÍ
L�$��� ������ÏPO�O�
 � â�� K�
"M�
JÒ ä K*QTÝ�O�
�V G*G 
LSTHJ
 � +4� #0��� � 
��
� ���6��
LSRQT
<Sh��
ÚÙFM!QRK�ÒLM!QT��K$�'Sh��HL×9QTI�I!QT��K O*SRM!�(VJÔFQT��ST
LMb
LM�QRK����(V�����O*UÍ
À�*
JI"U�V�SÕVfÙ	QT
JI â Ö7
LM!M�
-M�
JÒ ä K*QTÝNO�
ÀVÎHLM�H
G ��� G ��I�HJ
 G ��O*� G ��HJ�	QR��
¯Sh��HL×9QTI�I!QT��KÎQRK����(V�����O*UÍ
-��ST
JI�I G 
JÒLM!��
JI5O*SRM!�(V�ÔNQT��ST
LM0�*
JI5U�V�SÕVfÙ	QT
JI¢�*
6Sh� O*K*QRÔÍ
L��I
ST�FÒ�V�SlI���K�M G SÕV�M�I¢
LK fν


LK�M!��
��������<
LM / ����� ��� �+��Oì�*
0� V �J��KÃHJÝNO*QRÔ�V�ST
LKNM�
 fλ

JI!M G ��� G ���!M!QT��K*K�
LS �

λ−2 �	Ý�OnV�K���QRSTIñK�
6I�O*P*QTI�I�
LK�M�V�O�ÒLO*K�
6
ÚÙ	M!QRK�ÒLM!QT��K â Ö7
LM!M�
 G ��� G �!QTHLM�H¯V�HLM�H0O*M!QRSRQTI�HJ
 G V�� Û 
LO*��
L� G ��O*�
I�O*U�UÍHL��
L�0ÝNO�
"SÕV�×�
JI!O*��
��*
¯SÕV G 
LK�M�
b�	OìI G 
JÒLM!��
"O*SRM!�(V�ÔNQT��ST
LM6HLM(V�QRM0O*K�
"×�
JI!O*��
b�*
"Sh��
ÚÙ	M!QRK�ÒLM!QT��KÃ
LM
�*��K�Ò9�	OÃ�(V G*G ���!M"
LK�M!��
 LFIR


LM LUV
ÝNO*Ql×�
JI!O*��
�SÕV ���(V�ÒLM!QT��K��*
 G*ä ��M���K�I®O*SRM!�(V�ÔNQT��ST
LM�I�Ý�O*Q^I���KNM

V�P�I(���!P+HJI G V��bSÕV G ��O�I�I!Q � ��
À
LM¯��H�	 HL×9QTI9��V�K�I�Sh� QRK����(V�����O*UÍ
 â Ö7
LM!M�
�ÒJ���!��HLSÕV�M!QT��Ky
LK�M!��
 LFIR

LM LUV
LM β �4�?> fλ ∝ λβ �4VÀHLM�H�
 ��
JÒLM!QRÔÍ
L×�
LK�M���P�I�
L�!ÔÍHJ
 G ��O*�®O*K·HJÒ ä V�KNM!QRSRST��Ks�*
¯U�V�SÕVfÙ	QT
JI'� 1�V�×¯P4HJ
��*


� ���!×-V�M!QT��K�����HLM���QRST
JIE×��F�*HL��HJ
b� G SRO�I β 
JI!M7HLST
LÔÍH4�N
LM G SRO�I¤Sh��
ÚÙ	M!QRK�ÒLM!QT��K 
JI!M¤QR× G ���!M(V�K�M�
 â Ö7
 G 
LK���V�K�M!�Sh��HJÒ ä V�K�M!QRSRST��KþQRK*QRM!QÕV�S7K�
-ÒJ��KNM�
LKnV�QRM�Ý�O�
<�*
JI¯U�V�SÕVfÙ	QT
JI � � ���!×-V�M!QT��Kã����HLM���QRST
JIb×��F�*HL��HJ
 â�� K�
ÀHLM!O��*

G SRO�I°��HJÒJ
LKNM�
B�*
JI'×3+L×�
JI�V�O*M�
LO*��I^V G 
L�!×9QTIl�*
E×���K�M!��
L�^Ý�O�
EST
JI°U�V�SÕVfÙFQT
JI �5�����!M�
 � ���!×-V�M!QT��K�����HLM���QRST
JI
I(���!M(V�QT
LK�M¢�*
¯SÕV9ÒJ���!��HLSÕV�M!QT��K ��ST
LO*�5�(V G*G ���!M LFIR

�
LUV

��P�I(
L�!ÔÍH"
JI!M�I!O G HL�!QT
LO*� ��SÕV9Ô�V�ST
LO*� G ��HJ�	QRM�

G V��lSÕV¢ST��Q Û 
LO*��
L� â�ï O�±���O*����� ä O*Q ��ST
JI°�*��K*K�HJ
JI^�	O9I(V�M�
LSRSRQRM�
 ü®ï � C 6 ��K�M^ÒJ��K 
 �!×�HBÒJ
7I���O G I���K 
 ø OnV�M
��� ������������Ó � â

Ö7
 G 
LK���V�KNMBV�O<ÒJ��O*��IE�*
�×���K<I!M(V�UÍ
5�*
 ê®C�ï ��±L� V�Qn×���K�M!��H0Ý�O�
B×3+L×�
0I!Q�SÕV6ST��Q��*
 Û 
LO*��
L�EI(��O�I&	

JI�M!QR×-V�QRM6SÕV-SRO*×9QRK���I�QRM�H�QRK����(V�����O*UÍ
9
LM®Sh��
ÚÙ	M!QRK�ÒLM!QT��Ks�*
�ÒJ
JI6��P	±�
LM�I!�4
LSRST
 G ��O*Ô�V�QRM�+LM!��
�O*M!QRSRQTI�HJ
 G ��O*�
�*HLM�
L�!×9QRK�
L�-ST
JI�U�V�SÕVfÙFQT
JI9I!O�ÒJ
 G M!QRP*ST
JI-��� VJÔÍ��QR�9O*K�
�� ���!M�
<SRO*×9QRK���I�QRM�H�QRK����(V�����O*UÍ
 â ÿ°��O*��O*K P*QRKy�*

��
J�*I ä Q
��M5�*��K*K�H4�*ST
JI5U�V�SÕVfÙFQT
JI�V�ÔÍ
JÒ6SÕVbSRO*×9QRK���I!QRM�H6QRK����(V�����O*UÍ
"�*HJ�	O*QRM�
6�*
6Sh� � Ü 


LUV
IR

�ESÕV G SRO�I�� ���!M�

I(��K�M¯
 ��
JÒLM!QRÔÍ
L×�
LK�MbÔNO�
JI¯
LK·QRK����(V�����O*UÍ
ì����V�K�I6ST
 G SÕV�K 


LUV
IR

� �.�0I!Q���K V�PnV�QTI�I(
9��� O*K � V�ÒLM�
LO*� � SÕV
I(
LK�I!QRP*QRSRQRM�H5��� � D Ñ6Ö ï¢Û ��V�ST����IE
��';$�*
JI���P	±�
LM�IEV�O-�*
LS �6�*
BÒJ
LM!M�
5SRQR×9QRM�
�I���K�M¤
 ��
JÒLM!QRÔÍ
L×�
LK�MEÔNO�I G V��� D Ñ6Ö ï0Û â Ö7��×9×�
®Ý�O���Q+SÕV"ST��Q��*
 Û 
LO*��
L�7K2��
JI!M G V�IñÒJ��× G S � M�
L×�
LK�M��hV�O�I�I�
��N
LSRST
0K�
¢��
LK�I�
LQRU�K�
 G V�I
I�O*�ESÕV¯SRO*×9QRK���I!QRM�H0QRK����(V�����O*UÍ
®��� O*K ��P	±!
LM!��×-V�QTIñ
LSRST
¢QRK��	QTÝ�O�
®ÝNO�
LSTIE��P	±!
LM�IñI���K�MñI!O�ÒJ
 G M!QRP*ST
JIB��� VJÔÍ��QR�
O*K�
�� ���!M�
ÀSRO*×9QRK���I!QRM�H QRK����(V�����O*UÍ
 â^@ ��O*M�I�
 G V�I�I(
ÀÒJ��×9×�
 I�QBV�Oy�*
LS �Ã��� O*K�
 ÒJ
L�!M(V�QRK�
�SRO*×9QRK���I!QRM�H
QRK����(V�����O*UÍ
4�ÍSh� QRK��	QTÒ�V�M�
LO*�7O*SRM!�(VJÔFQT��ST
LMñI(V�M!O*�(V�QRM¤
LM�K�
 G ��O*Ô�V�QRM G SRO�I¤ÝNO�
5�*��K*K�
L�¤O*K�
5SRQR×9QRM�
5QRK�� HL�!QT
LO*��

�9Sh��HL×9QTI�I!QT��K QRK����(V�����O*UÍ
 â

� | Q | $ w[� 	 	 � � � !�� � � �BL ��� � �Z� ��S � � �"^ �
	 �Z� �"K �
���	��
 ×
����� � Ô���������� � Ò 
�� Ô�� � �����L×���� ��� 
 � ��� �"!#���$�fÙ%� � � � �#&�� ��' â ( � & ' â*)

µ × � &"��� �����+�,��� 
�� ! �	- � 
 Ò ä �
� �.��
 ×
����� � � 
 Ò/�������,��± � ��Ý � �#�¯Ó µ × � ��Ô���� 
 � â ������
 ×
����� �0
�- &��TÝ �1��� � & ��
 ×����1� - ���2� � �,�! 
 ��� � × � �#&
��� �3�4& 
 ��� � �3����& � � � �3� � �5�$�6� �JÝ �1� ��Ò �7- ������Ò4� - ��� �98:� � �lÝ �1� � � �;�4& 
 ��� � �5� � � 
 �<& - � � � � ���1�;� �4� �°Ò 
 Ò 
 � ���
-=
�� � ��� � � � � � ��� � �9�L× � &�& � �<& - ������Ò4� - ��� � × � �#& � ���1�0� �>��
 ×
����� � � Ü � 
�- &��TÝ �1�>� & - � 
 Ò ä � �����?�,��� 
�� ! � â
@ �.� � �
�4& 
 ��� � � -=�4� Ô � �#&�+4&�� � × 
�� �4����� � � � - ��� � �{Ò 
 � - �
� 
 ���!�7�$�A� 
 � ��� 	 � � �B� 
�� �C��� � �TÝ �1� Ý �1�
� � �>�4& 
 ��� � ���  #���<& � � � & � × - �4�,��& � � � Ò 
 × - ����� �C� �<&�� � / 'D'D'E� & ) 'D'D' �F�L× � &�& � �<& - ������Ò4� - ��� � × � �#&
� ���1�7� �6��
 ×
����� �.
�- &��TÝ �1� Ò � Ý � �nÒ 
 ��� � � -=
 � � � � Ù��4& 
 ��� � � ��� &  -=� ï � Û â �G� �7�4& 
 ��� � �BÑ � & ø �#&�� 
�-
Ò ä � �1��� �"���  ��L× � &�& � �<&�Ý � � � � �7- ����&�� �2- � � ����������� �H��� � �4� �3� � ×�� � � � %�� � �3�4& 
 ��� � � - � � � �?� 
 � ��� �3�L× � &�& � �#&
- ������Ò4� - ��� � × � �<& � ���1�H��� �����+�,��� 
�� ! �9- � 
 Ò ä � â Ö � �I�4& 
 ��� � � - � � � �?� 
 � ��� �I� 
 �#&	� 
�� Ô � �<& ��� �J������� � ×
���,� �

��K��� �L!M�/���#& � �
�LÔ 
 � � � � � â Ö � Ò4� � � &�×���� � �K�LÔ<� ��� ��Ò � �E�$� 
 ! � � � Ï â ÐØÝ � �ñ× 
 �<&�� � ÛN) Ï � ���1�L� �
Ô���������� �O� &6� �9- � 
 Ò ä � �����?�,��� 
�� ! ��
 /	â � µ ×"� â � �P!#���$�fÙ%� � Ô �1�Q� ���1����� �����?�,��� 
�� ! �O- � 
 Ò ä �Q- � �R� � �<& ��� �
� � ��� � � � �$��&��RÔ � × � �<&2���������$���<& - ���7�,� -�-S
 ��&7� � Ù����,���7� - ���,� � Ù â�ê ���1�T� � Ô���������� � � � Ò 
 �<&��,����� � �#� � �"���,���
� - ���,� � ÙE� 
 �#& - � � �.���������$���#& � â Ö � Ò4�^Ò 
 � 
 �!× � Ý �1� � � � � ��� �L� ��& - � � &
	�&®Ò 
 × -=
 � � ��� Ô�� � ����� � �.�4& 
 ��� � �(�
� � �	���,���6� - ���,� � Ù � ���4& 
 ��� � � - � � ��± �4� � � � â

Ñ�� -S�4� &2� � � ��� � �4& � Ò4& � �7�$� - � �R� � ��Ò �6� � � � ï�ü9U � 
 � �(Ý �1� �$�0� �4!D� 
 �ÀÒ � �#&��,��� ��� ��&V&�� � �"� � ×���� �4� � � â
W ��� �P-=�4� &L� � � ��� +4&�� � ��� � 
 Ò4��� � � � � � 1X��×��=� �
��� � 
 �!×
��&�� 
 � � ���4& 
 ��� � ��Ò/���Q� � � ���4� Ù - ä �4� 
 × � � � �
-=�4� Ô � �#&"Ò 
�� Ù%����& � � â �G� �9� -S� Ò4&�� � � 
�- &��TÝ �1� �0� 
 �#&9� 
�� ��Ò � � � � ��� � �TÒ � �"Ò 
 ��Ò � ���Y���<&9� � � - � 
�- �����4& �R� ��� �
!#���$�fÙ%� � � 8 � � �>�,��� � � � �B���1� 
 � - &�� 
 �K� � �1� � ��!D� � �<&
� � �L��� ä ����& 
 ��� �Z- ��� � � �Z��� �$� � 
 �!×
��&�� 
 �[� & � ���$����� � �

\ � ­9¶Aªl®¡©R¬��^] �*¬/©*¶�´/¸¡©"®q­=²z¬/©*°�±�ª µ ©"ª ��­=®�­,_G¸¡©"ª"º



QcQ I ��� � ��� ��	 � �#� �TJ ���;K 	WL 	�M ��� �

Ò � Ý � ��� �4& � � � �A- ����& �R× -=
 ��&,���#& � ��� × 
 � &��,�JÔD����� ��� & ä�� � � �	��� 
 � �ØÝ �1� � � � �,��� � � �1�4� � �$����� � �
��
 ��� � �<& ��� �C����� 
 �!×
��&�� 
 �1�Z� � �
� � ×P�JÒ/�������!× �E� � � 
 �����,��&�� 
 � ��
 ×����Y���<&!� 
 � 
 �!×
��&�� 
 � � ���4& 
 ��� � � 
��
� 
  #� � ��Ò4&��
� ��� !#���$�fÙ�� � ��Ñ.��& � ����� 
 Ò �sÏPO ) O � -=� �!× � &�& � �#& � ���4& �1� � � ���$�-Ò 
 × -S
 � ��&�� 
 � Ò ä �R×��TÝ �1�>� &6�$�
×P�4&,�������TÒ4��& � �%� !#� � â ��� ���,��� � � ��� ø ���R× � � � � �L×���� ��� 
 � 
 �

α � � β � � γ � � &�� Ñ � � 	 / Ð��ÍÐ -S� �!× � &�& � �<&
��� � �4& � �!×���� � � � � &,� � Ù ��� � 
 �!×
��&�� 
 � � ���4& 
 ��� � � ��� �C!#���$�fÙ%� � � â7W ��� � ��� 
 �#& - � 
<�%� ��& � � - ����� � !#� �
Ò ä � � �=� - ���>� � �,�  
 ��� � × � �<& � Ü ��� ���4& 
 ��� � � ��� × 
 ���1� ��� � ' ×�������� 
 �1� � �*�����1� � � � &�×
��� � �RÔ � � 

�4& 
 ��� � �ÎÑ ø � â ��� �Z�4& 
 ��� � �À× 
 ���1�ÀÒ ä � �1��� �� þÒ 
 �#&������ �1� �<& - � � � ��������� � × � �#& â � � �,��� � � α

��
 ��� �
� � � � 
 ��� � ��� � �TÒ/��&�� 
 � ��� �$� � 
 �!×
��&�� 
 � ��& � ���$����� � Ò/��� � ��� � � ��& � ��� � Ò4& � × � �<&ÀÒ 
 ��� �4��� � � � � 
 ×���� �
� ���4& 
 ��� � ��×
��� ���RÔ � � 
 � � �����TÒ � &�&bÏPO�O����2ÏPO�O ) � â Ñ�� -=�4� &6� � � ��� � &�������� � �	�$�L�,��� � ���<& � � � ��& � � Ñ � �
	 λ / Ð��ÍÐ �Ý � � - � �R� � �#& � ���*�JÔD���#&,��! � Ò 
 �1��� � �4�,����� �>� � +4&�� � ����& � � �>� ���1�6�$� - ����&�� � ��� �4�1�O��� �0� -=� Ò4&�� � �!�+Ò � Ý � �G�$�
� � � �P
 �1� � �!Ô������ � � - � � �V!D�,��� � � �R� � ä �
�+& 
 � � �����TÒ � &�&¢ÏPO�O ) � â Ö �4-=� � � ���#&!�#��� � Ù�&�����Ò4&�� 
 �P� � � � & 
���� 
�� � �
��� � &��������,��&�� 
 � ��� �	�,��� � � � �E�L×����,��� 
 � 
�- &��TÝ �1�O� �4���TÒ/��& � �X��� 
 � � � � � ��Ò 
 ������! �O- ���6� 
 ��!D� �4� � � × � �#& â Ñ��
-=�4� &¯Ò 
 ������! � �Q�$���,��� � � α ��� 
 �sÒ 
 ���Y����&Q� � �,� -�-=
 ��& � β

�
Hα


 Ñ.��& � ����� 
 Ò �þÏPO ) O � â Ö 
 ������! � � � Ñ � � 	
� ��& - � � � � �4���TÒ/��& � ���1�I�$�b× � � � � �Q
 >ÎÒ � &�& � �,��� �Q� � &H� ��& � � �9� ���1�I�$� - ����&�� � ��� �4�1�9�%� � -=� Ò4&�� � �*Ò � Ý � �
�$�P� � � � - � � ��� � �1������� � �>��� � Ù%&�����Ò4&�� 
 � � &¢Ý � � ��� � � &6&�� � � � ���-Ò4��� �O��� �$�9Ò 
 ������! � � ��� ��� � Ù%&�����Ò4&�� 
 � � ���1�
�$��× � � � � �9
 > � ��� �Q� ��& � &�������� � � � � ���J� � & ��� �	�,��� � � ��� ø ���R× � � â

       Visible 160 microns

70 microns 24 microns

3.6 microns8 microns

ðñö�� ��Ï â Ð � � ×
��! � �®× � ��&���� 
 ��! �1�4� � � � 
 � ������� ÛN) Ï � ���1�0� �>��
 ×
����� � Ô���������� � �S�����?�,��� 
�� ! �L- � 
 Ò ä � �
× 
  � � � &"� 
 ���#&,����� 
 Û � ÿ @ � & � ÷ ï Ö�� â � ��! � � � ���1� - ��� � �	��� ��� �R×
��! � U¢ï @ ï � � ÿ � 	 ÖH����& � Ò ä � � â ü 
 � ��
 �
 � ���RÔ � � ����&, 
 � ï ��� � 
 �Y� â � � & @ â 	 ����� � � 
 � ���!ÔD��� � 	 @ ×���& ä � 
 ���$����Ö � ï � â

� | Q |#a w9� 	 	�� � � J � Lzy � ��^ �
	 � � ��K � 	���� � �
� � �����?�,��� 
�� ! � × 
  � �$�V��� � 
 Ò4�����E�����L×���� � � 
 � � �<&�� � Ó � &���Ó µ × �3�E�4& ���$����! � × � �<&
�4& �1� ��� �JÔ � Ò� ÷ ï @ -�� ��� � @ Ñ � & @ - ��&�� � � 8 � � � -=� &���& �2!D�,�����1�I� 
 �#&H� � � -=
 �1�,����� � � �%� Ò 
 �<&���� � ��� 
 � �BÝ �1� � � �2�Y��� ��� �

� �Z�L×���� ��� 
 �Z� 
 �#&I��� � 
 Ò4��� � �H� � Ù<ÿ ï	�bâ Ö �.��
 ×
����� �0��� � 
 ��! �1�4� � � � 
 � ����-S� �!× � & ��
 ��Ò������4& �1���.��� �
-=
�� � ��� � � � �lÒ ä � �1��� � â � � 
 ! � � � Ï â ÐB× 
 �<&�� �7� � � �L×���� � � 
 � ��� Û ) Ï � ) � &
� ( µ × â � ���L×���� ��� 
 �3� )

µ ×� ��& - ������Ò4� - ��� � × � �#&����,� 
 Ò4��� � � � ÙØÿ ï�� �S��� 
 � �®Ý �1� Ò � ��� � ��� ( µ × � � &.��� � 
 Ò4��� � � � Ù -S� &���& �.!D�,�����1� â
ê ���1�-Ò � � ���4� ÙK�Y��� ��� �
�����+�,��� 
�� ! � �!�T� � �P���,���
� - ���,� � Ù 
 �#& � � � � 
 ��& � � � ×���� 
 ����& � 8 ��� �����?�,��� 
�� ! �
× 
  � � � ��& � � &��,��Ò �4� � ��� �$�2� 
 �!×
��&�� 
 �E��& � ���$����� � ��Ò4& �1� ��� � â



� | $�� � � �WS��	L��,K � �VJ ���;K 	WL 	�M ��� � Q $

ÿ 
�� �3� � �5!#���$�fÙ�� � � ��
 ×����1� � � - ���G�$� � 
 �!×
��&�� 
 � � ���4& 
 ��� � � 
 ��� � Ù���� & �T��� �'Ò4����& � � � � -=
�� �5� �4� � Ò4&�� 
 ��� � �
Ò � �3!#���$�fÙ%� � �lÒ 
 ×9× � � 
�� �3� � Ô � ��� 
 �1� - ���3�$�.� � ��& � ����� � &,� � Ù ��� � 
 �!×
��&�� 
 � � ���4& 
 ��� � � -=�4� & +4&�� �H� �4���RÔM�
��� ��� �����+�,��� 
�� ! � × 
  � � 
 Ö ä ���� �9 W ���Y� � � 'D' Ï/��� W ���Y� � ��� ����� � 'D' � � â � � � ��&2!M�4�1�4�,��� � × � �#& - � � � � 
 ��&
Ý �1� Ò � � � � � � �%� ��& ��� ��� � Ü 
�� �%� Ô���������� � â

� | Q |�b w[� 	 	 � � � J �TLzy � �"^ �
	 �Z� �"K �xL{� � � ��	�� � � ��� � 	 ��L3L�� 	�� ��� �#Y � �
� � �����?�,��� 
�� ! � � 
 ���<&,����� � ��&C� 
�� Ô � �<& ��� � 
 Ò4��� �A�����L×����,��� 
 � � �<&�� � ��Ó � & Ó 'D' µ × â �G�E��
 ×
����� �

� � �*×��������R×P�4&����TÝ �1� � � &����,� 
 Ò4��� �E�����L×���� ��� 
 � � � ��Ý � �#� Ï 'D'D' µ × � � �����+�,��� 
�� ! � � 
 ���#&,�����B�N� � � � �H�4& �
�4& �1� ��� - ��� � ÷ ï @ � � @ Ñ -�� ��� @ - ��&�� � � â �G� � -S� &���& � !D�,�����1� ��
 ×���� � �#&E�����L×���� ��� 
 � � � ��Ý � �#�yÓ ' µ ×� �NÔ<��� 
 �'%�� ����� � ���/� � ��!D� 
 ��!D�,�����1�G� 
 �#&�� � � -=
 �1�,����� � � ��� �$�ñ×
� � �4� � �T- ����&�� �V��� �����L×���� � � 
 �Q�����?�,��� 
�� ! � â� � 
 ! � � � Ï â Ð - � �R� � �<& �C� � � �R×
��! �Z��� ÛN) Ï"� Ï � ' µ × â°ï Ò � &�& � � 
 ��! �1�4� � � � 
 � ��� �$� �$����! �4� �3�
×��
	 ä � � & �4� � ��� �$��ÿ @ � � ��& - � � �9�R× -=
 ��&,���#&!��Ò � Ý � � � Ù - ���TÝ �1� Ý � � 
 � ����&���ÒJÒR�R�0�À× 
 ���1� ����� �4&,�����
Ý �1�Q� ���1�I� � Ò/��� ��� ��� �R×
��! � ��� ( µ × âÛ ����!D� � �>�$�ìÒ 
 ��� � � � 
 � - � � �L!D�,��� ��� �ØÒ � &�& � � 
 ��! �1�4� � � � 
 � ��� �;�����L×���� ��� 
 � ��Ï � ' µ × � ��&O&�� � �
��� � � Ò 
 ��� �4��� � ��Ô � ÒQ�����L×���� ��� 
 � � ���1�	��� �����+�,��� 
�� ! � × 
  � � â � �P� 
 � ��� � � �����TÒ � &�& 
 ÏPO�O�� �I�4&,��������& � � �
� � �$��&�� 
 � � �<&�� � � � &,� � Ù ��� � 
 �!×
��&�� 
 � � ���4& 
 ��� � � � &2�$�Q� � ×���� 
 ����& �.�����+�,��� 
�� ! � â Ö � &,� � Ù ��� � 
 �!×
��&�� 
 �
� ���4& 
 ��� � � - � �R� � �#& � ���*�JÔD���#&,��! �O��� � �0- ���7+4&�� � � � �1� ����� � �L��� � Ù�&�����Ò4&�� 
 � â������
 ×
����� � ×��������R×P�4&����TÝ �1�O� ��&.� � �,���G��� � 
 Ò4���0�>�����L×���� � � 
 � ��� �5× 
 ���JÒ � � � � �%� ×������ �4� ���#& � � ��& � �
	
�$����� � �nÒ � Ý � � � � Ô�� - ���5Ò 
 ��Ò � ��� � ��� � Ò/� � � �Q��� Ò � &�& � & ä�� � � â

� | Q | � w[� 	 	 � � � �
	�J �#�
� ���L×���� ��� 
 � � ���1�2� �0��
 ×
����� � �,� � � 
L-S�4� &�+4&�� � ��� � 
 Ò4��� � � � �RÔ � � �7×P�JÒ/�������!× � � â � ���,��� � � �	Ï®ÒL×

��� ���*��& 
 × �Q� � ä  � � 
 ! � � � � � � � �>�4& � � ����Ò � & � � ���1�I�$��� � Ò4&�� 
 � Ï â Ï â � â��� ���4� � Ò4&�� 
 �1��&�� � �.�4� � ��!M�4&��TÝ �1� � - � 
<�%� ��& � - ���	� � ��� � ��& � � ��� � ��-S� ��� 
 Ô�� � ���#& � �,��!D���,� � �#&9�JÔ � Ò�� �
×������ �4� ���#& � � ��& � ���$����� � â Ö �Q��� ����� � ���L× � & � �ØÒ 
 �#&���� � �,� � � 
�- � 
��%� ��& - ���	� � �6�4� � Ò4&�� 
 �1�.��ÒJÒR�4���4� �R� - ���
��� �H� 
 �1� â � � � ��&	� -�-S� ��� ��- � � ���5+*� � � ���,� � � �5��� � ��� - � � ����+4� �2� ��- � ����� � � � 
 ��1 â ��� �H� � ��& � � ��� � ��-=� ��� 
 ÔD� �
�L× � &�& � �<& � � � ��� � �ÇÒ 
 �#&���� � � 
 � & ä � �!×��TÝ �1� ��� � 
 Ò4��� �A��� � � � &C�  <��Ò ä � 
 &�� 
 � â Ö � &�& � �L×���� ��� 
 � � ��&
� �*� � &,���<& - � � �H�R× -S
 ��&,���<& � Ý �1� �$��!#���$�fÙ�� � � �4��� � � � 
 ��& � ��Ò4&��RÔ���& � ��� � 
 �!×
��&�� 
 � � ���4& 
 ��� � �H� �JÒ � �#& � â��� �
!#���$�fÙ%� � �Z�  #���#& � � � 
  #� � ��Ò4&��
�9�L× � &�& � �<& � 
�� Ô � �#& � ���1�
� � ��
 ×
����� � �,� � � 
 â ��� �C�,� � � 
 	
!#���$�fÙ%� � �' A� 
 �<& ����-�� ��� � ���#& �L�L× � &�& �4� � � â Ö � ��!#���$�fÙ�� � � - � � ��Ý �1� & 
���� 
�� � � � ����� - &��TÝ �1� � � &�� 
�� Ô � �#&
� ��& � � � �Q� � Ò � �<&�� ����� �0��×
���9� � Ò/���,��Ò4& �4����� � �<& - ��� � � �,�! 
 ��� � × � �#&Q�,� � � 
 � � ��Ý � �#�ØÏ 'D'D'D' � 
 ���0� � 	
- �4��� �4� �3� Ò � � � � � � � � � !#���$�fÙ%� � � 
 �!×
��� �Z� ���1�>� � �bÒ/��� � Ù%&�� � × � � â Ö � &�& � �L×���� ��� 
 � �,� � � 
 - � �R� � �#& �
� � � -=� Ò4&�� �C��� &, -=� �� ���Ò ä � 
 &�� 
 �yÝ � � - � 
 Ô<� � �<& �%� � 
  #� � Ò � �<&��,��� � & ���
���4� Ù � 
 � � � � -=�4� - � � �
�  N×P�4&����TÝ �1� �9����& � �R��� ��� �0×�������� 
 �1� � �*�����1� � �0� � ×�� � � ���%� � 
  #� � Ò � �<&��,��� â Ö � ��� 
 � � �0� 
 �#&0�����R�Q� � Ù
�4� � Ò4&�� 
 �1�O� � �$��&��RÔ�����& � �O�L×���� - ����� � � 
  #� � � &O� 
�� ×����2� � � � 
 ��&�Ò ä ��× - ×
��!D�1�4&��TÝ �1� â ��� �Q���$� �:��� �
� 
 �#& ��� � 
 � � � & �6&�� � �	���������$���<& � � ���1��� �Q��
 ×
����� � �,� � � 
C� &5ÔD�����$����� � � 
 � �4� ��� � ×���� 
 ����& � -=
�� Ô����<&�ÔD�.	
��� � � � � � ������Ò4& �4� �®Ï 'D'L� � Ý �1� �TÝ �1� �H� � ×
����� � ��� â Ö � � 
 � ��� & �H�4&��,����! � �I� 
 �#& - � 
 �Y����� � × � �#& ��� �H�,� � � 

!#���$�fÙ%� � �5Ô �1� � � ���1�I���*�fÙ �Q��� �I� 
 � � � â� � � Ù%����& � � � � ��� � � � � � �$��&�� 
 � � �#&�� � �$�Z� � ×���� 
 ����& � � ���1�Q� �C��
 ×
����� � �����+�,��� 
�� ! � � 
 ���<&,����� � &��$�
� � ×���� 
 � ��& � �%� Ò 
 �#&���� � �,� � � 
 ��Ï â (Àü � �"Ý �1� � 
�� �BÔ � ��� 
 �1� � ���1�	� � Ò ä � - ��&�� � / � & (�â

^ -�� �g�2
 ���	� �#�l+�� �n� ��� +l! ��!`_�� ���
W ���PO�� � � � � ����� �
	#� �"���D����& 
 �1� � �
�M� � ������� 
 �sO 'D' !#���$���%� � � �%��� � � & �%��� 
 �#&��3��� 
�� ����� 
�� 	

�P� � �/� � � � �4& �1��� � -�- � 
�
 � � � �Q��� � �P
 � -��1
 � 
 !D� � � ��� �H!#���$����� � ��� � � ����� � �4�$��� ��� 
 �L� � �H!#���$���%� � � � � /
&  -=� � 8 � � �9!#���$���%� � � � ����� - &�� 	<�1� �!��� - ���,��� � � � &9����� �4! � ��� � � � ��� � � � �$��!D�,� ���P��	<� � �P
 �#&�� � � � � � �4&,�������
��� � � &�& � �4�$��� ��� 
 �/��&�� 
 � � � & - � �R� � �#& � � ���1�I�$� 
 ! � � � � � / 8



Q a I ��� � ��� ��	 � �#� �TJ ���;K 	WL 	�M ��� �

��� ��� � � ) ���.�$��!D�,� ���P����� � � ����� � �

• � � �Q!#���$���%� � � � ����� - &�� 	#�1� � 	#� �2� 
 �#& � �1� �L� 
�� �O�$��� 
 � �P�
� � � � ��� ����� - � �
��� !D�,��� � ��� � � � & ���
-=� &���&H��� � � ����� � � 
 ����&	��� 
 � �2� �4� � � ����� - &����4��& �9� � � 
 ���$�'� 
 � �O� � � ε - 
 �.	��:� � � � ε �D����� �.���.' ���
	 � � 	#� �
�4�$��� � � � � �I!#���$����� � � � ����� - &�� 	#�1� � ��� W '�� W � �

• �$�P&��,���1� ��&�� 
 � � �<&�� � !#���$����� � �.� - ���,��� � � � & � ����� - &�� 	<�1� �9�P��� �4� � � ��� � � � � ��� �.!#���$���%� � � @ ' � � � ���
� 
 ��� �1� ��� 
�� �	� � � 
��F��� 1 ��� �	3*� ���������
���«� 
 � �*��� ��� �

• � � �T!#���$���%� � �7� - ���,��� � �7� 
 �<&2�,� - ��� � � � � � ���4� �P&�
 -S� � 8 � � �7!#���$����� � �2� - ���,��� � �7�Y����� � � ��� @
��� � &T� � �
!#���$���%� � �6� - ���,��� � �	� 
 � � ��� � ��� @�� ���G�P� � 	#�1� � � ����� � � ����� �Q��� �6!#���$����� � �6� - ���,��� � �6� � 
 � �1�Q��� @ ��� @
� �
� � �4� � ��� �=� � � � @ ��� @
� ��� � �:� �~� �=� � � � � � �D���#& ��� � �4����&��4� � �.��� � 
 �4���R� �Z8

� �H��� � ��-S
 ��&,��� � � � � �$��&�� � �H�%� � � ��� � � � �#&��,��� 8 � � �,� -�-=
 ��&3&,������� �7�%� � � ��� � � &,������� �H�%��� ��� 	<�1�T� ���4� 
 ��&
��� � � � �

� �H�$��� 
 � �P����� �I���,���	� - ���,� � � 8 �����	� 
 �<& ���0- � � � � � - � � � 
�� � � ��& � ��� � � � � � � �
� �H�$� 	#� ���<&���& � ��� !#�! "	 ���9-=
�� � ���#�4� � 	 ��� � �4!D� 
 �1�6� 
 ����� � � � � & ��� � �4� � � ���4& 
 ��� � � 81� ��� � � � ! �P� �#& �

��� @ �
� � � � @ � �
( �H�$�>� ��� ��� 
 ����& � 8 �$�L� ��� ��� 
 � ��& �Q& 
 &,��� �Q� ���4� 
 ��& ��� @ � � @ �

- � 
�- �����4& �R� � - ���,��� � � � ����� - &�� 	#�1� � ����� �4! � ���#�4� � �
� ��� � � � M�

�
109 � 1012 105 � 1013 106 � 1011

� �$� � �4&�� � � � - � � $�$ ' ��� � 'D' ��� � '
� ��� ��� 
 ����& � � L�) 108 � 1011 106 � 1012 106

10
9

�&%(' � � � ( � �"� 
�- �����4& �R��!M�4�1�4�,��� � � ��� � � �3�=�4� � �<& �6&)
 -=� � ��� !#���$���%� � ���

�5�6&,����� � � � ( - � �R� � �#& � � � � - � 
�- �����4& �R� ��� � � �3� �4� � �#& �"&)
 -=� � ��� !#���$���%� � ���!� � �3!#���$���%� � � � ����� - &�� 	#�1� �
- � �R� � �<& � �#& � � ��
�� ����� �Q��� � ��� � � 	 ��� � ��� ��� 
 ����& � � & ��� &,������� � &����R�H� ��-S
 ��&,���<&.��� 
 � � 	<� � ��� ��� � ������& �
- ��� ��� !#���$����� � �	� - ���,��� � �	�Y����� � � 
�� ����� �4! � ���#�4� � ��!M�/���#& � � �

� | $ | � ���"*�K 	BL 	�M ���"* �,L3L�� � � �#Y,+ �"*
W ��� � �3� � � �4- � �R� � �#& � �#& 	#�1� � $ � � '.- ��� �;!#���$���%� � � � �L� 
�� ��� �	� & $ '.- � � � ��� � �H� ���1�3��� � ��� � � � �

� 
 �/���,� � � � � !D��&,� ��� ����� �PO�O ) � �/� � �;!#���$����� � � � ����� - &�� 	<�1� �3� � � - � � � � ��� ��� � � �3� 
 �<&5� � �;!#���$���%� � � � � �#&��,��� � �
� �*� � ���0� �1� ���4� 
 �2
 �P�9��� � ���
��� ���&# +*- ��� �*�
� � � W ��� � �H� 
 �<&2� � � � 
 �<&�� � � ��� � � � �#&�� �0��� �	� � ��� ��� �1� � �
� 
����P� ���*� � ��� ��� �$�43.� � ��! � �5� �4� � � ���,� � �1
 � �C� 
 � �P�E� � &C� 
�� � � �<&Z��� � 
 �4��� � � � �/���������Y������� �P�
� �<&�� � !#���$���%� � �76 � ��� � �/� � � - ��� 	<�1�P- � 
 �Y����� � �P� �#& - ���L���*�����4� �4&�� 
 � ��� !#�! � � �Y���#& ��� !#���$���%� � � � 
 ��� �
��� !#���$����� � � � �#&��#�4� � ���?� 
 &,� ���P� �<& ��� ��!#���$���%� � ���Y����� � � � 	 	<� � - ���,� � �#& - ���R� ��� �$�
!#���$����� � � � �#&��,��� �



� | $�� ��� �WS��	L��,K � �VJ �2*;K��WL���M ���"* Q b

-�� ��� 	#�1����� �9&��,��� � � ��� � � ��� 
 �1�9� 
 �#&Q� 
�� � � �<&Q� � � � 
 �#&�� � � � - ��� � � � � � 
 � ��� & ��� ��� ��&�� - � � �Q� 
 
#� � �,	
� &�� � �4& � � � � 
���- � � � � � � � � �P!#���$���%� � �P� � � �P
 ���1� � ��� ��� � � �
� 
 �#&C� � �,��� ��� ��!#���$���%� � � � ����� - &�� 	<�1� �����
-=� ��� �.- � � � � ��� ��� � � � 	<�1�.��� �I� � ���H!D� 
 � � �$����� � � 	%� � �2!#���$���%� � � � ����� - &�� 	#�1� �H�Y����� � �I� 
 �#& � �����4��� � �P� �#&
� �4& � �4&,����� � � � � ��� � � �%� � 
 �������Y��! �E��� � 
 &�� ��� ���$����� � � � 
�� ��&,���<& � � �
!#���$���%� � � -=
�� ���,��� � �#& ��
��1� �
� � �	��� � &����R�Q� ��-=
 ��&,���#& � ���1�Q� �
� ���4� � � � �1� �P� �#& ��� ��
X� � �=� � � ��� � 
 � � ��&�� 
 � ��& � ���$����� �
��
 �<&O� 
 �<&
�����4&�� �P� � ��� �	!#���$����� � � - � � � � ��� ��� � � � 	 
�� �$�
�4� �/��&�� 
 � ��� ���,���6� - ���,� � � ��� �I!#���$���%� � ���

� � �
!#���$���%� � � � ����� - &�� 	#�1� �C� � �P
 �<&�� � �#& - ��� ��� ��&�� � �4& � � � � - ����&���� � ���#�4� � � 	2� � � � ��� � ��& 	#�1� � � �
� �4!D� 
 �1� � � �<&��,��� � �;� 
 �#& - � � �5���������$���#& � � 	<�1� � � �5� �4!D� 
 �1� - � � � � ��& �4��� �4� � � � �
� � � 
 � � � & � - ����� �4� - ��� � �P� �#&
� 
���-=
 � �R� � ���4& 
 ��� � � �<� � ����� � �2� � � 
 �#&�� � ��� � �<& 	#�1� &����R� -S�4�Z��� !#�! � & ���	-=
�� � ���#�4� � ��� ���7� � �P
 �<&�� � �#&
- ��� ��� ����!D� � � ��� � 
 � � ��&�� 
 � � ���4& 
 ��� � �6� ��� � �#& � �

� ����!D� �T� � � � 
 ��& � � �D�����$��&�� 
 �1� ��� � ��� � �"- � �R� � �<& � � � �4� � ��� � � � � 	R�$� - � ��- ����& ��� �G!#���$����� � � � ����� - &�� 	#�1� �
� � � � � � � � ��� � �#&(� 
 ��& � �P� �#&76�� � �4��� � &��,� �%� ��& - ���G� � � � �4�p� +*�!# �*-/���
� ��� � &5�$�I� � �$��&�� 
 ��� ��� ������� �M���	� +4� 8
-=
�� �	� � �I!#���$���%� � � � ����� - &�� 	<�1� � 	���� � ������& �0� � � � 
 ��& � � 
 ��� �4�$��&�� 
 � � �#&�� � �$�>� ��� ��� 
 ����& � � ��� �$�>!#���$���%� �
� &��,� � ��� -S� � ��� 
 � ��� ����& � � � � � � � � �#&�� � σ0

��� � � � � �R� � ��& � �$� � � �$��&�� 
 � ����� ��� � � ���<���	�%� 
 � � �PO"��� �
� � ���$���<&�� � & σ0

� � � 
 � � ∝ σ4
0
� ��� -S�4� &������1��� � �4& � � � ��� � �
�$� � ��� &,��� � � ��� !#���$����� � � � ����� - &�� 	#�1� �

��� � � -=� � � � ���P� �#& �%� � �R� � � � �+& � � � &��������,���#& � � &�& � � � �$��&�� 
 �06�� �4-=� � � ���#& � ��� �7- � �R� � �#& �2� � �7� ��� -S� � � � 
 �
� &��D����� �T� �0� 
 � �4&�� 
 � �%�O��
�� ����� �2��� � ��� ��� 
 ����& �.�?� � ���1� - ��� � � � ��- � �7
 �<& � � �2� ��� -=� � ��� 
 � ��� �<��& � �,� �

σ0
�����+�4��� �4� � � � � � - � � � ���4&�� 
 � ∝ L1/4 � ��� � ��� � ����� � ��� � � � � �PO ) � � � & � 
 ��� 
"! �9������� � �$# ) �/��	�� � 
 �<&

- � 
�-=
 � � � � ���#&�� 
��%� ��� �A� � � � &�� � - ���,� � �4&�� � ��� ��
 ��! 
 �%�%� 
&! �0���<��� � �$# ) � � 
 �<& �P
 �#&�� � 	<�1� � � �
� � ��� � � ��� !#���$����� � �0� - ���,��� � � � &.� � �.!#���$����� � � � ����� - &�� 	<�1� � 
 �S�4���,� � �#& � �$�C� � �$��&�� 
 � � � $ 
�'

Re
� ��&.� �

�,� 
 
 � ��( � �4&�� � 	 σ0
�$� �<��& � �,� �9���Q� ��� -=� � ��� 
 � � � �#&��,��� �O� & µe

�$�>���������$��� � �O��� � � � ����� � �

Re ∝ σ1.38
0 µ−0.9

e
� � � $"�

W � � &��������,���<&T�$�0� � �$��&�� 
 � ���)� ��� � � ���#���*��� 
 �7	 
 � �P
 �<&�� � 	<�1� � � &�& � � � �$��&�� 
 �C� � �<� � �<& � � ∝ R0.89
e

σ1.56
0

���3���,�����#�4� � �P� �#& �.� � � ��� � ����� ����� � �$# ) � � &�� 
�� ����� � �<&6�$�>� � �$��&�� 
 � � ∝ σ
8/3
0 µ

−3/5
e

�
� � &�& � � 
 � � ��&�� ����� ����� �N-=
�� ��� � �C!#���$���%� � � � ����� - &�� 	<�1� ���,+ �1� �.� � �1� -�� 
���� 	<�1� ����& � � ��� �.-0/ � �

���<& � � - � �4&,��&�� 
 �B� �4& � - � �R� � �#& � �C- ��� � ��
 ��! 
 �%�%�

 � �$# )D) 	 �$#1#�� � 8 ��� 
 � � -�- ��� 	<�1� � � & � � 
 ��� �P���%�
3.����� � ��� � �I� � �I!#���$���%� � � � ����� - &�� 	<�1� � � 	<� ��� 
 �#& ��� �	��
���&�� �P� �H� � �$�����R� � 	 
 � 
 ��&�� � �<&	����� 	#� ��&�� 
 � � �2� 
�'
� � � &7�$� � ��� � �.��� �$��!#���$����� � 	 R̄ � � �,�1
 
 � �P
 
 � � � & V̄ 2 3 �Q�����4� � ��!D� � �4���1�4&�� 	<�1� �P
 
 � ��� �.- ��� � ����& �
����� ��� � � �

GM

R̄
= V̄ 2 � � �2� �

� 
�� � � � � !#���$����� � 	 
 � -S�4� & � ��41����� � � �,� 
 
 � 	#�1� ��� 
 � 	<�1�65 � � � �����<&L�$� � ��41����&�� 
 � 587 kr R̄
� � 	<�1� � �D� � 
 ��� � � -S
 � � � �0� � � ����& � � � � 3 & � ��� ��	<�1�

V 2
7
kv V̄

2 � kr
&�� � �#& � 
���- & �9��� �$�O� &�� � �4& � � �9� �

��� �1� ��& � ��� �$�L!#���$���%� � 	 kv
� �4- � �R� � �#& � �$� �4���1� � ��&�� 	#�1� ���#& � ��� �Q� &	� � ��������� 
 &�� 
�- � � ���

�5�P���������$��� � �L��� � � � ����� ��� � & � ��41��� �Q- ���.�$��� � �$��&�� 
 � � � � 
�'
kl

� � 
 �4& � �$�P��&�� � �4& � � �O� � � ��� ��� 
 ����& �
��� �$�L!#���$����� � �

µ =
L

klR2
� � � � �

��� -S�4� &6��� 
 � � �P
 �#&�� � � 	#� � 
 � 
 ��&�� � �<&	�$�>� � �$��&�� 
 � � � ) 
�� � 7 � 3 � � krklkv
�

R = KV 2µ−1(M/L)−1 � � � ) �

� ��
 ��! 
 �%�%�

 � & @ ���#&��$��! 
 � �$#1#�� � 
 �#&H� � � ��� 	#� � 	<�1� � 3 � � & � � � -S� � ��� �<& ��� ��� � ��� & 
 ��� ��- ���,� � �
��� �$��� 
 � � ��&�� 
 � � ���4& 
 ��� � � ��� �G!#���$����� � � � & ��� � �4� �5� � 
 � � &�� 
 � �/�G� � ��� � �4� � �%��- �$��� � 
 � � � �P� �<&,�����4� �R�
- ���.� � � - ���,� � �4&�� � � � Re

	 σ0
� & µ

� � ��- ��� 	<�1��� � � �1
��P
 !M�4�1�4��& � ��� �6!#���$���%� � � � ����� - &�� 	#�1� � � �E& � � �P�
��� ��&�� � �4& � � � � � ��� �1� ��& � 	 ��� �4���1� � ��&�� 	<�1� �9� � &�& � �1
��P
 !M�4�1�4��& � ��� � ��& -=
 � ������� � 	<�1� ���	��� � ��� & 
 ��� �
- ���,� � �9��� � 
 � � ��&�� 
 � � ���4& 
 ��� � � � ��&	� � � ���$����� �Q� � � � � !#���$���%� � � ���*� � &�� �P8 � � �I!#���$���%� � � � ����� - &�� 	<�1� � 
 �<&



��� � ���"*��	��
 ��
���
������2*��������������"*

�4�>-=�4� 	�� 
 ��� �2- ��� ��� � 
 � � ��&�� 
 � � ���4& 
 ��� � �3� ��� � �<& � � 	 � �����3���*���1� � � � �I��� !#�! 	� ��� 
�� � � � �<� � � ��&3� 
�� � � �#&
���<& � � - � �4& � �O- ��� � � � � 
 ��& � � 
 � � ��&�� 
 � � ���4& 
 ��� � ��&����R�����4&�� � ��� � � � & � ��- ��&����R� � 
�� ��& � ���1�6� �Q- ��� �,�
	<� �G� � �,����& � 
 �1� 
���� � � � � !D�,��� ���9- ����&�� �Q��� � � !#�! �

� � � �%����& � � � � ��� � � � � � �$��&�� 
 ��� 
�� � �4� � � ��!D����& �1��� 	<� � �P
 �<&�� � 	#�1�T- � � � � � � !#���$����� �2� ����� - &�� 	<�1�2� � &
���������$���<& � 	 - � � ��� � � � 
�� � �4� � �0� 
 �#&.� 
�� ! � � 	#�1� � 	<�1� �.� 
 � � �#&0� � ���Y��� ��� � -��1
 & 
�� �4&���� 	<�1� � 
 �1� � �
�M� � ���
� � �4� � 
 � 41� �P�Z� � !D�,��� � ��� !D� � � � � ��� � 
 � � ��& � � ���1�>� � � � ����& 
 ��� � � ��� � 
 � � ��&�� 
 � � & � ���$����� � � � 
��7� �
� ��� �"! �$#1#�� � �
#�$&%'$(� ) �"**�����2�������"* *�+	� � ���,�"*

� � ��!#���$���%� � �9� - ���,��� � �.� �4- � �R� � �<& � �#& � � �<��� 
 �N� � � � 3 � ��� �.!#���$���%� � �.� 
 �/��� � � 	 � �����9� �4� � � �P� �<& $ '
- � � � ��� � � � � 
 �#&��,����� � �P� �#&>� � � !#���$���%� � � � ����� - &�� 	<�1� � 	 � ��� � �9� 
 �<&������ �1� � � � !#�! "	 � � -S
�� �,���#�4� �O� &
- � �R� � �<& � �#& ��� � 
�� ��� �4� �
����& � � ��� � 
 � � ��&�� 
 � � ���4& 
 ��� � �V� 
 �/������� �R� � ���1�"� � �V���,���V� - ���,� � � � � � � � ��� � � �
��� �2!#���$���%� � �2� - ���,��� � �.� 109 − 1011 M�

� � 
 �#& �P
 ���1� �D������� � � 	#�1� � � ��� � � ��� �2!#���$����� � � � ����� - &�� 	<�1� � �/���
������� � �%����& � ����!#���$���%� � �	� - ���,��� � �	�Y����� � �	����!#���$���%� � �	� - ���,��� � �6!M�/���#& � ���

W ��� � � � 
���-=
 ��& � �#& ���4� � �4��� �P� �<& � - ����� �4� - � � � 8
� � ��� � ��� �.��� � 
 � �P�.� ����� - � 
 -�� ��� � � � � 
 �#& � �Y���#& 	<� � � � � �<� � ����� �.-=
�-�� �$��&�� 
 � � ���4& 
 ��� � � � -S
�-�� �$���

&�� 
 ���	� � &����R� -S�4� ����� ��&��#�4� � ���#& � � ��& � ���$����� �>� & ��� � �4� � � �.�4& 
 ��� � �76Y��� -=
 � ��� �����P-S�4�E- ���R�6� � �
�/. �P� � - � 
�- �����4& �R� 	<�1� � � �I!#���$���%� � � � ����� - &�� 	<�1� ���

� � � � ��� 	#�1� � -�- �$��&�� � &I�4& � � �%� 	#� � � 
 �#&�� � �<&	� � � � � 
���- ��� � ��&��#�4� � ���<& � � ��& � ���$����� � 	 ��� �$� -S
�� � �
���#�4� �9� & ��� � ���4� � � �	�4& 
 ��� � ��� -=
�-�� �$��&�� 
 ��� � �

��� � � � �2# � �"� �R� � �<&,��&�� 
 � ��� 	<�1� � 	#�1� �
� 
�� ��� � � ��� � 
 &,��&�� 
 � ��� !#���$����� � �>� - ���,��� � � � 5	� ����� �10 � �"! 	
�$# ) ' � �

� � �O!#���$���%� � ��� - ���,��� � �>� 
 �<& ��
�� ���1� � � - ��� � � �P
�� � � �P� �#&�!D� 
 �Y��� ��� � 
 &,��&�� 
 � 	<� �7��� � � & - ���
� � � � � � � � ��� 
 � - �9� 
 ��� ��� � �G��41! � � � � �2# � �%&��,����& �L��� 56� ����� �10 � �"! � �$# ) ' � - � �R� � �<& � � � � � 
�� ��� � � ���
� 
 &,��&�� 
 � ��� !#���$���%� � �Q� - ���,��� � � @ � ��� �$� �4�$��� ��� 4 �/��&�� 
 � ��� � � ����� � 6 � � ��� 
�� ��� � � 
 �#&O�4& � 
 ��& � � �1� �
� �*� - ���R�H� � �H�,��� � � � �Z� � ��� ��� 
 � 
�- &�� 	<�1�9�%� !#�! 0� 
 ����� � ���G� �/���,���4& �4������&�� 	<�1� !M�4�1�4�,��� �9��� � � � � 
�� ��� � �
� ��& � � � �P
 �<& � � �,� - � ��� � � � 	<� � �9� ������� 
 � $ � - � 	 -�� ��� � � - ����� � � 	<� �X� � � �����#&�� � �<& �^� � 	<� � � �$� 41� ��� �
�P� � � � � � � � � �.� �R� � ��&,��& � 
 �<&0�4& �
� 
 � 41� � �R� -=
�� ��& 
�� �.� � �.&�
 -=� � ��� ��� - �,��� � � � 56� �������$# ) ' 	 5	� �����
�10 � �"! �$# ) ' 	 �$# ) ��	 �$# ) $"� ���>�*� � &�� � � �P� � � � � � 
 �#&6�4& ��������& � � � � �4& �1� �$���#&	� � !#�! � � � � 
 � � � �$# ) �/��	



#�$&% � 
�� + � 
��,
	� � � ���2*��������������"* ���

� � � & � 
 � 41� �P� �#& � �7- �$��& � � � �6- � � �;!D�,��� ���H� ����&,��� � �H�%� � � �<&�� �2� � � 
 � � � � �7- �$��& � � ��� ��&3� ����
�� � � � �#� �
� 
���- ����� � 
����P�.� � ��- � �4� � �0��� �$� - � �R� � � � �0� � � � � ��� 
>��� � ��&��#�4� � � 
 ��� � ��� �<��������� �0��
 �<&2�$��!#���$���%� �

 ��� ��-=� �$� - �$��� � � � �#&��,��� � � � 
 ���6� � �4&�� 
 � � � � � � � �

� � �T!#���$���%� � �T� - ���,��� � � - � �R� � �<& � �#& ��� �V���,���T� - ���,� � � 	<� � -=�4� � � �#&I��� 
 ��� ��� � - � 
�- �����4& �R�H��� � �  �D���
���$����� � � � 
����P� � � �P
 �<&�� � �$�.&,����� � � � ( �?���,��� - � � � 
����P
 ���1� 
�� � � ��& � 	D���,��� - � � � 
�� �P
 ���1� �<��� ����� � � � �
�V� � ��� �4� � �H� � � � �H� � �7��� 
 ����!D��� �9��� �2���,���H� - ���,� � �C� � � 
 �<&	� ( � 
 �<& � � � ���4-�� ���7� �0� �4� � & �%� ���#���4� � 	 � �����
� � � ���4� � - ����� �4� - ��� � � � �/� . &�� � � ��-=
 � � � �P� 
 �#&P�$�N& � � 
 ��� � ��� � 
 � ��� � ��� ��� �1� ��& � � � � � � 
�-�- � � - ���
����� � �$� � 	 � &I�$� - � 
�- ��!#��&�� 
 � ��� �$��� 
 � � ��&�� 
 � � ���4& 
 ��� � ��� W � �$# $ � 	�� ��� � ���$� � � � ��!D��� ��	#�1� � � �H���,���
� - ���,� � � � � � � � !#���$����� �L-=
�� ���,��� � �#& . &�� � � �4� � � �P� �#& � � � 41! � � � & 
�� ���Y���#&�� 
����P�L� ��� 
 � - �.� 
 ��� ��� �
� � �3� � � � �"� 
 �#& � ��� 
 ����!D��� �I��� �$��& � � 
 ��� �I��� � 
 � ��� � ���2��� �1� ��& � � � � � � 
�-�- � � � ��& � � � ��&�� 	<�1� �P� �#& - ���
����� � & @ �<�C��� �$#1� ( � �$#"� '
8 � � �V���,���7� - ���,� � �P� � � 
 �<& - ���V�����R� �Q��� �7�4& 
 ��� � � ��
 ���1� � � 	 � ����� ��� �T� ���
!D� 
 �1� 
�' �$� � ��&��#�4� �I� ��&3& � ��-=
 �,����� � �P� �#& � 
 � � � �<&�� � � � �����1��� 	:� � �3���,��� -=�4� � � �#&V� �7� � - �$��� � � � �>��� 
 � 	
��� � � -=� � � � ���P� �#& ��� �$� � ��&��#�4� � � � 
����P� �$� ��� �1����& � ����� ��&��#�4� �Q� ��&6�4� � �M� ��� ���1�	� � �I���,��� 	1� � !#�! 
�:� 
 &�� 
�� � � � 
���- ��� � � 	 � � 	<� � - � 
 � 
 	#�1� ��� ��( 
 � � � � �P� �#& ��� � � ��! � � �P
 ����� � �$����� � � � &��$��� 
 � � ��&�� 
 �
� ���4& 
 ��� � � � ��� ��� � � � � &	���������$���<& � ��� � � � 
 �<&��,����� � 	 � �<&�� � � � �����,��� 	1� � &�� 
�� � � �#& ��� �6� �4!D� 
 �1� ��� ��������� �
��� �1� ��& ���,���1�7�4& 
 ��� � � � ���,��� � � � 	�� � �& 
 � � �7� 
 �#& ��
 � � �P
 ���1� �<��������� � � � � � � ��&V� ��-=
 ��&,���#& ��� � 
 �1� &,��& � �
	<�1� �$� - � ��- ����& ��� ��!#���$���%� � � ��� ��� � ��� � � � �L� 
 �/��� - � �R� � �#&,���<& � � � � � ��� � ��&�� � �4& � � � � - ���,��� � � 
 �#& � �
���<& � �,���4&�� 
 � �J��� � �  ���������� � � ��� � � � � � 
���- ��!D� 
 � �7�G� �P� ����� �4� � � � � ��- � ��� ��& � $ � 	<� � - � �R� � �#& �P� �
-=
 �#& ��� � ��&��#�4� � ��� � �Q� ��!#���$���%� � � 
 ������� � ��� 
�� &6� �.- ��� � � � 
����P� ���=�$� -S� ��& � ���Y��&�� 
 ���4� �R� �0- ��� � �
� 
���- ��!D� 
 �
��� � ����&3�$��� 
 � � ��&�� 
 � ��� �;���,���3� - ���,� � � � / � �2���4� ���#� �P� & � � 
 ��� � ����� �5� �$� - � 
�- ��!#��&�� 
 � ���
�$� � 
 � � ��&�� 
 � � ���4& 
 ��� � � 
�� �$� � 
 � � ��&�� 
 � � ���4& 
 ��� � � � 
 �<&,��!D� �4� � �0-=�4� & � � - ��� 	#�1� �H�$� - � �R� � � � �0��� ���,���
� - ���,� � � 8 � � �6�4& 
 ��� � � � ��� ��� � � �0��� � � � � �<&0� �4� � � �%����& � � � �Q- ��� ��� ��� ��-=� ��� 
 �D� ����
 �<&�� � � � �1
 �R� �4� �R�R�
� � ��� � !#�! �%��� � @ -=�4� � � �#& � ���4� � � � �1� �Q��� ��( 
 � � � � �P� �#& ��� � � ��! � � �P
 ����� � �$����� � � � &��$��� 
 � � ��&�� 
 �
��� � 
�� � � ��� � ���4& 
 ��� � � � ��� ��� � � ��� � � ��&,����� � � � � � �#&�� �L� ��� � � � 
 �<& ��
 ��� � � � � �4� �	& 
�� � ��� ��� ��-=� ��� 
 �D� � �
� � &�& �H- � 
�- ��!#��&�� 
 � -S�4� &V��� 
 ���T��� �4� � � � � � � � � �<&,����� �I���H- ��� � � �R��� W �1� � ��& � �$��� 
 &,��&�� 
 � � � ( �4� � �#&�� � ��� �
�%�N� ��� 	<�1�O��� �$�
!#���$����� � ���
�4&���� � ��� � ��� �4!D� 
 �1� 	Y� � � � ��� 
�� � � � � & �4� � � � � � � ��&�� � �4& � � � � - ���,��� � ���,� �  
� � (=� � � � -�-=� ��� � � &�� � �4& � � � � - ���,��� � ��& 
 � � ����&�� 	<�1� �"� � �2��� ��� �$��&�� 
 �1�7� ��� �4��� 	<�1� � ��� �0� � 
 �$��! @ � � ��� �
� �$#"� ) � 
 �#& �P
 �#&�� � 	#�1� � � &�& �0- � 
�- ��!#��&�� 
 � ��� � 
 � � ��&�� 
 � � ���4& 
 ��� � � -=
�� ������& ��( � �4&�� � � �P� �#& ��
 ��� � �
��� �4� �Q��� �T���,���T� - ���,� � � � � (=� ���"� � �T�4& �1��� � -��1
 & 
�� �4&���� 	<�1� �2� � � ��� �V!#���$���%� � �2� 
#���#& � � � - � 
�- �����4& �R�

 �<& �P
 �#&�� � 	#�1� � � &�& � � &�� � �4& � � � � - ���,��� � ��& 
 � � ����&�� 	<�1� ��� � ��& 
 �1� � �
�M� � 	<�1�6-=
�� �T� � �H�4& 
 ��� � � � �4� � � � 6
� ��� � ��� � ��& - ��� � �4& � �4& � �Z-=
�� �O� � �>�4& 
 ��� � � - � � �
��� � ����� � ��� � . �P� ���2�$� - � � � �#�4� � & � � 
 ��� � � � � ��� �Z� �
����� 
 � � ��� � �
�$� � � � 
 ����& � ��� �9!#���$����� � �O� - ���,��� � ��� � � � $ � � 	#� � - � �R� � �#& � �#& ��� �Q���,����� - ���,� � �A��� � �
� ��41����� 	 � � ��&,�����1� 
 � ��� & � � 
����P� U � � � )�( � 
 �#& ��� �>���,���
� - ���,� � � ��
 �<&P�$�N��&�� � �4& � � � �/� � � - ��� 	<�1�
� � �4� � � ���1�I� � �/� � � �Q��� �$� - � 
�- ��!#��&�� 
 � ��� �$��� 
 � � ��&�� 
 � � ���4& 
 ��� � � �

�G� � � � 
 ����& � ��� �Z!#���$���%� � � � - ���,��� � � - � �R� � �#& � �#&N� � � ��� � � � �Y����� � � � � � �#&�� � ��� �$� !#���$���%� �K8
� � �<��� 
 � � 3 � ��� ��!#���$����� � �9� - ���,��� � �0� 
 �<&��Y����� � � � ��
 �<&�� 3 � � 
 ��& � �P� �#&�� �4�$��� ��� �J� � � @
��� � &
� 3 � - � � �
��������� � �P� �#&�� @ � ��� � � � � 
�� & ��� � � &�& � �Y����� � � � �<&��,��� � �Y�����,� � �#&;� � �G���,���;� - ���,� � � 	<� � 
 �#&;�$� - � 
�- �����4& �
� � . &�� � �$����! � �P� �#& 
�� � � ��& � � & �P
 ���1� � ��� 
�� ���R� 	<�1� � � �I!#���$���%� � �I� 
 � �Y����� � � ����� � �	���,���	� - ���,� � � ��� �
!#���$���%� � �2�Y����� � � �H� 
 �#&H� 
�� � � �#&H� � ���#�4! �6� � 
 � ��� � ������� �1� ��& � - � � &	��& 	#�1�.��� � - ���,��� � �7� & 
 � � ����&�� 	#�1� � �
� � �	!#���$����� � ��� 
 �#&6� � � � � - � � � � � !D� 
���-=�Q
�� � � ���#& � �,���4&�� 
 � � W � �P� !D� �R� � ! W � �P� !D� �R� � �$# ) � � ��� � �
���<& � �,���4&�� 
 �1� ��� !#���$���%� � �0� � � ��� � �<& ��
 � � �4� � � � ��� �����#& � �,���4&�� 
 �1� - � 
�- ��� � � � �$� � 
 � � ��&�� 
 � ��� ���,���
� - ���,� � � � ��� -=� �1� � � ����
�� � � � �#� � 	<�1� � � ���Y����� � ��� 
 � � �#& ��� � 
 � ��� � ������� �1� ��& �O��&,��&�� 
 ���Y����� � � � W ��� � �
��
��1� �#& � �N�	��� � � ��-=
 ��&,���#& � � ���1�0����� � 
 � � &�� 
 � ��� �0!#���$���%� � ���/��� � ��� � � -=�4� � � �#&������ �P� �#& � ��� � ��&�� 
�� �
� 
 ��� � 
�� � � ! �P� �#& � �.�$��� 
 � � ��&�� 
 � ��& � ���$����� � � � 
�� � � � � &6��� 	 �$#1# � � �

#�$&%'$&% ) �2*��������������"**� � ��� �,+������ ���"*

� � ��!#���$���%� � � � 
 � �P� �#& 	#�1� � 	<�1� � -=
�� � � � �#& � ��� ��!#���$����� � � � 
 ��� �1� � �Z-=� &���&�� �R� � � � �+& 	 � ����� ��
 �
� ��� � �<& ��- � � �.!D�,��� � � �R� � � � �+&�� � � �.!#���$���%� � �.����� �4! � ���#�4� � �9� 
 �#&.& 
�� & � �.� � ��!#���$���%� � � 	#� �;� � � 
 �#&.���
� ����� - &�� 	<�1� �2���S� - ���,��� � ��� � � &�& � �4�$��� � � � � !D� 
���-=����
 � ��& 
�� & � �2� � �7!#���$���%� � �H��&�
 - � 	#�1� �����G� - � ��- ����& �%�



��� � ���"*��	��
 ��
���
������2*��������������"*

& � ��- � 	 � ��� � �	� 
 �#&6&����R�I����� �1� � � � !#�! � & 
 �#& � � � �P
 � -��1
 � 
 !D� ��� � ( 
 � �P� � � � �I!#���$���%� � �I����� �4! � ���#�4� � �
� 
 �<& �4�$��� � � � � � � ���4� ��&)
 -=� � 8

� �G�
�4�$��� � � �7� � !D� 
���-S� & 
�� & � �6� � �H!#���$����� � �.�1
#���<& ��� ����! �1� �	� � � � � � ���$��� � � �.��� � �9� � �	!#���$����� � �
� - ���,��� � ��� �G� - � � � � 
 ��� �1��� ��&.� � !D�,��� � � � ��! �L���
� ��! � ���$��� � � ����
�� � � � �#� � 
 � -S� �1� � 	<�1� � �
� 
 �#& ��� �6� - ���,��� � �6��� 
 ��& � � � �

� � � �9!#���$���%� � �Q����� �4! � ���#�4� � � ��� �4�$���,� � ���	��� 
 �#&9& 
�� & � ��� � ��� � &�� � ��� W ��� � ��� 
 �#&Q� �>- � � ��� 
�� � � �#&
��� � �1� � ��� � 
 ��������� 
 �1� �/��� � ��� � � - � �R� � �#& � �#& ��� � -=
 �#& � ��� � ��&��#�4� � 	 ��� �I���#& � ��� � ��� � �3��� � 
 ��� � ��� � �
- � �R� � �#& � �<&9� � � � � 
���-A� �*���4&�� ����& � ��� � 
 � � ��&�� 
 � � ���4& 
 ��� � � 
�� &����R� -S�4� � � � � 
 �#&.� � �.!#���$����� � �
��� �4�$��� �,����� � ��������� �4� � � �

^���� ���
	���
�����	�������������� �!� _ �!�#"%$ &�'(���*)+	������,���(".-.��
0/ � ���1���2�!�#"��

� � �H���#& � �,���4&�� 
 �1� ��� !#���$���%� � �H� �.- � 
<�%� ��� � �<& 	#�1��-=�4�Z��� � �1
 � � � � ��� � � � �Z��� �I�4& 
 ��� � � 	<� � � 
 �#&
� 
 �1��� � �4� � � � � 
����P�Q�%� 
 � � ��� � 
 ��� � 
 ��������� 
 ��� � � � �3��� � 
 �<&�� � � � !#�! � &	�$� -=
�� � ���#�4� � � � ����� � � �#&6� 
�� �
� � �<& ��� � 
 ��& � � -=� ��& � ���Y��&�� 
 �1���4���1� � ��&�� 	#�1� � � & � 
��Y� � � 	#�1� ���(�G��� � 
 � ! �H���1��� � 
 � �$#"� ) � ���D��� � �#&
������� �R�0��� � � � ��	<�1�0��� �I���#& � �,���4&�� 
 �1� ��� � ��� � � ����� 
 ����� ��� � �#& � 
 �1��� � �4�,����� � �P� �<&6���*���4&�� ����& � ��� � 
 � � ���
&�� 
 �P��& � ���$����� � �1� 5 � @ 	
� @ � � & @ - ��&  � � 
 �#&"�$����! � �P� �<& � 
 � 41� � � � � &�& � � 
 -=
 & � �R� �08 � � � -=� ��& � ���Y��&�� 
 �1�
-=�4� � � �#& . &�� � � ��� 
 ����!D��� � ��� ���,���P� - ���,� � � 	 - � 
 � 
 	#�1� � ��� !D��!#���#& � � 	<�1� � 
X� � �S� � � ��� � 
 � � ��&�� 
 �
� ���4& 
 ��� � � 	%����� �P� �#& � � ��� �7&�� 
�� �2� 
 ���7� ��-=� � � � ��� ��� �J� 	 �P
�� � 4 � �2�$� �P
 � -��1
 � 
 !D� �0��� �T!#���$���%� � � 	 -S� ��& � � �
� � �I�$���4���1� � ��&�� 	<�1� 	1�$� � 
��Y� � � 	#�1� �

� � �H���#& � �,���4&�� 
 �1� ���0���4� ��!#���$����� � � �O� ��� 	<�1�.��� �/. �P� � ��� � � � 
 �<&H� � � - � � �I� -S� �4&,��� � �$����� � � �/���
� � �I!#���$���%� � � - � 
 !M�4����&������ � �.� 
 �#&	� 
�� � � �#&6����� �1� � � � !#�! ��� 
 � � 	#� � � ��� � � � 
����P� � � � �#& � ���#& � �,��!D��� 	1� � �
���,���I� - ���,� � �����#& � ��� � �	� � � � ��
 ��!D� � �#& -=
�� � �4� � � � ��� � -=
 �#& � ��� � ��&��#�4� �0� & � ��� - ���,����� � � �<&6��� � �  �<��& �
� ���1�H� � � ���/������� �P�9��� � � ��� 
 � ��� �H!#���$���%� � ��� � � � ���4� �
���,��� � ��& � ��� � �I� 
 �#&H�4&���� �R� � � ���<& � ��� � �0� 	#� �
-=�4� � � �#& �%� � � � � � � 	#� � � 	#�1� � 	<�1� � � �����$��� � � � �*�����1� � �O� - ���R�O�$� � 
 ��������� 
 � � � � � � � �%&�� � � ��& �R� ��� � � �
���<& � ��� � �"� � � 
 � �P� �#& ��� � � 
���- � � � � � ��� �1� � � ��� !#�! H��� � � �%� !#�! T� 
 ����� � 	#� ��� � !D!"�4� �2��� �$� � 
 � � ��&�� 
 �
� ���4& 
 ��� � ��� �G�N����!D�Y��& � � �E� �*���#& � ��� � � 
��[��� 41�$� �P� �#& � ��� !#�! 	<� �	�/����� � � -�-=� �#& ��� !#���$����� � �C� 
 �#&
� 
�� � � �<&	� � �	����!D� � � � � � � � ���#& � �,���4&�� 
 � 
�� � � � � � � � � � 
 � � � � �I���#& � �,���4&�� 
 �1� � �#&�� � !#���$���%� � � �����/. �P�
� ��� � ��3 �G� -�-=� ��� � � 4658769;:�<�7>=/��? � 5�@ � 7A:�5B=/��?C:�@D= � @;E � @67 - � 
��%� ��� � �#&H� � � - � � � � 
 ��& � � -=� ��& � ���Y��&�� 
 �1�
� � �7� � �T!#���$���%� � ��� / � ��� �7� �R�4�Y������� ��� � 
 � � ��&�� 
 � ��� � � ����� - &�� 	#�1� �H� ��-�-=
 � � 	<� � � � � !#���$����� ��� ����� - &�� 	#�1�
�Y����& � � � � � � � � � 
 � � � � �4� � �P���
���4� �N!#���$���%� � � �Z� ��� 	#�1� ����� �1� � � � !#�! � �L�*������� �4� � ���$� � 
 ��� � � � � � � �
��� ���4� �[!#���$����� � � � � ��� 	#�1� � - � �R� � �<& � �#& � � - � 
 41� ��� � ��� �#�4� � - � 
 � �1� ��� � � � � � ��� � � ����� - &�� 	#�1� �
� � ����&  � � � � ��� � � �1��� � � � � ! �0� � � ��� � �$#1# ( 	 56
 & � � � ��!�! � 
 � �4-�� � 'D' ( � ���G� � � ���4� � �0- ����&�� ���%� !#�! 
� ��& � &�������� � �.-=
�� � � 
 � �P� � ��� �2�4& 
 ��� � � 	%����� �P� �<& � �	� � &�� 
�� � 
 ��� 
�� ��� �/����� � � -�-=�0�%� � 
%��&�� �P� � W �1� � ��& �
�$�.!#���$���%� �	� ��&"� � �$��&�� � � �P� �<& - ��� � � � �I� ���1�"�$� �P� � � � �	
�' �$� � � ���4� � �H-=� ��&�� �	�%� !#�! ��0�4& � � 
 �1� 
���� �
� � � 
�� � � ��� ��� ���<& � �,���4&�� 
 � � �.�R��� 
 � �.�$��� 
 � � ��&�� 
 �A��& � ���$����� � �/�*����� . & � � � � �4� -S�4� & � � - ��� 	<�1� �0� ��- �$���
� 
 � � � �P� �#&,��� ��� �	!#���$���%� � � � ����� - &�� 	#�1� ��� � 
 ���6� � �4&�� 
 � � � � � � � �

����� � ��!#���$����� � � -=� � � ��� � �#&Z�$� � � �P
 ��� � � � � � � & � ��� �E-�� ��� �E� � � ������� 
 � $ � �������$��� � � �*�����1� � �
� � � � � �,��� �10 � � ! �$#1#1��	 � � ����� 
 & � 0 � �"!#	 �$#1# ) � � � ��	<� � ����!D��� 4 ��	<� � � ��� � �	� � �,��� � �#& � 
 ��� � � � &�& �0-�� ��� �
� � ��� � �P���  7 � 	 �D� � ��& ��� ��� � � �>
�'E
 � � �4& � �4& ����� �I!#���$���%� � �I� ��� ��� �4� � � � � � �����?�,��� 
�� ! � �

W ��&�� � 	<�1� � � ��!#���$���%� � �P� ��� ��� �4� � � � � �[�����?�,��� 
�� ! � 	#� �	� � ����� � � �#& � � � �<� 
 � � �<& � 
X� � �S� � ���
� 
 � � ��&�� 
 � ��& � ���$����� � � 
 �#& ��� � � ����� ��� �6!#���$����� � � � ����� - &�� 	#�1� � -

� � �F405G709�:�<#7H=I9J< � 5�@ � 7K:L5M=I9*<
:�@K= � @;E � @676� 
 �#&�� � � -S
 �1� ����� � � ���Q-=� ��& � ���Y��&�� 
 �1� - � � ����������� � � 	 � ��� � �
-=�4� � � �#& . &�� � � ��� 
 ����!D��� � ��� �>���,���L� - ���,� � � ��� !#���$����� � � 
�� ���4&�� � � ���$� � 
 � � ��&�� 
 � � ���4& 
 ��� � � � ���1�
� � ��&,����� � ��� �4!D� 
 �1� ��� �$� !#���$���%� � ��� � ��&,����� � �P!#���$���%� � �>� ��� ��� �4� � � � � �K�����+�,��� 
�� ! �Z- � �R� � �<& � �#& � � �
��&�� � �4& � � � � - ���,��� � &����R� � � � � � 
�-�- � � ��� � � ��� �6� �4!D� 
 �1� � �	�7!M�/���#& � � - � �R� � �#& � � � ���1�	� � �	���,��� � W ��& � �
	<�1� � � �	!#���$���%� � � � 
 �#& ��� � � ����� ��� �I!#���$���%� � �6� - ���,��� � � -
N�O�P0QSR�TCU

m1

RVU
m2 W RVX�Y>Z[X;X;R�X�\]R�X � Z W Z _ QSR�X�^L_]T`R ] _`X;QSP0THY>Zba�RV_]cdR�QSYfe W Q � _`R m1 ≥ g m2 h



#�$���� ��
 � � ��� 
1� 
�� ��� �����2�������"*Q���	��
�� +�
���
������2*�
 
�� + � 
�� 
	� ���"* $ �
�

� � � ��&L� � � ����� ����
�� � � � �#� � 	<�1� � � � � 
 ��������� 
 �1� 
�� ���<& � �,���4&�� 
 �1� � 
��1� �<& � � �	��� � &����R�O� ��-=
 ��&,���#&
� ���1�C����� � 
 � � &�� 
 � ��� �
!#���$���%� � ���&�9���1�
� � � �P
�� �4� � � ��� � 
 � � ��&�� 
 � � ���4�,��� � � � 	<�1� � ��� �C��&�� � �4& � � � � 	
� � � -=� &���& � ��!#���$���%� � �O� � � 
 � �P� �#& � � - � � � � � � 	 � � ��� 
 ��� � �<& -=
�� � ��
 ��� � �L�Y����� �,��� � � � ��� ��!#���$����� � �
- � � �L!D� 
 � � � � 	 -�� ��� � ��� �>� � ��� ��� !#���$���%� � � � & ��� �O� &�� � �4& � � � � - � � �O!D�,��� ��� ���(�9���1� � � � �P
<� �4� � �
� � � � �%� @ 	 � ��&�& 
 � �10 � � ! � 'D' � 	 � � �<��� � � � & ! �.� � ��� � ��
 ��� � 'D'D' 	 � � 
��,��� � � � 'D' ��	 5 � � @ W @�� � � �
!#���$���%� � � � ��� ��� � � �	� 
 �<&6�$��� 
 �1�,� 	#�1� � � �O��� � � ��� 
 � � � � � !D�,��� � � 
�� ��� �L��� !#���$����� � � ��� &,������� �9- � � �
-=� &���& � � + �1� � � ��&	�$� - �$��� �O��� �	!#���$���%� � �	� ��� ��� �4� � � � � � �����+�,��� 
�� ! ��� ���1�	����� � 
 � � &�� 
 � ��� �	!#���$���%� � � -
� � � � � - ��&�� � � � � �����<&�� -=
�� �	� � & ���0- � �R� � �<& � � - � � � � � � �4&,����� � � � 
 � � � & � �



% � � ���"*��	��
 ��
���
������2*��������������"*



���������
	���
 �
� ��� ���	��

� ����� ����� ��������� �	��� ��� � �������������

��� �! 

" ��- - ���J
V�
#%$'& (*),+.-	/102/4315 ),+7685 )19;:</,=?>@52A4BC025EDF=G)4+H$I$I$�$7$J$7$J$J$J$J$J$7$J$7$J$J$J$J$J$7$J$7$J$J$ KL&
#%$M# NO9<)QP85 +@>@R852=G)TSC),+7R	61+@)1=GU4/F>V5ER	9<+WS8),+X-8/<0E/F3F5E),+J0MB	YZ5M9<)1B<+@),+[)19;5M9F\]=?/,=]R	B1-C)^$J$ KL&

_C` _C`ba adc,e4fhgCi]jlknmo`X`[`X`X`[`X`W`X`[`X`X`[`X`[`X`[`X`X`W`X`[`X`[`X`[`X`X`[`X`W`X`�fF_
_C` _C` _ adc,cFpHgCiqm	r�`[`X`[`X`X`[`X`W`X`[`X`X`[`X`[`X`[`X`X`W`X`[`X`[`X`[`X`X`[`X`W`X`�fFp
_C` _C` f _ts,s4fhg	m<uCvMwyx{zd|}`[`X`X`[`X`W`X`[`X`X`[`X`[`X`[`X`X`W`X`[`X`[`X`[`X`X`[`X`W`X`�f4c
_C` _C` ~ ��zW���,�8���<vb�%�8�Ov��<��|y�,|��4�C�,z4`�`[`X`X`[`X`[`X`[`X`X`W`X`[`X`[`X`[`X`X`[`X`W`X`�f4c

#%$MK �X=]5 -	5b91)�SC)T0I�E�1Y�5 +@+{5ER	9}5M9F\]=?/,=?RLB1-C)TSC),+H�L������+.)4>XSC),+ZNn�L������+�$J$7$J$7$J$J$ �C�
_C` f8`ba �*�CzW�	�,�J�L�{z.�<zW���,|y�H��wyvb�4�T��  �Vwy�,v�¡bz¢�{`L`[`X`[`X`X`W`X`[`X`[`X`[`X`X`[`X`W`X`£~Fs
_C` f8` _ �*�Q�<v'��¤F�CzX��  �,¥d¥V|y�Vw�v��,�¦`H`W`X`[`X`X`[`X`[`X`[`X`X`W`X`[`X`[`X`[`X`X`[`X`W`X`£~	a
_C` f8` f §n�Cz{¡��¨�d¥d�t�Cv'���!zX�<�4�¨vb�Cz[¡'�¨¡b�8�!v��C�F�qvbw��[v��<��|y�,|��4�C�,zª©«`[`X`[`X`X`[`X`W`X`£~1_

¬ �?­ ® �#" ��� �1�ª¯����#"±°������ /
��
V	����
) � �'²�
��#" �d�d�
�¨³F´�µW¶�· � � ³F¸�¹Iº@»V·!¸�»V¼���¼�½�·¾´8º 	L´�¿1À�µX³��C¿1´�µ �LÀ 	 À�·.¶�³Z¸Á¿1À�µVµ@¹#�¾»V·J¼¾º{³F¹IºW»V·�µ@¸Á¿1´�µ{³FÂ�¶�·!½�·J¶]ÃE¼ � ¹�µVµV¹�¿1´

½ÄÃ À�´�·!Å8³F¶�³��%¹�·¨½�³F´�µ[¶]Ã ¹I´��Æ»{³F»V¿1À�ÅC· � ¿ 
C·¾´Ç·¾º[¶�¿1¹I´	º{³F¹I´ � �7´Çµd³F¹Iº[³FÀ1È@¿1À�»V½ÄÃ � À�¹ 	 À�·!¶�·�µnÅ8³F¶�³��%¹�·�µ[¶�¿ �t³F¶�·�µ
�  ≤ É �2Ê � »{³ 
C¿1´�´�·¾´8ºT·¾´ � ¿ 
C·¾´�´�· � É - ½�·T¶�·¾À�»h¼¾´�·¾»@Å<¹�·Q½�³F´�µH¶�·�½�¿ � ³F¹I´�·ÌË2Í�� � É<É<É4Î µ � �]ÏL¿1¹ �?·¾» !Ð ·¾À�ÅC·¾Â¦³FÀ�·¾»HÑ$#1#%Ñ �¢Ò �Ó³ 4�Å<À�»V·ÔÊ Ò Ñ7ÕÖ¿1´8º@»V·!¶]ÃE¼¾ÕQ¹�µVµV¹�¿1´o·¾´	º@»V· É Ò Ñ!·¾º7Ñ É<É<É µ Õ^½ÄÃ À�´�·7Å8³F¶�³4×%¹�·7µ@¸�¹I»{³F¶�·
�GØÙÑ É Ñ � 	�·¾¶I¶I¹I¸�º@¹�Ú	À�·�� Ð � � $ É ÑtÍ � 	�½ÄÃ À�´�·¨Å8³F¶�³4×L¹�·h¸�»V¼�µV·¾´8º{³F´	ºJÀ�´�·8
Û³FÕZÂÁ¼�·HÕÖ¿L½�¼¾»V¼�·H½�·.�?¿1»@Õ}³Fº@¹�¿1´½ÄÃE¼¾ºV¿1¹I¶�·�µ �GØÜÍ<Ê � ·¾ºo½ÄÃ À�´�·±Å8³F¶�³4×%¹�·Ý¸�»V¼�µ{·¾´8º{³F´8ºÝÀ�´�· �?¿1»@ºV·Ý¶IÀ�ÕQ¹I´�¿<µV¹IºV¼Ü¹I´��Æ»{³F»V¿1À�ÅC· Ò �7¶�¿1»VµoÚ	À�·Þ¶�·�µ
Å8³F¶�³4×%¹�·�µ �Gµ@¸�¹I»{³F¶�·�µQ¿1À
·¾¶I¶I¹I¸�º@¹�Ú	À�·�µ � »{³ 
C¿1´�´�·¾´8º}ÅC¼¾´�¼¾»{³F¶�·¾ÕÖ·¾´	º}¶�³ÞÕ}³4È@·¾À�»V·Ç¸¦³F»@º@¹�·ß½�·Ç¶�·¾À�»T¶IÀ�ÕQ¹#�¾»V·
½�³F´�µÖ¶�·ß½�¿1Õ}³F¹I´�·ß¿1¸�º@¹�Ú8À�· 	*à�·¾»@º{³F¹I´�·�µÖÅ8³F¶�³4×L¹�·�µÖ¼¾ÕÖ·¾º@ºV·¾´	ºÖ¸�¶IÀ�µÖ½�·"#1# - ½�·Ç¶�·¾À�»Q¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼ß½�³F´�µ
¶]Ã ¹I´��G»{³F»V¿1À�ÅC· Ò

�W·Qº�
L¸ª·Q½�·�Å8³F¶�³4×%¹�·�µZ³Ç¼¾ºV¼Q½�¼�à�¿1À�áC·¾»@ºVµ�½�³F´�µH¶�·�µZ³F´�´�¼�µÖÑ$#"� É � ¸¦³F»@º@¹I»Z½ÄÃE¿1Â�µ{·¾»@á1³Fº@¹�¿1´�µZ³FÀâµV¿1¶ Òã ¶IÀ�µXº{³F»V½ 	�¶�·�µXµ{³FºV·¾¶I¶I¹IºV·�µ � 5 �¨Ï}·¾º,�äÏ�åæ¿1´	º.¸Á·¾»@ÕQ¹�µ.½�·H½�¼¾ºV·�à¾ºV·¾».À�´ßÅ<»{³F´�½Ç´�¿1ÕZÂ�»V·�½�·Hà�·�µ[Å8³F¶�³4×L¹�·�µ
½�³F´�µn¶]Ã À�´�¹IáC·¾»Vµn¶�¿	àt³F¶Û¸�À�¹�µl¶�¿1¹I´	º{³F¹I´ Ò ��¶�µl¿1´	ºW³FÀ�µVµ@¹Û¸ª·¾»@ÕQ¹�µn½�·Jà�¿1ÕQ¸�»V·¾´�½%»V·¨Ú	À�·.à�·�µ*Å8³F¶�³4×%¹�·�µ�È@¿1À¦³F¹�·¾´8º
¸�»V¿1Â¦³FÂ�¶�·¾ÕÖ·¾´	º7À�´Ý»	�1¶�·H¹IÕQ¸ª¿1»@º{³F´	º7½�³F´�µX¶]ÃE¼¾áC¿1¶IÀ�º@¹�¿1´±½�·�µXÅ8³F¶�³4×%¹�·�µ Ò
¬ ��¬ çI�
��è��!"]	��2�*
������#" �O°�"]��
 '(�
	������
"%���#" ��� �!�Û¯��!�#" � ) - �*����)�"]�#" ��� �*�ªé 
V��
V��)����

�*ÃE¿1Â�µV·¾»@á<³Fº@¹�¿1´T¹I´��G»{³F»V¿1À�ÅC·[³FÀ�µV¿1¶L·�µ@º�»V·¾´�½%À�·W½%¹'ê}à¾¹I¶�·l¸¦³F»�¶�³X¸�»V¼�µV·¾´�à�·n½�·lá<³F¸Á·¾À�»ë½ÄÃE·t³FÀ�à�¿1´	ºV·¾´8À�·
½�³F´�µ.¶]Ã2³Fº@ÕÖ¿<µ@¸�ì��¾»V· 	�Ú	À�¹ª»V·¾´�½ÇÀ�´�·¨¶�³F»@ÅC·¨¸¦³F»@º@¹�·H½�·¨à�·H½�¿1Õ}³F¹I´�·H¿1¸¦³1Ú	À�· 6�µV·¾À�¶�µXÚ	À�·¾¶�Ú8À�·�µ.½�¿1Õ}³F¹I´�·�µ
½�·Öº@»{³F´�µ@¸¦³F»V·¾´�à�·Ö·¢×%¹�µ@ºV·¾´8ºZ·¾´í½�·�ît³Ì½�· � É µ Õ«·¾ºh½�³F´�µh½�·�µh½�¼�µV·¾»@ºVµHº@»���µZµV·�à�µ��Gï¨³ � ³F¹]ð �nì�¹I¶I¹ �¢Ò �7À
µ{¿1¶]ð�½�·�µJ¿1Â�µV·¾»@á<³Fº@¹�¿1´�µJ·¢×%º@»{³FÅ8³F¶�³1à¾º@¹�Ú	À�·�µ!½�³F´�µJ¶�·h½�¿1Õ}³F¹I´�·h¹I´��G»{³F»V¿1À�ÅC·h´�ÃE¿1´	ºJ¸�À±à�¿1ÕQÕÖ·¾´�à�·¾»7Ú	À�Ã2³FÀ



%�� � ��� � � * 
 
�� ��� ���"*������2���	� �2* � + 
 � ����+ *��"*��	� ���

������� Ê Ò Ñ
	��Oº@À�½�·hÕ�À�¶Iº@¹�
]¶�¿1´�Å<À�·¾À�»VµH½ÄÃE¿1´�½�·Z½ÄÃ À�´�·ZÅ8³F¶�³4×L¹�·hµV¸�¹I»{³F¶�·<ð¦·¾¶I¶I¹I¸�º@¹�Ú	À�·<ð�� 
Û³FÕ�Âª¼�·�ÕÖ¿	½�¼¾»V¼�·
·¾º��?¿1»@ºV·H½�·��?¿1»@Õ}³Fº@¹�¿1´Ýµ@ºV·¾¶I¶�³F¹I»V· Ò � ¹IÅ<À�»V·H¹�µ{µ@À�·H½�· �nì¦³F´�¹�³F¶��?Ê É<É���� Ò

ºV¿1À�ºÌ½�¼¾Â�À�ºÝ½�·�µÌ³F´�´�¼�·�µ Ñ$#�� É ����¿ � !��¨¶�·¾¹I´�Õ}³F´�´^Ñ$#1�<Í%ð��¨¶�·¾¹I´�Õ}³F´�´ !���¿ � Ñ$#�� É ³%ð.Â � Ò� ·�µ½�¿1´�´�¼�·�µT½�³F´�µH¶]Ã ¹I´!�G»{³F»V¿1À�ÅC·}ÕÖ¿#"C·¾´â¿1´8ºT³FÀ�µVµ@¹l¼¾ºV¼Ö¿1Â�ºV·¾´	À�·�µ$�ß¶]Ã2³F¹�½�·Ö½%À%� �Jå&���¨À�¹I¸Á·¾» �7¹I»@Âª¿1»@´�·
å7Â�µV·¾»@á<³FºV¿1»'" � Ú	À�¹h³íáC¿1¶�¼(��ÑtÊ �	Õ£½ÄÃ2³F¶Iº@¹Iº@À�½�·í·¾´	º@»V·±ØÜ³F¹H·¾º Ð ¿,áC·¾ÕZÂ�»V·�Ñ$#���� Ò ��¶¨³â¸Á·¾»@ÕQ¹�µo½�·
»V¼�à�¿1¶IºV·¾»�¶]ÃE¼¾ÕQ¹�µVµ@¹�¿1´ ¹I´!�G»{³F»V¿1À�ÅC·}½�·}Ú8À�·¾¶�Ú	À�·�µhµV¿1À�»Và�·�µ�·¢×Lº@»{³FÅ8³F¶�³1à¾º@¹�Ú	À�·�µ Ò �W·¾¸Á·¾´�½�³F´8ºQ³FÀ�à¾À�´ »V·¾¶�·¾áC¼
½%Àoà¾¹�·¾¶Û´�ÃE·�µ@ºW·¾´8áL¹�µ{³FÅC·t³FÂ�¶�·!·¾ºnà�·�µW¼¾º@À�½�·�µl´�·J¸ª·¾À�áC·¾´	ºWµV·JÂª¿1»@´�·¾»WÚ8À�Ã)�ZÚ8À�·¾¶�Ú	À�·�µW¿1Â%Èä·¾ºVµn½�¼yÈ'�Zà�¿1´�´8À�µ
à�¿1ÕQÕÖ·hØÜÍ<ÊQ¿1À Ð � �!Ñ É �<Í*� 5 ¹�· �C· !+��·¾ÂÁ¿,�Gµ%�-"ÜÑ$#���# � Ò

�'$&�'$ # # ����%/. ���1032
�Ó·Jµ{³FºV·¾¶I¶I¹IºV· � 5 �¨Ï4�656<�40@ �#7 �'8:9 7 0 @b:�<+:�=I9<; � �>='� 0 � � �19 0 � ð Ð ·¾À�ÅC·¾Â¦³FÀ�·¾»n·¾ºW³F¶ Ò ð¦Ñ$#<Í,? � ·�µVº*¹�µVµ@À}½ÄÃ À�´�·à�¿1¶I¶�³FÂÁ¿1»{³Fº@¹�¿1´�·¾´	º@»V·@�*º{³FºVµA
 / ´�¹�µ,ðCB7´�Å<¶�·¾ºV·¾»@»V·Ý·¾º ã ³D"%µ�E[³1µ Ò �W·Ì¸Á·¾º@¹Iº}ºV¼¾¶�·�µVà�¿1¸Á·Ìà¾»'"C¿1ÅC¼¾´�¹�Ú	À�·Þ½�·

� É à¾Õ ½�·Ý½%¹�³FÕGF¾º@»V·<ðn¶�³F´�à�¼Ý·¾´æÑ$#<Í � ³Ü¸Á·¾»@ÕQ¹�µÖ¶]ÃE¿1Â�µV·¾»@á<³Fº@¹�¿1´ ½�· #1�IH�½%À�à¾¹�·¾¶J��ÑtÊ%ðWÊ�K%ð � É ·¾ºÑ É<É µ Õ Ò / ´ßº@»LF�µ.Å<»{³F´�½ß´�¿1Õ�Â�»V·Z½�·HµV¿1À�»Và�·�µ.¹I´!�Æ»{³F»V¿1À�ÅC·�µ3�ÆÀ�»V·¾´	º7½�¼¾ºV·�à¾ºV¼�·�µM�T¶]ÃE¼�à{ì�·¾¶I¶�·Z½%ÀÝµL"Lµ@ºLF¾ÕÖ·µV¿1¶�³F¹I»V·N�Gà�¿1ÕGF¾ºV·�µtð	¸ª¿1À�µ{µ@¹OF¾»V·�µ � ð8½�·J¶�³hÅ8³F¶�³4×%¹�·P�Æ»V¼¾Å<¹�¿1´�µ[½�·Q�G¿1»@Õ}³Fº@¹�¿1´Ç½ÄÃE¼¾ºV¿1¹I¶�·�µtðLà¾¹I»@»@À�µlÅ8³F¶�³1à¾º@¹�Ú	À�·�µ � Ò ³F´�µß¶�·Ü½�¿1Õ}³F¹I´�·í·¢×%º@»{³FÅ8³F¶�³1à¾º@¹�Ú8À�·<ð.À�´ àt³Fº{³F¶�¿1Å<À�· ½�·íÊ É<É�É<É<É Å8³F¶�³4×L¹�·�µÌ³ ¼¾ºV¼Ü¶�¼¾Å<À�¼R� ã ÏTS�U �WV¹I¶¨³ À�´�·Ì»V¼�µ{¿1¶IÀ�º@¹�¿1´�½�· � �X? Ò KíÕQ¹I´8À�ºV·�µÇ½ÄÃ2³F»Và±·¾º}À�´�·Ì¶I¹IÕQ¹IºV·Þ½�·Þà�¿1ÕQ¸�¶�¼¾º@À�½�·±½�· É Ò K%Y�"Z�
ÑtÊ%ðÊ�K%ð\[ É µ Õ ·¾ºoÑ Ò K*Y�"%� Ñ É<É µ Õ Ò ã ³F»@ÕQ¹X½�·ÖÕÖ¿L½�·�µ@ºV·�µZµV¿1À�»Và�·�µ�¹I´!�G»{³F»V¿1À�ÅC·�µTà�¿1ÕQÕÖ·o½�·�µhÅ8³F¶�³4×%¹�·�µ·¾¶I¶I¹I¸�º@¹�Ú	À�·�µ;¿1À�µ@¸�¹I»{³F¶�·�µÖ¸�»V¿LàVì�·�µ,ð�] 5 BHÏ ³ÜÕQ¹�µo·¾´ ¼¾á	¹�½�·¾´�à�·Þ½�·�µ}Å8³F¶�³4×%¹�·�µ;³FÀ�µ{µ@¹.¶IÀ�ÕQ¹I´�·¾À�µV·�µoÚ8À�·
ØÜÍ<Êo¸�»V¼�µV·¾´8ºV¼�·Ö¸�»V¼�à�¼�½�·¾ÕQÕÖ·¾´8º�·¾ºhÚ	À�¹O»{³D"C¿1´�´�·¾´	ºZ¶�³oÕ}³4È@·¾À�»V·�¸¦³F»@º@¹�·Ö½�·�¶�·¾À�»H¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼Q½�³F´�µH¶�·
½�¿1Õ}³F¹I´�·Z¹I´!�Æ»{³F»V¿1À�ÅC· Ò SW·�µ7¿1Â%Èä·¾ºVµJ¿1´8ºJ¼¾ºV¼hà¾¶�³1µ{µV¼�µX·¾´ÞÊ�àt³FºV¼¾ÅC¿1»@¹�·�µ V	^��·�µ$_`5'7ba 7dc�³1à¾»V¿1´e"LÕÖ·}½�· E � � �gf�9 � 7 �!58=I9J< � 587 � 7 � < 9J<�40@ ��@b:�5LE �ih ·¾¶I¶�·�µZ¿1´8º�À�´�·Q¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼

¹I´!�Æ»{³F»V¿1À�ÅC·hà�¿1ÕQ¸�»@¹�µ{·Z·¾´8º@»V· 1011 ·¾º 1012 �
�

Ò
	�¶�·�µ*ji_`5'7Pa 7bcÓ³1à¾»V¿1´e"LÕÖ·�½�· E � � �gf�9 � 7 5�� 0 @ � �!58=I9J< � 587 � 7 � < 9*< 46@ ��@b:�5�E �ih ·¾¶I¶�·�µ!¿1´8º!À�´�·h¶IÀ�ÕQ¹�

´�¿<µ@¹IºV¼H¹I´!�G»{³F»V¿1À�ÅC·hµ@À�¸Á¼¾»@¹�·¾À�»V·b� 1012 �

�

Ò



�'$&�/� ��� � ��� 
 
������ ����� 
���� ��� ��	�
���
���� �����*�
	���	�������� �
� 
 �"�������������	� �"������	���
������ %�%

LIR/L�
Ñ É Ò K 
{Ñ É Ò #1# Ñ<Ñ Ò É 
{Ñ<Ñ Ò ? # Ñ<Ñ Ò K 
{Ñ<Ñ Ò #1# ÑtÊ Ò É 
{ÑtÊ Ò K É´�¿1ÕZÂ�»V·�µ!½ÄÃE¿1Â%Èä·¾ºVµ K É K É �<É ? ÉÕÖ·¾»@ÅC·¾»Vµ ÑtÊ H � ÊGH [�[dH #�KdH

¸¦³F¹I»V·Z½�·HÅ8³F¶�³4×L¹�·�µ Ê%Ñ$H � [GH Ñ ?�H É H¹�µV¿1¶�¼ [��dH � ÊGH Ê É H KGH
�����\� Ê Ò ÑJ	oØ±¿1»@¸�ì�¿1¶�¿1Å<¹�·Z½�·�µJÅ8³F¶�³4×L¹�·�µJ¶IÀ�ÕQ¹I´�·¾À�µV·�µ7·¾´Ý¹I´!�Æ»{³F»V¿1À�ÅC·�·¾´ �G¿1´�à¾º@¹�¿1´±½�·H¶�·¾À�».¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼
¹I´!�G»{³F»V¿1À�ÅC· �]Ï%³F´�½�·¾»Vµ8! ØÝ¹I»{³FÂÁ·¾¶lÑ$#1#�K � Ò

/ ´�·�³FÀ�º@»V·Tà¾¶�³1µVµV·Z½ÄÃE¿1Â%Èä·¾ºVµtðª½%ÀÝ´�¿1Õ ½ÄÃ ìe"L¸ª·¾»�� ] 5�� µtð�·�µ@º7¸¦³F»A�G¿1¹�µ!½�¼�4�´�¹�·�¸ª¿1À�»7¶�·�µJ¿1Â%È@·¾ºVµ7Ú	À�¹ë¿1´	º
À�´�·J¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼7¹I´!�Æ»{³F»V¿1À�ÅC·!³FÀ;½�·¾¶ �h½�· 1013 L�

ð<Õ}³F¹�µn¹I¶�µlµ{¿1´8ºlº@»LF�µl»{³F»V·�µ Ò SW·�µn¿1Â%Èä·¾ºVµnµV¿1´8ºWµV¿1À�áC·¾´8º
½�¿1ÕQ¹I´�¼�µJ¸¦³F»J½�·�µ3B � Ð µ Ò

�Ó³ßµV·¾´�µ@¹IÂ�¹I¶I¹IºV¼Q½ÄÃ ] 5 BHÏ±³o¸ª·¾»@ÕQ¹�µhÀ�´�·Q½�¼¾ºV·�à¾º@¹�¿1´ à�¿1ÕQ¸�¶OF¾ºV·}½�·�ºV¿1À�µHà�·�µh¿1Â%È@·¾ºVµh½�³F´�µH¶]Ã À�´�¹IáC·¾»Vµ
¶�¿Làt³F¶ Ò

�Ó³Ý½�¼�à�¿1À�áC·¾»@ºV·Ç½�·;à�·�µ�¿1Â%È@·¾ºVµT³ÝÚ8À�·¾¶�Ú	À�·Ö¸Á·¾ÀâµVÀ�»@¸�»@¹�µ�½�³F´�µ�¶�³ßÕÖ·�µ@À�»V·o¿ ' ¿1´â¸ª·¾´�µd³F¹IºZÕQ¹�·¾À%×
à�¿1´�´¦³���º@»V·o¶�·�µZÅ8³F¶�³4×L¹�·�µ�½�·Ö¶]Ã À�´�¹IáC·¾»VµT¶�¿Làt³F¶ Ò å7´â´�·Ö¸Á·¾´�µ{³F¹IºZ¸¦³1µ�ÕÖ·¾º@º@»V·;·¾´ ¼¾á	¹�½�·¾´�à�·;À�´ ´�¿1À�áC·t³FÀ
º "	¸Á·h½ÄÃE¿1Â%È@·¾ºVµ Ò

5 ¹�·��C· !+��·¾ÂÁ¿,�?µ�� "X�äÑ$#<Í�[ � ¿1´	º.ÕÖ¿1´8º@»V¼�Ú8À�· V	�¶�·�µ*Å8³F¶�³4×%¹�·�µl·¾¶I¶I¹I¸�º@¹�Ú	À�·�µl¿1À;¶�·¾´8º@¹�à¾À�¶�³F¹I»V·�µX³�á<³F¹�·¾´8ºnÀ�´�·X¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼.¹I´!�G»{³F»V¿1À�ÅC·.¹I´!�?¼¾»@¹�·¾À�»V·M� 109

L�

Ò
	�¶�·�µXÅ8³F¶�³4×%¹�·�µJµ@¸�¹I»{³F¶�·�µJ³tá1³F¹�·¾´	ºJ¸�¶IÀ�º �1º.À�´�·h¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼H¹I´!�G»{³F»V¿1À�ÅC·�³FÀ�ºV¿1À�»J½�· 1010 
 1011 L�

Ò
Ø±³F¹�µX¶�·�µQ� ] 5�� µJ·¾º.¶�·�µ / � ] 5�� µX¿1´	ºJÀ�´�·¨¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼Z¹I´!�Æ»{³F»V¿1À�ÅC·}Ñ É �ÇÑ É<É �?¿1¹�µ.µ@À�¸Á¼¾»@¹�·¾À�»V·"!

# »LF�µháL¹IºV·<ð�½�·�µh¼¾º@À�½�·�µZÕZÀ�¶Iº@¹�
]¶�¿1´�Å<À�·¾À�»�½ÄÃE¿1´�½�·Ö¿1´8º�¼¾ºV¼QÕÖ·¾´�¼�·�µh¸Á¿1À�»h·�µVµ{³g"C·¾»Z½�·�ÕQ¹�·¾À%×íà�¿1ÕN

¸�»V·¾´�½%»V·�à�·�µXÅ8³F¶�³4×%¹�·�µ V
•
� 
$	������ � � 
�+�
1�&%'���)( +���
 � � � �"������	���
������ . ��·�µ[à�¿1´8º@»V·¾¸¦³F»@º@¹�·�µX¿1¸�º@¹�Ú	À�·�µW½�·7à�·�µWÅ8³F¶�³4×L¹�·�µn´�ÃE¿1´8º

¸¦³1µ�ÕÖ¿1´	º@»V¼[¸¦³1µë½�·WÅ<»{³F´�½�·�µ�½%¹ ( ¼¾»V·¾´�à�·�µO·¾´TºV·¾»@ÕÖ·[½�·nà�¿1À�¶�·¾À�» Ò S!ÃE·�µ@º�Â�¹�·¾´T¸ª¿1À�»Oà�·¾¶ �7Ú8À�ÃE·¾¶I¶�·�µ�¼¾º{³F¹�·¾´8º
¸¦³1µ{µV¼�·�µX¹I´¦³F¸Á·¾»Vî¾À�·�µ Òã ³F»¨à�¿1´8º@»V·<ðÄÏL¿1¹��G·¾» �10 � �"!\�äÑ$#<Í,? � ¿1´8º7ÕÖ¿1´8º@»V¼TÚ8À�·}ÑtÊG�}Ê�KdH ½�·hà�·�µ.Å8³F¶�³4×%¹�·�µ!¼¾º{³F¹�·¾´8º7½�·�µ!µ'"%µA

ºLF¾ÕÖ·�µW·¾´Ö¹I´	ºV·¾»{³1à¾º@¹�¿1´ h SW¿1ÕQÕÖ·J¶�·XÕÖ¿1´8º@»V·7¶�³¨º{³FÂ�¶�· Ê Ò Ñ<ð<¶�³¨¸�»V¿1¸Á¿1»@º@¹�¿1´o½�·.µL"Lµ@ºLF¾ÕÖ·�µl·¾´Ö¹I´8ºV·¾»{³1à¾º@¹�¿1´
³FÀ�Å<ÕÖ·¾´	ºV·Ö»{³F¸�¹�½�·¾ÕÖ·¾´	ºT³�áC·�àÖ¶�³o¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼Q¹I´!�G»{³F»V¿1À�ÅC·!ÈyÀ�µVÚ	À�Ã2³FÀ%× µV¿1À�»Và�·�µ¨ºV·¾¶I¶�·�µhÚ	À�· LIR ≥ � ×

1012 L�
ð<ºV¿1À�ºV·�µWà¾¶�³1µVµV¼�·�µnà�¿1ÕQÕÖ·Jµ'"%µ@ºLF¾ÕÖ·�µ*µ@À�Â�¹�µ{µ{³F´8ºW½�·��?¿1»@ºV·�µ*¹I´8ºV·¾»{³1à¾º@¹�¿1´�µ[¿1À}½�·�µl¸�ì¦³1µV·�µnºV·¾»@ÕQ¹�


´¦³F¶�·�µX½�·Hà�¿1¶I¶I¹�µV¹�¿1´�µ:���Ó³ � »V·¾´�à�· �10 � � !�Ñ$#<Í1#%ð�ØÞ·¾¶I´�¹�à*� !æØÝ¹I»{³FÂÁ·¾¶*Ñ$#1# É ð!�¨¹IÕ �10 � �"!ÁÑ$#1#�K%ð Sn¶�·¾ÕÖ·¾´8ºVµ
! E[³+�C·¾»�Ñ$#1#�[%ðÛÏ%³F´�½�·¾»Vµ ! ØÞ¹I»{³FÂª·¾¶nÑ$#1#�[%ð>�¨¹IÕ ! Ï%³F´�½�·¾»VµZÑ$#1#<Í%ð �¨¹IÕ �10 � �"!�Ñ$#1#<Í � Ò, ·¾¹I¶I¶�·¾À%× �10 � �"!T�?Ê É<É Ê � ¿1´8º�ÕÖ¿1´8º@»V¼XÚ	À�·JÑ<ÑtÍ7Å8³F¶�³4×L¹�·�µ / � ] 5-� µë½�¼¾ºV·�à¾ºV¼�·�µ�¸¦³F» ] 5 B¨Ïh·¾º�¿1Â�µV·¾»@áC¼�·�µ
·¾´ 5 ·¾º��æ¿1´8ºXÀ�´�·!Â�»@¹I¶I¶�³F´�à�·H½�·¨µ@À�»A�?³1à�·!à�¿1»@»V·�à¾ºV·¾ÕÖ·¾´8ºJ»V·¾¸�»V¿	½%À�¹IºV·¨¸¦³F»X½�·�µ[¸�»V¿
4�¶�µX½�·7Â�»@¹I¶I¶�³F´�à�·H½�·
µVÀ�»A�?³1à�·[½�·nÅ8³F¶�³4×L¹�·�µO·¾¶I¶I¹I¸�º@¹�Ú	À�·�µ Ò BJ¶�¿1»Vµ�Ú	À�·W¸�¶IÀ�µ�½�·�K É H ½�·�µ\� ] 5�� µ�¿1À�Å8³F¶�³4×L¹�·�µ�ÕÖ¿1¹I´�µ�¶IÀ�ÕQ¹I´�·¾À�µV·�µ
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´�¿1ÕZÂ�»V·Ý½�·Ýµ@À�¸ª·¾»@´�¿,á1³1·
·¢×%¸�¶�¿<µV·¾´8ºn·¾´ÖÕ . ÕÖ·XºV·¾ÕQ¸�µ Ò �*¶I¶�·�µl½�¿1´�´�·¾´8ºn¶I¹�·¾À �!À�´�·.¼¾ÕQ¹�µVµV¹�¿1´Q»{³1½%¹�¿ Ò SW¿1ÕQÕÖ·X¶�³H½%À�»V¼�·J½�·[á	¹�·.½�·�µ
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³�á<³F¹�·¾´8º
À�´�·o¼¾ÕQ¹�µVµ@¹�¿1´â»{³1½%¹�¿Þ½�¿1ÕQ¹I´�¼�·;¸¦³F»ZÀ�´�·o¼¾ÕQ¹�µVµ@¹�¿1´ ½%¹ ( À�µV·o³F¶�¿1»Vµ�Ú8À�·}¶�·�µhÅ8³F¶�³4×%¹�·�µ�¸�¶IÀ�µ�¶IÀ�ÕQ¹I´�·¾À�µV·�µ
¼¾º{³F¹�·¾´	º¨½�¿1ÕQ¹I´�¼�·�µ!¸¦³F»!À�´�·ZµV¿1À�»Và�·�À�¶Iº@»{³;à�¿1ÕQ¸¦³1à¾ºV· Ò ]�¶�µJ¿1´	º!à�¿1´�à¾¶IÀÜÚ	À�·�½�·�à�·�µJÅ8³F¶�³4×%¹�·�µ �Æ¹�µVµ@À�µJ½%À
E � Ï � ¸Á¿1À�á<³F¹�·¾´8º . º@»V·HÕÖ¿L½�¼¾¶I¹�µV¼�·�µX¸¦³F»JÀ�´Ìµ@º{³F»@Â�À�»Vµ@ºJà�·¾´	º@»{³F¶ Ò

q = log
LFIR(W )

3.75 × 1012(Hz )
×

1

L1.4GHz
ν (W /Hz )
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�� � ������		����� V  ·�µX¼¾º@À�½�·�µX¿1´8ºXÕÖ¿1´	º@»V¼hÚ	À�·7¸Á¿1À�»[À�´ß¼�àVì¦³F´!
º@¹I¶I¶�¿1´Ì»V·¾¸�»V¼�µ{·¾´8º{³Fº@¹��*½�·¨Å8³F¶�³4×L¹�·�µ7³D"8³F´8º LFIR ≥ Ê × 1010 L�

�Gà<ÃE·�µ@ºQ��½%¹I»V· LIR≥ 4 × 1010L�
àt³F»

LIR
7 Ñ Ò #%Ñ�� ± É Ò Ñ#� � LFIR

½ÄÃ2³F¸�»V·�µ!ÏL¿1¹��?·¾»J·¾ºJ³F¶]ð�Ñ$#<Í�� � ð�¶�·hà�¿1´8ºV·¾´	À±·¾´ßÅ8³,UZïJ]W¼¾º{³F¹IºJ½�·bK × 108 � �
× 1010 M�

ð	Õ}³F¹�µl¹I¶ª´�Ã ";³�Ú8À�Ã À�´�·7º@»LF�µ��?³F¹IÂ�¶�·!à�¿1»@»V¼¾¶�³Fº@¹�¿1´ß·¾´8º@»V· LIR
·¾º MHI

�]Ï%³F´�½�·¾»Vµ !ÔØÞ¹I»{³FÂª·¾¶
Ñ$#<Í<Í � Ò ·�µ*¼¾º@À�½�·�µn¿1´8ºn³FÀ�µ{µ@¹�¼¾ºV¼X»V¼t³F¶I¹�µV¼�·�µn·¾´Qìe"%½%»V¿1Å�F¾´�·.ÕÖ¿1¶�¼�à¾À�¶�³F¹I»V· Ò # ¿1À�ºV·�µlà�·�µ*Å8³F¶�³4×L¹�·�µnµV·[»V¼¾á�F¾¶�·¾´8º
É Ò � � Ê É �?¿1¹�µ�¸�¶IÀ�µQ»@¹�àVì�·�µ}·¾´ H2

Ò / ´�·ßà�¿1»@»V¼¾¶�³Fº@¹�¿1´ ·¾´	º@»V·ß¶]ÃE¼¾ÕQ¹�µVµ@¹�¿1´^SXå ·¾ºQ¶�³Ý¶IÀ�ÕQ¹I´�¿<µV¹�¼ß¹I´!�Æ»{³ 

»V¿1À�ÅC·Ç³Ì¼¾ºV¼}º@»V¿1À�áC¼�·W���l¿1À�´�Å �10 � �"!WÑ$#<Í,?�ðlÑ$#<Í�[%ðOÏ%³F´�½�·¾»Vµ ! ØÝ¹I»{³FÂÁ·¾¶7Ñ$#<Í�K%ð\�Oá<³F´�µ �10 � � !�Ê É<É Ê � Ò�O¶I¶�·Qµ,Ã ¹I´8ºV·¾»@¸�»LF¾ºV·Q½�·T¶�³;Õ}³F´�¹OF¾»V·Qµ@À�¹Iá1³F´	ºV· V ¶�·�µ¨Å8³F¶�³4×%¹�·�µHÚ	À�¹�¿1´	º¨À�´�·$�G¿1»@ºV·�à�¿1´�à�·¾´8º@»{³Fº@¹�¿1´â½�·�Å8³,UÕÖ¿1¶�¼�à¾À�¶�³F¹I»V·�µV¿1´8ºJµ{¿1À�áC·¾´8º7à�·¾¶I¶�·�µJÚ8À�¹i�?¿1»@ÕÖ·¾´8º7¶�·¨¸�¶IÀ�µJ½ÄÃE¼¾ºV¿1¹I¶�·�µ Ò
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 . Ø . ÕÖ·ÌµV¹.à�·�µÖ¿1Â%Èä·¾ºVµÖ´�·ßµV¿1´8ºÖ¸¦³1µÖ»V·¾¸�»V¼�µV·¾´8º{³Fº@¹��?µ

½�·�µ!Å8³F¶�³4×%¹�·�µ!½�·T¶]Ã À�´�¹IáC·¾»Vµ¨¶�¿Làt³F¶ë¸�À�¹�µ{Ú8À�·�¶�·�µ¨à�¿1¶I¶I¹�µ@¹�¿1´�µH·¾´8º@»V·TÅ8³F¶�³4×%¹�·�µM"ÞµV¿1´8ºH³1µVµV· UT»{³F»V·�µtði�¨¹IÕ !
Ï%³F´�½�·¾»Vµ4�äÑ$#1#<Í � ¿1´	ºZÕÖ¿1´8º@»V¼;À�´�·N�?¿1»@ºV·Ö¼¾áC¿1¶IÀ�º@¹�¿1´ ½�·Q¶�·¾À�»�½�·¾´�µ@¹IºV¼}·¾´(�?¿1´�à¾º@¹�¿1´â½%Àí»V·�½�µ@ì�¹��GºZ½�³F´�µ¶]Ã À�´�¹IáC·¾»Vµ�¶�¿Làt³F¶i�Û¼¾áC¿1¶IÀ�º@¹�¿1´Q·¾´ ∼ (1+z)7.6±3.2 ¸Á¿1À�»\U ≤ É Ò Ê � Ò SW·�à¾¹L¶�³F¹�µVµV·n¸�»V¼�µ{³FÅC·¾»OÚ8À�·nà�·�µëÅ8³F¶�³4×%¹�·�µ¸Á·¾À�áC·¾´8º . º@»V·¨¸�¶IÀ�µ.´�¿1ÕZÂ�»V·¾À�µ{·�µM��Å<»{³F´�½ß»V·�½�µVì�¹��Æº Ò
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������� Ê Ò ÊJ	P�Ä¹IÕQ¹IºV·�µn½�·JµV·¾´�µ@¹IÂ�¹I¶I¹IºV¼.½�·3]@Ï�å
S�B!Ø��äÑgK µ ÕÌð É Ò ÑXÕGY�" � ð�]@Ï�å ã ïHå # �äÑ#� É µ ÕÌð�ÑtÊ É ÕGY�" � ðÏTS / E�B �?Í�K É µ ÕÌð8ÊFÕGY�" � ·¾ºnÏ	¸�¹Iº'Ut·¾»J�?Ê,? µ ÕÌð É Ò ?eK¨ÕGY�"Q³F´�½ É Ò É Ê<Ê¨ÕGY�"�à�¿1»@»V·�µ@¸Á¿1´�½�³F´8º[³FÀ%×T¶I¹IÕQ¹IºV·�µ½�·H½�¼¾ºV·�à¾º@¹�¿1´Þ½�·�µ[¸�»V¿1Å<»{³FÕQÕÖ·�µ Ð B¨Ï-B ½�·¨º "L¸ª·���·¾Å8³1à "ÌÏ
� ] 5 �
³F´�½ � åHå  Ï � Ò SW·!½%¹�³FÅ<»{³FÕQÕÖ·T³¼¾ºV¼ÖÅC¼¾´�¼¾»V¼}·¾´ µ@À�¸�¸Á¿<µ{³F´	ºZÚ8À�·Ö¶�·�µ�Ï-�  µZ½�·�µHÅ8³F¶�³4×%¹�·�µZ½%¹�µVº{³F´8ºV·�µTµ@À�¹IáC·¾´8º�¶�·�µHÕ . ÕÖ·�µZà�¿1»@»V¼¾¶�³Fº@¹�¿1´�µ
Ú	À�·.¶�·�µlÅ8³F¶�³4×L¹�·�µl¶�¿	àt³F¶�·�µ Ò Ð ¿1À�µn³�áC¿1´�µnÀ�º@¹I¶I¹�µV¼J¶�³HÂ�¹IÂ�¶I¹�¿1º@ì>F�Ú	À�·Jµ@¸Á·�à¾º@»{³F¶�·J½�·�Snì¦³F»'"�! �O¶IÂ¦³,U$�?Ê É<É Ñ � Ò���*¶IÂ¦³,U�ï  5 �

�'$&�'$&� # �
���/. � 2��
]äÏ�å �?³1à¾»V¿1´e"LÕÖ·[½�·�56<�40@ ��@ �L8 =�����; ���	� 7 � @�
 � 0 :�@�� � ·�µ@ºÓ¶�·n¸�»V·¾ÕQ¹�·¾»O¿1Â�µV·¾»@á1³FºV¿1¹I»V·W¹I´!�G»{³F»V¿1À�ÅC·W¶�³F´�à�¼ Ò]yµVµ@ÀÞ½ÄÃ À�´�·�à�¿1¶I¶�³FÂÁ¿1»{³Fº@¹�¿1´±·¾À�»V¿1¸Á¼�·¾´�´�·<ðÛ¹I¶�³Ö¿1¸Á¼¾»V¼Z½�· Ð ¿,áC·¾ÕZÂ�»V·oÑ$#1#�K �ÖØ±³F¹WÑ$#1#<Í Ò ]@Ï�å ·�µ@º!à�¿1ÕN


¸Á¿<µV¼�½ÄÃ À�´ÝÕQ¹I»V¿1¹I»¨½�·P[ É à¾Õ ½�·Z½%¹�³FÕGF¾º@»V·T·¾º7½�·b?}¹I´�µ@º@»@À�ÕÖ·¾´	ºVµN��]@Ï�å
S�B!Øâð�]äÏ�å ã ïHå # ð ]@Ï�åHÏ
� Ï
·¾º$]äÏ�åJ� � Ï � ¹I´�µV¼¾»V¼�µT½�³F´�µZÀ�´ à¾»'"C¿<µ@º{³FºT³ 4�´ Ú8À�·}¶]ÃE·¾´�µV·¾ÕZÂ�¶�·oµV¿1¹Iº�»V· �Æ»V¿1¹�½%¹W·¾´8º@»V·ÇÊ � Ò ]@Ï�å ã ïHå #
���Ó·¾Õ �C· �10 � � !.Ñ$#1#�[ � ·�µ@ºQà�¿1ÕQ¸Á¿<µV¼�·ß½�·4?íµV¿1À�µQ·¾´�µV·¾Õ�Â�¶�·�µ �G½�·¾À%× àt³FÕÖ·¾»{³1µ,ðOÀ�´
µ@¸Á·�à¾º@»V¿1ÕGF¾º@»V·ß·¾ºÀ�´ß¸Á¿1¶�³F»@¹IÕGF¾º@»V· � Ú	À�¹Á¸ª·¾»@ÕÖ·¾º@ºV·¾´	ºJ½�·J�?³F¹I»V·¨½�·¨¶�³Tµ@¸Á·�à¾º@»V¿1ÕÖ¼¾º@»@¹�·HÂ¦³1µVµV·!»V¼�µV¿1¶IÀ�º@¹�¿1´Ì½�³F´�µ.¶�·!½�¿1Õ}³F¹I´�·Ê Ò K 
{ÑtÊ µ Õ � ã ï¨å # 
yÏ � ðW½�·Ç¶�³Ü¸Á¿1¶�³F»@¹IÕÖ¼¾º@»@¹�·ÌÕ�À�¶Iº@¹IÂ¦³F´�½�·Þ·¾ºÖÕ�À�¶Iº@¹�
q¿1À�áC·¾»@º@À�»V·Üµ@À�»Ö¶�·ß½�¿1Õ}³F¹I´�· � 
ÑtÊ É µ Õ � ã ï¨å # 
 ã � Ò ]äÏ�åHÏ
� ÏÖ·¾º�]@Ï�åJ� � ÏÖµV¿1´	ºX½�·�µWµV¸ª·�à¾º@»V¿1ÕGF¾º@»V·�µXà�¿1À�áL»{³F´8ºX»V·�µ@¸Á·�à¾º@¹IáC·¾ÕÖ·¾´8ºX¶�·�µ
½�¿1Õ}³F¹I´�·�µ!½�·hÊ Ò K 
6?eK µ Õ ·¾º3?eK 
{Ñ$#�� µ Õ Ò]äÏ�å
S�B!Ø �6SW·�µd³F»Vµ�� " �10 � �"!HÑ$#1#�[<³ � ·�µVºßÀ�´�· àt³FÕÖ¼¾»{³
à�¿1ÕQ¸Á¿<µV¼�· ½ÄÃ À�´Ô½�¼¾ºV·�à¾ºV·¾À�»Þ½�· � Ê × � Ê¸�¹'×�·¾¶�µHµV·¾´�µ@¹IÂ�¶�·�µH½�³F´�µh¶�·T½�¿1Õ}³F¹I´�·GK 
{Ñ#� µ Õ«·¾ºhÊ Ò K 
 K µ Õ Ò SW·¾º@ºV·�àt³FÕÖ·¾»{³Ì³;À�´�·T»V¼�µV¿1¶IÀ�º@¹�¿1´I[ É �G¿1¹�µ¸�¶IÀ�µ7Å<»{³F´�½�·T·¾º.À�´�·ZµV·¾´�µV¹Iº@¹Iá	¹IºV¼;Ñ É<É �?¿1¹�µ.ÕÖ·¾¹I¶I¶�·¾À�»V·TÚ8À�·�à�·¾¶I¶�·Z½ÄÃ ] 5 BHÏÇ·¾º!³�¸Á·¾»@ÕQ¹�µ!½�·Z½�¼¾ºV·�à¾ºV·¾»!¶�·�µ� ] 5�� µnÈäÀ�µVÚ8À�Ã)�GU 7 Ñ�½�³F´�µ!¶�·�µ¨µ@À�»@áC· "%µJ¶�·�µ7¸�¶IÀ�µ!¸�»V¿,�G¿1´�½�µ¨µ{³F´�µ!ºV·¾´�¹I»¨à�¿1ÕQ¸�ºV·�½ÄÃ À�´�·T³FÕQ¸�¶I¹ 4¦àt³Fº@¹�¿1´
Å<»{³tá	¹Iº{³Fº@¹�¿1´�´�·¾¶I¶�·4�ÆáC¿1¹I» 4�Å<À�»V· Ê Ò ��� Ò
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 ��·�µTà�¿1ÕQ¸�º{³FÅC·�µ�¸ª·¾»@ÕÖ·¾º@ºV·¾´	º�½ÄÃ2³1à�à�¼�½�·¾»Q½�·}Õ}³F´�¹OF¾»V·oµVº{³Fº@¹�µ@º@¹�Ú8À�·4�Ìà�·¾»A

º{³F¹I´�·�µ7¸�»V¿1¸�»@¹�¼¾ºV¼�µ!½�·�µJÅ8³F¶�³4×%¹�·�µtð�à�¿1ÕQÕÖ·�¶�·¾À�»7¼¾áC¿1¶IÀ�º@¹�¿1´±·¾´Ý´�¿1ÕZÂ�»V·<ðª·¾´Ý¶IÀ�ÕQ¹I´�¿<µV¹IºV¼Z¿1ÀÝ¶]ÃE¼¾áC¿1¶IÀ�º@¹�¿1´
½�·Ç¶�·¾À�»Vµ�¸�»V¿1¸�»@¹�¼¾ºV¼�µÖÅ<¶�¿1Â¦³F¶�·�µ Ò ��·Ç¸�»@¹I´�à¾¹I¸Á·ß½�·�µQà�¿1ÕQ¸�º{³FÅC·�µÖ½�·ÇÅ8³F¶�³4×L¹�·�µQà�¿1´�µV¹�µ@ºV· �ÜÚ8À¦³F´	º@¹ 4¦·¾»Q¶�·
´�¿1Õ�Â�»V·Z½�·HÅ8³F¶�³4×%¹�·�µ.·¾´ �?¿1´�à¾º@¹�¿1´Ý½�·¨¶�·¾À�».¶IÀ�ÕQ¹I´�¿<µV¹IºV¼ Ò
]�¶�·¢×%¹�µ@ºV·H½�·¾À%×ßº "L¸ª·�µ.½�·Hà�¿1ÕQ¸�º{³FÅC·�µ VÑ Ò ¶�·�µXà�¿1ÕQ¸�º{³FÅC·�µX¹I´	ºV¼¾Å<»{³FÀ%× V ¿1´Ìà�¿1ÕQ¸�ºV·¨¶�·�µ[Å8³F¶�³4×%¹�·�µJ³g"8³F´8º.À�´�·H½�·¾´�µ@¹IºV¼H½�·���À%×Çµ@À�¸Á¼¾»@¹�·¾À�»V·b�

Sν
½�¿1´�´�¼ Ò ]�¶�µXµV¿1´8º.´�¿1ºV¼�µ Ð ��� Sν � ÒÊ Ò ¶�·�µ*à�¿1ÕQ¸�º{³FÅC·�µW½%¹ ( ¼¾»V·¾´	º@¹�·¾¶�µ V ¿1´}à�¿1ÕQ¸�ºV·.¶�·�µlÅ8³F¶�³4×L¹�·�µlºV·¾¶I¶�·�µlÚ	À�·X¶�³H½�·¾´�µ@¹IºV¼J½�·���À%×ÖµV¿1¹Iºl·¾´8º@»V·

Sν
·¾º Sν � ½ Sν

Ò ]q¶�µXµV¿1´	º.´�¿1ºV¼�µJ½ Ð � Sν � Ò
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+7À�·h¸�»V¼¾áC¿1¹�·¾´8ºJ¶�·�µJà�¿1ÕQ¸�º{³FÅC·�µ - ³F´�µl¶�·.àt³1µl½ÄÃ À�´ÖÀ�´�¹IáC·¾»Vµn·¾À�à¾¶I¹�½%¹�·¾´ V ¿1´}á1³¨´�¼¾Å<¶I¹IÅC·¾»n¶�³Hà�¿1À�»@Â�À�»V·J½�·.¶]ÃE·�µ@¸¦³1à�·<ðC¶]Ã À�´�¹IáC·¾»Vµlá1³ . º@»V·à�¿1´�µ@¹�½�¼¾»V¼¨à�¿1ÕQÕÖ·¨µ@º{³Fº@¹�Ú	À�·¨½�¿1´�à!µd³F´�µn·¢×%¸¦³F´�µ@¹�¿1´ Ò å7´Çá1³�³FÀ�µVµ@¹ªÀ�º@¹I¶I¹�µV·¾»XÚ8À�·¾¶�Ú	À�·�µWìe"L¸ª¿1º@ì>F�µV·�µ[µ@¹IÕN

¸�¶I¹ 4¦àt³Fº@»@¹�à�·�µ[·¾´}à�¿1´�µ@¹�½�¼¾»{³F´	ºWÚ	À�·X¶�·�µnµV¿1À�»Và�·�µ*´�ÃE¼¾áC¿1¶IÀ�·¾´	ºW´�¹Û·¾´Ö´�¿1ÕZÂ�»V·<ð	´�¹¦·¾´}ºV·¾»@ÕÖ·7½�·X¸�»V¿1¸�»@¹�¼¾ºV¼�µtð
·¾ºJµVÀ�»@ºV¿1À�ºJÚ8À�·¨¶]Ã À�´�¹IáC·¾»Vµ7´�ÃE·�µ@º.à�¿1ÕQ¸Á¿<µV¼hÚ	À�·H½�·hµV¿1À�»Và�·�µJ¹�½�·¾´8º@¹�Ú	À�·�µJ½�·H¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼hºV¿1º{³F¶�·b� ·¾º.½�·
¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼7ÕÖ¿1´�¿LàVì�»V¿1Õ}³Fº@¹�Ú	À�·!à�¿1´�µVº{³F´8ºV·N� L =

∫

Lνdν
·¾º Lν = 4πr2×Sν

³�áC·�à Sν
à�¿1´�µ@º{³F´	º � µVÀ�»ºV¿1À�ºW¶�·7½�¿1Õ}³F¹I´�·¨½�·7¶�¿1´�Å<À�·¾À�»X½ÄÃE¿1´�½�· Ò å7´oá1³T³FÀ�µVµ@¹ªà�¿1´�µ@¹�½�¼¾»V·¾»XÚ8À�·J´�¿1º@»V·7½�¼¾ºV·�à¾ºV·¾À�»[´�ÃE·�µ@º[µV·¾´�µ@¹IÂ�¶�·

Ú	À�Ã)�oÀ�´�·�½�·¾´�µ@¹IºV¼Q½�· ��À%×±à�¿1ÕQ¸�»@¹�µV·Q·¾´	º@»V·;Ï
ν
·¾ºhÏ

ν � ½¦Ï ν V ¹I¶�´�·Q½�¼¾ºV·�à¾ºV·¾»{³Ì½�¿1´�àQÚ8À�·T¶�·�µHµV¿1À�»Và�·�µµ@¹Iº@À�¼�·�µH·¾´	º@»V·�»H·¾º!» � ½%»h³táC·�à r =
√

Lν

4πSν

Ò Ï	¹O¿1´ÜµVÀ�¸�¸ª¿<µV·�Ú	À�·T¶�³}½�·¾´�µ@¹IºV¼Q½�·�µHµ{¿1À�»Và�·�µH·�µ@º!½�· No·¾´ Mpc−3 ³F¶�¿1»VµX¶�·!´�¿1Õ�Â�»V·H½�·!µ{¿1À�»Và�·�µX½�¼¾ºV·�à¾ºV¼�·�µX¸¦³F»[´�¿1º@»V·¨¹I´�µ@º@»@À�ÕÖ·¾´8º.µV·¾»{³T½ Ð 7 N0 × ? πr2 ½%» Ò
�O´Þà�¿1ÕZÂ�¹I´¦³F´8º!¶�·�µ.¼�Ú	À¦³Fº@¹�¿1´�µ.¸�»V¼�à�¼�½�·¾´	ºV·�µtð¦¿1´ÌÕÖ¿1´	º@»V·ZÚ	À�· V
Ñ Ò ��·�µ[à�¿1ÕQ¸�º{³FÅC·�µX½%¹ ( ¼¾»V·¾´	º@¹�·¾¶�µX½�·7µV¿1À�»Và�·�µ,ð8¹ Ò · Ò ´�¿1ÕZÂ�»V·¨½�·!µV¿1À�»Và�·�µW¸¦³F»Wµ@ºV·¾»{³1½%¹�³F´ß·¾ºW¸¦³F»nÀ�´�¹IºV¼
½�·Q½�·¾´�µ@¹IºV¼�½�· ��À%× ³�áC·�àQ½�·�µH½�·¾´�µ@¹IºV¼�µH½�· ��À%×Üà�¿1ÕQ¸�»@¹�µV·�µh·¾´8º@»V· Sν

·¾º Sν � ½ Sν
¿1ÂÁ¼¾¹�µVµV·¾´	º
�

¶]ÃE¼�Ú8À¦³Fº@¹�¿1´ V

dN =
1

2
No

(

Lν

4π

)
3

2

S−5/2
ν dSν

�?Ê Ò Ê �
Ê Ò ��·�µOà�¿1ÕQ¸�º{³FÅC·�µO¹I´8ºV¼¾Å<»{³FÀ%×Ö½�·[µV¿1À�»Và�·�µtðF¹ Ò · Ò ´�¿1ÕZÂ�»V·X½�·[µV¿1À�»Và�·�µ�¸¦³F»*µVºV·¾»{³1½%¹�³F´�µ�¸�¶IÀ�µ�Â�»@¹I¶I¶�³F´8ºV·�µ
Ú8À�· Sν

¿1ÂÁ¼¾¹�µVµV·¾´	ºQ��¶]ÃE¼�Ú8À¦³Fº@¹�¿1´ V

N(S ≥ Sν) =
1

3
No

(

Lν

4π

)
3

2

Sν
−3

2
�?Ê Ò ���

ÏL¿1À�áC·¾´	ºX¿1´o·¾ÕQ¸�¶�¿1¹�·!¶�·�µC�G¿1»@Õ�À�¶�·�µWµVÀ�¹Iá1³F´	ºV·�µn¸Á¿1À�»W¶�·�µnà�¿1ÕQ¸�º{³FÅC·�µX½%¹ ( ¼¾»V·¾´8º@¹�·¾¶�µX·¾ºn¹I´8ºV¼¾Å<»{³FÀ%×o¿ '
α
7 � 3 Ê V

dN

dSν
∝ S−α−1

ν
�?Ê Ò ? �

N(S ≥ Sν) ∝ S−α
ν

�?Ê Ò K �
B�¸�¶IÀ�µ�Å<»{³F´�½T»V·�½�µ@ì�¹��GºtðF¶�³!à�¿<µ@ÕÖ¿1¶�¿1Å<¹�·X½�· � »@¹�·�½%Õ}³F´!
 ��·¾Õ}³���º@»V·J½�¿1¹Iº . º@»V·WÀ�º@¹I¶I¹�µV¼�·W¸Á¿1À�»�ºV·¾´�¹I»Oà�¿1ÕQ¸�ºV·
½�·H¶�³�à�¿1À�»@Â�À�»V·�·¾ºJ½�·¨¶]ÃE·¢×%¸¦³F´�µ@¹�¿1´ Ò ]�¶�·�µ@º7³FÀ�µVµ@¹Ä´�¼�à�·�µ{µ{³F¹I»V·h½ÄÃ À�º@¹I¶I¹�µV·¾»J½�·�µJµ@¸ª·�à¾º@»V·�µJ½�·hµV¿1À�»Và�·�µX¸�¶IÀ�µ
»V¼t³F¶I¹�µ@ºV·�µ h º@»V¿1¹�µ.· ( ·¾ºVµXáC¿1´8º¨³F¶�¿1»Vµ.µV·Hà�¿1ÕZÂ�¹I´�·¾»!¸Á¿1À�»J³ ( ·�à¾ºV·¾»��?¿1»@ºV·¾ÕÖ·¾´8º7¶�·�µ.à�¿1ÕQ¸�º{³FÅC·�µ Ò

�Ó·[»V·�½�µ@ì�¹��Æº*½�·�µO¿1Â%È@·¾ºVµO½�¼�àt³F¶�·[¶�·�µO½%¹�µ@º@»@¹IÂ�À�º@¹�¿1´�µnµ@¸ª·�à¾º@»{³F¶�·�µO½ÄÃE¼¾´�·¾»@Å<¹�·.áC·¾»Vµ�¶�·n»V¿1À�ÅC·<ð8à�·WÚ	À�¹%¸ª·¾À�º
·¾´	º@»{³���´�·¾»nÀ�´�·[á<³F»@¹�³Fº@¹�¿1´;½�·[¶�³¨¶IÀ�ÕQ¹I´�¿<µV¹IºV¼7³F¸�¸¦³F»V·¾´8ºV·7½�·X¶�³¨µV¿1À�»Và�·.µV¹�¶�·.µ@¸Á·�à¾º@»V·.½�·[¶]ÃE¿1Â%Èä·¾ºl¸�»V¼�µV·¾´8ºV·
½�·��?¿1»@ºV·�µXá<³F»@¹�³Fº@¹�¿1´�µJ·¾´4�?¿1´�à¾º@¹�¿1´Ý½�·H¶�³T¶�¿1´�Å<À�·¾À�»!½ÄÃE¿1´�½�· Ò å7´Ì¸¦³F»@¶�·Z³F¶�¿1»Vµ.½�·���� ; :L@6@ � ; 0 9;:�< Ò

5 ·¾Å8³F»V½�·¾»X½�·�µW¿1Â%È@·¾ºVµ���Å<»{³F´�½;»V·�½�µVì�¹��ÆºW»V·¾á	¹�·¾´	º3��¿1Â�µ{·¾»@áC·¾»[½�·�µ[¿1Â%È@·¾ºVµW¸�¶IÀ�µÓÈ@·¾À�´�·�µ Ò å7»[¶�·�µn¸�»V¿,

¸�»@¹�¼¾ºV¼�µ�µ@¸Á·�à¾º@»{³F¶�·�µë½�·�µ�¿1Â%È@·¾ºVµÓ¸Á·¾À�áC·¾´8ºO³�áC¿1¹I»O¼¾áC¿1¶IÀ�¼W·¾´b�?¿1´�à¾º@¹�¿1´�½�·*¶�·¾À�»��FÅC· Ò SW·�µ�· ( ·¾ºVµë½ÄÃE¼¾áC¿1¶IÀ�º@¹�¿1´
¸Á·¾À�áC·¾´8º . º@»V·¨¹IÕQ¸ª¿1»@º{³F´	ºVµ7µ@À�»@ºV¿1À�ºJ�TÅ<»{³F´�½ß»V·�½�µ@ì�¹��Gº Ò å7´Ì¸¦³F»@¶�·Z³F¶�¿1»Vµ.½�· � � ; :L@6@ � ; 0 9;:�< Òã ¿1À�»!À�´Ý¿1Â%Èä·¾ºtð¦¶�³Q½�·¾´�µ@¹IºV¼�½�· ��À%×Ì·�µ@ºJ½�¿1´�´�¼�·h¸¦³F»7¶�³$�?¿1»@ÕZÀ�¶�· Ê Ò [Ö¿ ' ðTUZ·�µVº.¶�·h»V·�½�µ@ì�¹��GºJ½�·H¶�³
µV¿1À�»Và�·<ð ν ¶�³$�G»V¼�Ú8À�·¾´�à�·�½�·H»V¼�à�·¾¸�º@¹�¿1´±½�·h¶�³QµV¿1À�»Và�·<ð ν ′ ¶�³$�Æ»V¼�Ú	À�·¾´�à�·h½ÄÃE¼¾ÕQ¹�µVµV¹�¿1´Þ·¾º DL

¶�³Ö½%¹�µ@º{³F´�à�·
¶IÀ�ÕQ¹I´�·¾À�µV· Ò

Sν =
(1 + z)Lν′(z)

4πD2
L

�?Ê Ò [ �
Ï	¹ë¿1´Ìà�¿1´�µ@¹�½TF¾»V·ZÚ	À�· Lν

á1³F»@¹�·H·¾´*�G¿1´�à¾º@¹�¿1´Ý½�· λ ð�³F¶�¿1»Vµ V
Sν =

(1 + z)

4πD2
L

Lν′(0)

Lν(0)

Lν′(z)

Lν′(0)
Lν(0)

�?Ê Ò � �
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5 ·¾Å<¹�¿1´ Ð ³FÕÖ· ³F»V·t³ Ë Fmin
ðFmax Î³F»Và¾ÕQ¹I´ 2 ÕGY�"

B¨Ê � # É / ¶Iº@»{³ 
  ·�·¾¸±Ï	À�»@áC· " [ Ò Í}³F»Và¾ÕQ¹I´ 2 Ë É Ò É�� ð É Ò Ê Îï  � 
 Ð ¿1»@º@ì / ¶Iº@»{³ 
  ·�·¾¸±Ï	À�»@áC· " Ê�� Ò ?;³F»Và¾ÕQ¹I´ 2 Ë É Ò Ñ<ð É Ò �4ÎØÜ³F»{³F´�¿ 4¦·¾¶�½ / ¶Iº@»{³ 
  ·�·¾¸±Ï	À�»@áC· " ? #Q³F»Và¾ÕQ¹I´ 2 Ë É Ò Ñ<ðIÑ Ò É4Î��¿Là �LÕ}³F´Ýï!¿1¶�·  ·�·¾¸±Ï	À�»@áC· " ?8Í,?o³F»Và¾ÕQ¹I´ 2 Ë É Ò ?�ðIÑ Ò K Î��¿Là �LÕ}³F´Ýï!¿1¶�· Ï	ì¦³F¶I¶�¿ � Ï	À�»@áC· " É Ò ?eKÖ½�·¾Å 2 ËIÑ Ò Ê%ð)K Î� � BM]@Ï�4¦·¾¶�½�µ , ·¾»'"ßÏ	ì¦³F¶I¶�¿ � Ï	À�»@áC· " ÑtÊ�½�·¾Å 2 Ë2Ê%ð)K É4Î
�����\� Ê Ò Ê$	 ã »V¼�µV·¾´8º{³Fº@¹�¿1´Ü½�·�µ.½%¹ ( ¼¾»V·¾´8ºVµ7àVì¦³FÕQ¸�µ!¿1Â�µV·¾»@áC¼�µX¸¦³F»Q]@Ï�å
S�B7Ø Ò

Kν(z) =
Lν′(0)

Lν(0)
�?Ê Ò Í �

Eν(z) =
Lν′(z)

Lν′(0)
�?Ê Ò # �

�Ó·ÇºV·¾»@ÕÖ·£Ê Ò ÍÞ»V·¾¸�»V¼�µV·¾´	ºV·ß¶�·oºV·¾»@ÕÖ·ß½�· ��� ;[:�@6@ � ; 0 9;:�< Ò ��·oºV·¾»@ÕÖ·�Ê Ò #±»V·¾¸�»V¼�µV·¾´8ºV·Ç¶�·ÇºV·¾»@ÕÖ·ß½�· � �
;[:�@6@ � ; 0 9;:�<�³1µVµV¿Là¾¹�¼ �±¶]ÃE¼¾áC¿1¶IÀ�º@¹�¿1´ ½�·�µQ¿1Â%Èä·¾ºVµ;³�áC·�àÇ¶�·Ç»V·�½�µ@ì�¹��Gº Ò å7´�¸ª·¾À�ºQÕÖ¿1´	º@»V·¾»}Ú	À�·o½�³F´�µÖÀ�´�·
à�¿<µVÕÖ¿1¶�¿1Å<¹�·.½�· � »@¹�·�½%Õ}³F´!
 ��·¾Õ}³���º@»V·!·¾ºO¸ª¿1À�»�À�´�·[¶�¿1´�Å<À�·¾À�»*½ÄÃE¿1´�½�·X½�¿1´�´�¼�·<ð<¶�·�µOà�¿1ÕQ¸�º{³FÅC·�µO¸Á·¾À�áC·¾´8º
µ{·}ÕÖ·¾º@º@»V·ÇµV¿1À�µT¶�³*�G¿1»@ÕÖ·o½ÄÃ À�´�·o¶�¿1¹W½�·o¸�À�¹�µVµ{³F´�à�·o½�³F´�µTÀ�´�½�¿1Õ}³F¹I´�·;¶I¹IÕQ¹IºV¼Ç½�· ��À%×â½�³F´�µT¶�·Çàt³1µ
·¾À�à¾¶I¹�½%¹�·¾´±¿1ÀÌ»V·¾¶�³Fº@¹IáL¹�µ@ºV· V

dN

dS
= α

No

So

(

S

So

)−α−1 �?Ê Ò Ñ É��

N(S ≥ So) = No

(

S

So

)−α �?Ê Ò Ñ<Ñ �
å7´Þà�¿1ÕQ¸¦³F»V·ZµV¿1À�áC·¾´	º.¶�·�µ.à�¿1ÕQ¸�º{³FÅC·�µ.»V¼�·¾¶�µ!³FÀÌàt³1µJ·¾À�à¾¶I¹�½%¹�·¾´Ý·¾´Ýº@»{³1ît³F´8º V

dN

dS
= α

No

So

(

S

So

)−α−1

× S5/2
ν

�?Ê Ò ÑtÊ �

N(S ≥ So) = No

(

S

So

)−α

× S3/2
ν

�?Ê Ò Ñ ���

� 
	
 +�
 	������ � 2 � � 0�����# �
µ

 ]äÏ�å
S�B!Ø«³¨»V¼t³F¶I¹�µV¼7¸�¶IÀ�µ@¹�·¾À�»Vµn»V·¾¶�·¾áC¼�µl¸�¶IÀ�µn¿1À}ÕÖ¿1¹I´�µn¸�»V¿,�G¿1´�½�µtð

½�¿1´	ºH¶�·�µ!¸�¶IÀ�µ7¸�»V¿,�?¿1´�½�µh³Fº@ºV·¾¹IÅ<´�·¾´8º É Ò ÑTÕGY�" �ÝÑgK µ Õ áC¿1¹I»V·�À�´Ü¸Á·¾ÀÞ¸�¶IÀ�µ¨½�³F´�µHà�·¾»@º{³F¹I´�·�µ¨»V¼¾Å<¹�¿1´�µ
à�·¾´	º@»V¼�·�µnµVÀ�»*½�·�µn³FÕ}³1µ*½�·XÅ8³F¶�³4×%¹�·�µ*·¾´ÖÀ�º@¹I¶I¹�µd³F´8ºl¶]ÃE· ( ·¾ºl½�·[¶�·¾´	º@¹I¶I¶�·.Å<»{³�áL¹Iº{³Fº@¹�¿1´�´�·¾¶I¶�·N�GØÞ·¾ºVàt³F¶��?· �10 � � !
Ê É<É���� Ò �Ó³�º{³FÂ�¶�· Ê Ò Ê�¸�»V¼�µ{·¾´8ºV·h¶�·�µJ½%¹ ( ¼¾»V·¾´	ºVµ.»V·¾¶�·¾áC¼�µJ·¢×%º@»{³FÅ8³F¶�³1à¾º@¹�Ú	À�·�µ.»V¼t³F¶I¹�µV¼�µ!³�áC·�à:]@Ï�å
S�B7Ø Ò

��·�µO»V¼�µ@À�¶Iº{³FºVµn½�·�µOà�¿1ÕQ¸�º{³FÅC·�µlµ@À�»OºV¿1À�µO¶�·�µlàVì¦³FÕQ¸�µ*¸�»V¼�µ{·¾´8ºV¼�µl½�³F´�µ*¶�·[º{³FÂ�¶�·t³FÀ Ê Ò ÊHµV¿1´8ºO¸�»V¼�µ{·¾´!

ºV¼�µ[½�³F´�µW¶�³�4�Å<À�»V·¨Ê Ò � Ò Ï	¹Û¶�·�µWÅ8³F¶�³4×%¹�·�µ[½�·J¶]Ã À�´�¹IáC·¾»Vµ[¶�¿1¹I´	º{³F¹I´ÌµV·Jà�¿1ÕQ¸Á¿1»@º{³F¹�·¾´8º.à�¿1ÕQÕÖ·¨¶�·�µnÅ8³F¶�³4×L¹�·�µ¶�¿Làt³F¶�·�µ �Q�Ì¶�³ �?¿1¹�µZ·¾´ ºV·¾»@ÕÖ·;½�·;½�·¾´�µ@¹IºV¼<ð�½�·}¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼o·¾º�½�·Ö¸�»V¿1¸�»@¹�¼¾ºV¼�µ � ðO³F¶�¿1»Vµ�¶�·�µ�à�¿1ÕQ¸�º{³FÅC·�µ½�·¾áL»{³F¹�·¾´8º!µV·Hµ@¹Iº@À�·¾».½�³F´�µX¶�³$Ut¿1´�·hì¦³1àVì8À�»V¼�· Ò ��·�µXÕÖ¿L½TF¾¶�·�µX»V·¾¸Á¿<µ{³F´8º7µ@À�».à�·¾º@ºV·Hìe"L¸Á¿1º@ì>F�µV·hµV¿1´	ºJ³F¸!

¸Á·¾¶�¼�µXÕÖ¿L½TF¾¶�·�µJµ{³F´�µJ¼¾áC¿1¶IÀ�º@¹�¿1´ Ò
å7´T¸Á·¾À�ºë»V·¾Õ}³F»VÚ	À�·¾»OÚ8À�·l¶�·l´�¿1Õ�Â�»V·W½�·WµV¿1À�»Và�·�µO³�áC·�àWÀ�´ ��À%×P�ZÑgK µ Õ µ@À�¸Á¼¾»@¹�·¾À�»1�7ÊJÕGY�"ZµV¿1´	º�à�¿1ÕN

¸¦³Fº@¹IÂ�¶�·�µO³táC·�àn¶�·�µëÕÖ¿L½TF¾¶�·�µ�µd³F´�µë¼¾áC¿1¶IÀ�º@¹�¿1´ Ò ã ³F»�à�¿1´	º@»V·W¶�·l´�¿1Õ�Â�»V·W½�·nµV¿1À�»Và�·�µ�¸�¶IÀ�µ`�?³F¹IÂ�¶�·�µ�µtÃE¼�àt³F»@ºV·¾´8º
¶�³F»@ÅC·¾ÕÖ·¾´	º!½�·Hà�·�µ.ÕÖ¿	½TF¾¶�·�µ7·¾º.½�¼¾ÕÖ¿1´8º@»V·¾´8º¨Ú	À�Ã ¹I¶ "Ç³TÀ�´�·
�G¿1»@ºV·H¼¾áC¿1¶IÀ�º@¹�¿1´±½�·hà�·�µXÅ8³F¶�³4×%¹�·�µ Ò
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������� Ê Ò � 	@SW¿1ÕQ¸�º{³FÅC·�µZ½%¹ ( ¼¾»V·¾´	º@¹�·¾¶�µb�ÝÑgK µ Õ �ÆÂ¦³F»@»V·�µH½ÄÃE·¾»@»V·¾À�»b�4[<Í H � Ò ��·�µHà�¿1ÕQ¸�º{³FÅC·�µH¿1´8ºh¼¾ºV¼´�¿1»@Õ}³F¶I¹�µV¼�µG�ÌÀ�´�·;½%¹�µVº@»@¹IÂ�À�º@¹�¿1´
·¾À�à¾¶I¹�½%¹�·¾´�´�·o½�·oµV¿1À�»Và�·�µ�µ{³F´�µT¼¾áC¿1¶IÀ�º@¹�¿1´�ð�Ú8À�¹[µ@À�¹IáL»{³F¹Iº�À�´�·;¶�¿1¹W½�·
¸�À�¹�µVµd³F´�à�·Z·¾´ α = −2.5

Ò SW·¾º@ºV· 4�Å<À�»V·Z·�µ@ºJÀ�´�·Z·¢×%ºV·¾´�µ@¹�¿1´Ý½�·H¶�³ � ¹IÅ Ò Ê}½�·:�O¶IÂ¦³,U�·¾º!³F¶��äÑ$#1#1# � ¸Á¿1À�»¶�·�µH»V·¾¶�·¾áC¼�µP] � # �nÏ ��]äÏ�å
S�B!Ø � ³F»{³F´8ºV·�·�½ # ¹IÕÖ· ��×%º@»{³FÅ8³F¶�³1à¾º@¹�àÇÏ	À�»@áC· "%µtðÄà�·¾»Và¾¶�·�µh¸�¶�·¾¹I´�µZ·¾ºhá	¹�½�·�µ
¸Á¿1À�».¶�·�µ.µV¿1À�»Và�·�µ.¹I´!�G¼¾»@¹�·¾À�»V·�µ7·¾º.µ@À�¸ª¼¾»@¹�·¾À�»V·�µJ�ÇÑHÕGY�"o»V·�µ@¸Á·�à¾º@¹IáC·¾ÕÖ·¾´8ºtðÛáC¿1¹I»XºV·¢×LºV· � ·¾ºJ¹I´�à¾¶IÀ¦³F´8ºJ¶�·�µï7À�Â�Â�¶�·  ·�·¾¸ � ¹�·¾¶�½�µ Ð ¿1»V½Ì·¾º¨Ï	À�½Ü³F¹I´�µ@¹ëÚ	À�·H¶]Ã2³FÕ}³1µ��}³FÕQ¸�¶I¹�àt³Fº@¹�¿1´ÜÅ<»{³�áL¹Iº{³Fº@¹�¿1´�´�·¾¶I¶�·NBJÂÁ·¾¶I¶�Ê � # É Ò]yà¾¹]ð8´�¿1À�µX³táC¿1´�µ[³4È@¿1À�ºV¼!¶�·J»V·¾¶�·¾áC¼J� � BJ]@Ïe
yÏªÑN� � »@À�¸�¸�¹�¿1´�¹ �10 � �"!�Ê É<É�� ðªð	à�·¾»Và¾¶�·�µWÅ<»{³1µ � ·¾ºW¶�³h´�¿1À�áC·¾¶I¶�·³F´¦³F¶ "%µV·}½�·�µZ»V·¾¶�·¾áC¼�µP] � # �nÏí½%ÀI��¿Là �LÕ}³F´âï!¿1¶�·  ·�·¾¸^� � ³1½�½�³ �10 � � !�Ê É<É ?�ðnðÓàt³F»@»V¼�µ�Å<»{³1µ � ·¾º�½%À��¿Là �LÕ}³F´Üï7¿1¶�·�Ï	ì¦³F¶I¶�¿ � � 5 ¿L½%¹IÅ<ì�¹�·¾»V¿}·¾º!³F¶�Ê É<É ?�ð¦¼¾ºV¿1¹I¶�·�µ � �Q¸¦³F»@º@¹I»!½�·h¶�³��qºV·�à{ì�´�¹�Ú8À�·T½�·b�ë³F»@¹�� Ò �Ó³
Ut¿1´�·Tì¦³1àVì	À�»V¼�·Q»V·¾¸�»V¼�µV·¾´	ºV·�¶�·�½�¿1Õ}³F¹I´�·�¸�»V¼�½%¹Iº¨¸¦³F»¨¶�·�µ!ÕÖ¿	½TF¾¶�·�µtðÁµ@¹�¿1´ µ@À�¸�¸Á¿<µV·T³FÀ�à¾À�´�·�¼¾áC¿1¶IÀ�º@¹�¿1´
·¾´W�?¿1´�à¾º@¹�¿1´Ü½%ÀÜ½�¼�àt³F¶�³FÅC·Qµ@¸Á·�à¾º@»{³F¶ �Ö¸¦³F»@º@¹I»H½�·T¶�³ �?¿1´�à¾º@¹�¿1´ ½�·T¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼T¶�¿	àt³F¶�· ��� � � � �ÞÑtÊ µ Õ� � ³F´�Å �10 � �"!ÄÑ$#1#<Í � ·¾ºX½%ÀÝÏ-�  ½�·!Ø K%Ñ!¸ª¿1À�»W¶�³Tà�¿1»@»V·�à¾º@¹�¿1´*� �G·¾ºWÀ�´�·!¹I´�à�·¾»@º@¹Iº@À�½�·h½�·HÊ É H � Ò SW·¾º@ºV·� � � ³�¼¾ºV¼H»V¼�à�·¾ÕQÕÖ·¾´8º¨à�¿1´ 4�»@ÕÖ¼�·h¸¦³F»!ï Ò B7À�µVµV·¾¶�µVÀ�»XÀ�´Ý¼�àVì¦³F´	º@¹I¶I¶�¿1´±¸�¶IÀ�µ.¶�³F»@ÅC·Z½�·HÅ8³F¶�³4×%¹�·�µ3] 5 BHÏ
�Æ¸¦³F¸�¹�·¾»!·¾´ß¸�»V·¾¸¦³F»{³Fº@¹�¿1´ � ð2³1µ@º@»V¿,
]¸�ì 3 É K É���� Í1# Ò
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 	������ � � ��2��/��� ��� � # � 

µ

 ��·�µ�à�¿1ÕQ¸�º{³FÅC·�µG�íÑ#� É µ Õ »V·yÈ@·¾º@ºV·¾´8ºÖ³FÀ�µVµV¹l¶�·�µ�ÕÖ¿	½TF¾¶�·�µ

µd³F´�µ.¼¾áC¿1¶IÀ�º@¹�¿1´Þ·¾´Ì½�·¾´�µ@¹IºV¼Z¿1ÀÝ·¾´ß¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼ � ã À�ÅC·¾º � 0 � �"!�Ñ$#1#1#%ð  ¿1¶�· �10 � �"!¦Ê É<É Ñ � Ò

� ��
�+�� ��� 
 ���*����� �
	���	������������ 
 � � 
 � ��� +�	�� ��2��
��·�µXµ@À�¹IáL¹�µnµ@¸Á·�à¾º@»V¿<µVà�¿1¸�¹�Ú	À�·�µX½�³F´�µW¶�·!ï  ��Ð ���H5 � � � ��� � � �	� 9 � � 8�
 :�@ 0
� ð-BJÀ�µVµ{·¾¶ �10 � � !�ðªÑ$#1#1# � ðï  � ÏX���H5 � � � ��� � � ��� 9 � � 8 =
:L5 0
� ð � »{³F´�à�·�µVà{ì�¹I´�¹ �10 � �"!�ð¦Ê É<É�� ð¦·¾º.¶�·�Ø±³F»{³F´�¿ 4¦·¾¶�½I�GØÜ³F»{³F´�¿ � 0 � � !
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MIR : SPITZER FIR : IRAS RADIO : VLANIR : WIRC
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�Gï¨³1µ@¹I´�ÅC·¾» �10 � � !�Ê É<É Ñ<ð � ³1½�½�³ �10 � � !�Ê É<É Ê � Ò ]�¶ª·�µVº[³1½%ÕQ¹�µXÚ	À�·J¶�·�µ[µV¿1À�»Và�·�µ.³táC·�à LX ≥ 1043 erg s−1

µV¿1´	º7½�¿1ÕQ¹I´�¼�·�µ!¸¦³F»7½�·�µMB � Ð ·¾ºJ¶�·�µ7µV¿1À�»Và�·�µ¨³�áC·�à LX ≤ 1039 erg s−1 ¸¦³F»!½�·�µ7µ@º@»{³FÂ�À�»Vµ@ºVµ Ò �O´8º@»V·
¶�·�µ.½�·¾À%×Äð�¶�·�µ.½�·¾À%×ÇÕÖ¼�àt³F´�¹�µ@ÕÖ·�µ7¸ª·¾À�áC·¾´	ºJà�¿1ì¦³FÂ�¹IºV·¾» Ò



�'$&% � � � � �"��� ��� � � � 
 ��� �1��
����"������	���
������ ����� ) ����� �*� 
 ����� � ) � ��� � ��%

� ³1½�½�³ß·¾ºZ³F¶]ðÄÊ É<É ÑÖ³Ç·�µ@º@¹IÕÖ¼�¶�³oà�¿1´8º@»@¹IÂ�À�º@¹�¿1´â½�·�µbB � Ð ³FÀ �?¿1´�½Ü½%¹ �ªÀ�µH¹I´!�G»{³F»V¿1À�ÅC·G�ÜÑgK µ Õ«·¾ºZ³
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¼¾ÕQ¹�µVµ@¹�¿1´ ¿1¸�º@¹�Ú	À�·�µQ¸Á·¾»@ÕÖ·¾º@ºV·¾´8ºo½�·
à¾¶�³1µ{µ@¹ 4¦·¾»l¶�·�µW½%¹ �Á¼¾»V·¾´	ºVµlº "	¸Á·�µl½ÄÃ2³1à¾º@¹IáL¹IºV¼!½�·�µ*Å8³F¶�³4×%¹�·�µJ�]å!µ@ºV·¾»@Â�»V¿Là �ÁðªÑ � Í � � Ò SW·¾¸Á·¾´�½�³F´8ºW¶�·�µl»{³F¹�·�µn·¾´¼¾ÕQ¹�µ{µ@¹�¿1´ÞµV¿1´	ºJº@»LF�µ7µV·¾´�µ@¹IÂ�¶�·�µM�Ö¶]ÃE·¢×Lº@¹I´�à¾º@¹�¿1´�ðªà�·hÚ	À�¹�»V·¾´�½Ì¶]Ã À�º@¹I¶I¹�µd³Fº@¹�¿1´±½�·ZºV·¾¶�µJ½%¹�³FÅ<´�¿<µ@º@¹�à�µ7À�´Ý¸Á·¾À
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¶]Ã ¹I´!�G»{³F»V¿1À�ÅC·7ÕÖ¿g"C·¾´ Ò ]q¶�µnµV¿1´8ºnÂ¦³1µV¼�µlµVÀ�»l¶�·��]³F¹IºlÚ	À�·.¶�·�µ�B � Ð µnÕÖ¿1´8º@»V·¾´	º[À�´G�?¿1»@ºlà�¿1´8º@¹I´	ÀÇ½�·�µn¸Á·¾º@¹IºVµ
Å<»{³F¹I´�µH³F¶�¿1»Vµ!Ú8À�·Z¶�·�µ ã B!ï7µ!µV¿1´8º!º@»LF�µQ�?³F¹IÂ�¶�·�µ7áC¿1¹I»V·Z¹I´�·¢×%¹�µ@º{³F´	ºVµ Ò �Ó·�µ7µ@º{³F»@Â�À�»VµVºVµ7·¾´!�?¿1À�¹�µJÕÖ¿1´	º@»V·¾´8º
¶�·Tà�¿1ÕQ¸Á¿1»@ºV·¾ÕÖ·¾´8ºhà�¿1´8º@»{³F¹I»V· Ò �O´Üà�¿1´�µV¼�Ú	À�·¾´�à�·<ðª¶]ÃE¼¾º@À�½�·�½�·�µ!»{³F¸�¸Á¿1»@ºVµ!½�·ZÂ¦³F´�½�·�½ÄÃ ]äÏ�å
S�B!Ø � � Ê
�<K 
�Í Ò K µ Õ � ð � � � �äÑtÊ 
{ÑtÍ µ Õ � ·¾º � � ?d�iK Ò K 
 [ Ò K µ Õ ¸ª·¾»@ÕÖ·¾ºO½�·[à¾»V¼�·¾»*½�·�µO½%¹�³FÅ<´�¿<µ@º@¹�à�µ*µ@À�»�¶�³!µV¿1À�»Và�·
½ÄÃE¼¾´�·¾»@Å<¹�·h»V·�µ@¸ª¿1´�µd³FÂ�¶�·!½�·!¶]ÃE¼¾ÕQ¹�µVµV¹�¿1´o¹I´!�G»{³F»V¿1À�ÅC· Ò ���Ó³FÀ�»V·¾´	º �10 � �"!�ð%Ê É<É<É�� ÒT Ã2³FÀ�º@»V·�µX¼¾º@À�½�·�µX¿1´	º.¼¾ºV¼�]³F¹IºV·�µQµ@À�»T¶�·�µT»{³F¹�·�µQ·¾´ ¼¾ÕQ¹�µVµV¹�¿1´�ð�·¾´ À�º@¹I¶I¹�µ{³F´	ºQ¶�·�µT»{³F¸�¸ª¿1»@ºVµßË Ð · , Î 3 Ë Ð ·D] ] Î ðWËMåJ] , Î 3 Ë Ð ·D]L] Î ðë¿1À�½�·�µ»{³F¸�¸Á¿1»@ºVµ ã B!ï$�6� Ò � µ Õ � 3 à�¿1´	º@¹I´8À �6� µ Õ � � � ·¾´TUt·¾¶ �10 � �"!�Ñ ��� Í � Ò
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¶�·Ìº "L¸ª·ß½�·ßÕÖ¼�àt³F´�¹�µVÕÖ·Ý½�¿1ÕQ¹I´¦³F´8º Ò Ï	¹.¶�·�µÖ¿1Â%È@·¾ºVµÖ½�¿1´8º LIR ≤ 1011 L�
µV¿1´8ºÖ¸�¶IÀ�º �1ºo³1µVµV¿Là¾¹�¼�µd�

½�·�µ¨Å8³F¶�³4×%¹�·�µ:� �Û³FÕZÂÁ¼�·Q½�·P�G¿1»@Õ}³Fº@¹�¿1´íµ@ºV·¾¶I¶�³F¹I»V·<ðÁ¶�·�µ¨Å8³F¶�³4×%¹�·�µH½�¿1´8º LIR ≥ � 1012 L�
µV¿1´	ºH¸�¶IÀ�º �1º

³1µ{µV¿	à¾¹�¼�·�µM��½�·�µQB � Ð µ:� � ·¾´TUt·¾¶ �10 � �"!�Ñ ��� Í � Ò
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��·}à{ì¦³F¸�¹Iº@»V·d]L]!³ÇÕÖ¿1´8º@»V¼;Ú8À�·Q¶�·�µhÅ8³F¶�³4×L¹�·�µ�½�·Qº "L¸ª·d� ]�� � µZ·¾º��M� ]�� � µH´�ÃE¼¾º{³F¹�·¾´	ºZ¸¦³1µZ»V·¾¸�»V¼ 

µ{·¾´8º{³Fº@¹IáC·�µ¨½�·H¶]Ã À�´�¹IáC·¾»Vµ7¶�¿	àt³F¶ h ¸¦³F»!à�¿1´8º@»V·<ðÛ¶�·�µJà�¿1ÕQ¸�º{³FÅC·�µ!½�·HÅ8³F¶�³4×%¹�·�µJ�Q½%¹IáC·¾»VµJ¶�¿1´�Å<À�·¾À�»Vµ¨½ÄÃE¿1´�½�·
¹I´!�G»{³F»V¿1À�ÅC·J¿1´	º*ÕÖ¿1´8º@»V¼7Ú8À�ÃE·¾¶I¶�·�µl¼¾º{³F¹�·¾´8ºlº@»LF�µl´�¿1ÕZÂ�»V·¾À�µV·�µ��¨¸�¶IÀ�µOÅ<»{³F´�½Q»V·�½�µVì�¹��Æºl·¾ºl»V·¾¸�»V¼�µV·¾´8º{³Fº@¹IáC·�µ
½ÄÃ À�´ÝÀ�´�¹IáC·¾»Vµ.¸�¶IÀ�µ�È@·¾À�´�·�µ Ò

Ï	¹¦¶�³HÕ}³4È@·¾À�»V·7¸¦³F»@º@¹�·J½�·�µnÅ8³F¶�³4×L¹�·�µn¶IÀ�ÕQ¹I´�·¾À�µV·�µW·¾´}¹I´!�G»{³F»V¿1À�ÅC·7µV¿1´	º[³1µ{µV¿	à¾¹�¼�·�µ��h½�·J¶�³��?¿1»@Õ}³Fº@¹�¿1´
µVºV·¾¶I¶�³F¹I»V·<ð8³F¶�¿1»VµO¶�·��?¿1´�½Q½%¹ �ªÀ�µ�¹I´!�G»{³F»V¿1À�ÅC·X»V·¾´�µV·¾¹IÅ<´�·.µVÀ�»O¶]Ã ì�¹�µ@ºV¿1¹I»V·.½�·[¶�³M�?¿1»@Õ}³Fº@¹�¿1´Ö½ÄÃE¼¾ºV¿1¹I¶�·�µl·¾´!�?¿1À�¹�·
Ú	À�¹�³T·¾Àß¶I¹�·¾Àß³FÀÌà�¿1À�»VµX½�·!¶]Ã ì�¹�µ@ºV¿1¹I»V·H½�·!¶]Ã À�´�¹IáC·¾»Vµ Ò å7»W¶�·M�?¿1´�½Ç½%¹ �ªÀ�µ[¹I´!�G»{³F»V¿1À�ÅC·H·¾º.¿1¸�º@¹�Ú8À�· 
]¸�»V¿LàVì�·
¹I´!�G»{³F»V¿1À�ÅC·ÌµV¿1´	ºÖ¸�»V·�µVÚ	À�Ã2³FÀ�µVµ@¹X¹I´	ºV·¾´�µV·�µ Ò B ÑgK µ ÕÌð1]@Ï�å
S�B!Ø ³±»V¼�µV¿1¶IÀ À�´�·Ç¶�³F»@ÅC·ß¸¦³F»@ºÖ½%À �G¿1´�½
½%¹ �ÁÀ�µH¹I´!�G»{³F»V¿1À�ÅC·Ö·¾´ Å8³F¶�³4×%¹�·�µh¹I´�½%¹IáL¹�½%À�·¾¶I¶�·�µZ½�·�º "L¸Á· � ]�� � µH·¾º��M� ]�� � µHÚ	À�¹*µV¿1´8ºh½�¿1ÕQ¹I´�¼�·�µZ¸¦³F»
½�·h¶�³P�G¿1»@Õ}³Fº@¹�¿1´±½ÄÃE¼¾ºV¿1¹I¶�·�µ Ò

# ¿1À�µXà�·�µn¸ª¿1¹I´	ºVµn´�¿1À�µX³FÕGF¾´�·¾´	ºQ�H¸Á·¾´�µV·¾»WÚ	À�·.¶�·�µ�� ]�� � µW·¾ºn¶�·�µ��M� ]�� � µW·¢×%à�·¾¸�º@¹�¿1´�´�·¾¶I¶�·�µX½�³F´�µ
¶]Ã À�´�¹IáC·¾»Vµ7¶�¿Làt³F¶]ð�´�·Zµ{¿1´8º7Ú	À�·H¶�·�µJ»V·�µ@ºV·�µJ½ÄÃ À�´�·T¼¾¸ª¿LÚ	À�·h¿1ÀÝà�·�µJ¿1Â%È@·¾ºVµ!½�¿1ÕQ¹I´¦³F¹�·¾´8º!¶�³Q¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼�·¾º
¿1´	ºOÈ@¿1À�¼HÀ�´ß» �1¶�·H¹IÕQ¸Á¿1»@º{³F´8º7½�³F´�µJ¶�³P�G¿1»@Õ}³Fº@¹�¿1´Þ·¾º.¶]ÃE¼¾áC¿1¶IÀ�º@¹�¿1´Þ½�·�µXÅ8³F¶�³4×%¹�·�µ Ò

Ï	¹.¶�·�µ��J� ]�� � µÖµV¿1´8º;½�·�µ}¿1Â%È@·¾ºVµÖ·¢×Lº@» �¾ÕÖ·�µ,ð*¶�·�µG� ]�� � µ}µ{¿1´8ºÖ¸�¶IÀ�µ}´�¿1ÕZÂ�»V·¾À�µV·�µo·¾º}½�¿1ÕQ¹I´�·¾´8º
¶�³Ì¶IÀ�ÕQ¹I´�¿<µ@¹IºV¼Ö¹I´!�G»{³F»V¿1À�ÅC·<ð�à<ÃE·�µ@ºZ¸Á¿1À�»VÚ8À�¿1¹n¶]ÃE¼¾º@À�½�·}½�·;à�·�µZ¿1Â%È@·¾ºVµZ·�µ@º�º@»LF�µh¹IÕQ¸Á¿1»@º{³F´8ºV·4�ß¶]ÃE¼�àVì�·¾¶I¶�·
à�¿<µVÕÖ¿1¶�¿1Å<¹�Ú8À�· Ò

! À�·¾¶8·�µ@ºÄ¶�·*½�·¾áC·¾´�¹I»Ó½�·*ºV·¾¶I¶�·�µÄÅ8³F¶�³4×L¹�·�µ#"WÏ	¹C·¾¶I¶�·�µÓµV¿1´8ºë³FÂ�µ{·¾´8ºV·�µÓ½�·*¶]Ã À�´�¹IáC·¾»Vµ�¶�¿Làt³F¶]ð�Ú8À�·*½�·¾áL¹�·¾´�´�·¾´8ºA

·¾¶I¶�·�µ¨½�·PU%$TÑ$�dU%$ É "N��·�à{ì¦³F¸�¹Iº@»V·$].³}ÕÖ¿1´8º@»V¼�Ú	À�·Z¶�·�¸�¶�³F´@�G¿1´�½�³FÕÖ·¾´	º{³F¶*½�·�µ7Å8³F¶�³4×%¹�·�µ¨·¾¶I¶I¹I¸�º@¹�Ú8À�·�µ
¸Á¿1À�á<³F¹Iº&�¾º@»V·¨¹I´8ºV·¾»@¸�»V¼¾ºV¼hà�¿1ÕQÕÖ·HÀ�´�·J�?¿1»@Õ}³Fº@¹�¿1´Ìµ@ºV·¾¶I¶�³F¹I»V·H¹I´	ºV·¾´�µV·HÚ	À�¹Ó³Z¶�³F¹�µ{µV¼!À�´�·¨Å8³F¶�³4×L¹�·¨¸¦³1µVµV¹IáC·
·¾º7¸¦³FÀ�á	»V·�·¾´ÝÅ8³,UT·¾º.¸ª¿1À�µ{µ@¹OF¾»V· Ò �*µVº7à�·hÚ	À�·Zà�·¾º@ºV·Z¸�ì¦³1µV·Z½�·��?¿1»@Õ}³Fº@¹�¿1´±¹I´8ºV·¾´�µV·�½ÄÃE¼¾ºV¿1¹I¶�·�µ!¿1Â�µ{·¾»@áC¼�·
�ÖÅ<»{³F´�½Ý»V·�½�µVì�¹��Æº!à�¿1»@»V·�µ@¸ª¿1´�½ ��¶�³ �G¿1»@Õ}³Fº@¹�¿1´Ü½�·�µ7·¾¶I¶I¹I¸�º@¹�Ú	À�·�µ'"$��·TàVì¦³F¸�¹Iº@»V·$].³}³FÀ�µ{µ@¹�ÕÖ¿1´8º@»V¼�Ú	À�·
¶�·�µ!µ@¸�¹I»{³F¶�·�µ¨½�·�µ7Å8³F¶�³4×L¹�·�µ!¸Á¿1À�á1³F¹�·¾´	º(�¾º@»V·�¸�»V¿táC¿LÚ8À�¼�·�µ!¸¦³F»¨½�·�µJ¹I´	ºV·¾»{³1à¾º@¹�¿1´�µ¨ÕQ¹I´�·¾À�»V·�µ Ò �*µ@º!à�·�Ú	À�·
à�·�µ.Å8³F¶�³4×L¹�·�µ7à�¿1»@»V·�µ@¸ª¿1´�½�·¾´	ºJ��à�·¾º@ºV·H¸�ì¦³1µ{·)"

��·�µ.Å8³F¶�³4×%¹�·�µX¶IÀ�ÕQ¹I´�·¾À�µV·�µ7·¾´ß¹I´!�Æ»{³F»V¿1À�ÅC·hµ{¿1´8º7³FÀ1È@¿1À�»V½ÄÃ ì8À�¹�¶�³Q¸�¹�·¾»@»V·H½�·*�J¿<µV·¾º@ºV·H½�·¨¶]ÃE¼¾áC¿1¶IÀ�º@¹�¿1´
½�·�µ.Å8³F¶�³4×L¹�·�µ h ¹I¶�»V·�µ@ºV·:�T¶�³Q½�¼�à{ì�¹ �ª»V·¾» ÒIÒIÒ
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�*µ@º}à�·ÌÚ	À�·ß¶�·�µQÅ8³F¶�³4×%¹�·�µd� ]�� � µ;·¾º��M� ]�� � µÖ½�¼¾ºV·�à¾ºV¼�·�µ}¸¦³F»d]@Ï�å�·¾ºoÏ	¸�¹Iº'Ut·¾»;¿1´	º}¶�·�µQÕ �¾ÕÖ·�µ

¸�»V¿1¸�»@¹�¼¾ºV¼�µ!Ú	À�·H¶�·�µQ� ]�� � µFE �J� ]�� � µX¶�¿	àt³F¶�·�µ7½�¼¾ºV·�à¾ºV¼�·�µJ¸¦³F»M]��MB¨Ï ":��·hÂ�À�ºJ½�·Zà�·¾º@ºV·h¸¦³F»@º@¹�·Z·�µVº.½�·
»V¼¾¸Á¿1´�½%»V·h·¾´Ì¸¦³F»@º@¹�·P�Qà�·¾º@ºV·HÚ8À�·�µVº@¹�¿1´Ý½�³F´�µ.¶�·H½�¿1Õ}³F¹I´�·�½�·¨¶]Ã ¹I´!�Æ»{³F»V¿1À�ÅC·ZÕÖ¿g"C·¾´ Òã ¿1À�»VÚ	À�¿1¹ë¼¾º@À�½%¹�·¾»!à�·H½�¿1Õ}³F¹I´�·Z½�·¨¶�¿1´�Å<À�·¾À�»Vµ!½ÄÃE¿1´�½�·)"
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¸Á·¾º@¹IºVµ�Å<»{³F¹I´�µQ·�µ@º�»V·¾¶�³Fº@¹IáC·¾ÕÖ·¾´8º �]³F¹IÂ�¶�·Çàt³F»Q¸ª·¾À ½�·o¸¦³F»@º@¹�à¾À�¶�·�µÖµV¿1´	ºÖàVì¦³FÀ��Ä¼�·�µQµ@ºV¿	à{ì¦³1µ@º@¹�Ú	À�·¾ÕÖ·¾´8º Ò
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Abstract. We present ISOCAM 15 µm and MIPS 24 µm photometry of a sample of 16 distant Luminous Infrared Galaxies
(LIRGs) characterized by a median luminosity LIR ∼ 2 × 1011 L� and redshift z = 0.7 (distributed from z = 0.1 to 1.2).
While some sources display 24/15 µm flux ratios also consistent with a featureless continuum dominating their mid-infrared
(MIR) spectral energy distributions (SEDs), the presence of prominent emission features such as the Polycyclic Aromatic
Hydrocarbons is clearly required to explain the observed colors for more than half of the sample. As a result, a general good
agreement is observed between the data and predictions from the local starburst-dominated SEDs that have been used so far
to constrain IR galaxy evolution. This is consistent with the star-forming nature of LIRGs derived from previous works, even
though our approach cannot rule out the dominance of an AGN in some cases. Our study also supports the possibility of tracing
the total IR luminosity of distant galaxies (up to z ∼ 1) from their MIR emission.

Key words. galaxies: evolution – infrared: galaxies – galaxies: starburst

1. Introduction

The excess of faint sources in the deep extragalactic surveys
performed in the MIR to sub-millimeter with their associated
redshift distributions when available, together with the shape
and intensity of the cosmic IR background (CIRB, Puget et al.
1996), which measures the extragalactic IR light radiated above
3 µm and is at least equal to the UV to near-IR extragalactic
background light (Gispert et al. 2000; Hauser & Dwek 2001),
suggest that a large fraction of the UV radiation of young stars
was reprocessed by dust in the mid to far IR range over the
Hubble time. The cosmic star formation history – the star for-
mation rate (SFR) per unit comoving volume as a function
of redshift – would be dominated by intense star formation
phases, during which the bulk of the UV light is reprocessed
by dust in the IR with a rapid decline of the SFR density
since z ∼ 1 and a flat or possibly slow increase from z ∼ 5
to 1 (Chary & Elbaz 2001; Lagache et al. 2004, and references
therein). These models called “backward evolution models” be-
cause they evolve the local luminosity function in the MIR as a

? Based on observations collected with the Spitzer Space Telescope
(which is operated by the Jet Propulsion Laboratory, California
Institute of Technology under NASA contract 1407) and on obser-
vations with ISO (an ESA project with instruments funded by ESA
Member States (especially the PI countries: France, Germany, The
Netherlands and the UK) with the participation of ISAS and NASA).

function of redshift, assume that the shapes of distant SEDs in
the MIR remain similar to the ones observed in local galaxies
and are directly related to the total IR luminosity.

The goal of the present study is to check the validity of
this assumption up to z ∼ 1 by combining data from ISOCAM
(Cesarsky et al. 1996a), the MIR camera onboard the Infrared
Space Observatory (ISO, Kessler et al. 1996), and MIPS, the
Multiband Imaging Photometer for Spitzer (Rieke et al. 2004)
onboard the Spitzer Space Telescope (Werner et al. 2004).
Studying the MIR shape of distant galaxies is particularly rel-
evant since direct FIR observations are rapidly confusion lim-
ited and strongly affected by moderate sensitivity limits. On the
other side of the peak of the IR SED, sub-millimeter observa-
tions are presently limited to the detection of ultra-luminous
IR galaxies (ULIRGs) above z ∼ 2 (Chapman et al. 2003). In
the near future, before the launch of Herschel and the advent
of ALMA, the best constraints on the evolution of luminous
IR galaxies (LIRGs), i.e. galaxies with LIR ≥ 1011 L�, as a
function of redshift and on their role in the global evolution of
galaxies will exclusively come from the MIR. Around z = 0.7,
LIRGs are too faint to be measured through direct spectroscopy
in the MIR with the infrared spectrograph (IRS, Houck et al.
2004a) onboard Spitzer. The only remaining technique to con-
train the MIR shape of distant LIRGs is therefore to com-
bine MIR measurements for LIRGs located at different red-
shifts, hence spanning a larger range of rest-frame wavelengths.
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In the present study, a redshift range of z = 0.1–1.2 allowed us
to study the 5 to 25 µm rest-frame part of the MIR SEDs. In
this wavelength range (see Genzel & Cesarsky 2000), the SED
is dominated by the combination of broad emission lines, gen-
erally interpreted as due to polycyclic aromatic hydrocarbons
(PAHs), and of the continuum emission of stochastically heated
“very small grains” of dust transiently heated to temperatures
of the order of 200 K. The thermal emission of “big grains” of
dust heated to ∼40 K also contributes partly to the MIR emis-
sion but peaks in the FIR (between 80 and 100 µm typically)
and contains the bulk of the luminosity radiated by galaxies
above 3 µm. Finally, hot dust emission due to dust heated by an
active galaxy nucleus (AGN) can also contribute to and some-
times even dominate the MIR spectrum of a galaxy. Before de-
riving the IR luminosity for a galaxy that will be used to com-
pute its SFR, one must start by making sure that its MIR SED
is not polluted by the AGN emission. The presence of PAHs
as well as a rapid decline of the continuum emission below
5 µm strongly suggests a star formation origin for the emis-
sion (Genzel & Cesarsky 2000, and references therein). Local
LIRGs are rarely affected by an AGN, contrary to ULIRGs
above 1012.3 L�. Using a combination of template SEDs and
deep X-ray surveys with XMM-Newton and Chandra, Fadda
et al. (2002) derived an upper limit to the contribution of an
AGN to the MIR light radiated by ISOCAM selected LIRGs
up to z ∼ 1 of 20%.

The MIR emission of local star forming galaxies – at 6.75,
12 and 15 µm – was proven to correlate, with some scatter, with
the total IR one, i.e. from 8 to 1000 µm, which is largely domi-
nated by the FIR component (Chary & Elbaz 2001; Elbaz et al.
2002). However, the validity of these correlations in the more
distant universe has not yet been established. Galaxies were
less metal rich in the past. Their shape and compacity evolving
with time might also affect their SEDs. Local galaxies SEDs do
present some variations in the MIR as a function of metallicity.
The metal-deficient (Z = Z�/41) blue compact dwarf galaxy
SBS 0335-052, for example, is bright in the MIR range but still
does not show any sign of the presence of the PAH features
which the authors interpret as an effect of the destruction of
their carriers by the very high UV energy density (Thuan et al.
1999; Houck et al. 2004b).

Throughout this paper, we will assume H0 =

70 km s−1 Mpc−1, Ωmatter = 0.3 and ΩΛ = 0.7.

2. Sample selection and data reduction

A 30′ × 30′ field was imaged by ISOCAM at 15 µm
in the Marano FIRBACK region centered on (3h13m10s,
−55◦03′39′′), about two thirds of which is covered by a larger
MIPS-24 µm image of 1.4◦ × 0.7◦ with a 80% completeness
limit of 170 µJy. The central part of this field (7′ × 7′, UDSF
for “ultra-deep survey firback”) was covered down to an 80%
completeness limit of 140 µJy at 15 µm with ISOCAM, a depth
similar to the MIPS one (see Fig. 1). The ISOCAM-15 µm
UDSF belongs to the ISOCAM Guaranteed Time Extragalactic
Surveys (IGTES, Elbaz et al. 1999). Six overlapping mosaics
were performed in the micro-scanning mode of ISOCAM for
a total of 2.7 h of integration per sky pixel and leading to a

ISOCAM − 15 microns MIPS − 24 microns

Fig. 1. Left: ISOCAM 15 µm image of the Marano FIRBACK field
(central part of the ultra-deep survey, 7′ × 7′) down to an 80% com-
pleteness limit of 140 µJy. Black X represent the positions of the com-
mon sources with MIPS plotted in Fig. 2. Right: MIPS 24 µm image of
the same field down to an 80% completeness limit of 170 µJy. White
X represent the position of ISOCAM sources.

final projected map with 2′′ pixels. The data were reduced us-
ing PRETI (Starck et al. 1996) and the transient correction as
well as the assessment of the completeness limit were com-
puted by Monte Carlo simulations with fake sources of known
flux densities in the real images.

The 24 µm observations were performed during the MIPS
commissioning phase (IOC/SV) in November 2003. The scan
map AOT was used, with an half-array overlap to cover
about 1300 Sq. Arcmin with high redundancy (20) and to get
an integration time per sky pixel of about 230 s (Papovich
et al. 2004). The data were reduced using the Spitzer Science
Center Pipeline and the BCD products (Basic Calibrated
Data, Pipeline version S10.0.3) were downloaded from the
Spitzer archive1. PSF-fitting photometry was performed using
DAOPHOT (Stetson 1987) with IRAF2.

For the present study, we used a sample of 16 galaxies
detected with both ISOCAM and MIPS at 15 and 24 µm
respectively and identified with crosses in Fig. 1. This set
of galaxies was extracted from a larger sample of ISOCAM
selected galaxies for which medium resolution (R = 1200)
VLT-FORS2 spectra were obtained (Liang et al. 2004) in the
“Marano FIRBACK” field. Oxygen abundances were obtained
for half of them with values of 12+ log(O/H) ranging from 8.4
to 9. With a median stellar mass of 5 × 1010 M� and red-
shift of z ∼ 0.7, they are among the most massive galaxies in
this redshift range but exhibit metallicities about twice smaller
than their nearby counterparts suggesting that they will produce
about half of their metals from z = 1 to 0 (Liang et al. 2004).
Finally, it must be noted that even though no direct FIR mea-
surement exists for this sample of galaxies at present, there is
indirect evidence that the MIR-FIR correlations remain valid
up to z ∼ 1. Indeed, MIR and radio measurements provide con-
sistent predictions for the FIR luminosity of distant galaxies up
to z ∼ 1 (Elbaz et al. 2002; Appleton et al. 2004).

1 http://archive.spitzer.caltech.edu, PID: 718.
2 IRAF is distributed by the National Optical Astronomy

Observatories, which are operated by the Association of Universities
for Research in Astronomy, Inc., under the cooperative agreement
with the National Science Foundation.
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3. Discussion

Figure 2 presents the 15 and 24 µm luminosities of the
16 galaxies detected with ISOCAM and MIPS in the UDSF fit-
ted by a library of template SEDs from Chary & Elbaz (2001).
This library of 100 template SEDs, from log(LIR/L�) = 8.5
to 13.5, was generated between 0.1 and 1000 µm to repro-
duce the trend observed for local galaxies between MIR and
FIR luminosities. The MIR (4−20 µm) part was produced by
interpolating between the ISOCAM CVF spectra of four pro-
totypical galaxies (Arp 220, NGC 6090, M 82 and M 51),
hence all SEDs contain PAH features. Because the 6.75, 12
and 15 µm luminosities of a local galaxy correlate with its to-
tal IR luminosity, LIR, it is possible to use a single MIR mea-
surement to derive LIR, and therefore a SFR, for nearby galax-
ies. In “backward evolution models”, such as Chary & Elbaz
(2001), the 15 µm luminosity function is evolved as a func-
tion of redshift to reproduce the observe galaxy counts and the
CIRB, assuming that a template SED is uniquely determined
by a given 15 µm luminosity. To fill the gaps between the ob-
served 6.75, 12 and 15 µm correlations, the templates interpo-
lated for all total IR luminosities were used. We used the same
technique to derive L15

IR from L15 (measured with ISOCAM),
L24

IR from L24 (measured with MIPS) and L15−24
IR from the com-

bination of L15 and L24. First, the 100 template SEDs were red-
shifted at the redshift of a given galaxy among the 16 and a
flux density was determined at 15 µm using the filter response
of ISOCAM. Second, the SED which 15 µm flux density was
the closest to the observed one was selected and normalized to
reach the observed 15 µm flux density. The total IR luminosity
of this galaxy is L15

IR. Using the same strategy, we computed L24
IR.

Lastly, we selected the SED which minimized the χ2 of the ob-
served 15 and 24 µm flux densities with their associated error
bars and derived a third luminosity, L15−24

IR . The MIR luminosi-
ties in the rest-frame of the galaxies (crosses proportional to the
filter width and error bar on the flux density) are compared to
the SEDs used to compute L15−24

IR in Fig. 2 and their associated
MIR luminosities (filled circles).

The values of LIR derived by the three techniques are equal
with a 1-σ dispersion of only 20%, which confirms the ro-
bustness of this technique. Hence on average, the combination
of both instruments will affect the predicted LIR values with
a 20% dispersion only with respect to the use of only one of the
two instruments. Hence the global shape of the template SEDs
is such that it can be used to predict with this accuracy the other
MIR value, suggesting that the SEDs did not vary very much
since z ∼ 1. In the “starburst” regime, i.e. below LIR = 1011 L�,
the template SEDs do not provide a good fit to the galaxy “#1”
(z = 0.4656, log[LIR/L�] = 10.7), which behaves very similarly
to NGC 7714 (Brandl et al. 2004) as shown in dashed line in
Fig. 2. The dispersion observed even among local galaxies, for
example in the MIR-FIR correlations already suggested that an
ideal library of template SEDs would have to include a varia-
tion of shapes for each LIR bin.

The bold SED in the middle of Fig. 2 presents a strong evi-
dence for the presence of the 7.7 µm PAH feature, band or com-
plex. The rest-frame 9 µm luminosity of this 1011.1 L� galaxy
(z ∼ 0.7) is 1.8 times larger than the 14 µm one, which is nat-

Fig. 2. All SEDs sorted (from top to bottom) by decreasing redshift.
The SEDs are shifted by an arbitrary offset in νLν for visibility; wave-
lengths are rest-frame. ISOCAM 15 µm and MIPS 24 µm luminosities
are reported with the filter bandwidth and the 1-σ uncertainty. The la-
bel indicates the logarithm of the IR luminosity as well as the redshift
and ID of each source, e.g. ID #4 is the galaxy UDSF04 in Liang et al.
(2004). The filled circles are the luminosities that would be measured
in both filters for the plotted SED from the library of template SEDs
of Chary & Elbaz (2001). Bold dashed line on gal.#31: SED of the
AGN NGC 1068 normalized to best fit the measured 15 and 24 µm lu-
minosities of the galaxy. Dashed line on gal.#1: SED of NGC 7714
(Brandl et al. 2004).

ural when PAHs are present but rules out a hot dust contin-
uum emission as the one locally observed in individual HII re-
gions (such as M 17, Cesarsky et al. 1996b), dwarf galaxies
(Thuan et al. 1999) or even Compton-thick Seyfert 2’s (such as
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Fig. 3. The observed colors νLν(15)/νLν(24) derived from our sample
(open circles and vertical error bars, with numbers refering to IDs from
Fig. 2), compared with the predictions for different object types such
as the Seyfert 2 prototype NGC 1068, two enshrouded IR-luminous
systems with deep silicate absorption (Arp 220 and NGC 4418), M 82
(log(LIR/L�) = 10.6) and three template SEDs from Chary & Elbaz
(2001, plain lines; the lowest line corresponds to log(LIR/L�) = 12.4).

NGC 1068, bold dashed line in Fig. 2; Le Floc’h et al. 2001).
The SEDs were sorted as a function of increasing redshift in
Fig. 2 in order to illustrate the effect of the k-correction which
acts as a low resolution spectrograph by shifting the broadband
ISOCAM and MIPS filters to lower wavelengths with increas-
ing redshift. The good quality of the fit was obtained without
allowing the luminosity of the template SEDs to vary which il-
lustrates the very good agreement with observations at 5–25 µm
rest-frame.

The templates from Chary & Elbaz (2001) are therefore
consistent with the observed 24/15 µm colors of distant sources
considered as a whole. However it is worth mentioning that
they do not provide a unique solution for every galaxy of the
sample, since some of them can also be fitted by a feature-less
continuum (e.g., ID #25 in Fig. 2). This issue is explored with
more details in Fig. 3 (similar to Fig. 1 of Charmandaris et al.
2004) where we compare the colors derived from our sources
with what would be observed as a function of redshift for dif-
ferent object types such as the Seyfert 2 prototype NGC 1068,
two enshrouded IR-luminous systems with deep silicate ab-
sorption (Arp 220: Elbaz et al. 2002; NGC 4418: Spoon et al.
2001), M 82 and three template SEDs (as in Fig. 2). The
comparison shows that galaxies with νLν(15)/νLν(24) ≤ 0.8
can indeed be explained by power-law spectra with no sig-
nificant contribution from PAHs. This fitting degeneracy re-
sults in an additional uncertainty in the extrapolation to the
total IR luminosity (typically a factor of 2), and it also indi-
cates that our approach is not sufficient in itself to discrem-
inate between starbursts and AGNs. Nonetheless, a non neg-
ligible fraction of sources at z ∼ 0.2–0.8 (∼40–50%) exhibit
νLν(15)/νLν(24) colors larger than ∼1. The latter can not be re-
produced by SEDs without strong emission features redshited
in the ISOCAM band and boosting the flux at 15 µm. As pre-
dicted by the starburst-dominated templates, these colors are
therefore the telltale signature for the presence of PAHs in the
distant Universe.

4. Conclusion

We have shown that by combining ISO and Spitzer in the pho-
tometric mode, it was possible to constrain the MIR SED of
distant galaxies too faint to be subject to direct spectroscopy
in the MIR. Deep images with both instruments and at similar
depths (140 and 170 µJy at 15 and 24 µm) do detect the same
objects which illustrates the robustness of both instruments.
The combination of 15 and 24 µm flux densities measured
with ISOCAM and MIPS was used to constrain the rest-frame
5–25 µm part of the SED of a sample of 16 LIRGs with z ∼
0.1–1.2, taking advantage of the k-correction. Similar studies
with larger statistics will become feasible soon by combining
MIPS 24 µm with IRS 16 µm peak-up imaging. Even though
some sources were found to be either consistent with a starburst
or an AGN-dominated SED, a significant fraction of our sam-
ple shows clear evidence for the presence of the broad bump
associated to the 7.7 µm PAH feature in emission and for the
silicate feature in absorption centered at 9.7 µm. Local template
SEDs fitting the correlations between MIR and FIR luminosi-
ties provide an overall good fit to the distant LIRGs support-
ing the possibility to use them in models fitting galaxy counts
and deriving a cosmic star formation history using a “backward
evolution” of the MIR luminosity function.
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O VW R S FT UNX PY Y Y R NX PY Y Y R ZX[ ZX[ ZX [ ZX[ S FT U :9 6\ F 6] :9 6 \ F6]N V R N P R N^ R N Q R NW R N_ R N` R Na R N V Y R N V V R N V P R N V ^ R N V Q R N VW R N V _ RQ V V ab&c P ^ ^ a PW ` _ Pc P PW Y V ` W Vc P Q Q P_ d =egf =h Vb ib j j j V Yc ` W V Yc a ` V Yc ` ` V Vc Y W V Vc V ^ V Yc ` `Q P V ab&c Vb Q V a ^ ^ _ Pc V a Y ^ ` a Y Yc b QY Pb W d Cekf Ce ^ W Q i` j Q`c QY V Vc a V V Vc _ Q V Vc ` V V Vc a ` V Pc Y Q V Vc b Y V Vc _ `Q^ V ab&c V W ^ ^ _ _ V _ Pc P Y ^ ` ^b P Yc a Qa P Y P d? ekf? e ^ `b iW j j j V Vc W a V Vc _ W V Vc `b V Vc _ P V Vc W a V Vc ^ WQ Q V ab&c P Y W b b ^ ` _ Pc P P V ^ a _ Y Vc P ^ a V Y V d Ce�f Ce ^ i` j j j V Yc Y P V Yc Y ` V Yc V ^ V Vc b a V Vc a ` V Vc W WQW V ab&c P _ V Q P a a _ Pc P ^ ^ ab Q^ Vc P Q_ V Q Q d Begf Be ^ ^ Q ia j ^ Yc ^b V Vc b V V Pc V V V Pc Vb V Pc Pa V Pc ^ ^ V Pc Y Q V Vc ` `Q_ V ab&c V W a ^ ` V Y _ Pc V a a PY Vb Vc Y V ` P V P d? ?kf? ? Pb V iW j j j V Vc _ ` V Vc ` Q V Vc ab V Vc b ` V Vc a W V Vc W aQ` V ab&c P` W a ` ab _ Pc P PW a ` PY Yc ` W P a _ d l Df Be V ^ a i` j j j V Vc Y W V Vc Y a V Vc V _ V Yc b V V Yc b Q V Yc ` VQa V ab&c V W b W _ V P _ Pc Vb ` W QY ^ Yc a Q V P V P d? ?gf? ? P ^ Y i^ j j j V Vc ^ Q V Vc QY V Vc W Q V Vc _ Q V Vc W b V Vc ^ `Qb V ab&c V ` V W ^b ^ _ Pc P ^b Pa a ^ Yc W V a ` _ d l =f =m W Y i_ j j j V Yc Q P V Yc Pb V Yc PW V Yc ^ a V Yc W _ V Yc Q QW Y V ab&c V ` Qa Y Q` _ Pc P Y V W a ` ` Yc Q^ P W P dh Cfe m a ^ iW j j j V Yc QY V Yc ^ V V Yc PW V Yc Y a V Yc P P V Yc YbW V V ab&c V a P Pa VW _ Pc P ^ PW QY V Yc P Y V W Y dh h�fe m V Q i_ j j j ac a W ac a V ac ` ^ b&c ^ Y b c Pa b&c ^ YW P V ab&c P PW ^ a ` _ _ Pc P ^ V a _ a ` Yc a W Y Q` dh =fe m ^b iW j j j V Yc Q P V Yc W _ V Yc W W V Yc _ ^ V Yc `b V Yc QaW ^ V ab&c PW a Q^ a V _ Pc P P^ VW P P Yc QYb a ^ d lnf =m Q_ i` j j j V Yc V Q V Yc Y Y b&c b P` V Yc P P V Yc QY V Yc P`W Q V ab&c V _ ` b ^ a P _ Pc P PW ^b W P Yc Qa ^ ^ _ d = =f =? V ^ W i_ j j j V Yc W b V Yc _ Y V Yc W a V Yc Y V V Yc V _ V Yc Y YW W V ab&c V ` Y _ _b _ _ Pc P Pa P` VW Vc Y V _ P Q d =egf = B V _ i_ j j j V Yc P^ V Yc Q^ V Yc P` V Yc Q Q V Yc _ Q V Yc ^ VW _ V ab&c V `b b b P` _ Pc Vb _ ` W Y _ Vc Y Y ` Qa d? lf =e V V ^ iW j j j V Vc PY V Vc P a V Vc ^ W V Yc b _ V Vc Y ^ V Yc _bW ` V ab&c Vb P P V W Y _ Pc P V ^ Y Y W V Yc b Y V ^ V d = =f = C V V ia j j j V Yc Y W V Yc P Y V Yc V Y V Yc Q^ V Yc _ P V Yc ^ VW a V ab&c P a ^ ` P Vb _ Pc P V ^ Y a V Q Yc _ W Q ab d lmgf Be VW i` j j j V Yc Y P b&c b W b c b V V Yc ` ^ V Yc a ^ V Yc _ Q
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687:9%9<;>=@?BA
C3DFE G
HJILKNM(KNMPOFQSRNT UVHVWNTYXZMPT\[]UVHV^_[]HV^_[]`aMbK_MbcZW]Xedb^fHVTYW
[gKhQi`aHjW
TYO MkUlKN^_[]UmO MaUmnN^LOi^fofT MaU ENEap
C3D\q rsW
dgdtM][]Hu`kHJILKvT MfX8wxMkHjHjMPy
RL^fUVM(KNMtczWfXedb^fH{TiW
[(UVHjMfOYOY^]T\XZM:|�D}D}D}D}DlD}DlD}D}D~ENEf�

�N� �_�S� �����'�a���F�x�L���������8�!�����������!�����������������������!���������������������!�����k���
�N� �_� � �S��� �k�L�b�f���F�x�L�S���'��� �k ¡�k�����!�����������������������!���������������������!�����k���
�N� �_� ¢ �����:�� ¡�k�'�a�S£a¤_�_�F����¥¦���u�����§�����������������������!���������������������!�������k¨
�N� �_� © �S�_�k�L�(ª{£L�L���8�L���¦«f¬f­B®_¯��¦���L��°
£a°_�_�F�x­B�S£a¬N�:��­B�J�����k�S¥B���§�����������������!�������_�

C3D\± ²mI]M]OYO M�d¡`aHJRLW3K_M(ILHVT\OYT UVMfX
|³D}D}D}D}DlD}DlD}D}D}D}D}DlD}DlD}D}D}D}D}DlD}DlD}D}D~E]q_±
�N� ¢N�S� �8 ¡�k�'£a�g�¦«]¬a­B®_¯��¦���L��°v£k°_�_�F�x­B�S£a¬g�e­¦���S�F����¥B�µ´l���!���������������������!�������k¢
�N� ¢N� � �z¬N�L�Fª{���:�_�m¶h�Fªj·t£k�Pª{£a¬a­B�S¬]�g�k��£k¤N�k��´¸�����������!���������������������!�������k¢

¹�ºf»½¼
¾{¿À¼Áºf¼N¾tÂ
Ãh¿b¼hÄ]ÃhÅÆºxÇ_Ä]¼hÅÆÈxÄ]ÉËÊÁºfÌ{ÍgÎÏ¿xÅ}Ê�Ì{Ä]Ê�ÌV»ÏÍÀ¾{ÍxÅ¡Ð�¿(Î�ÑiÍÀÇ_Ä]Î½Ã�¾V»ÏÄ]¼<Ð�¿tÎ�ÑiÍÀÉË»ÏÅ{Å{»ÏÄ]¼�Ð�¿xÅÒÊÓÄ]ÃhÅjÔ
Å{»ÏÕÀÌ{¿xÅÒÐhºf¼hÅlÎÏ¿gÐ�Ä]É�ºf»½¼h¿(ÌJº]Ð3»ÏÄfÔ�»½¼3ÖZÌJºfÌ{Ä]Ã�×_¿LØÙÈx¿À¾V¾{¿(ÊÁºfÌV¾V»Ï¿bÇLºÛÚÀ¾VÌ{¿gÐ�ÍxÐ3»ÏÍx¿ËÜËÎ�ÑiÍÀ¾VÃhÐ�¿PÐ�¿bÎÝºÛÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼
Å{¾{¿ÀÎ½ÎÝºf»½Ì{¿ÞÐ�¿ÛÈx¿xÅ(×NºfÎÝºaß3»Ï¿xÅ(¿À¾PÜàÎÝºàáµºfÉ(âãÍx¿äÐ�¿ËÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼åÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿ÞÌ{¿xÅVÊÓÄ]¼hÅJºfâ�ÎÏ¿�Ð�¿ÛÎ�ÑiÍÀÉË»ÏÅ{ÅV»ÏÄ]¼%Ð�¿xÅ
ÊÓÄ]ÃhÅ{ÅV»ÏÕÀÌ{¿xÅkæ

çs¿xÅÆçsè¦émêÆÅÒ¿À¾lëÒçsèBémêÆÅlÅJÄ]¼N¾l¿�ß�Èx¿ÀÊ�¾V»ÏÄ]¼�¼h¿ÀÎ½ÎÏ¿xÅ¡¿À¼�¾{¿ÀÌVÉÛ¿(Ð�¿bÎ½Ã�ÉË»½¼hÄLÅV»½¾{Íg»½¼3Ö@ÌJºfÌ{Ä]Ã�×_¿LØµÉ�ºf»ÏÅl¿ÀÎ½ÎÏ¿xÅ
Ê�Ì{ÍxÅJ¿À¼N¾{¿À¼N¾ÛÐ�¿xÅPÈxÄ]Ã�ÎÏ¿ÀÃ�Ì{ÅPÄ]Ê�¾V»ÏÂ
Ãh¿xÅgÅ{»½ÉË»½ÎÝºf»½Ì{¿xÅÛºfÃ3ßåºfÃ�¾VÌ{¿xÅP×NºfÎÝºaßv»Ï¿xÅ�æ�ì:¾VÃhÐ3»Ï¿ÀÌPÎ�Ñ í�»ÏÅV¾{Ä]»½Ì{¿àÐ�¿ÞÎÝºîÖzÄ]ÌjÔ
É�ºf¾V»ÏÄ]¼ïÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅÒÐhºf¼hÅmÎÏ¿xÅm×NºfÎÝºaß3»Ï¿xÅ}¿xÅ{¾mÃ�¼ðÊ�Ì{ÄfñV¿À¾�Ö�ºfÌJºfÉË»½¼h¿ÀÃ3ßÓæãò}ÃhÅJÅV»ÓÖzºfÌJºfÉË»½¼h¿ÀÃ3ßðÂ
Ãh¿¡Î�ÑiÍÀ¾VÃhÐ�¿(Ð�¿
Å{»½¾{¿xÅÞºfÌ{È{íhÍxÄ]ÎÏÄ]×L»ÏÂ
Ãh¿xÅäÉ�ºañj¿ÀÃ�Ì{Åkæ�ç8ÑYºfÊ�Ê�Ì{ÄvÈ{íh¿�¿xÅV¾Þº]Å{ÅJ¿ÀóðÅV»½ÉË»½ÎÝºf»½Ì{¿õôuÈxÄ]ÉËÉÛ¿À¼N¾àÈxÄ]¼�¼ÁºaöÏ¾VÌ{¿ðÎ�Ñ í�»ÏÅ{¾{Ä]»½Ì{¿
ÐÙÑ Ã�¼h¿�×NºfÎÝºaßv»Ï¿ÞÜä¾VÌJºxÇ_¿ÀÌ{ÅgÈx¿ÛÂNÃsÑ »½Îu¿À¼<Ì{¿xÅV¾{¿>÷àø!Ä]ÉËÉÛ¿À¼N¾(Ð�ÍxÐ3Ã�»½Ì{¿ÞÈx¿ÛÂ
ÃsÑ »½Î�Å�Ñi¿xÅV¾¡ÊÁº]Å{ÅJÍÛÜà¾VÌJºxÇ_¿ÀÌ{Å(Èx¿
Â
Ã�»Ó¿�ßv»ÏÅV¾{¿l¿À¼hÈxÄ]Ì{¿>÷tøÒÑi¿xÅV¾�Ü¡ÎÝºtÖZÄ]»ÏÅ!ÈxÄ]ÉËÊ�Ì{¿À¼hÐ3Ì{¿ÆÈxÄ]ÉËÉÛ¿À¼N¾�Ã�¼h¿}×NºfÎÝºaßv»Ï¿ÒÍÀÇ_Ä]Î½Ãh¿¡ºfÃäÈxÄ]Ã�Ì{Å!Ð3ÃÞ¾{¿ÀÉËÊhÅkØ
ÈxÄ]ÉËÊ�Ì{¿À¼hÐ3Ì{¿ÞÐhºf¼hÅtÂ
Ãh¿ÀÎ½ÎÏ¿PÉÛ¿xÅVÃ�Ì{¿ËÅ{Ä]¼ùÍÀÇ_Ä]Î½Ã�¾V»ÏÄ]¼õÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿Ë¿xÅ{¾¡Î½»ÏÍx¿ÛÜÞÅJÄ]¼ù¿À¼NÇv»½Ì{Ä]¼�¼h¿ÀÉÛ¿À¼N¾P¿À¾¡ÜàÅJ¿xÅ
Ê�Ì{Ä]Ê�ÌV»ÏÍÀ¾{ÍxÅl»½¼N¾VÌV»½¼hÅJÕxÂNÃh¿xÅ�æ

çs¿mâ�Ã�¾�Ð�¿}Èx¿À¾V¾{¿mÊÁºfÌV¾V»Ï¿}¿xÅ{¾�Ð�¿mÂ
ÃÁºf¼N¾V»FúÁ¿ÀÌ�ÎÝºÆáµºfÉbâÓÍx¿}Ð�¿�ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÞÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿lÐ�¿xÅ�çsèBémêÆÅ�ØLÈLÑi¿xÅV¾�Ü
Ð3»½Ì{¿!ÐÙÑiÍÀ¾VÃhÐ3»Ï¿ÀÌ'Èx¿�Â
Ã�»
Å�Ñi¿xÅV¾ûÊÁº]Å{Å{Í8Ðhºf¼hÅûÎÏ¿!Ð�¿ÀÌV¼�»Ï¿ÀÌûÉË»½Î½Î½»ÝºfÌ{ÐgÐÙÑYºf¼�¼hÍx¿xÅ�æfç8ÑYº]ÈxÈxÍxÅ�Ü}Èx¿À¾V¾{¿uÐ3Ã�Ì{Íx¿uÊÓÄ]Ã�ÌVÌJºf»½¾
¼hÄ]ÃhÅgÊÓ¿ÀÌVÉÛ¿À¾V¾VÌ{¿àÐ�¿ÛÉË»Ï¿ÀÃ3ßåÈxÄ]ÉËÊ�Ì{¿À¼hÐ3Ì{¿àÎÏ¿ÞÄ]ÃåÎÏ¿xÅ(ÉÛÍxÈ�ºf¼�»ÏÅVÉÛ¿xÅPÌ{¿xÅVÊÓÄ]¼hÅJºfâ�ÎÏ¿xÅgÐ3Ã§Ð�ÍxÈÀÎÏ¿À¼hÈJíh¿ÀÉÛ¿À¼N¾
Ð�¿üÈx¿À¾V¾{¿ðÊ�íÁº]ÅJ¿ðÐ�¿îÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼,Å{¾{¿ÀÎ½ÎÝºf»½Ì{¿Læuì8Å{¾ÞÈx¿ðÂ
ÃsÑ Ã�¼h¿îáµºfÉ(âãÍx¿�Ð�¿îÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼,Å{¾{¿ÀÎ½ÎÝºf»½Ì{¿ü¿xÅV¾�Ã�¼
ÍÀÇ_ÕÀ¼h¿ÀÉÛ¿À¼
¾äÈxÄ]Ã�ÌV¾àº]Å{Å{ÄvÈÀ»ÏÍýÜïÃ�¼h¿îÊ�íÁº]Å{¿ðÐ�¿îÌ{¿À¼hÈxÄ]¼N¾VÌ{¿�Ð�¿î×NºfÎÝºaß3»Ï¿xÅµ÷üì8ÅV¾jÔeÈx¿îÃ�¼-ÍÀÇ_ÕÀ¼h¿ÀÉÛ¿À¼N¾�Ê�Î½ÃhÅ
ÎÏÄ]¼�×u÷äþÆ¿xÅgÿf×_¿xÅtÇLºfÌV»ÏÍxÅbÄ]¼N¾gÍÀ¾{ÍÛÍÀÇ_ÄvÂNÃhÍxÅ(ÈxÄ]ÉËÉÛ¿�Â
Ãh¿ÀÎÏÂNÃh¿xÅ

107 ºf¼hÅ��ZòlÎÏÄ]¼hÅ{ÄfÔ��l¿ÀÌVÌ{¿ÀÌ{Ä����	��

���������3Ø
�ÁÄ]Ì{ÅV¾{¿ÀÌ��vÈ{í�Ì{¿À»½âÓ¿ÀÌ�������
�������������Ä]ÃðÂ
Ãh¿ÀÎÏÂ
Ãh¿xÅ

108 Ø3Ç_Ä]»½Ì{¿ 109 ºf¼hÅ�����Ä]×L×L»Ýºf¼N¾V»�������

�ÏØ ����������æì8ÅV¾PÈx¿�Â
ÃsÑYºfÃåÈxÄ]Ã�Ì{ÅPÐ�¿ÛÎÝºýÊ�íÁº]Å{¿�Ð�¿äÈxÄ]Î½Î½»ÏÅV»ÏÄ]¼hÅ(ÎÏ¿xÅb×NºfÎÝºaß3»Ï¿xÅ(Å{Ã�â�»ÏÅ{Å{¿À¼N¾gÊ�Î½ÃhÅV»Ï¿ÀÃ�Ì{ÅbáµºfÉbâÓÍx¿xÅPÐ�¿
ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼üÅ{¾{¿ÀÎ½ÎÝºf»½Ì{¿xÅmÅVÃhÈxÈx¿xÅ{ÅV»½Ç_¿xÅã÷

ø!Ä]Ébâ�»Ï¿À¼&ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅËÅ{Ä]¼
¾bÖzÄ]ÌVÉÛÍx¿xÅÛºfÃ%ÈxÄ]Ã�Ì{ÅËÐ�¿ÞÈx¿À¾V¾{¿äÊ�íÁº]Å{¿àÐ�¿�ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅµ÷îçs¿äâ�Ã�¾
Ð�¿ðÈx¿îÈ{íÁºfÊ�»½¾VÌ{¿�¿xÅV¾ÛÐ�¿àÊ�Ì{ÍxÅ{¿À¼N¾{¿ÀÌÞÎÏ¿xÅÛÐ3»"!ÙÍÀÌ{¿À¼N¾{¿xÅÞÉÛÍÀ¾VíhÄ
Ð�¿xÅÞÂNÃh¿à¼hÄ]ÃhÅ�º�Ç_Ä]¼hÅÛÃ�¾V»½Î½»ÏÅ{Íx¿xÅäºf»½¼hÅV»}Â
Ãh¿
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ÎÏ¿xÅ!»½¼hÈxÄ]¼NÇ_ÍÀ¼�»Ï¿À¼
¾{ÅlÂ
ÃsÑi¿ÀÎ½ÎÏ¿xÅ!Ê�Ì{ÍxÅ{¿À¼N¾{¿À¼
¾�æhç>º(ÉÛÍÀ¾VíhÄvÐ�¿}úh¼ÁºfÎÏ¿ÀÉÛ¿À¼
¾}È{íhÄ]»ÏÅ{»Ï¿¡¿xÅV¾uÊ�Ì{ÍxÅJ¿À¼N¾{Íx¿tºfÃîÈ{íÁºfÊ�»½¾VÌ{¿
ÅVÃ�»½ÇLºf¼N¾lÂNÃ�»ÙÌ{ÍxÅVÃ�ÉÛ¿tÎÏ¿xÅ�Ì{ÍxÅVÃ�Î½¾Jºf¾{Å}Ä]â�¾{¿À¼
ÃhÅ}¿À¾mÌ{¿À¼
Ç_Ä]»½¾ÒºfÃ3ßýºfÌV¾V»ÏÈÀÎÏ¿xÅ}Ð�ÍxÈÀÌV»½ÇLºf¼N¾ÒÈx¿Æ¾VÌJºxÇLºf»½Î�æ
����� ������� A � A��! #"û=%$ � 7'= ?jA =#&�$ � ;'& � ;'&�(hA � A*)j7û?�9ï; � =F7+& �  ,( � 7'=-��A.$ � ;'&�$/�SA.$10s;'��;32s=�A.$

ç>Ä]Ì{Å{ÂNÃsÑ Ã�¼h¿�×NºfÎÝºaßv»Ï¿�¿xÅV¾>º]ÈÀ¾V»½Ç_¿�¿À¼¡¾{¿ÀÌVÉÛ¿uÐ�¿'ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼(ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿LØk¿ÀÎ½ÎÏ¿:Ê�Ì{ÍxÅJ¿À¼N¾{¿:×_ÍÀ¼hÍÀÌJºfÎÏ¿ÀÉÛ¿À¼
¾'Ð�¿xÅ
È�ºfÌJº]ÈÀ¾{ÍÀÌV»ÏÅV¾V»ÏÂ
Ãh¿xÅmÅVÊÓ¿xÈÀ¾VÌJºfÎÏ¿xÅmÄ]ÃàÊ�íhÄ]¾{Ä]ÉÛÍÀ¾VÌV»ÏÂ
Ãh¿xÅlº]Å{Å{¿ÀóÒÖ�º]ÈÀ»½ÎÏ¿ÀÉÛ¿À¼N¾mÌ{¿xÈxÄ]¼�¼Áºf»ÏÅJÅJºfâ�ÎÏ¿xÅmÐhºf¼hÅ�Ê�Î½ÃhÅV»Ï¿ÀÃ�Ì{Å
Ð�Ä]É�ºf»½¼h¿xÅ�Ð�¿lÎÏÄ]¼�×LÃh¿ÀÃ�Ì{Å�ÐÙÑiÄ]¼hÐ�¿xÅ5476vÄ]¼ÞÊÓ¿ÀÃ�¾�ºfÎÏÄ]Ì{Å�Ð�ÍxÐ3Ã�»½Ì{¿lÃ�¼ä¾JºfÃ3ßÞÐ�¿}ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ýÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ�º]ÈÀ¾VÃh¿ÀÎ�Ø
º]Å{ÅJÄ
ÈÀ»ÏÍýÜ�Èx¿îÂ
Ã�»mÅ�Ñi¿xÅV¾PÊÁº]Å{Å{ÍîÐhºf¼hÅËÎÏ¿xÅ�Ð�¿ÀÌV¼�»Ï¿ÀÌ{Å

106 Ô 107 ºf¼hÅÛºxÇLºf¼N¾�Î�ÑiÄ]âhÅ{¿ÀÌVÇ]ºf¾V»ÏÄ]¼sæ�¹üÚÀÉÛ¿ýÅ{»�Èx¿À¾»½¼
¾{¿ÀÌVÇ]ºfÎ½ÎÏ¿äÐ�¿Ë¾{¿ÀÉËÊhÅ(ÊÁºfÌJºaöÏ¾bÎÏÄ]¼�×hØÙ»½Î!ÈxÄ]¼hÅV¾V»½¾VÃh¿ÛÎÝºäÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼åÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ(»½¼hÅV¾Jºf¼
¾Jºf¼hÍx¿äÜàÎ�ÑiÍxÈJíh¿ÀÎ½ÎÏ¿ÞÐ�¿
¾{¿ÀÉËÊhÅlÐ�¿¡Èx¿xÅ}Ä]â3ñV¿À¾{Å�æ

þÒ»"!ÙÍÀÌ{¿À¼N¾{Å�»½¼hÐ3»ÏÈ�ºf¾{¿ÀÃ�Ì{Å�Ä]¼N¾ïÐ�ÍBñVÜ ÍÀ¾{ÍõÊ�Ì{ÍxÅ{¿À¼N¾{ÍxÅïÐhºf¼hÅüÎÏ¿ùÈ�º]Ð3Ì{¿§Ð�¿<Î�ÑiÍÀ¾VÃhÐ�¿õÉ(Ã�Î½¾V»FÔ�ÎÏÄ]¼�×LÃh¿ÀÃ�Ì{Å
ÐÙÑiÄ]¼hÐ�¿xÅËÐ�¿xÅg×NºfÎÝºaß3»Ï¿xÅËÐ�¿�ÎÝºðÊÁºfÌV¾V»Ï¿/8Læ �3æ�èBÈÀ»�ØÁñj¿ÞÇ]ºf»ÏÅlñjÃhÅV¾{¿ÞÎÏ¿xÅgÈxÄ]ÉËÊÁºfÌ{¿ÀÌË¿À¾PÊ�Ì{ÍxÅ{¿À¼
¾{¿ÀÌgÎÏ¿xÅgÊ�ÌV»½¼hÈÀ»FÔ
ÊÁºfÎÏ¿xÅ!Ð3»:9�ÈÀÃ�Î½¾{ÍxÅ�Ì{¿À¼hÈxÄ]¼
¾VÌ{Íx¿xÅ!ÎÏÄ]Ì{ÅuÐ�¿�ÎÏ¿ÀÃ�ÌuÃ�¾V»½Î½»ÏÅJºf¾V»ÏÄ]¼sævèeÎÏÅ8ÅJÄ]¼N¾uÐ�Ä]¼�¼hÍxÅ!Ðhºf¼hÅuÎÏ¿�Ì{Í�ÖZÍÀÌ{¿À¼
¾V»Ï¿ÀÎÓºfÃÞÌ{¿ÀÊãÄLÅ
Ð�¿xÅ�×NºfÎÝºaß3»Ï¿xÅ�æ

•
ç>¿<ÈxÄ]¼N¾V»½¼NÃ ë<;³¿xÅV¾îÊ�Ì{Ä]Ê�»ÏÈx¿õÜ§Î�ÑiÍÀ¾VÃhÐ�¿õÐ�¿<ÎÝºåÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼�ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿LØmÈ�ºfÌî»½Îb¿xÅV¾ðº]ÅJÅ{Ä
ÈÀ»ÏÍ<ºfÃ

ÌJº>=_Ä]¼�¼h¿ÀÉÛ¿À¼N¾8Ð�¿xÅ>ÍÀ¾{Ä]»½ÎÏ¿xÅÁñV¿ÀÃ�¼h¿xÅ�ØkÈJíÁºfÃhÐ�¿xÅ �Z¹
≥ ? M�

�s¿À¾>Ð�¿�Ð3Ã�Ì{Íx¿uÐ�¿8Çv»Ï¿8ÈxÄ]Ã�ÌV¾{¿LæA@l¼Pº�ÎÏÄ]¼�×L¾{¿ÀÉËÊhÅ
ÈÀÌVÃËÈx¿À¾'»½¼hÐ3»ÏÈ�ºf¾{¿ÀÃ�Ì8¾VÌ{ÕxÅ�Ê�Ã�»ÏÅ{ÅJºf¼
¾�Ø]¼hÄ]¾JºfÉËÉÛ¿À¼N¾8ÊÁºfÌ{Èx¿�Â
Ãh¿uÎÏ¿�Ð�Ä]É�ºf»½¼h¿�ëB;&¿xÅV¾�Ö�º]ÈÀ»½ÎÏ¿ÀÉÛ¿À¼N¾�º]ÈxÈx¿xÅ{ÅV»½â�ÎÏ¿
Ðhºf¼hÅgÎ�ÑiÄ]Ê�¾V»ÏÂ
Ãh¿ÞÄ]ÃåÎÏ¿�Ê�Ì{ÄvÈ{íh¿Þ»½¼3Ö@ÌJºfÌ{Ä]Ã�×_¿îºfÃåÉÛÄ]»½¼hÅ(ÊÓÄ]Ã�Ì

z ≤ C ×LÌJº]Èx¿àÜîÎÝºEDGFIHKJ�L�L �MH �!NOJAPÁØ:Èx¿äÂNÃ�»
¼sÑi¿xÅV¾�ÊÁº]Å�ÎÏ¿ÆÈ�º]ÅmÐ�¿ÒÎÝºgÊ�Î½Ã�ÊÁºfÌV¾mÐ�¿xÅmºfÃ�¾VÌ{¿xÅ�»½¼hÐ3»ÏÈ�ºf¾{¿ÀÃ�Ì{ÅkæhèeÎãÖZÃ�¾�Ã�¾V»½Î½»ÏÅ{ÍÆÊãÄ]Ã�Ì�Ð�ÍxÐ3Ã�»½Ì{¿ÆÎ�Ñ í�»ÏÅV¾{Ä]»½Ì{¿bÐ�¿lÎÝº
ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ùÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿ÛÜäÎ�ÑiÍxÈ{íh¿ÀÎ½ÎÏ¿ËÐ�¿PÎ�Ñ Ã�¼�»½Ç_¿ÀÌ{Å�ñBÃhÅ{Â
ÃsÑYÜÞÃ�¼ïÌ{¿xÐ�ÅVí�»FÖ@¾tÐ�¿ ? �ZçÙ»½Î½Î,= ��� ��
���8>Q�Q�R3ØÙ¹�º]ÐhºfÃ
��� ��
���8>Q�Q�R3Ø38>Q�Q�S���ØNÉ�ºf»ÏÅ�Å�Ñi¿xÅV¾�Ì{ÍÀÇ_ÍÀÎÏÍlÚÀ¾VÌ{¿l¾VÌ{ÕxÅuÅJ¿À¼hÅV»½â�ÎÏ¿lÜtÎ�ÑYºf¾V¾{ÍÀ¼NÃÁºf¾V»ÏÄ]¼sæT@l¼ÞÅ�ºf»½¾!ºfÃ]ñVÄ]Ã�Ì{ÐÙÑ íNÃ�»ÙÂNÃsÑ »½Î
¿xÅV¾}Özºf»½â�ÎÏ¿ÀÉÛ¿À¼
¾¡Å{¿À¼hÅV»½â�ÎÏ¿(ÜÛÎÝºËÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ïÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿(¿À¼3ÖzÄ]Ã�»Ï¿bÂ
Ã�»>Ì{¿ÀÊ�Ì{ÍxÅJ¿À¼N¾{¿gÎÝºËÉ�ºañV¿ÀÃ�Ì{¿bÊÁºfÌV¾V»Ï¿gÐ�¿tÎÝº
ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ðÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿(Ð�¿ÆÎ�Ñ Ã�¼�»½Ç_¿ÀÌ{Å}¿À¾mÎÏ¿xÅ�×NºfÎÝºaß3»Ï¿xÅmÍÀ¾VÃhÐ3»ÏÍx¿xÅlÅ{Ä]¼N¾mÎÏ¿xÅmÊ�Ì{Ä]¾{Ä]¾U=vÊã¿xÅlÐ�¿tÈx¿xÅmÄ]â3ñV¿À¾{Å�æ

•
ç>¿xÅsÌJºf»Ï¿xÅÙ¼hÍÀâ�Ã�ÎÝºf»½Ì{¿xÅûÇ_Ä]¼N¾ûÊã¿ÀÌVÉÛ¿À¾V¾VÌ{¿8Ð�¿�Ð�ÍÀ¾{¿ÀÌVÉË»½¼h¿ÀÌ>Î�Ñ í�»ÏÅV¾{Ä]»½Ì{¿!º]ÈÀ¾VÃh¿ÀÎ½ÎÏ¿8Ð�¿'ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼(ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ

Ð�¿xÅu×NºfÎÝºaßv»Ï¿xÅ!ÊÁºfÌ{Èx¿ÒÂNÃsÑi¿ÀÎ½ÎÏ¿xÅ�Å{Ä]¼
¾!º]Å{ÅJÄ
ÈÀ»ÏÍx¿xÅ�ºfÃÞÌ{¿�ÖZÌ{Ä]»ÏÐ3»ÏÅ{Å{¿ÀÉÛ¿À¼
¾�Ð�¿xÅ�¼hÍÀâ�Ã�ÎÏ¿ÀÃhÅ{¿xÅ!×Nºfó�¿ÀÃhÅ{¿xÅ�ÈJíÁºfÃ !ÓÍx¿xÅ
ÊÁºfÌ}Ð�¿xÅlÍÀ¾{Ä]»½ÎÏ¿xÅ}Ê�Î½ÃhÅ}É�º]Å{ÅV»½Ç_¿xÅm¿À¾lÐ�Ä]¼hÈtÃ�¼ýÊÓ¿ÀÃýÊ�Î½ÃhÅ:ñV¿ÀÃ�¼h¿xÅ}Â
Ãh¿tÐhºf¼hÅ}ÎÏ¿tÈ�º]Å}Ð3ÃðÈÀ»½¼
¾VÃ�¼NÃïë<;Pæ�çs¿xÅ
ÌJºf»Ï¿xÅ�ÎÏ¿xÅ:Ê�Î½ÃhÅ�ÈxÄ]Ã�ÌJºf¼
¾{¿xÅuÅ{Ä]¼
¾�Èx¿ÀÎ½ÎÏ¿xÅ�Ð�¿mÎÝº¡Å{ÍÀÌV»Ï¿mÐ�¿WV�ºfÎ½ÉÛ¿ÀÌ ���

α
Ø �
β
�:Ä]ÃYXZ@Òè{èU[eæNø!¿xÅ:ÌJºf»Ï¿xÅ�Å{Ä]¼
¾8Ê�Î½ÃhÅ

Å{¿À¼hÅ{»½â�ÎÏ¿xÅ}ÜPÎ�ÑYºf¾V¾{ÍÀ¼NÃÁºf¾V»ÏÄ]¼ïÂ
Ãh¿ÆÎÏ¿¡ÈxÄ]¼N¾V»½¼NÃïÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿tÐhºf¼hÅmÎÏ¿¡ÉÛÚÀÉÛ¿tÐ�Ä]É�ºf»½¼h¿tÐ�¿¡ÎÏÄ]¼�×LÃh¿ÀÃ�ÌlÐÙÑiÄ]¼hÐ�¿Læ
•
ç8Ñ »½¼3ÖZÌJºfÌ{Ä]Ã�×_¿üÉÛÄG=_¿À¼ ¿À¾ÞÎÏÄ]»½¼
¾Jºf»½¼~ÅJÄ]¼N¾îºfÃhÅ{ÅV»lÐ�¿üâÓÄ]¼hÅ�»½¼hÐ3»ÏÈ�ºf¾{¿ÀÃ�Ì{ÅàÐ�¿ðÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ

ÎÏÄ]Ì{Å{Â
Ãh¿�Î�ÑYº]ÈÀ¾V»½Ç
»½¾{ÍïÐ�¿�ÎÝºå×NºfÎÝºaßv»Ï¿ï¿xÅV¾àÎ½»ÏÍx¿<Ü§Ð�¿ðÎÝºõÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ�æ}ø!¿À¾à»½¼hÐ3»ÏÈ�ºf¾{¿ÀÃ�ÌîÊã¿ÀÌVÉÛ¿À¾
ÐÙÑYº]ÈxÈxÍxÐ�¿ÀÌîÐ3»½Ì{¿xÈÀ¾{¿ÀÉÛ¿À¼N¾�ºfÃ3ß&ÍÀ¾{Ä]»½ÎÏ¿xÅî¿À¼hÈxÄ]Ì{¿ü¿À¼3ÖzÄ]Ã�»Ï¿xÅàÐhºf¼hÅäÐ�¿xÅäÌ{ÍÀ×L»ÏÄ]¼hÅàÄA\~¿�ßv»ÏÅV¾{¿À¼
¾î¿À¼hÈxÄ]Ì{¿�Ð�¿xÅ
ÖZÌJºf×LÉÛ¿À¼N¾{ÅlÐ�¿Æ¼NÃÁºf×_¿xÅmÉÛÄ]ÎÏÍxÈÀÃ�ÎÝºf»½Ì{¿xÅl¿À¾mÐ�¿ÆÊãÄ]ÃhÅJÅV»ÏÕÀÌ{¿xÅmº�=Nºf¼
¾}ÈxÄ]¼N¾VÌV»½â�ÃhÍgÜgÎÏ¿ÀÃ�Ì�¼Áºf»ÏÅ{ÅJºf¼hÈx¿Læ�ç>ºËÐ3Ã�Ì{Íx¿
Ð�¿�Çv»Ï¿mÐÙÑ Ã�¼Þ¾{¿ÀÎh¼NÃÁºf×_¿Ò¿xÅV¾8É�ºfÎÁÈxÄ]¼�¼
Ãh¿l¿À¾uÐ�ÍÀÊã¿À¼hÐÞÐ�¿mÅJºÆ¾Jºf»½Î½ÎÏ¿LØ
Ð�¿�Î�ÑYº]ÈÀ¾V»½Ç
»½¾{ÍlÐ�¿�ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÞÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ
Ð�¿!ÎÝº}Ì{ÍÀ×L»ÏÄ]¼sØfÐ�¿!ÎÝº}×NºfÎÝºaßv»Ï¿ÆØfÐ3ÃËÈxÄ]¼N¾V»½¼NÃÛ¿À¼P×Nºfó�¿À¾'Ê�Ì{Ä]âÁºfâ�ÎÏ¿ÀÉÛ¿À¼N¾�ÐÙÑYºfÃ�¾VÌ{¿xÅ'ÊÁºfÌJºfÉÛÕÀ¾VÌ{¿xÅ�æ]þÒ»"!ÙÍÀÌ{¿À¼N¾{¿xÅ
ÎÏÄ]»ÏÅ�ÊÓ¿ÀÌVÉÛ¿À¾V¾{¿À¼N¾lÐ�¿¡ÈxÄ]¼NÇ_¿ÀÌV¾V»½Ì}ÎÏ¿xÅ�Î½Ã�ÉË»½¼hÄLÅ{»½¾{ÍxÅmÐhºf¼hÅ�Î�Ñ »½¼3ÖZÌJºfÌ{Ä]Ã�×_¿¡ÉÛÄ>=_¿À¼ð¿À¾�ÎÏÄ]»½¼
¾Jºf»½¼ð¿À¼îÎ½Ã�ÉË»½¼hÄLÅV»½¾{Í
»½¼3ÖZÌJºfÌ{Ä]Ã�×_¿LØ

LIR ] 6ãÎÝºäÎÏÄ]»8Ð�¿_^¡¿À¼�¼�»ÏÈÀÃ�¾V¾��`8>Q�Q����lÊÓ¿ÀÌVÉÛ¿À¾tÐ�¿ËÈxÄ]¼NÇ_¿ÀÌV¾V»½Ì
LIR

¿À¼<¾JºfÃ3ß<Ð�¿(ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼
ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ�æ

SFR(M�/an) = 1.71 × 10−10LIR(L�)
�OR3æ ���

•
ç�ÑiÍÀÉË»ÏÅ{ÅV»ÏÄ]¼ÛÐ3Ã�ÈxÄ]¼
¾V»½¼NÃ�ÌJº]Ð3»ÏÄbÐÙÑ Ã�¼h¿�×NºfÎÝºaßv»Ï¿�ÊÓ¿ÀÃ�¾�ºfÃhÅ{ÅV»hÚÀ¾VÌ{¿�Ã�¾V»½Î½»ÏÅJÍx¿��@Ç_Ä]»½Ì8È{íÁºfÊ�»½¾VÌ{¿lèU;-¿À¾�; ��æ

aûÄ]ÃhÅýÈx¿xÅà»½¼hÐ3»ÏÈ�ºf¾{¿ÀÃ�Ì{ÅýÊ�Ì{ÍxÅJ¿À¼N¾{¿À¼N¾ðÊ�Î½ÃhÅV»Ï¿ÀÃ�Ì{Åî»½¼hÈxÄ]¼NÇ_ÍÀ¼�»Ï¿À¼
¾{Åõô�Î�ÑièB¹ ��Ø�Ð3»ÏÅV¾VÌV»½â�Ã�¾V»ÏÄ]¼ ¿À¼ É�º]Å{ÅJ¿
»½¼�»½¾V»ÝºfÎÏ¿ÒÐ�¿xÅuÍÀ¾{Ä]»½ÎÏ¿xÅkØNÎ�ÑYºf¾V¾{ÍÀ¼
ÃÁºf¾V»ÏÄ]¼ý¿À¾�ÎÝºcb
ÔeÈxÄ]ÌVÌ{¿xÈÀ¾V»ÏÄ]¼sæ3èeÎã¿xÅV¾�Ê�Ì{¿xÅJÂNÃh¿}»½ÉËÊãÄLÅ{Å{»½â�ÎÏ¿}Ð�¿ÒÅ�ÑYº !ãÌJºf¼hÈJí�»½Ì!Ð�¿

dOegfIhji�fIhOfIi�k5f`hmlon�pqk5f`r�sjtIsOi�f�u�vov�n�iOs�w`fIhmhOpyx,z u{sOs�w`r>|AuKs�pqn}rcf`h!sjk�iUu�pq~�f`r�s�sOi�n�vB�:n{iOs�f}��`� n{iOi�w`xZu{s�pqn}rohgl�u{r�hjx,z pZrG�%iUuKi�n}|���f�~�nM��fIr��
LIR = 11.15.5

−3.7 × L
0.998
15µm

LIR = 0.890.38
−0.27 × L

1.094
12µm

LIR = 4.372.35
−2.13 × L

1.62
6.7µm.

��� �q�M�
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Î�Ñ Ã�¾V»½Î½»ÏÅ�ºf¾V»ÏÄ]¼õÐ�¿gÎÝºÛÖzÄ]¼hÈÀ¾V»ÏÄ]¼ùÐ�¿gÉ�º]Å{Å{¿g»½¼�»½¾V»ÝºfÎÏ¿îôÓÈx¿xÅÆÉÛÍÀ¾VíhÄ
Ð�¿xÅÆÌ{¿ÀÊÓÄLÅ{¿À¼
¾tÅVÃ�ÌÆÎÝºÞÐ�ÍÀ¾{¿xÈÀ¾V»ÏÄ]¼åÐ3»½Ì{¿xÈÀ¾{¿
�ZëB; �8Ä]Ãà»½¼hÐ3»½Ì{¿xÈÀ¾{¿ �ZÄ]Ê�¾V»ÏÂNÃh¿�ÔeèBé�Ô�ÌJº]Ð3»ÏÄ �uÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ�Ä]ÃîÐ�¿ÒÅVÃ�Êã¿ÀÌV¼hÄkÇ]º]¿uñV¿ÀÃ�¼h¿xÅ�æ�ø!¿ÀÊã¿À¼hÐhºf¼
¾�ÎÏ¿xÅ!ÍÀ¾{Ä]»½ÎÏ¿xÅ
ñV¿ÀÃ�¼h¿xÅg¼h¿�Ð�Ä]ÉË»½¼h¿À¼
¾ËÊÁº]ÅbÎÝºðÉ�º]Å{Å{¿ÞÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅbÖzÄ]ÌVÉÛÍx¿xÅËÜîÃ�¼§»½¼hÅV¾Jºf¼N¾PÐ�Ä]¼�¼hÍäÈ�ºfÌg¿ÀÎ½ÎÏ¿ä¿xÅV¾(Ð�Ä]ÉË»½¼hÍx¿
ÊÁºfÌ!ÎÏ¿xÅ�ÍÀ¾{Ä]»½ÎÏ¿xÅ�Ð�¿mÖ�ºf»½â�ÎÏ¿}É�º]ÅJÅ{¿}Ä]ÃàÐ�¿}É�º]ÅJÅ{¿m»½¼
¾{¿ÀÌVÉÛÍxÐ3»Ýºf»½Ì{¿LæhèeÎã¿xÅV¾�Ð�Ä]¼hÈ}¼hÍxÈx¿xÅ{Å�ºf»½Ì{¿lÐ�¿ÒÈ�ºfÎ½»½â�Ì{¿ÀÌ�Èx¿xÅ
� ¾JºfÃ3ßýÐ�¿ÒÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼üÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ}É�º]Å{ÅV»½Ç_¿xÅ��¡¿À¼ � ¾JºfÃ3ßî×LÎÏÄ]âÁºfÃ3ßîÐ�¿ÒÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼üÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ��Jæ

�
	��

�R3æ,8�� �:ÌV»½¼hÈÀ»½ÊÁºfÎÏ¿xÅtèB¹ �%Ã�¾V»½Î½»ÏÅJÍx¿xÅgôãèB¹ � Ð�¿ �3ºfÎ½ÊÓ¿À¾{¿ÀÌ �@Ì{Ä]Ã�×_¿ ��ØÓèB¹ � Ð�¿ �vÈ�ºfÎÏÄ �@â�ÎÏ¿ÀÃ��m¿À¾Æè¦¹ �
Ð�¿b¹ð»½Î½ÎÏ¿ÀÌ�� �vÈ�ºfÎÏÄ �@Ç_¿ÀÌV¾ ��æ

@l¼Û¼h¿�ÅJºf»½¾8ÊÁº]Å8Â
Ãh¿ÀÎ�Ê�Ì{ÄvÈx¿xÅ{ÅVÃhÅ8Ð�Í�úh¼�»½¾8Î�ÑièB¹ ��ÜÆÎ�ÑiÍxÈJíh¿ÀÎ½ÎÏ¿}Ð3ÃË¼
ÃÁºf×_¿mÉÛÄ]ÎÏÍxÈÀÃ�ÎÝºf»½Ì{¿LØ_¼�»hÅ{»�Î�Ñiè¦¹ �ï¿xÅV¾
Ã�¼�»½Ç_¿ÀÌ{ÅJ¿ÀÎ½ÎÏ¿Læ]øÒÑi¿xÅV¾>ÊãÄ]Ã�Ì{Â
ÃhÄ]»NÊ�Î½ÃhÅV»Ï¿ÀÃ�Ì{Åûè¦¹ �àÊÓ¿ÀÃ�Ç_¿À¼N¾ûÚÀ¾VÌ{¿�Ã�¾V»½Î½»ÏÅ{Íx¿xÅ>Ð�Ä]¼
¾ûÈx¿ÀÎ½ÎÏ¿uÐ�¿ �3ºfÎ½ÊÓ¿À¾{¿ÀÌ � �3ºfÎ½ÊÓ¿À¾{¿ÀÌ
8>Q ?�? Ø 8>Q ? Q���Ø �vÈ�ºfÎÏÄð¿À¾(¹ü»½Î½ÎÏ¿ÀÌ(¿À¾ �vÈ�ºfÎÏÄ �Z¹ü»½Î½ÎÏ¿ÀÌ�� �vÈ�ºfÎÏÄ 8>Q��AQ���æ�ì:Î½ÎÏ¿xÅgÅ{Ä]¼N¾PÅ{Ä]Ã�Ç_¿À¼N¾PÐ�ÍxÈÀÌV»½¾{¿xÅ(ÊÁºfÌ
Ð�¿xÅÞÎÏÄ]»ÏÅ�Ð�¿ðÊ�Ã�»ÏÅ{ÅJºf¼hÈx¿ýÐ�¿ð¾U=vÊã¿

ϕ
�Z¹ �

∝ M−(1+x) æuçs¿xÅÛÊ�ÌV»½¼hÈÀ»½ÊÁºfÎÏ¿xÅàèB¹ � Å{Ä]¼
¾�Ê�Ì{ÍxÅ{¿À¼
¾{Íx¿xÅàÜ<ÎÝº
¾Jºfâ�ÎÏ¿ R3æ,8¡¿À¾}ÜgÎÝºbúh×LÃ�Ì{¿�R3æ,8Læ�çûºgÎÏÄ]»ÓÐ�¿��3ºfÎ½ÊÓ¿À¾{¿ÀÌ�ÊÓ¿ÀÃ�¾mÈxÄ]¼hÐ3Ã�»½Ì{¿bÜ(Ã�¼h¿ÒÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ý¾VÌ{Ä]Êî»½ÉËÊÓÄ]ÌV¾Jºf¼N¾{¿
ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ�É�º]Å{ÅV»½Ç_¿xÅPÊÁºfÌËÌJºfÊ�ÊÓÄ]ÌV¾ÞºfÃ3ß%ºfÃ�¾VÌ{¿xÅ�ÍÀ¾{Ä]»½ÎÏ¿xÅ�Ø:ÈxÄ]ÉËÉÛ¿ýÄ]¼ ÊÓ¿ÀÃ�¾ËÎÏ¿àÇ_Ä]»½Ì�ÜðÎÝºüúh×LÃ�Ì{¿ R3æ,8LØiÈx¿
Â
Ã�»m¿À¼N¾VÌJºaöÏ¼h¿ýÃ�¼h¿îÅ{Ä]ÃhÅjÔe¿xÅV¾V»½É�ºf¾V»ÏÄ]¼ Ð3Ã ¾JºfÃ3ß%×LÎÏÄ]âÁºfÎmÐ�¿äÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ Å{¾{¿ÀÎ½ÎÝºf»½Ì{¿+6:ÎÝºüÎÏÄ]»mÐ�¿ �vÈ�ºfÎÏÄ�Ø8ºfÃ
ÈxÄ]¼
¾VÌJºf»½Ì{¿LØ�ÊãÄ]Ã�ÌVÌJºf»½¾g¿À¼N¾VÌJºaöÏ¼h¿ÀÌgÎÝºàÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼§ÐÙÑ Ã�¼å¾VÌ{Ä]Êõ×LÌJºf¼hÐù¼hÄ]É(â�Ì{¿ÞÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅgÐ�¿ËÖ�ºf»½â�ÎÏ¿ÛÉ�º]ÅJÅ{¿
ÊÁºfÌ�ÌJºfÊ�ÊãÄ]ÌV¾�ºfÃ3ßPÍÀ¾{Ä]»½ÎÏ¿xÅ�É�º]Å{ÅV»½Ç_¿xÅ�¿À¾�Ã�¼h¿mÅVÃ�Ì{¿xÅV¾V»½É�ºf¾V»ÏÄ]¼äÐ3ÃË¾JºfÃ3ßËÐ�¿�ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼äÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿Læ_ç>ºÆÎÏÄ]»µÐ�¿
¹ü»½Î½ÎÏ¿ÀÌ}¿À¾ �vÈ�ºfÎÏÄÛ¿xÅ{¾�»½¼N¾{¿ÀÌVÉÛÍxÐ3»Ýºf»½Ì{¿g¿À¾�Êã¿ÀÌVÉÛ¿À¾}Ð�¿ÆÎ½»½ÉË»½¾{¿ÀÌlÈx¿xÅmÐ�¿ÀÃ3ßäÊ�Ì{Ä]â�ÎÏÕÀÉÛ¿xÅkæãø!¿xÅ�»½¼hÐ3»ÏÈ�ºf¾{¿ÀÃ�Ì{ÅlÐ�¿
ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼îÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿ÒÅ{¿}Ì{ÍÀÇ_ÕÀÎÏ¿À¼
¾�ÚÀ¾VÌ{¿}¾VÌ{ÕxÅ�Å{¿À¼hÅV»½â�ÎÏ¿xÅ�ÜbÎÝºtÊÓ¿À¼N¾{¿ÒÐ�¿}Î�ÑièB¹ �!ØvÈx¿}Â
Ã�»ãÊãÄLÅ{¿}Ã�¼ÞÊ�Ì{Ä]â�ÎÏÕÀÉÛ¿
Å{Ã�Ì�ÎÝºPÊ�Ì{ÍxÈÀ»ÏÅV»ÏÄ]¼ðÐ�¿xÅmÈ�ºfÎ½»½â�ÌJºf¾V»ÏÄ]¼hÅÒÐ�¿xÅmÐ3»"!ÙÍÀÌ{¿À¼N¾{Å}»½¼hÐ3»ÏÈ�ºf¾{¿ÀÃ�Ì{ÅlÐ�¿ÆÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ðÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ�æ
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¿xÅ{¾lº]ÐhºfÊ�¾{Íx¿(ÜgÎ�ÑiÍÀ¾VÃhÐ�¿(Ð�¿¡×NºfÎÝºaßv»Ï¿xÅ}ÎÏÄ
È�ºfÎÏ¿xÅÒºxÇ_¿xÈ¡Ã�¼h¿¡ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼�ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿¡Ö�ºf»½â�ÎÏ¿¡¿À¾}Ð�Ä]»½¾lÚÀ¾VÌ{¿(º]ÐhºfÊ3Ô
¾{Íx¿äÜîÎ�ÑiÍÀ¾VÃhÐ�¿äÐ�¿Û×NºfÎÝºaß3»Ï¿xÅgÜîáµºfÉbâÓÍx¿ÞÐ�¿ÛÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼%ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿Læ'ø!¿ÞÈJíÁºfÊ�»½¾VÌ{¿ÞÅ�ÑYºfÌV¾V»ÏÈÀÃ�ÎÏ¿àºfÃ�¾{Ä]Ã�ÌPÐ�¿xÅ
Ê�ÌV»½¼hÈÀ»½ÊÁºfÎÏ¿xÅ(Ð3»:9�ÈÀÃ�Î½¾{ÍxÅ¡Ì{¿À¼hÈxÄ]¼N¾VÌ{Íx¿xÅgºfÃùÈxÄ]Ã�Ì{Å¡Ð�¿ËÈx¿À¾V¾{¿PÍÀ¾VÃhÐ�¿Læsç>ºäÅ{¿xÈÀ¾V»ÏÄ]¼ 8gÊ�Ì{ÍxÅ{¿À¼N¾{¿ÛÎÏ¿xÅÆÌJºf»Ï¿xÅ¡¿À¼
ºfâhÅJÄ]ÌVÊ�¾V»ÏÄ]¼äÍÀ¾VÃhÐ3»ÏÍx¿xÅ!Ðhºf¼hÅ8ÎÏ¿mÈ�º]Ð3Ì{¿lÐ�¿}Èx¿À¾V¾{¿}ÉÛÍÀ¾VíhÄ
Ð�¿Òºf»½¼hÅV»ÁÂ
Ãh¿�ÎÝºtÐ�Í�úh¼�»½¾V»ÏÄ]¼äÐ�¿xÅ8»½¼hÐ3»ÏÈx¿xÅ�º]Å{Å{ÄvÈÀ»ÏÍxÅ�æ*ÒÄ]ÃhÅ¡ºxÇ_Ä]¼hÅtºfÃhÅ{Å{»�¿xÅ{Å�º�=_ÍgÐ�¿(×_ÍÀ¼hÍÀÌJºfÎ½»ÏÅJ¿ÀÌÆÈx¿À¾V¾{¿gÉÛÍÀ¾VíhÄvÐ�¿ËºfÃ3ßðÌJºf»Ï¿xÅÆÐ�¿ V�ºfÎ½ÉÛ¿ÀÌ¡ÐÙÑiÄ]Ì{Ð3Ì{¿PÅVÃ�ÊÓÍÀÌV»Ï¿ÀÃ�Ì
��S �

λ
��S�S�Q / ��¿À¾���Q �

λ
��S�� ? / ��6Á»½ÎÏÅmÅ{Ä]¼N¾}Ê�Ì{ÍxÅ{¿À¼N¾{ÍxÅlÐhºf¼hÅ}Èx¿À¾V¾{¿tÅ{¿xÈÀ¾V»ÏÄ]¼sæÁç>ºËÅ{¿xÈÀ¾V»ÏÄ]¼ �gÊ�Ì{ÍxÅJ¿À¼N¾{¿tÎÏ¿xÅ

ÍxÈJíÁºf¼N¾V»½Î½ÎÏÄ]¼hÅÞÐ�¿Þ×NºfÎÝºaß3»Ï¿xÅËÍÀ¾VÃhÐ3»ÏÍx¿xÅîôûÎÏ¿ÞÊ�Ì{¿ÀÉË»Ï¿ÀÌÛ¿xÅ{¾gÈxÄ]ÉËÊÓÄLÅ{ÍàÐ�¿�×NºfÎÝºaß3»Ï¿xÅPÎÏÄvÈ�ºfÎÏ¿xÅËÐ�ÍÀ¾{¿xÈÀ¾{Íx¿xÅPÊÁºfÌ
èBé}ò � ����º]ÅJÂNÃÁºfÎ½» ������

�ÏØ8º]Å{¾VÌ{Ä]Ê�í���� ? ��R���S�����6�ÎÏ¿îÅ{¿xÈxÄ]¼hÐ&¿xÅV¾ÛÈxÄ]ÉËÊãÄLÅJÍîÐ�¿î×NºfÎÝºaßv»Ï¿xÅ�è ��@¡ø!òÒ¹åæ:çûºÊ�Ì{¿ÀÉË»ÏÕÀÌ{¿îÐ3»:9�ÈÀÃ�Î½¾{ÍàÌ{¿À¼hÈxÄ]¼
¾VÌ{Íx¿ðºüÍÀ¾{ÍäÐ�¿àÐ�ÍÀ¾{¿xÈÀ¾{¿ÀÌÛÈxÄ]ÌVÌ{¿xÈÀ¾{¿ÀÉÛ¿À¼
¾ÛÎÏ¿xÅgÌJºf»Ï¿xÅË¿À¼%ºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼ ¿À¾ËÄ]¼
¾
¼hÍxÈx¿xÅJÅV»½¾{ÍÆÎ�Ñ Ã�¾V»½Î½»ÏÅJºf¾V»ÏÄ]¼ðÐÙÑiÄ]Ã�¾V»½ÎÏÅ}Ü(âÁº]Å{¿ÆÐÙÑYºf¼ÁºfÎ,=3Å{¿¡¿À¼ýÄ]¼hÐ�¿ÀÎÏ¿À¾V¾{¿xÅmÂ
Ã�»ÙÅ{Ä]¼N¾mÐ�ÍÀ¾Jºf»½Î½ÎÏÍxÅmÐhºf¼hÅmÎÝº(ÅJ¿xÈÀ¾V»ÏÄ]¼
�3æ�çûºPÅ{¿xÈÀ¾V»ÏÄ]¼ C Êã¿ÀÌVÉÛ¿À¾V¾VÌJºPÐ�¿ÆÉÛ¿À¾V¾VÌ{¿¡¿À¼ýÍÀÇv»ÏÐ�¿À¼hÈx¿ÆÃ�¼h¿¡ÈxÄ]ÉËÊÁºfÌJºf»ÏÅ{Ä]¼ýÐ3»½Ì{¿xÈÀ¾{¿tÐ�¿xÅ�×NºfÎÝºaß3»Ï¿xÅ�ÎÏÄvÈ�ºfÎÏ¿xÅ¿À¾mÐ3»ÏÅ{¾Jºf¼N¾{¿xÅ}¿À¼àÃ�¾V»½Î½»ÏÅJºf¼
¾mÎÏ¿xÅ�»½¼hÐ3»ÏÈx¿xÅ�Ê�Ì{ÍxÅJ¿À¼N¾{ÍxÅmÐhºf¼hÅ�ÎÝºPÅJ¿xÈÀ¾V»ÏÄ]¼E8Læ�çs¿xÅ�Ê�ÌV»½¼hÈÀ»½ÊÁºfÎÏ¿xÅmÐ3»:9�ÈÀÃ�Î½¾{ÍxÅ}Ì{¿À¼3Ô
ÈxÄ]¼
¾VÌ{Íx¿xÅ�Ì{ÍxÅV»ÏÐ�¿À¼
¾mÐhºf¼hÅuÎ�ÑYº]ÐhºfÊ�¾Jºf¾V»ÏÄ]¼ýÐ�¿ÒÎÝºb¾{¿xÈ{í�¼�»ÏÂ
Ãh¿ÆÃ�¾V»½Î½»ÏÅ{Íx¿ÒÊÁºfÌ�^tºfÃ !ãÉ�ºf¼�¼ ��� ��

� � ���������!ÜgÐ�¿xÅ



� � � � ����
�� 
�� �����Y�T� ����� 
�� �2���w��������� 
��y�����	����	?�

×NºfÎÝºaß3»Ï¿xÅu¿À¼3ÖzÄ]Ã�»Ï¿xÅ�¿À¾!Å{¿ÀÌ{Ä]¼N¾!Ð�ÍÀ¾Jºf»½Î½ÎÏÍxÅ�Ðhºf¼hÅ8ÎÝºtÅJ¿xÈÀ¾V»ÏÄ]¼ ? æ_ì:Î½ÎÏ¿xÅ!Ä]¼N¾�ÍÀ¾{Í�Ö�ºf»½¾{¿xÅu¿À¼ÞÈxÄ]Î½ÎÝºfâãÄ]ÌJºf¾V»ÏÄ]¼îºxÇ_¿xÈ�
¾{ÍÀÊ�íÁºf¼h¿PøuíÁºfÌVÎÏÄ]¾�æhçs¿xÅmÌ{ÍxÅ{Ã�Î½¾Jºf¾{Å}Â
Ã�»s¿À¼ýÐ�ÍxÈxÄ]Ã�ÎÏ¿À¼N¾ÆÅ{¿ÀÌ{Ä]¼N¾mÊ�Ì{ÍxÅJ¿À¼N¾{ÍxÅ}Ðhºf¼hÅmÎÝºËÅ{¿xÈÀ¾V»ÏÄ]¼ðÅVÃ�»½ÇLºf¼N¾{¿Læ
� ��� � ?`(.$fA�& � ; � =F7+& � A.$ï?B;û=FA.$îA�& ;���$f7û?;� � =�7+& ( ����� =%(hA.$ �
���-� � � 	�� 
��'
}�����������.������� � � ������� �

çûºtÐ3»ÏÅ{ÈxÄ]¼
¾V»½¼NÃ�»½¾{ÍÆÜ C ����� / º¡ÍÀ¾{Í�¾VÌ{ÕxÅuÍÀ¾VÃhÐ3»ÏÍx¿}Ðhºf¼hÅ8ÎÝº¡ÉÛ¿xÅVÃ�Ì{¿}ÄA\�¿ÀÎ½ÎÏ¿}¿xÅV¾8ÎÝº¡È�ºfÌJº]ÈÀ¾{ÍÀÌV»ÏÅV¾V»ÏÂ
Ãh¿mÎÝº
Ê�Î½ÃhÅ�Çv»ÏÅV»½â�ÎÏ¿ÆÐ�¿xÅmÅVÊÓ¿xÈÀ¾VÌ{¿xÅ�Ä]Ê�¾V»ÏÂ
Ãh¿xÅmÐ�¿xÅ�×NºfÎÝºaß3»Ï¿xÅ��!V!ÌVÃ�óxÃÁºfÎsò(æ�8>Q�S��3Ø �ÆºfÉË»½Î½¾{Ä]¼ 8>Q�S ? Ø ��Ä]×L×L»Ýºf¼N¾V» �V�ºfÌVâÁºfÌ{Ä 8>Q�Q��vØ3V�ºfÎÏÄ]×Lí ������

�78>Q�Q�Q���æµì:Î½ÎÏ¿g¿xÅV¾lºf»½¼hÅ{»>Ö�º]ÈÀ»½ÎÏ¿ÀÉÛ¿À¼N¾Ò»ÏÐ�¿À¼N¾V»Fúµºfâ�ÎÏ¿P¿À¾}ÉÛ¿xÅ{Ã�ÌJºfâ�ÎÏ¿b¼hÄ]¾JºfÉPÔ
ÉÛ¿À¼
¾uÅVÃ�Ì8ÎÏ¿xÅuÅVÊÓ¿xÈÀ¾VÌ{¿xÅ�Ð�¿�×NºfÎÝºaß3»Ï¿xÅ!Ü¡âÁº]Å{Å{¿�Ì{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼sæ3ø!¿À¾V¾{¿}Ð3»ÏÅ{ÈxÄ]¼
¾V»½¼NÃ�»½¾{ÍÆ¿xÅV¾8ÈÀÌ{ÍxÍx¿}ÊÁºfÌ�Ã�¼h¿mÅ{ÍÀÌV»Ï¿
Ð�¿�ÌJºf»Ï¿xÅu¿À¼äºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼ÞÎÏÄ
È�ºfÎ½»ÏÅJÍx¿xÅÙñjÃhÅV¾{¿mºxÇLºf¼N¾ C ����� / Ðhºf¼hÅ8ÎÏ¿xÅ8ÍÀ¾{Ä]»½ÎÏ¿xÅ!Ð�¿mÐ3Ã�Ì{Íx¿lÐ�¿�Ç
»Ï¿}ÅVÃ�ÊãÍÀÌV»Ï¿ÀÃ�Ì{¿
Ü 8gÉË»½Î½Î½»ÝºfÌ{Ð<ÐÙÑYºf¼�¼hÍx¿xÅ�æ �:Î½ÃhÅV»Ï¿ÀÃ�Ì{ÅtÉÛÍÀ¾VíhÄ
Ð�¿xÅ¡¿�ß3»ÏÅV¾{¿À¼N¾ÆÊÓÄ]Ã�Ì¡ÎÝºÞÉÛ¿xÅVÃ�Ì{¿ÀÌj6ÓÄ]¼�Ã�¾V»½Î½»ÏÅJ¿P×_ÍÀ¼hÍÀÌJºfÎÏ¿ÀÉÛ¿À¼N¾
Ð�¿xÅ�ÌJºfÊ�ÊãÄ]ÌV¾{ÅuÐ�¿�áhÃ3ßËÊ�ÌV»ÏÅ�Ð�¿mÈJíÁº]ÂNÃh¿lÈ �]¾{Í}Ð�¿�ÎÝºtÐ3»ÏÅ{ÈxÄ]¼N¾V»½¼
Ã�»½¾{ÍLævçûºtÐ�Í�úh¼�»½¾V»ÏÄ]¼ÞÐ�¿BV�ºfÎÏÄ]×Lí�¿À¾!ºfÎm8>Q�Q�Q
ÄA\�þ C ����� 1	� fν

� C �����aÔ C 8 ��� / ��
 � � fν
� ��S ? �aÔ ��Q ? � / ��
�¿xÅV¾l¾VÌ{ÕxÅ}Ã�¾V»½Î½»ÏÅ{Íx¿äôÁ¿ÀÎ½ÎÏ¿(¿xÅV¾}ÉÛÄ]»½¼hÅÒÅ{¿À¼hÅV»½â�ÎÏ¿ÜýÎ�ÑYºf¾V¾{ÍÀ¼NÃÁºf¾V»ÏÄ]¼ È�ºfÌbÎÏ¿xÅb»½¼N¾{¿ÀÌVÇLºfÎ½ÎÏ¿xÅgÐ�¿ÛÎÏÄ]¼�×LÃh¿ÀÃ�ÌgÐÙÑiÄ]¼hÐ�¿äÂNÃ�»�Êã¿ÀÌVÉÛ¿À¾V¾{¿À¼
¾PÐ�¿�È�ºfÎÏÈÀÃ�ÎÏ¿ÀÌ(ÎÏ¿xÅbÇ]ºfÎÏ¿ÀÃ�Ì{Å

ÉÛÄG=_¿À¼�¼h¿xÅlÅ{Ä]¼
¾mÊ�Î½ÃhÅmÍÀ¾VÌ{Ä]»½¾{Å�æ

�
	�� 
 �væ,8 �§ì:Ç_Ä]Î½Ã�¾V»ÏÄ]¼~¾{¿ÀÉËÊÓÄ]Ì{¿ÀÎ½ÎÏ¿ðÐ�¿ ��S3Ø ��Q3Ø �
δ
¿À¾Þþ C �����<ÊÓÄ]Ã�Ì�Ã�¼h¿ýáµºfÉbâÓÍx¿üÐ�¿àÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿ä»½¼hÅV¾Jºf¼
¾Jºf¼hÍx¿LØ:ÅM=v¼N¾VíhÍÀ¾V»ÏÅ{Íx¿îºxÇ_¿xÈýêÆòÒçsò �Òì�; �!VuÌVÃ�óxÃÁºfÎ ��øuíÁºfÌVÎÏÄ]¾�Ø ����������æ C ÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{ÍÄ]¼
¾�ÍÀ¾{ÍäÃ�¾V»½Î½»ÏÅ{Íx¿xÅËÊÓÄ]Ã�ÌÛÈ{íÁº]Â
Ãh¿äúh×LÃ�Ì{¿ùô�ÎÏ¿à¾VÌJºf»½¾ÛÈxÄ]¼N¾V»½¼NÃ,Ì{¿ÀÊ�Ì{ÍxÅ{¿À¼N¾{¿ � 1 �3æ ��� 1 Z�

Ø�ÎÏ¿xÅPÊÓÄ]»½¼N¾V»½Î½ÎÏÍxÅ
� 1 �3æ � ? 1 �3æ ? Z�

Ø�ÎÏ¿xÅ�ÊÓÄ]»½¼N¾{ÅjÔ�¾V»½Ì{¿À¾{Å � 1 �3æ ����S 1 Z�

���3æ ? ¿À¾�ÎÏ¿xÅ�ÊãÄ]»½¼
¾V»½Î½ÎÏÍxÅbô � 1 �3æ ��� C 1 Z�

æ ? æ
�8Ì{¿À¼hÄ]¼hÅ¡Î�Ñi¿�ß3¿ÀÉËÊ�ÎÏ¿ËÐ�¿gÎÝº�ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ùÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ¡»½¼hÅV¾Jºf¼N¾Jºf¼hÍx¿Læ>ë}¼<Ð3»Ýºf×LÌJºfÉËÉÛ¿ËÐ�¿gÎÝºÞúh×LÃ�Ì{¿ �væ,8

ÉÛÄ]¼
¾VÌ{¿àÎ�ÑiÍÀÇ_Ä]Î½Ã�¾V»ÏÄ]¼§¾{¿ÀÉËÊÓÄ]Ì{¿ÀÎ½ÎÏ¿àÐ�¿Þþ C ������¿À¼åÖZÄ]¼hÈÀ¾V»ÏÄ]¼ Ð�¿ÞÎÝºýÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{Í �
� 1 �3æ ��� 1 Z�

Ô�Î½»½×L¼h¿ä¿À¼
¾VÌJºf»½¾ÒÈxÄ]¼N¾V»½¼NÃ3ÔJØ � 1 �3æ � ? 1 æ ? Z�

Ô�ÊÓÄ]»½¼N¾{Å}ÔlØ � 1 �3æ ����S 1 Z�

���3æ ? Ô�ÊÓÄ]»½¼N¾{ÅVÔ�¾V»½Ì{¿À¾{Å}ÔJØ � 1 �3æ ��� C 1 Z�

� ? Ô¾V»½Ì{¿À¾{Å�Ô ��æ3þ C �����g¼h¿lÖzºf»½¾�Â
Ãh¿ÆÈÀÌ{ÄföÏ¾VÌ{¿tºfÃýÈxÄ]Ã�Ì{Å�Ð3Ãî¾{¿ÀÉËÊhÅ¡ô
»½ÎÓ¼hÄ]ÃhÅ�Ì{¿À¼hÅJ¿À»½×L¼h¿¡Ð�Ä]¼hÈ¡ÅJºf¼hÅ�ÍxÂNÃ�»½Ç_ÄvÂNÃh¿
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 �væ � �Ëì:Ç_Ä]Î½Ã�¾V»ÏÄ]¼à¾{¿ÀÉËÊãÄ]Ì{¿ÀÎ½ÎÏ¿ÆÐ�¿��
δ
¿À¾!þ C �����tÊÓÄ]Ã�ÌuÃ�¼h¿}ÖzÄ]ÌVÉ�ºfÌV¾V»ÏÄ]¼äÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿ÆÐ�¿}¾U=vÊã¿ � �'é ∝¿�ß3Ê � Ô�¾ �

τ
�:ºxÇ_¿xÈ

τ 1 � �@ÊãÄ]»½¼
¾V»½Î½ÎÏÍxÅ �'¿À¾ τ 1 �3æ ? �@¾VÌJºf»½¾8ÈxÄ]¼N¾V»½¼
Ã���æ
çûºÒÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{Í}¿xÅV¾:Å{Ä]ÎÝºf»½Ì{¿Læ
ê¡òlçsò �Æì+;�!V!ÌVÃ�óxÃÁºfÎ �tøuíÁºfÌVÎÏÄ]¾�Ø�����������æ

Å{Ã�ÌlÎ�ÑYÿf×_¿PÐ�¿xÅÆÍÀ¾{Ä]»½ÎÏ¿xÅÆÂNÃ�»'Ð�Ä]ÉË»½¼h¿À¼N¾¡ÎÝº�Ì{ÍÀ×L»ÏÄ]¼<Ð�¿xÅ C ����� / ØµÈx¿ÀÊÓ¿À¼hÐhºf¼N¾¡ÅJº�Ç]ºfÌV»Ýºf¾V»ÏÄ]¼<¿xÅV¾ÆÐÙÑYºfÃ�¾Jºf¼N¾Ê�Î½ÃhÅmÖZÄ]ÌV¾{¿¡Â
Ãh¿ÆÎÏ¿xÅmÍÀ¾{Ä]»½ÎÏ¿xÅlÅ{Ä]¼N¾mÇv»Ï¿À»½Î½ÎÏ¿xÅ�æ�è¦Îs¿xÅV¾mÐ�Ä]¼hÈ¡Ê�Î½ÃhÅlÅ{¿À¼hÅV»½â�ÎÏ¿tºfÃ3ßîÍÀ¾{Ä]»½ÎÏ¿xÅmÇv»Ï¿À»½Î½ÎÏ¿xÅ�æ�ò}ÃýÐ�¿ÀÎÝÜÛÐ�¿
RbÉË»½Î½Î½»ÝºfÌ{ÐàÐÙÑYºf¼�¼hÍx¿xÅ�ØvÈx¿À¾u»½¼hÐ3»ÏÈx¿Æ¿xÅV¾�º]Å{Å{¿ÀólÅJ¿À¼hÅV»½â�ÎÏ¿ÒÜbÎÝº¡ÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{ÍÆÊ�Ã�»ÏÅJÂNÃh¿}ÊãÄ]Ã�Ì!Ã�¼àÿf×_¿ÒÐ�Ä]¼�¼hÍLØ
»½Î
ÊÓ¿ÀÃ�¾�Ç]ºfÌV»Ï¿ÀÌmÐ�¿ 8 ? �¸ÅVÃ�Ì�ÎÏ¿ÆÐ�Ä]É�ºf»½¼h¿¡Ð�¿lÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{Í X �3æ C Z�

Ø �3æ ? Z�

[sÂNÃ�»Ù¿xÅV¾�Èx¿ÀÎ½Ã�»ÙÐ�¿Ò¼hÄLÅ�×NºfÎÝºaßv»Ï¿xÅ
�Zçs»Ýºf¼�× ��� ��

�ÏØ ����� C ��6�ò}Ã(ÈxÄ]¼N¾VÌJºf»½Ì{¿LØf¿À¼bÐ�¿xÅ{Å{Ä]ÃhÅsÐÙÑ Ã�¼bÉË»½Î½ÎÝºfÌ{ÐbÐÙÑYºf¼�¼hÍx¿xÅ�ØkÎ�Ñ »½¼3áhÃh¿À¼hÈx¿�Ð�¿:ÎÝº�ÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{Í¿xÅ{¾8»½¼3ÖZÍÀÌV»Ï¿ÀÃ�Ì{¿ÒÜ ���äæ
þÆºf¼hÅ�ÎÏ¿mÈ�º]Å�Ð�¿m×NºfÎÝºaßv»Ï¿xÅ!ºxÇ_¿xÈmÃ�¼h¿máµºfÉbâÓÍx¿}Ð�¿�ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÞÅ{¾{¿ÀÎ½ÎÝºf»½Ì{¿LØ_ÎÏ¿xÅ�ÍÀ¾{Ä]»½ÎÏ¿xÅ
ñV¿ÀÃ�¼h¿xÅlÇ_Ä]¼N¾ÒÌJºfÊ�»ÏÐ�¿ÀÉÛ¿À¼N¾¡Ð�Ä]ÉË»½¼h¿ÀÌÒþ C ������¿À¾}»½¼hÐ3Ã�»½Ì{¿(Ã�¼üþ C �����ËÖ�ºf»½â�ÎÏ¿bÈxÄ]ÉËÉÛ¿gÄ]¼ðÎÏ¿bÇ_¿ÀÌVÌJºËÊÁºfÌlÎÝºÅ{Ã�»½¾{¿+6sÎÝºàÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{ÍàºfÃ�ÌJºîÐ�Ä]¼hÈÛÃ�¼h¿Û»½¼3áhÃh¿À¼hÈx¿ÞÐ�¿ËÎ�ÑiÄ]Ì{Ð3Ì{¿ÞÐ�¿ � �äæ �:Ì{¿À¼hÄ]¼hÅbÎÏ¿�È�º]ÅtÊ�Î½ÃhÅtÌ{Í�ºfÎ½»ÏÅ{¾{¿
ÐÙÑ Ã�¼h¿(ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼�ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ¡Ð�¿(¾U=vÊÓ¿ � �'é

∝
¿�ß3Ê � Ô�¾ �

τ
��æµçûºËúh×LÃ�Ì{¿ �væ ��Ì{¿ÀÊ�Ì{ÍxÅ{¿À¼
¾{¿gÐ�¿ÀÃ3ß�¿�ß3¿ÀÉËÊ�ÎÏ¿xÅ

ÊÓÄ]Ã�Ì
τ 1 � �@ÊãÄ]»½¼
¾V»½Î½ÎÏÍxÅ �l¿À¾

τ 1 �3æ ? �@¾VÌJºf»½¾ÒÈxÄ]¼
¾V»½¼NÃ���æj@l¼�Êã¿ÀÃ�¾ÒÈxÄ]¼hÅV»ÏÐ�ÍÀÌ{¿ÀÌÒÂ
Ãh¿tÎÝºÛÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼�ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿
ÐÙÑ Ã�¼h¿P×NºfÎÝºaß3»Ï¿PÅVÊ�»½ÌJºfÎÏ¿gÊãÄ]Ã�ÌVÌJºf»½¾tÚÀ¾VÌ{¿gÌ{¿ÀÊ�Ì{ÍxÅ{¿À¼
¾{Íx¿�ºxÇ_¿xÈ

τ 1 �ä¿À¾¡Èx¿ÀÎ½ÎÏ¿ËÐÙÑ Ã�¼h¿(×NºfÎÝºaß3»Ï¿P¿ÀÎ½Î½»½Ê�¾V»ÏÂNÃh¿PÊÁºfÌ
τ 1 �3æ ? æÓø!¿t¾U=vÊÓ¿tÐ�¿ÆÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼�ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿bÇ]ºÛÚÀ¾VÌ{¿¡Ã�¾V»½Î½»ÏÅ{ÍtÊÁºfÌ}ÎÝºÛÅVÃ�»½¾{¿¡ÊÓÄ]Ã�ÌmÉÛÄvÐ�ÍÀÎ½»ÏÅ{¿ÀÌ}ÎÝºËÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ}ÊÁº]Å{Å{Íx¿tÐ�¿xÅ}çsè¦émêÆÅ}Ðhºf¼hÅ�ÎÏ¿xÅmÐ�¿ÀÌV¼�»Ï¿ÀÌ{ÅmÉË»½Î½Î½»ÝºfÌ{Ð�ÅlÐÙÑYºf¼�¼hÍx¿xÅ�æ

ò}Ã-Ð�¿ÀÎÝÜùÐÙÑ Ã�¼&ÉË»½Î½Î½»ÝºfÌ{Ð-ÐÙÑYºf¼�¼hÍx¿xÅ�Ø�ÎÝº<×NºfÎÝºaß3»Ï¿üºxÇ_¿xÈ
τ 1 �õº<Ð�Ä]¼hÈüÃ�¼h¿üº]ÈÀ¾V»½Çv»½¾{ÍðÐ�¿ýÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼Å{¾{¿ÀÎ½ÎÝºf»½Ì{¿ðÊ�Î½ÃhÅ�Özºf»½â�ÎÏ¿üÈ�ºfÌÞ¿ÀÎ½ÎÏ¿ïºïÖzÄ]ÌVÉÛÍýÎÝºùÉ�ºañjÄ]ÌV»½¾{Í�Ð�¿ðÅ{¿xÅÞÍÀ¾{Ä]»½ÎÏ¿xÅä¾VÌ{ÕxÅ�¾��]¾�æuþÆºf¼hÅÞÎÏ¿xÅäÐ�¿ÀÃ3ß&È�º]Å

Ä]¼-ÊÓ¿ÀÃ�¾ÞÈxÄ]¼hÅV¾Jºf¾{¿ÀÌàÂNÃh¿üþ C �����åºfÃ�×LÉÛ¿À¼
¾{¿ïºfÃ-ÈxÄ]Ã�Ì{ÅÞÐ3Ã-¾{¿ÀÉËÊhÅ�æuçs¿xÅàÍÀ¾{Ä]»½ÎÏ¿xÅtñV¿ÀÃ�¼h¿xÅÞ¿À¾äÈ{íÁºfÃhÐ�¿xÅÅJ¿ÛÖzÄ]ÌVÉÛ¿À¼N¾ËÈxÄ]¼N¾V»½¼���ÉÛ¿À¼N¾ä¿À¾gÅ�ÑiÄ]Ê�ÊÓÄLÅ{¿À¼
¾ËÜüÈx¿À¾V¾{¿àÍÀÇ_Ä]Î½Ã�¾V»ÏÄ]¼sæ8ø!¿ÀÊã¿À¼hÐhºf¼
¾�Ø8ºfÃõÖZÃ�Ìg¿À¾ÛÜðÉÛ¿xÅVÃ�Ì{¿LØûÎÏ¿
ÌJºfÊ�ÊÓÄ]ÌV¾�ÍÀ¾{Ä]»½ÎÏ¿xÅ�Ç_¿À»½Î½ÎÏ¿xÅ �JñV¿ÀÃ�¼h¿xÅ�ºfÃ�×LÉÛ¿À¼N¾{¿LØ3Èx¿}Â
Ã�»µ¿�ß3Ê�Î½»ÏÂ
Ãh¿mÎ�ÑYºfÃ�×LÉÛ¿À¼N¾Jºf¾V»ÏÄ]¼îÊ�Ì{Ä]×LÌ{¿xÅJÅV»½Ç_¿lÐ�¿lþ C �����3æþ C �����î¼hÄ]ÃhÅÆ»½¼hÐ3»ÏÂNÃh¿ËÎ�ÑYÿf×_¿ËÐ�¿PÎÝºÞÊÓÄ]Ê�Ã�ÎÝºf¾V»ÏÄ]¼õÂ
Ã�»8Ð�Ä]ÉË»½¼h¿PÎ�ÑiÍÀÉË»ÏÅ{ÅV»ÏÄ]¼õºfÃ�¾{Ä]Ã�ÌbÐ�¿ C ����� / æsø!¿�ÔÊÓ¿À¼hÐhºf¼N¾�Øs»½Î8¿xÅV¾¡Ê�Î½ÃhÅtÅ{¿À¼hÅV»½â�ÎÏ¿Ë¿À¾¡ÇLºfÌV»Ï¿PâÓ¿�ºfÃhÈxÄ]Ã�ÊùÊ�Î½ÃhÅÆÖzÄ]ÌV¾{¿ÀÉÛ¿À¼N¾tÊÓÄ]Ã�Ì¡ÎÏ¿xÅtÍÀ¾{Ä]»½ÎÏ¿xÅ¡Çv»Ï¿À»½Î½ÎÏ¿xÅ�æÙè¦Î8¿xÅV¾
Ð�Ä]¼hÈt¼hÍxÈx¿xÅ{ÅJºf»½Ì{¿tÐ�¿¡ÎÏ¿¡ÈxÄ]É(â�»½¼h¿ÀÌÒÜPÃ�¼ðºfÃ�¾VÌ{¿t»½¼hÐ3»ÏÈ�ºf¾{¿ÀÃ�Ì}Ê�Î½ÃhÅ}ÅJ¿À¼hÅV»½â�ÎÏ¿tºfÃ3ßàÍÀ¾{Ä]»½ÎÏ¿xÅ8ñj¿ÀÃ�¼h¿xÅkæ
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ì:Î½ÎÏ¿xÅ}Å{Ä]¼
¾�É�ºañjÄ]ÌV»½¾Jºf»½Ì{¿ÀÉÛ¿À¼
¾}Ê�Ì{ÄvÐ3Ã�»½¾{¿xÅmÊÁºfÌ�ÎÏ¿xÅ�ÍÀ¾{Ä]»½ÎÏ¿xÅmÐ�¿Æ¾ =
ÊÓ¿¡ògØ3Ê�Ã�»ÏÅ�ÊÁºfÌ�ÎÏ¿xÅ�ÍÀ¾{Ä]»½ÎÏ¿xÅmÃ�¼îÊÓ¿ÀÃ
Ê�Î½ÃhÅbÖZÌ{Ä]»ÏÐ�¿xÅ ����Ø7^ ¿À¾Pê���æ>òlÃåÐ�¿ÀÎÝÜðÎÝºî¾{¿ÀÉËÊÓÍÀÌJºf¾VÃ�Ì{¿äÐ�¿xÅPºf¾VÉÛÄLÅVÊ�íhÕÀÌ{¿xÅPÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿xÅP¿xÅV¾(¾VÌ{Ä]ÊùÖZÌ{Ä]»ÏÐ�¿
ÊÓÄ]Ã�ÌËÄ !ãÌV»½ÌPÐ�¿xÅPÈxÄ]¼hÐ3»½¾V»ÏÄ]¼hÅPÊ�Ì{Ä]Ê�»ÏÈx¿xÅÛÜüÎÏ¿ÀÃ�ÌbÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼sæ:çs¿xÅgÌJºf»Ï¿xÅPÐ�¿ V�ºfÎ½ÉÛ¿ÀÌËÐÙÑiÄ]Ì{Ð3Ì{¿àÅVÃ�ÊÓÍÀÌV»Ï¿ÀÃ�Ì
����Sg¿À¾�� Q��uÅ{Ä]¼
¾�»½¼N¾{ÍÀÌ{¿xÅ{ÅJºf¼
¾{¿xÅlÜgÍÀ¾VÃhÐ3»Ï¿ÀÌmÈ�ºfÌm¿ÀÎ½ÎÏ¿xÅ�Å{Ä]¼
¾�Å{»½¾VÃhÍx¿xÅ}Ü(Ê�Î½ÃhÅ�ÈxÄ]Ã�ÌV¾{¿ÆÎÏÄ]¼�×LÃh¿ÀÃ�ÌmÐÙÑiÄ]¼hÐ�¿¡¿À¾
ÅJÄ]¼N¾}Ð�Ä]¼hÈ¡Ê�Î½ÃhÅ�Özº]ÈÀ»½ÎÏ¿ÀÉÛ¿À¼
¾Òº]ÈxÈx¿xÅ{ÅV»½â�ÎÏ¿xÅlÐhºf¼hÅ�ÎÏ¿xÅmÅVÊÓ¿xÈÀ¾VÌ{¿xÅmÐ�¿xÅlÄ]â3ñj¿À¾{ÅmÐ3»ÏÅ{¾Jºf¼N¾{Å�æ
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ç>¿xÅÆ»½¼hÐ3»ÏÈx¿xÅ¡Ð�¿(çÙ»ÏÈ{b�Ä]¼
¾¡ÍÀ¾{Í(Ê�Ì{ÍxÅJ¿À¼N¾{ÍxÅ¡ÈxÄ]ÉËÉÛ¿gÎÏ¿PÈ{íhÄ]»FßüÎÏ¿gÊ�Î½ÃhÅ¡ºfÊ�Ê�Ì{Ä]Ê�ÌV»ÏÍPÊÓÄ]Ã�ÌlÉÛ¿xÅVÃ�Ì{¿ÀÌtÈx¿xÅ
ÌJºf»Ï¿xÅtÐhºf¼hÅtÎÏ¿gÈ�º]Ð3Ì{¿�Ð�¿P¼hÄ]¾VÌ{¿ËÍÀ¾VÃhÐ�¿LØÙÉ�ºf»ÏÅÆ»½Î8¿�ßv»ÏÅ{¾{¿PÊ�Î½ÃhÅV»Ï¿ÀÃ�Ì{ÅtÐ�Í�úh¼�»½¾V»ÏÄ]¼ùÊÓÄ]Ã�Ì �

δ
æÙç>ºàÐ�Í�úh¼�»½¾V»ÏÄ]¼

ÎÝºPÊ�Î½ÃhÅmÃ�¾V»½Î½»ÏÅ{Íx¿t¿xÅV¾mÈx¿ÀÎ½ÎÏ¿(Ð�¿ �ùÄ]ÌV¾Víh¿5= � @l¾V¾JºxÇv»Ýºf¼�» �`8>Q�Q�����ØhÈ�ºfÌmÎÝºËÎÝºfÌV×_¿ÀÃ�Ì}ÍxÂNÃ�»½ÇLºfÎÏ¿À¼N¾{¿(Ð�¿
Hδ

¿xÅV¾
ÉÛÄ]»½¼hÅmÅJ¿À¼hÅV»½â�ÎÏ¿tÜgÎ�ÑYºf¾V¾{¿À¼NÃÁºf¾V»ÏÄ]¼sæãèeÎÓ¼sÑi¿�ß3»ÏÅV¾Jºf»½¾�ÊÁº]ÅmÐ�¿¡Ð�Í�úh¼�»½¾V»ÏÄ]¼ýÊÓÄ]Ã�Ì�ÎÏ¿xÅ�ÌJºf»Ï¿xÅmÐ�¿cV�ºfÎ½ÉÛ¿ÀÌmÐÙÑiÄ]Ì{Ð3Ì{¿
ÅVÃ�ÊÓÍÀÌV»Ï¿ÀÃ�Ì ��SÞ¿À¾ ��Q3æ �hÑYºf»8Ð�Ä]¼hÈËÐ�Í�úh¼�»�Ð�¿xÅÆÊhÅ{¿ÀÃhÐ�ÄLÅbÈxÄ]¼N¾V»½¼NÃhÅ(¿À¾ÆÃ�¼ùÈxÄ]¼N¾V»½¼NÃåÊãÄ]Ã�Ì¡ÈJíÁº]ÂNÃh¿Ë»½¼hÐ3»ÏÈx¿
¿À¼üÉýÑYºf»ÏÐhºf¼N¾ÆÐ�¿xÅ�Öz¿À¼hÚÀ¾VÌ{¿xÅlÐ�Í�úh¼�»Ï¿xÅlÊÁºfÌBV!»ÏÈ�º ��ò}Î½ÎÏÄ]»½¼ �`8>Q�S�R���æ3aûÄ]ÃhÅlÈx¿xÅ}»½¼hÐ3»ÏÈx¿xÅlÅ{Ä]¼
¾}Ê�Ì{ÍxÅ{¿À¼
¾{ÍxÅÒÜ
ÎÝºP¾Jºfâ�ÎÏ¿ 8Læ �3æ

þ¡ºf¼hÅÛêÆòÒçsò �Òì+;PØsÎÏ¿xÅ(ÌJºf»Ï¿xÅP¿À¼§ÍÀÉË»ÏÅJÅV»ÏÄ]¼õ¼h¿äÅ{Ä]¼N¾gÊÁº]Å(ÉÛÄ
Ð�ÍÀÎ½»ÏÅ{Íx¿xÅm6>ÊÓÄ]Ã�ÌV¾Jºf¼N¾�Ø:ºfÃ3ßõÎÏÄ]¼�×_¿ÀÃ�Ì{Å
ÐÙÑiÄ]¼hÐ�¿õº]ÅJÅ{Ä
ÈÀ»ÏÍx¿xÅîºfÃ3ß~ÌJºf»Ï¿xÅîÐ�¿ V�ºfÎ½ÉÛ¿ÀÌý¿À¼ ºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼sØ�ÎÏ¿xÅýÅVÊÓ¿xÈÀ¾VÌ{¿xÅîÄ]âhÅ{¿ÀÌVÇ_ÍxÅàÊ�Ì{ÍxÅ{¿À¼
¾{¿À¼N¾ðÃ�¼h¿
ÈxÄ]É(â�»½¼Áºf»ÏÅ{Ä]¼ Ð�¿�ÌJºf»Ï¿xÅË¿À¼%ÍÀÉË»ÏÅ{ÅV»ÏÄ]¼§»ÏÅ{ÅVÃh¿xÅPÐ�¿xÅg¼hÍÀâ�Ã�ÎÏ¿ÀÃhÅ{¿xÅg×Nºfó�¿ÀÃhÅ{¿xÅË¿À¾PÐ�¿xÅgÌJºf»Ï¿xÅg¿À¼ ºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼
Ê�Ì{ÄvÐ3Ã�»½¾{¿xÅÆÊÁºfÌ¡ÎÏ¿xÅ¡ºf¾VÉÛÄLÅVÊ�íhÕÀÌ{¿xÅtÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿xÅ�æÓòûÇ]ºf¼
¾¡ÐÙÑiÍÀ¾VÃhÐ3»Ï¿ÀÌbÐ3»½Ì{¿xÈÀ¾{¿ÀÉÛ¿À¼N¾tÎÏ¿xÅÒÌJºf»Ï¿xÅ¡¿À¼ùºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼
ÅVÃ�Ì:ÎÏ¿xÅ�ÅVÊã¿xÈÀ¾VÌ{¿xÅkØ]»½ÎÁ¿xÅV¾:¼hÍxÈx¿xÅ{ÅJºf»½Ì{¿}Ð�¿�ÎÏ¿xÅ8ÈxÄ]ÌVÌV»½×_¿ÀÌ�Ð�¿xÅ8ÌJºf»Ï¿xÅ�¿À¼ÛÍÀÉË»ÏÅ{ÅV»ÏÄ]¼sæ_þÆ¿ÀÃ3ßP¾{¿xÈ{í�¼�»ÏÂ
Ãh¿xÅu¿�ß3»ÏÅV¾{¿À¼N¾
ÊÓÄ]Ã�Ì:Ì{¿À¾V»½Ì{¿ÀÌ:ÎÏ¿xÅ:ÌJºf»Ï¿xÅ8¿À¼ËÍÀÉË»ÏÅ{ÅV»ÏÄ]¼sæy@l¼ËÊÓ¿ÀÃ�¾:Ì{Í�ºfÎ½»ÏÅ{¿ÀÌ:Ã�¼�ºañjÃhÅV¾{¿ÀÉÛ¿À¼N¾uÐ�¿xÅ'ÌJºf»Ï¿xÅ8¿À¼ÛÍÀÉË»ÏÅ{ÅV»ÏÄ]¼ËÊ�Ã�»ÏÅ:ÎÏ¿xÅ
Ì{¿À¾V»½Ì{¿ÀÌÒ¼NÃ�ÉÛÍÀÌV»ÏÂ
Ãh¿ÀÉÛ¿À¼N¾�ØÓÉ�ºf»ÏÅlÈx¿À¾V¾{¿bÉÛÍÀ¾VíhÄvÐ�¿t¼hÍxÈx¿xÅ{Å{»½¾{¿bÐ�¿tâ�»Ï¿À¼üÌ{ÍxÅ{Ä]ÃhÐ3Ì{¿gÈx¿xÅmÌJºf»Ï¿xÅÒ¿À¼üÍÀÉË»ÏÅ{ÅV»ÏÄ]¼ 6
Ä]Ì8ÎÝºlÖ�ºf»½â�ÎÏ¿xÅ{Å{¿�Ð�¿xÅ�ÌJºf»Ï¿xÅ8Ð�¿WV�ºfÎ½ÉÛ¿ÀÌ�ÐÙÑiÄ]Ì{Ð3Ì{¿mÅ{Ã�ÊãÍÀÌV»Ï¿ÀÃ�Ì�ØLÎÏ¿ÀÃ�Ì8ÖZÄ]ÌV¾{¿mºf¾V¾{¿À¼
ÃÁºf¾V»ÏÄ]¼ä¿À¾8ÎÏ¿�ÌJºfÊ�ÊÓÄ]ÌV¾�ÅV»½×L¼ÁºfÎ
ÅVÃ�Ì�â�ÌVÃ�»½¾u¿ÀÉËÊÓÚxÈ{íh¿À¼N¾�Ã�¼h¿lÐ�ÍÀ¾{¿xÈÀ¾V»ÏÄ]¼ÞÈÀÎÝºf»½Ì{¿}Ð�¿lÈx¿xÅ�Ð�¿ÀÌV¼�»ÏÕÀÌ{¿xÅ�ævç8ÑYºfÃ�¾VÌ{¿}¾{¿xÈ{í�¼�»ÏÂ
Ãh¿lÈxÄ]¼hÅV»ÏÅ{¾{¿}Ü¡Ã�¾V»½Î½»ÏÅ{¿ÀÌ
ÎÏ¿xÅ(ÌJºfÊ�ÊãÄ]ÌV¾{Åg¾VíhÍxÄ]ÌV»ÏÂ
Ãh¿xÅP¿À¼N¾VÌ{¿ÞÌJºf»Ï¿xÅgÐ�¿ V�ºfÎ½ÉÛ¿ÀÌ(¾Jºfâ�Ã�ÎÏÍxÅgÊÁºfÌ @ÒÅV¾{¿ÀÌVâ�Ì{Ä
È{b �`8>Q�S�Q��b¿À¾(ÎÏ¿xÅ(ÌJºf»Ï¿xÅ(¿À¼
ÍÀÉË»ÏÅ{Å{»ÏÄ]¼ �

β
Ä]Ã �

γ
ØÓÊãÄ]Ã�ÌbÊ�Ì{ÍxÐ3»½Ì{¿ÛÎÏ¿xÅtÌJºf»Ï¿xÅb¿À¼õÍÀÉË»ÏÅ{ÅV»ÏÄ]¼å¾VíhÍxÄ]ÌV»ÏÂNÃh¿xÅ(¿À¾tÎÏ¿xÅ¡Ì{¿À¾V»½Ì{¿ÀÌ �!^tºfÃ !ÓÉ�ºf¼�¼

��� ��

� ����������æ:ø!¿ÀÊã¿À¼hÐhºf¼
¾�Ø>»½Î!¿xÅV¾b¼hÍxÈx¿xÅ{Å�ºf»½Ì{¿�»ÏÈÀ»!Ð�¿�ÈxÄ]ÌVÌV»½×_¿ÀÌPÈx¿xÅbÌJºf»Ï¿xÅg¿À¼åÍÀÉË»ÏÅ{Å{»ÏÄ]¼å¾VíhÍxÄ]ÌV»ÏÂ
Ãh¿xÅ(Ð�¿
Î�ÑYºf¾V¾{¿À¼
ÃÁºf¾V»ÏÄ]¼-ºxÇLºf¼N¾ÞÐ�¿àÎÏ¿xÅËÅ{Ä]ÃhÅV¾VÌJºf»½Ì{¿ðºfÃ ÅVÊÓ¿xÈÀ¾VÌ{¿Læ;*lÄ]ÃhÅÞºxÇ_Ä]¼hÅËÃ�¾V»½Î½»ÏÅ{ÍàÎ�ÑYºf¾V¾{¿À¼
ÃÁºf¾V»ÏÄ]¼,¿xÅV¾V»½ÉÛÍx¿ýÜ
ÊÁºfÌV¾V»½ÌmÐ�¿xÅ�ÌJºf»Ï¿xÅmÐ�¿�V�ºfÎ½ÉÛ¿ÀÌ��ZçÙ»Ýºf¼�× ��� ��

�ÏØ ����� C �!¿À¾�ÎÝº(ÎÏÄ]»sÐÙÑYºf¾V¾{¿À¼NÃÁºf¾V»ÏÄ]¼üÐ�¿tø�ºfÎ½ó�¿À¾V¾V»>¿À¾mºfÎ�æ
� ����������æì:Î½ÎÏ¿(ºfÊ�ÊãÄ]ÌV¾{¿¡Ã�¼h¿bÈxÄ]ÌVÌ{¿xÈÀ¾V»ÏÄ]¼üÐ�¿ �

δ
¿À¾ ��Sg»½¼3ÖzÍÀÌV»Ï¿ÀÃ�Ì{¿bÜ ��� ��¿À¼ýÎÝºfÌV×_¿ÀÃ�Ì}ÍxÂ
Ã�»½ÇLºfÎÏ¿À¼N¾{¿Læ

çûºÛúh×LÃ�Ì{¿ �væ,8(ÉÛÄ]¼
¾VÌ{¿gÎ�ÑiÍÀÇ_Ä]Î½Ã�¾V»ÏÄ]¼ùÐ�¿ ��S3Ø���QÞ¿À¾��
δ
¿À¼ðÖzÄ]¼hÈÀ¾V»ÏÄ]¼<Ð�¿bÎÝº�ÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{ÍPÊÓÄ]Ã�ÌlÃ�¼h¿

ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼äÅ{¾{¿ÀÎ½ÎÝºf»½Ì{¿}»½¼hÅV¾Jºf¼
¾Jºf¼hÍx¿Læ3çs¿ÀÃ�Ì!ÍÀÇ_Ä]Î½Ã�¾V»ÏÄ]¼ä¼sÑi¿xÅV¾uÊÁº]Å�ÉÛÄ]¼hÄ]¾{Ä]¼h¿+6vÎÝº¡ÎÝºfÌV×_¿ÀÃ�Ì�ÍxÂ
Ã�»½Ç]ºfÎÏ¿À¼
¾{¿ÒÐ�¿xÅ
ÌJºf»Ï¿xÅÒ¿xÅV¾mÉË»½¼�»½É�ºfÎÏ¿}ñBÃhÅJÂNÃsÑYÜËÂ
Ãh¿ÀÎÏÂ
Ãh¿xÅ

107 ºf¼hÅ�æµò}Ã3ÔeÐ�¿ÀÎÝÜ3Øµ¿ÀÎ½ÎÏ¿(ºfÃ�×LÉÛ¿À¼
¾{¿bÊÓÄ]Ã�Ì}Ð�¿ÀÇ_¿À¼�»½ÌÒÉ�ºaßv»½É�ºfÎÏ¿xÅºfÃ�¾{Ä]Ã�Ì!Ð�¿}Â
Ãh¿ÀÎÏÂNÃh¿xÅuÈx¿À¼N¾Jºf»½¼h¿xÅ!Ð�¿�ÉË»½Î½Î½»ÏÄ]¼hÅuÐÙÑYºf¼�¼hÍx¿xÅkØNÈx¿}Â
Ã�»ÁÈxÄ]ÌVÌ{¿xÅVÊÓÄ]¼hÐ�ºfÃÞÉÛÄ]ÉÛ¿À¼N¾�ÄA\ÛÎÏ¿xÅ�ÍÀ¾{Ä]»½ÎÏ¿xÅ
ò�Ð�Ä]ÉË»½¼h¿À¼
¾äÎ�ÑiÍÀÉË»ÏÅJÅV»ÏÄ]¼-Ð3Ã-ÈxÄ]¼N¾V»½¼
Ãsæ!ç>Ä]Ì{Å{ÂNÃh¿�Èx¿xÅäÐ�¿ÀÌV¼�»ÏÕÀÌ{¿xÅÞÎÝºf»ÏÅJÅ{¿À¼N¾äÊ�ÎÝº]Èx¿�ºfÃ3ß&ÍÀ¾{Ä]»½ÎÏ¿xÅ � Ê�Ã�»ÏÅ
êPØ�Ã�¼h¿îÐ3»½ÉË»½¼
Ã�¾V»ÏÄ]¼,Ð�¿xÅPÎÝºfÌV×_¿ÀÃ�Ì{Å�ÍxÂ
Ã�»½ÇLºfÎÏ¿À¼N¾{¿xÅÛ¿xÅV¾ËÄ]âhÅ{¿ÀÌVÇ_Íx¿Læ V�ºfÌVâÁºfÌ{Ä � ��Ä]×L×L»Ýºf¼N¾V» �`8>Q�Q����PÄ]¼N¾
Å{Ä]Ã�Î½»½×L¼hÍgÎ�Ñ »½¼3áhÃh¿À¼hÈx¿ÛÐ�¿(ÎÝºÞÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{ÍËÅVÃ�Ì �

δ
æÓç>º�úh×LÃ�Ì{¿ �væ,8LØãÉÛÄ]¼N¾VÌ{¿ËÂ
Ãh¿gÎ�ÑiÍxÈ�ºfÌV¾Æ¿xÅ{¾ÆÐ�¿(Î�ÑiÄ]Ì{Ð3Ì{¿

Ð�¿18PÜ � / ÊÓÄ]Ã�ÌÆÊãÄ]Ã�ÌÒÎÏ¿xÅÒÌJºf»Ï¿xÅ¡Ð�¿ V�ºfÎ½ÉÛ¿ÀÌbÜ�Ã�¼h¿Pÿf×_¿PÐ�¿ RÞÉË»½Î½Î½»ÝºfÌ{Ð�ÐÙÑYºf¼�¼hÍx¿xÅkØÙ¿À¾ÒÐ�¿18 / ÊãÄ]Ã�Ì
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¾{¿ÀÌ{ÈxÄ]ÌVÌ{ÍÀÎÝºf¾V»ÏÄ]¼hÅ
d������ �	� u{pqr>s � n}|oi :If � u{sUu{xZn��}|of6��?�sOs�v � 
�
Kp i�h�uG� pqvAu :�� :`u�x s�f6:@? � fMlo|�
�u{v�v�xqp :MuKs�pZn�r�h

;+gu{s�n�i



��� � � � �����������.������
�
�� ��������������
c������
]� ��
 � ���

Ð�¿xÅðÈ�ºf¾JºfÎÏÄ]×LÃh¿xÅî»½¼3Ö@ÌJºfÌ{Ä]Ã�×_¿xÅð¹üè � �-¿À¾îè ��@¡ø!òÒ¹ Ä]¼N¾ýÍÀ¾{ÍïÃ�¾V»½Î½»ÏÅ{ÍxÅà»ÏÈÀ»�æ�ël¼h¿ïÐ3»ÏÅV¾Jºf¼hÈx¿<É�ºaß3»½É�ºfÎÏ¿
ÐÙÑ »½¼
¾{¿ÀÌ{ÈxÄ]ÌVÌ{¿ÀÎÝºf¾V»ÏÄ]¼<Ð�¿_8¡ÉË»½¼NÃ�¾{¿tÐÙÑYºfÌ{È(ºËÍÀ¾{Í¡È{íhÄ]»ÏÅV»Ï¿+6µ¿ÀÎ½ÎÏ¿ÆÌ{¿�áÁÕÀ¾{¿¡Ê�ÌV»½¼hÈÀ»½ÊÁºfÎÏ¿ÀÉÛ¿À¼N¾ÒÎ�Ñ »½¼hÈx¿ÀÌV¾V»½¾VÃhÐ�¿gÅVÃ�Ì
ÎÝºmÊãÄLÅ{»½¾V»ÏÄ]¼bÐ�¿xÅ>Å{Ä]Ã�Ì{Èx¿xÅûè¦élò	�ãæxç>Ä]Ì{Å{ÂNÃsÑ Ã�¼h¿uÅ{Ä]Ã�Ì{Èx¿�èBé}ò �ÒÍÀ¾Jºf»½¾>¿À¼
¾{Ä]Ã�Ì{Íx¿uÐ�¿:Ê�Î½ÃhÅ{»Ï¿ÀÃ�Ì{ÅûÅ{Ä]Ã�Ì{Èx¿xÅ �vþ � �
ÜäÉÛÄ]»½¼hÅ¡ÐÙÑ Ã�¼h¿PÉË»½¼
Ã�¾{¿ÛÐÙÑYºfÌ{ÈLØÙ¿ÀÎ½ÎÏ¿ÛºäÍÀ¾{ÍËÍÀÎ½»½ÉË»½¼hÍx¿ËÐ3ÃùÈ�ºf¾JºfÎÏÄ]×LÃh¿Púh¼ÁºfÎ'ÊãÄ]Ã�ÌtÍÀÇv»½¾{¿ÀÌÆÃ�¼h¿PÉ�ºfÃ�Ç]ºf»ÏÅJ¿
»ÏÐ�¿À¼
¾V»FúÁÈ�ºf¾V»ÏÄ]¼õÐ�¿(ÎÝºÞÅJÄ]Ã�Ì{Èx¿(Ä]Ê�¾V»ÏÂ
Ãh¿LæÓçs¿xÅÒ×NºfÎÝºaßv»Ï¿xÅ¡Ä]¼
¾Æ¿À¼hÅ{Ã�»½¾{¿(ÍÀ¾{ÍPÈÀÎÝº]Å{Å{Íx¿xÅÆ¿À¼ïò}ê *�Ä]Ã�×NºfÎÝºaßv»Ï¿xÅ
ÜàáµºfÉbâÓÍx¿ÞÐ�¿PÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼åÅ{¾{¿ÀÎ½ÎÝºf»½Ì{¿�¿À¼õÃ�¾V»½Î½»ÏÅ�ºf¼N¾bÎÏ¿xÅ(Ð3»Ýºf×L¼hÄLÅV¾V»ÏÈxÅgÐ�¿ËÌJºf»Ï¿xÅb¼hÍÀâ�Ã�ÎÝºf»½Ì{¿xÅ X *Òè{è�[�� �
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β
æ3ø!¿À¾V¾{¿ÆÈÀÎÝº]Å{ÅV»FúÁÈ�ºf¾V»ÏÄ]¼ðº(Ê�ÃäÚÀ¾VÌ{¿¡ÍÀ¾Jºfâ�Î½»Ï¿ÒÎÏÄ]Ì{Å{Â
Ãh¿ÆÈ{íÁº]Â
Ãh¿ÆÌJºf»Ï¿Æ¿À¼àÍÀÉË»ÏÅJÅV»ÏÄ]¼ýº

ÍÀ¾{ÍÒÐ�ÍÀ¾{¿xÈÀ¾{Íx¿ÆºxÇ_¿xÈÒÃ�¼�ÌJºfÊ�ÊÓÄ]ÌV¾!Å{»½×L¼ÁºfÎãÅVÃ�Ìuâ�ÌVÃ�»½¾uÊ�Î½ÃhÅu×LÌJºf¼hÐäÂNÃh¿��3æ
çs¿ÒÈ�ºf¾JºfÎÏÄ]×LÃh¿}úh¼ÁºfÎã¿xÅV¾!ÈxÄ]ÉËÊãÄLÅJÍ
Ð�¿�8>R�� 8!×NºfÎÝºaß3»Ï¿xÅ:Ð�Ä]¼N¾ Q ? 8!×NºfÎÝºaßv»Ï¿xÅ'Ð�Ä]ÉË»½¼hÍx¿xÅ:ÊÁºfÌ'Ã�¼h¿uáµºfÉbâÓÍx¿�Ð�¿�ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÛÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿Læ]çs¿xÅ�úh×LÃ�Ì{¿xÅ�væqRä¿À¾ �væ �ËÌ{¿ÀÊ�Ì{ÍxÅ{¿À¼
¾{¿À¼N¾tÎÝºÞÐ3»ÏÅV¾VÌV»½â�Ã�¾V»ÏÄ]¼ù¿À¼ïÌ{¿xÐ�ÅVí�»FÖZ¾Ò¿À¾Æ¿À¼ïÎ½Ã�ÉË»½¼hÄLÅV»½¾{Íg»½¼3Ö@ÌJºfÌ{Ä]Ã�×_¿ËÐ�¿xÅÒ×NºfÎÝºaß3»Ï¿xÅtÜ
áµºfÉ(âãÍx¿xÅÒÐ�¿ÒÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼üÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿tÐ�¿tÎ�ÑiÍxÈ{íÁºf¼N¾V»½Î½ÎÏÄ]¼sæ�a>Ä]Ã�¾{¿xÅÒÈx¿xÅ�×NºfÎÝºaß3»Ï¿xÅlºfÊ�ÊÁºfÌV¾V»Ï¿À¼�¼h¿À¼
¾ÆÜPÎ�Ñ Ã�¼�»½Ç_¿ÀÌ{Å
ÎÏÄvÈ�ºfÎ:¿À¾¡Å{Ä]¼N¾¡É�ºañVÄ]ÌV»½¾Jºf»½Ì{¿ÀÉÛ¿À¼N¾bÈxÄ]ÉËÊÓÄLÅ{Íx¿xÅ¡Ð�¿PçsèBémêÆÅ¡¿À¾¡Ð�¿(×NºfÎÝºaß3»Ï¿xÅÆÃ�¼ïÊã¿ÀÃïÉÛÄ]»½¼hÅÆÎ½Ã�ÉË»½¼h¿ÀÃhÅ{¿xÅkæ
è¦Îã¼sÑ =�ºbÂ
Ãh¿ 8>Q(ëÒçsè¦émêÆÅkævø!¿ÒÈ�ºf¾JºfÎÏÄ]×LÃh¿ÒÅJ¿ÀÌVÇ
»½ÌJº(ÐÙÑiÄ]â3ñj¿À¾{Å�Ð�¿lÌ{Í�ÖZÍÀÌ{¿À¼hÈx¿ÒÊÓÄ]Ã�Ì!ÈxÄ]ÉËÊÁºfÌJºf»ÏÅJÄ]¼îº�Ç_¿xÈÒÎÏ¿xÅ
×NºfÎÝºaß3»Ï¿xÅ}Ð3»ÏÅ{¾Jºf¼N¾{¿xÅ�æ
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 �væqR �õþl»ÏÅ{¾VÌV»½â�Ã�¾V»ÏÄ]¼%¿À¼%Ì{¿xÐ�ÅVí�»FÖZ¾ËÐ�¿xÅP×NºfÎÝºaßv»Ï¿xÅ �vþ � �õÊãÄLÅJÅ{ÍxÐhºf¼N¾ËÃ�¼h¿àÈxÄ]¼N¾VÌ{¿ÀÊÁºfÌV¾V»Ï¿ðè¦élò	�ù¿À¾
ÈÀÎÝº]ÅJÅ{Íx¿xÅmÈxÄ]ÉËÉÛ¿t×NºfÎÝºaß3»Ï¿xÅ}Ü(áµºfÉ(âãÍx¿(Ð�¿ÒÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼�ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿tÅ{¿ÀÎÏÄ]¼îÎÏ¿xÅ�ÌJºf»Ï¿xÅ}¼hÍÀâ�Ã�ÎÝºf»½Ì{¿xÅ}Ä]Ê�¾V»ÏÂ
Ãh¿xÅ�æ
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� � � � �	� L ����	�� N-L�� � H5D � ��æµø!¿ÆÈ{íÁºfÉËÊýÐ�¿ Q3Ñ

×
Q3Ñ½Ø3Ð�¿ÒÎ½»½ÉË»½¾{¿¡Ð�¿ÒÈxÄ]ÉËÊ�ÎÏÍÀ¾VÃhÐ�¿¡Ð�¿

S�� ��Ü 8 C � µ É º}Ð�ÍBñ{Ü}ÍÀ¾{ÍuÊ�Ì{ÍxÅ{¿À¼
¾{Í�Ü}ÎÝºlÅ{¿xÈÀ¾V»ÏÄ]¼ ? æ,8Læ,8Læ]çs¿xÅ�×NºfÎÝºaßv»Ï¿xÅ'Ð�ÍÀ¾{¿xÈÀ¾{Íx¿xÅ�ÊÁºfÌ:è ��@¡ø!òÒ¹Ü 8 ? µ É Ä]¼N¾mÍÀ¾{ÍÆÍÀ¾VÃhÐ3»ÏÍx¿xÅmÐhºf¼hÅ�ÎÝº(ÊÁºfÌV¾V»Ï¿ÆÊ�Ì{ÍxÈxÍxÐ�¿À¼
¾{¿Læ ��R(×NºfÎÝºaßv»Ï¿xÅ�Ä]¼
¾mÍÀ¾{ÍlÊÓÄLÅV»½¾V»ÏÄ]¼�¼hÍx¿xÅmÅ{Ã�Ì
ÎÏ¿ËÉ�º]Å{Â
Ãh¿ËÐ�¿ÛÈx¿ÛÈJíÁºfÉËÊ,ô ���àÅ{Ä]Ã�Ì{Èx¿xÅbÐ�ÍÀ¾{¿xÈÀ¾{Íx¿xÅbÊÁºfÌbè ��@¡ø!òÒ¹ Ü/8 ? µ É�¿À¾ Qî×NºfÎÝºaßv»Ï¿xÅtÐ�¿
È{íÁºfÉËÊsæ
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�
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È{íÁºfÉËÊsæ
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8 �3Ñ½ØfÈxÄ]Ébâ�»½¼h¿�Ð�¿xÅ'Ð�Ä]¼�¼hÍx¿xÅ'Ðhºf¼hÅûÎÏ¿xÅ

Ð�Ä]É�ºf»½¼h¿xÅ�»½¼3ÖZÌJºfÌ{Ä]Ã�×_¿LØ�ÌJº]Ð3»ÏÄ�Ø�¿À¾mÄ]Ê�¾V»ÏÂNÃh¿tºf»½¼hÅ{»ÓÂ
Ãh¿¡Ð�¿ÒÎÝºPÅVÊÓ¿xÈÀ¾VÌ{ÄLÅ{ÈxÄ]Ê�»Ï¿¡Ä]Ê�¾V»ÏÂNÃh¿Læ ���gÅ{Ä]Ã�Ì{Èx¿xÅ
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¾�ÍÀ¾{ÍÒÐ�ÍÀ¾{¿xÈÀ¾{Íx¿xÅlÜ 8 ? µ É�ºxÇ_¿xÈÆÃ�¼äáhÃ3ßÞÈxÄ]ÉËÊ�ÌV»ÏÅm¿À¼
¾VÌ{¿_8 ���(¿À¾�� 8 ���

µ
��= ����ÎÏÄ]Ì{¿xÅ
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�äÐ�¿xÅî×NºfÎÝºaß3»Ï¿xÅ �vþ � �,ÊÓÄLÅ{Å{ÍxÐhºf¼N¾îÃ�¼h¿
ÈxÄ]¼
¾VÌ{¿ÀÊÁºfÌV¾V»Ï¿gèBé}ò �ä¿À¾lÈÀÎÝº]ÅJÅ{Íx¿xÅmÈxÄ]ÉËÉÛ¿(×NºfÎÝºaßv»Ï¿xÅÒÜPáµºfÉbâÓÍx¿bÐ�¿¡ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ïÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿bÅJ¿ÀÎÏÄ]¼ýÎÏ¿xÅmÌJºf»Ï¿xÅ
¼hÍÀâ�Ã�ÎÝºf»½Ì{¿xÅÒÄ]Ê�¾V»ÏÂNÃh¿xÅkæ
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¾VÌ{¿(¿ÀÎ½ÎÏ¿xÅÒÅ{Ä]¼
¾lÐ�ÍÀ¾{¿xÈÀ¾{Íx¿xÅÊÁºfÌ}è ��@¡ø!òÒ¹ ¿À¾<QËÅ{Ä]¼N¾mÐ�¿xÅ}×NºfÎÝºaßv»Ï¿xÅ}Ð�¿tÈ{íÁºfÉËÊsæ
ø!¿xÅ�È{íÁºfÉËÊhÅ�Ä]¼
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ç>¿xÅlÅVÊÓ¿xÈÀ¾VÌ{¿xÅÒÄ]¼N¾lÍÀ¾{ÍgÄ]â�¾{¿À¼NÃhÅ¡ºfÃ�ÈxÄ]Ã�Ì{ÅlÐ�¿ �P¼NÃ�»½¾{ÅÆÐÙÑiÄ]âhÅ{¿ÀÌVÇLºf¾V»ÏÄ]¼ïºfÃ ;Òç a ºxÇ_¿xÈtÎ�Ñ »½¼hÅ{¾VÌVÃ�ÉÛ¿À¼N¾
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¾ÛÍÀ¾{ÍàÃ�¾V»½Î½»ÏÅ{ÍxÅÛºaúh¼ ÐÙÑYºxÇ_Ä]»½ÌÛÃ�¼h¿îÈxÄ]Ã�Ç_¿ÀÌV¾VÃ�Ì{¿ðÅVÊã¿xÈÀ¾VÌJºfÎÏ¿îÐ�¿
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¾}ÎÏ¿tÌ{¿xÐ�Å{í�»FÖ@¾}¿xÅ{¾}ÅV»½¾VÃhÍb¿À¼
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Ãh¿ËÎÝºîÅJ¿À¼hÅV»½â�»½Î½»½¾{Í�ÐÙÑiè ��@¡ø!òl¹�¼h¿ÛÊã¿ÀÌVÉÛ¿À¾V¾Jºf»½¾g×LÃhÕÀÌ{¿�Ð�¿

Ð�ÍÀ¾{¿xÈÀ¾{¿ÀÌÒÐ�¿xÅ�×NºfÎÝºaßv»Ï¿xÅlÜPÊ�Î½ÃhÅ�×LÌJºf¼hÐîÌ{¿xÐ�ÅVí�»FÖZ¾�æ
ç>¿xÅPÖZ¿À¼
¾{¿xÅÛÐ�¿xÅËÉ�º]Å{Â
Ãh¿xÅPÃ�¾V»½Î½»ÏÅ{ÍxÅÛÄ]¼
¾ËÃ�¼h¿à¾Jºf»½Î½ÎÏ¿ýÐ�¿/8Læ � �

×
8 � �î¿À¾ËÎÝºüÌ{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼&Ð�¿xÅÛÅ{Êã¿xÈÀ¾VÌ{¿xÅ

Ä]â�¾{¿À¼
ÃhÅ�¿xÅV¾uÐ�¿ ? / Ðhºf¼hÅ!ÎÏ¿mÌ{Í�ÖzÍÀÌ{¿À¼N¾V»Ï¿ÀÎÙÐ�¿lÎ�ÑiÄ]âhÅ{¿ÀÌVÇ]ºf¾{¿ÀÃ�Ì�ævçs¿xÅ�ÅVÊÓ¿xÈÀ¾VÌ{¿xÅuÄ]¼
¾!ÍÀ¾{Í}Ì{ÍxÐ3Ã�»½¾{Å�¿À¾!È�ºfÎ½»½â�Ì{ÍxÅ
ÜäÎ�ÑYºf»ÏÐ�¿ËÐ3Ã<ÎÏÄ]×L»ÏÈÀ»Ï¿ÀÎ�èBé}ò�� �Zçs»Ýºf¼�×ð¿À¾bºfÎ�Ø ����� C ��æÙçs¿xÅtÅVÊÓ¿xÈÀ¾VÌ{¿xÅ¡Ä]¼N¾(¿À¼hÅVÃ�»½¾{¿ËÍÀ¾{ÍPÎ½»ÏÅ{Å{ÍxÅ¡ÅVÃ�»½ÇLºf¼N¾¡Ã�¼h¿¾{¿xÈJí�¼�»ÏÂNÃh¿gÊ�Ì{ÍxÅ{¿À¼
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¾{¿ÀÌÆÎÏ¿tÌJºfÊ�ÊÓÄ]ÌV¾ÒÅV»½×L¼ÁºfÎÅVÃ�Ì:â�ÌVÃ�»½¾uÐ�¿xÅ8ÅVÊÓ¿xÈÀ¾VÌ{¿xÅj6LÈx¿ÀÊã¿À¼hÐhºf¼
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¿À¼üºfâhÅJÄ]ÌVÊ�¾V»ÏÄ]¼sæ
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¾{ÍÒÜtÎÝºÆúh×LÃ�Ì{¿ �væqQÛô
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¾V»½Î½ÎÏÄ]¼sæµç>º(¾Jºfâ�ÎÏ¿ �væ �gÊ�Ì{ÍxÅ{¿À¼
¾{¿ÆÎÏ¿xÅ�Ì{¿xÐ�ÅVí�»FÖZ¾{ÅmÅVÊÓ¿xÈÀ¾VÌ{ÄLÅ{ÈxÄ]Ê�»ÏÂNÃh¿xÅ�ÉÛÍxÐ3»Ýºf¼hÅ}Ä]â�¾{¿À¼NÃhÅ
Ðhºf¼hÅÆÎÏ¿xÅÆÐ3»"!ÙÍÀÌ{¿À¼N¾{Å¡È{íÁºfÉËÊhÅbÄ]âhÅ{¿ÀÌVÇ_ÍxÅÒÊÁºfÌÆè ��@¡ø!òÒ¹ Ü 8 ? µ É.ÊãÄ]Ã�ÌÒÎÏ¿xÅ{Â
Ãh¿ÀÎÏÅ¡Ð�¿bÎÝºäÅVÊÓ¿xÈÀ¾VÌ{ÄLÅ{ÈxÄ]Ê�»Ï¿
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δ
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�Zçs»Ýºf¼�× ������
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 �væ,8 ���Þþl»ÏÅ{¾VÌV»½â�Ã�¾V»ÏÄ]¼ðÐ�¿xÅmÌ{¿xÐ�ÅVí�»FÖZ¾{ÅmÐ�¿xÅ�×NºfÎÝºaß3»Ï¿xÅmÐ3Ã�ø �'é	�ãØ�ëlþ �vé ¿À¾mëÒþ � ��æ
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ø!òÒ¹ ¿À¾�Â
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Ãh¿Læ\ø �'é��ãØ�ëÒþ �vé(Ø
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¾{Íx¿xÅÛÐhºf¼hÅPÎÝºüÊÁºfÌV¾V»Ï¿äÊ�Ì{ÍxÈxÍxÐ�¿À¼N¾{¿Læ8çs¿xÅPÎ½»½â�ÌJºf»½ÌV»Ï¿xÅ�ø!ì ¿À¾
þ	� Ê�Ì{ÍxÐ3»ÏÅ{¿À¼
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ÊãÄ]Ã�ÌÞÎÏ¿xÅ�çsèBémêÆÅ�¿À¾Þ»½¼3ÖZÍÀÌV»Ï¿ÀÃ�ÌÞÊãÄ]Ã�ÌÞÎÏ¿xÅ�×NºfÎÝºaß3»Ï¿xÅÛÊ�Î½ÃhÅ
Ö�ºf»½â�ÎÏ¿xÅ�Ô�Ç_Ä]»½ÌmÊÁºfÌV¾V»Ï¿bè{è ��æ
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»½ÎÏÅ�Å{Ä]¼
¾�¾VÌ{Ä]Êîâ�ÌVÃ�»½¾{ÍxÅ�ÊÓÄ]Ã�Ì�ÎÝºf»ÏÅ{Å{¿ÀÌmºfÊ�ÊÁºfÌJºaöÏ¾VÌ{¿¡ÎÏ¿xÅ�ÌJºf»Ï¿xÅ�¿À¼ðºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼ü¿À¾!ÎÏ¿xÅ�ÍÀ¾VÃhÐ3»Ï¿ÀÌlÐ3»½Ì{¿xÈÀ¾{¿ÀÉÛ¿À¼N¾�æ
è¦Î�¿xÅV¾ËÐ�Ä]¼hÈà¼hÍxÈx¿xÅ{ÅJºf»½Ì{¿îÐÙÑYºfÃ�×LÉÛ¿À¼N¾{¿ÀÌÞÎÏ¿àÌJºfÊ�ÊãÄ]ÌV¾ÛÅ{»½×L¼ÁºfÎ�Å{Ã�ÌËâ�ÌVÃ�»½¾ÛÐ�¿äÈx¿xÅËÅ{¾VÌVÃhÈÀ¾VÃ�Ì{¿xÅ�æ8çs¿äÎ½»ÏÅ{ÅJºf×_¿
ÈxÄ]ÉËÉÛ¿lÈx¿ÀÎ½Ã�»ÁÊ�Ì{ÍxÅ{¿À¼
¾{ÍmÊ�Ì{ÍxÈxÍxÐ�¿ÀÉËÉÛ¿À¼N¾�ÊÓ¿ÀÌVÉÛ¿À¾8â�»Ï¿À¼ÞÐÙÑYºfÉÛÍÀÎ½»ÏÄ]Ì{¿ÀÌ!ÎÏ¿�ÌJºfÊ�ÊÓÄ]ÌV¾�ÅV»½×L¼ÁºfÎãÅVÃ�Ì:â�ÌVÃ�»½¾�Ø_É�ºf»ÏÅ
»½Îs¼sÑi¿xÅ{¾mÊÁº]Å}Ä]Ê�¾V»½É�ºfÎ>¿À¼ð¼sÑiÍÀÎ½»½ÉË»½¼Áºf¼N¾ÆÂNÃh¿¡ÎÏ¿tâ�ÌVÃ�»½¾ÒÜgíÁºfÃ�¾{¿¡ÖZÌ{ÍxÂ
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ÎÏÄ]Ì{Å{Â
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ÐÙÑiÍxÂ
ÃÁºf¾V»ÏÄ]¼hÅ�Ð3»"!ÙÍÀÌ{¿À¼N¾V»Ï¿ÀÎ½ÎÏ¿xÅ�ØNÎÝºÒÉÛÍxÈ�ºf¼�»ÏÂNÃh¿lÂNÃÁºf¼
¾V»ÏÂNÃh¿}ÄA\ËÊãÄLÅV»½¾V»ÏÄ]¼Û¿À¾uÂNÃÁºf¼
¾V»½¾{ÍmÐ�¿�ÉÛÄ]Ã�Ç_¿ÀÉÛ¿À¼N¾�Å{Ä]¼N¾
ÇLºfÌV»Ýºfâ�ÎÏ¿xÅ8ÈxÄ]¼]ñjÃ�×LÃhÍx¿xÅ�ØLÄ]ÃËÎÏ¿�¾VÌJºf»½¾{¿ÀÉÛ¿À¼N¾!ÐÙÑ »½É�ºf×_¿Læ
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ÃhÅ8Å{Ä]¼N¾
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n
k}u{xqf`|oi�h
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Ð�¿xÅ!ÖzÄ]¼hÈÀ¾V»ÏÄ]¼hÅ�Ü(Å{Ã�Ê�ÊãÄ]ÌV¾�»½¼3úh¼�»�ØvÎ�ÑYºf¼ÁºfÎ,=vÅJ¿ÒÐ�¿��hÄ]Ã�ÌV»Ï¿ÀÌm¿xÅV¾�º]ÐhºfÊ�¾{Íx¿tÜgÐ�¿xÅ�ÅV»½×L¼ÁºfÃ3ßäÅV¾Jºf¾V»ÏÄ]¼�¼Áºf»½Ì{¿xÅkØvÈx¿
Â
Ã�»�¼sÑi¿xÅV¾8ÊÁº]Å:ÎÏ¿�È�º]ÅuÐ�¿xÅ8ÅVÊÓ¿xÈÀ¾VÌ{¿xÅ�æLç8ÑYºf¼ÁºfÎ,=3Å{¿m¿À¼�Ä]¼hÐ�¿ÀÎÏ¿À¾V¾{¿xÅuÂNÃ�»hÐ�ÍxÈxÄ]ÉËÊÓÄLÅ{¿�Ã�¼ÞÅV»½×L¼ÁºfÎhÅVÃ�Ì8Ã�¼h¿�âÁº]Å{¿
Ð�¿mÖZÄ]¼hÈÀ¾V»ÏÄ]¼hÅ�Ü¡ÅVÃ�Ê�ÊÓÄ]ÌV¾8úh¼�»�Ø
¿xÅV¾8»ÏÈÀ»ÁÉË»Ï¿ÀÃ3ß�º]ÐhºfÊ�¾{Íx¿Lævë}¼h¿mÖzºfÉË»½Î½ÎÏ¿lÐÙÑiÄ]¼hÐ�¿ÀÎÏ¿À¾V¾{¿xÅu¿xÅ{¾�Ã�¼�¿À¼hÅ{¿ÀÉ(â�ÎÏ¿lÐ�¿
ÖzÄ]¼hÈÀ¾V»ÏÄ]¼hÅmÐ�¿Ò¾U=vÊã¿

ψ(
"
x+

+
)
Ø�ÄA\ " ÊÓ¿ÀÌVÉÛ¿À¾mÐ�¿ÆÐ3»½ÎÝºf¾{¿ÀÌmÎ�ÑiÄ]¼hÐ�¿ÀÎÏ¿À¾V¾{¿t¿À¾ + Ð�¿ÒÎÝºg¾VÌJºf¼hÅVÎÝºf¾{¿ÀÌ�æ�ç�ÑiÄ]¼hÐ�¿�Ô

ÎÏ¿À¾V¾{¿
ψ
¿xÅV¾ÒÃ�¼h¿(ÖZÄ]¼hÈÀ¾V»ÏÄ]¼ùÐ�¿(ÉÛÄ>=_¿À¼�¼h¿Ë¼
Ã�Î½ÎÏ¿LæÓç8ÑYºf¼ÁºfÎ,=vÅJ¿g¿À¼<Ä]¼hÐ�¿ÀÎÏ¿À¾V¾{¿xÅtÈxÄ]¼hÅ{»ÏÅV¾{¿gÜäÐ�ÍÀ¾{¿ÀÌVÉË»½¼h¿ÀÌ¡Ã�¼

¿À¼hÅ{¿ÀÉ(â�ÎÏ¿bÐ�¿¡ÈxÄv¿}9�ÈÀ»Ï¿À¼N¾{Å
c(
"
,
+
)
º]Å{ÅJÄ
ÈÀ»ÏÍxÅmºfÃðÅ{»½×L¼ÁºfÎÓÖjØ�ÄA\

c(a,b) =

+∞
∫

−∞

f(t)ψ(
"
t +

+
)dt
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ì:¼(×_ÍÀ¼hÍÀÌJºfÎvÄ]¼(Ã�¾V»½Î½»ÏÅ{¿8Ã�¼h¿�¾VÌJºf¼hÅjÖzÄ]ÌVÉÛÍx¿�Ð�¿ �ÁÄ]Ã�ÌV»Ï¿ÀÌ�Ð3»ÏÅ{ÈÀÌ{ÕÀ¾{¿LØaÄA\
ψ
� " ¾
� + �>¿xÅV¾sÌ{¿ÀÉËÊ�ÎÝº]ÈxÍuÊÁºfÌ

ψ(2 � t++
)
ºxÇ_¿xÈ b~¿À¼N¾V»Ï¿ÀÌ�ØlÈx¿<ÂNÃ�»¡Ì{¿ÀÇv»Ï¿À¼N¾üÜ ¾VÌJºf¼hÅVÎÝºf¾{¿ÀÌð¿À¾ýÐ3»½ÎÝºf¾{¿ÀÌýÎ�ÑiÄ]¼hÐ�¿ùÅJ¿ÀÎÏÄ]¼ Ð�¿xÅîÇLºfÎÏ¿ÀÃ�Ì{ÅýÐ3»ÏÅ{ÈÀÌ{ÕÀ¾{¿xÅ�æ

ç8ÑiÄ]¼hÐ�¿ÀÎÏ¿À¾V¾{¿bÃ�¾V»½Î½»ÏÅ{Íx¿¡»ÏÈÀ»>¿xÅ{¾�Ã�¼h¿tÄ]¼hÐ�¿ÀÎÏ¿À¾V¾{¿�V �aÔ �
Ê�Î½»½¼h¿ 2_æ
�vÄ]»½¾�Ã�¼�ÅVÊÓ¿xÈÀ¾VÌ{¿��

λ
Ø
fλ
��Ø
λ
º�=Nºf¼
¾�Ã�¼ÛÊÁº]Å�Ð�¿ �3æ � / æ�*lÄ]ÃhÅ�º�Ç_Ä]¼hÅ�Ã�¾V»½Î½»ÏÅJÍ<SÆÍxÈ{íh¿ÀÎ½ÎÏ¿xÅj6NÎÝºÆ¾Jºfâ�ÎÏ¿ �væ �

b Ì{ÍxÅJÄ]Î½Ã�¾V»ÏÄ]¼ð¿À¼ýÊ�»Fß�¿ÀÎÏÅ Ì{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼ü¿À¼ /
� 8 ��S S�Q3æqR
R R C C�C æqS
? ��� ���3æ C
C 8>R 8�8Læ �
� S ? æqR� C �3æqS
8 � 8Læ C� 8 �3æ �

����� 
 �væ � � é}ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼-Ð�¿ðÈ{íÁº]Â
Ãh¿�ÍxÈ{íh¿ÀÎ½ÎÏ¿�Ðhºf¼hÅ�ÎÏ¿üÈ�º]Å�ÐÙÑ Ã�¼h¿ü×NºfÎÝºaßv»Ï¿xÅäÐ�Ä]¼N¾äÎÏ¿ðÅVÊÓ¿xÈÀ¾VÌ{¿ýíÁºfÃ�¾{¿
Ì{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼ïºgÃ�¼h¿¡Ì{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼ðÐ�¿ � / Ðhºf¼hÅ�ÎÏ¿tÌ{Í�ÖZÍÀÌ{¿À¼
¾V»Ï¿ÀÎ�ºfÃîÌ{¿ÀÊÓÄLÅ
Ð�Ä]¼�¼h¿gÎÝºËÌ{ÍxÅJÄ]Î½Ã�¾V»ÏÄ]¼ïÐ�¿(È{íÁº]Â
Ãh¿PÍxÈ{íh¿ÀÎ½ÎÏ¿P¿À¼ü¼hÄ]É(â�Ì{¿PÐÙÑiÍÀÎÏÍÀÉÛ¿À¼N¾{ÅÆÊ�íy=3ÅV»ÏÂ
Ãh¿xÅ �

2k �m¿À¾Ò¿À¼ / æÓøuíÁº]ÂNÃh¿ÍxÈJíh¿ÀÎ½ÎÏ¿õÐ�Ä]»½¾ðÚÀ¾VÌ{¿ï»½¼
¾{¿ÀÌVÊ�Ì{ÍÀ¾{Íx¿åÐ�¿ïÎÝº§É�ºf¼�»ÏÕÀÌ{¿åÅVÃ�»½Ç]ºf¼
¾{¿ ô�Î�ÑiÍxÈ{íh¿ÀÎ½ÎÏ¿ b,ÌJº]ÅJÅ{¿ÀÉbâ�ÎÏ¿<Î�Ñi¿À¼hÅJ¿ÀÉbâ�ÎÏ¿õÐ�¿xÅ
ÍÀÎÏÍÀÉÛ¿À¼
¾{ÅmÐ�¿ÒÌ{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼ýÈxÄ]ÉËÊ�ÌV»ÏÅ{¿¡¿À¼N¾VÌ{¿

2k ¿À¾ 2k−1 æ3ì:Î½ÎÏ¿¡¿xÅV¾�¿À¼hÅVÃ�»½¾{¿ÒúhÎ½¾VÌ{Íx¿Æ¿À¾�Ä]¼ä¼h¿Ò×NºfÌ{Ð�¿¡Â
Ãh¿}ÎÏ¿ÅV»½×L¼ÁºfÎ3Ð�ÍÀ¾{¿xÈÀ¾{Í�ºfÃ(Ð�¿xÅ{ÅVÃhÅ�Ð�¿ �}ÅV»½×LÉ�º]Å�Ðhºf¼hÅ>Î�Ñi¿xÅVÊÁº]Èx¿!Ð�¿xÅ�Ä]¼hÐ�¿ÀÎÏ¿À¾V¾{¿xÅ�ØaÈx¿À¾V¾{¿!ÍÀ¾JºfÊÓ¿8ÊÓ¿ÀÌVÉÛ¿À¾�ÐÙÑiÍÀÎ½»½ÉË»½¼h¿ÀÌ
ÎÏ¿¡â�ÌVÃ�»½¾ÒÜg¾{Ä]Ã�¾{¿xÅmÎÏ¿xÅmÍxÈJíh¿ÀÎ½ÎÏ¿xÅ�æ

ç>¿xÅlÅVÊÓ¿xÈÀ¾VÌ{¿xÅ}ÅJÄ]¼N¾l¿À¼hÅ{Ã�»½¾{¿bÌ{¿xÈxÄ]¼hÅV¾VÌVÃ�»½¾{ÅÆÜËÊÁºfÌV¾V»½ÌÒÐ�¿xÅlÍxÈJíh¿ÀÎ½ÎÏ¿xÅ ��Ü C æµø!¿(È{íhÄ]»Fßý¼sÑi¿xÅV¾lÊÁº]ÅÒºfÌVâ�»FÔ¾VÌJºf»½Ì{¿�Ðhºf¼hÅ:ÎÝºlÉÛ¿xÅVÃ�Ì{¿�ÄA\P»½Î�ÈxÄ]ÌVÌ{¿xÅVÊÓÄ]¼hÐÛÜÒÃ�¼h¿!Ì{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼ÛÐ�¿c8�8Læ � / æ]çs¿xÅ�Öz¿À¼hÚÀ¾VÌ{¿xÅ:ÈxÄ]ÌVÌ{¿xÅVÊÓÄ]¼hÐhºf¼N¾uÜÐ�¿xÅ:ÌJºf»Ï¿xÅ�¿À¼�ºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼�Ðhºf¼hÅ'ÎÝºÒ¾{¿xÈ{í�¼�»ÏÂ
Ãh¿}Ð�¿xÅ8ºfÉ�º]Å8×LÎÏÄ]â�Ã�ÎÝºf»½Ì{¿xÅ �!V!»ÏÈ�º��~ò}Î½ÎÏÄ]»½¼sØ�8>Q�S�R��'Ê�Ì{ÍxÅ{¿À¼N¾{Íx¿
ºfÃ<È{íÁºfÊ�»½¾VÌ{¿ÛÊ�Ì{ÍxÈxÍxÐ�¿À¼N¾b¿xÅV¾ÆâÁº]Å{Íx¿PÅVÃ�Ì¡Ð�¿xÅÆÅVÊÓ¿xÈÀ¾VÌ{¿xÅ¡Ð�¿gÌ{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼<Ç_Ä]»ÏÅV»½¼h¿ËÐ�¿18�8 / ØÙºfÎÏÄ]Ì{Å¡Â
Ãh¿(ÎÏ¿xÅÅVÊÓ¿xÈÀ¾VÌ{¿xÅgÂNÃ�»!Ä]¼N¾PÅ{¿ÀÌVÇ
»�ÜýÐ�Í�úh¼�»½ÌPÎÏ¿xÅ(ÊhÅ{¿ÀÃhÐ�ÄLÅjÔeÈxÄ]¼N¾V»½¼
ÃhÅË¿À¾gÈxÄ]¼
¾V»½¼NÃhÅËÐ�¿xÅ(»½¼hÐ3»ÏÈx¿xÅ(Ð�¿äçÙ»ÏÈ{båºxÇLºf»Ï¿À¼N¾
Ã�¼h¿bÌ{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼�Ð�¿ SÛÜ�8 � / � �ùÄ]ÌV¾Víh¿5= � @l¾V¾JºxÇv»Ýºf¼�»�Ø'8>Q�Q�����æµì:¼�Ä]Ã�¾VÌ{¿LØhÎÝºËúh×LÃ�Ì{¿ �væ,8 � � Ê�Ì{ÍxÅ{¿À¼N¾{¿
Ã�¼h¿(Ì{¿xÈxÄ]ÉËÊãÄLÅ{»½¾V»ÏÄ]¼ïÐÙÑ Ã�¼<ÅV»½×L¼ÁºfÎ:Ü�ÊÁºfÌV¾V»½ÌÒÐ�¿xÅÆÐ3»"!ÙÍÀÌ{¿À¼N¾{¿xÅ¡ÍxÈ{íh¿ÀÎ½ÎÏ¿xÅkæ�@l¼�ÊÓ¿ÀÃ�¾lÇ_Ä]»½ÌÆÂNÃh¿(ÎÏ¿xÅlÌJºf»Ï¿xÅÒ¿À¼
ºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼äÅ{Ä]¼N¾�ÉË»Ï¿ÀÃ3ßPÌ{¿ÀÊ�Ì{ÄvÐ3Ã�»½¾{¿xÅ8ÊÁºfÌ�ÎÝº¡ÈxÄ]ÉËÊãÄLÅ{»½¾V»ÏÄ]¼�Ð�¿xÅ8ÍxÈ{íh¿ÀÎ½ÎÏ¿xÅ � ��R�� ? � C æNç�Ñ Ã�¾V»½Î½»ÏÅJºf¾V»ÏÄ]¼äÐ�¿xÅÍxÈJíh¿ÀÎ½ÎÏ¿xÅÒÅ{Ã�Ê�Ê�ÎÏÍÀÉÛ¿À¼N¾Jºf»½Ì{¿xÅÆÌJºañVÄ]Ã�¾{¿bÐ�¿xÅ}Å{¾VÌVÃhÈÀ¾VÃ�Ì{¿xÅlÐ�¿b¾Jºf»½Î½ÎÏ¿b¾VÌ{Ä]ÊüÊã¿À¾V»½¾{¿bÊÁºfÌ}ÌJºfÊ�ÊÓÄ]ÌV¾ÒºfÃ3ßîÌJºf»Ï¿xÅl¿À¼
ºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼ � æÓø!¿À¾V¾{¿gÉÛÍÀ¾VíhÄvÐ�¿b¼sÑi¿xÅV¾ÆÊÁº]ÅÒÄ]Ê�¾V»½ÉË»ÏÅ{Íx¿gÊãÄ]Ã�ÌÆÎÝºÞÐ�ÍÀ¾{¿xÈÀ¾V»ÏÄ]¼<Ð�¿bÌJºf»Ï¿xÅ¡¿À¼ïÍÀÉË»ÏÅ{ÅV»ÏÄ]¼ï¿À¾ÒÐ�¿
ÅV¾VÌVÃhÈÀ¾VÃ�Ì{¿bÐ�¿¡¾Jºf»½Î½ÎÏ¿¡Ê�Î½ÃhÅ�ÊÓ¿À¾V»½¾{¿tÂ
Ãh¿_8�8 / æ8 � ?�u�v�fMu{|�~�f !Gp :Mu�pqr � hO|�v�v�n{iOs):`n}~�v�u :IsM�� e+u{r�h�:`fIsOs�f��A�}|Gi�f6� '#f�ryz u{p�vAu{h'~�pqh'lGf���x sOiUu��}f � 7WhOpq��~Wu�hglou�roh :@?Au6#�|of w : ?of`xqxZf�v�n}|Gi'~�n�r>sOi�f i,#�|�f�xZuWhOn}~�~�flofgs�n�|os�f`h�xqf`hmw6:@?�f`xqxqf`h�i�fMlon�r�rof`r�s><�pqf`r xqf+hOv�f6: sOi�f��ArAu{x,�
� ron�sUu�~�~�fIr>s�u�|)!WiUu{pZfIh'lGf���u�xq~�fIimf`r u <ohOn�i�vos�pqn�r �
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�
��
δ
�

çûºàÈxÄ]ÉËÊÁºfÌJºf»ÏÅ{Ä]¼õÐ�¿xÅÆ×NºfÎÝºaß3»Ï¿xÅ¡è ��@¡ø!òÒ¹+èBé}ò �ý¿À¾ÆÎÏ¿xÅÆ×NºfÎÝºaß3»Ï¿xÅtÐ3Ã �vþ � ��¿xÅV¾ÆÊ�Ì{ÍxÅ{¿À¼N¾{Íx¿ËÐhºf¼hÅ
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ÎÏÄ]¼hÅÆÃ�¾V»½Î½»ÏÅ{¿ÀÌÆÃ�¼�Ê�Ì{Ä]×LÌJºfÉËÉÛ¿ÛÐ�ÍÀÌV»½Ç_ÍPÐ�¿ÛêÆòlç>ò��Æì+; ¿À¾ÒÃ�¼h¿ËºfÊ�Ê�Ì{Ä
ÈJíh¿PâÁº�=_¿xÅV»Ï¿À¼�¼h¿Ûºaúh¼<Ð�¿gÉË»Ï¿ÀÃ3ß
Â
ÃÁºf¼N¾V»FúÁ¿ÀÌlÎ�ÑiÍÀÊ�»ÏÅ{Ä
Ð�¿bÐ�¿ÒÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼�ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿t¿�ß3ÊãÍÀÌV»½ÉÛ¿À¼
¾{Í¡ÊÁºfÌ}Èx¿xÅ�×NºfÎÝºaß3»Ï¿xÅ�æ
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Ê�Î½ÃhÅÆ¿À¼ïÐ�ÍÀ¾Jºf»½Î�ÊÓÄ]Ã�ÌÆ¿�ßvÊ�Î½»ÏÂ
Ãh¿ÀÌlÎÝº�ÉÛÄvÐ�ÍÀÎ½»ÏÅJºf¾V»ÏÄ]¼ùº]Ð�Ä]Ê�¾{Íx¿(ÊÓÄ]Ã�ÌÒÎÏ¿xÅÒç>è¦émêÆÅ�æÙêÆòÒçsò �Òì+; �!V!ÌVÃ�óxÃÁºfÎ
ògæ ��øuíÁºfÌVÎÏÄ]¾_8>Q�Q��3Ø�VuÌVÃ�óxÃÁºfÎ ��øuíÁºfÌVÎÏÄ]¾����������}Êã¿ÀÌVÉÛ¿À¾ÆÐ�¿PÅVÃ�»½Ç
Ì{¿(Î�ÑiÍÀÇ_Ä]Î½Ã�¾V»ÏÄ]¼ïÊ�íhÄ]¾{Ä]ÉÛÍÀ¾VÌV»ÏÂNÃh¿Ë¿À¾
ÅVÊÓ¿xÈÀ¾VÌ{ÄLÅ{ÈxÄ]Ê�»ÏÂ
Ãh¿�Ð�¿!Ð3»"!ÙÍÀÌ{¿À¼N¾{¿xÅ8ÊãÄ]Ê�Ã�ÎÝºf¾V»ÏÄ]¼hÅ:ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿xÅ8ÜÒÐ�¿xÅ:ÿf×_¿xÅ:Ð�¿�ÂNÃh¿ÀÎÏÂ
Ãh¿xÅ

105 ÜlÂ
Ãh¿ÀÎÏÂ
Ãh¿xÅ 1010ºf¼hÅ8¿À¼ÛÖZÄ]¼hÈÀ¾V»ÏÄ]¼�Ð�¿�Î�Ñ í�»ÏÅ{¾{Ä]»½Ì{¿mÐ3ÃÛ¾JºfÃ3ßËÐ�¿!ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼�ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅkØ_ÎÝºÒÇv»½¾{¿xÅ{Å{¿�Ð�¿�Ð3»ÏÅVÊÓ¿ÀÌ{ÅV»ÏÄ]¼ÛÈLÑi¿xÅV¾uÜÆÐ3»½Ì{¿
ÎÝºàÉ�º]ÅJÅ{¿ÛÐ�¿xÅt×NºfÎÝºaß3»Ï¿xÅg¿À¾tÎÝºàÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{ÍLæ�ç>ºîâ�»½â�Î½»ÏÄ]¾VíhÕxÂ
Ãh¿�Ð�¿ÛÅ{Êã¿xÈÀ¾VÌ{¿xÅ(ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿xÅb»½ÉËÊ�ÎÏÍÀÉÛ¿À¼
¾{Íx¿äº
Ã�¼h¿�Ì{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼ÞÐ�¿�� / ÅVÃ�Ì'¾{Ä]Ã�¾:ÎÏ¿�Ð�Ä]É�ºf»½¼h¿��������¡ÜcQ ? ��� / �Zçs¿�V�Ä]ÌV×L¼h¿ ��� ��
�� ����������æ_ç8Ñ Ã�¾V»½Î½»ÏÅJºf¾V»ÏÄ]¼
ÐÙÑ Ã�¼h¿ä¾{¿ÀÎ½ÎÏ¿Þâ�»½â�Î½»ÏÄ]¾VíhÕxÂNÃh¿îºàÖ�ºf»½¾PÐ�¿àêÆòÒçsò �Òì�; Ã�¼§Ä]Ã�¾V»½Î!¾VÌ{ÕxÅg»½ÉËÊãÄ]ÌV¾Jºf¼
¾gÊÓ¿ÀÌVÉÛ¿À¾V¾Jºf¼N¾ËÐÙÑiÍÀ¾VÃhÐ3»Ï¿ÀÌ
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Ãh¿ÛÐ�¿xÅ¡»½¼hÐ3»ÏÈx¿xÅtÐ�¿ËçÙ»ÏÈ{b
Ì{¿ÀÇv»Ï¿À¼N¾bÜÞÐ�ÍÀ×LÌJº]Ð�¿ÀÌ¡ÎÝºÞÌ{ÍxÅ{Ä]Î½Ã�¾V»ÏÄ]¼<Ð�¿xÅ¡ÅVÊã¿xÈÀ¾VÌ{¿xÅÒÊ�Ã�»ÏÅ{Â
Ãh¿gÎÏ¿xÅÒÊhÅ{¿ÀÃhÐ�ÄLÅjÔeÈxÄ]¼N¾V»½¼
ÃhÅb¿À¾ÒÎÏ¿xÅÆ»½¼hÐ3»ÏÈx¿xÅ¡Å{Ä]¼N¾
¿xÅV¾V»½ÉÛÍxÅÒÜgÊÁºfÌV¾V»½Ì}Ð�¿ÆÖz¿À¼hÚÀ¾VÌ{¿xÅmÐ�¿¡ÎÝºfÌV×_¿ÀÃ�Ì{Å 8 �ËÜ ��� / æ*ÒÄ]ÃhÅlº�Ç_Ä]¼hÅ}Ã�¾V»½Î½»ÏÅJÍ¡Ã�¼üÈxÄvÐ�¿t¹�Ä]¼N¾{¿�ÔBø�ºfÌVÎÏÄäÐ�ÍÀÌV»½Ç_ÍbÐ�¿(êÆòÒçsò �Òì�; ¿À¾}Ã�¾V»½Î½»ÏÅ{ÍbÐhºf¼hÅB^tºfÃ !ãÉ�ºf¼�¼
������
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Ãh¿ýÎÏ¿xÅ
º]ÐhºfÊ�¾Jºf¾V»ÏÄ]¼hÅl¼hÍxÈx¿xÅ{ÅJºf»½Ì{¿xÅmÅJÄ]¼N¾mÊ�Ì{ÍxÅ{¿À¼
¾{Íx¿xÅlÈÀ»FÔeÐ�¿xÅJÅ{Ä]ÃhÅ�æ
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çs¿m¾JºfÃ3ßËÐ�¿�ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÞÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ

ϕ
¿xÅV¾�Ã�¼h¿�Ç]ºfÌV»Ýºfâ�ÎÏ¿m»½ÉËÊãÄ]ÌV¾Jºf¼
¾{¿lÐhºf¼hÅ�ÎÏ¿xÅ8ÈxÄ
Ð�¿xÅ�Ð�¿mÅM=v¼N¾VíhÕxÅ{¿mÐ�¿

ÊÓÄ]Ê�Ã�ÎÝºf¾V»ÏÄ]¼üÅ{¾{¿ÀÎ½ÎÝºf»½Ì{¿Læhç>ºËÊ�Î½Ã�ÊÁºfÌV¾lÐ3Ãý¾{¿ÀÉËÊhÅ�ØhÄ]¼ðÈxÄ]¼hÅ{»ÏÐ�ÕÀÌ{¿¡Ã�¼h¿¡×NºfÎÝºaß3»Ï¿bÈxÄ]ÉËÉÛ¿¡Ã�¼ðÅK=vÅV¾{ÕÀÉÛ¿Æ»ÏÅJÄ]ÎÏÍLæ
ç>¿(¾JºfÃ3ßïÐ�¿(ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ùÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ¡¿xÅV¾¡ºfÎÏÄ]Ì{ÅÆÎÝºäÂNÃÁºf¼
¾V»½¾{ÍËÐ�¿g×NºfóPÂ
Ã�»'Å{¿b¾VÌJºf¼hÅVÖZÄ]ÌVÉÛ¿Ë¿À¼<ÍÀ¾{Ä]»½ÎÏ¿xÅtÜ�Ã�¼
»½¼hÅ{¾Jºf¼N¾lÐ�Ä]¼�¼hÍLæ

ϕ(t) ∝
−dfgaz

dt
avec fgaz =

Mgaz(t)

Mgaz(t = 0)
.

� �væ ���
�vÈ{í�ÉË»ÏÐ3¾lÍÀÉË»½¾}Î�Ñ íy=vÊãÄ]¾VíhÕxÅ{¿¡Â
Ãh¿ÆÎÏ¿Æ¾JºfÃ3ßîÐ�¿ÒÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ðÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅlÐhºf¼hÅ�ÎÝºg×NºfÎÝºaß3»Ï¿tÄ]âãÍÀ»ÏÅJÅJºf»½¾mÜgÎÝº

ÎÏÄ]» �væ �3æ
ϕ(t) ∝ fn

gaz

ÄA\î¼
≈ 1.2.

� �væ ���
�
»3Ä]¼PÅVÃ�Ê�ÊÓÄLÅ{¿�Â
Ãh¿uÎÝºmÉ�º]Å{ÅJ¿�¾{Ä]¾JºfÎÏ¿�¿xÅV¾'ÈxÄ]¼hÅV¾Jºf¼N¾{¿�¿À¾'ÂNÃh¿uÎÝº}É�ºf¾V»ÏÕÀÌ{¿!ÍBñV¿xÈÀ¾{Íx¿!ÊÁºfÌûÎÏ¿xÅ'ÍÀ¾{Ä]»½ÎÏ¿xÅ�ÊÓ¿ÀÃ�¾

ÚÀ¾VÌ{¿m»½¼hÅV¾Jºf¼N¾Jºf¼hÍÀÉÛ¿À¼
¾uÌ{ÍÀÃ�¾V»½Î½»ÏÅ{Íx¿LØNÄ]¼ÛÄ]â�¾V»Ï¿À¼N¾�Ã�¼h¿}ÍxÂNÃÁºf¾V»ÏÄ]¼�Ð3»"!ÙÍÀÌ{¿À¼N¾V»Ï¿ÀÎ½ÎÏ¿lÅVÃ�Ì
fgaz

æLì8¼ÞºfÊ�Ê�Ì{Äxß3»½É�ºf¼N¾
¼ 1 8 �]ØÁÄ]¼ýÄ]â�¾V»Ï¿À¼N¾}Î�Ñi¿�ß3Ê�Ì{¿xÅ{ÅV»ÏÄ]¼üÅVÃ�»½Ç]ºf¼
¾{¿Ûô

ϕ(t) = ϕ0exp
−

t
τ

� �væ C �ø!¿À¾V¾{¿îÇ
»ÏÅ{»ÏÄ]¼%Ð3Ã%¾JºfÃ3ß Ð�¿äÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ Å{¾{¿ÀÎ½ÎÝºf»½Ì{¿î¿xÅV¾PÃ�¼ Êã¿ÀÃ ÅV»½ÉËÊ�Î½»ÏÅV¾{¿îÐhºf¼hÅÛÎÝºðÉÛ¿xÅ{Ã�Ì{¿îÄA\ ÎÏ¿xÅ
×NºfÎÝºaß3»Ï¿xÅg¼h¿ÞÅJÄ]¼N¾PÊÁº]Å(Ð�¿xÅPÅM=3ÅV¾{ÕÀÉÛ¿xÅ(»ÏÅ{Ä]ÎÏÍxÅgÉ�ºf»ÏÅ(¿ÀÎ½ÎÏ¿à¿xÅV¾(ÎÝºýÊ�Î½ÃhÅPÈxÄ]Ã�ÌJºf¼
¾{¿Læ:þÒ¿xÅ(»½¼N¾{¿ÀÌJº]ÈÀ¾V»ÏÄ]¼hÅÛÎÏ¿xÅ
ºfÉÛÕÀ¼h¿À¼
¾ÆÜ�ÈxÄ]¼NÇ_¿ÀÌV¾V»½ÌÒÎÏ¿ÀÃ�Ì}×Nºfóg¿À¼üÍÀ¾{Ä]»½ÎÏ¿xÅÒÐ�¿¡É�ºf¼�»ÏÕÀÌ{¿bÊ�Î½ÃhÅlÄ]ÃðÉÛÄ]»½¼hÅlÌJºfÊ�»ÏÐ�¿�� ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼�ÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ
Ö�ºf»½â�ÎÏ¿gÄ]ÃðáµºfÉ(âãÍx¿gÐ�¿tÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼<ÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿ �}¿À¾Ò¿}9�È�º]Èx¿Læãò}ÃïÈxÄ]Ã�Ì{ÅÒÐ�¿(ÈxÄ]Î½Î½»ÏÅV»ÏÄ]¼hÅÆ¿À¼
¾VÌ{¿b×NºfÎÝºaß3»Ï¿xÅ�ØãÐ3Ã
×NºfóÒÅ�ÑiÍxÈ{íÁºfÊ�ÊÓ¿}Ð3ÃäÅM=3ÅV¾{ÕÀÉÛ¿mÅ{Ä]ÃhÅ8ÖZÄ]ÌVÉÛ¿mÐÙÑYºf¼
¾{¿À¼�¼h¿xÅ ��*Æêtø C ����S�����Q���ævçsÄ]Ì{Å{Â
ÃsÑ »½ÎT=ÛºtÃ�¼h¿�»½¼N¾{¿ÀÌJº]ÈÀ¾V»ÏÄ]¼¿À¼
¾VÌ{¿ÆÃ�¼h¿Æ×NºfÎÝºaßv»Ï¿Æ¿À¾�Ã�¼àÊÓ¿À¾V»½¾�ÈxÄ]ÉËÊÁºf×L¼hÄ]¼ �Z¹ ? 8 ��ØvÎÏ¿Ò×NºfótÐ3ÃàÊã¿À¾V»½¾�ÈxÄ]ÉËÊÁºf×L¼hÄ]¼ýÊÓ¿ÀÃ�¾�ÚÀ¾VÌ{¿Æº]ÈxÈÀÌ{ÍÀ¾{ÍÊÁºfÌ}ÎÏ¿ÆÊãÄ]¾{¿À¼
¾V»Ï¿ÀÎ>×LÌJºxÇv»½¾Jºf¾V»ÏÄ]¼�¼h¿ÀÎ'Ð�¿ÆÎÝºP×NºfÎÝºaßv»Ï¿tÉ�º]Å{ÅV»½Ç_¿Læ

þlÃü×NºfóbÇLºËÐ�Ä]¼hÈgÚÀ¾VÌ{¿t×Nºf×L¼hÍtÊÁºfÌlÎÝºË×NºfÎÝºaß3»Ï¿LæÁçs¿(Ì{ÍxÅ{¿ÀÌVÇ_Ä]»½ÌÒÐ�¿t×NºfóbÇLºËÐ�Ä]¼hÈ(Ç]ºfÌV»Ï¿ÀÌÆºfÃðÈxÄ]Ã�Ì{ÅÒÐ3Ã
¾{¿ÀÉËÊhÅkæLç8ÑiÍÀÇ_Ä]Î½Ã�¾V»ÏÄ]¼ÞÐ3ÃP¾JºfÃ3ßËÐ�¿!ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÛÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿�¼sÑi¿xÅ{¾:ÊÁº]Å:ÅV¾VÌV»ÏÈÀ¾{¿ÀÉÛ¿À¼N¾uÉÛÄ]¼hÄ]¾{Ä]¼h¿Læ_ì:Î½ÎÏ¿�ÊÓ¿ÀÌVÉÛ¿À¾
ºfÃhÅJÅV»µÐ�¿�Ì{¿ÀÊ�Ì{ÄvÐ3Ã�»½Ì{¿ÒÐ�¿xÅ8ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼hÅuÐ�¿}¾U=vÊã¿l¿ÀÎ½Î½»½Ê�¾V»ÏÂNÃh¿}ÊãÄ]Ã�Ì

τ
×LÌJºf¼hÐ�¿À¾uÊ�Î½Ã�¾��]¾uÅVÊ�»½ÌJºfÎÏ¿lÊÓÄ]Ã�Ì8ÊãÄ]Ã�Ì

τ
Êã¿À¾V»½¾�æµþÒ¿bÊ�Î½ÃhÅ}Ä]¼ïºËÇvÃðÂNÃh¿bÎÏ¿bÐ3»Ýºf×LÌJºfÉËÉÛ¿gþ C �����aÔ�� δ ¼sÑiÍÀ¾Jºf»Ï¿À¼
¾¡Å{¿À¼hÅV»½â�ÎÏ¿xÅ}Â
ÃsÑYÜËÎ�Ñ í�»ÏÅ{¾{Ä]»½Ì{¿bÐ�¿tÎÝºÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼üÅ{¾{¿ÀÎ½ÎÝºf»½Ì{¿tÐ�¿xÅmÐ�¿ÀÃ3ßîÐ�¿ÀÌV¼�»Ï¿ÀÌ{ÅmÉË»½Î½Î½»ÝºfÌ{Ð�ÅÒÐÙÑYºf¼�¼hÍx¿xÅ�æ
ò Ã�¼üÿf×_¿Æ¾jÖzÄ]ÌVÉýØhÂ
Ã�»sÈxÄ]ÌVÌ{¿xÅVÊÓÄ]¼hÐðÜgÎ�ÑYÿf×_¿tÐ�¿ÆÎÝºg×NºfÎÝºaß3»Ï¿LØ�ÎÏ¿tÅVÊÓ¿xÈÀ¾VÌ{¿¡Ð�¿ÆÎÝºP×NºfÎÝºaß3»Ï¿tºf»½¼hÅV»>Â
Ãh¿ÆÎÏ¿xÅ

»½¼hÐ3»ÏÈx¿xÅlÅ{Ä]¼N¾mÈ�ºfÎÏÈÀÃ�ÎÏÍxÅkæhçs¿Æ¾JºfÃ3ßîÐ�¿ÒÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ðÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅÒÜgÃ�¼î»½¼hÅV¾Jºf¼N¾lÐ�Ä]¼�¼hÍ¡¿xÅV¾
ϕ
�@¾ ��æ�@l¼ýÅVÃ�Ê�ÊãÄLÅJ¿

Â
Ãh¿tÎÝº�Ð3»ÏÅV¾VÌV»½â�Ã�¾V»ÏÄ]¼ï¿À¼ðÉ�º]Å{Å{¿(Ð�¿xÅlÍÀ¾{Ä]»½ÎÏ¿xÅ}ÖzÄ]ÌVÉÛÍx¿xÅ}ÊÁºfÌlÎÝºÛÅVÃ�»½¾{¿b¼h¿bÐ�ÍÀÊÓ¿À¼hÐðÊÁº]ÅlÐ3Ãð¾{¿ÀÉËÊhÅ�ØãÈx¿bÂ
Ã�»
ÊÓ¿ÀÌVÉÛ¿À¾mÐ�¿ÆÊÓÄLÅV¾VÃ�ÎÏ¿ÀÌmÂNÃh¿ÒÎÏ¿Æ¼hÄ]É(â�Ì{¿tÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅmÐ�¿ÆÉ�º]Å{Å{¿ÆÉýØ
ÖzÄ]ÌVÉÛÍx¿xÅ}ÜgÃ�¼à»½¼hÅV¾Jºf¼N¾}¾�¿xÅ{¾mÐ�Ä]¼�¼hÍÆÊÁºfÌ
ÎÝºPÖZÄ]ÌVÉ(Ã�ÎÏ¿tÅVÃ�»½ÇLºf¼N¾{¿Ûô

f(m, t) = ϕ(m)ψ(t)
� �væ ? �

��Ä]Ã�Ì�Ð�¿xÅuÍÀ¾{Ä]»½ÎÏ¿xÅ�ÖZÄ]ÌVÉÛÍx¿xÅu»½Î.=Ûº¡¾jÔ
τ
Ø
Å{¿ÀÃ�ÎÏ¿xÅ�Èx¿ÀÎ½ÎÏ¿xÅ!Ð�Ä]¼N¾!ÎÝº¡É�º]Å{ÅJ¿m¿xÅV¾8»½¼3ÖzÍÀÌV»Ï¿ÀÃ�Ì{¿ÒÜtÎÝºÆÉ�º]Å{Å{¿lÈÀÌV»½¾V»ÏÂNÃh¿

ÍÀÉÛ¿À¾V¾{¿À¼
¾Û¾{Ä]Ã]ñVÄ]Ã�Ì{Åîæ'ø!¿À¾V¾{¿îÈxÄ]¼
¾VÌV»½â�Ã�¾V»ÏÄ]¼&¿xÅV¾PÐ�Ä]¼�¼hÍx¿àÊÁºfÌgÎÝºðÖzÄ]ÌVÉbÃ�ÎÏ¿ �væqR�Ä]Ã%Å �@ÉýØ ��Ø
τ
�(¿xÅV¾(ÎÏ¿

Å{Êã¿xÈÀ¾VÌ{¿tÐÙÑ Ã�¼h¿t×NºfÎÝºaßv»Ï¿tÐ�¿ÆÉ�º]ÅJÅ{¿ÆÉýØhÐ�¿ÆÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{Í ��ØµÜgÎ�Ñ »½¼hÅV¾Jºf¼N¾
τ
æ

L(t− τ) = ψ(t− τ)

mc
∫

0

dmϕ(m)s(m,Z, τ)
� �væqR��

ç>¿tÅVÊÓ¿xÈÀ¾VÌ{¿Æ»½¼N¾{ÍÀ×LÌ{ÍbÐ�¿t¾{Ä]Ã�¾{¿xÅmÎÏ¿xÅmÍÀ¾{Ä]»½ÎÏ¿xÅmÐ�¿tÎÝºg×NºfÎÝºaßv»Ï¿t¿xÅ{¾mÄ]â�¾{¿À¼NÃ�ÜËÎ�ÑYºf»ÏÐ�¿tÐ�¿ÆÎÝºgÖzÄ]ÌVÉbÃ�ÎÏ¿ �væ �

Fspectre(t) =

t
∫

0

L(t− τ)dτ
� �væ ���
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Ê�Î½ÃhÅÆÍÀ¾{¿À»½¼
¾{¿xÅÒÂ
Ãh¿(ÎÏ¿xÅlÍÀ¾{Ä]»½ÎÏ¿xÅÒÊ�Î½ÃhÅlÇ
»Ï¿À»½Î½ÎÏ¿xÅ�Øµ¼hÄ]¾JºfÉËÉÛ¿À¼N¾ÆÎÏ¿xÅÆÍÀ¾{Ä]»½ÎÏ¿xÅÆòmÔ��&¿À¾lÐ�¿ÀÇvÌJºf»Ï¿À¼N¾¡Ð�Ä]¼hÈbÉÛÄ]»½¼hÅ
ÈxÄ]¼
¾VÌV»½â�Ãh¿ÀÌäºfÃ ÈxÄ]¼N¾V»½¼
Ãsæ�ì:¼%¾{¿À¼Áºf¼
¾�ÈxÄ]ÉËÊ�¾{¿îÐ�¿îÈx¿äÊ�íhÍÀ¼hÄ]ÉÛÕÀ¼h¿LØ:ÎÏ¿xÅËÍÀ¾{Ä]»½ÎÏ¿xÅ @0¿À¾ V¸ÈxÄ]¼
¾VÌV»½â�Ãh¿À¼N¾
ÉÛÄ]»½¼hÅËÖZÄ]ÌV¾{¿ÀÉÛ¿À¼
¾�¿À¾ÛÐ3»½Î½Ãh¿À¼N¾ÛÊ�Î½ÃhÅËÖzºf»½â�ÎÏ¿ÀÉÛ¿À¼
¾ÛÎÏ¿xÅËÌJºf»Ï¿xÅË¿À¼&ºfâhÅ{Ä]ÌVÊ�¾V»ÏÄ]¼&Ð�¿xÅ�ÍÀ¾{Ä]»½ÎÏ¿xÅËÊ�Î½ÃhÅPÇ
»Ï¿À»½Î½ÎÏ¿xÅkæ
ç>¿ÀÃ�Ì{Å}ÎÝºfÌV×_¿ÀÃ�Ì{ÅÒÍxÂNÃ�»½ÇLºfÎÏ¿À¼N¾{¿xÅÒÅ{Ä]¼
¾}Ð�Ä]¼hÈtÊ�Î½ÃhÅmÖZÄ]ÌV¾{¿xÅ�æ½æ½æÁçs¿xÅmÎÝºfÌV×_¿ÀÃ�Ì{ÅÒÍxÂNÃ�»½ÇLºfÎÏ¿À¼N¾{¿xÅÒÐ�ÍÀÊÓ¿À¼hÐ�¿À¼N¾ÆÐ�Ä]¼hÈ
Ð�¿tÎ�ÑYºf¾V¾{¿À¼NÃÁºf¾V»ÏÄ]¼sæ

ø!¿à¾U=vÊã¿îÐ�¿àÉÛÄvÐ�ÍÀÎ½»ÏÅJºf¾V»ÏÄ]¼ ¼h¿àÊÓ¿ÀÌVÉÛ¿À¾ËÊÁº]ÅË¼hÄ]¼ Ê�Î½ÃhÅËÐ�¿àÌ{¿À¼hÐ3Ì{¿ýÈxÄ]ÉËÊ�¾{¿îÅV»½É(Ã�Î½¾Jºf¼hÍÀÉÛ¿À¼N¾àÐ�¿xÅ
Ð3»"!ÙÍÀÌ{¿À¼N¾{¿xÅÒÄ]âhÅ{¿ÀÌVÇLºf¾V»ÏÄ]¼hÅ}ÅVÃ�»½ÇLºf¼N¾{¿xÅkæ

8Læ�ÎÏ¿gÌJºfÊ�ÊãÄ]ÌV¾ Hα

Hβ

ôãç>¿xÅÆÌJºf»Ï¿xÅ¡Å{Ä]¼N¾¡Ê�Ì{ÄvÐ3Ã�»½¾{¿xÅÆÊÁºfÌtÐ�¿xÅ¡ÍÀ¾{Ä]»½ÎÏ¿xÅ�@¸¿À¾ V�Â
Ã�»:Å{Ä]¼N¾Æ¾VÌ{ÕxÅ!ñV¿ÀÃ�¼h¿xÅ¡¿À¾
Â
Ã�»Ù¼h¿¡Å{Ä]¼N¾mÊÁº]Å}¿À¼hÈxÄ]Ì{¿bÅ{Ä]ÌV¾V»Ï¿xÅmÐ�¿ÆÎÏ¿ÀÃ�Ì}¼NÃÁºf×_¿tÉÛÄ]ÎÏÍxÈÀÃ�ÎÝºf»½Ì{¿Læ

�3æ�ÎÏ¿:ÌJºfÊ�ÊÓÄ]ÌV¾û¿À¼
¾VÌ{¿�ÎÏ¿8ÈxÄ]¼
¾V»½¼NÃËëB;%¿À¾>ÎÏ¿�ÈxÄ]¼N¾V»½¼
Ã(»½¼3ÖZÌJºfÌ{Ä]Ã�×_¿uÎÏÄ]»½¼N¾Jºf»½¼àô�Ðhºf¼hÅ>ÎÝº�Ì{Í�ºfÎ½»½¾{ÍLØkÎ�ÑiÍÀÉË»ÏÅ{Å{»ÏÄ]¼
èBé ¿xÅV¾mÎÏ¿tÌ{ÍxÅVÃ�Î½¾Jºf¾}Ð�¿tÎ�ÑYºfâhÅJÄ]ÌVÊ�¾V»ÏÄ]¼üÐ�¿bÈx¿ÀÌV¾Jºf»½¼hÅ}Ê�íhÄ]¾{Ä]¼hÅlëB; ¿À¾}Ä]Ê�¾V»ÏÂ
Ãh¿¡ÊÁºfÌ}ÎÏ¿xÅ}ÊãÄ]ÃhÅ{Å{»ÏÕÀÌ{¿xÅ�Ø
Èx¿xÅ�Ð�¿ÀÌV¼�»ÏÕÀÌ{¿xÅ�Ì{ÍxÍÀÉÛ¿À¾V¾Jºf¼N¾mÈx¿À¾V¾{¿ÆÍÀ¼h¿ÀÌV×L»Ï¿Æ¿À¼äèBébæ
çs¿ÒÌJºfÊ�ÊãÄ]ÌV¾�ëB; �fèBé-Êã¿ÀÃ�¾�Ð�Ä]¼hÈÆÅ�Ñ »½¼N¾{¿ÀÌVÊ�Ì{ÍÀ¾{¿ÀÌ
ÈxÄ]ÉËÉÛ¿àÎÏ¿àÌJºfÊ�ÊÓÄ]ÌV¾�¿À¼N¾VÌ{¿àÎÏ¿xÅËÊ�íhÄ]¾{Ä]¼hÅÛ¼hÄ]¼,ºfÌVÌ{ÚÀ¾{Íx¿xÅËÊÁºfÌËÎÝº�ÊÓÄ]ÃhÅ{ÅV»ÏÕÀÌ{¿àÇ_¿ÀÌ{ÅVÃhÅPÎÏ¿xÅËÊ�íhÄ]¾{Ä]¼hÅ
ºfÌVÌ{ÚÀ¾{ÍxÅ�æ

�3æ�ÎÝºgÊÓ¿À¼N¾{¿tëB;gæ
C æ�ÎÝºgÎÝºfÌV×_¿ÀÃ�Ì}ÍxÂ
Ã�»½Ç]ºfÎÏ¿À¼
¾{¿bÐ�¿xÅ�ÌJºf»Ï¿xÅ � α æþÒ¿xÅ8ÉÛÄ
Ð�ÕÀÎÏ¿xÅ'Ê�Î½ÃhÅ:ÌJºo9Û¼hÍxÅ8Êã¿ÀÃ�Ç_¿À¼
¾�ÚÀ¾VÌ{¿�Ã�¾V»½Î½»ÏÅ{ÍxÅ�ôL¿À¼Ë¿ !Ó¿À¾:ÎÝºÒÊÓÄ]ÃhÅ{ÅV»ÏÕÀÌ{¿!¼sÑi¿xÅV¾:ÊÁº]Å�ÖzÄ]Ì{ÈxÍÀÉÛ¿À¼N¾�Ã�¼

ÍxÈÀÌJºf¼îÉ�ºf»ÏÅ�¿ÀÎ½ÎÏ¿lÖ�ºf»½¾!ÊÁºfÌV¾V»Ï¿Ò»½¼
¾{ÍÀ×LÌJºf¼N¾{¿tÐ�¿ÒÎÝº(×NºfÎÝºaßv»Ï¿¡ºfÃäÉÛÚÀÉÛ¿Æ¾V»½¾VÌ{¿ÆÂNÃh¿lÎÏ¿xÅ�ÍÀ¾{Ä]»½ÎÏ¿xÅ�æ3ç>º(ÎÏÄ]»ÙÐ�Í�úh¼�»Ï¿
ÊÁºfÌuøuíÁºfÌVÎÏÄ]¾ � �ÁºfÎ½Î � ���������:ºÒÍÀ¾{Í�Ã�¾V»½Î½»ÏÅ{Íx¿�Ðhºf¼hÅ!êÆòlç>ò��Æì+;Pæfè¦Î�=gºÆÐ�Ä]¼hÈ�Ð�¿ÀÃ3ßP¾U=vÊÓ¿xÅ8ÐÙÑYºf¾V¾{¿À¼NÃÁºf¾V»ÏÄ]¼
ÊÓÄ]Ã�ÌmÎÏ¿xÅmÍÀ¾{Ä]»½ÎÏ¿xÅkæhç>ºPÎÏÄ]»sÐ�¿(øuíÁºfÌVÎÏÄ]¾ � �ÁºfÎ½Î � ����������¿xÅ{¾�â�»½ÉÛÄ
ÐhºfÎÏ¿Ûô

�,ÎÏ¿xÅ�ÍÀ¾{Ä]»½ÎÏ¿xÅ�¾VÌ{ÕxÅ�ñV¿ÀÃ�¼h¿xÅ �@Ê�Î½ÃhÅ�ñj¿ÀÃ�¼h¿¡Â
Ãh¿
τ
Ñ3Å{Ä]¼
¾�Å{Ä]Ã�ÉË»ÏÅ{¿xÅmÜgÃ�¼h¿¡ºf¾V¾{¿À¼NÃÁºf¾V»ÏÄ]¼�Ð�¿l¾ =
ÊÓ¿

τ 1 τ1
(λ/0.55µm)(−n) æT@l¼ðÈxÄ]¼hÅ{»ÏÐ�ÕÀÌ{¿tÂNÃsÑi¿ÀÎ½ÎÏ¿xÅlÅ{Ä]¼N¾l¿À¼hÈxÄ]Ì{¿t¿À¼3ÖZÄ]Ã�»Ï¿xÅ}Ðhºf¼hÅmÎÏ¿Æ¼NÃÁºf×_¿bÉÛÄ]ÎÏÍxÈÀÃ�ÎÝºf»½Ì{¿Læ

�-çs¿xÅgÍÀ¾{Ä]»½ÎÏ¿xÅbÃ�¼åÊã¿ÀÃùÊ�Î½ÃhÅ(Çv»Ï¿À»½Î½ÎÏ¿xÅbÐ�Ä]¼N¾gÎÏ¿Û¼
ÃÁºf×_¿ÛÉÛÄ]ÎÏÍxÈÀÃ�ÎÝºf»½Ì{¿îºîÍÀ¾{ÍÞ¿À¼õÊÁºfÌV¾V»Ï¿�Ð�ÍÀ¾VÌVÃ�»½¾PÅ{Ä]¼
¾
Ð3»½Ì{¿xÈÀ¾{¿ÀÉÛ¿À¼N¾:Ðhºf¼hÅsÎÏ¿8ÉË»½Î½»Ï¿ÀÃb»½¼N¾{¿ÀÌ{Å{¾{¿ÀÎ½ÎÝºf»½Ì{¿uÅJºf¼hÅ>¼NÃÁºf×_¿u¿À¾sÊãÄ]ÃhÅJÅV»ÏÕÀÌ{¿Læ�ì:Î½ÎÏ¿xÅ�Å{Ä]¼N¾�ºfÎÏÄ]Ì{ÅûÅ{Ä]Ã�ÉË»ÏÅJ¿xÅ
ÜgÃ�¼h¿bºf¾V¾{¿À¼NÃÁºf¾V»ÏÄ]¼ïÐ�¿Æ¾U=vÊÓ¿

τ 1 τ2 (λ/0.55µm)(−n) æç>¿xÅ¡Ç]ºfÎÏ¿ÀÃ�Ì{ÅbÐ�¿
τ
ÑÙ¿À¾¡¼<Ä]¼
¾bÍÀ¾{ÍËÈ{íhÄ]»ÏÅV»Ï¿xÅbÊãÄ]Ã�ÌtÂ
Ãh¿gÎÏ¿xÅtÐ3»"!ÙÍÀÌ{¿À¼N¾{¿xÅbÄ]âhÅJ¿ÀÌVÇ]ºfâ�ÎÏ¿xÅ¡Ê�Ì{ÍxÅJ¿À¼N¾{Íx¿xÅtÊ�Ì{ÍxÈxÍ�Ô

Ð�¿ÀÉËÉÛ¿À¼
¾ËÅ{Ä]»Ï¿À¼N¾gÅJºf¾V»ÏÅV¾V»ÏÂ
Ãh¿ÀÉÛ¿À¼N¾gÌ{¿ÀÊ�Ì{Ä
Ð3Ã�»½¾{¿xÅ�æ
τ
ÑsÅV»½¼N¾{¿ÀÌVÊ�Ì{ÕÀ¾{¿àÈxÄ]ÉËÉÛ¿�ÎÝºîÐ3Ã�Ì{Íx¿ÞÐ�¿ÛÇ
»Ï¿ÞÐ3Ãù¼NÃÁºf×_¿

ÉÛÄ]ÎÏÍxÈÀÃ�ÎÝºf»½Ì{¿Læ
þÆºf¼hÅmÎÝºtúh×LÃ�Ì{¿ C Ä]¼îÈxÄ]¼hÅV¾Jºf¾{¿¡Â
Ãh¿ÆÎÏ¿xÅ�×NºfÎÝºaß3»Ï¿xÅ�è¦élò	��¿À¾mè ��@�Å{Ä]¼
¾mÅVÃ�Ê�ÊÓ¿ÀÌVÊãÄLÅ{Íx¿xÅmºfÃ3ßä×NºfÎÝºaßv»Ï¿xÅÐ3Ã �vþ � �ðÜPâÁº]Å}þ C �����3ØhÈx¿bÂNÃ�»sÊÓÄLÅ{¿¡Ã�¼ðÊ�Ì{Ä]â�ÎÏÕÀÉÛ¿bÈÀÌVÃhÈÀ»ÝºfÎûÈ�ºfÌlÎÏ¿xÅ�×NºfÎÝºaß3»Ï¿xÅ}Ð3Ã �vþ � �ä¼h¿bÅ{Ä]¼N¾lÊÁº]Å

Ð�Ä]ÉË»½¼hÍx¿xÅtÊÁºfÌÆÐ�¿gÎÝº�ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ïÅ{¾{¿ÀÎ½ÎÝºf»½Ì{¿LæÙò}Ê�Ì{ÕxÅÆÐ�¿g¼hÄ]Ébâ�Ì{¿ÀÃhÅ{¿xÅbÅV»½ÉbÃ�ÎÝºf¾V»ÏÄ]¼hÅ¡¼hÄ]ÃhÅÆ¼hÄ]ÃhÅÆÅ{Ä]ÉËÉÛ¿xÅ
Ì{¿À¼hÐ3ÃhÅPÈxÄ]ÉËÊ�¾{¿àÂ
Ãh¿ÛÎ�ÑYºf¾V¾{¿À¼NÃÁºf¾V»ÏÄ]¼,ÍÀ¾Jºf»½¾(Ì{¿xÅVÊÓÄ]¼hÅJºfâ�ÎÏ¿äÐ�¿�Èx¿ÞÊãÄ]»½¼
¾�æ'þÒ¿xÅ(×NºfÎÝºaß3»Ï¿xÅPº�Ç_¿xÈ�Ã�¼h¿�ÖzÄ]ÌV¾{¿
ºf¾V¾{¿À¼
ÃÁºf¾V»ÏÄ]¼ü¿À¾�Ã�¼h¿lÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ýÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ�ÖZÄ]ÌV¾{¿ÒÊÓ¿ÀÃ�Ç_¿À¼N¾}ºxÇ_Ä]»½Ì�ÎÏ¿xÅ�ÉÛÚÀÉÛ¿xÅ�ÇLºfÎÏ¿ÀÃ�Ì{Å�Ð�¿Æþ C �����P¿À¾�� δ Ø��St¿À¾ � QtÂNÃh¿lÐ�¿xÅ8×NºfÎÝºaß3»Ï¿xÅ�¼hÄ]¼äÍÀ¾{¿À»½¼N¾{¿xÅ�ºxÇ_¿xÈlÃ�¼h¿�ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÞÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿lÉÛÄvÐ�ÍÀÌ{Íx¿LæNì:¼äÈxÄ]¼hÅ{ÍxÂNÃh¿À¼hÈx¿LØ
ÎÏ¿xÅ�ÅV»½ÉbÃ�ÎÝºf¾V»ÏÄ]¼hÅuÐ3Ã��vþ � �PÊ�Ì{ÍxÅ{¿À¼N¾{Íx¿xÅuÐhºf¼hÅ+^tºfÃ !ãÉ�ºf¼�¼ ��� ��

� � ����������ÊÓÄ]Ã�Ì:ÎÏ¿xÅ{Â
Ãh¿ÀÎ½ÎÏ¿xÅ:Î�ÑYºf¾V¾{¿À¼NÃÁºf¾V»ÏÄ]¼
¼sÑiÍÀ¾Jºf»½¾gÊÁº]ÅgÈxÄ]¼hÅV»ÏÐ�ÍÀÌ{Íx¿LØ�Êã¿ÀÃ�Ç_¿À¼
¾gÚÀ¾VÌ{¿�Ã�¾V»½Î½»ÏÅ{Íx¿xÅPÅ{¿ÀÃ�ÎÏ¿ÀÉÛ¿À¼N¾gÊãÄ]Ã�Ì(ÎÏ¿xÅb×NºfÎÝºaß3»Ï¿xÅg¼hÄ]¼åÍÀ¾{¿À»½¼
¾{¿xÅ�ØûÈLÑi¿xÅ{¾
ÜïÐ3»½Ì{¿ýÊãÄ]Ã�ÌËÎÝº�É�ºañVÄ]ÌV»½¾{ÍýÐ�¿xÅË×NºfÎÝºaß3»Ï¿xÅÛèBé}ò �õ¿À¾Ë¼hÄ]¼ ÊÓÄ]Ã�ÌËÎÏ¿xÅË×NºfÎÝºaß3»Ï¿xÅÛÐ�¿à¾U=vÊÓ¿îè¦élò	�å¿À¾Ûè ��@gæ
ç>¿tÐ3»Ýºf×LÌJºfÉËÉÛ¿bþ C �����aÔ�� δ ¿xÅ{¾mÐ�Ä]¼hÈtÅ{¿À¼hÅV»½â�ÎÏ¿tÜPÎ�ÑYºf¾V¾{¿À¼
ÃÁºf¾V»ÏÄ]¼üÈxÄ]¼
¾VÌJºf»½Ì{¿ÀÉÛ¿À¼N¾tÜPÈx¿tÂ
Ã�»s¿xÅV¾�»½¼hÐ3»ÏÂNÃhÍÐhºf¼hÅB^tºfÃ !ãÉ�ºf¼�¼�������

� � ����������æ

� ��� �mA.$ � � � ; � $
ø!¿À¾V¾{¿<Å{¿xÈÀ¾V»ÏÄ]¼ Ê�Ì{ÍxÅ{¿À¼N¾{¿ïÎÏ¿xÅàÌ{ÍxÅ{Ã�Î½¾Jºf¾{ÅýÐ�¿�ÎÝºõÉÛÄvÐ�ÍÀÎ½»ÏÅJºf¾V»ÏÄ]¼sæ�è¦ÎÏÅîÅ{Ä]¼N¾îÐ�ÍÀ¾Jºf»½Î½ÎÏÍxÅýÐhºf¼hÅàÎ�ÑYºfÌV¾V»ÏÈÀÎÏ¿

Ê�Ì{ÍxÅJ¿À¼N¾{ÍbÐhºf¼hÅmÎÝºËÅ{¿xÈÀ¾V»ÏÄ]¼ðÅVÃ�»½ÇLºf¼N¾{¿Læ
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�îÊÁºfÌJºfÉÛÕÀ¾VÌ{¿xÅËÅ{Ä]¼N¾(¼hÍxÈx¿xÅ{ÅJºf»½Ì{¿xÅ(ÊãÄ]Ã�Ì(×_ÍÀ¼hÍÀÌ{¿ÀÌPÃ�¼åÅVÊÓ¿xÈÀ¾VÌ{¿�Ðhºf¼hÅ(ÎÝºîÉÛÄvÐ�ÍÀÎ½»ÏÅJºf¾V»ÏÄ]¼§Ê�Ì{ÍxÈxÍxÐ�¿À¼N¾{¿Læ*ÒÄ]ÃhÅÆ¼sÑ Ã�¾V»½Î½»ÏÅ{Ä]¼hÅtÂ
Ãh¿PÎÝºÞÉÛ¿xÅVÃ�Ì{¿ËÐ�¿ËÐ�¿ÀÃ3ß�»½¼hÐ3»ÏÈx¿xÅkæÙì:¼<Ì{Í�ºfÎ½»½¾{ÍP¾jÖZÄ]ÌVÉ�¿À¾
γ
¼h¿ËÅJÄ]¼N¾¡ÊÁº]Å¡Ð�¿xÅ¡ÊÁºfÌJºaÔ

ÉÛÕÀ¾VÌ{¿xÅ:Â
Ãh¿�Î�ÑiÄ]¼PÇLºmÈJíh¿ÀÌ{È{íh¿ÀÌuÜlÈxÄ]¼N¾VÌJºf»½¼hÐ3Ì{¿LØLÉ�ºf»ÏÅ�Ê�Î½Ã�¾��]¾:Â
Ã�»
Ç_Ä]¼
¾:Êã¿ÀÌVÉÛ¿À¾V¾VÌ{¿�Ð�¿!Å{Ä]¼hÐ�¿ÀÌ'Î�Ñi¿À¼hÅ{¿ÀÉbâ�ÎÏ¿
Ð3Ã<Î½»Ï¿ÀÃï×_ÍxÄ]ÉÛÍÀ¾VÌV»ÏÂ
Ãh¿ÛÄA\<Å{¿PÅV»½¾VÃh¿À¼N¾¡ÎÏ¿xÅÆ×NºfÎÝºaß3»Ï¿xÅ¡ÂNÃ�»:Ä]¼
¾¡Ã�¼h¿gÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼ùÈxÄ]¼
¾V»½¼NÃh¿�º�Ç]ºf¼
¾bÐÙÑ »½¼N¾VÌ{ÄfÔ
Ð3Ã�»½Ì{¿äÎÝºýáµºfÉbâÓÍx¿äÐ�¿�ÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼%Å{¾{¿ÀÎ½ÎÝºf»½Ì{¿Læ�ì8Î½ÎÏ¿ÞÊÓ¿ÀÌVÉÛ¿À¾PÐ�¿�¾{¿À¼�»½ÌËÈxÄ]ÉËÊ�¾{¿àÐ�¿�¾{Ä]Ã�¾{¿xÅgÎÏ¿xÅgí�»ÏÅV¾{Ä]»½Ì{¿xÅ
ÊÓÄLÅ{ÅV»½â�ÎÏ¿xÅ�æNç>º¡úh×LÃ�Ì{¿ 8 �tÐ3ÃÞÊÁºfÊ�»Ï¿ÀÌuÊ�Ì{ÍxÅ{¿À¼
¾{¿}Î�Ñ »½¼3áhÃh¿À¼hÈx¿ÒÐ�¿mÎÝºtÇ
»½¾{¿xÅJÅ{¿mÐ�¿}Ð3»ÏÅ{Êã¿ÀÌ{ÅV»ÏÄ]¼sØNÎÝº¡ÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{ÍLØ
Ð�¿�Î�ÑYºf¾V¾{ÍÀ¼
ÃÁºf¾V»ÏÄ]¼sæNç8Ñ »½¼3áhÃh¿À¼hÈx¿mÐ�¿�ÎÝºlÇv»½¾{¿xÅ{Å{¿�Ð�¿�Ð3»ÏÅVÊÓ¿ÀÌ{ÅV»ÏÄ]¼Û¿xÅV¾'¼hÍÀ×LÎ½»½×_¿�ºfâ�ÎÏ¿Læ_ç>ºÒÉÛÍÀ¾JºfÎ½Î½»ÏÈÀ»½¾{Ím¿À¾'Î�ÑYºf¾V¾{¿�Ô
¼
ÃÁºf¾V»ÏÄ]¼ÞÄ]¼N¾uÃ�¼h¿�»½¼3áhÃh¿À¼hÈx¿�»½ÉËÊÓÄ]ÌV¾Jºf¼N¾{¿LØ
É�ºf»ÏÅ:»½¼3ÖzÍÀÌV»Ï¿ÀÃ�Ì{¿lºfÃ3ßPâÁºfÌVÌ{¿xÅ�ÐÙÑi¿ÀÌVÌ{¿ÀÃ�Ì�Î½»ÏÍx¿xÅuÜÆÎÝºÆÉÛ¿xÅVÃ�Ì{¿mÐ�¿xÅ
»½¼hÐ3»ÏÈx¿xÅ�æÁçs¿xÅ�ÊÁºfÌJºfÉÛÕÀ¾VÌ{¿xÅ}Â
Ã�»ÙÄ]¼N¾mÎÏ¿xÅm»½¼3áhÃh¿À¼hÈx¿xÅmÎÏ¿xÅ�Ê�Î½ÃhÅ�»½ÉËÊÓÄ]ÌV¾Jºf¼N¾{¿xÅlÅ{Ä]¼N¾}Èx¿ÀÃ3ßîÈxÄ]ÌVÌ{¿xÅVÊÓÄ]¼hÐhºf¼N¾lÜ
Î�Ñ í�»ÏÅV¾{Ä]»½Ì{¿lÐ�¿mÎÝºÒÖzÄ]ÌVÉ�ºf¾V»ÏÄ]¼ÞÅ{¾{¿ÀÎ½ÎÝºf»½Ì{¿}ÅV»½¾VÃhÍx¿lÐhºf¼hÅ8ÎÏ¿}Ð�¿ÀÌV¼�»Ï¿ÀÌuÉË»½Î½Î½»ÝºfÌ{ÐÞÐÙÑYºf¼�¼hÍx¿xÅkØNÈLÑi¿xÅV¾uÜtÐ3»½Ì{¿mÎÝºtÐ3Ã�Ì{Íx¿
Ð�¿lÎÝº¡áµºfÉ(âãÍx¿ÒÐ�¿}ÖZÄ]ÌVÉ�ºf¾V»ÏÄ]¼îÅV¾{¿ÀÎ½ÎÝºf»½Ì{¿Ò¿À¾�ÎÝºtÖ@ÌJº]ÈÀ¾V»ÏÄ]¼àÐÙÑiÍÀ¾{Ä]»½ÎÏ¿xÅ!ÖzÄ]ÌVÉÛÍx¿xÅj6NÈx¿ÒÅ{Ä]¼N¾�¿ÀÃ3ßÞÂ
Ã�»ÁÇ_Ä]¼
¾�ÈÀÌ{Íx¿ÀÌ
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ABSTRACT

Aims. We constrain the past star formation histories of a sample of 25 distant (z̄ ∼ 0.7) luminous infrared galaxies (LIRGs) detected with the
mid infrared cameras ISOCAM and MIPS onboard the ISO and Spitzer satellites.
Methods. We use high resolution VLT-FORS2 spectroscopy in addition to a comprehensive library of 200,000 model optical spectra to de-
rive Bayesian likelihood estimates of the star formation histories of these galaxies based on the analysis of Balmer absorption lines and the
4000 Å break.
Results. The locus of distant LIRGs in the diagram defined by HδA and D4000 is roughly comparable to that of local LIRGs observed with
IRAS, suggesting that no trend for an evolution is detected between the local and distant LIRGs. We obtain similar results when using either
the H8 or the HδA Balmer absorption-line indices in combination with D4000.
We compute a birthrate parameter (b=SFR/<SFR>) of 4±1, confirming that the distant LIRGs are currently experiencing a major phase of star
formation. The most likely duration of the bursts is 0.10+0.16

−0.06 Gyr, during which the LIRGs produce ∼5-10 % of their current stellar mass. No
evidence is found for successive starbursts on the scale of a few times 107 yr, such as those predicted by some numerical simulations of major
mergers. However, the large number density of those galaxies suggest that they could experience between two and four LIRG phases until the
present epoch. This scenario is not consistent with the formation of the z∼0.7 LIRGs through the continuous star formation characterizing
isolated spiral galaxies as has been argued independently based on their morphology. Instead, minor mergers, tidal interactions or gas accretion
remain plausible triggering mechanisms for more than half of the distant LIRGs which do not harbor the morphology of major mergers.

Key words. Galaxies: evolution – Infrared: galaxies – Galaxies: starburst

1. Introduction

Luminous infrared (IR) galaxies, i.e. galaxies radiating more
than ∼ 90 % of their light above 5 µm, have been suggested to
provide important constraints on galaxy formation and evolu-
tion. They are considered to be the main cause of the cosmic
infrared background (CIRB) and major contributors to the evo-

Send offprint requests to: D. Marcillac, email: mar-
cilla@as.arizona.edu

lution with redshift of the cosmic star formation rate (CSFR) of
galaxies (Elbaz et al. 2002, Chary & Elbaz 2001, see also the
review by Lagache et al. 2005). The role of luminous IR galax-
ies (LIRGs for 1011L� ≤ LIR = L[8−1000 µm] < 1012L�) and
ultra-luminous IR galaxies (ULIRGs for LIR ≥ 1012 L�) in the
local universe could be neglected since they only produce about
6 % of the integrated IR emission of local galaxies, hence 2% of
their bolometric luminosity (Soifer & Neugebauer 1991). But
they rapidly evolve with redshift and dominate the CSFR above
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z ∼ 0.6 (Le Floc’h et al. 2005). IRAS extragalactic surveys al-
ready suggested that their number density evolved rapidly with
redshift (∼ (1 + z)7.6±3.2 up to z ∼ 0.2; Kim & Sanders, 1998).
This rapid evolution was later on confirmed up to z ∼ 1 with
ISOCAM and ISOPHOT onboard ISO at 15 and 170µm (see
Elbaz et al. 2005 and references therein), above z ∼ 2 using
SCUBA at 850µm (Smail et al. 2001, Blain et al. 1999) and in
the intermediate redshift range with MIPS onboard Spitzer at
24µm (Chary et al. 2004, Papovitch et al. 2004, Le Floc’h et
al. 2005). However, little is known about the characteristics of
the starbursts themselves, e.g. the amount of stars born during
the burst, the burst duration, and even less about the physical
processes responsible for the intense activity of these galaxies.
One of the major reasons for this lack of information comes
from their nature itself, i.e. the strong dust obscuration of their
optical light.

In a previous paper (Liang et al. 2004, hereafter Paper I),
we presented an analysis of the emission line properties of
the galaxies. The star formation rates (SFR) derived from the
Balmer emission lines (Hα and/or Hβ, plus Hγ to derive dust
attenuations) were corrected for dust attenuation and found to
be consistent with the ones derived from the mid IR (MIR)
using the technique described in Chary & Elbaz (2001). This
study showed that LIRGs in general are not completely ob-
scured by dust and that the use of high-resolution optical spec-
troscopy (∆λ/λ = 2000, in the rest-frame of the objects) could
be used to derive intrinsic luminosities, hence SFR, in rough
agreement with the IR-derived SFR, by minimizing the con-
tamination by sky emission lines and allowing to better cor-
rect for underlying photospheric absorption lines. However, the
consistent derivation of the signal-to-noise ratio on the intrin-
sic luminosities lead to large uncertainties on the measured vi-
sual attenuation. Moreover, there is evidence for some com-
pletely obscured star formation as found in the most luminous
objects studied in Flores et al. (2004) or in Cardiel et al. (2003).
The limited statistics of those studies clearly calls for an ex-
tention of the sample of distant LIRGs, with good S/N on the
optical continuum and high spectral resolution, to robustly de-
termine which fraction of the star formation taking place in
LIRGs and ULIRGs is completely obscured by dust. However
Hopkins et al. (2003) showed that SFR([OII]), SFR(1.4 GHz),
and SFR(FIR) are in very good agreement for a larger sample
of local infrared galaxies detected with IRAS and spectroscop-
ically observed with the Sloan Digital Sky Survey (SDSS).

In the present paper, we wish to address the problem from
another angle: stars less massive, hence with longer lifetimes,
than those responsible for the emission lines standardly used to
derive the optical SFR of galaxies can escape their parent giant
molecular cloud (GMC) and their spectral signature might be
used to derive key parameters concerning the starburst. The Hα
light used to derive a SFR is dominantly produced by the ioniz-
ing photons arising from stars more massive than ∼10 M�, with
lifetimes shorter than 3 Myr. Those stars never escape their par-
ent GMC (average lifetime of 10 Myr) and the dense regions of
very strong extinction, contrary to the A and F stars which are
the main contributors to the Balmer absorption lines and the
4000 Åbreak.

We use these signatures of the optical continuum to com-
pare distant LIRGs to nearby IRAS galaxies or synthetic spec-
tra generated with the Bruzual & Charlot (2003) model. We
find a signature of the starbursts in the D4000-Hδ diagram and
use it to derive the burst properties.

Paper I indirectly confirmed the strong role played by
LIRGs in the CSFR history with the derivation of gas metal-
licities in distant LIRGs twice smaller than the one measured
in present-day galaxies of equal absolute B band magnitude.
This result suggested that these galaxies produced about half
of their metals between z ∼ 1 and today. It was also suggested
that such a large metal production, as well as the large contri-
bution of LIRGs to the CSFR and CIRB, could not result from
a single burst phase in the galaxies harboring LIRG phases and
hence that those galaxies must have experienced a series of
LIRG phases in their lifetime. This possibility is tested in the
present paper.

Finally we note that, based on optical spectra, no evidence
was found in Paper I for a dominant contribution from ac-
tive galactic nuclei (AGNs) in the sample of 76 distant LIRGs
for which a spectroscopic redshift was determined. This con-
firmed the previous result from Fadda et al. (2001) that AGNs
were contributing to less than 20 % of the MIR light of distant
LIRGs, as shown by their soft to hard X-ray radiation measured
with the Newton and Chandra X-ray observatories.

In this paper, we study the stellar spectra of a sample of 25
LIRGs with a median redshift of z̄ = 0.7 using high-resolution
spectroscopy with the FORS2 instrument at the VLT (∆λ/λ =
1200, equivalent to 2000 in the rest-frame of the galaxies). This
sample is smaller than in Paper I because higher signal-to-noise
ratios are required to study the continuum emission in compar-
ison to the emission lines. All galaxies are detected at 15µm
with ISOCAM and the 11 galaxies located in one of the three
fields are also detected at 24µm with the MIPS camera onboard
Spitzer (Papovich et al. 2004, Elbaz et al. 2005). We show that
both indicators provide consistent estimates of the total IR lu-
minosity of the galaxies, hence also the SFR (see also Elbaz et
al. 2005, Marcillac et al. 2005 for a more detailed study).

Sect.2 presents the sample selection and the wavelet de-
composition technique that we used to analyze the spectra.
Sect.3 describes the method used in this paper to study the SFR
history of the galaxies, namely the Balmer absorption line HδA

(4101 Å) versus 4000 Å break position of the galaxies, as previ-
ously done by Kauffmann et al. (2003) for the Sloan Digital Sky
Survey (SDSS). We extended the method used in Kauffmann et
al. (2003) to the high order Balmer line H8 (3889 Å) and H9
(3835 Å)which are easier to detect in distant galaxies due to the
k-correction. The comparison of local and distant LIRGs in this
parameter space is discussed in Sect.4 while the model used to
generate Monte Carlo realizations of 200,000 spectra with dif-
ferent star formation histories is presented in Sect.5. The results
are presented in Sect.6 and discussed in the last Section.

Throughout this paper, we will assume Ho= 75 km s−1

Mpc−1, Ωmatter= 0.3 and ΩΛ = 0.7.
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Object RA DEC z H8 HδA D4000 F15µm
ν F24µm

ν log( LIR
L�

) SFRIR

Slit (J2000) (J2000) µJy µJy M� yr−1

(1) (2) (3) (4) (5) (6) (7) (8) (9) (10) (11)
UDSR08 3 14 55.20 −55 20 31.0 0.7291 3.8±0.5 4.2 ± 0.9 1.11±0.02 236±75 – 11.44±0.24 46.7
UDSR09 3 14 56.10 −55 20 08.0 0.3884 1.4±0.4 – 1.74±0.03 609±87 – 11.20±0.08 27.2
UDSR10 3 14 43.90 −55 21 35.0 0.6798 4.3±0.6 8.4 ± 0.7 1.25±0.03 495±91 – 11.78±0.13 102.9
UDSR14 3 14 43.30 −55 20 11.0 0.8150 4.7±0.4 3.9 ± 0.4 1.15±0.02 200±69 – 11.48±0.27 52.0
UDSR20 3 14 41.10 −55 18 40.0 0.7660 6.9±0.5 6.5 ± 0.8 1.19±0.02 214±72 – 11.44±0.25 47.0
UDSR23 3 14 32.10 −55 19 02.0 0.7094 4.9±0.4 4.7 ± 0.3 1.15±0.02 271±80 – 11.48±0.22 51.8
UDSF06 3 13 30.20 −55 04 04.0 0.6928 4.3±1.3 – 1.27±0.06 150±75 180±22 11.09±0.49 21.0
UDSF07 3 13 17.30 −55 05 16.0 0.7014 3.6±0.9 4.2 ± 0.7 1.17±0.04 154±32 198±27 11.12±0.15 22.6
UDSF12 3 13 07.70 −55 05 26.0 0.7388 7.6±0.9 – 1.29±0.06 331±58 420±30 11.64±0.11 74.7
UDSF16 3 13 08.0 −55 04 18.0 0.4548 – 3.7±0.6 1.25±0.01 138±29 205±26 10.55±0.11 6.0
UDSF17 3 13 08.60 −55 03 57.0 0.8100 6.2±0.3 6.7 ± 0.4 1.22±0.02 257±47 343±23 11.62±0.12 72.0
UDSF18 3 13 16.5 −55 02 27.0 0.4620 – 4.7 ± 0.8 1.17 ±0.01 170±44 – 10.68±0.10 8.2
UDSF19 3 13 09.80 −55 03 08.0 0.5476 4.8±1.0 3.9 ± 1.2 1.32±0.05 611±90 778±40 11.62±0.09 71.4
UDSF28 3 12 51.80 −55 02 57.0 0.6612 2.9±0.6 — 1.47±0.04 321±35 861±37 11.49±0.06 53.1
UDSF29 3 12 50.20 −55 02 59.0 0.6619 4.1±1.3 — 1.37±0.06 354±66 568±28 11.54±0.11 59.6
UDSF20 3 13 19.00 −55 01 42.0 0.8424 2.8±0.7 – 1.33±0.04 117±25 248±21 11.19±0.16 26.7
UDSF31 3 12 44.00 −55 03 21.0 0.6868 4.5±1.1 5.6± 1.1 1.44±0.06 193±38 174±28 11.24±0.14 29.9
CFRS02 3 02 52.01 +00 10 33.0 0.6172 6.9±1.0 5.9± 1.2 1.30±0.10 582±114 – 11.75±0.12 95.8
CFRS06 3 02 49.08 +00 10 1.8 0.6169 3.8±0.4 5.0± 0.3 1.21±0.02 370±95 – 11.50±0.17 53.5
CFRS08 3 02 46.29 +00 13 53.6 0.7154 4.0±0.3 5.9± 0.9 1.24±0.03 360±95 – 11.65±0.17 75.7
CFRS10 3 02 44.57 +00 12 20.1 0.5276 5.6±0.6 5.9± 1.2 1.03±0.04 220±95 – 11.01±0.40 17.7
CFRS11 3 02 42.31 +00 12 9.5 0.6895 – 2.5± 0.7 1.15±0.04 425±110 – 11.70±0.16 85.4
CFRS14 3 02 40.44 +00 14 3.8 0.4652 4.6±0.5 6.5± 0.5 1.10±0.02 172±117 – 10.69±0.58 8.4
CFRS16 3 02 38.80 +00 14 17.5 0.8274 3.3±1.0 – 1.30±0.05 444±100 – 11.99±0.15 166.7
CFRS29 3 02 29.41 +00 12 59.8 0.8804 7.3±1.4 – 1.13±0.05 370±103 – 11.98±0.20 163.6

Table 1. Description of the distant LIRGs sample. The technique used to compute the equivalent widths of Hδ, H8, H9, H10 and the
4000 Å break (D4000) is described in Sect. 2.3. LIR and SFRIR were derived using the Chary & Elbaz (2001) technique.

2. Sample selection and data reduction

2.1. Sample selection

The sample of distant LIRGs was selected from three deep
ISOCAM 15µm surveys and is described in Paper I. 105 galax-
ies were selected on the basis of their 15µm flux density in
three different regions of the southern hemisphere, hence avoid-
ing strong contamination by cosmic variance: the ISOCAM
Ultra-Deep Surveys in the FIRBACK (UDSF) and ROSAT
(UDSR) fields and the CFRS 3h field. All three fields were se-
lected for their low cirrus contamination and high galactic lati-
tude. The UDSF (9′×9′) is located at the center of the “far in-
frared background” survey at 175µm with ISOPHOT onboard
ISO (’FIRBACK’; Puget et al. 1999, Lagache & Dole 2001).
The UDSR is centered at the position of a deep ROSAT survey
(Zamorani et al. 1999). The UDSR and UDSF are both close to
the position of the so-called ’Marano Field’ originally selected
for an optical survey of quasars (Marano et al. 1988), but are
separated by 21′with respect to each other. The third field is one
of the Canada France Redshift Survey fields (CFRS 3h) com-
bining deep infrared, optical and radio data as well as spectra
from the MOS multiobject spectrograph on the 3.6m CFHT.

ISOCAM sources were selected to span the whole flux den-
sity range of the three surveys whose 80 % completeness lim-
its are 150µJy for the UDSF and UDSR and 250µJy for the
CFRS 3h, while the detection limits are 50µJy (UDSF, UDSR)
and 170µJy (faintest sources in the regime below complete-

ness). No optical selection was applied so that the magnitudes
of the sources range from RAB= 19.4 to 23.7. At about the
same epoch (November 2003) than the VLT-FORS2 observa-
tions, a 24µm survey was being performed with the MIPS
camera onboard Spitzer during the MIPS commissioning phase
(IOC/SV). This survey covers the whole UDSF field and all
eleven ISOCAM-15µm sources were detected at 24µm, i.e.
45 % of the sample. The scan map AOT was used, with an
half-array overlap to cover about 1300 Sq. Arcmin with high
redundancy (20) and to get an integration time per sky pixel of
about 230s (Papovich et al. 2004). The data were reduced us-
ing the Spitzer Science Center Pipeline and the BCD products
(Basic Calibrated Data, Pipeline version S10.0.3) were down-
loaded from the Spitzer archive1. PSF-fitting photometry was
performed using DAOPHOT (Stetson 1987) with IRAF2.

From a total of 105 galaxies observed with FORS2 at the
VLT (Paper I), we detected 3 stars, 13 galaxies were too faint
for a redshift determination and within the remaining list, 13
other galaxies were not detected with ISOCAM. The result-
ing list of 76 galaxies with a MIR detection is divided into 34
”normal” galaxies, 36 LIRGs and 6 ULIRGs, where ”normal”

1 http://archive.spitzer.caltech.edu, PID: 718
2 IRAF is distributed by the National Optical Astronomy

Observatories, which are operated by the Association of Universities
for Research in Astronomy, Inc., under the cooperative agreement
with the National Science Foundation
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Fig. 2. Comparison of the VLT-FORS2 raw spectrum (grey line) of the
distant LIRG UDSR23 (z=0.7094, 51.8 M� yr−1) to its wavelet de-
composition resulting from the combination of the four wavelet scales
4-7, i.e. from 11.2 to 89.6 Å(black line). While the absorption lines are
clearly distinguishable, the emission lines such as [OIII],[OII],Hβ,Hγ
are partly diluted by this technique.

galaxies consist in all galaxies except IR luminous galaxies (i.e
LIRGs and ULIRGs). The median SFRs associated to each to-
tal IR luminosity bin are 4, 54 and 196 M� yr−1 respectively.
Because good quality spectra are required to study the stel-
lar absorption lines (S/N> 3 on the continuum per resolution
element), the final sample that we study in the present paper
consists of 25 LIRGs with IR luminosities ranging between
1011 and 1012 L�. The median redshift of the final sample is
z̄=0.7. The measured properties of the galaxies are summarized
in Table 1.

The total (8-1000µm) IR luminosities, LIR, were derived
using the library of template SEDs built by Chary & Elbaz
(2001), as in Elbaz et al. (2005). We also computed LIR from
the Dale & Helou (2001) library following the technique de-
scribed in Marcillac et al. (2005) and found a median value for
LIR 10 % lower than with the previous library and with an rms
of 17 %, hence both techniques provide consistent luminosities.
We then compared the LIR derived with 15µm and/or 24µm
flux densities for the 11 galaxies detected with both ISOCAM
and MIPS. Both libraries of template SEDs provide consistent
determinations of LIR using both measurements (with an rms
of 30 %, see also Elbaz et al. 2005). The median LIR derived
from MIPS is 10 % lower than the one derived from ISOCAM
using both libraries which suggests a possible variation of the
MIR spectra of LIRGs as a function of redshift (see Marcillac
et al. 2005).

2.2. Observations and data reduction

The observations were performed during three nights with
FORS2 on the ESO-VLT with the combination of the grisms
R600 and I600 (3 hours per grism) to cover the wavelength
range 5000 to 9200 Å at a resolution of 5 Å (R=1200). At the
median redshift of the objects of z̄ ∼0.7, the resolution is equiv-
alent to 3 Å (R=2000).

wavelet scale resolution (Å)
0 0.7
1 1.4
2 2.8
3 5.6
4 11.2
5 22.4
6 44.8
7 89.6

Table 2. Definition of the wavelet scales used in the wavelet decom-
position of the VLT-FORS2 spectra. The spectral resolution is equal to
the highest resolution of 0.7×2waveletscale Å. See description in the text
for the construction of the different wavelet transforms at each scale.

Because absorption lines are wider than emission lines, it
is possible to increase the signal-to-noise ratio on the absorp-
tion lines by working at a lower frequency than the raw spec-
trum. The physical origin of the width of the absorption lines
results from the complex combination of the internal dynamics
of the stars and the global dynamics of the galaxy. In order to
optimize the line extraction, we therefore decomposed the raw
spectra into eight different wavelet scales (Table 2) using the
undecimated (keeping an identical sampling in each wavelet
scale) wavelet transform (à trous algorithm; Starck & Murtagh
1994, Starck, Pantin & Murtagh 2002). We optimized the S/N
ratio on the absorption line features by selecting the best com-
bination of wavelet scales. In the wavelet space, the first scale
(highest frequency), that we index as scale 0, corresponds to
features of size 0.7 Å, while features at scale j have a size of
0.7×2j Å. Note that the lowest frequency scale is equivalent to
the raw spectrum smoothed by a B-spline (equivalent to a gaus-
sian) of width 89.5 Å, i.e. the baseline, while at higher frequen-
cies, each wavelet scale ’i’ is equal to the difference between
the raw spectrum smoothed at the scales ’i’ and ’i-1’. Hence
the sum of all wavelet scales plus the baseline (here at scale 7)
is exactly equal to the initial raw spectrum.

In order to determine the number of scales to take into ac-
count in the decomposition, we started from the lowest resolu-
tion in the wavelet space, equivalent to a spectral resolution of
89.5 Å. We then kept doubling the frequency level as long as
the S/N ratio was increased. This happened at the wavelet scale
’4’ (equivalent to 11.2 Å), hence we used the co-addition of the
4,5,6 and 7 wavelet scales (from 11.2 to 89.6 Å, increasing the
frequency by a factor 2 for each scale) in order to reconstruct
spectra devoid of high resolution noise. The steps of the de-
composition are shown in the Fig 1 for a LIRG, UDSR23 (z=
0.7094), located at the median redshift of the sample. The spec-
tra resulting from the combination of these four scales present
the advantage of seeing the same spectral resolution as the one
used by Bica & Alloin (1986). The final result is compared to
the raw spectrum in the Fig. 2.

Note that the wavelet decomposition can dilute emission
lines and that we have checked that absorption lines were not
affected by a similar effect. Being wider, they are naturally less
affected by this technique. However, we quantified this effect
using some stellar spectra extracted from STELIB (Le Borgne
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Fig. 1. Wavelet decomposition of the VLT-FORS2 spectrum of a distant LIRG (UDSR23) located at a redshift of z=0.7094) and forming stars
at a rate of SFRIR= 51.8 M� yr−1. The raw spectrum (thick grey line) is compared to its wavelet decomposition (thin dark line), starting from
scale 7, corresponding to the spectrum smoothed with a B-spline (equivalent to a gaussian) at the lowest resolution of 89.6 Å, then adding up
the wavelet scales by increasing the spectral resolution from 44.8 Å(scale 6) to 0.7 Å(scale 1), by dividing it by a factor 2 for each scale. The
narrow vertical grey zones were masked in the analysis because of the presence of sky emission lines. The vertical dotted lines indicate the
minimum and maximum wavelength for each absorption line. In this zoom, the absorption lines clearly appear as much shallower than the
emission line in OII.

et al 2003) which resolution is about the same as the rest-frame
one for the distant LIRGs. We added a white noise to the stellar
spectra to reach a signal to noise ratio of S/N ∼ 3 on the con-
tinuum, interpolated the spectra to reach a resolution of 0.7 Å
and applied to them the same wavelet decomposition as for the
distant LIRGs. The equivalent widths of the Balmer absorption
lines determined before and after the wavelet analysis differ by
less than 4%. We included this weak difference in the equiva-
lent width uncertainties.

2.3. Measurement of the Balmer absorption line
indices and 4000 Åbreak

In the following, we will compare the equivalent widths mea-
sured for Hδ (4101 Å) and for the high-order Balmer absorp-
tion line H8 (3889 Å). We also considered using the H9 (3835
Å) line that we therefore also define in this section, but it ap-
peared to be a less reliable tracer of the past star formation
activity of galaxies, as we discuss in in the next section.

We used the definition of the Hδ pseudo–equivalent width
indice as defined in the Lick system (Worthey & Ottaviani
1997)(see table 3). Since no Lick indices have yet been de-
fined for the high order Balmer absorption lines, we adapted
the windows defined by Bica & Alloin (1986) to the Lick index
method for H8 and H9 : for each line, the index continuum, the
blue and red bandpasses for each pseudo–continuum are sum-
marized in table 3. The two latter lines present the advantage of
being located at a lower wavelength, to be accessible to higher
redshifts in the observed optical range and to be less affected by
the overlying nebular emission lines at the same wavelengths.

The Hδ absorption line is surrounded by iron absorption
lines which affect both its red and blue pseudo continua and
are responsible for the negative EW measured for this line after
a few Gyears, as discussed in the next section. In order to avoid
such pollution from neighbouring lines, the red continuum of
H8 was choosen to minimize the sensitivity to the CaII H (3933
Å)and K (3966 Å) lines while the 3855-3865 Å region is not
known to be affected by metallic lines. As a result this index
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Name Blue and red bandpasses (Å) Index continua(Å)
HδA 4041.60-4079.75 4128.50-4161.00 4083.50-4122.25
H9 3810-3820 3855-3865 3825-3845
H8 3855-3865 3905-3915 3870-3900

Table 3. Definition of the pseudo–equivalent width indices for the
Hδ (HδA in Worthey & Ottavianni 1997) and for the two high or-
der Balmer absorption lines. For the two last lines, we followed the
same principle as for Lick indices while using windows defined Bica
& Alloin (1986).

is weakly affected by metallicity. H9 is the least polluted line
because no metallic line is located near it, but it is somewhat
fainter than H8 and it is surrounded by the strong absorption
of H8 and H10 which makes the two pseudo continua more
difficult to define. We have primarily used HδA and H8, which
are better determined for most of our spectra but also checked
that we obtained consistent results based on the H9 and Hδ
lines when they were available. Note that we will discuss sep-
arately the results obtained with the Balmer absorption lines
HδA (4102 Å) and H8 (3889 Å). The advantage of this choice
is that it provides two independent estimates of the parameters
that we are deriving and can be used as a test of the robustness
of the Bruzual & Charlot (2003) code that we are using.

Note also that there is an ongoing debate about the possi-
ble misinterpretation of the equivalent width of the HδA line
because of metallicity ratios which could affect its neighboring
regions, hence its associated pseudo-continua (see Thomas et
al., 2004, Korn et al., 2005). On the one hand, HδA presents the
advantage to allow the comparison with studies of local galax-
ies such as SDSS galaxies (Kauffmann et al. 2003) while H8 is
usually not available for local galaxies because it lies in a bluer
region of the spectrum. On the other hand, the H8 line is not
known to be affected by neighboring metallic lines and as it is
located in a bluer region of the spectrum, it is easier to measure
for distant galaxies (less polluted by sky emission lines).

Before measuring these absorption features, we have cor-
rected them from the overlying nebular emission line whenever
possible as indicated in the paper. The nebular emission lines
are not detected directly from the spectra, because they are too
faint, but we computed their emission based on the observed
Hβ and Hγ emission lines (and Hα for the low-z galaxies) as-
suming a line ratio corresponding to a case B recombination
for electron densities ≤ 104 cm−3 and temperatures Te ∼ 104

(Osterbrock, 1989). The Balmer emission line ratio was also
used to compute the attenuation of these lines before subtract-
ing them from the absorption lines measurements. The compu-
tation and values for these attenuations can be found in Paper
I.

Following the same strategy as Kauffmann et al. (2003), we
used the method explained in Bruzual (1983) and the blue and
red bandpass definitions introduced by Balogh et al. (1999).
The latter are narrower than the ones originally defined by
Bruzual (1983) and present the advantage of being less sen-
sitive to reddening effects.

Fig. 3. Time evolution of the H8, H9 and HδA indices and
4000 Åbreak (D4000) for a single stellar population synthesized with
the GALAXEV code (Bruzual & Charlot 2003). Four different metal-
licities were used in each plot demonstrating the marginal effect of
metallicity on the three indices and on D4000 before 1 Gyr: Z= 0.004
(20 % solar, dashed line), Z= 0.008 (40 % solar, dash-dotted line), Z=
0.02 (solar, solid line), Z= 0.05 (2.5 times solar, dotted line). From top
to bottom and left to right: a) H8 evolution, b) H9 evolution, c) HδA

evolution, d) D4000 evolution.

H8 and D4000 values for each distant LIRG are summa-
rized in Table 1. The scientific interpretation is discussed in the
following section.

3. 4000 Å break and Balmer absorption lines as
tracers of the recent star formation history

In this section, we describe how Balmer absorption lines and
the 4000 Å break trace the recent star formation history of
galaxies. For this purpose, we have synthesized a single stellar
population (SSP) using the latest version of the ’GALAXEV’
code from Bruzual & Charlot (2003). For the moment, we
do not include dust attenuation to simplify the discussion.
Note however that the wavelength range over which the equiv-
alent widths and the 4000 Å break are measured is small
which implies a marginal correction due to dust attenuation.
Nonetheless, we will include dust attenuation in the Monte
Carlo realizations that we will compare to the LIRGs and dis-
cuss its effects on our findings.

This version of the GALAXEV code includes the spectral
library STELIB (Le Borgne et al. 2003) whose spectral reso-
lution is 3Å from 3200 to 9500 Å, which is comparable to the
present spectra in the rest-frame of the galaxies. Fig. 3 presents
the evolution with time of the high order Balmer absorption
lines H8 and H9 as well as the HδA absorption line and the
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indice distant LIRGs local LIRGs
D4000 1.2+0.07

−0.07 1.25+0.12
−0.08

HδA 5.0+1.5
−1.1 4.9+1.07

−1.5

Table 4. Median and 68 % dispersion (around the median) of the
D4000 and HδA indices for local and distant galaxies.

4000 Å break. The four lines in each plot correspond to four
different metallicities with the following metal mass fractions
(total mass in elements heavier than hydrogen and helium over
the mass in hydrogen): Z= 0.004 (20 % solar, dashed line), Z=
0.008 (40 % solar, dash-dotted line), Z= 0.02 (solar, solid line),
Z= 0.05 (2.5 times solar, dotted line).

The D4000 is the sudden onset of stellar photospheric opac-
ity shortward of 4000Å. It reflects the mean temperature of the
stars responsible for the continuum: the metals located in the
atmosphere of O and B stars are more ionized and produce a
weaker opacity, hence a smaller 4000 Å break, than those in
cooler stars (Bruzual 1983, Poggianti & Barbaro 1997, Gorgas
et al 1999, Kauffmann et al 2003). Hence D4000 keeps in-
creasing as a function of the aging of the stellar population
(see Fig. 3d). D4000 is sensitive to metallicity as it is shown
in tab. 3d where it varies by more than 20 % after a few billion
years, or when it is larger than 1.6. As we will see in the next
section, the distant LIRGs have D4000=1.2±0.07, and there-
fore for them metallicity effects are negligible. Even if the slope
of D4000 versus age is less flat than for young population, i.e.
7 Gyears, it is flat enough to provide uncertain stellar ages if
used alone.

In order to trace back the recent star formation history of
galaxies, it is therefore necessary to use another tracer of stellar
age such as the Balmer absorption lines, which exhibit a steep
slope as a function of stellar ages in this range of ages (see
Figs. 3a,b,c). Balmer absorption lines are dominantly produced
by the atmosphere of A to F stars. However O and B stars,
which do not exhibit strong absorption lines, indirectly affect
them by increasing the continuum level and therefore diluting
them, which explains the flat values for the equivalent widths
of H8, H9 and HδA in the first few millions years (lifetime of
O and B stars). The rapid increase that follows is produced by
the dominant role of A and F stars, which then disappears after
∼ 0.5 Gyr producing the rapid decline of the equivalent widths
in Fig. 3a, b and c. Here again, it is worthwhile noticing the
marginal role played by the metallicity on the evolution of the
Balmer lines EW with time. The EW varies by less than 20 %
a few billion years after the burst as a function of metallicity.

4. Comparison of local and distant LIRGs

A sample of 401 local (z ≤0.25) LIRGs detected with IRAS,
with optical spectra from the SDSS and emission lines typical
of star forming galaxies, as opposed to AGNs, was identifed by
Pasquali et al. (2005). The locus of the D4000 and EW (HδA)
measured for the distant LIRGs (green filled circles) is com-
pared to that of local LIRGs (blue triangles) and of the field
SDSS galaxies (black dots) in Fig. 4. First, note the concen-

tration of both LIRG populations at low D4000 and high HδA,
which suggests that local and distant LIRGs share a similar
recent star formation history. We could not produce similar fig-
ures for high order Balmer absorption lines for this compari-
son since they are too blue to be accessible in the SDSS spec-
tra. Their position in the D4000-HδA diagram indicates that the
young stellar population that is producing the large IR luminos-
ity is not completely obscured by dust in the optical because
the median D4000 value of 1.2 for these galaxies correspond to
stellar ages lower than 1 Gyr, which is much below the ages of
these galaxies (see Table 4). This already suggests that even in
these dusty galaxies the optical spectral signatures can be used
as a tracer of the recent star formation history. The quasi ab-
sence of distant LIRGs above D4000= 1.25, where half of the
local LIRGs lie, suggests that the distant LIRGs are younger
than the local ones.

The relative proportion of young and old stellar popula-
tions can be studied in these galaxies by comparing the stellar
masses, derived mostly from the old stellar population dom-
inating in the near infrared range, with their D4000 values.
Massive galaxies are generally older as shown by Fig. 5, where
the stellar mass of SDSS galaxies (black dots) increases with
D4000. The position of the local LIRGs (orange filled dots) in
Fig. 5 suggests that they are massive galaxies which were lo-
cated on the right side of the plot before the burst and which
were shifted to the left during the burst, which decreased their
D4000 value. This figure reinforces our interpretation that the
low value of D4000 for the LIRGs is due to the addition of
a young population on top of an older population. The com-
parison of field SDSS galaxies with IRAS LIRGs in four bins
of D4000 from 1 to 1.4 (bin size 0.1, 68 % error bars) shows
that local LIRGs exhibit systematically lower D4000 values for
their stellar masses.

The incompleteness of the photometric data for our sample
of galaxies prevented the determination of their stellar masses.
However, another sample of mid IR selected LIRGs at z̄ =
0.7 located in the Hubble Deep Field South was studied by
Franceschini et al. (2003) who computed their stellar masses
using a Salpeter IMF and a combination of single stellar popu-
lations with ten different ages, to fit their UV-optical-NIR spec-
tra of IR luminous galaxies. From their Table 6, a total of 14
LIRGs possess a spectroscopic redshift between z=0.4 and 1.2,
and 7 more have a photometric redshift in this range. After con-
verting Franceschini’s values to Ho= 75 km s−1 Mpc−1, we find
a median stellar mass of 7×1010 M� for the 14 galaxies with
a spectroscopic redshift. Including the less robust photomet-
ric redhistfs only changes this value to 6×1010 M�. Combined
with a median D4000∼ 1.2, this places the distant LIRGs in a
very similar locus as the local LIRGs (see Fig. 5). Their low
D4000 values are therefore also representative of the young
stellar population of the burst superimposed on top of an older
stellar population dominating the stellar mass of the galaxies.

5. Description of the model

We used the Bruzual & Charlot (2003) model to synthesize a
series of 200,000 Monte Carlo realizations including various
star formation histories. Although the technique is similar to
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Fig. 4. HδA versus D4000 diagram for the SDSS galaxies (black points) and distant LIRGs of the present sample (green filled circles with error
bars). The sub-population of SDSS galaxies detected with IRAS are marked with triangles and separated into galaxies with optical spectra with
(empty red triangles) and without (filled blue triangles) an AGN signature.

Continuous star formation
tform (Gyr) 1–7
γ (Gyr−1) 0–3

Metallicity & velocity dispersion
Z/Z� 0.5–1.5

Vdisp (km.s−1) 100–300
Attenuation

τV 1–4
µ 0.1–1.0

Burst fraction and duration
fB 0-1

τB (108 yr) 0.1–10

Table 5. Description of the range of values used as priors for the sim-
ulations.

the one used in Kauffmann et al. (2003), it presents two differ-
ences related to the populations of galaxies that we are studying
here, i.e. dusty starbursts. The priors of the model were set to
include a range of dust attenuations and to include a larger frac-
tion of starbursting galaxies. We will discuss the effects of both
modifications in the following.

Each star formation history was modeled with eight param-
eters:

- the age of the galaxy since its formation, tform. We im-
posed a maximum age of 7 Gyr, which is the age of the universe
at the median redshift of the galaxies, z̄ ∼ 0.7.

- the parameter γ for the underlying ”continuous” SFR (as
opposed to the starburst itself): SFRcont(t) ∝ e−γt

- the SFR of the burst itself, SFRburst, is not a parameter
but results from the combination of two parameters: the burst
duration, τB, and the stellar mass fraction produced during the
burst, fB. Note that fB computed in the model is the ratio of
the stellar mass formed during the burst, Mburst

? , over the total
stellar mass formed through continuous star formation during
tform, Mcont

? . Here Mcont
? is not corrected for the mass returned to

the interstellar medium by evolved stars and is therefore larger
than the actual stellar mass of the galaxy, M?. In the follow-
ing, we will call, feff

B , the ”effective burst stellar mass fraction”,
computed with M? instead of Mcont

? .
- the dust attenuation parameters, µ and τV, defined as in

Charlot & Fall (2000), i.e. a differential attenuation function
of the age of the stars (see Eq. 1 and Fig. 6a). Stars younger
than 107 years, the typical lifetime of a giant molecular cloud
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Fig. 5. Stellar mass as a function of D4000 for the SDSS galaxies (black points) and distant LIRGs of the present sample (large filled blue
circle). The median stellar mass for the distant LIRGs was derived from Franceschini et al. (2003) as discussed in the text. The sub-population
of SDSS galaxies detected with IRAS and without an AGN signature in their optical spectra (star forming galaxies) are marked with orange
filled circles. The median and 1-σ error bars for the field SDSS galaxies are represented with thick light-blue crosses, while the thin dark-blue
crosses are for the sub-sample of star forming SDSS-IRAS galaxies.

(GMC), are assumed to be embedded in their dusty parent
GMC with an optical depth τV. Older stars are supposed to
have escaped their parent GMC and their ambient medium’s
optical depth is assumed to be µ times smaller. This attenua-
tion law was chosen because it reproduces well the correlation
observed for UV selected starbursts of the FIR over UV ratio
with the UV slope, β, as well as the LHα over LHβ ratio. The
optical depth for stars younger than 0.1 Gyears, τV, was set be-
tween 1 and 4 based on the observed values for LIRGs (Liang
et al. 2004, Flores et al., 2004), while µ was allowed to vary
from 0.1 to 1.

Fobserved
λ

= F intrinsic
λ

× e−τλ

τλ = τV × (5500/λ)0.7 t? < 107 yr
τλ = µ × τV × (5500/λ)0.7 t? ≥ 107yr

(1)

- the velocity dispersion, Vdisp. We allowed a large range of
velocity dispersions to test the effect of a broadening of the HδA

absorption lines that would mimick intrinsically large width of
the absorption lines due to the combination of the internal dy-
namics of the stars with the mass of the galaxy. The influence

of the velocity dispersion on the position of a galaxy in the
HδA-D4000 diagram was found to be negligible (see Fig. 6b).

- the metallicity, Z. The influence of the stellar metallic-
ity is stronger than that of the velocity dispersion but remains
smaller than the error bars on the measured Hδ and D4000 (see
Fig. 6c).

Table 5 summarizes the range over which those eight pa-
rameters were chosen, the so-called priors, which represent the
key adjustment when using a Bayesian statistics. The goal of
these simulations is not to constrain all eight parameters and
indeed some of them produce competitive effects or cannot be
disentangled:

- a galaxy with a given age and γ parameter for its SFR will
be located at the same position in the H8-D4000 diagram than
a younger galaxy with a larger value for γ.

- the two parameters used in the attenuation law, µ and τV.
Fig. 6 shows that galaxies are shifted towards the upper-right
of the HδA-D4000 (or equivalently H8-D4000) diagram with
increasing dust attenuation. This is an important point to note
when comparing dusty galaxies to field galaxies: even though
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Fig. 6. Influence of the attenuation, velocity dispersion and metallicity for a typical star formation history synthesized with the GALAXEV
code (Bruzual & Charlot, 2003). In all three plots, the loops correspond to a burst of star formation which started 3 Gyr (big black circles)
after the galaxy’s birth. a) Influence of the attenuation τv : for a continuous star formation ( γ=1.0, Vdisp=200km.s−1, µ=0.3, Z=Z� ) and a
single burst ( τB=0.1 Gyear and fb=10 % ); the solid line : τv=1.0. The dotted line : τv=2.0. The dashed line : τv=3.0. The long dashed line
: τv=4.0. b) Influence of the velocity dispersion Vdisp : for a continuous star formation ( γ=1.0, τv=3.0, µ=0.3, Z=Z�) and a single burst
(τB=0.1 Gyear and fb=10%). The solid line : Vdisp=100 km.s−1. The dotted line : Vdisp=200km.s−1. The dashed line : Vdisp=300 Km.s−1.
c)Influence of the metallicity Z : for a continuous star formation ( γ=1.0, Vdisp=200km.s−1, τv=3.0 and µ=0.3 ) and a single burst (τB=0.1
Gyear and fb=10 %). The solid line : Z=0.5Z�. The dotted line : Z=Z�. The dashed line : Z=2.5Z�.

LIRGs overlap with a fraction of SDSS field galaxies in the
Fig. 4, their recent star formation history is interpreted differ-
ently if their dust attenuation is taken into account.

Instead, we will use a bayesian approach such as the one de-
tailed in Kauffmann et al. (2003) to derive the following char-
acteristics of the starbursts:

1. the Scalo parameter, i.e. the ratio of present to past-
averaged star formation rate. This parameter defines the rel-
ative intensity of the present starburst.

2. the burst duration, τB.
3. the last burst stellar mass fraction, fB (and f eff

B ).

The bayesian statistics approach consists in determining a
probability distribution function (PDF) for any one of these
parameters, which consists in an histogram of the number of
Monte Carlo realizations weighted by the probability function
exp(−χ2/2), where χ2 is defined in Eq. 2. The convergence of
the technique is reached if the PDF is peaked and its shape pro-
vides the precision of the determination.

χ2 =
(

Hδobs − Hδsim

σ(Hδobs)

)2

+

(

D4000obs − D4000sim

σ(D4000obs)

)2

(2)

6. Results

6.1. Signature of the presence of a starburst in the
distant LIRGs in the H8-D4000 diagram

We generated three series of simulations with the same pri-
ors but varying the percentage of galaxies experiencing a star-
burst at the age of the simulated spectrum. In a first simulation,
SIM1, only 20 % of the Monte Carlo realizations include on-
going starburst. The positions in the H8-D4000 diagram of the
200,000 Monte Carlo realizations of SIM1 are illustrated with

small dots in Fig. 7. The light blue points on the lower-left part
of the figure illustrate the position of galaxies with an ongoing
burst of star formation. The upper dark blue points correspond
to post-starbursts, i.e. galaxies having experienced a recent star-
burst which ended less than 2 Gyr ago, and dark points to galax-
ies with continuous star formation or at least no burst during
the past 2 Gyears. The lines illustrate the tracks followed by an
individual galaxy during its lifetime: a galaxy with purely con-
tinuous star formation will follow the bold red line, where the
numbers mark its age in Gyr (γ=2, µ=0.3, τV=3.0,Vdisp=200
km.s−1). If this galaxy was to experiment a burst of star for-
mation when it is 3 Gyrs old, then it would follow one of the
loops in light orange towards the left of the diagram for a total
duration of 2 Gyrs and then go back to the track of a galaxy
with pure continuous star formation, having lost the memory
of its past starburst. During the loop, D4000 is at first the most
affected by the presence of young stars, moving towards the
left of the diagram, then it is H8 which increases moving up-
wards in the diagram, before the galaxy slowly goes back to
the continuous regime. The first part of the loop is marked
with small lines indicating that the galaxy is still bursting,
while the remaining part of the loop corresponds to the post-
starburst regime. We have plotted a loop starting at an age of 2
Gyears (light orange) and another starting at 3 Gyears (dark or-
ange). In each case we computed the track of τB=5×107 years
(dashed lines) and 108years (plain line) starburst with a fraction
of fB=15 %.

75 % of the distant LIRGs are located within the solid rect-
angle in Fig. 7, hence at the location of galaxies experiencing
a starburst in the simulation. The remaining 25 % of the distant
LIRGs lie in the dashed rectangle which includes the region of
post-starbursts but also galaxies with successive or longer star-
bursts. Hence, the results of the simulation from SIM1 simula-
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Fig. 7. Location of the 200,000 Monte Carlo realizations using the parameters of SIM1 (see table 5) in the H8 versus 4000 Å(D4000) break
diagram. Light blue points (lower-left): starbursting galaxies. Dark blue points (upper part): post-starburst galaxies (galaxies having ex-
perienced a recent starburst which ended less than 2 Gyr ago). Black points: galaxies whith a continuous star formation in the two past
Gyears. Bold red line: track followed by an individual galaxy with continuous star formation (numbers in squares= age in Gyr) generated
with GALAXEV (γ=2., µ=0.3, τV=3.0,Vdisp=200 km.s−1). Orange loops: effect of starbursts of 5×107 (dashed line) and 108 (plain line) years
starting after 2 Gyr (light orange) and 3 Gyr (dark orange) of continuous star formation. The line is hatched during the starburst phase. The
size of the orange dots is proportional to the time counted in 108 years units after the beginning of the burst. The dark rectangle with dashed
contours: area where the distant LIRGS are located. The dark rectangle with a solid line: area where are lying 75 % of the sample (see
Fig. 8 for the position of the individual galaxies with error bars). Triangles: galaxies corrected for the underlying nebular emission line in H8
as derived from the observed lower order Balmer lines corrected for attenuation from the Balmer lines ratio. Stars: galaxies with negligible
emission Balmer line in emission, hence uncorrected for H8 emission. Squares: corrected for the underlying H8 emission line using only one
Balmer emission line available with dust attenuation computed from the IR (from the ratio of SFR(IR) over SFR(Hβ)). Circles: no correction
for the underlying potential emission line because no information is available on the Balmer emission lines.

tion show that the observed galaxies are mainly coherent with
being starbursting galaxies.

As a second step, we designed a new simulation, with 80 %
of the galaxies experiencing an ongoing starburst (SIM2), to
better sample the locus of the distant LIRGs and therefore bet-
ter study the properties of the starbursts themselves. A third
and last simulation (SIM3) was generated to quantify the prob-
ability that the distant LIRGs experienced a previous starburst
during the last 2 Gyr. Half of the galaxies in SIM3, i.e. 100,000
galaxies, have experienced a previous starburst during the last
2 Gyr, which ended before the onset of the ongoing starburst.

The individual positions of the distant LIRGs are compared
to the SIM2 realizations in Fig. 8 and Fig 9 in the H8-D4000

and HδA-D4000 diagrams respectively. UDSR09, which is ly-
ing at the bottom of the simulation is a clear outlyer. Liang et
al (2005) studied carrefully this object and its optical spectrum
shows strong metal absorption lines such as Ca H K, G-band,
Mg H, Na D lines but weak Balmer absorption lines. The X-ray
emission of this object, in addition is mainly associated to an
AGN. As a consequence, an AGN can partially contribute to the
MIR luminosity. Note that the observed galaxies are not iden-
tical in both figures neither in numbers nor in identity because
both H8 and HδA cannot be both measured for all individual
galaxies. The dots correspond to the same simulated galaxies
in both figures and in both cases. Note that the observed LIRGs
do lie below the continuous star formation regime in both fig-
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Fig. 8. Same as in Fig. 7 for the SIM2 Monte Carlo simulation of 200 000 model galaxies. The distant LIRGs are represented with green points
with error bars.

ures, although in slightly different locations. These differences
will be discussed in the subsection 6.5 when we will present
the resulting PDFs. Note also that the distant LIRGs are dis-
tributed in two populations in Fig. 8, one located at the bottom
of the diagram and a second at the upper-left. The second pop-
ulation corresponds to simulated galaxies which experienced a
succession of two starbursts during the last 2 Gyrs. Such histo-
ries are expected in the framework of major mergers of spiral
galaxies with several encounters between two galaxies.

6.2. Determination of the Scalo parameter,
SFR/<SFR>

The PDF obtained for the Scalo parameter of a typical galaxy
with SFR/<SFR>∼ 2.7+7.3

−1.0 (1-σ) is represented in Fig. 10a.
In about 60 % of the distant LIRGs, the PDF converge to-
wards a determination of the Scalo parameter. For 10 out of
17 galaxies for HδA (see Table 6), we compute a median value
of SFR/<SFR>= 3.0+3.5

−0.6 (1-σ). For 12 out of 22 for H8 (see
Table 7) we find SFR/<SFR>= 4+1

−1 (1-σ). These two results
are consistent with each other, as illustrated by the Figs. 11a
and c. The fact that the H8-D4000 diagram provides the tight-
est constraint on the Scalo parameter is due to the fact that the

Fig. 10. Example of PDF obtained for 1 galaxy : a) The Scalo pa-
rameter (subsection 6.2). b Burst duration (subsection 6.2). c) Burst
fraction (subsection 6.2). d) Effective burst fraction (subsection 6.2).

sky background is lower in the bluer wavelength range of H8
than in HδA. We will therefore use that range of values for the
Scalo parameter in the next set of computations. The fact that
the LIRGs are found to produce stars at a rate about four times
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Fig. 9. Location of the 200,000 Monte Carlo realizations using the parameters of SIM2 (see table 5) in the HδA versus 4000 Å(D4000) break
diagram. Light blue points (lower-left): starbursting galaxies. Dark blue points (upper part): post-starburst galaxies (galaxies having ex-
perienced a recent starburst which ended less than 2 Gyr ago). Black points: galaxies whith a continuous star formation in the two past
Gyears. Bold red line: track followed by an individual galaxy with continuous star formation (numbers in squares= age in Gyr) generated
with GALAXEV (γ=4., µ=0.3, τV=3.0,Vdisp=200 km.s−1). Orange loops: effect of starbursts of 5×107 (dashed line) and 108 (plain line) years
starting after 2 Gyr (light orange) and 3 Gyr (dark orange) of continuous star formation. The line is hatched during the starburst phase. The
size of the orange dots is proportional to the time counted in 108 years units after the beginning of the burst. Triangles: galaxies corrected for
the underlying nebular emission line in HδA as derived from the observed lower order Balmer lines corrected for attenuation from the Balmer
lines ratio. Stars: galaxies with negligible emission Balmer line in emission, hence uncorrected for HδA emission. Squares: corrected for the
underlying HδA emission line using only one Balmer emission line available with dust attenuation computed from the IR (from the ratio of
SFR(IR) over SFR(Hβ)). Circles: no correction for the underlying potential emission line because no information is available on the Balmer
emission lines.

larger than their averaged past SFR confirms that they are expe-
riencing a major phase of star formation in their lifetime. This
result is consistent with the large LIR and SFR(IR).

As noted above, the H8-D4000 diagram provides the tight-
est constraint on the Scalo parameter with SFR/<SFR>= 4+1.0

−0.9.
Combined with the ongoing SFR measured from the MIR
emission for the distant LIRGs (quoted in Table 1) for indi-
vidual galaxies and with a median value of: SFR = 52 +34

−33 M�
yr−1 , the Scalo parameter allow us to compute the averaged
past SFR of the distant LIRGs : <SFR>∼ 13±3 M� yr−1.

If we assume that the progenitors of the distant LIRGs
formed stars at a constant rate equal to the averaged past SFR, a
median stellar mass of 7×1010 M� (see Sect. 4) is assembled in

about 5.5±1.5 Gyr (light-weighted age), implying that the first
dominant stellar populations formed at a redshift z ∼ 4.5±1.5.

6.3. Determination of the burst duration

In the HδA-D4000 diagram, the burst duration, τB, can be con-
strained for 11 galaxies (Table 6) for which we obtain a median
of τB = 1.3+1.9

−0.5 × 108 years, e.g. Fig. 10b. Using H8, the tech-
nique converges for 14 galaxies to τB = 1.0+1.6

−0.6 × 108 years.
Here again, as for the Scalo parameter in the previous section,
we find a consistent result using both H8 and HδA. Both indi-
cate that the bursts are short-lived over about 0.1 Gyr. The large
dispersion between the various galaxies may result from differ-
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id SFR/<SFR> (τB) [(τ−B),(τ+B)] fB [ f −B , f +B ] f eff
B [ f eff −

B , f eff +
B ]

[68 %] ×0.1 Gyr [68 %] (%) [68 %] (%) [68 %]
UDSF07 6 [ 3, 24 ] – 4 [ 3,17] 5 [3,25 ]
UDSF16 – 0.8 [ 0.3 , 3.0 ] 3[2,5 ] 4 [3,7 ]
UDSF17 2 [ 1, 5 ] 4 [ 1.5 , 6 ] – –
UDSF18 2 [ 1, 5 ] 1 [ 0.5 , 3 ] 4 [ 3,13] 5 [3,17 ]
UDSF19 – 1.6 [ 0.4 , 4.0 ] 2 [1,23 ] 3 [2,10 ]
UDSF31 – – – –
UDSR08 6 [ 3, 27 ] 0.4 [ 0.2 , 1.3 ] 3 [ 2,16] 5 [3,26 ]
UDSR10 – – – –
UDSR14 4 [ 2, 13 ] 0.3 [ 0.1 , 0.8 ] 4 [2,9 ] 5 [3,14 ]
UDSR20 – 5 [ 1 , 8 ] – –
UDSR23 3 [ 1, 10 ] 0.8 [ 0.3 , 1.6 ] 6 [4,9 ] 7 [5,19 ]
CFRS02 – – – –
CFRS06 2 [ 1, 4 ] 2. [ 1 , 4 ] 2 [1,9 ] 7 [5,19 ]
CFRS08 – – – –
CFRS10 10 [ 5, 36 ] 1 [ 0.2 , 2.0 ] 13 [7,30] 14 [7,47 ]
CFRS11 3 [ 2, 15 ] – 3 [2,5 ] 4 [3,9 ]
CFRS14 3 [ 2, 6 ] 3 [ 1 , 6 ] – –

Table 6. Results concerning the burst duration, the Scalo ratio SFR/<SFR>, and the burst fraction ( fB) when using the HδA data.

id SFR/<SFR> τB [τ−B,τ+B] fB [ f −B , f +B ] f eff
B [ f eff −

B , f eff +
B ]

(%) [68 %] ×0.1 Gyr [68 %] (%) [68 %] (%) [68 %]
UDSF06 – 2 [1,6] 3 [2 ,19 ] 3 [2,22]
UDSF07 4 [2,13] 0.2 [0.1,0.9] – –
UDSF12 – ≥8.9 – –
UDSF17 – 5 [1,8] – –
UDSF19 – – 2 [1 ,15 ] 3 [2 19 ]
UDSF28 4 [2,8] – – –
UDSF29b – – – –
UDSF20 2 [1,5] – – –
UDSF31 – – – –
UDSR08 7 [3,30] 0.4 [0.2,0.7] – –
UDSR09 – 0.4 [0.2,0.9] – –
UDSR10 – 1 [0.3,2.2] 3 [2 ,13 ] 3 [3,15]
UDSR14 5 [2,12] 0.8 [0.3,1.7] – –
UDSR20 – 7 [3,8] – –
UDSR23 3 [2,7] 1 [1,3] – –
CFRS02 – ≥3.1 – –
CFRS06 3 [1,7] 0.2 [0.1,0.7] 4 [3 ,13 ] 4 [3,16]
CFRS08 4 [2,10] 0.4 [0.1,1.0] 3 [2 ,11] 4 [3,14]
CFRS10 8 [5,14] 1.0 [0.6,2.0] – –
CFRS14 4 [2,11] 0.6 [0.3,1.6] – –
CFRS16 7 [3,23] ≤7.85 4 [2 ,18 ] 5 [3,21]
CFRS29 3 [2, 9] 2.5 [1,5] – –

Table 7. Results concerning the burst duration, the Scalo ratio SFR/<SFR>, and the burst fraction ( fB) when using the H8 data.

ent initial gas mass fractions or triggering mechanisms for the
burst.

6.4. Determination of the burst stellar mass fraction

The simulations converge to a value of fB for only 6/22 galax-
ies in the H8-D4000 diagram and 10/17 in the HδA-D4000 (see
the example of UDSR 23 in Fig. 10c). The difficulty to deter-
mine the burst stellar mass fraction is not surprising. It results

from the fact that as soon as the young stellar population starts
dominating the spectrum of a galaxy, it becomes nearly impos-
sible to measure with good precision the fraction of the light
due to the underlying older population. Indeed, the PDFs con-
verge only for galaxies for which the fraction of young stars
remains low (see Tables 6,7).

However, we can still derive the effective burst stellar mass
fraction, f eff

B , which is equal to the mass of stars produced dur-
ing the burst, i.e. τB× SFR, divided by the total stellar mass
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Fig. 11. Distribution of the Scalo parameter and the burst duration. a)
The Scalo parameter in the H8-D4000 diagram. b) The burst duration
in the H8-D4000 diagram. c) The Scalo parameter in the HδA-D4000
diagram. d) The burst duration in the HδA-D4000 diagram.

Fig. 12. The lines are the same as in Fig. 7 and in Fig. 8. The black
circle are proportional to t20 defined before, while the grey one to t50.

of the galaxy, i.e. tform× <SFR>. Since τB = 1.0+1.6
−0.6 × 108

years and SFR=52 +34
−33 M� yr−1, we obtain an effective burst

stellar mass fraction of f eff
B = 10±9 %. Note that a burst pro-

ducing 10 % of a 7×1010 M� galaxy, will convert 7×109 M� of
molecular gas into stars, which is consistent with the mass of
molecular gas observed in local LIRGs and ULIRGs (Sanders
& Mirabel 1996).

6.5. Testing the ”multiple burst” scenario

A sub-sample of the distant LIRGs lie on the upper-left part of
the H8 and HδA versus D4000 diagrams (Figs. 8, 9). This re-
gion is populated by Monte Carlo realizations of galaxies for
which the ongoing burst of star formation was superimposed
on a previous burst which ended less than 2 Gyr ago. In or-
der to quantify the probability of such an occurence, we gener-
ated a third simulation, SIM3, in which half of the realizations
experienced two successive bursts during the last 2 Gyr. We

Fig. 13. The lines are the same as in Fig. 7 and in Fig. 8. The black
circle are proportional to t20 defined before, while the grey one to t50.

id t20 t50
108years 108years

(1) (2) (3)
6.udsf 7.0 13.0
7.udsf 8.0 13.0
12.udsf 5.0 9.0
17.udsf 6.0 12.0
19.udsf 7.0 13.0
28.udsf 14.0 18.0
29.udsf 8.0 13.0
20.udsf 11.0 16.0
31.udsf 7.0 13.0
8.udsr 7.0 12.0
10.udsr 9.0 14.0
14.udsr 7.0 12.0
20.udsr 4.0 10.0
23.udsr 6.0 12.0
9.udsr 12.0 13.0
2.cfrs 5.0 11.0
6.cfrs 9.0 14.0
8.cfrs 9.0 14.0
10.cfrs 4.0 9.0
14.cfrs 6.0 12.0
16.cfrs 8.0 13.0
29.cfrs 5.0 11.0

Table 8. Values of t20 (black circle) and t50 (grey circle) obtained for
the 22 galaxies in the H8-D4000 diagram, to quantify the probability
of two successive starbursts (see text).

then computed for each galaxy, using the same bayesian statis-
tics, a probability for various possible durations between the
two bursts. Two representative numbers are assigned for each
galaxy in Tables 8 and 9: t20 and t50. These values correspond to
lookback times associated with a 20 and 50 % chance of finding
a previous burst which ended t20 and t50 Gyr before the onset
of the ongoing one. For example, in the case of UDSR20, we
obtain from the H8-D4000 diagram (see Table 8) t20 = 0.4 Gyr
and t50 = 1 Gyr, which implies that there is a 50 % chance that a
previous starburst occured 1 Gyr before the onset of the present
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id t20 t50
108years 108years

(1) (2) (3)
7.udsf 6.0 11.0
16.udsf 10.0 14.0
17.udsf 3.0 5.0
18.udsf 7.0 12.0
19.udsf 8.0 13.0
31.udsf 6.0 11.0
8.udsr 6.0 12.0
10.udsr 3.0 7.0
14.udsr 7.0 12.0
20.udsr 5.0 11.0
23.udsr 7.0 12.0
2.cfrs 6.0 12.0
6.cfrs 8.0 13.0
8.cfrs 6.0 12.0
10.cfrs 5.0 10.0
11.cfrs 8.0 14.0
14.cfrs 3.0 9.0

Table 9. Values of t20 (black circle) and t50 (grey circle) obtained for
the 17 galaxies in the HδA-D4000 diagram, to quantify the probability
of two successive starbursts (see text).

one and a 20 % chance that the delay was only a 0.4 Gyr. Hence
UDSR20 is a good candidate for two successive bursts. We did
not consider higher probabilities or longer timescales because
of the limited constraints that we can set on those parameters
and because after about 1.5 Gyr, the memory of the previous
burst is lost with this technique.

Local LIRGs and ULIRGs are known to be predominantly
triggered by major mergers (Borne et al. 1999, Sanders &
Mirabel 1996) and numerical simulations of such mergers pre-
dict that the two galaxies cross each other several times, po-
tentially inducing a series of bursts separated by a few tens of
million years (Mihos & Hernquist 1996). However, in distant
LIRGs, the probability that a previous starburst occured less
than 0.5 Gyr ago is nearly always lower than 20 %. This re-
sult must be considered together with recent evaluations of the
morphological properties of distants LIRGs which also suggest
that most of them are not produced in major mergers (Bell et
al. 2005, Zheng et al. 2004, Elbaz & Cesarsky 2004). Bell et
al. (2005) suggested that distant LIRGs could either be non-
triggered phases in isolated spirals with larger gas masses, pos-
sibly experiencing some infall, or minor mergers, where the
dwarf galaxy responsible is not detected. Our determination of
a burst duration of 0.1 Gyr and a Scalo parameter of 4, seems
to rule out the possibility that distant LIRGs are isolated spi-
rals forming stars at a constant rate over a long duration. The
starbursts may instead be triggered by tidal effects and minor
mergers in regions of the universe where the local density of
galaxies is enhanced as suggested by Elbaz & Cesarsky (2003)
or by the infall of intergalactic gas (Combes, 2005). Further
kinematical studies of distant galaxies (see Flores et al, 2006;
Puech et al, 2006) will help to distinguish between the various
scenarios (mergers, gas infall) discussed here.”

7. Discussion and conclusions

We have analyzed the star formation history of a sample of 25
distant LIRGs (z̄ = 0.7) that we derived from their stellar spec-
tra (Balmer absorption lines and 4000 Å break). The high order
Balmer absorption line H8 and the HδA line provide consistent
results although H8 is more adapted to distant galaxies being
located in a bluer region of the spectrum, less affected by sky
emission lines and which is measured for more distant objects
than HδA. Variations at the 30 % level between the burst pa-
rameters obtained using one or the other indicator suggest that
some effects, such as abundance ratios which might affect the
pseudo-continua surrounding the HδA line, should be taken into
account to improve the models (see Thomas, Maraston & Korn
2004, Korn, Maraston & Thomas 2005).

The comparison of distant LIRGs, selected from ISOCAM
and MIPS, onboard ISO and Spitzer, to local LIRGs, selected
from IRAS and the SDSS, shows that both populations present
similar spectral features and therefore suggests that they are
experiencing comparable starburst phases. The fact that half of
the local LIRGs present D4000 values larger than the maxi-
mum D4000 of distant LIRGs indicates that the dominant non
bursting stellar population is younger for distant LIRGs, as ex-
pected.

The first important result of this study is the identification
of an optical signature for the presence of a starburst in these
galaxies, in spite of their large dust attenuation. While con-
tinuous star formation follows a line along decreasing Balmer
EW and increasing D4000, a burst superimposed on this pop-
ulation produces a loop that first decrease D4000 and then in-
crease the Balmer line EW. However, after about 1.5 Gyr, the
memory of the burst is lost and the galaxy behaves like others
which did not experience a starburst. As result, we are limited
to study only the averaged past star formation history for look-
back times shorter than 1.5 Gyr. The bursts characteristics were
derived from probability distribution functions (PDF) using a
bayesian statistics as in Kauffmann et al. (2003).

The median ratio of present over averaged SFR, the so-
called Scalo parameter, for the distant LIRGs is SFR/<SFR>=
4±1 (we used the H8 line for which a larger sample of galax-
ies is available and the PDFs present a sharper peak), which
indicates that these galaxies are experiencing an atypically in-
tense phase of star formation in their lifetime. A median SFR
of 52+34

−33 M� yr−1 for the ongoing starbursts was derived from
their MIR luminosities. Hence, their mean SFR averaged over
their lifetime is <SFR>= 13±3 M� yr−1. Knowing the median
stellar mass for LIRGs of equivalent luminosity and redshift
range (from Franceschini et al. 2003), we derived an age for
those distant LIRGs of tform = 5.5±1.5 Gyr, suggesting that
they formed at zform = 4.5±1.5.

As for the bursts themselves, we computed a median du-
ration of τB = 1.0+1.6

−0.6 × 108 years, during which the galaxies
produced 10±9 % (the error bar includes 68 % of the galaxy
sample) of their stellar mass. This corresponds to a mass of
molecular gas of about 7×109 M� which is consistent that ob-
served in local LIRGs and ULIRGs (see Sanders & Mirabel
1996).
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We note that all simulations produced in this paper assume
the same fixed IMF for both the underlying star formation
and the burst of star formation. Some evidence that the for-
mation of low-mass may be less efficient in the environment
of active star formation in the solar neighborhood were sug-
gested in the past (Larson 1986, Scalo 1986, Maeder 1993).
A top-heavy IMF could also account for the enhanced ratio of
light elements to iron in massive early-type galaxies (Worthey,
Faber & Gonzalez 1992) and for the relative enrichment of oxy-
gen to iron in the intra-cluster medium (Arnaud et al, 1992).
In our study, the occurrence of a top-heavy IMF in the burst
episode would only weakly influence the derived burst duration
timescales, which are set by the spectral signature of massive
A to F stars. However, a top-heavy IMF during the burst phase
would imply a much lower contribution to the total galaxy mass
by longer-lived, low-mass stars.

Finally, we discussed the possibility that the distant LIRGs
experienced a previous starburst prior to the ongoing one dur-
ing the last 1.5 Gyr. While most galaxies are not consistent with
a merger scenario where two galaxies merge in several phases
producing a series of bursts separated by a few ten millions
years (Mihos & Hernquist 1996), the majority present more
than 50 % chance to have experienced a previous burst in the
last 1.5 Gyr, i.e. since z ∼ 1. If these properties are typical of
LIRGs between z = 1 and z = 0, then this suggests that the
population of galaxies experiencing LIRG phases experienced
on average 2 to 3 LIRG phases since z = 1 and up to 4 since
their birth around z = 4–5, as also suggested by Hammer et al.
(2005). This scenario is not consistent with the formation of
distant LIRGs through the continuous star formation character-
izing isolated spiral galaxies as has been argued independently
based on their morphology. Instead, minor mergers, tidal inter-
actions and gas accretion all remain equally plausible trigger-
ing mechanisms for more than half of the distant LIRGs which
do not harbor the morphology of major mergers.
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