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Prédiction in silico de phases cristallines Lix(CO2)y ou nitrures 

par algorithme évolutionnaire et calculs en chimie quantique 

 

La découverte de nouveaux composés cristallins par simulation numérique est un défi 

majeur en Science des Matériaux. Ce travail de thèse s’inscrit dans ce champ de recherche et 

aborde trois familles de composés : (1) les composés constitués de lithium et de dioxyde de 

carbone, Lix(Cτ2)y ; (2) les phases de composés binaires M-azote avec M = Mg, Ba, Mo et Zr ; 

(3) les systèmes GaPτ4 et SiS2 isoélectroniques à la silice. Leurs structures cristallines sous 

contrainte de pression sont prédites à partir de l’unique connaissance de leur composition 

chimique. σos analyses basées sur une approche propre à la chimie quantique permettent de 

répondre entre autres à la question suivante : la polymérisation de molécules insaturées tels que 

Cτ2 et σ2 est-elle favorisée par l’ajout d’un élément chimique, lequel, en quelle quantité et dans 

quelles conditions de pression ?  

σous avons identifié une grande diversité de composition chimique lors de l’étude des 

diagrammes de phases binaires Li-Cτ2 et M-σ à pression atmosphérique et/ou extrême. La 

stabilité thermodynamique et dynamique de plusieurs dizaines de phases cristallines a été étudiée 

tels que les systèmes cristallins Li2(Cτ2), Mgσ4, Ba(σ5)2 et Moσ2. σous émettons l’hypothèse 

que certaines phases devraient pouvoir être synthétisées, et ceci dans des conditions de pression 

variées.  
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5           6 

Composition chimique vs pression dans les diagrammes de phase Mg-σ et Ba-σ. 

 

Des chaînons σ2, σ3 et σ4, des anions pentazolates σ5
- et des cycles type benzène σ6 

sont rencontrés (voir ci-après 7) ; leurs structures électroniques et géométriques ont été 

étudiées et rationnalisées. De même, des systèmes polymériques d’azote ont été observés, 

chaines covalentes infinies (1D) et feuillets (2D) stabilisées par les cations alcalino-terreux. 

Certains de ces matériaux ont des propriétés de conduction métallique sous pression extrême.  

 

0D                 

 

1D    2D   

 

7, motifs σy rencontrés dans les structures Aexσy (Ae=Mg, Ba) sous pression 
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Tandis que Mg3σ2 est un composé ionique isolant de type Zintl (3Mg2+, 2σ3-) à pression 

ambiante, Ba3σ2 présente une surprenante structure C2/m en feuillet dans sa phase la plus stable 

thermodynamiquement. Dans C2/m, des entités σ2
4- et des ions σ3- sont encapsulées dans le sous-

réseau barium. A pression ambiente, C2/m Ba3σ2 8 est un conducteur électrique, un électride 

bidimensionnel, une propriété observée dans les composés riches en barium Ba3σ et Ba2σ. De 

plus, sous pression, deux transformations de phase sont prédites pour Ba3σ2 : C2/m (5 GPa)P-

1 (β5 GPa)C2/c, avec la séquence électride conducteur (C2/m) isolant (P-1) métal (C2/c). 

La localisation d’électrons dans l’espace inter-feuillets explique les propriétés de conduction 

métallique de C2/m Ba3σ2, voir l’illustration en 8, tandis que la phase P-1 stable comprend des 

nitrures σ3- encapsulés dans un réseau cationique, caractéristique structurale d’un composé Zintl 

qui lui confère un caractère d’isolant électrique. Ba3σ2 constitue une exception structurale et 

électronique parmi ses composés isoélectroniques Ae3σ2 à pression ambiante (Ae=Be, Mg, Ca).  

 

 

8  

Structure cristalline Ba3σ2 C2/m et densité de charge (à droite) :  

une localisation d’électrons est observée dans l’espace inter-feuillet 

 

Finalement, et pour la première fois à notre connaissance, des composés de l’état solide 

de type Ae(σ5)2 sont proposés dans la série des alcalino-terreux Ae = Be, Mg, Ca, Sr et Ba. 

Chaque structure cristalline comprend deux cycles σ5
- pentazolates, soit 10 atomes d’azote par 

métal. Pour le beryllium dipentazolate Beσ10 9, une structure à charpente ouverte de type Metal 

Inorganic Framework MIF autorise le stockage de 1,5 molécules de diazote par formule unitaire ; 

sur la base d’une simulation dynamique (AIMD), il est montré que la charpente pentazolate-Be2+ 
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du composé hypothétique Be(σ5)2(σ2)1,5 est stable au moins jusqu’à 600 K. Ces sels de 

pentazolates peuvent libérer une quantité d’énergie et de moles gazeuses lors de la réaction de 

décomposition hypothétique Ae(σ5)2 = ଵଷAe3σ2 + ଶ8ଷ σ2, et à ce titre, s’invitent dans la famille 

des matériaux à haute densité d’énergie et des explosifs. 

 

   

9, phase Be(σ5)2(σ2)1,5    10, phase Moσ2 : P63/mmc est la plus stable 

    

La dernière classe de composés nitrurés abordée dans cette deuxième partie concerne les 

matériaux Moxσy et Zrxσy. Au quatrième chapitre est traité un sujet en réponse à des travaux 

expérimentaux qui conduisaient en 2015 à la proposition d’une structure en feuillet de type MoS2 

pour le composé dinitrure de molybdène Moσ2 10.  σotre recherche de la structure cristalline 

de Moσ2 par approche évolutionnaire couplée à des calculs DFT bat en brèche les conclusions 

des expérimentateurs : la phase stable thermodynamiquement de Moσ2 présente une structure 

cristalline où des entités σ2 sont encapsulées dans des cages prismatiques d’atomes de Molybdène. 

La phase « expérimentale » de structure-type MoS2 est instable dynamiquement du fait de la 

présence de branches de phonons imaginaires dans son spectre de phonons. De plus, elle est 

instable thermodynamiquement. Il est montré que l’optimisation géométrique de Moσ2 type-

MoS2 conduit au couplage des atomes d’azote donc à l’existence d’unités σ2 encapsulées dans le 

réseau métallique, du fait du caractère radicalaire de l’azote dans la phase de type MoS2. Ces 

résultats invitent à une nouvelle démarche expérimentale pour la détermination de la composition 

chimique et la structure cristallographique du matériau catalytique Moσ2.   
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Puis une étude théorique des liaisons chimiques et des arrangements structuraux présents 

au sein de nitrures de zirconium Zrxσy à pression ambiante est menée en collaboration avec une 

équipe de l’université σPU de Xi’an. Un modèle théorique basée sur une analyse orbitalaire est 

proposé pour l’analyse de la perturbation électronique liée à la création de défaut en azote ou en 

zirconium au sein de phases Zrxσy de type σaCl. 

La troisième partie de ce manuscrit traite deux thèmes relatifs à la prédiction de la 

structure cristalline de composé de composition fixé, l’un GaPτ4 11 et l’autre SiS2 12, tous deux 

isoélectroniques à la silice Siτ2. Le premier est le fruit d’une collaboration avec une équipe 

d’expérimentateurs en Sciences des matériaux sous haute pression. Les travaux expérimentaux 

et théoriques portent sur l’élucidation de la structure cristallographique d’une phase métastable 

de GaPτ4 obtenue à haute pression. σotre étude évolutionnaire/DFT conduit à la proposition 

d’une transformation de phase de la forme -quartz vers une forme métastable orthorhombique 

de groupe d’espace Pmn21, en très bon accord avec les données expérimentales (DRX & IR). Le 

deuxième thème envisage les différentes transformations de phase du disulfure de silicium SiS2 

induites par la pression (0 à 500 GPa).      

    

11, GaPτ4 à 20 GPa   12, SiS2 à 500 GPa ; Si et S sont en coordinence κ 

 

Finalement, nous présentons une conclusion générale. 

Ces travaux de thèse ont fait l’objet de 4 articles publiés dans des revues internationales 

à comité de lecture et de plusieurs communications orales (3) et par voie d’affiche (4). Deux 

autres publications sont soumises pour publication et deux sont en cours de rédaction. 

 



xiv 
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The discovery of new crystalline compounds by numerical simulation is a significant 

challenge in materials science. My Ph.D. work has contributed to this research and focused on 

three families of compounds: (i) compounds consisting of lithium and carbon dioxide; (ii) the M-

nitrogen binary compounds with M = Mg, Ba, Mo, and Zr; and (iii) GaPτ4 and SiS2 systems.  

The crystalline structures under compression were predicted from the knowledge of their 

chemical composition. τur analysis based on quantum chemistry makes it possible to answer, 

among others, the following questions: is the polymerization of unsaturated molecules, such as 

Cτ2 and σ2, favored by the addition of an element? Which element and in what quantity? What 

are the pressure conditions? 

The crystallographic structures are determined in silico using an evolutionary algorithm 

based on the concepts of the Darwinian theory, coupled with density functional theory. The 

general principles of the evolutionary algorithm are discussed in Chapter I. In addition, a brief 

presentation of the structural and electronic optimization for the solid-state compound is 

illustrated. The analysis of the structural arrangements and the electronic structure has been 

carried out using several methodological approaches, such as density of states, the crystal orbital 

Hamilton population, and the molecular and crystalline orbital theory.  

In the field of Cτ2 capture and storage, condensed extended Cτ2-based net crystals present 

interesting properties. Unsaturated Cτ2 species possess lone pairs and/or multiple bonds that may 

interact with atoms with low coordination numbers in neighboring units, leading to novel 

covalent C/τ oligomers and extended nets. σevertheless, three-dimensional poly-Cτ2 are not 

quenchable at ambient conditions. Therefore, alternative conceptual strategies of Cτ2 

polymerization need to be explored. τne approach involves the activation of Cτ2 under high 

pressure, by mixing Cτ2 with an electropositive s-block element. In this study, the phase diagram 

Li-Cτ2 is established between 0 and 100 GPa, and three stable compositions are located: Li2Cτ2, 

Li3(Cτ2)2 and LiCτ2. The geometrical and electronic structure of Lix(Cτ2)y is developed in 

Chapter II. In particular, we study the polymerization of Cτ2 entities in lithium oxalate Li2(C2τ4). 

It is shown that the poly-1,4-dioxane phase is the most stable structural arrangement, and is 

thermodynamical stable beyond 33 GPa. Two other compositions (Li3(Cτ2)2 and Li2Cτ2) are 
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obtained, the later phase has a unit of ethene type (-τ)2C=C(τ-)2. By DFT calculations, these 

oxalates Li2+x(C2τ4) are proposed as an electrode of the organic lithium battery. 

The discovery and synthesis of environmental friendly, high energy-density materials is now 

more critical than at any time in the past. Polynitrogen compounds are of significant interest due 

to their particularly high specific energy. τne practical approach to stabilize such polymeric 

nitrogen phases is to form nitrogen-rich alloys with other elements; such “chemical 

precompression” may significantly reduce the pressure of polymerization. Therefore, we studied 

the alkaline earth nitrides of Aexσy formula with Ae = Mg and Ba at specific pressures.  

Chapter III deals with the search for potential candidates of nitrogen-rich compounds in the 

field of high energy density materials. The two binary phase diagrams were established at zero 

Kelvin, and for various pressures (0-300 GPa for Mg-σ and 0-100 GPa for Ba-σ). σine chemical 

compositions in the Mg-σ system (16 phases), and twelve in the Ba-σ system (22 phases) are 

thermodynamically stable. The emergence of unexpected compositions with σ2, σ3, and σ4 units, 

pentazolate σ5
- anions and benzene σ6 rings, even one- and two-dimensional covalent σy-motifs, 

constitutes the originality of these theoretical works.  

In this study, Ba3σ2 is a structural and electronic exception among its isoelectronic Ae3σ2 

compounds at ambient pressure. Mg3σ2 is an insulating compound of Zintl phase (3Mg2+, 2σ3-) 

at ambient pressure, while Ba3σ2 has a surprising C2/m layered structure and is a conductive 

electride, a similar property observed in barium-rich compounds (Ba3σ and Ba2σ). Two pressure-

induced phase transformations of Ba3σ2 are observed combining with conductive electride → 

semiconductor → metal transitions.  

For the first time, to our knowledge, Ae(σ5)2 solid-state compounds are proposed in the 

alkaline earth series. Moreover, a metal-organic-framework type structure allows at least 1.5 

molecules of dinitrogen per unit formula in beryllium pentazolate Beσ10. The ab initio molecular 

dynamics simulation indicated that the Be2+-pentazolate framework of Be(σ5)2(σ2)1.5 is stable up 

to 600 K. These pentazolate salts can release a quantity of energy and are included in the family 

of high-energy density materials. 
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Transition metal nitrides have been widely used in cutting tools, and as wear-resistant 

coatings, because of their excellent properties, such as superior hardness and strength. The 

understanding of their peculiar mechanical and chemical properties needs the characterization of 

these materials from a crystallographic point of view. Also, Wang et al.1 synthesized a Moσ2 

structure which adopts a rhombohedral R3m structure, and was proposed to be isotypical with 

MoS2. However, nitrogen atoms do not fulfill the octet rule in the proposed R3m phase. We 

hypothesized that this electronic situation should be unstable from thermodynamic and 

mechanical points of view. Motivated by these factors, we worked in close collaboration with the 

team (Dr. Yu and Prof. τganov et al.) from the σorthwestern Polytechnic University (σPU Xi’an, 

China). The zirconium-nitrogen and molybdenum-nitrogen binary compounds have been 

demonstrated. In Chapter IV, a theoretical study of the chemical bonds, and the structural 

arrangements based on the orbital analysis, were conducted by our side. τur search for the 

crystalline structure of Moσ2 defeated the conclusions of the researchers. The ground-stable 

phase of Moσ2 has a structure where σ2 entities are encapsulated in prismatic cages of 

molybdenum atoms. Whereas, from our DFT calculations, the "experimental" phase of structure-

type is thermodynamical and dynamical unstable. These results invite a new experimental 

approach for the determination of the chemical composition and the crystallographic structure. 

In the following part, we analyzed the electronic and structural properties of several ab initio 

predicted zirconium nitrides, concentrating on their chemical bonding.   

The Chapter V of this manuscript deals with two topics relating to the prediction of the 

crystalline structure of the 16-valence electron compounds GaPτ4 and SiS2. The first one is the 

result of a collaboration with a team researching materials science under pressure. This work 

concerns the elucidation of the crystallographic structure of a metastable phase of GaPτ4 

obtained at high pressure. τur theoretical study leads to a phase transformation of the quartz form 

to a metastable orthorhombic form with Pmn21 space group, in agreement with the experimental 

data (XRD & IR). The second theme considers the different phase transformations of silicon 

disulfide induced by pressure from 0 to 500 GPa. Above 200 GPa, κ-coordinated Si phases are 

proposed as stable structures.  
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Part of the Ba-σ and SiS2 topics have been partially developed by two co-supervised students 

from σorthwestern Polytechnic University, during their international research exchange program 

in 2016, Mr. Le Wang and Mr. Shipeng Gong, respectively (6 months in Dr. Gilles Frapper’s Lab). 

We finish off with a general conclusion.  
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1.1 Crystal structure prediction methods 

 

“If you want to understand function, study structure!”  

Francis H. Crick, 1988.2 

 

“τne of the continuing scandals in the physical sciences is that it remains impossible to 

predict the structure of even the simplest crystalline solids from a knowledge of their composition.”   

John Maddox, 19883 

 

Various researchers, coming from diverse fields of Sciences - physics, chemistry, 

mathematics, …, have tried hard to overcome this scandal denunciated by John Maddox 30 years 

ago. In 1994, physicist Angelo Gavezzotti tried to answer the question “are crystal structures 

predictable?” by just writing down “στ!”.4 In 2003, Jack D. Dunitz summarized the state of 

affairs ‘The one word answer to the title is still “σo”, although, at certain levels of discussion, a 

“Maybe”, or even a conditional “Yes”, may be entertained as possible responses’.5    

Prediction is always a difficult task if one wants to predict a crystal structure from knowing 

only its chemical composition. Let’s illustrate the complexity of such a goal. Imagine a cube of 

10*10*10 Å3, a crude model of a unit cell. Just put one atom in it, and let’s consider that 1 second 

of computing time is needed to calculate the total energy of the associated ground-state system 

(i.e., MM, force fields, DFT calculations). However, a typical chemical crystal structure has at 

least 10 atoms per unit cell. σow, it will take 1011 seconds to compute all structural configurations 

of such a system;5 from this data, one may determine, from the computed potential energy surface 

(PES), the localization of the global minimum, i.e. the lowest point of energy, corresponding to 

the, so-called, global optimized structure. If we increase the size of the system: with 20 atoms per 

unit cell, the CPU time would increase to 1025 seconds, larger than the age of the universe! We 

are in trouble. τne can see the need for an automatic and efficient crystal structure prediction 
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(CSP) method. In the last ten years, the situation has changed dramatically: several CSP methods 

have appeared which give successful predictions in materials science.5–ι   

Before we start a brief presentation of actual CSP methods, we need to underline that the 

CSP is mainly the combination of two procedures: the local optimization and the global 

optimization. The first step concerns the structural and energy optimization of a given crystal 

structure to reach the equilibrium state, by using appropriate interatomic potentials, electronic 

structure techniques, and an energy minimization algorithm. This procedure means that we 

already have a rough idea about the structure: the primary chemical topology should be known. 

For example, the initial guess state of H2τ is located at the red point in Figure 1.1, while the 

black point represents the equilibrium state. 

 

 

                   Figure ϭ.ϭ LoĐal poteŶtial eŶeƌgǇ suƌfaĐe of HϮO ŵoleĐule ;Fƌoŵ WikipediaͿ. 

 

In other words, an approximate structure guess should be given as a starting point, and also 

not to far from the stationary point. Many crystal structures have been proposed using this 

heuristic approach, for example, taking a well-identified and characterized structure, one may 

predict a new one by changing the nature of the atoms - the isostructural and isoelectronic phase 

would then be optimized. We see that this step does not correspond to a full prediction of a crystal 

structure by knowing only its chemical formulae, because of all possible local minima of the PES 

are not explored, thus the lowest energy is not determined. τne needs to use an efficient CSP 

technique to explore the energy landscape of a given chemical composition, and to locate with 
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efficiency the lowest energy structure. Due to the tremendous number of potentially atomic 

arrangements (roughly ~10σ seconds for an σ-atoms system), one has to solve this global 

optimization problem mathematically. Several global optimization algorithms have been devised, 

and used with some success for CSP. We will present these technics in the following section. 

 

1.1.1 Global optimization 

Exploring the energy landscape 

When a crystal contains multiple atoms, the generation of structures requires an efficient 

algorithm in order to explore the structural configuration space and to identify the low-energy 

structures. In general, these procedures will involve exploring the, so-called, ‘energy landscape’ 

(See Figure 1.β).  

Free energy landscapes, in chemical systems, have an overwhelming number of local minima 

separated by high barriers, but only a tiny fraction of the landscape is of any chemical interest.  

The deepest minimum usually has the greatest surface area, and is thus easier to obtain than any 

single local minimum. Most of the low-energy minima are located in the same region of the 

landscape, which gives an overall shape to the landscape, and stems from the fact that most of 

the good structures have similar bond lengths and coordination environments of the atoms. 

What’s more, low-lying free energy minima are usually separated by low energy barriers. 

 

a. ď.  

             Figure ϭ.Ϯ ;aͿ Tǁo-diŵeŶsioŶal, ;ďͿ oŶe-diŵeŶsioŶal poteŶtial eŶeƌgǇ suƌfaĐe. 
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Therefore, different types of crystal structure prediction methods, with inherently different 

ways of approaching this difficult task, are proposed.κ–15 Most methods designed for crystal 

structure prediction, such as simulated annealing, metadynamics, minima hopping, and genetic 

algorithms, have focused on overcoming the free energy barriers. Usually, in these methods, one 

starts within a suitable region of configuration space, then explores its neighborhood by moving 

across a barrier into a nearby local minimum, hoping to discover a new good minimum. Below 

is an overview of several successful CSP algorithms. 

 

a. Random search 

From its name, we can easily understand the idea behind the random search algorithm: 

randomly generate some structures; locally relax this structure; and repeat the first two steps until 

the lowest-energy structure remains unchanged. This method has been around for decades, and 

has found applications in different kinds of optimization issues. Recently, it has been applied, 

with great success, in crystal structure prediction, as well as for molecular systems.14,15 For 

example, Pickard et al. predicted structures of calcium and magnesium carbonate at high 

pressures using Ab initio Random Structure Searching (AIRSS),16 and Pulido et al. identified a 

highly porous solid with the lowest density reported for a molecular crystal.6 

Apparently, the crucial advantage of this method is its simplicity and ease of implementation. 

Few variation operators are required during the structural generation. Its achievement is based on 

the assumption that the energies of local minima correlate strongly with the size of their 

catchment basins, i.e., low-lying minima are surrounded by a large basin of attraction. The 

superiority of random search is unbias. Random search has been found to correctly and reliably 

predict structures with low energies, for small systems, to a somewhat moderate number of 

degrees of freedom. However, larger systems have more complex energy. Thus, random search 

is less efficient in time and does not guarantee that the ground state will ever be found.   
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b. Simulated annealing 

The theory behind simulated annealing9,1ι,1κ is based on the application of annealing in 

metallurgy, where people apply it to reduce defects and obtain larger single crystals. Annealing, 

in metallurgy and materials science, is a heat treatment that alters the physical, and sometimes 

chemical, properties of a material. It involves heating a material to above its recrystallization 

temperature, maintaining a suitable temperature, and then cooling. The average kinetic energy of 

the atoms is increased after heating, thus enabling them to diffuse quickly. The system can cross 

over high energy barriers, towards preferably lower energy structures. The controlled cooling 

process allows the atoms to rearrange themselves into their ground state structure. 

Simulated annealing is a thermodynamic approach which mimicks this physical process. The 

simulation starts from an initial configuration; then the atoms are equilibrated at a high constant 

temperature through the Monte Carlo method, or molecular dynamics, where periodic local 

quenching is performed. After that, by gradually cooling the system, the structure moves towards 

lower energy phases. Finally, if thermodynamical equilibrium is preserved throughout the cooling 

process, the system will crystallize at the ground state. However, in practice, this method is only 

applicable for simple energy landscapes, since the system can easily get trapped in a local 

minimum, i.e., metastable structure, especially if this structure is cycled through a very high 

energy barrier. Therefore, the selection for the initial structures has significant influence to the 

whole simulation. The simulated annealing approach has been applied to predictive studies of 

inorganic solids.10 Mellot-Draznieks et al. predicted the inorganic-organic hybrid structure, 

which was synthesized in the experiment.19 

 

c. Minima hopping 

The minima hopping method20 is an efficient algorithm that finds the global minimum 

structure by minimizing the potential energy of a complex system. In other words, this algorithm 

is designed to reduce the energy barrier to avoid being trapped in local minima. This method is 

not based on the thermodynamic principles that simulated annealing algorithms are, but on the 
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fact that, by exploring the low energy part of the PES as fast as possible, the global minimum 

will be revealed at some point.  

Among the low energy configurations, many local minima separated by potential barriers 

have to be examined. The minima hopping simulation starts with an arbitrary configuration in a 

specific funnel on the PES. Due to high barriers surrounding the funnel, the system will be trapped 

within the lowest minima within the funnel. The minima hopping algorithm is based on two 

primary principles to avoid trapping by a built-in feedback. It recognizes the regions that have 

previously been visited. In this case, the program makes more violent moves which will force it 

to explore different regions of the configurational space. Secondly, it exploits the Bell-Evans-

Polanyi principle21 for the moves from one catchment basin into another one. Minima hopping 

has, up to now, mainly been applied to the structural determination of non-periodic systems, such 

as silicon clusters,20,22 doped silicon fullerenes,23 and large gold clusters,24 but it could be equally 

as well applied to periodic systems.  

 

d. Evolutionary algorithm 

The evolutionary algorithm (EA) is inspired by Darwin’s natural evolutionary theory by 

taking advantage of slight successive variations. Genetic algorithm is a class of EA, whereby a 

populations of the best (fittest) individuals are most likely to survive. They have been successfully 

applied to different ranges of optimization, including global optimization in materials science. 

To mimic the multiplication of nature, the EA is usually encoded in binary form but could be 

ternary, or even higher. Initially, a set of individuals is randomly generated as the population of 

the first generation, and each one is evaluated according to its fitness. By variation operations, 

such as random mutation or by the recombination of two individuals based on their fitness, a new 

offspring of solutions is created. By iterating this algorithm, the overall fitness of each generation 

is improved, thus leading towards the optimal solution of the problem. Even though the fitness 

of the individual solutions is usually given by the free energy or enthalpy of the structures in EA, 

structures can also be optimized concerning other variables, such as volume and hardness.  
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In 1995, Bush et el. reported the first attempt in EA for the Li3Ruτ4 ternary using a general 

purpose structure prediction program with rather limited success rates.25 Since then, progress on 

EA crystal structure prediction has been made, through the adoption ofimproved representation 

schemes. Successful implementations are available including USPEXκ,13,2κ–30, Xtalτpt26 and 

Calypsoι,2ι. In particular, the evolutionary algorithm, developed by τganov et al. in 2006, is one 

of the successful methods of crystal structure prediction, and will be discussed in the following 

section.  

Up to now, several global optimization algorithms have been devised to explore the global 

minimum of the free energy surface. The simulated annealing, basin hopping, and minima 

hopping approaches start within a good region of configuration space. τnly evolutionary 

algorithms locate, step by step, the best structures. Among all these groups of methods, the 

advantage of evolutionary simulations is that they do not necessarily require any specific 

knowledge, apart from chemical composition, and are self-improving.  

 

1.1.2 USPEX algorithm 

In contrary to the EA,31–33 USPEX represents lattice vectors and atomic coordinates by real 

numbers, which enhance the learning power of the algorithm. For structural optimization, they 

use conjugate-gradients, or steepest-descent methods, which are available in many ab initio and 

molecular dynamics codes. Currently, USPEX can interface with VASP and SIESTA, GULP, 

LAMMPS, as well as some other programs.  

Few minimal inputs are required to initiate a USPEX calculation:  

a. The number of atoms of each element 

b. Pressure-temperature conditions  

c. The size of the population in one generation  

d. Constraints (Inter-atomic distance, cell angle)  

e. The percentage of structures are reproduced by variation operators  
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Initialization of the first generation, a set of fair points in the search space that satisfy the 

constraints. Then determine the quality for each member of the population using the fitness 

function (Interface with DFT or MD codes). The program selects the fine structures from the 

current generation as parents, from which the algorithm creates new offspring in the search space, 

by applying specially designed variation operators to them. After that, an evaluation of the quality 

for each new member of the population is undertaken. It selects the excellent offspring to build 

the new generation of the population. Finally, repeat the last three steps until the halting criteria 

is achieved. 

 

 

                                  Figure ϭ.ϯ BloĐk sĐheŵe of U“PEX. 

 

1.1.2.1 Variation operators 

According to the law developed by Darwin, only the superior quality offspring can survive. 

An important section of the EA is to carry the good gene to the next population. In USPEX, such 

transportation is done by, so-called, variation operators. Most of the time, the choice of variation 

operators follows naturally from the representation and the nature of the fitness landscape, while 

the others may not be inspired by physical processes. Here several variation operators are 

presented in brief. 
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a.Heredity 

Heredity is an essential part of the EA approach. The algorithm randomly chooses the lattice 

vector and a point on that vector. Then the unit cells of the parent structures are cut by the plane, 

parallel to other vectors that go through this point. Finally, match the planar slices and adjust the 

number of atoms consistent with previous structures. 

b. Lattice mutation 

The fixed position of atoms remains unchanged. Applies a strain matrix, with zero-mean 

Gaussian random strains, to the lattice vectors. This operator allows the algorithm to investigate 

the neighborhood of competent individuals.  

c. Permutation 

Fixes the lattice and swaps chemical identities of atoms in randomly selected pairs. Such 

swaps provide the algorithm with steps in the search space that are very far away, and difficult, 

in the Euclidean distance. This operator is especially useful for systems with chemically similar 

atoms. 

d. Rotational mutation 

Because a large rotation can have a marked effect on global optimization, it helps the system 

to jump out of the present local minimum. Rotational mutation rotates a certain number of 

randomly selected molecules by random angles. This operator is useful for molecular crystal 

systems or clusters. 

e. Soft mutation 

Displace atoms along the softest mode eigenvectors, or a random linear combination of 

softest eigenvectors. To calculate the softest modes, they construct the dynamical matrix from 

bond hardness coefficients.34,35 
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1.1.2.2 Variable composition searches 

Another important feature distinguished with other code is the variable composition searches 

technique. Take the Calypsoι,2ι as an example; users have to specify the individual stoichiometry 

manually. However, people prefer to use stoichiometries that they are familiar with. Thus, 

omitting of some ‘strange’ composition is unavoidable, e.g., Baσ10 discussed in chapter 3.4. 

Variable composition searches enable simultaneous prediction of all stable stoichiometries and 

structures. A pioneering study was performed by Jóhannesson et al.36, who succeeded in 

predicting stable alloys within a given structure type. However, a simultaneous search for stable 

structures and compositions is much more challenging when dealing with a complicated 

landscape consisting of compositional and structural coordinates. Therefore, a proper fitness 

should be devised to evaluate the quality of structures that have different compositions, i.e., 

convex hull.  

 

1.1.2.3 Fitness: representation as a convex hull 

In 200κ, τganov et al.265 implemented the variable composition function in USPEX code. 

This new function requires a series of modification of the standard EA approaches. The enthalpy 

is not the only criterion in the variable composition prediction. We cannot determine the 

thermostability of two different stoichiometries by merely comparing their enthalpies. For a 

system with a given chemical formula, the optimizing target only involves energy per formula 

unit. When people want to search the whole area of the binary or ternary phase diagrams, the 

stability can be evaluated by the formation of energy towards the decomposition into mixtures of 

other compounds. For binary system, the energy of formation of AxBy can be expressed as  ܧ௙ = ஺஻ܧ − ஺ܧ� − ሺͳ − �ሻܧ஻                     Eq 1.1 

where EA and EB correspond to the energy of the elemental A and B. Cleary Ef is a function of the 

compositional ratio x, and its calculation requires the knowledge of EA, EB, and EAB. Stable 

compounds have the negative energy of formation. If we draw the plot of Ef (x) for a series of 

stoichiometries, any structure with negative Ef is stable towards decomposition to its elements. 
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As structure AxBy, stable against decomposition into A and B, is below the line drawn from A to 

B. Connection of all the thermodynamically stable compounds form a convex hull as shown in 

Figure 1.4. Thus, the fitness in variable composition searches can be defined as the minimum 

vertical distance from the convex hull. 

 

 

                              Figure ϭ.ϰ BiŶaƌǇ ĐoŶǀeǆ hull. 

 

1.2 First principles calculations 

We have seen that, in CSP, a local optimization step is needed. Local optimization drives the 

initial configuration, - atomic arrangement - to the state of local energy minimum (see Figure 

1.β). Thus, one has to evaluate precisely the net-atomic force on each atom, and then a numerical 

energy minimization technic finds an arrangement in the space of the atoms, where the position 

on the PES is a stationary point (net-atomic forces close to zero). Here we chose to use a DFT 

approach to evaluate the forces and total energies. This section will introduce the first principles 

foundation and DFT based methods used in our researches.   

 

The many-body Schrödinger equation 

In the ab initio calculation, the ultimate goal is the solution of the time-independent non-

relativistic Schrödinger equation,  
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          Ĥ� =  Eq 1.β                             �ܧ

where Ĥ is the many-body quantum mechanical Hamiltonian operator, E is the total energy and 

Ψ is the many-body wavefunction. The wavefunction is a complex mathematical object that, 

neglecting spin, depends on all of the spatial coordinates of the electrons (ri) and nuclei (Ri) in 

the system, Ψ(r1, ...,rn,R1, ...,Rσ). The Hamiltonian operator is presented as Eq 1.γ. Ĥ = ேܶ + ௘ܶ + �ே௘ + �ேே + �௘௘                  Eq 1.γ 

Tσ and Te, are the kinetic energy operators for the electrons and nuclei respectively. The last three 

operators represent the nuclear-electron (Vσe), nuclear-nuclear (Vσσ) and electron-electron (Vee) 

interactions. Therefore, we can express the many-body Hamiltonian as: 

Ĥ = − ℏଶʹ ∑ ͳܯூ
ே

ூ=ଵ ∇௜ଶ − ℏଶʹ݉௘ ∑ ∇௜ଶ௡
௜=ଵ  

+ ௘2ସ�ఌ0 [− ∑ ∑ �಺|௥೔−ோ಺|ேூ=ଵ௡௜=ଵ + ∑ ∑ �಺�಻|ோ೔−ோೕ|ேூ>௃ேூ=ଵ + ∑ ∑ ଵ|௥೔−௥ೕ|௡௜>௝௡௜=ଵ ]    Eq 1.4 

where n and σ are the number of electrons and nuclei in the system, respectively. The electron 

mass is me and e is the elementary charge, the mass and charge of nucleus I are MI and ZI 

respectively, and ε0 is the vacuum permittivity. 

 

Born-Oppenheimer Approximation 

In principle, everything about the system is known if we can solve the Schrödinger equation. 

However, due to the complexity of an atomic system, it is not possible to solve the equation in 

practice. In 192ι Born and τppenheimer developed a so-called Born-τppenheimer (Bτ) 

approximation3ι which separates the movement of nuclei and electrons. Since the nuclei are much 

heavier than electrons, the nuclei move much slower than the electrons; it is reasonable to 

consider the positions of nuclei are fixed. Thus the total wavefunction can be expressed as: 
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�ሺ{ܴூ}, {�௜}ሻ = �ሺ{ܴூ}ሻ�ሺ{�௜}, {ܴூ}ሻ                   Eq 1.5 

where Ψ({RI},{ri}) is the total wavefunction of the system, Θ({RI}) and ϕ({ri};{RI}) describe the 

nuclei and the electrons separately.  Ĥ௧௢௧�ሺ{ܴூ}, {�௜}ሻ = ,ሺ{ܴூ}ܧ {�௜}ሻ                    Eq 1. 6 

According to the Bτ approximation, the time-independent Schrödinger equation can be 

divided into two separate Schrödinger equations Eq 1.7 and Eq 1.9: 

      Ĥ௘�ሺ{�௜}; {ܴூ}ሻ = �ሺ{ܴூ}ሻ�ሺ{�௜}; {ܴூ}ሻ                 Eq 1.7 

where 

 Ĥ௘ = − ∑ ℏ2ଶ௠� ௥ଶ௜ߘ + ଵଶ ∑ �಺�಻௘2|ோ಺−ோ಻|ூ,௃ூ≠௃ + ଵଶ ∑ ௘2|௥೔−௥ೕ|௜,௝௜≠௝ − ଵଶ ∑ �಺௘2|ோ಺−௥೔|ூ,௜        Eq 1.8  

and 

   [− ∑ ℏ2ଶெ಺ூ ோ಺ଶߘ + �ሺ{ܴூ}ሻ}] �ሺ{ܴூ}ሻ =  ሺ{ܴ௜}ሻ            Eq 1.9�′ܧ

Eq 1.7 is the equation for the electronic problem where the nuclei positions are fixed. After 

solving Eq 1.7, V({RI}) is known and by applying it to Eq 1.9 which has no electronic degrees 

of freedom, the motion of the nuclei is obtained. Eq 1.9 is sometimes replaced by a σewton 

equation. 

The Bτ approximation separates the movement of electrons and nuclei, so that we can 

consider that the electrons move in a static external potential Vext(r) formed by the nuclei. Born 

and Huang then extended the Bτ approximation, known as Born-Huang (BH) approximation3κ, 

to take into account more nonadiabatic effects in the electronic Hamiltonian than in the Bτ 

approximation. 

 

1.2.2. Density functional theory 

The core idea of DFT is to make use of an exact reformulation of the problem that features 

the many interacting electronic charge density as the fundamental variable instead of the 
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wavefunction. According to the theory, all the properties of the system can be thought of as a 

function of the ground state density (i.e., any property is a function of the density). To put it 

another way, knowing the ground state density is equivalent to knowing the wavefunction for the 

ground state, and all excited states as well. As we build to the Kohn-Sham formalism, we no 

longer require the Hamiltonian operating on a 3σ-dimensional wavefunction. We can work with 

independent particle wavefunctions and can derive all the attributes of our system from scalar 

functions of density in three dimensions. 

As suggested by the Bτ approximation, it is typical to consider the electrons separately from 

the nuclei. The nuclei are often abstracted as an external potential Vext, in which the electrons 

relax into their ground state. The ionic kinetic and self-interaction potential energy are considered 

separately. The Hamiltonian for the electrons, therefore, becomes: 

   Ĥ௘ = − ℏ2ଶ௠� ∑ ௜ଶ௜ߘ + ∑ ௘௫௧ሺ�௜ሻݒ + ଵଶ ∑ ௘2|௥೔−௥ೕ|௜≠௝௜              Eq 1.10  

This complex, multi-body problem cannot be broken up into simpler single-body equations 

due to the electron culombic self-interaction term. 

 

 Hohenberg-Kohn theorems 

The Hohenberg-Kohn (HK) theories39 provide an initial step toward a solution to this 

problem by assigning a particular significance to the ground state particle density. The modern 

density-functional theory was born in 1964, with the work of Hohenberg and Kohn. The approach 

of HK is to formulate DFT as an exact theory of many-electron systems. The HK approach is 

based on two theorems: 

Theorem I: For any system of interacting particles in an external potential vext(r), the total 

energy is determined uniquely (up to an additive constant) by the ground-state particle density 

n0(r). 

Theorem II: A universal functional for the energy in terms of the density n(r) can be defined, 

valid for any external potential vext(r). For any particular potential, the exact ground-state energy 
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of the system is the global minimum of this functional, and the density n(r) that minimizes the 

functional is the exact ground-state density n0(r). 

As a result, the energy functional has the following form: 

[ሺ�ሻ݊]ܧ      = ு௄[݊ሺ�ሻ]ܨ + ׬  ௘௫௧ሺ�ሻ݊ሺ�ሻ݀�               Eq 1.11ݒ

and the universal HK function is represented as: 

ு௄ܨ        = ܶ[݊ሺ�ሻ] + �௘௘[݊ሺ�ሻ]                   Eq 1.1β 

where T[n(r)] is the kinetic-energy functional, and Vee[n(r)] is the electron-electron interaction 

functional. The HK theorems is a one-to-one correspondence between the external potential and 

the ground-state density. Therefore, we can have a universal functional which is defined for any 

density. Besides, by minimizing this functional, we could find the exact density and energy of the 

true interacting many-body system. Then, if FHK was known, the task of evaluating all of the 

properties of a system with a given external potential should be reduced to minimizing the energy 

functional of the 3-dimensional electron density. This provides the fundamental concept upon 

which all practical DFT calculations are built up. The most practical scheme is known as the 

Kohn-Sham (KS) method, proposed by Kohn and Sham in 1965.40 

  

Kohn-Sham formalism 

We understand that HK theorems allow us to use a straightforward ground-state electronic 

density, instead of the complicated many-body wavefunction and the associated Schrödinger 

equation. However, the Hohenberg-Kohn theorem only proves the existence of FHK, and does not 

provide a way to determine its form. The problem now lies in finding a suitable computational 

scheme that allows us to determine the ground state density, as well as all the other physical 

properties of the system in question.  

Kohn and Sham40 developed a computational scheme in which the interacting electron 

system is embedded into a system of non-interacting independent particles. Therefore, we 

consider the electrons move within an effective Kohn-Sham single-particle potential VKS(r). 
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Moreover, assume that the original, many-body system, and this independent-particle system, 

have precisely the same ground state density. The density is then constructed as the sum of the 

individual particle densities of the Kohn-Sham eigenfunctions. For the auxiliary independent-

particle system, the Hamiltonian is: 

      Ĥ௄ௌ = − ଵଶ ଶߘ + �௄ௌሺ�ሻ                      Eq 1.1γ  

For a system with σ independent electrons, the ground state is obtained by solving the σ one-

electron Schrödinger equations: 

     (ଵଶ ଶߘ + �௄ௌሺ�ሻ) �௜ሺ�ሻ = �௜�௜ሺ�ሻ                  Eq 1.14  

where there is one electron in each of the σ orbitals Ψi(r) with the lowest eigenvalues εi. Then the 

density of the auxiliary system is constructed from: 

     ݊ሺ�ሻ = ∑ |�௜ሺ�ሻ|ଶே௜=ଵ                       Eq 1.15  

The non-interacting independent-particle kinetic energy TS[n(r)] is given by: 

    ௦ܶ[݊ሺ�ሻ] = − ଵଶ ∑ ׬ �௜∗ ሺ�ሻே௜=ଵ ଶ�௜ሺ�ሻ݀�              Eq 1.16ߘ  

Then the universal functional F[n(r)] was rewritten as: 

[ሺ�ሻ݊]ܨ    = ௦ܶ[݊ሺ�ሻ] + ு[݊ሺ�ሻ]ܧ + ஼[݊ሺ�ሻ]           Eq 1.17�ܧ  

where EH[n(r)] is the classic electrostatic energy of the electrons: 

ு[݊ሺ�ሻ]ܧ     = ଵଶ ׭ ௡ሺ௥ሻ௡ሺ௥′ሻ|௥−௥′| ݀�݀�′                  Eq 1.18  

and EXC[n(r)] is the exchange-correlation functional energy, which contains the difference 

between the exact and non-interacting kinetic energies, and also the non-classical contribution to 

the electron-electron interactions. The KS one-particle potential is: 

    �௄ௌሺ�ሻ = �௘௫௧ሺ�ሻ + �ுሺ�ሻ + ��஼ሺ�ሻ              Eq 1.19  

The Hartree potential VH(r) is represented as: 



25 

 

     �ுሺ�ሻ = ఋ�ಹ[௡ሺ௥ሻ]ఋ௡ሺ௥ሻ = ׬ ௡ሺ௥′ሻ|௥−௥′| ݀�′                     Eq 1.β0  

and the XC potential is: 

      ��஼ = ఋ���[௡ሺ௥ሻ]ఋ௡ሺ௥ሻ                           Eq 1.β1  

Equations Eq 1.14, Eq 1.15 and Eq 1.19 together are the well-known KS equations, which 

must be solved self-consistently, because VKS(r) depends on the density through the exchange-

correlation potential. To calculate the density, the σ equations in Eq 1.15  have to be solved in 

KS theory, as opposed to one equation in the TF approach. However, an advantage of the KS 

method is that as the complexity of system increases, due to σ increasing, the problem becomes 

no more difficult, only the number of single-particle equations to be solved increases. 

 

1.2.3 The exchange-correlation functional 

Although, in principle, the KS theory is approximate in practice because of the unknown 

exchange-correlation energy functional EXC[n(r)], an implicit definition of EXC[n(r)] can be given 

as: 

஼[݊ሺ�ሻ]�ܧ    = ܶ[݊ሺ�ሻ] − ௌܶ[ܰሺ�ሻ] + ௜௡௧[݊ሺ�ሻ]ܧ − ு[݊ሺ�ሻ]       Eq 1.ββܧ  

where T[n(r)] and Eint[n(r)] are the exact kinetic and electron-electron interaction energies of the 

interacting system respectively. It is crucial to have an accurate exchange-correlation energy 

functional EXC[n(r)] or potential VXC(r) to give a satisfactory description of a realistic condensed-

matter system. Currently, the most widely used approximations for the exchange-correlation 

potential are the local density approximation (LDA) and the generalized-gradient approximation 

(GGA). 
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Generalized gradient approximation (GGA) 

Due to the limitation of LDA, another advanced way to progress is to include, not only the 

local density, but also the local density gradient, in what is called the generalized gradient 

approximation (GGA). The gradient of the density at a point as well: 

஼ீீ�ܧ     ஺[݊] = ׬ ݊ሺ�ሻ�௫௖ሺ݊ሺ�ሻ, ∇݊ሻ݀�                    Eq 1.βγ 

Exchange and correlation are now semi-local functions; the degree of non-locality depending 

on the electron density. For high densities, exchange dominates correlation, which is true in a 

physical system, but not in LDA. For a fixed density, as the gradient of the density increases, 

exchange interactions give a more significant energy benefit. For most common densities, the 

non-locality of the exchange becomes so beneficial that GGA favors density in-homogeneity 

more than LDA. τnly for low densities does correlation start to compare with exchange effects; 

as the density goes to zero, the GGA exchange-correlation hole eventually becomes as local as 

LDA. 

GGA functionals tend to improve total energies and structural energy differences over LDA. 

They are more accurate in determining the binding energy of in-homogeneous systems, like 

molecules, which historically lead to the widespread acceptance of DFT in the chemistry 

community. They tend to favor non-uniform density more than LDA, which tends to soften bonds, 

an effect that sometimes corrects and sometimes overcorrects the LDA prediction.  

τne of the major drawbacks of the LDA and GGA is the self-interaction error. Because in 

LDA and GGA each electron interacts with the density through the Hartree and exchange-

correlation potentials, but each electron also contributes to the density. This self-interaction is 

strictly unphysical. The self-interaction error is apparently far worse for localized states, and DFT 

often fails in describing systems with open-shell d and f orbitals. However, they are still among 

the most influential computational tools of modern condensed matter physics. The GGA 

functional that is used within this paper was developed by Perdew, Burke and Enzerhof. 41,42 
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Hybrid functionals 

The problem with local and semi-local functionals is that they are too restrictive to reproduce 

all the effects of the exchange-correlation functional. A local (or semi-local) exchange operator 

cannot completely wipe out self-interaction error. Becke first proposed another attractive 

approach in 199343, known as the hybrid functional method, in which the exchange-correlation 

potential (VXC) is calculated by mixing VXC from a DFT calculation with a fraction of exact 

Hartree-Fock exchange. 

In principle, any exchange functional can be combined with any correlation functional. A 

fraction of exact exchange can be added to conventional GGA. A general form for hybrid GGAs 

can be written as: 

஼ு௬௕௥௜ௗ�ܧ     = ����ܧߙ + ሺͳ − ீ�ܧሻߙ ீ஺ + ஼ீܧ ீ஺            Eq 1.β4  

where ܧ����  represents the exact exchange, and the coefficient α reflects the amount of the 

exact-exchange mixing, which can be defined semi-empirically or using perturbative arguments 

from the adiabatic connection formalism. Hybrid functionals have gained wide popularity in 

quantum chemistry, due to their improved predictions for many molecular properties relative to 

local and semi-local functionals.  

However, the application of hybrid schemes to extended systems is computationally 

challenging because of the consideration of HF exchange. Recently, a set of screened hybrid 

functionals, obtained by the use of a screened Fock exchange operator, such as HSE0644,45, 

addressed this problem by separating the exchange interaction into a short-range and a long-range 

part. To date, these developments have allowed hybrid functionals to become popular in solid-

state physics.  

 

1.2.4 Pseudopotentials 

As the chemical properties of most atoms are determined by their valence electrons, it is 

desirable to replace the core electrons together with the strong ionic potential. The 
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pseudopotential is identical to the actual potential outside the core radius. The nodes of the actual 

wavefunction are removed inside the core radius, but at the same time, the norm of the 

wavefunction, and with it all scattering properties of the full system, is preserved. The pseudo 

wavefunctions should be identical to the all-electron wavefunctions outside the cut-off radius, as 

shown in Figure 1.5.  

The accuracy of the pseudopotential calculations is only determined by the energy 

convergence of the valence electrons, since core electrons are not directly considered. Hellmann 

originally introduced the pseudopotential approximation in 1934.266 During the ι0s, Hamann and 

others developed the norm-conserving pseudopotential formalism.26ι The Troullier-Martins and 

the Rappe-type pseudopotentials are the most widely used in solid-state and surface-science 

applications.46,4ι With the help of pseudopotential we can achieve a significant reduction of the 

computational cost, and also maintain an accurate description of most systems at the same time. 

Furthermore, by giving up the norm conservation, one can reduce the computational effort.  

In this thesis, calculations are predominantly carried out using the Vienna Ab-initio 

Simulation Package (VASP)4κ, which is a plane wave DFT code.VASP makes use of the projector 

augmented wave (PAW) method49. The principal advantage of the PAW approach is that it allows 

for the pseudized valence wavefunctions to retain their complex structure near the atomic cores, 

while still allowing for them to be expanded regarding a plane wave basis set. It has to be 

mentioned that the pseudopotential is constructed from an exact, all electron calculation of the 

free atom. The chosen core radius influences the transferability of the pseudopotential to 

molecular or bulk systems, and has to be verified. Furthermore, in order to avoid significant errors, 

the exchange-correlation functional has to be the same when constructing and applying the 

pseudopotential approximation. 
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Figure ϭ.ϱ CoŵpaƌisoŶ of a ǁaǀefuŶĐtioŶ iŶ the Couloŵď poteŶtial of the ŶuĐleus ;ďlueͿ, to the oŶe iŶ 

the pseudopoteŶtial ;ƌedͿ. The ƌeal, aŶd the pseudo ǁaǀefuŶĐtioŶ aŶd poteŶtials ŵatĐh aďoǀe a ĐeƌtaiŶ 

Đutoff ƌadius. ;Fƌoŵ WikipediaͿ 

 

1.2.5 Periodicity and Brillouin zone sampling 

To reduce the computation, it is necessary to use periodic boundary conditions as the 

implementation of DFT. Due to the periodicity of the crystal, the molecular orbitals can be 

expressed as Bloch waves, which are the product of a lattice periodic function and a plane wave: 

      �௜,௞ሺ�ሻ = ݁௜௞∙௥ݑ௜ሺ�ሻ                        Eq 1.β5 

where k is the crystallographic wave vector. A key property of the Bloch function is that for any 

reciprocal lattice vector G: 

      �௜,௞+ீ = �௜,௞                           Eq 1.β6  

This equivalence, or non-uniqueness, of k and (k+G) implies that, in a practical DFT 

calculation, one can restrict k to the first Brillouin zone. All values of k outside of the first 

Brillouin zone can be shown to be non-unique. The size of the k-point set is further reduced by 

noticing that some points are equivalent by symmetry. In this work, the scheme of Monkhorst-

Pack50 is implemented to minimize the number of special k-points in the irreducible Brillouin 

zone. 
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1.3 Chemical bonding analysis in crystals 

When a crystalline structure is identified by CSP, a detailed chemical bonding analysis is 

needed to understand and rationalize its structural arrangement and electronic properties. To do 

so, different approaches are envisaged: analysis of band structures; total and projected density of 

states (DτS); Crystal overlap and Hamilton populations (CτHP, CττP); electron local functions 

(ELF); AIM Bader charges, etc. Moreover, extended Hückel (eHT) calculations have been done 

on various molecular and solid-state systems to get a clearer picture of the chemical bonding via 

the use of molecular and crystal orbital theory-based language. Some of these well-known tools 

are now briefly described. 

 

1.3.1 Band structure and density of states  

The electronic band structure of a crystalline phase of a solid describes the range of energies 

that an electron within the solid may have (called band), or not, thus band gaps may occur. Band 

structure calculations use the periodic nature of a crystal lattice, exploiting its symmetry. The 

single electron Schrödinger equation is solved for an electron in a lattice-periodic potential, 

giving the Bloch waves. The wavevector k takes on any value inside the Brillouin zone, which is 

a polyhedron in wavevector space that is related to the crystal's lattice (See Figure 1.6).   

The density of states (DτS) of a crystal structure represents the number of states per interval 

of energy, at each energy level available to be occupied. It is represented by a density distribution 

of the various states occupied by the system. The DτS n(e) in an extended system is the number 

of allowed band orbital levels having an energy e. For the one-dimensional case, n(e) is known 

to be inversely proportional to the slope of the e as shown in Figure 1.7. A great DτS, at a specific 

energy level, means that there are many states available for occupation. τtherwise, fewer states 

can be occupied at that energy level. 
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1.3.2 Crystal orbital Hamilton population 

The crystal orbital Hamilton population, (CτHP), analysis was introduced in 1993,51 a DFT 

successor of the familiar CττP concept which is based on extended Hückel theory.52 CτHP is a 

partitioning of the band-structure energy regarding orbital-pair contributions, and it is therefore 

based on a local basis, i.e., the tight-binding approach, as is commonly used in chemistry and 

parts of physics as well.  

 

 

                  Figure ϭ.ϳ “ĐheŵatiĐ ƌepƌeseŶtatioŶ of a ĐoŶĐeptual ďoŶdiŶg aŶalǇsis. 

 

Given that the interaction between two orbitals, centered at neighboring atoms, is described 

by their Hamiltonian matrix, the multiplication with the corresponding densities of states matrix 

then easily serves as a quantitative measure of bonding strength because the product either lowers 

(bonding), or raises (antibonding), the band-structure energy. Thus, energy-resolved CτHP plots 

make bonding, nonbonding (no energetic effect), and antibonding contributions discernible at 

first glance, just like the earlier CττP(E) plots. There is also a difference in the +/- signs: we 

recall the bonding is characterized by a positive overlap population; the corresponding 

Hamiltonian off-site element will be negative. Consequently, antibonding is characterized by a 

negative overlap population exhibiting positive off-site Hamiltonian elements. In this thesis, the 

CτHP curves are calculated by using the LτBSTER package.51,53,54 
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1.3.3 Bader charge analysis 

To accurately describe these complex interactions, and rationalize the calculated energetics, 

Bader discovered a method using the charge density to divide space within molecular systems 

into atomic volumes.55 Each atomic volume, or so-called Bader volume, contains a single charge 

density maximum, and is separated from other volumes by surfaces on which the charge density 

is a minimum normal to the surface. The dividing zero-flux surfaces separating these volumes lie 

in the bonding regions between atoms. Usually, there is one Bader volume for each atom. 

However, there are cases in which Bader volumes do not contain a nucleus, e.g., electride.  

Bader partitioning is more robust than other partitioning schemes (e.g., Mulliken population 

analysis). There are several different approaches to calculating Bader volumes. Most current 

implementations of Bader’s analysis are based upon a grid of charge density values, which is 

particularly important for plane-wave-based DFT calculations.56–59 

 

1.3.4 Electron localization function 

The ELF was introduced by Becke and Edgecombe60 as a simple measure of electron 

localization in atomic and molecular systems. It went on to be applied to a great range of systems, 

from atoms to solids, by Savin et al.61 The original formula was based on the Taylor expansion 

of the spherically averaged conditional same spin pair probability density to find an electron close 

to a same-spin reference electron. In DFT, the pair density is not explicitly defined. Savin et al. 

utilized the observation that the Kohn-Sham orbital representation of the Pauli kinetic energy. 

They defined ELF as a property based on the diagonal elements of the one-particle density matrix, 

i.e., the electron density.  

ELF is a relative measure of the electron localization used to analyze the pair electron 

localization in the spirit of Lewis structures. High ELF values show that the electrons are more 

localized than in a homogeneous electron gas, of the same density, at the examined position. The 

upper limit 1 corresponds to perfect localization, while ELF = 0.5 represents the effect as in a 

homogeneous electron gas of the same density. Figure 1.8 represents the ELF of Baσ2 at 0 GPa. 
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The ELF indicates that the electrons are localized near the atom forming, ironic system. The 

strong covalent bonding between nitrogen atoms and the lone pair electrons is revealed clearly 

by the ELF value of 0.κ. 

 

                                 Figure ϭ.ϴ ELF of BaNϮ at Ϭ GPa. 

 

Chemical information can be obtained from ELF attractors, taking the other topological 

elements into account as well. The attractors can be attributed to bonds, lone pairs, atomic shells 

and other elements of chemical bonding. However, the attribution is done empirically, which 

means no direct proof that relates ELF with these conceptual aspects of chemistry. There is no 

quantum mechanical motivation yet for the definition of a surface of zero flux in the gradient 

vectors of ELF. The integrated electron density in an ELF basin does not correlate in an obvious 

manner with the energetic aspects of the bonding. In this work, ELF was calculated using VASP. 

 

1.3.5 Extended Hückel theory 

The extended Hückel theory (eHT) was first developed by Hoffmann,52 It takes account of 

all valence electrons, including ı and π orbital, and the overlaps between all the atomic orbitals. 

According to this, it allows the method to remove the unknown Coulomb integral and resonance 

integral. 
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In EHT, the Coulomb integral is taken to be the negative of the ionization potential from each 

electron within the molecule, which is obtained from experiments. Using this value, and the 

overlap integrals between the atomic orbitals, it is possible to define all the elements of the 

Hamiltonian numerically: 

       �௜௝ = � ௜ܵ௝ ு೔೔+ுೕೕଶ                          Eq 1.β7  

where, Sij is the overlap between the i and j atomic orbital, and K is the Wolfsberg-Helmholtz 

constant. It is then straightforward to construct and diagonalize the Hamiltonian in order to obtain 

numerical expressions for the energy levels and eigenvectors of the system.  

The crystal orbital overlap population (CττP) serves as the differential version of the bond 

order concept. It can be used in bonding analysis. The integrated CττP curve up to the Fermi 

level represents the total overlap population of the specified bond in a solid, whereas the 

integrated CττP represents the contribution to the total overlap population of those crystal 

orbitals whose energy levels lie in the range from E to E + dE. CττP has positive values (bonding, 

because of the positive overlap population), and negative values (which identify antibonding 

interactions).  

The calculations are carried out using the tight-binding method within the extended Hückel 

frameworks implemented in the YAeHMτP package.62 The number of k-points and overlap used 

in our calculations has been verified and did not affect the results. The eHT analysis confirmed 

the results obtained from our DFT calculations. Therefore, we did not detail it in this thesis. 
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2. Pressure-induced polymerization of CO2 in lithium-
carbon dioxide phases 
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2.1 Introduction 

In the field of Cτ2 capture and storage, phase transformation of molecular Cτ2 crystals to 

condensed extended Cτ2-based net crystals represents an elegant but industrially irrelevant 

process. This phase transformation makes sense chemically, at least conceptually. Unsaturated 

Cτ2 species possess lone pairs and/or multiple bonds that may interact with atoms with low 

coordination numbers in neighboring units, leading to novel covalent C/τ oligomers, such as the 

hypothetical reactive molecular C2τ4 and C3τ6
 species,63,64 or even extended 1D and 3D 

networks.65–6ι  

In the late 90’s, Frapper and Saillard studied the polymerization of Cτ2 using ab initio 

molecular modeling. From a chemist’s perspective, they proposed the existence of polymeric 

Cτ2-based chain with 3-coordinated carbon atoms, named poly-Cττ2/2, and of Cτ2-based 3D 

materials with tetrahedral Cτ4-based units.64 In the meantime, several silica-like phases, with 

tetrahedral Cτ4 units sharing common oxygen atoms, were proposed from first-principles and 

high-pressure investigations.66,6κ–ι0 After which, a plethora of extended covalent Cτ2 phases 

appeared from the condensed-state community. Let’s describe these molecular and extended Cτ2 

phases (See Figure β.1).  

 

 

                  Figure Ϯ.ϭ PƌediĐted COϮ pƌessuƌe-iŶduĐed phase tƌaŶsitioŶs at Ϭ K.ϲϲ 
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The experimental solid-state Cτ2 phase has a cubic Pa-3 structure at ambient pressure and 

room temperature, and consists of packed molecular Cτ2 (commonly known as dry ice). This 

phase has been predicted by CSP searches using USPEX (in 200κ)ι1 and Calypso (in 2013)66 

codes, in perfect agreement with experiments.ι2–ι4 Around 10 GPa, this molecular crystalline 

structure transforms to a pseudo-tetragonal P42/mnm Cτ2 molecular crystal phase.ι5 Yoo et al. 

characterized this phase, so-called Cτ2-II, and discussed tetragonal to orthorhombic (Pnnm) 

distortion by angle-resolved XRD, under pressures up to 100 GPa, and at elevated temperatures.ι6 

The formation of an extended C-τ network is observed in a ȕ-cristobalite like phase with space 

group I-42d. In this phase, C and τ atoms form Cτ4 tetrahedral units with spγ hybridized carbon 

atoms linked by τ atoms at the corners. This structure was first proposed by Dong et al. in 

2000.26κ τganov et al. predicted a P42/mnm → I-42d transition pressure at 1κ.6 GPa.ι1 At 2κ5 

GPa, the I-42d structure undergoes a transition into P42/nmc, as predicted by Lu et al.66 Finally, 

two 6-coordinated structures, with Pbcn and Pa-3 space group, are theoretically identified at 96κ 

and 1032 GPa. All of these phases are not quenchable, therefore, alternative approaches should 

be applied to trap Cτ2 in its solid-state.  

The mineral carbon dioxide (Cτ2) sequestration process on Earth is the “σature” answer to 

this Cτ2 capture and storage goal. This process involves Cτ2 reacting with abundantly available 

metal oxides, either magnesium oxide (Mgτ) or calcium oxide (Caτ), to form stable carbonates. 

Magnesite goes together with calcite and dolomite (CaMg(Cτ3)2) during the stable phases at 

ambient conditions. Crystal chemical changes that happen in carbonates under pressure, for 

example, the increase of coordination numbers and polymerization of carbonates, have been 

extensively investigated.ιι–ι9 With an enthalpy of formation of -120ι kJ/mol,κ0 calcium 

carbonate/CaCτ3(s) is a major thermodynamic sink for Cτ2.κ1   

Beside this carbonates chemistry, many solid-state compounds based on Cτ2 units and s-

block elements exist, i.e., an A-Cτ2 phase in the oxygen-poor environment? To the best of our 

knowledge, alkaline oxalates are the only compounds that have been experimentally 

characterized and synthesized in the s-block element - Cτ2 family (See Scheme β.1).  
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σevertheless, no experimental or theoretical studies have investigated the structural 

arrangement of oxalates under high pressure, whereas we have at least this question in mind: does 

oxalate may polymerize to give infinite chains in A-Cτ2 phases under pressure?  

Moreover, besides oxalate, could other finite Cτ2-based moieties be predicted in binary A-

Cτ2 phase diagrams? And finally, besides the experimentally known 1:1 composition, such as in 

σa2C2τ4, are other composition stable? This is the aim of the present study: to attempt to answer 

these questions through the help of CSP and DFT calculations. 

 

 

           SĐheŵe Ϯ.ϭ Oǆalate diaŶioŶ is topologiĐallǇ ďased oŶ tǁo ďeŶt COϮ- uŶits. 

 

The only known natural alkaline oxalate is σa2(C2τ4), found together with pyrite, sphalerite, 

albite, and other minerals.κ2 σatroxalate (mineral name of σa2(C2τ4)) was obtained by the 

crystallization of the reactive product of σa2Cτ3 with oxalic acid solutions. Jeffrey and Parry 

first reported the structure of σa2(C2τ4), which belongs to the monoclinic crystal system, space 

group P21/c, with two formulas in the unit cell. Sodium cation connects to planar oxalates with a 

distorted octahedral coordination to form a typical ionic compound.  

In 1964, Beagley et al. reported the crystal structure of lithium oxalate which adopted a 

similar monoclinic P21/n space group.κ3 Recently, K2(C2τ4), Cs2(C2τ4) and Rb2(C2τ4), have 

been reported under ambient conditions using X-ray powder diffraction. K2(C2τ4) has an 

orthorhombic Pbma space group, whereas Cs2(C2τ4) adopts a monoclinic, P21/c space group. 

Two polymorphic forms were found in rubidium oxalate. The α-Rb2(C2τ4) is isotypic to P21/c 

Cs2(C2τ4) and ȕ-Rb2(C2τ4) is isotypic to Pbma K2(C2τ4).κ2,κ4 
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We have shown that pure extended Cτ2 nets are unstable at ambient conditions, and that 

mixed s-block element-Cτ2 phases present only a dimeric motif, oxalate. Thus, alternative 

conceptual strategies of Cτ2 polymerization need to be explored. τne approach involves the 

activation of Cτ2 under high pressure, by mixing Cτ2 with an electropositive s-block element A, 

instead of an Anτ metal oxide which may give AnCτ3 carbonate materials (A, alkaline and earth 

alkaline metals; n = 2 and 1, respectively).  

Firstly, following the Zintl-Klemm concept (ZKC) applied to Ax(Cτ2)y solids, the 

electropositive A atom is expected to give its valence electron(s) to the linear triatomic unit, with 

each Cτ2 formally having a negative charge of -q (q = nx/y), thus the degenerated Cτ2
q- πu* 

antibonding levels are occupied. This Jahn-Teller instability is alleviated through bending of the 

Cτ2 molecule.  

 

 

           SĐheŵe Ϯ.Ϯ MoleĐulaƌ oƌďital diagƌaŵ of the Ŷeutƌal COϮ aŶd ;COϮͿ-. 

 

Under high pressure, these activated bent Cτ2
q- building blocks (illustrated in Scheme β.γ) 

may interact to form novel stabilized molecular-like anions, or even infinite extended Cτ2-based 

nets encapsulated in a cation An+ sublattice. The reverse concept would be to consider 

electropositive element A as a scissor of C-τ bonds in a high-pressure silicate-like Cτ2 phase: 

antibonding ı*
Cτ becomes occupied, decreasing the dimensionality of the covalent tridimensional 
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C-τ network. These descriptions oversimplify the kinetic and thermodynamic mechanisms that 

may be in place, but help to rationalize the covalent C/τ net dimensionality of the proposed 

Ax(Cτ2)y crystal structures. Secondly, the s-block element may decrease the pressure required to 

enable the coupling of the Cτ2 units in a compressed volume, as observed in σ2
κ5 and other 

unsaturated molecules (Cτ;κ6,κι A-σ2 phases where, for example, A = σa,κκ Mg,κ9 σ2τ,90 …). 

Such A-Cτ2 mixing under pressure may lead to original, aesthetic covalent Cτ2-based networks. 

Finally, Madelung electrostatic forces between the (Cτ2)y
nx- nets and s-block cations may prevent 

the escape of Cτ2 when pressure is released, i.e., the high kinetic barrier may hinder C-τ/C-C 

bond cleavage in Ax(Cτ2)y. σote that this conceptual scheme is reinforced by the existence of 

oxalate salts.  

 

SĐheŵe Ϯ.ϯ COϮƋ- ďuildiŶg ďloĐks eŶĐouŶteƌed iŶ solid Liǆ;COϮͿǇ phases. The ĐoƌƌespoŶdiŶg Leǁis stƌuĐtuƌes aƌe 

shoǁŶ. 
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Within the family of s-block A-Cτ2 solid-state compounds, we sought to investigate the Li-

Cτ2 phase diagram at finite temperature and pressures up to 100 GPa. τur choice of this system 

was motivated by the potential applications of our predicted Lix(Cτ2)y structures in the fields of 

Cτ2 storage and organic materials for lithium-ion batteries. We expect to discover advanced 

electrode materials which are based on alkaline-oxocarbon. Those organic electrode materials 

have revealed powerful competence, owing to their intrinsic designability, high abundance, and 

sustainability. Liu et al.91 indicated that oxocarbon compounds with salted substituents have 

superiorities of high theoretic capacity and low dissolution. Chen et al.92 reported a renewable 

LiXC6τ6 organic electrode displaying a high capacity of 5κ0 mA h g-1 in the first cycle. Moreover, 

σa2C5τ5 and σa2C6τ6 were also reported as rechargeable lithium and sodium batteries.93 The 

K2C6τ6 electrode enables ultrafast potassium-ion insertion/extraction.94 These previous studies 

have verified the potential interest of oxocarbon salts for energy storage, while the comprehensive 

investigation of oxocarbon salts with various substituents is required for further research. 

Moreover, the effect of high pressure on the experimentally characterized lithium oxalate 

Li2(C2τ4) - the only known composition in the Li-Cτ2 phase diagram - is interesting, as it could 

be expected that the unsaturated oxalate -τ2C-Cτ2
- anions will create polymeric Cτ2-based 

networks more easily than triatomic carbon dioxide. The present work sought to identify which 

topological Cτ2-based net would lead to this polymerization process. 

To predict (meta)stable Lix(Cτ2)y phases, we performed an extensive structural search on 

Lix(Cτ2)y up to 100 GPa. We used ab initio techniques to map the high-pressure phase diagram 

of the Li-Cτ2 binary system, by exploring the compositional and configurational space of 

Lix(Cτ2)y, using an evolutionary structure prediction method in combination with density 

functional theory (DFT; see Computational details). With the help of molecular orbital bonding 

analysis, the valuable ZKC and VSEPR rules were used to rationalize the observed formulas, 

shapes and chemical bonding of the anionic C/τ nets in the solid-state Lix(Cτ2)y phases.  

In this study, we suggest several novel ambient and high-pressure Li-Cτ2 phases that 

combine 3- and 4-connected carbon atoms, constructed using the Cτ2 building blocks displayed 

in Scheme β.γ, and examine their structural and electronic properties. These thermodynamically 

and dynamically stable structures contain molecular-like covalent anionic units, such as the 
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experimentally known oxalate -τ2C-Cτ2
- in solid Li2(Cτ2)2, ethene-like units (–τ)2C=C(τ–)2 in 

Li2Cτ2, finite -τ2C-C(τ-)2-C(τ-)2-Cτ2
- oligomers in Li3(Cτ2)2, and extended one-dimensional 

networks in LiCτ2 and Li2Cτ2. τne of the proposed phases is quenchable to atmospheric 

pressure and thermally stable up to 600 K, as demonstrated by ab initio molecular dynamic 

simulations (AIMD). Moreover, two-dimensional covalent carbon-oxygen nets are encountered 

in the metastable high-pressure P-1 Li(Cτ2)2 and C2, P1 Li3(Cτ2)4 phases. 

 

2.2 Computational details 

The goal of this work was to find and study ambient and high pressure (meta)stable Lix(Cτ2)y 

phases based on Cτ2 building blocks. Application of an evolutionary algorithm (EA) structure 

search method designed to locate the global energy minimum structures may lead to chemical 

decomposition, i.e., cleavage of carbon-oxygen bonds and formation of more stable Li-τ and Li-

C based structures. Therefore, only structures with Cτ2 units were kept during the EA search, 

while the others were rejected (no n C neighbors for a n-coordinated C atom with n = 3, 4 and no 

peroxide τ-τ bonds). Therefore, constraining the EA search prevented decomposition to avoid 

formation of graphene-like, diamond-like and Li-τ networks. Under these conditions, a structural 

search approach based on the variable-composition evolutionary algorithm (VC-EA) 

implemented in USPEX was employed to scan the configurational, structural and compositional 

spaces of Lix(Cτ2)y (where x and y are positive integers) and seek the local minima on the 

enthalpy landscape. Thus, the VC-EA enabled identification of specific compositions in the 

pseudo-binary Li-Cτ2 system at a given pressure, in this case, atmospheric pressure and 10, 50 

and 100 GPa (see Figure β.γ). Finally, fixed-composition EA structural searches were undertaken 

for given (x, y) compositions and pressures to check the lowest energetic phase on the potential 

energy surface (PES) had been found. 

σote that at each pressure, the reaction enthalpy was calculated by considering the most 

stable form of the reactants and products, including structures reported in the literature. The EA 

method implemented in the USPEX code has been successfully applied to a large number of 

different systems and provided a variety of relevant findings.ι1,95 
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The technical details of the USPEX evolutionary structural searches are given in the were 

presented in chapter 1, as well as a brief description of the variable- and fixed-composition EA, 

which have previously been described in detail.κ,13,30 Structure relaxations (shape, volume, atomic 

positions) were performed within DFT in the framework of the all-electron projector augmented 

wave (PAW) method,49 as implemented in the VASP code.4κ We adopted the Perdew-Burke-

Ernzerhof (PBE) functional41 at the generalized gradient approximation (GGA)42 level of theory, 

with PAW potentials for lithium, carbon and oxygen atoms with radii of 1.ι0 a.u. for Li (no core 

electron), 1.50 a.u. for C ([He] core) and 1.52 a.u. for τ ([He] core), a plane wave kinetic energy 

cutoff of 600 eV, and a uniform, Γ-centered grid with 2π * 0.04 Å-1 spacing for reciprocal space 

sampling. All of the (meta)stable structures were optimized at pressures from 1 atm up to 100 

GPa until the net forces on atoms were below 1 meV Å-1 and the total stress tensor deviated from 

the target pressure by ≤ 0.01 GPa, resulting in enthalpies that converged to better than 1 meV per 

atom (lower than a chemical accuracy of 1 kcal/mol, i.e., 0.04 eV/atom).96 Phonon dispersion 

curves and phonon contribution to the free energy of formation were calculated using the finite 

displacement method implemented in the PHτστPY code.9ι 

Ab initio molecular dynamics (AIMD) simulations based on DFT were carried out to examine 

the thermal stability of the Lix(Cτ2)y phases using supercells of 300 K, 600 K, 900 K and 1200 

K with time steps of 1 fs; the total simulation time was ten ps for each temperature. In the AIMD 

simulations, the canonical σVT (σ, constant number of particles; V, constant volume; T, constant 

temperature) ensemble was adopted, as implemented in the VASP code. The AIMD 

computational details, radial distribution functions (RDF) and snapshots of the structures are 

provided in the Appendix. 

 To perform the chemical bonding analysis, we carried out single-point calculations (with the 

geometry obtained from VASP) based on the extended Hückel theory (eHT) Yaehmop code62 

(DτS, CττP) and LτBSTER51,53,54 (DτS, CτHP). Images of the structures were produced using 

VESTA software.9κ 
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2.3 Results and discussion 

 All of the proposed solid-state Lix(Cτ2)y compounds are stationary points on the potential 

energy surface, located on or above the Li-Cτ2 convex hull. We verified that each phase meets 

two stability criteria. Firstly, a dynamic criterion was applied to identify dynamically stable 

structure, as indicated by an absence of imaginary frequencies in all phonon dispersion curves. 

The corresponding stationary point on the PES is a local enthalpy minimum. Secondly, a 

thermodynamic criterion was employed. Strictly speaking, all Lix(Cτ2)y structures are metastable 

in the ternary Li-C-τ phase diagram with respect to the global minimum lithium carbonate 

Li2Cτ3, but may appear experimentally for kinetic reasons, such as experimental squarate 

Li2C4τ4
99 and oxalate Li2C2τ4 (see the computed ternary phase diagram in Figure β.β). 

Metastable structures are highly significant and can often be synthesized in practice by selecting 

the appropriate precursors and controlling the experimental conditions (pressure, temperature, 

quench rate, etc.). Bearing in mind that we aimed to identify (meta)stable phases in the binary 

Li-Cτ2 phase diagram, a Lix(Cτ2)y compound was considered thermodynamically stable when 

(i) its free energy of formation (at T = 0 K, enthalpy) is negative, (ii) it cannot decompose to other 

Lix(Cτ2)y compounds and (iii) its components are Li and Cτ2, i.e., located on the convex hull. If 

not located on the convex hull, the phase is unstable and will decompose into other Lix(Cτ2)y 

stoichiometries and/or elements and/or Cτ2, unless the kinetic barrier is sufficiently high. 

Moreover, the kinetic stability of selected quenchable candidates was confirmed by 

performing AIMD simulations up to 1 200 K. The crystalline structure was definitively termed 

quenchable if no structural transformations, i.e., C/τ bond breaking, were observed after a long 

simulation (10 ps), indicating the existence of a large kinetic barrier which facilities the formation 

and trapping of viable (meta)stable structures. 
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       Figure Ϯ.Ϯ Coŵputed teƌŶaƌǇ ĐoŶǀeǆ hulls of the Li-C-O sǇsteŵ at aŵďieŶt pƌessuƌe. 

 

 The extensive EA searches produced a set of known (1:1) and two novel (2:1, 3:2) Li-Cτ2 

stable compositions. Seven stable phases were predicted; their covalent carbon-oxygen nets are 

displayed in Table β.1, then the energetics of these phases are presented, followed by their 

structural and bonding properties. Moreover, four metastable Cτ2-rich phases were located, 

namely Li(Cτ2)2 and Li3(Cτ2)4 compositions.  
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Taďle Ϯ.ϭ CheŵiĐal featuƌes of the pƌediĐted staďle lithiuŵ-dioǆide Liǆ;COϮͿǇ ĐoŵpouŶds. 

Compound Phase 
Stability 

domaina  
Structure information 

Covalent carbon-oxygen 

net 

Li2(CO2)  

 

(2:1; z = 2)b  

 

C2/m 0-15 

finite C2O4 chain 

ethene-like anion 

3-coordinate C, terminal O- 

 

Pnma >15 
infinite poly-C(O)2 chain 

4-coordinate C, terminal O- 

 

Li3(CO2)2  

 

(3:2; z = 1.5) 

P-1 0-56 
finite C4O8 chain 

3- and 4-coordinate C, terminal O 

 

C2/m >56 
infinite poly-C(O)2 chain 

4-coordinate C, terminal O- 

 

LiCO2  

 

(1:1; z = 1) 

P21/c (I) 0-10 

finite C2O4 chain 

oxalate anion 

3-coordinate C, terminal O 

 

P21/c (II) 10-33 

finite C2O4 chain 

oxalate anion 

3-coordinate C, terminal O 

 

P2/c >33 

infinite 1,4-dioxane-based chain 

fused 6-rings  

4-coordinate C, 2-coordinate O, 

terminal O-,  

 

aPressure is in GPa. bThe x and y values in Lix(CO2)y are given in parentheses; z = x/y. 

 

2.3.1 Thermodynamic stability 

The thermodynamic stability of the Lix(Cτ2)y system was examined using the enthalpies of 

formation over the pressure range of 0-100 GPa.  

At 0 K, the ground-state enthalpy of formation ΔHf is defined as:  
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ΔHf (Lix(Cτ2)y) = H(Lix(Cτ2)y) - xH(Li) - y(H(C) - H(τ2)) 

where H = Ee + PV and H, Ee, P, and V are enthalpy, total electronic energy, pressure, and volume, 

respectively. 

As references, the graphite and diamond structures for C100,101; the α phase (C2/m-I) and ϵ 

phase (C2/m-II) of τ2
102,103; the two molecular crystal structures (Pa-3 and I42/mnm) and silica-

like structure I-42d of Cτ2
66; and the body-centered cubic (bcc, Im-3m), face-centered cubic (fcc, 

Fm-3m), and I-43d and Cmca of Li104,105 at their respective stability ranges were used. The 

structure and phase transition findings were in good agreement with the experimental and 

theoretical results. 

Compounds located on the convex hull are thermodynamically stable against decomposition 

into any other Lix(Cτ2)y or Li and Cτ2, while compounds above the convex hull are unstable. 

The convex hull of all known ΔHf values at a given pressure connects the enthalpically stable 

phases. in Figure β.β we show the relative ground-state enthalpies of formation (ΔHf) of the 

selected phases at ambient and high pressures. The solid lines in Figure β.γ indicate that in 

addition to the well-characterized 1:1 composition found in experimentally synthesized lithium 

oxalate Li2C2τ4
κ3

, two stable compositions, 2:1 and 3:2, emerge at atmospheric pressure. 

Interestingly, composition diversity does not increase with pressure up to 100 GPa; only the 2:1, 

1:1 and 3:2 compositions are located on the convex hull at 10 and 50 GPa, while the 3:2 phase 

lies slightly above the convex hull at 100 GPa. Although other compositions are not on the convex 

hull but are dynamically stable and have negative enthalpies of formation, see the Cτ2-rich 

phases with 3:4 and 1:2 stoichiometry in Figure β.γ.  
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Figure Ϯ.ϯ CoŶǀeǆ hulls foƌ the Li-COϮ sǇsteŵ at seleĐted pƌessuƌes. EŵptǇ sƋuaƌes ƌepƌeseŶt ŵetastaďle stƌuĐtuƌes, 

solid sƋuaƌes deŶote staďle stƌuĐtuƌes. 

 

 

Figure Ϯ.ϰ Pƌessuƌe-ĐoŵpositioŶ phase diagƌaŵ foƌ the Li-COϮ sǇsteŵ fƌoŵ Ϭ to ϭϬϬ GPa. The staďle phases aƌe 

iŶdiĐated ďǇ ďold liŶes aŶd ŵetastaďle phases aƌe depiĐted ďǇ thiŶ dashed liŶes. The italiĐ Ŷuŵďeƌs ƌepƌeseŶt the 

theƌŵodǇŶaŵiĐ staďilitǇ ƌaŶges, ǁhile ďlaĐk Ŷuŵďeƌs deŶote the phase tƌaŶsitioŶ pƌessuƌes. 



52 

 

We found that the enthalpies of formation for all Lix(Cτ2)y stoichiometries are negative at 0 

K, indicating elemental Li, C and τ2 should react, for example, Li and Cτ2 could be used as 

starting reactants. As the pressure increases, the enthalpy of formation of each Lix(Cτ2)y phase 

becomes more negative. Interestingly, above 1 atm, the phases of the experimentally known 

oxalate-derived 1:1 composition, Li2C2τ4, have the highest enthalpies of formation of the 

proposed stable phases. Above ambient pressure, the more lithium-rich Li3(Cτ2)2 phase is 

predicted to have the lowest enthalpy of formation in the Li-Cτ2 phase diagram. 

The relative thermodynamic stability of each phase obtained in the EA searches was 

determined from 0 to 100 GPa and the transition phase pressure was computed to define the 

stability ranges. This data was used to build the pressure-composition phase diagram for Li-Cτ2 

depicted in Figure β.4. Seven different Lix(Cτ2)y phases are proposed, and their geometrical and 

electronic structures are subsequently discussed. 

 

2.3.2 Structure and bonding in Lix(CO2)y phases 

σext, we examined the electronic and geometrical structures of the proposed Lix(Cτ2)y 

phases to better understand the bonding within these structures. The covalent carbon-oxygen nets 

encountered within the predicted phases are summarized in Table β.1. Carbon-carbon bonds are 

roughly 1.54 Å long for the single bond and 1.34 Å for the double bond at ambient conditions 

(while the C-τ bond is 1.40 Å and C=τ bond is 1.1κ Å; see Figure β.5). For calibration, the C-

C single bond distance in diamond C (Fd-3m) is 1.46 Å at 100 GPa (C-τ = 1.34 Å at 100 GPa in 

high-pressure quartz-like solid Cτ2). These crude structural parameters were used to guide our 

assignment of C-C and C-τ bond order to rationalize the local structural environments using 

VSEPR theory and the Zintl-Klemm concept.  
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                          Figure Ϯ.ϱ IŶteƌatoŵiĐ distaŶĐe as a fuŶĐtioŶ of pƌessuƌe. 

 

a. Lithium oxalate at atmospheric and high pressures 

Encouragingly, the only known experimental 1:1 composition was found on the convex hull 

in the variable-composition EA structural search at atmospheric pressure, illustrating the 

relevance of our methodology.  

 

Figure Ϯ.ϲ CƌǇstal stƌuĐtuƌes of LiϮCϮOϰ ;aͿ PϮϭ/Đ-I at Ϭ GPa aŶd ;ďͿ PϮϭ/Đ-II at ϭϬ GPa. ;ĐͿ Leǁis stƌuĐtuƌes of the 

plaŶaƌ CϮOϰϮ- aŶioŶ aŶd V“EPR aŶŶotatioŶ. 
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    For the 1:1 system, the most stable phase found at atmospheric pressure is the oxalate crystal, 

which is dynamically stable. This is the only known polymorph of LiCτ2 and crystallizes in the 

monoclinic type (space group P21/c, Z = 4). The structural parameters calculated using the GGA 

approach for Li2C2τ4 P21/c-I are in excellent agreement with experimental observations (Table 

β.β), as well as previous GGA calculations of atomic positions106,κ4, with only a typical, but small, 

GGA overestimation of the lattice parameters.  

 

      Taďle Ϯ.Ϯ CƌǇstal stƌuĐtuƌes of LiCOϮ PϮϭ/Đ phases at Ϭ GPa aŶd ϭϬ GPa. 

Phase LattiĐe paƌaŵeteƌs 
Voluŵe 

;Åϯ/atoŵͿ 

BoŶd leŶgth ;ÅͿ 

C-C C-O 

EǆpeƌiŵeŶtalϭϬϱ 

Ϭ GPa, ) = ϰ 

a=ϯ.ϵϲϱ, ď=ϰ.ϴϰϵ, Đ=ϭϬ.Ϭϭϵ 

α=ϵϬ.Ϭ, β=ϭϭϰ.ϵ, γ=ϵϬ.Ϭ 
ϭϬ.ϵϮϭ ϭ.ϱϲϴ ϭ.Ϯϲϲ 

PϮϭ/Đ-I 
Ϭ GPa, ) = ϰ 

a=ϰ.ϮϬϮ, ď=ϰ.ϲϱϭ, Đ=ϭϬ.Ϭϰϰ 

α=ϵϬ.Ϭ, β=ϭϭϱ.ϱ, γ=ϵϬ.Ϭ 
ϭϭ.Ϭϳϰ ϭ.ϱϳϬ ϭ.Ϯϲϲ 

PϮϭ/Đ-II 
ϭϬ GPa, ) = ϰ 

a=ϰ.ϴϰϬ, ď=ϱ.ϴϯϯ, Đ=ϰ.ϵϱϬ 

α= ϵϬ.Ϭ, β=ϭϭϬ.ϲ, γ=ϵϬ.Ϭ 
ϴ.ϭϳϲ ϭ.ϱϱϭ 

ϭ.Ϯϱϳ 

ϭ.Ϯϲϰ 

 

P21/c-I is the most stable phase calculated for LiCτ2 in the 0-10 GPa pressure range (Figure 

β.4). As shown in Figure β.6, this structure is a molecular solid formed by isolated C2τ4
2- oxalate 

anions embedded in a sublattice of Li+ cations. Each oxygen atom of the oxalate is coordinated 

to two Li atoms and each lithium atom is coordinated via ionic interactions to four oxygens at 

1.95-2.00 Å, forming a tetrahedral environment. Therefore, the structure of lithium oxalate 

consists of planes of corner-shared Liτ4 tetrahedra connected by planes of oxalate anions. Within 

the carboxylate Cτ2
- group, a unique C-τ distance of 1.2ι Å was computed, comparable to the 

experimental C-τ separation of ~1.2ι Å observed in oxalate salts.105 Four π electrons are 

delocalized over each -C(=τ)(τ-) group, leading to a formal Cτ bond order of 1.5, as illustrated 

by the resonant structures presented in Figure β.6b. The C-C bond length (1.5ι Å at ambient 

pressure) is approximately 0.03 Å too long for two 3-coordinate C atoms (~1.54 Å). Slightly 

elongated C-C bonds are also encountered in experimental oxalates structures,105 indicating an 

associated single bond order, or lower. Therefore, the extent of π conjugation between two Cτ2 

groups is minimal, as previously established.10ι This peculiar structural feature rationalizes the 
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flexible conformation of the oxalate moiety, i.e., planar in Li, σa and K oxalates, and staggered 

in Cs2C2τ4.106  In P21/c-I Li2C2τ4, the oxalate anion was experimentally found to be planar due 

to the strong ionic interactions between Li+ and C2τ4
2-, which lead to a packed structure. 

Moreover, the C2τ4
2- anions located between two lithium layers exhibit a parallel arrangement at 

1 atm; this feature is characteristic of all stable oxalate structures, as well as ground-state 

carbonate structures. A parallel arrangement may be favored due to its higher packing density 

and/or minimization of repulsion between carboxylate groups. The calculated band gap (Eg) for 

the P21/c-I phase at 0 GPa is around 3.9 eV, indicating oxalate-containing LiCτ2 should be 

transparent. This is not surprising, as this Zintl P21/c phase fulfills the octet rule.  

A phase transition occurs at 10 GPa, and the novel P21/c-I phase adopts the same space group 

P21/c-II. The oxalate C2τ4 unit is maintained, but the change in relative position between units 

leads to a more highly packed ionic crystal. At 10 GPa, the volume was computed to decrease 

from 33.κ40 Å3/f.u (P21/c-I at 10 GPa) to 32.ι19 Å3/f.u (P21/c-II). As shown in Figure β.6b, the 

coordination number of the lithium cation increases from 4 in the low-pressure P21/c-I phase 

(Liτ4 tetrahedra) to 6 in the high-pressure oxalate phase (Liτ6 octahedra), in which fused Liτ6 

octahedra form packed 2D lithium-oxygen slabs. 

σote that the oxalate motif in P21/c-II remains intact up to higher pressures, and the Zintl 

P21/c-II phase is thermodynamically stable up to 33 GPa (see Figure β.4). P21/c remains an 

insulator at 33 GPa, with a calculated Eg of 3.0 eV.  

Above 33 GPa, the P2/c phase becomes the most stable structure. A drastic phase 

transformation occurs, as the P2/c Cτ2-based covalent net topology is quite different to that of 

P21/c oxalate. σevertheless, breaking and creation of bonds during the P21/c → P2/c phase 

transformation may be prevented due to the high kinetic barriers between these structures. σext, 

we discuss the P2/c phase. 
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b. High pressure P2/c LiCO2 with infinite 1,4-dioxane chains 

The monoclinic P2/c structure (Z = 4, Figure β.7) was calculated to be the most stable LiCτ2 

phase above 33 GPa. This Zintl phase is particularly interesting; 6-membered rings can be 

identified, consisting of four C and two τ atoms, as illustrated in Figure β.8. Each 1,4-C4τ2 ring 

adopts a chair conformation, typical of related structures in 1,4-dioxane and cyclohexane. These 

1,4-C4τ2 rings form chain-like arrangements along an axis, where each repeating unit (ring) is 

fused to its neighbor via a common C-C edge. Each ring junction contains two stereocenters 

(Figure β.8a), with terminal τ atoms in a cis arrangement, whereas the terminal τ pairs along 

the chain are in trans with one ‘up’ and the next ‘down’ (Figure β.8b). Thus, this ionic LiCτ2 

crystal contains chiral Cτ2-based anionic chains without chiral centers. This unusual stereo 

configuration minimizes repulsive interactions between the charged terminal τ atoms and 

maximizes the ionic forces between the chains and the Li+ sublattice. Together, these effects lead 

to the overall packed-shape of the poly-Cττ2/2
- chain shown in Figure β.7 and Figure β.8.  

All of the bond angles within the infinite Cτ2-based chain are close that of a tetrahedral 

arrangement (106.2-113.1° at 50 GPa), as expected for bent oxygen and tetrahedral carbon atoms. 

The calculated C-τ and C-C bond lengths within the rings at 50 GPa are 1.42 Å and 1.51 Å, 

respectively, indicating classical single bonds at this pressure. A shorter terminal C-τ separation 

of 1.30 Å is observed, as expected for C(sp3)-τ(sp)-. Bird’s-eye views of the crystal structure 

along the b and ac directions are presented in Figure β.7a and b, respectively. The ionic bond 

length for Li-τ is approximately 1.κ4-1.9ι Å, and connects the separated chains into layers along 

the crystal direction [101]. In P2/c LiCτ2, each Li is coordinated to six τ atoms from four 

neighboring chains, and fused Liτ6 octahedra form packed 2D lithium-oxygen slabs.  

The calculated DτS indicates P2/c is an insulator at 50 GPa (Eg ~6.5 eV). The P2/c LiCτ2 

structure has potential as a high-pressure polymorph and should be obtained at pressures above 

33 GPa. A chemical mechanism can be proposed to connect the molecular oxalates and infinite 

poly-dioxane chain found in LiCτ2, as displayed in Scheme β.4. In this model, pressure favorizes 

the formation of new C-C and C-τ single bonds, which thermodynamically stabilize the LiCτ2 

P2/c phase at high pressure.  
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Figure Ϯ.ϳ High-pƌessuƌe PϮ/Đ LiCOϮ phase at ϱϬ GPa. ;aͿ Vieǁ peƌpeŶdiĐulaƌ to the oŶe-diŵeŶsioŶal COϮ-ďased 

ĐhaiŶs, ;ďͿ ǀieǁ aloŶg the [ϬϬϭ] diƌeĐtioŶ aŶd ;ĐͿ Đoƌƌugated fused oĐtahedƌa LiOϲ laǇeƌs staĐkiŶg aloŶg the ď aǆis 

;ĐaƌďoŶ atoŵs haǀe ďeeŶ ƌeŵoǀed foƌ ĐlaƌitǇͿ. 

 

Figure Ϯ.ϴ RepƌeseŶtatioŶs of the C-O ĐoǀaleŶt Ŷet iŶ the high-pƌessuƌe PϮ/Đ LiCOϮ phase at ϱϬ GPa. IŶ ;aͿ aŶd ;ďͿ, 

the eǆteŶded fused ϲ-ŵeŵďeƌed ƌiŶg ĐhaiŶ is highlighted iŶ ƌed. The ϭ,ϰ-dioǆaŶe CϰOϮ ƌiŶgs foƌŵ a ďoat 

ĐoŶfoƌŵatioŶ ǁith all teƌŵiŶal O atoŵs iŶ a Đis aƌƌaŶgeŵeŶt. IŶ ;ĐͿ, the ĐoŵpaĐt ĐoŶfoƌŵatioŶal aƌƌaŶgeŵeŶt is 

shoǁŶ. 

 

 

SĐheŵe Ϯ.ϰ Pƌoposed ĐheŵiĐal pathǁaǇ foƌ the phase tƌaŶsitioŶ of LiCOϮ fƌoŵ oǆalate uŶits to aŶ iŶfiŶite polǇ-

dioǆaŶe ĐhaiŶ. 
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c. C2/m Li2CO2 with ethene-like C2O4 units.  

 A novel thermodynamically stable lithium-rich composition, 2:1, appeared on the convex 

hull in the crystal structure searches at 0 and 10 GPa (Figure β.γ). This Li2Cτ2 crystalline 

compound adopts the C2/m space group and remains thermodynamically stable up to 15 GPa 

(Figure β.4). The computed ionic Li-τ bond lengths for the C2/m phase are in the range of 1.99-

2.2κ Å at ambient pressure. Each Li is coordinated to five τ atoms from four neighboring C2τ4 

units, which are located above and below the Li-τ slab, as shown in Figure β.9a. These fused 

Liτ5 square planar pyramids form packed 2D lithium-oxygen slabs, composed of two connected, 

square-like Li-τ monolayers in an AB stacking configuration. Each planar C2τ4 unit contains 

two 3-bonded carbon atoms and four terminal oxygen atoms, exhibiting an oxalate-type topology. 

The shortest CC and Cτ distances are computed at 1.40 Å (characteristic of double C=C bonds) 

and 1.3ι Å (characteristic of single C-τ bonds), respectively. Remember that four electropositive 

lithium atoms formally transfer their four valence electrons to the observed C2τ4 unit in Li2Cτ2. 

Therefore, all of the computed structural parameters for the C2τ4 unit can be understood if one 

considers C2τ4
4- as an ethene-like structure, as illustrated in Figure β.9b.  

 

Figure Ϯ.ϵ ;aͿ CƌǇstal stƌuĐtuƌe of the CϮ/ŵ phase of LiϰCϮOϰ. ;ďͿ Leǁis stƌuĐtuƌe of the plaŶaƌ CϮOϰϰ- aŶioŶ ;etheŶe-

likeͿ aŶd V“EPR aŶŶotatioŶ. 

 

 When oxalate C2τ4
2- converts to ethene-like C2τ4

4- units, two electrons are added to a CC 

bonding (C-τ antibonding) π molecular orbital, which explains the contraction of the CC bond 
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(1.5ι to 1.40 Å) and elongation of the C-τ bonds (1.2ι to 1.3ι Å) at 0 GPa. During the phase 

transition from experimental LiCτ2 to predicted Li2Cτ2, formal chemical reduction of the C2τ4 

motifs occurs without CC/Cτ bond breaking (Scheme β.5).  

 

 

             SĐheŵe Ϯ.ϱ “ĐheŵatiĐ ƌedoǆ ŵeĐhaŶisŵ foƌ Liǆ;CϮOϰͿ ǁheƌe ǆ = Ϯ, ϰ. 

 

The structural feature of a phase transition that does not require bond breaking is potentially 

appealing when one envisages the use of C2/m Li2Cτ2 as a positive electrode (cathode) material 

in lithium-ion rechargeable and renewable batteries. Lithium insertion and extraction could be 

described by the following reaction: 

LiCτ2 [cathode] + Li [anode] = Li2Cτ2 [cathode] 

The computed cell voltage (vs Li+/Li) is 1.01 V, which is relatively high for oxocarbon Li-

ion electrodes94,10κ,109. Theoretical capacitance is 463 V mAh g-1, which is comparable with the 

experimental value of 590 V mAh g-1 for Li2C6τ6. A deeper theoretical investigation is beyond 

the scope of this study, but is required to evaluate the potential of Li2Cτ2 as a Li-ion electrode, 

and should include an assessment of parameters such as electrochemical properties, ion transport 

and defect chemistry. 

 Finally, one may hypothesize a polymerization process occurs for the ethene-like C2τ4
4- units 

in Li2Cτ2 when pressure increases, as observed in ethene under high pressure.110 Indeed, the 

numerical simulations indicate polymerization occurs; the following sections describe the 

predicted structures. 
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d. Pnma Li2CO2 with infinite poly-C(O-)2 chains 

 The CSP searches at 50 GPa identified a novel 2:1 phase on the convex hull. This phase has 

a Pnma space group (Z = 2) and the C2/m-Pnma transition phase pressure is evaluated at 15 GPa 

(see Figure β.4). As shown in Figure β.10, all C atoms are tetracoordinated (spγ), each to two 

terminal τ atoms and two C atoms. The calculated C-C and C-τ bond lengths at 50 GPa are 1.54 

Å and 1.36/1.3κ Å, respectively, comparable to the interactomic separations (single bonds) in 

cubic diamond carbon (C-C = 1.50 Å) and the silica-like Cτ2 phase (C-τ = 1.36 Å). The covalent 

carbon-oxygen net forms unidimensional chains, whereas the infinite carbon chain has an all-

trans skeleton running along the b axis. The closest computed Li--τ separations ranged from 1.ι5 

to 2.10 Å, characteristic of ionic bonding (computed Li-τ = 1.ι5~2.0ι Å in Li2τ at 50 GPa). In 

the condensed state, poly-(C(τ-)2)n- forms a 21 helix stabilized by ionic interactions and chain 

packing. Based on these structural parameters, we confidently conclude that poly-(C(τ-)2)n- is an 

isoelectronic analogue of poly(tetrafluoroethylene) -(CF2)n-. The Pnma Li2Cτ2 phase is an 

insulator at both 15 and 50 GPa (computed Eg of 3.5 eV and 3.6 eV, respectively). 

 

Figure Ϯ.ϭϬ PŶŵa LiϮCOϮ phase at ϱϬ GPa. ;aͿ PƌojeĐtioŶ aloŶg the ;ϬϭϬͿ diƌeĐtioŶ. EǆteŶded iŶfiŶite COϮ-ďased 

ĐhaiŶs ƌuŶŶiŶg iŶ the Li ĐhaŶŶels. ;ďͿ RepƌeseŶtatioŶ of a fƌagŵeŶt of the polǇ-C;O-ͿϮ- ĐhaiŶ. DistaŶĐes aƌe iŶdiĐated 

iŶ aŶgstƌoŵs aŶd the V“EPR AXŶEŵ aŶŶotatioŶ is giǀeŶ. ;ĐͿ Leǁis ƌesoŶaŶt stƌuĐtuƌe foƌ a ƌepeat uŶit of the polǇ-

C;O-ͿϮ- ĐhaiŶ. 

 

 This infinite poly-C(τ-)2 chain possesses a unique C(τ-)2 building block, while oxalate 

exhibits the carboxylate C(=τ)(τ-) conformation. Thus, by varying the Li/Cτ2 ratio, one may 

imagine finite chains based on these two motifs, e.g., -τ2C-C(τ-)n-Cτ2
- in Li2(n+1)(Cτ2)n+2 solids. 

Encouragingly, this was observed in the numerical investigation. In the following sections, we 
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describe a new composition, Li3(Cτ2)2 with n = 2, which exhibits two stable phases at the 

pressure range studied: one phase contains finite C4τκ
6- motifs and the other infinite extended -

(C(τ)2)n- chains. 

 

e. Li3(CO2)2 with the finite C4O86- motif and infinite -(C(O)2)n- chains  

 A 3:2 composition emerged on the convex hull at 1 atm and is thermodynamically stable up 

to 65 GPa (Figure β.γ and Figure β.4). Two phases were identified, with a P-1 to C2/m transition 

phase pressure of 56 GPa. At low pressure, Li3(Cτ2)2 crystallizes in a triclinic structure, with the 

space group P-1 and Z = 2 (Figure β.11). In this structure, carbon and oxygen atoms form 

molecular-like C4τκ units which occupy cavities in the channels running along the c axis. In C4τκ, 

two C atoms are 3-coordinated and the other two are 4-coordinated, while all oxygen atoms are 

terminal. This C4-anion possesses an inversion center and two planar terminal carboxylate groups. 

The calculated C-C and C-τ separations around the tetrahedral carbon atoms are 1.4ι/1.5ι Å and 

1.33/1.3κ Å at 50 GPa, respectively. The anion possesses a peculiar structural characteristic, 

namely the slightly elongated central C-C bonds along the C4-unit due to steric repulsion between 

oxygen lone pairs, a phenomenon also observed in oxalate anions. The C-C bond strength should 

be weaker than that of other C4 alkanes. Shorter C-τ bond lengths of ~1.26 Å were predicted for 

the terminal Cτ2 groups, a signature of the delocalized double bond character in carboxylate units. 

Thus, the encapsulated C4τκ
6- anion may be formulated as -τ2C-C(τ-)2-C(τ-)2-Cτ2

-. All atoms 

fulfill the octet rule, as depicted in the Lewis structure (Figure β.11c), which explains the insulator 

property of the P-1 Li3(Cτ2)2 phase at 50 GPa (see the DτS in Figure β.11).  

Above 56 GPa, the C2/m space group phase has the lowest enthalpy. This novel Li3(Cτ2)2 

phase is thermodynamically stable in the narrow pressure range of 56-65 GPa. Interestingly, the 

carbon-oxygen covalent net of this phase forms unidimensional chains with a chemical topology 

analogous to Pnma Li2Cτ2. The infinite carbon chains contain an all-trans skeleton running in a 

lithium channel (Figure β.11d, e) and can be viewed as the result of polymerization of the C4τκ
6- 

species found in the low-pressure P-1 Li3(Cτ2)2 phase. At 60 GPa, the C-C bond length is 1.61 

Å, longer than in Pnma Li2Cτ2 (1.4κ Å), while the C-τ distance was computed at 1.2ι-1.29 Å, 
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smaller than in Pnma Li2Cτ2 (1.33-1.36 Å). These structural differences are understandable if 

one considers that each poly-Cτ2 chain in C2/m Li3(Cτ2)2 contains one less electron per (Cτ2)2 

unit than Pnma Li4(Cτ2)2, which results in weaker C-C bonds and stronger C-τ bonds. Due to 

this non electron-precise and delocalized picture, one expects C2/m Li3(Cτ2)2 to be metallic; this 

prediction was confirmed by the DτS. 

 

 

Figure Ϯ.ϭϭ ;aͿ P-ϭ Liϯ;COϮͿϮ phase at ϱϬ GPa ǁith ;ďͿ eŶĐapsulated CϰOϴϲ- aŶioŶs aŶd ;ĐͿ the assoĐiated Leǁis 

stƌuĐtuƌe. ;dͿ CϮ/ŵ Liϯ;COϮͿϮ phase at ϭϬϬ GPa ǁith ;eͿ iŶfiŶite polǇ-C;OͿϮ ĐhaiŶs. 

 

2.3.3 Quenchable high-pressure Lix(CO2)y phases?  

 To check the stability of the Cτ2-based networks found in the proposed high-pressure 

Lix(Cτ2)y phases when pressure is released—namely P2/c LiCτ2, Pnma Li2Cτ2 and C2/m 

Li3(Cτ2)2—their structures and associated phonon spectra were calculated at 1 atm and are given 

in the Supporting Information. The computed phonon band structures in Figure β.1β did not 

exhibit imaginary frequencies over the entire Brillouin zone, indicating these structures are 

dynamically stable at 1 atm and 0 K. The computed structures for the corresponding Cτ2-based 

nets at ambient pressure are displayed in Figure β.1γ. 
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a  ď  Đ  

Figure Ϯ.ϭϮ PhoŶoŶ fƌeƋueŶĐies ;aͿ PŶŵa LiϮCOϮ, ;ďͿ CϮ/ŵ Liϯ;COϮͿϮ, ;ĐͿ PϮ/Đ LiCOϮ at Ϭ GPa. 

 

 

Figure Ϯ.ϭϯ COϮ-ďased Ŷets eŶĐouŶteƌed iŶ ;aͿ PϮ/Đ LiCOϮ-polǇ-ϭ,ϰ-dioǆaŶe-, ;ďͿ PŶŵa LiϮCOϮ-polǇ-C;O-ͿϮ aŶd ;ĐͿ 

CϮ/ŵ Liϯ;COϮͿϮ-fiŶite CϰOϴϲ-- ĐƌǇstal stƌuĐtuƌes at aŵďieŶt pƌessuƌe. DistaŶĐes aƌe iŶdiĐated iŶ aŶgstƌoŵs. 

 

 At 1 atm, P2/c poly-1,4-dioxane LiCτ2 lies 0.243 V/atom above P21/c oxalate Li2C2τ4. It is 

noteworthy that, with respect to elemental Li(s) and molecular Cτ2, the decomposition enthalpy 

of P2/c LiCτ2 at 1 atm is still negative (approximately -0.411 eV/atom) and its enthalpy of 

formation from elemental Li(s), C(graphite) and molecular τ2 is negative, up to -1.401 eV/atom. 

We supposed that if the barrier to isomerization of stable oxalate P21/c Li2C2τ4 or decomposition 

to the elements can protect P2/c poly-1,4-dioxane LiCτ2, then perhaps this barrier could be 

detected. Thus, to investigate the viability of the LiCτ2 P2/c polymeric structure at finite 

temperature and low pressure, we performed AIMD calculations using a supercell model at 1 atm 

and different temperatures (see Computational Details). Although small chain shifts and Li+ 

cation displacements were observed during the entire ten ps AIMD simulations at temperatures 

of 300 K and 600 K, the covalent C-C and C-τ bonds were not broken. In confirmation of this 

finding, the C-C and C-τ distances varied from 1.45 to 1.65 Å (1.26 to 1.65 Å, respectively) at 
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600 K. At 900 K, the intra-ring C-τ bonds break (Figure β.14). Interestingly, the AIMD analysis 

revealed that the encapsulated polymeric anionic carbon-oxygen chains in P2/c LiCτ2 can be 

successfully preserved at ambient conditions. Furthermore, the chains exhibit robust thermal 

stability and strong kinetic trapping, at least at temperatures up to 600 K.  

 In our numerical simulation, polymerized oxalate P2/c LiCτ2 appears above 33 GPa at 0 K, 

a pressure range that is accessible in modern high-pressure experiments. These results invite 

experimentalists to investigate the polymerization of lithium oxalate at high pressure. 

 

 

Figure Ϯ.ϭϰ “Ŷapshots of the LiCOϮ supeƌĐells at the eŶd of the AIMD siŵulatioŶs foƌ PϮ/Đ LiCOϮ-ďased supeƌĐells at 

aŵďieŶt pƌessuƌe aŶd Ϭ, ϯϬϬ, ϲϬϬ aŶd ϵϬϬ K. 

 

σow, we turn our attention to the extended 1D poly-C(τ-)2- chain found in the high-pressure 

Pnma Li2Cτ2 phase and finite C4τκ
6- observed in C2/m Li3(Cτ2)2 illustrated in Figure β.1γb and 

Figure β.1γc. At ambient pressure, the carbon backbones of these phases remain intact, though 
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elongated CC bonds are observed along the zig-zag carbon net (~1.ι Å), which weaken structural 

stability. The Pnma structure possesses an enthalpy of decomposition to solid lithium and carbon 

dioxide of 0.6ι1 eV/atom, slightly higher that that of oxalate (0.654 eV/atom). However, the 

enthalpy of 0.053 eV/atom is greater than that of the lowest metastable Li2Cτ2 phase at 1 atm, 

the C2/m space group that contains ethene-like C2τ4 units (see Figure β.9). If the barrier to 

isomerization of C2/m Li2Cτ2 (or decomposition to elements or other Lix(Cτ2)y compounds) can 

protect Pnma, then perhaps the barrier could be detected at low temperatures. τur AIMD 

calculations show that the polymeric units are broken above 600 K, but their carbon net is 

maintained at 300 K (See Appendix). 

 Finally, we finish by discussing the quenchability of the finite C4τκ chains in Li3(Cτ2)2. At 

ambient pressure, the enthalpy of formation is exothermic (-1.596 eV/atom). The elongated 

central CC bond of 1.6ι Å observed at 0 K and 1 atm weakens the molecular C4τκ
6- anion. 

σevertheless, no carbon-carbon bond cleavage or other decomposition was observed during a 

AIMD simulation at 600 K and 1 atm. The C4τκ motif within P-1 Li3(Cτ2)2 is maintained. At 

900 K, structural instability is observed as C-C bonds are broken. 

 To conclude, in addition to the experimentally proven oxalate 1:1 phase, we propose three 

novel phases in the pseudo-binary Li-Cτ2 phase diagram are viable solid-state structures at 

ambient pressure based on our numerical CSP searches, namely C2/m P-1 Li2(Cτ2)2, P-1 

Li3(Cτ2)2 and P2/c poly-1,4-dioxane LiCτ2. These structure predictions should generate interest 

in the synthesis of these crystals. 
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2.3.4 A metastable CO2-rich Li(CO2)2 phase containing two-dimensional CO2 

nets 

 In our EA searches, we identified several stationary structures that are local minima on the 

potential energy surfaces of the Lix(Cτ2)y phases at a given pressure. We selected four metastable 

phases above but close to the convex hull, all located in the Cτ2-rich region (see Figure β.γ). All 

of these structures have one- or two-dimensional Cτ2-based nets. Here, we focus our discussion 

on the structural and electronic properties of the high-pressure P-1 Li(Cτ2)2 phase, which 

possesses highly symmetrical and aesthetical 2D covalent Cτ2 layers.  

 At 100 GPa, our evolutionary crystal structure search identified a low-energy stationary point 

on the PES of the 1:2 composition. P-1 Li(Cτ2)2 is a local minimum (Z = 4) with an enthalpy of 

formation of -1.ι44 eV/atom. Its structure contains a covalent Cτ2-based slab sandwiched 

between Li layers. The C-τ layer is built from repeated C4τκ
2- units, as illustrated in Figure β.15. 

Each unit possesses a non-planar seven-membered C4τ3 ring. Typical interatomic separations are 

observed, and a tentative Lewis structure is depicted in Figure β.15c; all local structural 

environments can be rationalized with the help of simple VSEPR theory. As expected for an 

electron-precise count in the Zintl phase, P-1 is an insulator at 100 GPa. σote that the C-τ bonds 

which connect two chains are broken when pressure reduces to 1 atm. Hence P-1 is not a 

quenchable phase.  

 

 

Figure Ϯ.ϭϱ ;aͿ P-ϭ Li;COϮͿϮ at ϭϬϬ GPa. Vieǁ aloŶg the Đ aǆis. ;ďͿ RepƌeseŶtatioŶ of the ϮD COϮ-ďased Ŷet. ;ĐͿ CϰOϴϮ- 

ƌepeatiŶg uŶit. 
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2.4 Conclusion and perspectives 

 In this work, we performed evolutionary crystal structure searches on the Li-Cτ2 system, at 

ambient and high pressures, using the evolutionary principles implemented in the USPEX code 

in combination with first-principle electronic structure calculations. In addition to the well-known 

oxalate anions experimentally found in Li2C2τ4, our numerical investigation identified novel 

polymeric carbon-oxygen nets in high-pressure Lix(Cτ2)y phases, such as finite ethane-like 

(τ-)2C=C(τ-)2 and C4τκ units, poly-1,4-dioxane-based chains, and 1D poly-C(τ)2 planar zig-zag 

chains.  

The valuable Zintl-Klemm concept and VSEPR rules could be invoked to rationalize the 

shape and connectivity of these phases. With the exception of C2/m Li3(Cτ2)2, all of the phases 

identified are insulators, even at high pressures, up to 100 GPa. Three Lix(Cτ2)y phases are viable 

at ambient conditions, being thermodynamically, dynamically and mechanically stable. In 

particular, Li2(Cτ2) contains reduced oxalate units, - Li4C2τ4 = 2Li + Li2C2τ4 -, thus one could 

envisage this phase has potential for use in Li-batteries. τverall, these results indicate that 

pressure may induce the polymerization of carbon dioxide in binary Li-Cτ2 phases, and merit 

experimental confirmation. 

 ;aͿ  ;ďͿ  ;ĐͿ  

;dͿ ;eͿ  ;fͿ  

 

Figure Ϯ.ϭϲ PƌediĐted ;a,dͿ CϮ/ŵ NaϮCOϮ, ;ď,eͿ PϮϭ/Đ NaCOϮ, aŶd ;Đ,fͿ PϮϭϮϭϮ Mg;COϮͿϮ phases at ϭϬϬ GPa. 
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We have presented the results of the Li-Cτ2 binary phase diagram under pressure. As we 

mentioned in the beginning of this chapter, our goal is to explore the s-block elements-Cτ2 binary 

phases in order to predict novel Cτ2-based materials with finite and infinite Cτ2 nets.  

Therefore, we started to investigate the σa-Cτ2 and Mg-Cτ2 systems under pressure. The 

first family we chose to look at was the cation size effect -σa+ is bigger than Li+-, and the second 

family we looked at was the electron concentration effect on A:Cτ2 composition, as here 2e- 

rather than 1e- are given by Mg to the Cτ2 net. We have almost finished the CSP step.  

σumerous interesting structures emerged as stable or metastable phases at high pressure. To 

illustrate these preliminary results, and to wet the appetite of the reader, let’s present three of 

these predicted phases. They are shown in Figure β.16: a one-dimensional chain is encountered 

in C2/m σa2Cτ2, isostructural to poly-C(τ-)2 found in Pnma Li2Cτ2, while a two-dimensional 

layered Cτ2 net appears in P21/c σaCτ2; P21212 Mg(Cτ2)2 presenting layered Cτ2-nets, whereas 

each slab is made of 10-membered C6τ4 rings.  

Further structural and electronic analysis is underway. 
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3. Alkaline earth metal nitrides 
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3.1 Introduction 

σitrogen forms about ικ% of the Earth’s atmosphere, making it the most abundant, 

uncombined element accessible to man, and a potential natural resource in chemistry. The 

characterization of nitrogen is credited to Scottish physicist Daniel Rutherford in 1ιι2,111 but at 

the same time, it has also been studied by several scientists such as Carl Wilhelm Scheele, Henry 

Cavendish, and Joseph Priestley.112 Its name was given by the French scientist Jean-Antoine-

Claude Chaptal, comte de Chanteloup, in 1ι90 (in French, nitrogène, from Greek roots νἰĲρον, 

nitre ; Ȗεννᾶν, to form). σevertheless, Antoine Lavoisier gave this inert gas another name, azote 

-mephitic air-, from the Greek word άζωĲȚțός (azotikos), "no life".  

At standard conditions, two nitrogen atoms bind to form a dinitrogen molecule, a tasteless, 

colorless and odorless diatomic gas. At 1 atm, molecular nitrogen liquefies at ιι K (-195.κ°C), 

and freezes at 63 K (-210 °C) into the beta hexagonal close-packed crystal allotropic form. 

Diatomic σ2 is mostly unreactive at atmospheric pressure and room temperature due mainly to 

its bonding; it has a strong triple σ≡σ bond, with a short bond length of 1.10 A and a high 

dissociation energy of 945 kJ/mol. σ≡σ triple bond is much stronger than those of the σ=σ 

double bond (41κ kJ/mol) or the σ–σ single bond (160 kJ/mol).269,2ι0 These energy properties 

have lead the scientific community to search for nitrogen oligomers and polymers, so-called 

polynitrogen. In the following, we consider polynitrogen σn with n > 2.  

It has been proposed that molecules and ionic species containing nitrogen atoms connected 

by unstable single or double bonds decompose to give very stable σ2 molecules, along with the 

release of large amounts of energy. Therefore, their potential applications as propellants, 

explosives, and pyrotechnics have been envisaged.113–115 The quest for high nitrogen content 

materials is still considered to be a Holy Grail in the science world, due to their chemical interest 

and their potential as high-energy density materials (HEDMs) that are environmentally friendly. 

From a theoretical point of view, our current research tentatively works towards the challenging 

and attractive objective of the development of polynitrogen-based compounds.  
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Unfortunately, neutral polynitrogen compounds are metastable and are expected to have a 

small energy barrier towards decomposition, such as the long-sought but still unknown 

tetrahedrane.116  

 

 

    Figure ϯ.ϭ “ĐheŵatiĐ eŶeƌgǇ pƌofile of ŵoleĐulaƌ NϮ to polǇŶitƌogeŶ ĐoŵpouŶd ƌeaĐtioŶ. 

 

To alleviate this kinetic issue, chemists and physicists have proposed different strategies to 

synthesize viable polynitrogen-containing compounds. Here, we present the different 

experimental and predicted allotropes of nitrogen which contain covalently nitrogen extended 

nets, then we describe ionic structures which contain polynitrogen units. 

 

Allotropes of nitrogen with extended covalent nets  

In a tiny and constrained space, for instance σ2 under pressure, σ≡σ triple bonds break, and 

new nitrogen-nitrogen bonds are created. Thus, under pressure, one can expect the emergence of 

(meta)stable oligomers or polymeric nitrogen nets. This is what is observed in nitrogen. Under 

extremely high pressure (1.1 million atm, 110 GPa) and high temperature (2000 K), elemental 

nitrogen polymerizes experimentally into the single-bonded cubic gauche crystal structure, cg-σ, 

which is displayed in Figure γ.β.  

This cg-σ phase has been experimentally determined in 2004 by Eremets et al. by laser-

heated diamond anvil cell experiments.κκ,11ι,11κ In Chemical and Engineering news, Stephen 
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Ritter wrote “Polynitrogen should have an energy capacity more than five times that of the most 

powerful nonnuclear energetic materials” and Klapötke said “[polynitrogen] would seem to be 

the ideal high-energy-density material”.119 This high-pressure allotrope of nitrogen has been 

reported in 19κ5 by MacMahan et al.,κ5,120 and later on, in 1992, a DFT study of this cg-σ phase 

was developed.  

Since this seminal work, a number of different nitrogen allotropes have been predicted from 

first-principles calculations: cubic gauche (cg-σ) Iβ1γ,121 chaired web (CW),122 poly-σ (pσ),2κ 

arsenic-like (Aι),122 layered boat (LB),122 phosphorus-like (BP),κ5 metallic chain (CH),10κ zigzag 

chain (ZZ),109 simple cubic (SC) allotropes,122 a diamondoid (N10-cage)124 allotropes and phases 

of the space groups Pba2,122 P212121,122 P1,122 C2/c,122 Cmcm.122 The latest one has been 

proposed by Bondarchuk and Minaev in 201ι, “a new ambient-pressure metastable single-

bonded γD nitrogen allotrope (Trigσ) of trigonal symmetry (space group R-3)”.125  

 

 

Figure ϯ.Ϯ NŶ Ŷets fouŶd iŶ solid-state ŶitƌogeŶ allotƌopes. EǆpeƌiŵeŶtallǇ ĐhaƌaĐteƌized phases aƌe iŶdiĐated ;EXPͿ 

ǁhile theoƌetiĐal oŶes ĐoƌƌespoŶd to the loǁest gƌouŶd-states.   

 

Molecular polynitrogen units 

Besides the predicted, and experimentally characterized, extended nitrogen nets encountered 

in solid-state high-pressure phases, several neutral and charged molecular species σn (n>2) have 

been proposed in a variety of forms, such as cyclic, acyclic, or caged conformations. The 

imagination of researchers in the field of energetic materials produces novel, predicted neutral 

and charged σn structures year after year.12ι–130  
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We’ve selected three of them as representative candidates, and display their structures in 

Figure γ.γ, i.e., octaazacubane σκ derived from cubane CκHκ, dipentazole (σ5)2 analog to 

dicyclopentadienyl (C5H5)2, and nitrogen fullerene σ60 from C60, which has been proposed for 

the first time by Indian chemist Riad Mana of Livermore lab.131  

 

 

       Figure ϯ.ϯ HǇpothetiĐal oĐtaazaĐuďaŶe, dipeŶtazole ;NϱͿϮ aŶd NϲϬ polǇŶitƌogeŶ ŵoleĐules. 

 

τur bibliographic search shows that the latest article on this topic was published in May 

201ι, and deals with octaazacubane σκ species,132 the so-called nitrogen cubane (see Figure γ.γ). 

This species was theoretically explored 26 years ago by Engelke and Stine at the Hartree-Fock 

level of theory but, due to the emergence of more accurate quantum methods, and nowadays 

access to powerful computers, the exploration of their electronic properties is still on-going!  

Dozens of σn
q structures have been suggested from ab initio calculations, all of them are 

metastable thermodynamically but dynamically stable (local minima on the nitrogen potential 

energy surface). Remember that these molecular forms of nitrogen suffer from a lack of stability. 

Therefore they can hardly be applied as mere explosives or propellants, thus, most of the 

predicted species remain hypothetical at the time of writing.  

Besides dinitrogen, only a few neutral or ionic molecular species are detected experimentally 

in gas phase, but are not viable (i.e., short-lived σ4 with a lifetime exceeding 1 ms at 29κ K).133 

However, the high endothermic heats of formation make the safe synthesis and handling of these 

molecules the major challenges for experimental chemists. 
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Polynitrogen units in covalent compounds 

Different σn motifs are observed experimentally in molecular R[σn]R compounds, in which 

an R group acts as a “stabilizer” due to its size (a bulky substituent) and its ability to form a 

(partial) covalent bond with the unsaturated nitrogen atom of the σn moieties. Figure γ.4 gives 

an illustration of this family of compounds, focusing on the encountered σn topologies.  

 

 

Figure ϯ.ϰ Eǆaŵples of eǆpeƌiŵeŶtal NŶ ŵotifs fouŶd iŶ ŵoleĐulaƌ speĐies ;a-eͿ aŶd solid-state salts ;f-hͿ. Azido RNϯ 

ŵoleĐules a ;R=H, CFϯ, oƌgaŶoŵetalliĐ fƌagŵeŶt,…Ϳ, ;Meϯ“iͿϮN-N=N-N;“iMeϯͿϮ ď, the loŶgest ŶitƌogeŶ ĐhaiŶ iŶ Ph-

N=N-N;PhͿ-N=N-N;PhͿ-N=N-Ph Đ, oƌgaŶoŵetalliĐ [;ClϱWͿ-N;NͿϯ-WClϱ]+ d aŶd aŵidoazido [Os;ďpǇͿ;ClͿϯ;NϰͿ]- e 

ĐoŵpouŶds.ϭϮϲ IŶ ďlue aƌe ƌepƌeseŶted the thƌee eǆpeƌiŵeŶtallǇ ĐhaƌaĐteƌized NŶ ioŶs iŶ ĐƌǇstalliŶe salts; Nϯ- azide 

f, peŶtazeŶiuŵ Nϱ+ g aŶd ĐyĐlo-peŶtazole aŶioŶ Nϱ- h. 

 

Linear triatomic unit σσσ is found in numerous azido Rσ3 molecules a (R=H, CF3, …), 

whereas concatenation larger than σ3 are rare, and is more limited than for carbon; bent σ4 chain 

is present in (Me3Si)2>σ-σ=σ-σ<(SiMe3) b and, as far as we know, the longest chain so far 
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reported being the σκ unit in Phσ=σ-σ(Ph)-σ=σ-σ(Ph)-σ=σPh; c These oligomers are 

reminiscent of the infinite form of poly-nitrogen –(–σ=σ–)x–, isoelectronic to polyacetylene, 

which has been proposed, from theoretical calculations, as a stationary point on the PES.134  

τthers motifs have been described experimentally, such as the three-pointed-star σσ3 motif 

found in organometallic [(Cl5W)-σ(σ)3-WCl5]+ d isoelectronic to Cτ3
2- carbonate, and the 

amidoazido [τs(bpy)(Cl)3(σ4)]- complex e with bent finite σ4 chain (see Figure γ.4).  

This brings us to the end of this brief paragraph on molecular σn-based species, and we 

switch to polynitrogen σn moieties present in binary ionic salts, the scope of our present study. 

 

Polynitrogen units in salts 

To get “stabilized” polynitrogen σn units, a fruitful way might consist of the mixing of 

nitrogen and an electron-donor (i.e., electropositive element), or -acceptor (i.e., electronegative 

element) species to get anionic and cationic σn
q entities, respectively, stabilized by strong ionic 

interactions in solid-state minerals or ionic liquids. To the best of our knowledge, only three 

charged nitrogen-based species have been experimentally characterized: the well-established 

azide σ3
- f which has a moderate stability; the reported pentazenium σ5

+ cation g, which can exist 

only with large counter anions; and the cyclo-pentazole anion σ5
- h (see Figure γ.4).135–143  

σote that the latest ion, σ5
-, has been characterized very recently in solid-state phases: 

Csσ5,144,145 (σ5)6(H3τ)3(σH4)4Cl salt146, and in carbon-free inorganic–metal complex 

[M(H2τ)n(cyclo-σ5)2]·4H2τ (M=Mn, Fe, Co, n=4; Mg, n=6).14ι,14κ These results demonstrate 

that all-nitrogen units can be synthesized and stabilized in a crystal field and belong to an active 

field of research.  

A number of theoretical studies have appeared in recent years on the crystal structure 

prediction of novel structures in binary s-block nitrogen phase diagrams, and we “compete” in 

this research area. Presented in Table γ.1 is an up-to-date list of Axσy, where A is an s block 

element, alkaline or alkaline earth metal. Figure γ.4 summarizes the topology of σn units 

observed in experimentally characterized and theoretically predicted Axσy phases: 
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            Figure ϯ.ϱ NŶ ŵotifs eŶĐouŶteƌed iŶ AǆNǇ ioŶiĐ salts listed iŶ Taďle ϯ.ϭ. 

 

Prasad et al.149 explored lithium azides Liσ3 phases from ambient pressure up to 500 GPa 

using the DFT method. They successfully reproduced the experimentally known monoclinic 

C2/m Liσ3 phase, and predicted two other competing metallic phases containing σ2 units at low 

pressure. The σ6 member rings, infinite chain and wave like nitrogen-rich layer in Liσ3 structures 

then emerge as the stable phases at a pressure larger than 36 GPa. Peng et al.150 predicted a new 

crystal pentazolate Liσ5, which is thermodynamically stable above 9.9 GPa, and metastable at 

ambient conditions. Recently, Shen et al.151 explored the Li-σ binary phase diagram at different 

pressures and up to 100 GPa. They predicted the existence of five compositions, namely Li13σ, 

Li5σ, Li3σ2, Liσ2, and Liσ5. Isolated nitrogen σ3- ions, σ2 dimers, polyacetylene-like chains and 

cyclo-σ5 rings are identified (see Figure γ.6).  

 

Figure ϯ.ϲ ;aͿ MoŶoĐliŶiĐ lithiuŵ azide CϮ/ŵ-LiNϯ at ϭ atŵ, ;ďͿ Pϲ/ŵ-LiNϯ at ϲϬ GPa, ;ĐͿ CϮ/ŵ-LiNϯ at ϮϬϬ GPa, ;dͿ 

Lithiuŵ peŶtazolate PϮϭ/ŵ-LiNϱ at ϮϬ GPa. 
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The sodium azide is predicted to undergo a chemical transformation above 50 GPa into two 

sodium pentazolates, namely Cm σaσ5 and Pbam σa2σ5. Steele et al.152 predicted sodium 

pentazolates which are stabilized in the solid phase by σa+ cations at pressures exceeding 20 GPa, 

and quenchable to ambient pressure.  

Meanwhile, five new stoichiometric Cs-σ compounds have been predicted and could be 

experimentally synthesizable at modest pressures144,153, including polynitrogen chains in the C2/c 

phase of Csσ2 and the newly identified Csσ crystal with a novel σ4
4- anion.  

 Let’s switch to alkaline earth metal nitrogen phases, Ae-σ (Ae=Be, Mg, Ca, Sr, Ba). 

Experimentally, beryllium and magnesium form only salt-like nitrides (isolated σ3- in Be3σ2 and 

Mg3σ2). Eckerlin et al.154 report a polymorph Be3σ2 phase transition around 1400°C. Chang et 

al. investigated the structural stability and mechanical properties of Be3σ2 crystallizing in α and 

ȕ phases.155 These two phases are strongly pressure dependent in the pressure range 0 to κ0 GPa. 

The superior mechanical properties show that the two phases of Be3σ2 could be a potential 

candidate for hard material. Wei et al.156 predicted that P-1 and P21/c Beσ4 become energetically 

stable at high pressure. Interestingly, P21/c Beσ4 has a novel 3-dimensional σ10 member rings 

network, in which the nitrogen atoms are in the spγ hybridization. 

Mg3σ2 nitride is prepared in similar ways as Be3σ2, by reaction of finely divided magnesium 

metal with gaseous nitrogen or ammonia.15ι The cubic anti-bixbyite Mg3σ2 has been confirmed 

isostructural to ȕ-Be3σ2. From ab initio calculations, Mg3σ2 is a semiconductor with a band gap 

of 1.1 eV. Liu et al.15κ predicted a novel metastable Mg3σ2 monolayer with a hexagonal lattice. 

It displays an intrinsic direct band gap of 1.κ6 eV. While we were studying the Mg-σ phase 

diagram, Wei et al. predicted similar results using another structure prediction method.159 They 

predicted a series of stable chemical stoichiometries at high pressures with a rich variety of 

polynitrogen forms. We will compare their results with ours in the following section. 

Heavy alkaline earth metals (Ca, Sr, Ba), however, seemingly form no such ionic nitride, but 

more than one partially metallic nitride with unexpected stoichiometries. Compared with 

beryllium and magnesium, the number of binary compounds formed in the Ca-σ system is larger.  
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Experimentally, compositions have been characterized, namely Ca2σ, Ca3σ2 and Caσ2.160–

162163 From a theoretical point of view, other compositions emerged. In 2016, Zhu et al.164 

explored the whole stoichiometries of Ca-σ binary compounds. A rich variety of polynitrogen 

forms is presented. Besides the experimental compositions, they also found Ca2σ3, Caσ, Caσ3, 

Caσ4, and Caσ5, which are stable under high pressure. σotably, the Caσ phase is predicted to be 

quenchable.  

In experimental Sr-σ and Ba-σ phase diagrams, are located 1:6 phases which feature 

symmetrical linear σ3- groups. Sr(σ3)2 and Ba(σ3)2 are metastable azides. The true nature of the 

“charge-balanced” Sr3σ2 and Ba3σ2 compounds are yet unclear, even though these compounds 

were first mentioned in 1κ92 by Maquenne.165 In 19κ0 Künzel proposed a defect σaCl-type 

structure for Ba3σ2, but no further mentionof this structure can be found in the literature.166 Early 

studies identified the product of the nitridation of barium metal only by chemical analysis.16ι,16κ 

The compound was observed to be obtained from the decomposition of the azide, Ba(σ3)2, but 

no solid characterization was performed.  

Ba3σ2 is the only alkaline earth nitride for which we find an alternative ground-state structure. 

The α-Ba3σ2 comes out lowest in energy with anti-A-sesquioxide type. ȕ-Ba3σ2 will adopt an 

anti-Rh2τ3-II structure becoming the ground state at 2 GPa. Another structure, termed Ȗ-Ba3σ2, 

exhibits an anti-CaIrτ3 structure starting at 34 GPa. At 51 GPa, δ-Ba3σ2 may be found with a 

hexagonal P63/mmc structure becoming stable. A comprehensive list of the s-block element 

nitrides is detailed in Table γ.1. 
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Taďle ϯ.ϭ Liteƌatuƌe ƌepoƌt oŶ AǆNǇ ďiŶaƌǇ phases ;A, s-ďloĐk eleŵeŶts; alkaliŶe aŶd alkaliŶe eaƌth ŵetalsͿ. These 

stƌuĐtuƌes aƌe Đlassified iŶto fouƌ faŵilies ƌelatiŶg to the diŵeŶsioŶalitǇ of the ŶitƌogeŶ suďlattiĐes: ;ϭͿ eǆteŶded 

ϮD ŶitƌogeŶ laǇeƌs, ;ϮͿ iŶfiŶite ϭD ŶitƌogeŶ ĐhaiŶs, ;ϯͿ eŶĐapsulated ŵoleĐule-like ϬD aŶioŶiĐ uŶits, aŶd ;ϰͿ isolated 

ŶuĐlei Nϯ- ioŶs. EǆpeƌiŵeŶtallǇ ĐhaƌaĐteƌized stƌuĐtuƌes aƌe eǆpliĐitlǇ iŶdiĐated ;EXPͿ; if Ŷot, this is a stƌiĐtlǇ 

hǇpothetiĐal phase.  

 

Phases P (GPa) VECa/ACNb Nitrogen framework, electrical property 

Two-dimensional (2D) network 

LiN3 (C2/m) 

Prasad149 
190-500 5.33/2.6+2 

layers of fused puckered 10-embered 

decagon rings + 1D zigzag chains, metallic 

One-dimensional (1D) network 

LiN2 (P-1) 

Shen151 
>56 5.5/2 

polyacetylene-like armchair chains poly-

N4
2-, semiconductor 

LiN3 (P-1) 

Prasad149 
metastable 5.33/2.33 

linked chair six-membered rings poly-N6
2-, 

metallic 

LiN3 (P21) 

Wang169 
>375 5.33/2.67 

puckered fused 5-membered rings poly-

N6
2-, insulator 

NaN2 (Cmmm) 

Steele152 
50-100 5.5/2 

polyacetylene-like zigzag chains poly-N2
-, 

metallic 

NaN3 (C2/m) 

Zhang170 
152-200 5.33/2.5+2 

puckered fused six-membered rings poly-

N4
- and zigzag chains poly-N2

-, metallic 

KN3 (P6/mmm) 

Zhang171 
40-100 5.33/2.67 

Fused chair-like six-membered rings poly-

N6
2-, metallic 

KN3 (C2/m) 

Zhang171 
>298.6 5.33/2.5+2 

puckered fused six-membered rings poly-

N4
- and zigzag chains poly-N2

-, metallic 

KN3 (C2/m) 

Zhang171 
>274 5.33/2.67 

Fused chair-like six-membered rings poly-

N6
2-, insulator 

RbN3 (P-1) 

Wang172 
30-50 5.33/2 

polyacetylene-like trans-cis chains poly-

N12
4- , metallic 

RbN3 (C2/m) 

Wang172 
>200 5.33/2.67 

Fused chair-like six-membered rings poly-

N6
2-, metallic 

CsN3 (P-1) 

Wang173 
51-200 5.33/2 

polyacetylene-like trans-cis chains poly-

N12
4-, metallic 

CsN2 (C2/c) 

Peng145 
>40 5.5/2 infinite spiral chains poly-N8

4-, insulator 

CaN4 (P41212) 

Zhu164 
19-67 5.5/2 armchair chains poly-N4

2-, metallic 
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Molecular anions 

Phases P (GPa) VECa/ACNb 
Nitrogen framework, 

electrical property 
Li3N2 (P4/mbm) Shen151 30-39 6.5/1 dumbbell N2

3-, metallic 

Li3N2 (C2/c) Shen151 39-89 6.5/1 dumbbell N2
3-, metallic 

Li2N2 (Pmmm) Shen151, 

Zhang174 
0-8.2 6/1 dumbbell N2

2-, metallic 

Li2N2 (Immm) Shen151 8.2-8.9 6/1 dumbbell N2
2-, metallic 

Li2N2 (Pnma) Shen151 8.9-66.4 6/1 dumbbell N2
2-, metallic 

Li2N2 (Cmcm) Shen151 >66.4 6/1 dumbbell N2
2-, metallic 

Li2N2 (P63/mmc) Shen151 0-56 5.5/1 dumbbell N2
2-, metallic 

LiN3 (P-62m) Shen151 0-0.9 5.33/1 dumbbells N2
-, metastable 

LiN3 (C2/m) Shen151 0-36 5.33/1.33 
linear N3

- azide, 

metastable below 49 GPa  

LiN3 (P6/m) Shen151, 

Wang169 

>49 

36-375 
5.33/2 benzene-like N6

2-, metallic 

KN3 (I4/mcm) Zhang171 0-22 5.33/2 linear molecular N3
- anions 

KN3 (C2/m) Zhang171 22-40 5.33/2.5+2 linear molecular N3
- anions 

LiN5 (P21/c) Shen151  15-65 5.2/2 
5-membered ring N5

- 

pentazolate, insulator 

LiN5 (C2/c) Shen151 >65 5.2/2 
5-membered ring N5

- 

pentazolate, insulator 

NaN (Pmmm) Zhang175 0 6/1 dumbells N2
2-, metallic 

NaN (Cmcm) Steele152 10-30 6/1 dumbells N2
2-, metallic 

NaN (Cmmm) Steele152 28-100 5.33/1 dumbells N2
2-, metallic 

NaN2 (Cmmm) Steele152 30-100 5.5/1 dumbells N2
2-, metallic 

Na2N5 (Pbam) Steele152 30-100 5.4/1 
Five-membered ring N5

2-, 

pentazolate, metallic 

NaN3 (C2/m) Steele152 <0.85 5.33/1.33 linear N3
- azide, insulator 

NaN3 (R-3m) Zhang170 0.85-6.5 5.33/1.33 linear N3
- azide, insulator 

NaN3 (I4/mcm) Zhang170 6.5-58 5.33/1.33 linear N3
- azide, insulator 

NaN3 (P6/m) Zhang170 58-152 5.33/2 benzene-like N6
2-, metallic 

NaN5 (P2/c) Steele152 16.5 5.2/2 
five-membered ring N5

- 

pentazolate, insulator 

NaN5 (Cm) Steele152 20-100 5.2/2 
five-membered ring N5

- 

pentazolate, insulator 

KN3 (I4/mcm) Babu176 0-20 5.33/1.33 linear N3
- azide insulator 

KN3 (C2/m) Zhang171 15.7-20 5.33/1.33 linear N3
- azide, insulator 

KN3 (Cm21) Zhang171 20-41 5.33/1.33 linear N3
-, azide; metastable 

KN3 (P6/mmm) Zhang171 >41 5.33/1.33 benzene-like N6
2-, metallic 

RbN3 (I4/mcm) Wang172 0-30 5.33/1.33 linear N3
- azide, insulator 

RbN3 (P6/mmm) Wang172 50-200 5.33/2 benzene-like N6
2-, metallic 
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Cs2N (C2/m) Peng145 >18 7/1 dumbbell N2
4- pernitride 

CsN (C2/m) Peng145 7.5-44 6/1 dumbbell N2
2- diazenide 

CsN (P-1) Peng145 >44 6/1 
open-chain N4

4- tetrazadiene, 

semiconductor 

CsN2 (C2/m) Peng145 4-40 5.5/1 dumbbell N2
- 

CsN3 (I4/mcm) Peng145 <6 5.33/1.33 linear N3
- azide, insulator 

CsN3 (C2/m) Peng145 6-13 5.33/1.33 linear N3
- azide 

CsN3 (P21/m) Peng145 16-26 5.33/1.33 linear N3
- azide 

CsN3 (C2/m) Peng145 >81 5.33/2 benzene-like N6
2-, metallic 

CsN3 (P21) Wang173 13-51 5.33/1.33 linear N3
- azide 

CsN5 (Cmc21) EXP 

Peng,Steele140,141 
>14 5.2/2 

cyclopentadiene-like N5
- 

pentazolate, metallic 

CaN (C2/m) Zhu164 0-14 7/1 dumbbell N2, metallic 

CaN (Cmc21) Zhu164 14-40 7/1 dumbbell N2, metallic 

CaN (C2/m) Zhu164 40-76 7/1 dumbbell N2, metallic 

CaN (Pbam) Zhu164 76-100 7/1 dumbbell N2, metallic 

Ca2N3 (P-62m) Zhu164 18-44 6.33/ dumbbell N2, metallic 

CaN2 (Pnma) Zhu164 0-3 6/1 dumbbell N2
2- 

CaN2 (I4/mmm) Zhu164 3-18 6/1 dumbbell N2
2- 

CaN2 (P21/c) Zhu164 18-92 6/1.5 N4
4-, metallic 

CaN2 (Pbam) Zhu164 92-100 6/1.5 N4
4-, metallic 

CaN3 (Pmma) Zhu164 8-36 5.67/1 dumbbell N2, metallic 

CaN4 (P4/mbm) Zhu164 5-19 5.5/1 dumbbell N2, metallic 

CaN3 (C2/c) Zhu164 36-100 5.67/2 N6
4-, metallic 

CaN5 (Pm) Zhu164 33-100 5.4/2 N5
2-, metallic 

CaN6 (Fddd) Zhu164 EXP ambient 5.33/1.33 linear N3
- azide 

SrN6 (Fddd) Zhu177 ambient 5.33/1.33 linear N3
- azide, insulator 

BaN6 (Fddd) Zhu177 ambient 5.33/1.33 linear N3
- azide, insulator 
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Isolated nitrides N3- 

Phases P (GPa) 
VECa/AC

Nb 
Nitrogen framework, 

electrical property 
Li13N (Immm) Shen151 43-76 18/0 metallic 

Li13N (C2/m) Shen151 >76 18/0 metallic 

Li5N (P6/mmm) Shen151 >80 10/0 metallic 

Li3N (Pm-3m) Shen151 0-0.2 8/0 insulator 

Li3N (P6/mmm) Shen151 0.2- 8/0 insulator 

Li3N (P63/mmc) Shen151 0.2- 8/0 insulator 

Li3N (Fm-3m) Shen151 0.2- 8/0 insulator 

Na3N (Pm-3m) Vajenine178 0-1 8/0 insulator 

Na3N (P6/mmm) Vajenine178 1-2.3 8/0 insulator 

Na3N (P63cm) Vajenine178 2.3-25 8/0 insulator 

Na3N (P63cm) Vajenine178 >25 8/0 insulator 

Na3N (Fm-3m) Steele152 >10 8/0 insulator 

K3N (P63/mmc) Fischer179 metastable 8/0 insulator 

Cs3N (Cmcm) Peng145 18-64 8/0 insulator 

Be3N2 (Ia-3) Xia175 0-118 8/0 insulator 

Be3N2 (P-3m1) Xia175 118-150 8/0 insulator 

Be3N2 (P63/mmc) Xia175 metastable 8/0 insulator 

Be3N2 (Pn-3m) Xia175 metastable 8/0 insulator 

Be3N2 (R3m) Xia175 metastable 8/0 insulator 

Ca2N (R-3m) Zhu164 0-10 9/0 insulator 

Ca2N (Fm-3m) Zhu164 10-84 9/0 metallic 

Ca2N (I4/mmm) Zhu164 84-100 9/0 metallic 

Ca3N2 (Ia-3) Römer180 0-0.5 8/0 insulator 

Ca3N2 (R-3c) Römer180 metastable 8/0 insulator 

Ca3N2 (Pbcn) Römer180 0.5-10 8/0 insulator 

Ca3N2 (C2/m) Römer180 10-27 8/0 insulator 

Ca3N2 (P-3m1) Römer180 27-38 8/0 insulator 

Ca3N2 (C2/m) Römer180 38-90 8/0 insulator 

aIŶ AǆNǇ, VEC is the ǀaleŶĐe eleĐtƌoŶ ĐoŶĐeŶtƌatioŶ; VEC= ;Đǆ+ϱǇͿ/Ǉ ǁith Đ: Ŷuŵďeƌ of eleĐtƌoŶs giǀeŶ ďǇ A; ǆ: 
Ŷuŵďeƌ of A atoŵs; Ǉ: Ŷuŵďeƌ of ŶitƌogeŶ atoŵs.  

ďACN is the aǀeƌaged ĐooƌdiŶatioŶ Ŷuŵďeƌ of the ŶitƌogeŶ atoŵs iŶ AǆNǇ stƌuĐtuƌes. 
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Goals 

As a crucial thermodynamic parameter, pressure has emerged as a powerful tool to 

investigate the physical and chemical behaviors of materials, and this has lead to new and 

unexpected products.  

In this study, we investigate the possible formation and stability of polymeric nitrogen 

compounds in the binary Mg-σ system, and the Ba-σ system, at high pressure. Structure searches 

for stable Mg/Ba-σ compounds were performed using an unbiased evolutionary structure 

prediction algorithm in conjunction with density-functional calculations. After which, electronic 

properties and chemical bonding of the identified compounds were systematically investigated, 

with the aim of exploring the properties and potential applications of Mg/Ba-σ compounds as 

high energy-density materials. 
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3.2 Computational details 

To identify stable ground-state structures and compositions of binary Mg/Ba-σ system, a 

variable-composition evolutionary algorithm implemented in the USPEX codeκ,13,30 was 

employed. The total number of atoms in the primitive cell was up to 30. The first generation had 

100 randomly produced candidate structures; all subsequent generations contained κ0 structures. 

Evolutionary variation operators were applied to produce new structures; 60% of the new 

structures were produced by heredity with the remaining structures produced by softmutation 

(15%), transmutation (15%), and random generation (10%). 

Density-functional energy calculations and geometry optimizations were performed using 

the VASP package4κ with the Perdew-Burke-Ernzerhof (PBE) parametrization of the generalized 

gradient approximation41,42. Projector-augmented wave (PAW) potentials49 were used for 

magnesium, barium and nitrogen atoms with radii of 2.0 a.u. for Mg ([σe] core), 2.κ a.u. for Ba 

([Kr] core) and 1.5 a.u. for σ ([He] core). A plane-wave basis set with a kinetic energy cutoff of 

600 eV was employed. Uniform Γ-centered meshes with a reciprocal space resolution of 2π × 

0.03 Å-1 were used for Brillouin zone sampling to ensure the error bars of the total energies were 

less than 1 meV/atom. Structure relaxations proceeded until all forces on atoms were less than 1 

meV/Å, and total stress tensor deviated from target pressure by ≤0.01 GPa.  

The dynamical stability of the statically relaxed structures was established by the absence of 

imaginary phonon frequencies, which were computed using the finite-displacement approach as 

implemented in the PHτστPY code9ι. Moreover, the effect of zero-point energy (ZPE) on the 

stability of Mg/Ba-σ compounds was studied. The inclusion of ZPE only shifted moderately the 

fields of stability but did not change the topology of the phase diagram. Thus the following 

energies are non-ZPE corrected. Compounds located on the convex hull are thermodynamically 

stable against decomposition into any other binaries or the elements, while compounds above the 

convex hull are not stable. The most stable forms of pure Mg and σ depend on the applied 

pressure, i.e., the hcp, bcc structures for Mg/Ba and Pa-3, Pbcn, P21/c, P41212, I213, Pba2, and I-

43m structures for nitrogen.  
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3.3 Magnesium nitrides 

3.3.1 Phase stability of the Mg-N system under pressure 

Stable compounds, which form the thermodynamic convex hull (Figure γ.7), were identified 

at selected pressures and their stability fields are shown in the pressure-composition phase 

diagram (Figure γ.8). It is noteworthy that our evolutionary searches successfully reproduced 

experimentally known Mg3σ2 structures. Moreover, the searches revealed that Mg3σ2 transforms 

from the Ia-3 to Pbcn phase at 21 GPa, to the C2/m phase at 24 GPa and the Pnma phase at 43 

GPa. The high-pressure Pnma phase has been proposed by Wei et al. based on first-principles 

particle swarm methodology implemented in Calypso code.ι,2ι Besides Mg3σ2, eight hitherto 

unknown stoichiometries emerged to be stable under pressure, including five σ-rich 

stoichiometries, namely, Mg5σι, Mg2σ3, Mgσ2, Mgσ3, and Mgσ4, and three Mg-rich 

compositions, Mg5σ3, Mg4σ3, and Mg5σ4. As shown in Figure γ.8, Mg3σ2, Mg2σ3, Mgσ2, 

Mgσ3, and Mgσ4 undergo a series of phase transitions in their stability domains, while other 

stoichiometries only possess a single phase. 

 

 

Figure ϯ.ϳ CoŶǀeǆ hulls of the Mg-N sǇsteŵ at seleĐted pƌessuƌes. “olid sƋuaƌes deŶote staďle stƌuĐtuƌes, ǁhile 

eŵptǇ oŶes ƌepƌeseŶt ŵetastaďle stƌuĐtuƌes. 
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Figure ϯ.ϴ Pƌessuƌe-ĐoŵpositioŶ phase diagƌaŵ of Mg-N sǇsteŵ fƌoŵ Ϭ to ϯϬϬ GPa. The staďle phases aƌe iŶdiĐated 

ďǇ ďold liŶes, aŶd ŵetastaďle phases aƌe depiĐted ďǇ thiŶ dashed liŶes. The ďlue Ŷuŵďeƌs ƌepƌeseŶt ĐoŵpouŶd 

staďilitǇ ƌaŶges, ǁhile ďlaĐk italiĐ Ŷuŵďeƌs deŶote phase tƌaŶsitioŶ pƌessuƌes. 

 

According to the structural arrangement and dimensionality of the covalent nitrogen network, 

the great variety of crystal structures was classified into four different categories (Table γ.β): 

structures with (1) 1D infinite nitrogen chains (Mgσ4); (2) 2D covalent nitrogen layers alternating 

with magnesium sheets (Mgσ3); (3) encapsulated molecule-like covalent anionic units such as 

σ2 dumbbells, bent triatomic σ3 units and planar σ(σ3) motifs, as found in Mg5σ4, Mg5σι, 

Mg2σ3, or Mgσ2; and (4) isolated nitrogen atoms, as found in Mg5σ3, Mg3σ2, Mg4σ3, and Mg5σ4. 

This structural classification can be applied to other alkali and alkali earth nitrides 

Axσy compounds, such as σ2 dumbbells, linear σ3 units, five-membered σ5 rings, cyclic σ6 

rings, and 1D linear σx.  

The electronic and geometric structures of the Mgxσy phases were examined in order to 

better understand their chemical bonding. Throughout this article, electron transfer is considered 

to occur from electropositive magnesium atoms into the polynitrogen sublattice. Thus a 

σy network bears 2× valence electrons (ve) per formula unit. Except for isolated σ3 based 

structures, covalent σ-σ bonds are encountered in the nitrogen sublattice. We recall the lengths 

of σ-σ bonds are roughly 1.10 Å for the triple bond, 1.25 Å for the double bond, and 1.45 Å for 
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the single bond at ambient conditions. For calibration, the σ-σ single bond distance in cg-σ is 

1.31 Å at 200 GPa. These values were used to guide assignment of nitrogen-nitrogen bonds to 

rationalize the local structural environments using VSEPR theory and the Zintl-Klemm concept 

(ZKC). 

 

Taďle ϯ.Ϯ CheŵiĐal featuƌes of staďle ŵagŶesiuŵ-ŶitƌogeŶ MgǆNǇ ĐoŵpouŶds. 

 

Compounds Phases 
Stability domain 

(GPa) 
Structure type Nitrogen net 

MgN4 

P-11 

 

Cmmm 

 

13~45 

 

45~204 

 

1D armchair chains 

2-coordinated N  

MgN3 

P-1 (I)1 89~156 benzene-like N6 rings 

 

P-1 (II) 156~300 
2D layers 

2- and 3-coordinated N 

 

MgN2 

Cmcm 17~43 N2 dumbbells  

P63/mcm 43~94 
N(N)3 

three-pointed stars 
 

Mg2N3 C2/m 8~33 
isolated nuclei  

N2 dumbbells 

           

      

Mg2N3 Pmmn 33~126 bent N3 units  

Mg5N7 C2 243~300 
N2 dumbbells 

bent N3 units 

 

 

Mg5N4 Cmca 47~300 

isolated nuclei  

N2 dumbbells 

 

           

      

Mg4N3  I-43d 111~300 
isolated nuclei  

 
 

Mg3N2 

Ia-3 0~21 isolated nuclei  

Pbcn 21~24 isolated nuclei  

C2/m 24~43 isolated nuclei  

Pnma1 43~242 isolated nuclei  

Mg5N3 P63/mcm 120~300 isolated nuclei  
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3.3.2 Compounds containing 1D polynitrogen armchair chains and corrugated 

2D layers 

 

a. MgN4 

τur evolutionary searches uncovered σ-rich Mgσ4 stoichiometry as a thermodynamic 

ground state at a pressure as low as 13 GPa, easily achievable in high-pressure synthesis. The P-

1 → Cmmm phase transition occurs at 45 GPa while their energy difference is as low as 0.05 

eV/atom in the pressure range of 13-45 GPa. P-1 and Cmmm structures feature infinite planar 1D 

armchair-shaped nitrogen chains intercalated by magnesium atoms. The structural difference of 

these two phases mainly comes from the poly-σ4 chain-stacking sequences. Therefore, we focus 

our structural and electronic analysis on the higher-symmetry Cmmm phase. Its crystal structure 

is shown in Figure γ.9a. Each σ atom of the poly(σ4)x chain is coordinated with two nearest Mg 

atoms, which are above and below the nitrogen chain plane, and each Mg atom is eight-

coordinated by nearby σ atoms forming an Mgσκ cube (Mg-σ = 2.26 Å at 15 GPa). The shortest 

interchain separations are 2.ιι Å along the c axis (π stacking interactions) and 2.ι0 Å along 

the b axis. The σ-σ separation along the chains are around 1.35 Å at 15 GPa, while the σ-σ-σ 

bond angles are roughly 112°.  

In the ionic picture, each Mg atom gives its two valence electrons to the σ4 building block; 

thus, the σ4
2- unit has 22 valence electrons, four ı bonding pairs, four in-plane lone pairs and six 

π delocalized electrons. The poly-σ4
2- chain is isotopological and isoelectronic to polythiazyl -

(S2σ2)x-, an inorganic metallic polymer. Standard application of VSEPR theory to this planar 

chain enabled rationalization of the structural and bonding properties of poly-σ4
2- chains: each 

nitrogen atom is bent (Figure γ.9b). The planarity of the whole armchair chain is the result of 

delocalization, but also of the firm ionic interactions between Mg2+ ions and poly-σ4
2- chains. 

Recall that all σ-σ bonds in σ4
2- are of nearly same length, i.e., 1.35 Å, which is longer than a 

double bond (1.25 Å) but shorter than a single bond (1.45 Å). This intermediate distance is 



90 

 

consistent with the bonding picture in which six π electrons are distributed along the -(σ4
2-)x- 

chain. 

 

 

e.  

Figure ϯ.ϵ ;aͿ CƌǇstal stƌuĐtuƌe of Cŵŵŵ MgNϰ. The laƌge oƌaŶge ĐiƌĐles ƌepƌeseŶt Mg atoŵs, ǁhile sŵall ďlue oŶes 

deŶote N atoŵs. ;ďͿ “Đheŵe illustƌatiŶg eleĐtƌoŶ tƌaŶsfeƌ fƌoŵ eleĐtƌopositiǀe Mg atoŵs to the ϭD polǇ;NϰͿǆ ĐhaiŶ 

aŶd V“EPR AXŶEŵ ŶotatioŶ ;A, ĐeŶtƌal atoŵ; X, ligaŶd aŶd Ŷ, its Ŷuŵďeƌ; E, loŶe paiƌs aŶd ŵ its Ŷuŵďeƌs; Ŷ + ŵ is 

the steƌiĐ ŶuŵďeƌͿ. ;ĐͿ MoleĐulaƌ oƌďital diagƌaŵ of the opeŶ NϰϮ- π sǇsteŵ. The ƌight side shoǁs the sĐheŵatiĐ 

ďaŶd stƌuĐtuƌe of the -;NϰϮ-Ϳǆ- ĐhaiŶ ǁithout ;leftͿ aŶd ǁith ;ƌightͿ ďaŶd oǀeƌlap. ;dͿ CalĐulated deŶsitǇ of states 

of Cŵŵŵ MgNϰ at ϭϬϬ GPa. ;eͿ ResoŶaŶt stƌuĐtuƌes.  

 

To confirm this analysis from the perspective of the simplified yet useful ZKC and Lewis 

theory, the electron localization function (ELF) was calculated. Topological analysis of ELF 

reveals the presence of two kinds of attractors (Figure γ.10). Each nitrogen atom has three valence 

basins: two disynaptic valence basins (σ-σ bonds) and one monosypnatic basin (a lone electron 

pair). This confirms the sp2-like nature of the σ-σ bonding in the Cmmm structure. To assess if 

this poly nitrogen anionic chain is metallic like polythiazyl -(S2σ2)x-, we chose to start with the 
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planar cis-σ4
2- molecular unit then built the extended armchair chain. The open cis-σ4

2- unit has 

four π molecular orbitals (1 Aτ π per nitrogen atom) and six π electrons. Two bonding π1 and π2 

and one antibonding HτMτ π3
* exist and are occupied, while the highest in energy, antibonding 

π4
*, remains vacant. The molecular orbital diagrams are displayed in Figure γ.9c. When 

converting from the molecular planar cis-σ4
2- unit to the extended poly-σ4

2- system, each π 

orbital generates a dispersive π band in the entire Brillouin zone (Γ-X line). If no band overlap 

occurs, one may expect semiconductor behavior for the -(σ4
2-)x- chain. If band overlap occurs, 

joint valence and conduction (π3
*, π4

*) bands exist; in this case, the armchair polynitrogen anionic 

chain would be a metallic conductor. 

 

 

Figure ϯ.ϭϬ The ĐalĐulated eleĐtƌoŶ loĐalizatioŶ fuŶĐtioŶ ;ELFͿ of the ;ϬϬϭͿ plaŶe of Cŵŵŵ MgNϰ at ϭϬϬ GPa. 

 

The densities of states (DτS) of Cmmm Mgσ4 were computed, shown in Figure γ.9d. This 

phase is calculated to be metallic; the bands crossing the Fermi level are π-like, i.e., joint (π3
*, 

π4
*) bands with some lone pair characteristics. σote that a Peierls distortion should occur in the -

(σ4
2-)x- chain as the Fermi level crosses π bands, though the strong ionic interactions between 

Mg2+ cations and -(σ4
2-)x- chains should prevent substantial Peierls distortion of the polymeric 

chain. As a result, the alternating σ-σ bond length differences along the covalent nitrogen chain 

are small, less than 0.01 Å. To conclude, Mgσ4 contains planar nitrogen-based -(σ4
2-)x- chains 

and is an analog of the inorganic -(S2σ2)x- polythiazyl polymer. Mgσ4 should behave as a highly 

anisotropic conductor at room temperature. The isoelectronic and isotopological polynitrogen 

chain was also discovered by Zhu et al. in the P41212 Caσ4 phase. 
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b. MgN3 

In the nitrogen-rich side of the phase diagram, the structure search also yielded the 

composition Mgσ3 with a phase transition sequence of C2/m (0 GPa, isolated σ2 dumbells) → P-

1 (I) (35 GPa, isolated σ6 rings) → P-1 (II) (156 GPa, covalent nitrogen layers). However, the 

low-pressure C2/m phase, (2Mg2+)(3σ2)4- appears as metastable, as it is above the convex hull. 

Mgσ3 presents only two thermodynamically stable phases, P-1 (I) from κ9 to 156 GPa and P-1 

(II) above 156 GPa. τur results are in agreement with Wei et al. ones who proposed a stable P-1 

(I) phase above κ0 GPa. Moreover, from a theoretical point of view, P-1 (I) phase can be 

recovered at atmospheric pressure while high-pressure P-1 (II) phase can not. 

In P-1 (I) phase, nitrogen atoms form six-membered σ6 rings as shown in Figure γ.1βa. At 

100 GPa, a chair conformation is observed with a calculated dihedral angle of 150°. When 

pressure is released to 1 atm (the Mg-σ Madelung energy and the packing forces decrease), 

covalent hexazine-σ6 anion remains intact and becomes planar with six nearly identical σ-σ 

bonds of 1.39 Å, which are slightly shorter than a single σ-σ bond (1.45 Å) but longer than a 

double one (1.25 Å). Formally, magnesium atoms transfer all of their valence electrons to σ6 rings, 

leading to σ6
4- unit. This ten π-electron 6-membered ring follows the 4n + 2 Hückel rule 

(aromatic), and it is isoelectronic to the well-known inorganic cyclic S3σ3
- and P6

4- species. A 

molecular orbital diagram of the benzene-like σ6
4- anion is displayed in Figure γ.11. Among the 

six π levels of the planar σ6 ring, the three bonding π molecular orbitals (Mτ) and the two 

degenerated antibonding π* ones are fully occupied, leading to only one π-bond delocalized over 

the six nitrogen atoms. This electronic situation explains well the structural feature encountered 

in σ6
4-, e.g., σ-σ bonds slightly stronger than usual single σ-σ bond. An energy gap separates 

the degenerate occupied π4
* and π5

* Mτ (top of the valence band) and the empty π6
* Mτ (bottom 

of the conduction band); Mgσ3 is a semiconductor (see Figure γ.1βc). 
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Figure ϯ.ϭϭ At ƌight, ŵoleĐulaƌ oƌďital leǀels of plaŶaƌ Dϲh Nϲϰ- ƌiŶg. EaĐh leǀel leads to loĐalized π ďaŶd ;ďlaĐk ďoǆes, 

oĐĐupied leǀels; eŵptǇ ďoǆes, uŶoĐĐupied leǀelsͿ. At left, eŵptǇ ϯs leǀel of MgϮ+ atoŵs ǁill lead to aŶ eŵptǇ ϯs 

ďaŶd. A ďaŶd gap sepaƌates the ǀaleŶĐe aŶd the ĐoŶduĐtioŶs ďaŶds. 

 

 

Figure ϯ.ϭϮ ;aͿ CƌǇstal stƌuĐtuƌe of P-ϭ ;IͿ MgNϯ. ;ďͿ Leǁis stƌuĐtuƌe of ĐǇĐliĐ Nϲϰ- aŶioŶ. ;ĐͿ CalĐulated deŶsitǇ of 

states foƌ P-ϭ ;IͿ MgNϯ at ϭϬϬ GPa. 
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As mentioned previously, P-1 (I) has no imaginary phonons from its range of stability down 

to P=1 atm, and presents persistent six-membered σ6
4- ring motif. If the barrier to decomposition 

to elements or others Mgxσy phases can protect P-1 (I) phase, then perhaps this original aromatic 

hexazine-σ6 dianion could be detected. 

Above 156 GPa, a novel stable phase emerges on the energy surface as a static ground-state 

structure (space group: P-1). Its crystal structure is shown in Figure γ.1γa. This high-pressure P-

1 (II) phase contains extended 2D nitrogen sheets separated by isolated magnesium atoms. The 

2D nitrogen sublattice is closely related to the orthorhombic layered black phosphorus structure 

(α-P, space group: Cmca), which is composed of condensed P6 rings in a chair conformation and 

can be derived from α-P by removing one-quarter of the phosphorus atoms. This covalent 

nitrogen sublattice is also isostructural to the network found in the isoelectronic α-SrP3 phase. 

 

 

Figure ϯ.ϭϯ ;aͿ CƌǇstal stƌuĐtuƌe of P-ϭ ;IIͿ MgNϯ. ;ďͿ Leǁis stƌuĐtuƌe of the Nϯ-ďased uŶit NϯϮ- ǁith V“EPR 

AXŶEŵ ŶotatioŶ ;A, ĐeŶtƌal atoŵ; X, ligaŶd aŶd Ŷ, its Ŷuŵďeƌ; E, loŶe paiƌs aŶd ŵ its Ŷuŵďeƌs; Ŷ + ŵ is the steƌiĐ 

ŶuŵďeƌͿ. ;ĐͿ CalĐulated deŶsitǇ of states at ϮϬϬ GPa.  

 

In Mgσ3, each nitrogen slab is based on puckered 14-membered nitrogen ring which contains 

four σ3 units with two different types of nitrogen (>σ-σ-σ-). This σ3 building block is illustrated 

in Figure γ.1γb. τne atom has a trigonal pyramidal conformation, and the others have a bent 

conformation with σ-σ separations in the range of 1.33-1.40 Å at 200 GPa (single bond 
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character). The σ-σ-σ bond angles vary from κκ to 113°, within the allowable range 

for spγ hybrid bond angles. The geometric structure of the >σ-σ-σ- unit is well explained by 

VSEPR theory if one assigns a formal charge of -1 to each two-coordinated nitrogen atom (Figure 

γ.1γb). Thus, Mgσ3 belongs to the family of Zintl phases; all of the nitrogen atoms can fulfill the 

octet rule, and all valence electrons are in localized states; therefore, P-1 Mgσ3 should be an 

insulator or a semiconductor with a band gap between the occupied bonding and nonbonding 

nitrogen-based orbitals and the vacant orbitals, i.e., the antibonding nitrogen-based levels and 

Mg(3s) levels. Based on the computed DτS, Mgσ3 is a semiconductor with a DFT band gap of 

2.2 eV at 200 GPa (Figure γ.1γc). σote that the band gap increases to 3.3 eV when a screened 

hybrid functional HSE06 is used (see Figure γ.14). 

 

 

Figure ϯ.ϭϰ CalĐulated deŶsitǇ of states ;DO“Ϳ of P-ϭ MgNϯ at ϮϬϬ GPa at H“EϬϲ hǇďƌid fuŶĐtioŶal leǀel.  

 

3.3.3 Compounds containing molecule-like covalent anionic units 

 

a. MgN2 

As shown in Figure γ.8, Mgσ2 is stable between 1ι and 94 GPa, and has two phases, with 

the transition Cmcm to P63/mcm pressure of 43 GPa. The Cmcm structure consists of σ2 dimers 

sitting in the channels of a 3D magnesium network (Figure γ.15a). At 40 GPa, the σ-σ distance 

is 1.25 Å, indicating σ-σ double bond character. According to the ZKC, Mgσ2 can be described 
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as Mg2+σ2
2-. Thus, diazenide σ2

2- has 12 valence electrons and its electronic ground-state 

configuration is 1ıg
2 2ıu

*21πu
42ıg

21πg
*2. The σ2

2- dumbbell possesses a bond order of 2 and the 

σ2
2- unit is a solid-state equivalent of molecular triplet τ2. As shown in the calculated DτS 

(Figure γ.15d), 1πg
* degeneracy is broken by the static electric field created by the surrounding 

Mg2+ ions. Therefore, a small gap is created between these two antibonding HτMτ-LUMτ 1πg
* 

levels. Cmcm Mgσ2 is a very narrow-gap semiconductor with a band gap of 0.25 eV at 40 GPa. 

 

 

Figure ϯ.ϭϱ ;a, ďͿ CƌǇstal stƌuĐtuƌes of CŵĐŵ aŶd Pϲϯ/ŵĐŵ MgNϮ. ;ĐͿ ResoŶaŶt Leǁis stƌuĐtuƌe of the plaŶaƌ 

N;NͿϯϰ- uŶit ǁith V“EPR ŶotatioŶ. ;d, eͿ CalĐulated deŶsitǇ of states foƌ the CŵĐŵ phase at ϰϬ GPa 

aŶd Pϲϯ/ŵĐŵ phase at ϭϬϬ GPa. 

 

            

(a)       (b)          (c) 

SĐheŵe ϯ.ϭ Leǁis stƌuĐtuƌes of ;aͿ NϮϮ- ;iŶ CŵĐŵ MgNϮ, aŶd CϮ MgϱNϳͿ, ;ďͿ NϮϯ- ;iŶ CϮ MgϱNϳͿ, aŶd ;ĐͿ NϮϰ- ;iŶ CŵĐa 

MgϱNϰͿ. 
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Above 43 GPa, the most stable Mgσ2 phase has P63/mcm symmetry; its structure is 

displayed in Figure γ.15b and can be thought of as being composed of isolated flat triangular 

σ(σ)3 units sitting in hexagonal prisms formed by 12 Mg atoms. Each planar σ(σ)3 moiety 

possesses D3h symmetry with σ-σ bond lengths of 1.2κ Å at 100 GPa. Based on our current 

knowledge, this three-pointed star motif is proposed here and in our recent work for the first time 

in nitrides. The metal atoms bear a +2 positive charge, whereas each polynitrogen anion has a -4 

negative charge, i.e., σ(σ)3
4-; thus, the σ(σ)3

4- unit has 24 valence electrons (Figure γ.15c) and 

is an all-nitrogen analogue that is isoelectronic to the carbonate Cτ3
2- and nitrate στ3

- anions, 

and neutral gaseous sulfur trioxide Sτ3. At 100 GPa, band gap closure appears as the pressure 

becomes higher due to increased π-π interactions between stacked σ(σ)3 units (Figure γ.15e). 

 

b. Mg2N3 

Mg2σ3 becomes thermodynamically stable between κ and 126 GPa. A C2/m → Pmmn phase 

transition occurs at 33 GPa. In the C2/m structure, we can see layering at ambient pressure as 

displayed in Figure γ.16a. Each Mg2σ slab is built from 2D hexagonal double layers of Mg atoms, 

with nitrogen atoms centering Mg6 octahedra within the layers. These slabs are isostructural to 

layered subnitride A2σ slabs (A = Ca, Sr, Ba; anti-CdCl2-type structure, space group R-3m), with 

σ2 dimers filling the voids between Mg2σ layers. Formally, C2/m Mg2σ3 can be described as 

(Mg2+)2(σ3-)(σ2
-). As expected from simple molecular orbital consideration, an elongated triple 

σ-σ bond is expected in σ2- dimer as the antibonding 1πg
* level of this 11-electron diatomic unit 

is formally singly occupied. This is what happens in C2/m Mg2σ3; a σ-σ distance of 1.1κ Å is 

computed at 1 atm, a value setting between a triple bond (1.10 Å) and a double bond (1.25 Å). 

To summarize, the C2/m structure may be viewed as an A2σ-type layered Mg2σ structure with 

intercalated σ2 dumbells. 

Let us now focus on the high-pressure Pmmn structure of Mg2σ3. Its crystal structure is 

shown in Figure γ.16b. To the best of our knowledge, this is the first binary nitride of an s-block 

element in which a bent triatomic σ3 motif is observed rather than the classical linear motif, i.e., 

azide σ3
- with 16 valence electrons. σote that this unprecedented discrete bent triatomic 



98 

 

σ3 species is also encountered in Mg5σι (Figure γ.16c). The calculated σ-σ interatomic 

distances for Pmmn Mg2σ3 at 50 GPa are 1.3ι Å with a σ-σ-σ bond angle of 122°. The 

electropositive Mg atoms can provide four electrons per formula unit, thus forming a 19 valence 

electron species σ3
4-, which is isoelectronic to molecular open-shell τ-Cl-τ. Starting from the 

well-known azide σ3
-, the three extra electrons found in σ3

4- would occupy the degenerate 

antibonding πu
* orbitals of a linear triatomic species (Figure γ.17). This situation leads to Jahn-

Teller instability. The two πu
* levels split by distortion to an angular structure due to s-p orbital 

mixing. The two a1 molecular orbitals can mix in bent σ3 (ex-πuz
* and ı*), then the πuz

* level 

(antibonding at 1κ0°) is strongly stabilized and becomes nonbonding (formally, a lone pair orbital 

localized on the central atom, see the Lewis structures in Figure γ.16d). 

 

 

Figure ϯ.ϭϲ ;a-ĐͿ CƌǇstal stƌuĐtuƌes of CϮ/ŵ aŶd PŵŵŶ MgϮNϯ, aŶd CϮ MgϱNϳ. ;dͿ Leǁis stƌuĐtuƌes of the ďeŶt ϭϵ ǀe 

Nϯϰ- aŶd ϮϬ ǀe Nϯϱ- aŶioŶs. DeloĐalized π eleĐtƌoŶs oƌ paiƌs aƌe shoǁŶ iŶ ƌed. ;e, fͿ CalĐulated deŶsitǇ of states 

foƌ PŵŵŶ MgϮNϯ at ϱϬ GPa aŶd CϮ MgϱNϳ at ϮϱϬ GPa. 

 

For an electron count of 19 valence electrons in σ3
4-, a radical species is identified; its HτMτ 

is singly occupied and π antibonding in character, as depicted in Figure γ.17. τrbital interaction 
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analysis explains why the main group, specifically polynitrogen triatomic species with 1ι to 20 

valence electrons would be bent (τ-σ-τ, 1ι ve, 134°; τ-σ-τ, 1κ ve, 11κ°; τ-S-τ, 1κ ve, 119°; 

τ-Cl-τ, 19 ve, 11ι°). This is consistent with the VSEPR theory, as the 16 ve AB2 systems have 

steric number 2, giving linear molecule geometry, while the 1ι-20 ve AB2 systems have steric 

number 3 or 4, which will give bent molecule geometry with one or two lone pairs on the central 

atom. The calculated electronic DτS also corroborates our findings (Figure γ.16e): the Fermi 

level crosses a region mainly based on nitrogen π antibonding states, i.e., the πx
* of molecule-like 

σ3
4-. Half of the πx

* band is filled. Thus Mg2σ3 is metallic. 

 

 

Figure ϯ.ϭϳ “iŵplified ĐoƌƌelatioŶ diagƌaŵ of the ŵaiŶ oƌďitals of the liŶeaƌ aŶd ďeŶt Nϯϰ- ŵoleĐulaƌ sǇsteŵ.  

 

c. Mg5N7 

This 5:ι composition is thermodynamically stable at very high pressures (above 243 GPa) 

and adopts the C2 structure (Figure γ.16c). σ2 dumbbells and bent σ3 units in the nitrogen 

sublattice are embedded in the magnesium framework. First, we focused on bonding analysis of 

the bent σ3 unit. In Mg5σι, C2v σ3 has a σ-σ distance of 1.36 Å and bond angle of 103° at 250 

GPa. σote this σ-σ bond length is larger than in Mg2σ3 (1.2κ Å at 250 GPa), indicating a bond 

order of 1. Therefore, one may assign a formal charge of -5 to the σ3 group, leading to the 20 ve 

triatomic species isoelectronic to bent closed-shell Cl-τ-Cl. This bent geometry for 
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σ3
5- conforms to the VSEPR prediction: AX2E2 deriving from a tetrahedron (Figure γ.16d). 

Molecular orbital analysis of linear and bent triatomic σ3 species revealed the antibonding πx
* 

level (HτMτ) is occupied by two electrons in σ3
5-; thus, the associated band would be filled (see 

the Walsh diagram in Figure γ.17). 

Besides bent σ3 units, two nonequivalent σ2 dumbbells are observed in Mg5σι. The shortest 

interatomic σ-σ distance is 1.25 Å at 250 GPa, indicating a double bond character, thus a formal 

charge of -2 may be attributed. The other nonequivalent σ2 dimer has an elongated bond length 

of 1.32 Å, between that of single (1.36 Å) and double (1.25 Å) bonds. Thus, one may attribute a 

formal charge of -3 to this dimer, which is isoelectronic to the superoxide τ2
- species encountered 

in the known from experiment paramagnetic Kτ2 salt (τ-τ distance of 1.2κ Å). To summarize, 

open-shell σ2
2-, σ2

3- and diamagnetic bent σ3
5- species are encountered in Mg5σι, and these 

anions are stabilized via ionic interactions with Mg2+ cations. Mg5σι may be viewed as the formal 

ionic limit formula (Mg2+)5(σ3)5-(σ2)3-(σ2)2-. As the highest occupied molecular orbital, i.e., the 

degenerate antibonding π* levels of σ2
2- and σ2

3- are partially occupied by two and three electrons, 

respectively, one may expect that Mg5σι is a metal. Indeed, this compound is metallic in character 

according to the DτS calculations (Figure γ.16f). 

 

d. Mg5N4 

This 5:4 composition is the first member of the Mg-rich family of stable high-pressure Mgxσy 

phases that is stable above 4ι GPa. In this structure (Figure γ.18), magnesium atoms lie in the 

center of a slightly compressed octahedron formed by nitrogen atoms, while isolated nitrogen 

atoms lie in a distorted pentagonal bipyramid. This structure has σ2 dumbbells, with σ-σ 

distances equal to 1.44, 1.50, and 1.63 Å at 300, 200, and 50 GPa, respectively, indicative of a 

weakened single bond in the σ2 dimer. This behavior is more easily understood when one looks 

at the valence electron concentration (VEC = ι.66). A VEC close to κ (octet rule) or higher leads 

to phases with isolated nitrogen atoms (Table γ.β). Mg5σ4 sits at the border between phases with 

covalent molecule-like species and isolated σ3- particles. To explain the bonding mode in Mg5σ4, 

this compound could be described as (Mg2+)5(σ3-)2(σ2)4-. With a charge of -4 per σ2 unit, the two 
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antibonding πg
* orbitals of σ2

4- are filled. Thus, a bond order of one is expected in σ2
4-, a 14 ve 

species isoelectronic to F2. As magnesium completely transfers its valence electrons to the 

nitrogen framework, and if the σ3- and σ2
4- units follow the octet rule, this compound is expected 

to be an insulator or a semiconductor, in perfect agreement with the DτS calculation. A gap 

separates the valence and conduction bands (Figure γ.18), in perfect agreement with ZKC. 

 

Figure ϯ.ϭϴ CƌǇstal stƌuĐtuƌes aŶd eleĐtƌoŶiĐ deŶsitǇ of states of ;aͿ CŵĐa-MgϱNϰ at ϭϬϬ GPa, ;ďͿ Pϲϯ/ŵĐŵ-MgϱNϯ 

at ϭϬϬ GPa aŶd ;ĐͿ I-ϰϯd-MgϰNϯ at ϭϬϬ GPa. 

 

3.3.4 Compounds containing only isolated nitrogen atoms 

Besides Mg3σ2, two new compounds, Mg5σ3 and Mg4σ3, feature isolated nitrogen atoms. 

They occupy cavities inside magnesium sublattice, as depicted in Scheme γ.1. These compounds 

have VEC values ranging from ι.66 to κ.33 (close to κ, octet rule), in which isolated σ3- anions 

are found. With VEC values of ι.66 and κ.33, one extra hole h+ or electron e- is expected over 

the whole structure. Thus, p- and n-type materials are predicted for the Mg4σ3 and Mg5σ3 phases, 

respectively. 

Mg5σ3 adopts a hexagonal Mn5Si3-type structure with the space group P63/mcm and is stable 

above 120 GPa. This structure consists of infinite chains of empty face-sharing Mg6-antiprisms 

and isolated atoms. The formula Mg5σ3 can be rationalized as (Mg2+)5 (σ3-)3 (1e-). With respect 

to this “extra” electron, a small half-filled band composed mostly of Mg-Mg bonding is found 

centered on the Fermi level, as shown in Scheme γ.1. Thus, Mg5σ3 has a metallic behavior. σote 
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that many Mn5Si3-type A5B3 phases well known to bind diverse atoms in the interstitial cavities 

within a chain of face-sharing trigonal antiprisms formed by A atoms. In Mg5σ3, these interstitial 

sites are empty. We predict this Mg-Mg bonding will disappear due to insertion of hydrogen or 

fluorine, as observed in Ca5Bi3H. 

Mg4σ3 crystallizes in an anti-Th3P4 type structure with the space group I-43d, and becomes 

stable near 111 GPa. In this structural arrangement, the nitrogen atoms are eight-coordinated by 

magnesium atoms, while Mg atoms are octahedrally coordinated by nitrogens. A recent study 

also suggested an isoelectronic analogue of Mg4σ3, the hypothetical Ca4σ3, adopts this complex 

structure. Such alkali earth metal nitrides can be described as Zintl phases, where magnesium 

atoms donate their two valence electrons to the nitrogen atoms to form closed-shell configurations. 

The formula of Mg4σ3 can be written using the ionic limit (Mg2+)4(σ3-)3(1h+) with 

electroneutrality being achieved by the presence of one extra hole h+, leading to a p-type 

conductor. Therefore, from this simple electron count, the σ-2p levels are not expected to be fully 

occupied; this was confirmed by analysis of the DτS plot (Figure γ.18) in which the Fermi level 

crossed the top of the σ-2p bands, reflecting the metallicity of this high-pressure I-

43d Mg4σ3phase.  

 

3.3.5 Quenchable high-pressure MgN4? A route towards HEDM 

To further confirm the stability of the polymeric chain found in high-

pressure Cmmm Mgσ4 phase after pressure release, its associated phonon spectrum was 

calculated at 1 atm. After relaxation, the extended 1D nitrogen net remained intact. Moreover, the 

absence of any imaginary modes throughout the entire 3D reciprocal space indicates 

this Cmmm poly-σ4 containing phase is dynamically stable at 1 atm and 0 K. However, its 

enthalpy is 0.191 eV/atom above the lowest metastable Mgσ4 phase at 1 atm, i.e., P2/m, which 

contains two isolated σ2 molecular units per formula unit. If the barrier of transformation 

to P2/m (or decomposition to elements or other Mgxσy compounds) can protect Cmmm, then 

perhaps it could exist at normal conditions. Therefore, to further probe the structural stability of 

the covalent armchair-shaped polynitrogen chains, ab initio molecular dynamic (AIMD) 
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simulations based on DFT were performed at different temperatures based on a 3 × 2 × 4 supercell. 

During the entire 10 ps AIMD simulations at temperatures of 300 K, 600 and 900 K, the covalent 

σ-σ bonds in poly-σ4
2- nets were not broken, and only small poly-σ4

2- chains shifts and 

Mg2+ cations displacements were observed (Figure γ.19). 

 

 

Figure ϯ.ϭϵ Radial distƌiďutioŶ fuŶĐtioŶs ;RDFͿ foƌ the N-N sepaƌatioŶs oďseƌǀed duƌiŶg AIMD siŵulatioŶs foƌ 

a Cŵŵŵ MgNϰ-ďased supeƌĐell at aŵďieŶt pƌessuƌe aŶd teŵpeƌatuƌes of ϯϬϬ, ϲϬϬ, aŶd ϵϬϬ K. The ďlaĐk aƌƌoǁ 

iŶdiĐates the aǀeƌage N-N distaŶĐe iŶ polǇ-NϰϮ-. 

 

To illustrate the findings, the closest σ-σ bond lengths fluctuate from 1.25 to1.45 Å at 900 

K, suggesting bond order ranges between 1 and 2 within the covalent poly-σ4
2- chains. The AIMD 

simulations clearly suggest that the nitrogen net in Cmmm Mgσ4 maintains integrity of the 

infinite planar 1D armchair-shaped chains from 0 K up to 900 K with robust thermal stability and 

strong kinetic trapping (at least up to 900 K). Interestingly, compared to the instability of pure 

nitrogen polymers, this analysis reveals the encapsulated polymeric anionic nitrogen chain in 

Mgσ4 can be successfully preserved at ambient conditions. 

Velocity of detonation (VτD), an important parameter used to evaluate the detonation 

properties of energetic compounds, was calculated with the Kamlet-Jacobs empirical equation. 

The energy density is 2.0κ kJ·g-1 and 2.44 kJ·g-1 for P-1 and Cmmm, respectively, assuming that 

the final products are Mg3σ2(s) and σ2(g). Thus, the detonation velocity of Cmmm Mgσ4 was 

found to be 11.5 km/s, which is comparable to the secondary explosive cyclotetramethylene 
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tetranitramine (CH2)4(σστ2)4 HMX (VτD ~ 9.1 km/s), but much higher than 2,4,6-

trinitrotoluene-TσT explosive (VτD ~ 6.9 km/s) and the primary explosive lead azide 

Pb(σ3)2 (VτD ~ 3.κ km/s). Moreover, the stabilization pressure for P-1 Mgσ4 is only 13 GPa, 

much lower than the pressure required to synthesize polymeric cg-σ2 (>100 GPa). High energy 

density, low stabilization pressure and quenchability make P-1 Mgσ4 a candidate high energy-

density material. Finally, to extend this analysis on nitrogen-rich Mgxσy-based HEDM 

compounds, we computed the energy density of all predicted Mgxσy phases (see Appendix). The 

high-pressure phase P-1 (I) Mgσ3 with covalent σ6 rings is the most promising HEDM candidate 

with an energy density of 2.κι kJ·g-1, followed by P-1 Mgσ4 (2.0κ kJ·g-1), P63/mcm Mgσ2 (1.95 

kJ·g-1) and Pmmm Mg2σ3 (1.90 kJ·g-1). 

 

3.3.6 Conclusion 

In summary, we present the first complete phase diagram for the Mg-σ system at pressures 

up to 300 GPa. High pressure may be an effective route to stable Mg nitrides with unusual 

stoichiometries and original, yet aesthetic, structures. Besides Mg3σ2, eight new compositions at 

Mg:σ ratios of 1:4, 1:3, 1:2, 2:3, 5:ι, 5:3, 4:3, and 5:4 were identified. Their structures contain 

molecule-like covalent nitrogen units, such as σ2 dumbbells, bent σ3 motifs, planar Sτ3-like 

σ(σ3) units, and benzene-like σ6 species. In addition to well-known Mg3σ2, newly predicted 

Mg5σ3 an Mg4σ3 feature isolated σ3- anions. ZKC, molecular orbital analysis and VSEPR theory 

proved useful for rationalizing the structural, bonding and electronic properties of these 

Mgxσy compounds. σotably, the dimensionality of the nitrogen network decreases as the amount 

of magnesium increases, with magnesium atoms acting as a scissor by transferring their valence 

electrons to the antibonding states of the nitrogen sublattice. More interestingly, the polymeric 

nitrogen network found in Mgσ4 is preserved from 0 K up to 900 K. This analysis reveals that 

magnesium atom plays an important role in stabilization of polymeric nitrogen networks, and that 

Mgσ3 and Mgσ4 are potential high energy-density materials. The present study contributes to 

understand the unusual crystal features and exploitable physical properties of nitrogen 

compounds under extreme conditions. 
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3.4 Barium nitrides 

In this study, we have investigated the possible formation and stability of molecular and 

polymeric nitrogen motifs in the Ba-σ binary system upon pressure. In comparison with Mg2+, 

the increase of the Ba2+ size should allow more nitrogen atoms around the cation. We have 

focused on the pressure range from 0 up to 100 GPa, as these pressures can nowadays be easily 

reached in diamond anvil cells. Structure searches for (meta)stable Ba-σ compounds were 

performed using an unbiased structure prediction method, based on the evolutionary algorithm, 

in conjunction with first principles density-functional approaches, to evaluate total energies and 

forces. We predicted, upon compression, the emergence of several (meta)stable nitrogen networks 

in different compositions, such as 3:1, 2:1, 1:1, 3:2.  

τur calculation indicated that nitrogen atoms would form, besides isolated nitride, σ2 

dumbbells, linear σ3 azides, σ4 zigzag units, pentazolate σ5 rings, 5-membered rings with 

terminal nitrogen σ6 motifs, benzene-like σ6 rings, infinite nitrogen-based chains, and nitrogen 

layers at high pressure. We rationalized the nitrogen shapes through chemical bonding analysis, 

and thus explained the electronic properties of the identified compounds. Finally, we explored 

the properties and potential applications of Ba-σ compounds as high energy-density materials. 

 

3.4.1 Phase stability of Ba-N system under pressure 

All proposed solid-state Baxσy compounds are stationary points on the potential energy 

surface, located on the Ba-σ convex hull or above. We verified that each phase meets two criteria 

of stability:  

(1). Dynamical criterion: a structure is dynamically stable, as indicated by the absence of 

imaginary frequencies, in all of the phonon dispersion curves. The corresponding stationary point 

on the PES is a local enthalpy minimum. 

(2). Thermodynamic criterion: a Baxσy compound is thermodynamically stable when its free 

energy (at T = 0 K, enthalpy) of formation, from the component elements and any other Baxσy 
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compound, is negative, i.e., they are located on the convex hull. τther metastable phases, with 

different covalent nitrogen nets, are also detected on the PES above the convex hull, but we 

selected the ones which have exothermic formation reactions (∆Hf < 0), and are close to the 

convex hull (∆Hf < 0), or experimentally synthesized.  

These latest structures are metastable in the binary Ba-σ phase diagram, but there might 

appear, experimentally for a kinetic reason, so-called, viable structures,1κ1 such as experimental 

Ba(σ3)2 azide.1κ2 The metastable structures are of great significance, and in practice can often be 

synthesized by choosing appropriate precursors and controlling conditions of the experiment 

(pressure, temperature, quench rate, etc.).   

Moreover, for selected high-pressure nitrogen-rich structures, e.g., Baσ4 and Baσ10, we 

checked their quenchability by looking at their kinetic and thermal properties. We performed ab 

initio molecular dynamics simulations up to 900 K. A crystalline structure is definitively called 

viable if there are no structural transformations of the nitrogen network, i.e., nitrogen bond 

breaking, were observed after a long simulation (10 ps), indicating the existence of a substantial 

kinetic barrier which facilitates the formation and trapping of viable, (meta)stable structures.  

Stable compounds, which form the thermodynamic convex hull (Figure γ.β0), were 

identified at selected pressures, and their stability fields were shown in the pressure-composition 

phase diagram (Figure γ.β1). It is noteworthy that our evolutionary searches successfully 

reproduced the experimentally known Ba3σ,1κ3 Ba2σ,1κ4 Baσ2
1κ5 and Baσ6

1κ2,1κ6 structures. 

However, the expected charge-balanced 3:2 composition for an alkaline earth nitride salt has not 

yet been characterized.  

Twelve stoichiometries emerged to be stable, including nine σ-rich stoichiometries, namely 

Baσ, Ba2σ3, Baσ2, Ba3σκ, Baσ4, Baσ5, Ba2σ11, Baσ6 and Baσ10, and three Ba-rich compositions, 

Ba3σ2, Ba2σ and Ba3σ, when pressure increased up to 100 GPa. Within the same pressure range, 

the binary Ae-σ stable stoichiometries have been predicted for Be,156 Mg,κ9,159 Ca,164, 

respectively. The diversity of stable stoichiometries in Ae-σ phases increases when Z(Ae) 

increases. The increase of the cation size (Be < Mg < Ca < Sr < Ba) allows more nitrogen atoms 
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around each cation center. As shown in Figure γ.β1, these Baxσy compounds undergo a series of 

phase transitions in their stability domains.  

 

Figure ϯ.ϮϬ CoŶǀeǆ hulls of the Ba-N sǇsteŵ at seleĐted pƌessuƌes. “olid sƋuaƌes deŶote staďle stƌuĐtuƌes, ǁhile 

eŵptǇ oŶes ƌepƌeseŶt ŵetastaďle stƌuĐtuƌes. The spaĐe gƌoup is iŶdiĐated foƌ eaĐh Ŷoǀel staďle stƌuĐtuƌe. 

 

 

Figure ϯ.Ϯϭ Pƌessuƌe-ĐoŵpositioŶ phase diagƌaŵ of Ba-N sǇsteŵ fƌoŵ Ϭ to ϭϬϬ GPa. The staďle phases aƌe iŶdiĐated 

ďǇ ďold liŶes, aŶd ŵetastaďle phases aƌe depiĐted ďǇ thiŶ, ƌed, dashed liŶes. The ďlue Ŷuŵďeƌs ƌepƌeseŶt the 

theƌŵodǇŶaŵiĐ staďilitǇ ƌaŶges, ǁhile ďlaĐk, italiĐ Ŷuŵďeƌs deŶote phase tƌaŶsitioŶ pƌessuƌes. 
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 According to the structural arrangement and dimensionality of the covalent nitrogen 

network, the great variety of crystal structures are classified into four different categories (see 

Tables γ.γ and γ.4): structures with (1) isolated nitrogen atoms, as found in Ba3σ, Ba2σ, and 

Ba3σ2; (2) encapsulated molecule-like covalent anionic units, such as σ2 dumbbells, linear 

triatomic σ3 units, bent σ4 finite chain, five-membered rings σ5 and σ5-σ, six-membered rings 

σ6 as found in Ba3σ2, Baσ, Baσ2, Ba2σ11, Ba5σι, Baσ5, or Baσ6 or Baσ10; (3) 1D infinite 

nitrogen chains (Baσ3, Baσ4 and Baσ5); and finally (4) 2D covalent nitrogen layers alternating 

with barium sheets (Baσ3). This structural classification can be applied to other alkaline and 

alkaline earth nitrides Axσy compounds, such as σ2 dumbbells, linear σ3 units, five-membered 

σ5 rings, cyclic σ6 rings, and 1D linear σx. 
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Taďle ϯ.ϯ “tƌuĐtuƌal ŶitƌogeŶ Ŷets iŶ staďle Baƌiuŵ-NitƌogeŶ BaǆNǇ phases. 

 

aValeŶĐe eleĐtƌoŶ ĐoŶĐeŶtƌatioŶ of BaǆNǇ is giǀeŶ iŶ ďƌakets ; VEC = ;Ϯǆ+ϱǇͿ/;ǇͿ. 

ďPƌessuƌe iŶ GPa. Pƌessuƌe ƌaŶge iŶ this ǁoƌk: [Ϭ, ϭϬϬ GPa]  

“tƌuĐtuƌe 
iŶfoƌŵatioŶ 

NitƌogeŶ Ŷetǁoƌk 

Ba:N ĐoŵpouŶds, 

VECa, spaĐe gƌoup aŶd assoĐiated pƌessuƌe 
staďilitǇ ƌaŶgeď 

Isolated ŶuĐlei  

BaϯN [ϭϭ]: Pϲϯ/ŵĐŵ, Ϭ-ϭ  

BaϮN [ϵ]: R-ϯŵ, Ϭ-ϭ; P-ϯŵϭ, ϭ-ϱϳ; Iϰ/ŵŵŵ, >ϱϳ 

BaϯNϮ [ϴ]: P-ϭ, ϱ-Ϯϱ; CϮ/Đ, >Ϯϱ 

Isolated ŶuĐlei aŶd 
NϮ duŵďells 

 

 

BaϯNϮ [ϴ]: CϮ/ŵ, Ϭ-ϱ 

BaϰNϯ [ϳ.ϳ]: Pϭ, ϲ-Ϯϯ; CϮ/ŵ, >ϲϰ 

NϮ duŵďďells  

BaN [ϳ]: PϮϭ/Đ, ϭϯ-ϰϳ; PϮϭ/ŵ , ϰϳ-ϳϬ; CϮ/ŵ, >ϳϬ 

BaϮNϯ [ϲ.ϯ]: CϮ/ŵ, ϭϰ-ϴϯ 

BaNϮ [ϲ]: CϮ/Đ, Ϭ-Ϯϰ; CϮ/ŵ, Ϯϰ-ϲϯ; PϮϭ/Đ, >ϲϯ 

BaϯNϴ [ϱ.ϴ]: Cŵŵŵ, ϲ-ϲϰ 

BaNϰ [ϱ.ϱ]: Pϲ/ŵŵŵ, ϰ-ϯϬ 

NϮ duŵďďells aŶd 
liŶeaƌ Nϯ azides 

 

 
BaϮNϭϭ [ϱ.ϰ]: P-ϭ, ϲ-ϭϰ 

FiŶite Nϰ ĐhaiŶs  BaNϮ [ϲ]: PϮϭ/Đ, >ϲϯ 

ϱ-ŵeŵďeƌed ƌiŶgs  
BaNϱ [ϱ.ϰ]: Iŵŵa, Ϯϱ-ϴϬ 

BaNϭϬ [ϱ.Ϯ]: P-ϭ, >ϭϮ 

ϭD aƌŵĐhaiƌ ĐhaiŶs 

Ϯ-ĐooƌdiŶated N 

 BaNϰ [ϱ.ϱ]: PϰϭϮϭϮ, ϯϬ-ϰϴ 
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Taďle ϯ.ϰ “tƌuĐtuƌal ŶitƌogeŶ Ŷets iŶ ŵetastaďle Baƌiuŵ-NitƌogeŶ BaǆNǇ phases. 

 aValeŶĐe eleĐtƌoŶ ĐoŶĐeŶtƌatioŶ of BaǆNǇ is giǀeŶ iŶ ďƌakets ; VEC = ;Ϯǆ+ϱǇͿ/;ǇͿ. 

 ďPƌessuƌe iŶ GPa. Pƌessuƌe ƌaŶge iŶ this ǁoƌk: [Ϭ, ϭϬϬ GPa]  

 

The electronic and geometric structures of the Baxσy phases were examined to understand 

their chemical bonding better. Throughout this article, electron transfer is considered to occur 

from electropositive barium atoms into the polynitrogen sublattice. Thus a σy network bears 2x 

valence electrons (ve) per formula unit. σevertheless, under pressure, the 6s orbital, as well as 

low-lying 5d levels of barium, may notably participate in bonding crystal orbitals, therefore a 

deep understanding of the Baxσy electronic properties is required by a careful analysis of their 

computed DτS, CτHP, ELF plots, charge density, and Bader charges, as well as through a 

molecular orbital approach.  

“tƌuĐtuƌe iŶfoƌŵatioŶ NitƌogeŶ Ŷetǁoƌk 

Ba:N ĐoŵpouŶds 

VECa, spaĐe gƌoup aŶd assoĐiated 
pƌessuƌe staďilitǇ ƌaŶgeď 

Isolated ŶuĐlei aŶd NϮ 
duŵďells 

 

 
BaϰNϯ [ϳ.ϳ]: Pϭ, ϲ-Ϯϯ; CϮ/ŵ, >ϲϰ 

ϱ-ŵeŵďeƌed ƌiŶg ǁith 
teƌŵiŶal N 

 BaNϲ [ϱ.ϯ]: P-ϭ;IͿ, >Ϯϭ 

ϲ-ŵeŵďeƌed ƌiŶg  BaNϲ [ϱ.ϯ]: P-ϭ;IIͿ 

ϭD aƌŵĐhaiƌ ĐhaiŶs 

Ϯ-ĐooƌdiŶated N 

 BaNϯ [ϱ.ϳ]: CϮ/Đ, >ϱϲ 

ϭ D iŶfiŶite tǁist ĐhaiŶs 

Ϯ-ĐooƌdiŶated N 

 BaNϱ [ϱ.ϰ]: Pϭ       

ϮD ŶitƌogeŶ Ŷetǁoƌk 

 

BaNϲ [ϱ.ϯ]: CϮ/ŵ 
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As a first guide, a useful parameter to rationalize the structural properties is the valence 

electron concentration (VEC) defined for Baxσy compounds as VEC = (2x+5y)/y. For VEC = κ, 

the octet rule is verified for each nitrogen, i.e., σ3-, as in the charge-balanced Ae3σ2 compound. 

Thus, in barium-rich phases, in which VEC > κ, the σ ions remain isolated. In nitrogen-rich 

phases (VEC < κ), the nitrogen anions can be viewed as nuclei with unpaired electrons. Therefore, 

nitrogen-nitrogen bonds are expected to fulfill the octet; molecular or extended covalent nitrogen 

networks are encountered. This is what we see and detail after that. σevertheless, remember that 

the formal charge distribution does not reflect the real charge transfer.  

We recall that the lengths of σ-σ bonds are roughly 1.10 Å for the triple bond, 1.25 Å for 

the double bond and 1.45 Å for the single bond at ambient conditions. For calibration, the σ-σ 

single bond distance in three-dimensional covalent high-pressure cg-σ (I213) phase is 1.3ι, and 

1.34 Å at 50 and 100 GPa. These values help us to guide assignment of nitrogen-nitrogen bonds 

with the help of Lewis rules to rationalize the local structural environments in nitrogen motifs 

using VSEPR theory. 

 

3.4.2 Ba-rich electrides: Ba3N and Ba2N 

Two stable Ba-rich compositions are proposed at ambient pressure, namely, Ba3σ and Ba2σ, 

but only Ba2σ is thermodynamically stable (see Figure γ.β1) up to 100 GPa. τne of their common 

features is the presence of isolated nitrogen nuclei trapped inside barium sublattice cavities, as 

depicted in Figure γ.ββ. Ba3σ and Ba2σ have VEC values of 11 and 9, respectively, higher than 

that of κ (octet rule). Therefore, extra electron e- is expected over the whole structure.  

 

a. Ba3N 

At 1 atm, the anti-TlI3-type structure (space group P63/mcm) is the most stable, enthalpically, 

which is in good agreement with the experimental findings.1κ3 The calculated lattice constants 

are consistent with the experimental data (See Table γ.5). Ba and σ atoms arrange themselves in 

an infinite chain of faced sharing barium octahedra, centered with nitrogen atoms, as shown in 
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Figure γ.ββ. P63/mcm structure presents a hexagonal close packing of [Ba6/2σ] chains. Within 

the chains, the calculated Ba-σ distance is 2.ι5 Å, which is slightly lower than the sum of the 

ionic radii of 2.9 (Ba2+ σ3-).1κι The closest σ-σ separation is 3.55 Å. Such distances are explained 

by assuming strong ionic interactions within the chain according to [(Ba2+)3(σ3-)]3+. This electron 

repartition leaves an excess of 3 electrons for metallic bonding between the chains; or for ionic 

interstitial electrons with (Ba3σ)3+ chain interactions. The latter bonding mode explains the long 

inter-chain Ba-Ba separations of 4.9-5.0 Å, to be compared with a calculated Ba-Ba distance of 

4.3 Å in Ba bcc metal. An ELF analysis in Figure γ.βγ confirms the existence of interstitial 

electrons.  

;aͿ  ;ďͿ  

      Figure ϯ.ϮϮ CƌǇstal stƌuĐtuƌe of ;aͿ BaϯN Pϲϯ/ŵĐŵ aŶd ;ďͿ BaϮN R-ϯŵ at Ϭ GPa. 

 

To summarize, the cationic (Ba3σ)3+ chains/rods interact with interstitial electrons localized 

in the one-dimensional void of P63/mcm structure. Also, Ba3σ is a 1D electride at 1 atm. Above 

1 GPa, Ba3σ is unstable, concerning disproportionation to Ba + Ba2σ.  

 

Taďle ϯ.ϱ CƌǇstal stƌuĐtuƌes of Pϲϯ/ŵĐŵ BaϯN phases. 

Pϲϯ/mcm BaϯN  LattiĐe paraŵeters 

EǆpeƌiŵeŶtal 
aŵďieŶt ĐoŶditioŶϭϴϯ 

a=ϳ.ϲϰϮ, ď=ϳ.ϲϰϮ, Đ=ϳ.ϬϱϬ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 

PƌeseŶt ǁoƌk 

Ϭ GPa / Ϭ K 

a=ϳ.ϳϮϴ, ď=ϳ.ϳϮϴ, Đ=ϳ.Ϭϵϲ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 
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;aͿ   ;ďͿ  

Figure ϯ.Ϯϯ Pϲϯ/ŵĐŵ BaϯN stƌuĐtuƌe at ϭ atŵ; ;aͿ IsosuƌfaĐe of ELF ǁith the ǀalue of Ϭ.ϲ. FaĐed shaƌiŶg Baϲ 

oĐtahedƌa ĐeŶteƌed ǁith N atoŵs aƌe eŶlighteŶed. ;ďͿ ELF ĐoŶtouƌs iŶ the ;ϬϬϭͿ plaŶe; heǆagoŶal Đlose-paĐked 

[Baϲ/ϮN] ĐhaiŶs aƌe shoǁŶ. BoŶds ďetǁeeŶ Ba ;laƌge gƌeeŶͿ aŶd N ;sŵall gƌeǇͿ aƌe outliŶed. 

 

b. Ba2N 

τur structure search correctly identifies the experimental R-3m structure as the global 

minimum at 1 atm.1κ4 At 1 GPa, a new phase of P-3m1 symmetry becomes the most stable phase. 

The calculated transition pressure is in perfect agreement with the experimental value of 2 GPa.1κκ 

P-3m1 phase remains the minimum enthalpy structure up to 5ι GPa, where another phase of 

I4/mmm symmetry emerges as the ground-state (see Figure γ.β1).  

Atmospheric R-3m Ba2σ has an anti-CdCl2-type structure. The hexagonal layered unit is 

composed of Ba6/3 edge-sharing octahedra centered by a nitrogen atom, with a Ba-σ distance of 

2.ι9 Å typical of ionic bonding. In this phase nitrogen exists as σ3-: the closest σ-σ separation 

is 4.06 Å, much longer than a 1.45 Å σ-σ bond length, as in H2σ-σH2 hydrazine.1κ9 Thus, each 

Ba2σ unit can be regarded as a positively charged ionic slab, [(Ba2+)2(σ3-)]+. These cationic 

[Ba2σ]+ layers are separated by a vacuum of 4.60 Å, and stacked in an ABC fashion along the 

[001] direction, as shown in Figure γ.ββ. To balance the cationic charge of [Ba2σ]+ layer, the 

interlayer spacing should work as a confinement space of the extra electrons, resulting in a 

[Ba2σ]+ plus e- configuration. This assumption is in work in isoelectronic and isostructural 

Ca2σ.190 Figure γ.β4a and Figure γ.β5a display the ELF profile and the DτS of R-3m Ba2σ, 

which illustrate the unshared electron interaction between interstitial electrons X- ( X is a void), 

and Ba2σ+ layers and reflect ionic bonding property.  



114 

 

Looking at its DτS in Figure γ.β5a, Ba2σ is a metal. The broad density of states peak around 

EF is mainly composed of a non-atom centered orbital located at X (voids) with small 

contributions from Ba and σ, as shown in the total and projected DτS displayed in Figure γ.β5a. 

The integrated electron density of the conduction band from -2 eV to 0 eV is equal to 0.45 e/f.u. 

This result is consistent with the chemical view of the [(Ba2+)2(σ3-)]+e- electride.  

To summarize, R-3m dibarium nitride crystal may be view as cationic Ba2σ+ layer alternating 

with confined anionic electrons, the signature of a two-dimensional conducting electride.   

 

;aͿ  ;ďͿ   ;ĐͿ  

Figure ϯ.Ϯϰ CƌǇstal stƌuĐtuƌes of BaϮN, assoĐiated ELF ĐoŶtouƌs ;IsosuƌfaĐe ǀalue = Ϭ.ϴͿ. ;aͿ R-ϯŵ phase at Ϭ GPa; ;ďͿ 

P-ϯŵϭ phase at ϭϬ GPa; ;ĐͿ Iϰ/ŵŵŵ phase at ϭϬϬ GPa.   

 

A R-3m → P-3m1 phase transition occurs at 1 GPa. This anti-CdI2-type structure is computed 

to be the most stable phase up to 5ι GPa. The P-3m1 Ba2σ crystal structure is closely related to 

that of the atmospheric phase. It presents an /AA/ stacking of Ba2σ layers based on of Ba6/3 edge-

sharing octahedra centered by a nitrogen atom. At 10 GPa, The Ba-σ distance is 2.62 Å, reflecting 

an ionic bonding character, while the interlayer Ba-Ba separation is computed at 3.5ι Å, analog 

that in Baτ (Ba2+-Ba2+=3.κ3 Å at 10 GPa). P-3m1 Ba2σ maintains the 2D electride property; see 

its ELF plot in Figure γ.β4b. 
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Above 5ι GPa, a tetragonal phase becomes the ground-state structure (space group I4/mmm, 

MoSi2-type), in which the coordination number of nitrogen increases from six to eight. Ba2σ 

structure presents a bcc-substructure character as displayed in Figure γ.β4c. Alternatively, this 

phase may be described as AB-staked Ba2σ layers, made of fused distorted Baκ/4 cubes, centered 

by σ atoms. In a distorted σBaκ cube, Ba-Ba is 2.ι2 Å, and 3.00 Å and Ba-σ are 2.52 Å at 100 

GPa. The interspacing slab is computed at 2.94 Å. As displayed in Figure γ.β4c, no localized 

electrons are seated in the void layer. Moreover, a s → d transition has been identified in I4/mmm 

Ba2σ by a DτS analysis, a well-characterized feature in solid alkaline and earth alkaline metals 

under high pressure. A metallic bond character is present in high-pressure I4/mmm Ba2σ.  

To summarize, the 2D electride property of Ba2σ is not maintained in high-pressure metallic 

I4/mmm phase, although its Ca2σ analog has been claimed to be a 2D electride from 0 to 100 

GPa with a predicted R-3m → Fm-3m → I4/mmm sequence.164  

 

;aͿ  ;ďͿ  ;ĐͿ  

Figure ϯ.Ϯϱ Total aŶd pƌojeĐted DO“ of BaϮN phases. ;aͿ R-ϯŵ phase at Ϭ GPa; ;ďͿ P-ϯŵϭ phase at ϭϬ GPa; ;ĐͿ 

Iϰ/ŵŵŵ phase at ϭϬϬ GPa.   
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3.4.3 A pressure-induced conducting electride-insulator transition in Ba3N2 

Ba3σ2 is an apparently “charge-balanced” compound with unexpected properties, however, 

there is no evidence to date for experimental 3:2 composition in the barium-nitrogen binary phase 

diagram. τur theoretical investigation shows that the Ba3σ2 compound is thermodynamically 

stable from ambient pressure to 100 GPa. This finding invites experimentalists to quest for this 

3:2 composition, which is experimentally known in isoelectronic Ae3σ2 (Ae=Be, Mg, 

Ca).κ9,159,164 According to our calculations, C2/m Ba3σ2 is the lowest structure between 0 to 4.3 

GPa. Above 4.3 GPa, a P-1 high-pressure phase becomes lower in enthalpy than C2/m, easily 

accessible in today’s high-pressure experimental setups. P-1 remains thermodynamically stable 

up to 25.2 GPa when C2/c comes into existence (see Figure γ.β6).  

 

 

Figure ϯ.Ϯϲ The ĐalĐulated eŶthalpǇ diffeƌeŶĐes of ǀaƌious BaϯNϮ stƌuĐtuƌes ƌelatiǀe to the CϮ/Đ stƌuĐtuƌe as a 

fuŶĐtioŶ of pƌessuƌe. 

 

Remarkably, the atmospheric C2/m phase contains encapsulated σ2 dumbbells and isolated 

σ in distorted Ba6 octahedral sites, as shown in Figure γ.β7, while the experimentally known 

Ae3σ2 phases present only σ3- anions surrounded by six metals. The C2/m structure presents 

stacked hexagonal layers of Ba3σ2, which are separated by an interlayer region of 3.κ5 Å. Within 

the Ba3σ2 slab, the shortest Ba-Ba separations are computed at 3.ι1-3.99 Å, to be compared with 

the Ba-Ba nearest neighbor distances of 3.92 Å in ionic solid Baτ.191 Thus, Ba3σ2 can be 
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regarded as to contain divalent barium, (Ba2+)6(2σ, σ2)6-. The Ba-σ separations are 2.6ι-2.91 Å 

and 2.51-2.κ4 Å for σBa6 and σ2Ba6, respectively. Encapsulated nitrogen ions are σ3- nitrides 

stabilized by Ba2+ cations through ionic bonds.  

 

 

Figure ϯ.Ϯϳ CalĐulated stƌuĐtuƌes of BaϯNϮ. ;aͿ CϮ/ŵ BaϯNϮ at ϭ atŵ ;ďͿ lookiŶg at BaϯNϮ slaď ďased oŶ tǁo heǆagoŶal 

Ba ŵoŶolaǇeƌs ǁith ;ĐͿ eŶĐapsulated NϮ uŶits aŶd N atoŵs iŶ oĐtahedƌal sites. 

 

Figure ϯ.Ϯϴ “ĐheŵatiĐ ŵoleĐulaƌ oƌďital diagƌaŵ of NϮϰ-. The solid aŶd dashed liŶes iŶdiĐate the pƌiŵaƌǇ aŶd 

seĐoŶdaƌǇ paƌeŶtage of the oƌďitals, ƌespeĐtiǀelǇ ;Ϯs-Ϯpz ŵiǆiŶgͿ. OŶlǇ the ǀaleŶĐe oƌďitals aƌe shoǁŶ.  
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         Figure ϯ.Ϯϵ ;aͿ Total aŶd pƌojeĐted DO“, aŶd ;ďͿ -COHP of CϮ/ŵ BaϯNϮ at Ϭ GPa. 

 

What about the charge of diatomic σ2? The crystallographic independent σ2 unit presents an 

σ-σ bond length of 1.35 Å. This distance is close to those in experimentally reported diazenide 

Baσ2, having a distance of 1.24 Å (1.25 Å in HHσ=σH), and to pernitride [σ2]4- ions, with σ-σ 

bond lengths of about 1.40 Å (1.45 Å in hydrazine H2σ-σH2).1κ5 A CτHP analysis for the σ2 unit 

allows us to assign a formal charge of -4 per σ2 (see Figure γ.β8 and Figure γ.β9); the filling of 

the two antibonding π* orbitals of σ2 is computed at 100%, resembling an expected value of 100% 

for pernitride.  

 

 

                  Figure ϯ.ϯϬ Total aŶd pƌojeĐted DO“ of CϮ/ŵ BaϯNϮ at Ϭ GPa 
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The shortened single bond observed in [σ2]4- is due to a nitrogen 2p orbital and barium 5d 

orbital overlap, as displayed in Figure γ.γ0. Less than 4 electrons are transferred from barium to 

nitrogen. Therefore, the following formulation is proposed for atmospheric stable C2/m Ba3σ2 

phase, namely (Ba2+)6(σ2
4-)(σ3-)2(2e-), an electron-rich structure. To trace these “free” electrons 

in layered Ba3σ2 structure, we computed the partial electron charge density of this phase, and 

looked for high values the plots displayed in Figure γ.γ1.  

The contour map of the partial electron density, just below the Fermi level, is very 

informative; we can see electron density maxima in the interlayer space, located between the 

cationic (Ba3σ2)+ slabs. Within -2 and -1 eV energy range, the electrons are localized at the 

isolated nitrogen. High electron density is found in the interstitial regions and σ2 units in the 

energy window of -0.5 eV, up to Fermi level, a typical signature of an electride.  

Combining the DτS and partial charge density analysis, we conclude that Ba3σ2 is a 

conducting 2D electride. Here, non-atom-centered electrons act as intercalated anions, holding 

the cationic Ba3σ2 layers together through coulomb attraction. Unexpectedly, at ambient pressure, 

Ba3σ2 belongs to the layered subnitride family, such as Ba2σ, and not to the charge-balanced 

Zintl Ae3σ2 compounds (Ae=Be, Mg, Ca).  

 

 

Figure ϯ.ϯϭ ;aͿ The paƌtial Đhaƌge deŶsitǇ ŵaps foƌ the ;ϬϭϬͿ plaŶe of CϮ/ŵ BaϯNϮ ĐalĐulated usiŶg the eŶeƌgǇ ƌaŶges 

of -Ϯ.Ϭ eV ч E ч -ϭ.Ϭ eV ;ďͿ aŶd -Ϭ.ϱ eV ч E ч Ϭ.Ϭ eV. The Feƌŵi leǀel is loĐated at E = Ϭ.Ϭ eV.   

 

Finally, we hypothesized that a layer of [Ba3σ2]+(e-) could be separated from the bulk 

material. τur DFT calculations predict an exfoliation energy of 125 meV/atom for Ba3σ2, to be 
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compared with 264 meV/atom for [Ca2σ]+(e-).192 σevertheless, a more profound theoretical 

investigation is on-going to conclude on the stability of this proposed, two-dimensional, electride 

Ba3σ2 material, and to evaluate its electronic properties and superconductivity. 

Above 5.5 GPa, a P-1 polymorph appears as the lowest structure, and is thermodynamically 

stable. This phase features isolated nitrogen nuclei which occupy cavities inside barium sublattice, 

as depicted in Figure γ.γβa. σ atoms have 5 nearest Ba2+ neighbors located at a distance lower 

than 2.ι6 Å, while Ba is 3- and 4-coordinated to nitrogen.  

Interestingly, Ba cages present empty sites in the P-1 structure, and 1D tunnels are formed, 

running along (100) direction. High ELF values correspond to well-localized electrons, and are 

found around the region of nitrogens, here σ3- nitride ions. Zintl phases, such as (Ba2+)3(σ3-)2, 

would be expected to be semiconducting or insulator. As PBE functional is known to 

underestimate band gaps, we employed the HSE06 calculation, which indicated a band gap of 1.κ 

eV between the valence and conduction band. This C2/m → P-1 phase transition establishes a 

novel example of the pressure-induced metallic 2D electride-insulating/semiconducting 

transition. 

 

;aͿ ;ďͿ      

Figure ϯ.ϯϮ CalĐulated stƌuĐtuƌes of BaϯNϮ. ;aͿ P-ϭ BaϯNϮ at ϭϬ GPa, ;ďͿ CϮ/Đ BaϯNϮ at ϱϬ GPa. 

 

The ultimate high-pressure phase, found for Ba3σ2, adopts a C2/c structure (Z=4) above 25 

GPa (Figure γ.γβb). In the C2/c layered structure, each slab consists of two condensed layers of 

face-sharing σBaκ polyhedra. A separation of 2.24 Å is calculated between two stacked Ba3σ2 

slabs (shortest Ba-Ba distances of ~3.06 Å). The C2/c Ba3σ2 undergoes pressure-induced band 
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gap closure around 40 GPa. When pressure increases, the Ba 5d bands broaden and mix with Ba 

6s bands, comparable to the observed s→d transition in elemental alkaline earth metals.193 These 

Ba s-d hybridized states overlap with occupied σ 2p states of isolated σ3- anions enabling the 

conductivity of C2/c Ba3σ2 at high pressure, nevertheless, the weak density of states at the Fermi 

level. To summarize, we predict that the Ba3σ2 compound goes from:  

Conducting electride → Insulator/Semiconductor → Metal 

in the 0-25 GPa range, an interesting feature for experimentalists.  

 

3.4.4 Molecular-like units and extended nets in nitrogen-rich BaxNy 

compounds 

a. BaN  

Above 13 GPa and up to 100 GPa, the 1:1 stoichiometry is computed to be a stable system 

thermodynamically (see Figure γ.β1). As the pressure rises, phase transitions appear P-1 

(metastable)  P21/c  P21/m  C2/m. In Baσ, each σ is formally σ2-, leaving one unpaired 

electron, thus capable of forming one bond. This structural requirement is observed in all stable 

phases; their respective structures contain encapsulated σ2 dumbbells with a σ-σ separation of 

1.41 Å (P21/c, 10 GPa), 1.41 Å (P21/m, 50 GPa) and 1.3κ Å (C2/m, 100 GPa). These values 

indicate an σ-σ single bond character, as expected for a 14-ve diatomic A2. σ2
4- dumbbell is a 

solid-state equivalent of molecular F2, with fully occupied πg
* levels (See Molecular orbital 

diagram in Figure γ.β8). All atoms are obeying the octet rule in (Ba2+)2(σ2
4-), these Zintl phases 

would be expected to be semiconducting. However, except for P21/c phase at 10 Gpa, the 

calculated DτS in shows that ZKC does not work in this case.  

A close inspection of the DτS shows that 6s/5d Ba orbitals have a significant contribution 

to the occupied nitrogen levels, the signature of a partial covalent Ba-σ character in Baσ. A back-

donation is in work, from the occupied σ2 π* levels to the empty Ba ones, and this explains the 

metallic character of Baσ. This finding illustrates the limitation of the Zintl rule in Ba-σ system 

under pressure; not all valence electrons of electropositive alkaline earth metal are localized in 
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nitrogen networks, but may participate in covalent cation-anion bonds, and metallic cation-cation 

ones, as found in metallic CaSi194 or K5Sb3
195. We will see that such Zintl violation is a consistent 

feature of the behavior of several Ba/σ phases under pressure.    

 

;aͿ   ;ďͿ  ;ĐͿ  

Figure ϯ.ϯϯ BaN stƌuĐtuƌes aŶd assoĐiated total aŶd pƌojeĐted DO“. ;aͿ PϮϭ/Đ at Ϭ GPa ;ďͿ PϮϭ/ŵ at ϱϬ GPa ;ĐͿ CϮ/ŵ 

at ϭϬϬ GPa. 

 

b. Ba2N3  

From 14 to κ3 GPa, the C2/m phase is the thermodynamic ground state phase. Its structure 

is displayed in Figure γ.γ4a, and can be thought of as being composed of isolated σ2 units 

embedded in the barium framework. Two non-equivalent σ2 dumbbells are observed in Ba2σ3. 

At 50 GPa, the shortest interatomic σ-σ distance is 1.25 Å, indicating a double bond character. 

Thus a formal charge of -2 may be attributed. The other non-equivalent σ2 dimer has σ-σ 

separation of 1.34 Å, between that of single (1.41 Å) and double (1.25 Å) bonds. Thus, one may 

attribute a formal charge of -3 to this dimer, which is isoelectronic to the superoxide τ2
- species 

encountered in the experimental paramagnetic Kτ2 salt (τ-τ distance of 1.2κ Å). To explain the 

bonding mode in Ba2σ3, this compound could be assigned as (Ba2+)4(σ2
2-)(σ2

3-)2. With a charge 

of -2/-3 per σ2 unit, the two antibonding πg
* orbitals of σ2

2-/3- are partially filled (Figure γ.γ4b). 

Thus, a bond order of 2 is expected in σ2
2- and of 1.5 in σ2

3-, which correlates well with the 
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structural properties of σ2 units. In addition, the Ba2σ3 compound is a metal in the 0-100 GPa 

range. 

 

                  Figure ϯ.ϯϰ ;aͿ CϮ/ŵ BaϮNϯ stƌuĐtuƌe at ϱϬ GPa, ;ďͿ the pDO“. 

 

c. BaN2 

The 1:2 stoichiometry is stable over the whole pressure range. This 1:2 composition presents 

a phase sequence of C2/c (24 GPa)  C2/m (63GPa)  P21/c. The C2/c and C2/m structures 

consist of σ2 dimers sitting in the four-fold channels of a 3D barium network (Figure γ.γ5). Up 

to 63 GPa, the shortest σ-σ separation is lower than 1.24 Å, indicating σ-σ double bond character. 

According to the Zintl-Klemm concept, Baσ2 can be described as Ba2+σ2
2-, and contains 12-

electron σ2 dimers isovalent to paramagnetic τ2. The calculated DτS also corroborates our 

findings (Figure γ.γ5): the Fermi level crosses a region mainly based on nitrogen π antibonding 

states, i.e., the πx
* of σ2

2-. Half of the πx
* band is filled. Up to 63 GPa, C2/c and C2/m Baσ2 are 

metallic.  

Above 63 GPa, the stoichiometry of Baσ2 stabilizes into the P21/c structure, shown in Figure 

γ.γ5c. There are planar zigzag σ4 units (with two outer σ-σ distances of 1.30 Å, and a central 

one of 1.32 Å at 100 GPa) along the a direction and contained in the bc plane. These finite chains 

are separated by isolated Ba2+ atoms. Following ZKC, one may assign a formal charge of -4 to 

the σ4 group, leading to the 24 ve tetra-atomic species isoelectronic to solid-state Bi4
4- unit in 

CaBi2.196 Molecular orbital analysis of zigzag σ4 species revealed that a substantial energy gap 

separates the bonding πx
* level (HτMτ) and antibonding πx

* level (LUMτ), thus one may expect 
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that P21/c Baσ2 is a semiconductor. τur assumption is verified at ambient pressure (band gap of 

0.ι eV) and up to ~20 GPa, but metallic above. When pressure rises, the involvement of the Ba 

6d states in the Ba-σ bonding interaction is observed, a d(Ba) - p(σ) bands mixing occurs around 

the Fermi level (see Figure γ.γ5f).  

In Baσ2, a pressure-induced cross-linking of σ2 may be evocated: two open-shell σ2
2- bond 

to give a closed-shell σ4
4- unit. σote that P21/c Baσ2 is quenchable to ambient pressure. 

 

 

 (a)     (b)     (c) 

 

(d)     (e)     (f) 

Figure ϯ.ϯϱ BaNϮ phases: ;a,dͿ CϮ/Đ at Ϭ GPa aŶd DO“, ;ď,eͿ CϮ/ŵ at ϱϬ GPa aŶd DO“, ;Đ,fͿ PϮϭ/Đ at ϭϬϬ GPa aŶd 

DO“. 
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d. Ba3N8 

τur evolutionary searches uncovered σ-rich Mg3σκ stoichiometry as a thermodynamic 

ground state at a pressure as low as 6 GPa, easily achievable in high-pressure synthesis. This 

phase is stable thermodynamically from 6 to 64 GPa (Cmmm space group, Z=2). This aesthetic 

structure may be viewed as follows: a hexagonal layer of barium atoms (4 Ba/unit cell), a σ2 

dumbbell seating in the hole of each Ba6 hexagon (2 σ2/unit cell), one Ba filling the sixfold 

channel perpendicular to 2D Ba layers (2 Ba/unit cell), and 6 σ2 surrounding each isolated Ba (6 

σ2/unit cell). σσ distance is 1.22 (σ2 in ab plane) and 1.16 (σ2 along 100 direction). Thus, a 

formal electron attribution leads to a layer of [Ba2(σ2)]2+ and two Ba and six neutral σ2.  

 

  

Figure ϯ.ϯϲ Cŵŵŵ BaϯNϴ phase at ϱϬ GPa. Laƌge spheƌes aƌe ďaƌiuŵ atoŵs, aŶd sŵall spheƌes aƌe ŶitƌogeŶ 

atoŵs. GƌeeŶ aŶd ďlue spheƌes lie iŶ the aď plaŶes, ǁhile NϮ uŶits ;iŶ ďƌoǁŶͿ aƌe aloŶg Đ diƌeĐtioŶ. GƌeeŶ 

ĐoŶtaĐts aƌe dƌaǁŶ as aŶ eǇe-guide. 

 

e. BaN4 

Baσ4 is thermodynamically stable above 4 GPa, and exhibits three phase transitions up to 

100 GPa, the first phase occurring at 4 GPa (P6/mmm), the second one at 30 GPa (P41212), and 

the last at 4κ GPa (C2/c). The stable P6/mmm structure contains σ2 dumbbells in prismatic sites 

of hexagonal barium network. At 10 GPa, Ba-Ba separations are longer than 4.1 Å, and the 

shortest Ba-σ contact is at 2.91 Å, typical of ionic bonds. Thus, σ2 dimer has formally a minus 

charge, (Ba2+)(σ2
-)2. From this assumption, the σ2

- Mτ diagram presents a singly occupied 

antibonding πg
*. Therefore an elongation of the σ-σ bond is expected in respect to neutral σ2.  
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This is what we observed; at 10 GPa, σσ separation of 1.1ι4 Å in P6/mmm and 1.10κ Å in 

neutral σ2. σ2
- is a radical such as its isovalent nitric oxide στ. τur assumption is validated by 

the computed electrical conducting property of P6/mmm Baσ4; it is a metal (See Figure γ.γ7).   

 

 

              Figure ϯ.ϯϳ ;aͿ CƌǇstal stƌuĐtuƌe of Pϲ/ŵŵŵ BaNϰ, aŶd ;ďͿ its DO“. 

 

At 30 GPa, a phase transition occurs. P41212 becomes the lowest structure in the 30-4κ 

pressure range. Its structure features infinite planar 1D armchair-shaped nitrogen chains, 

intercalated by barium atoms. Such polymeric chains have been recently proposed in Caσ4,164 

Mgσ4,κ9 at high pressure. The σ-σ bond lengths, along the nitrogen chain, are around 1.33 Å, 

which is greater than a double bond (1.25 Å), but shorter than a single bond. This intermediate 

distance is consistent with the bonding picture, in which six π electrons are distributed along the 

polymeric -(σ4
2-)x- chain, (see the discussion in the previous section on Cmmm Mgσ4 structure). 

Standard application of the VSEPR theory to this planar chain enabled rationalization of the 

structural and bonding properties of poly-σ4
2- chains: each nitrogen atom is bent. The planarity 

of the whole armchair chain is the result of delocalization, but also of the strong ionic interactions 

between Ba2+ ions and poly-σ4
2- chains. The densities of states (DτS) of P41212 Baσ4 were 

computed and indicated a metallic character. 

 A C2/c phase shows up above 4κ GPa, and also presents one-dimensional nitrogen chains 

running in Ba channels. Each chain is non-planar and may be viewed as two linked non-planar 
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cis-bent σ4 units with a torsional angle of 2κ.3° at 100 GPa (See Figure γ.γ8). Along the chain, 

the σσ bond lengths are between a double and a single bond (1.2κ-1.3ι Å), and the valence 

angles are 106.2°-111.2°, typical for bent nitrogen (See Figure γ.γ8c). A small band gap is 

calculated using HSE06 method which indicates a semiconductor property. 

 

 

;aͿ                 ;ďͿ                ;ĐͿ 

Figure ϯ.ϯϴ CϮ/Đ BaNϰ stƌuĐtuƌe at ϭϬϬ GPa. ;aͿ ǀieǁ of the iŶfiŶite ŶitƌogeŶ ĐhaiŶ iŶ Ba ĐhaŶŶels, ;ďͿ seleĐted 

stƌuĐtuƌal paƌaŵeteƌs aŶd ;ĐͿ Leǁis stƌuĐtuƌe of polǇ-Nϰϰ- ĐhaiŶ ;distaŶĐes iŶ Å, aŶgles iŶ °; V“EPR AXŶEŶ ŶotatioŶͿ.  

 

f. BaN5 

The stability range of Baσ5 is 25-κ0 GPa (space group Imma). Its structure is displayed in 

Figure γ.γ9. This phase is built from hcp Ba layers, in between which there are five-membered 

σ5 rings. Such pentazole rings have been predicted in alkaline and alkaline earth metals Mσ5 

(M=Ca,164 Li,151 Cs,145 σa,152 etc), but have also been observed recently in an experimentally 

high-pressure phase, Csσ5.144 At 50 GPa, σ-σ distances are ranging from 1.30 Å to 1.35 Å in 

planar pentazolate unit, signalling a delocalized system. The averaged σ-σ bond length in 

pentazolate σ5
- is 1.301 Å in Liσ5 (40 GPa), 1.30 Å in σaσ5 (20 GPa), 1.32κ Å in Csσ5 (1 atm), 

1.329 Å in the gas phase. Therefore, it is tempting to assign a formal charge of one minus per σ5 

ring. This σ5
- ring, isoelectronic to C5H5

- cyclopentadienyl, has delocalized 6 electrons, and 

follows the Hückel aromaticity (4n+2), and octet rules. σevertheless, following the ZKC, Ba 

should give two electrons to each σ5. This is what conclude Zhu et al.164 in their study of 

electronic properties of predicted Caσ5 structure. σote that, with a 2- charge, σ5
2- is a radical 

species. A close look at the bonding is needed. 

1.31

1.37

1.31

1.28

106.2111.2
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 In Imma Baσ5, inspection of the density of states shows a high participation of barium 5d 

orbitals in the filled levels of the system (See Figure γ.γ9). A significant d-orbital population of 

approximatively 0.55 at the barium atom is computed at 50 GPa. Moreover, a -ICτHP of 0.21κ 

eV/pair is computed for Ba-σ contacts. Therefore, the cation-anion interactions cannot be 

described as purely ionic, but also have a partially covalent character. We propose that the extra 

electron is delocalized over the Ba-(σ5
-)-Ba network, which explains the relatively short cation-

anion separation of 2.59 Å at 50 GPa.  

To summarize, Ba gives one electron to a σ5 ring, following the Hückel and octet rules, while 

the remaining electron is delocalized over the whole Ba net through partially covalent Ba-σ 

interactions. This simple but founded picture explains well the metallic property of Imma Baσ5: 

 

;aͿ  ;ďͿ  ;ĐͿ  

Figure ϯ.ϯϵ ;aͿ Iŵŵa BaNϱ stƌuĐtuƌe. Ba-Ba gƌeeŶ liŶes aƌe dƌaǁŶ as aŶ eǇe-guide. ;ďͿ Leǁis stƌuĐtuƌe of Nϱ- 

peŶtazolate. ;ĐͿ PƌojeĐted DO“. 

 

g. Ba2N11  

From κ to 14 GPa, the P-1 phase of Ba2σ11 is stable. As shown in Figure γ.40, one linear σ3 

and four σ2 motifs per formula unit fill the void between two Ba layers. Ba-Ba and Ba-σ 

separation are longer than 4.03 Å and 2.69 Å, respectively, at 10 GPa. The calculated σσ 

separation is 1.1κ Å in centrosymmetric σ3, a value typical of a double bond observed in azide 

σ3
- structures169,1ι1. Thus, it remains formally three electrons to four σ2, (Ba2+)2(σ3

-)(σ2)3-
4. A 
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distance of 1.15-1.16 Å is found in σ2 units, a slightly elongated triple bond provoked by the 

partial occupation of antibonding nitrogen π* bands. Ba2σ11 is a metal.   

  

 

Figure ϯ.ϰϬ BaϮNϭϭ stƌuĐtuƌes ǁith highlighted isolated Nϯ aŶd NϮ uŶits. Ba-Ba gƌeeŶ liŶes aƌe dƌaǁŶ as aŶ eǇe-guide. 

 

h. BaN6, a stable azide crystal and metastable 5- and 6-membered nitrogen ring 

structure  

This 1:6 stoichiometry has a concise range of thermodynamic stability, from 5 to 9 GPa (See 

Figure γ.41). The stable P21/m phase presents azide σ3
- units, with σσ distances ranging from 

1.1ι Å to 1.20 Å (double bonds). Beside this well-known phase, our CSP searches found two 

dynamically stable phases, P-1 space group, which do not lie on the convex hull - metastable 

thermodynamically. In the Baσ6 compound, a P-1 structure is the lowest phase above 21 GPa, as 

shown in Figure γ.β1. Isolated planar σ5-σ units are filling the space between two corrugated 

barium layers. To the best of our knowledge, such an σ6 motif presents a new topology in 

nitrogen-based compounds. If one assigns a -2 charge to σ6 (see Lewis structures in Figure γ.4βc), 

(σ5-σ)2- is reminiscent to an isoelectronic closed-shell pentazole σ5-F molecule. Eight π electrons 

are delocalized over the planar σ5-σ ring, explaining the double/single bond character (σσ=1.24-

1.3ι Å). At 50 GPa, the second lowest metastable phase of Baσ6 contains six-membered nitrogen 

rings (See Figure γ.4βb). This P-1 (II) structure lies 115 meV/atom above ground-state σ5-σ 

Baσ6 phase. 
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    Figure ϯ.ϰϭ Ba;NϯͿϮ phase at ϭ atŵ. NiŶe Nϯ- ligaŶds aƌe ĐooƌdiŶated to a BaϮ+ ĐatioŶ. 

 

;aͿ ;ďͿ  

   ;ĐͿ   ;dͿ     

Figure ϯ.ϰϮ ;aͿ, ;ďͿ Metastaďle P-ϭ BaNϲ phases at ϱϬ GPa. “eleĐted Leǁis stƌuĐtuƌes of ;ĐͿ ;Nϱ-NͿϮ- aŶd ;dͿ NϲϮ- ƌiŶgs 

;distaŶĐes iŶ ÅͿ. 

 

i. BaN10, a nitrogen-rich phase with two pentazolate rings  

Above 12 GPa, a thermodynamically stable Baσ10 phase emerges (space group P-1, Z = 2). 

This phase has the highest nitrogen content in our explored binary Ba-σ phase diagram, but also, 

to the best of our knowledge, in other s-block element nitrides. Two σ5 rings per barium cation 

are stacked along the [001] direction, as displayed in Figure γ.4γ. At 50 GPa, σσ distances of 

1.2κ-1.31 Å are calculated within the 5-membered ring, typical values for six π electron 5-
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membered ring σ5
- (delocalized single/double bonds). A large HτMτ (π3)-LUMτ(π4) gap of 

3.3ι eV is calculated in isolated pentazolate. In solid-state P-1 Baσ10, a large gap separates the 

valence from the conduction bands, as expected for such a Zintl compound. τwing to the 

potential application of such a predicted Ba(σ5)2 phase in a high-energy-density material, we 

explored the quenchability of P-1 Baσ10, and found that this phase remains dynamically stable at 

ambient pressure. σevertheless, a lower pentazolate-containing structure (space group I-42d, Z=4) 

is located on the PES by our molecular evolutionary search technics19ι and lies 5ι meV/atom 

below the P-1 phase at 1 atm. The I-42d  P-1 phase transition is computed at κ GPa. Ambient 

pressure I-42d structure is displayed in Figure γ.47. Each σ5 ring is bounded to four Ba2+ through 

ionic Ba-σ bonds of ~3.01 Å, leaving a free lone-pair per σ5, thus each Ba2+ is coordinated to 

eight pentazolate units. Usual σ-σ bond lengths in pentazolate are calculated (~1.32 Å). We 

checked the thermal stability of I-42d Ba(σ5)2 by running AIMD simulations up to 1000 K during 

ten ps (see the discussion in the next section). Its structure presents persistent five-membered σ5
- 

ring motif up to 1000 K.   

 

 

 (a)     (b)     (c) 

Figure ϯ.ϰϯ BaNϭϬ phases. ;aͿ P-ϭ at ϱϬ GPa aŶd ;ďͿ I-ϰϮd at ϭ atŵ. ;ĐͿ loĐal geoŵetƌǇ iŶ I-ϰϮd phase ;distaŶĐe iŶ ÅͿ. 

 

  

~1.32

<3.01

8-coord. Ba2+
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3.4.5 Conclusion 

In this study, we carried out crystal structure prediction to investigate the ground stable states 

of barium nitrides at ambient, and up to 100 GPa. Along with the experimental reported Ba3σ, 

Baσ2, Baσ2, and Baσ6, we predicted eight new stoichiometries, namely, Ba3σ2, Baσ, Ba2σ3, 

Ba3σκ, Baσ4, Baσ5, Ba2σ11 and Baσ10, to become stable at specific range of pressure. 

Interestingly, Ba3σ and Ba2σ are predicted to have electride properties. Interstitial electrons have 

been found existing in channel and layer forms. By adjustment of the ratio of barium in the Baxσy 

phase diagram, a series of polynitrogen forms were achieved in the crystalline, including small 

molecular units made of a few atoms (σ2, σ4, σ5, and σ6) to1-dimensional chains.  
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3.5 Pentazolate alkaline-earth metal salts 

 

3.5.1 Motivations 

Pentazolate ions in materials have been notoriously elusive for the last hundred years, despite 

enormous efforts to make these compounds in a condensed state. Recently, researchers have 

synthesized solid-state compounds consisting of isolated pentazolate anions σ5 and alkaline metal 

elements, i.e., σaσ5
152 and Csσ5.144,145 To gain access to the cyclo-pentazole ring, they have 

compressed metastable sodium, or cesium azide (A+, σ3
-) mixed with the σ2 cryogenic liquid, in 

a diamond anvil cell together with laser heating. In the previous barium nitrides section, we 

mentioned that we had predicted a nitrogen-rich phase (P-1 Baσ10) containing pentazolate anions. 

Based on our current knowledge, this is the first time that the Baσ10 with σ5
- motif is proposed. 

τur calculation predicts that P-1 Baσ10 is thermodynamically stable above 12 GPa.  

Motivated by this novel experimental and theoretical discovery, we explored the Mσ10 

stoichiometry, where M represents alkaline earth metal elements, i.e., Be, Mg, Ca, Sr and Ba at 

ambient pressure and 50 GPa. We aim to see if solid-state M(cyclo-σ5)2 is stable 

thermodynamically, dynamically and kinetically. Moreover, we will analyze the cation size effect 

on the structural, energetic and electronic properties, both at ambient and high pressure (here, 50 

GPa, a pressure accessible in high-pressure physics).   

 

3.5.2 Methods 

The general methodology is presented in the first chapter. DFT PAW GGA PBE calculations 

are carried out. Therefore, we will describe only the specific methodological details here. First of 

all, we carried out molecular crystal searches, using the technics implemented in USPEX 

codeκ,13,30 to make sure we located the most stable pentazolate phase at 0 GPa. Thus, the σ5 

pentazolate unit was treated as an integral unit in the molecular crystal. Then we conducted a 
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standard fixed-composition crystal structure prediction at 50 GPa. Up to 44 atoms per primitive 

cell were used. The phonon dispersion curves are calculated for all of the structures, and show 

the absence of any imaginary frequencies in the entire Brillouin zone. All of the discussed Mσ10 

structures are local (global) minima on the PES.  

 

3.5.3 Results and discussion 

Remarkably, a series of pentazolate phases have been predicted as the ground stable, or 

metastable phase. Remember that all are dynamically stable. The predicted phases are listed in 

Table γ.6. 

Taďle ϯ.ϲ PƌediĐted spaĐe gƌoup of solid-state MNϭϬ ĐoŵpouŶds at Ϭ aŶd ϱϬ GPa. 

 

 

 

a. theƌŵodǇŶaŵiĐal ŵetastaďle; ď. aďseŶt of data; Đ. theƌŵodǇŶaŵiĐal staďle 

To compare the relative enthalpy stability of Mσ10 polymorphs, Figure γ.44 represents the 

enthalpy difference of each phase, relative to I-42d (II) phase at 0 GPa, and Ibam phase at 50 

GPa. At 0 GPa, Beσ10 adopts I-42d (I) symmetry, and Mgσ10 has a P43212 space group, while 

Caσ10, Srσ10, and Baσ10 share the identical space group of I-42d (II). σotice that the I-42d (I) 

become energetically unfavorable when the atomic number increases.  

At a pressure of 50 GPa, Beσ10 adopts Fdd2 space group, but very close in energy to I-42d 

(II) (6 meV/atm), the lowest phase for Mgσ10. For the heavier Ca and Sr elements, the Ibam 

phase becomes the lowest enthalpy phase. Finally, Baσ10 has P-1 space group.  

Before the discussion of the electronic properties analysis, a question was raised: Are these 

Mσ10 pentazolate phases ground stable concerning other Mxσy nitrides? Fortunately, Be-σ,156 

Mg-σ,κ9,159 Ca-σ,164 and Ba-σ binary phase diagrams have been explored by us and other 

Pressure BeNϭϬ MgNϭϬ CaNϭϬ SrNϭϬ BaNϭϬ 

Ϭ GPa 
I-ϰϮd ;IͿ 
ŵetaa 

PϰϯϮϭϮ 

ŵeta 

I-ϰϮd ;IIͿ 
ŵeta 

I-ϰϮd ;IIͿ 
?ď 

I-ϰϮd ;IIͿ 
ŵeta 

ϱϬ GPa 
FddϮ 

staďleĐ 

I-ϰϮd ;IIͿ 
staďle 

Iďaŵ 

staďle 

Iďaŵ 

? 

P-ϭ 

staďle 
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researchers, which makes it possible to compare our Mσ10 compounds with other ground stable 

phases.  

 

 

Figure ϯ.ϰϰ ;aͿ. EŶthalpǇ diffeƌeŶĐe of eaĐh pƌediĐted phase ƌelates to I-ϰϮd ;IIͿ at Ϭ GPa; ;ďͿ. EŶthalpǇ diffeƌeŶĐe of 

eaĐh pƌediĐted phase ƌelates to Iďaŵ at ϱϬ GPa. 

 

Firstly, 3:2 is the only stoichiometry that locates as ground stable state at ambient pressure 

in Be-σ and Mg-σ systems. Therefore, their stability criterion is based on the reaction between 

Mσ10 and M3σ2 plus σ2. We calculated the reaction enthalpy as:  

ΔHr=(3Mσ10-(M3σ2+14σ2))/33 

ΔHr > 0 means Mσ10 is a metastable phase and will decompose to M3σ2 plus σ2, vice versa. 

Among the two reactions, ΔHBe= 0.3ι1 eV/atom and ΔHMg= 0.2ι4 eV/atom. Thus, I-42d (I) 

Beσ10 and P43212 Mgσ10 are metastable phases at 0 GPa.  

For Ca-σ and Ba-σ systems, Caσ2 and Baσ6 stabilized at 0 GPa, and emerged as the nearest 

stoichiometries to the 1:10 ratio. The enthalpies of reaction calculated from these phases shows 

that Caσ10 and Baσ10 are metastable phases at ambient pressure as well (ΔH > 0). Besides, we 

are not able to calculate the thermodynamic stability of Srσ10 due to the absent information of 

Sr-σ binary phase diagram.  
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At 50 GPa, the phases that have 1:4 stoichiometry become the ground stable in Be-σ and 

Mg-σ systems. The enthalpy of reaction shows that Beσ10 is 0.109 eV/atom and Mgσ10 0.164 

eV/atom lower than Beσ4/Mgσ4 + 3σ2. Meanwhile, Caσ5/Baσ5 replaces Caσ2/Baσ6 as the 

nearest stable phase to Mσ10. The calculation of reaction enthalpy indicates the value of -0.1κ5 

eV/atom and -0.150 eV/atom for Caσ10 and Baσ10, respectively. All the negative reaction 

enthalpies illustrate that Beσ10, Mgσ10, Caσ10 and Baσ10 are energetically favorable, and are the 

ground stable phases at 50 GPa. Although so far there is no available data for Srσ10, we 

hypothesize that Srσ10 is a thermodynamically stable phase, according to the regular pattern of 

the periodic table. 

Figure γ.45 displayed the I-42d (I) Beσ10 phase. The Be-σ separation is computed at 1.ι2, 

larger than the sum of the Be2+ and covalent σ one (0.59+0.66, respectively). Thus, as expected 

for an ionic salt, this phase consists of isolated Be+ cations and σ5
-. At 0 GPa, the σ-σ distances 

are 1.300 Å, 1.313 Å, 1.346 Å, with a ratio of 1:2:2. Be forms a tetrahedron with 4 σ5
- rings. 

Moreover, beryllium forms also a tetrahedron with the four surrounded beryllium atoms located 

at 5.29 Å. The sublattice of Be has an I41/amd space group which can be found in many crystals, 

e.g., Sn and Ge. Particularly, the Be(σ5)2 structure presents large vacuums around the atoms, 

characteristic of a metal-organic framework. These voids might be stabilized molecular σ2 or 

other species, Be(σ5)2 potentially acting like a sieve. At ι GPa, I-42d (I) Beσ10 undergoes a phase 

transition to a high symmetric Fdd2 phase which contains four formula units per unit cell, and a 

higher density packing. In Fdd2 phase, beryllium atoms lie in the center of a slightly compressed 

octahedron formed by six σ5 rings (See Figure γ.45).  
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;aͿ         ;ďͿ 

       Figure ϯ.ϰϱ CƌǇstal stƌuĐtuƌe of Be;NϱͿϮ: ;aͿ I-ϰϮd ;IͿ at ϬGPa aŶd ;ďͿ FddϮ at ϱϬ GPa. 

 

  Figure γ.46 displays the P43212 and I-42d (II) Mgσ10 structures at ambient pressure and 50 

GPa, respectively. In P43212, Mg forms an octahedron with 6 σ5 rings, and Mg-σ distance varies 

from 2.215 Å to 2.2ι0 Å, typical ionic bonds. Interestingly, the sublattice of Mg has the same 

I41/amd space group found in Beσ10 I-42d (I). Above ι GPa, I-42d (II) phase becomes the lowest 

phase. The I-42d (II) contains κ-fold coordinated Mg2+ cation with eight different σ5 rings at the 

corners. The Mg-σ distance varies from 1.969 to 2.230 A. 

 

 

              Figure ϯ.ϰϲ CƌǇstal stƌuĐtuƌe. a. MgNϭϬ PϰϯϮϭϮ at Ϭ GPa; ď. MgNϭϬ I-ϰϮd ;IIͿ at ϱϬ GPa. 
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 Caσ10, Srσ10 and Baσ10 adopt the I-42d (II) phase at 0 GPa, which is also identical with 

Mgσ10 phase at 50 GPa (See Figure γ.47). Although the I-42d (II) share the same symmetry with 

the I-42d (I) Beσ10 phase, the I-42d (II) has more condensed packing and a different σ5 

arrangement. The cation atom formed eight bonds with eight surrounding σ5 rings. Moreover, 

cation formed a tetrahedron with other cations and had the I41/amd sublattice. As the pressure 

increased, the Caσ10 and Srσ10 I-42d (II) phases transform into the high-pressure Ibam phase 

(See Figure γ.47b) at the 1κ GPa and 9 GPa, respectively.  

 

 

;aͿ        ;ďͿ 

Figure ϯ.ϰϳ CƌǇstal stƌuĐtuƌes of ;aͿ CaNϭϬ I-ϰϮd ;IIͿ at ϬGPa, “ƌNϭϬ aŶd BaNϭϬ adopt the saŵe phase at Ϭ GPa; ;ďͿ 

CaNϭϬ Iďaŵ at ϱϬ GPa “ƌNϭϬ adopts the saŵe phase at ϱϬ GPa. 

 

In Baσ10, a phase transition from I-42d (II) to P-1 happens at κ GPa. σote that the P-1 barium 

pentazolate salt lies on the convex hull at a surprisingly low pressure of 12 GPa (Figure γ.β1). 

The P-1 structures consist of layers of barium atoms sandwiched between layers of pentazolate 

σ5
- anions, oriented differently to one another in the unit cell (Figure γ.48). Because of the 

aromatic nature of the bond in the pentazolate σ5 ring, the bond lengths for both phases are 

between those of the double-bond (1.25 Å as in trans-diimine) and the single bond (1.45 Å as in 

hydrazine). Also, we discovered another metastable C2/c Baσ10 phase which is only 4 meV/atom 

higher in energy than P-1 phase at 50 GPa. 
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;aͿ ;ďͿ  

                      Figure ϯ.ϰϴ ;aͿ P-ϭ aŶd ;ďͿ CϮ/Đ BaNϭϬ at ϱϬGPa. 

 

The calculated density of states shows that all predicted stable and metastable compounds 

are insulators with a wide band gap at ambient pressure and 50 GPa. The band gap energies are 

listed in Table γ.7. Hence, they would be optically transparent, if observed. For example, the 

calculated band structure of the P-1 phase of Csσ5 confirms an optically transparent insulator in 

experiments.153,145 

 

Taďle ϯ.ϳ BaŶd gap ;eVͿ ǁithiŶ PBE-GGA leǀel 

BaŶd Gap ;eVͿ BeNϭϬ MgNϭϬ CaNϭϬ “ƌNϭϬ BaNϭϬ 

Ϭ GPa ϱ.Ϭ ϰ.ϲ ϱ.ϭ ϱ.Ϯ ϱ.ϯ 

ϱϬ GPa ϯ.ϯ ϰ.ϰ ϯ.Ϭ Ϯ.ϵ ϯ.ϳ 

  NotiĐe: GGA-PBE uŶdeƌestiŵate the ďaŶd gap. 

 

Dynamical stability  

In order to examine the dynamical stability of the Mσ10 phases at 0 GPa, ab initio molecular 

dynamics (AIMD) simulations based on DFT are carried out by using supercells at 1000 K within 

each time step of 1 fs, and the total simulation time up to 10 ps. In the simulations, the canonical 

σVT (σ - constant number of particles, V - constant volume, and T - constant temperature) 
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ensemble is adopted as implemented in VASP code. During the entire 10 ps AIMD simulations, 

the covalent σ-σ bonds in σ5 nets are not broken at least at 1000 K; only small atomic vibrations 

were observed (Figure γ.49). However, several σ5 rings decompose to σ2 and bent σ3 units in 

Beσ10 phase, which implies it can only exist at a relatively lower temperature (< 1000 K). 

 

N2 storage in Metal-Inorganic-Framework (MIF) pentazolate beryllium 

    The I-42d (I) Be(σ5)2 structure presents an open framework, a characteristic of MIF 

materials. Thus, it’s useful to study the capacity of this phase to store molecular species. As a 

preliminary result, we filled the MIF with σ2 molecules. τur modelling searches lead to at least 

1.5 σ2 per formula unit. The thermostability of this extremely nitrogen righ compound has been 

confirmed using AIMD simulation at room temperature; Be-σ covalent net is not destroyed (See 

Figure γ.50). 

 

 

Figure ϯ.ϰϵ “Ŷapshot of AIMD ĐalĐulatioŶs at Ϭ GPa aŶd ϭϬϬϬ K, the aďoǀe figuƌes ƌepƌeseŶt the statiĐ stƌuĐtuƌes 

ďefoƌe the AIMD ĐalĐulatioŶ staƌts; the figuƌes ďeloǁ aƌe Đaptuƌed at ϭϬ ps, aŶd all of the stƌuĐtuƌes aĐhieǀed the 

eƋuiliďƌiuŵ states. 
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                         Figure ϯ.ϱϬ Be;NϱͿϮ;NϮͿϭ.ϱ phase. 

 

3.5.4 Conclusion 

We performed the first-principles evolutionary structure search of nitrogen-rich compounds, 

consisting of alkaline earth metal elements and nitrogen, with 1:10 stoichiometry at ambient 

condition and 50 GPa. Several new high-nitrogen content materials, containing pentazolate units, 

have been uncovered. Most of the Mσ10 compounds, featuring pentazolate anions in the 

crystalline state, are thermodynamically stable at high pressures. However, the zero pressure 

phases are metastable at ambient conditions. The temperature sustainability of zero pressure 

phases has been proved by using AIMD at a temperature up to 1000 K. Further thorough 

experimental validation is feasible and will help us to develop a novel HEDM. 
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4. Transition metal nitrides 

 

  



144 

 

  



145 

 

4.1 Introduction 

σearly a century since the pioneering works in the 1920s-1930s by G. Hägg in crystal 

structure determination of transition metal nitrides Mxσy (M, transition metal), the elucidation of 

the atomic arrangement in binary metal-nitrogen phases is still a delicate task.19κ,199 Many Mσ1-

z in the literature are possibly oxynitrides, imides, or amides; thus, efforts have to be made to 

assign a valid crystal structure for a given stoichiometry.200 A number of studies in the Zr-σ,201 

Hf-σ,202 Ta-σ,203,204 and W-σ205 systems have demonstrated the power of high-pressure synthesis 

in the search for new nitrogen-rich nitrides. The entire field of synthesis and study of the high 

oxidation state of transition metal nitrides has been reviewed recently by Salamat et al.205  

The understanding of their peculiar mechanical and chemical properties, such as high 

stiffness, high hardness, high thermal conductivity, high melting point, and good catalytic 

performance, needs a characterization of materials from a crystallographic point of view. Their 

fascinating properties stimulate the development of new synthetic routes leading to new well-

defined nitride materials.  

τn the one hand, Molybdenum dinitride (Moσ2) was recently synthesized at a moderate 

pressure of 3.5 GPa, and a layered MoS2-type structure has been proposed.1 However, our first-

principles calculations of thermodynamic, mechanical and dynamical properties suggest that this 

layered R3m structure is unstable. We find that the ground state of the Moσ2 system is a pernitride 

structure with space group P63/mmc which transforms to a P4/mbm phase above κ2 GPa. 

Chemical bonding analysis shows that one could assign Moσ2 as Mo4+(σ2
4-); i.e., Mo is formally 

a d2 metal, in agreement with the experimental results of Wang et al.1 The presence of covalent 

σ2 dumbbells and strong bonding between Mo4+ and σ2
4- is the source of the superior mechanical 

properties of these predicted ultra-incompressible Moσ2 pernitrides. 

τn the other hand, zirconium nitrides represent a rich family of phases where the stability 

and microstructures are still not completely understood.201,206–210 In addition to the known Zrσ 

and Zr3σ4, new candidate structures with Zr:σ ratios of 2:1, 4:3, 6:5, κ:ι, 15:16, ι:κ and 4:5 are 

found to be ground-state configurations, while Zr3σ2 has a very slightly higher energy. Except 

for Zr2σ, the newly discovered Zrxσy compounds adopt rocksalt structures with ordered nitrogen 
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or zirconium vacancies. The electronic and mechanical properties of the zirconium nitrides are 

further studied to understand their composition-structure-property relationships.  

In this chapter, to address these issues, the crystal structures of Moσ2 and Zrxσy were 

explored by the ab initio evolutionary crystal structure prediction method (USPEX). τur work 

should guide experimental groups aiming to synthesize these new technologically useful 

materials. 

 

4.2 Computational details 

The crystal structure prediction for thermodynamically stable structures was performed using 

the evolutionary algorithm, as implemented in the USPEX code.κ,13,30 The lowest-energy 

structures were determined at 0, 10, 20, 40, and 100 GPa with systems containing up to 30 atoms 

in the simulation cell. The first generation of κ0-100 structures was produced randomly; all 

subsequent generations contained 60-κ0 structures and were produced using variation operators 

such as heredity (60%), softmutation (15%), lattice mutation (15%), and 10% of each new 

generation was produced randomly.  

Each structure was fully relaxed to an energy minimum at different pressures within the 

framework of density functional theory by using the VASP package.4κ We employed the all-

electron projector-augmented wave (PAW) method and the Perdew-Burke-Ernzerhof (PBE) 

version of the generalized gradient approximation (GGA) functional.41,42 The PAW potentials 

have [Kr], [Kr] and [He] cores with radii of 2.ι5, 3.00 and 1.50 a.u. for Mo, Zr and σ atoms, 

respectively. A plane-wave basis set with a kinetic energy cutoff of 600 eV was employed. We 

used uniform Γ-centered k-point meshes with a reciprocal space resolution of 2π × 0.03 Å-1 for 

Brillouin zone sampling. These settings enable excellent convergence of total energies, forces, 

and stress tensors. 

Theoretical phonon spectra were calculated by the supercell approach by using the 

PHτστPY package9ι to probe the dynamical stability of the structures. All discussed energies 

are zero-point energy (ZPE) corrected. σote that, if any phonons of a given structure exhibit 
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imaginary frequencies, the studied structure is dynamically unstable and should transform under 

lattice relaxation into a more stable ground state structure. The elastic tensors were further 

calculated for all dynamically stable structures, and the mechanical stabilities were determined 

by Born-Huang criteria.211 Chemical bonding analyses were carried out using the crystal orbital 

Hamilton population (CτHP) method by using the LτBSTER code.51,53,54 

 

4.3 Molybdenum nitrides 

In 2015, a nitrogen-rich molybdenum-based compound, Moσ2, was proposed1, extending the 

well-known binary Mo-σ compositions. This newly discovered nitride, γR-Moσ2, adopts a 

rhombohedral R3m structure and was proposed to be isotypical with MoS2. This structure is a 

bulk layered material in which the layers interact via van der Waals forces (Figure 4.1a). Mo is 

located in a trigonal prismatic atomic arrangement and sandwiched between σ atoms. The 

“determined valence state for Mo is +3.5 in both γR-Moσ2 and MoS2” claimed by Wang et al., 

to our astonishment as Moσ2 has two valence electrons less per formula unit than in MoS2. 

Therefore, nitrogen atoms do not fulfill the octet rule in the proposed Rγm Moσ2, as sulfur does 

in MoS2 (Figure 4.1a, see the formal electron attribution on tricoordinated X atoms in MoX2 (X 

= S, σ; Mo4+, d2)). We hypothesized that this electronic situation should be very unstable from 

thermodynamic and mechanical points of view and that adjacent Moσ2 layers must be connected 

through σ-σ covalent bonding, leading to the well-known pernitride situation (diatomic σ2 units 

in Mo network). 

There are at least two questions that needed to be answered: first, what is the ground-state 

structure of Moσ2? Knowledge of solid-state Moσ2 geometrical and electronic properties is 

crucial for understanding the catalytic properties of such a nitrogen-rich molybdenum phase. 

Second, as the synthesis of Mσ2 is done under moderate or high pressure, what is the effect of 

pressure on solid-state Moσ2? In this work, new ground states and metastable Moσ2 structures 

at both ambient and high pressures are proposed and established. The previously proposed R3m 

Moσ2 is found to be thermodynamically, dynamically, and mechanically unstable, while a 

pernitride phase (P63/mmc) emerges as the ground-state structure.  
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Figure ϰ.ϭ ;aͿ EǆpeƌiŵeŶtal Đlaiŵed Mo“Ϯ-tǇpe Rϯŵ MoNϮ aŶd foƌŵal eleĐtƌoŶ attƌiďutioŶ oŶ tƌiĐooƌdiŶated X 

atoŵs iŶ MoXϮ ;X = “, N; Moϰ+, dϮͿ. ;ďͿ FullǇ optiŵized Rϯŵ ĐƌǇstal stƌuĐtuƌe at the PBE ǀdW-DϮ leǀel. ;ĐͿ The 

assoĐiated phoŶoŶ dispeƌsioŶ Đuƌǀes of the fullǇ ƌelaǆed Rϯŵ stƌuĐtuƌe ǁith/ǁithout ǀaŶ deƌ Waals ĐoƌƌeĐtioŶ. 

 

4.3.1 Experimental layered R3m MoN2 structure 

In the experimentally claimed layered γR-Moσ2 structure displayed in Figure 4.1a, each 

Moσ2 sheet consists of a hexagonally packed molybdenum layer sandwiched between two 

nitrogen layers. The optimized crystallographic parameters are given in Table 4.1. The calculated 

Mo-Mo bond length is 3.012 Å, slightly longer than that found in bulk fcc Mo (2.ι29 Å) at 

ambient pressure. Mo atoms are positioned in a trigonal prismatic coordination concerning the 

two nitrogen layers. Each Mo atom is coordinated by six σ atoms at distances of 2.044/2.062 Å 

(exp. 1.9ι6/2.03ι Å). Moreover, within the R3m space group, the fully optimized structure—both 

lattice and atomic positions-presents a dramatic decrease of the van der Waals region. The c lattice 

parameter goes from 15.939 (exp. value, magnetic phase) to 13.κ69 Å (opt. value, nonmagnetic 

phase), reducing the interlayer Mo-σ separation down to 3.256 Å. 
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Taďle ϰ.ϭ CalĐulated stƌuĐtuƌal paƌaŵeteƌs foƌ MoNϮ phase at seleĐted Pƌessuƌe ;Ǻ, GPaͿ 

Phase P LattiĐe paƌaŵeteƌs AtoŵiĐ positioŶ 

Rϯŵ uŶƌelaǆed Ϭ 
a = Ϯ.ϴϱϰ 

Đ = ϭϱ.ϵϯϴ 

Mo ;Ϭ, Ϭ, ϬͿ 
N  ;Ϭ, Ϭ, Ϭ.ϮϱϴͿ, ;Ϭ, Ϭ, Ϭ.ϰϬϮͿ 

Rϯŵ PBE ƌelaǆed Ϭ 
a = ϯ.ϬϭϮ 

Đ = ϭϯ.ϴϲϵ 

Mo ;Ϭ, Ϭ, ϬͿ 
N  ;Ϭ, Ϭ, Ϭ.ϮϱϯͿ, ;Ϭ, Ϭ, Ϭ.ϰϭϭͿ 

Rϯŵ ǀdW-DϮ ƌelaǆed Ϭ 
a = ϯ.ϭϭϵ 

Đ = ϭϭ.Ϯϭϰ 

Mo ;Ϭ, Ϭ, ϬͿ 
N  ;Ϭ, Ϭ, Ϭ.ϮϯϱͿ, ;Ϭ, Ϭ, Ϭ.ϰϭϲͿ 

Pϲϯ/ŵŵĐ PBE ƌelaǆed Ϭ 
a = Ϯ.ϵϮϳ 

Đ = ϳ.ϳϲϮ 

Mo ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϳϱͿ 
N  ;Ϭ, Ϭ, Ϭ.ϬϴϵͿ 

Pϰ/ŵďŵ PBE ƌelaǆed ϭϬϬ 
a = ϰ.ϬϬϳ 

Đ = Ϯ.ϱϵϳ 

Mo ;Ϭ.ϱ, Ϭ.ϱ, Ϭ.ϱͿ 
N  ;Ϭ.ϯϴϱ, Ϭ.ϴϴϱ, ϬͿ 

 

While the 2D MoS2-like Moσ2 layer is magnetic as expected,212 the coupling of unpaired 

electrons localized on two adjacent layers is responsible for the ferromagnetic to nonmagnetic 

phase transition. However, the state-of-the-art DFT is not a suitable method for studying 

interactions in loosely packed systems (such as soft matter, van der Waals complexes, and 

biomolecules), as this method fails to adequately describe the long-ranged dispersion 

interactions.213,214 Therefore, we performed a full structural optimization by using the PBE-GGA 

DFT level and vdW-D2 method of Grimme for van der Waals correction (Table 4.1).215 The 

structural parameters within the covalent 2D Moσ2 sheet are very similar, while the lattice 

constant c decreased from 13.κ69 Å (PBE without vdW correction) to 11.214 Å (PBE with vdW-

D2 correction). Therefore, short interlayer Mo-σ contacts appear (Mo-σ = 2.541 Å) and Rγm is 

no more a MoS2-like layered structure (Figure 4.1b). This phenomenon illustrates the strong 

structural instability of the claimed layered MoS2-type R3m Moσ2 structure. 

To ensure whether such a MoS2-type structure is a stable local minimum on the Moσ2 

potential energy surface, we have examined its mechanical and dynamical stabilities by 

calculating the elastic constants and phonon spectrum. R3m is found to be mechanically unstable 

due to the negative C44 value of -222 GPa, and large imaginary frequencies are found over the 

entire Brillouin zone (Figure 4.1c). When van der Waals correction is taken into account, the fully 

relaxed Rγm structure is also found to be dynamically unstable with very large imaginary 
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frequencies (Figure 4.1c). τne may conclude that atomic displacements in R3m shall lower its 

enthalpy by transforming barrierlessly to a metastable state which will have another space group. 

Moreover, the R3m structure has a very high positive formation enthalpy of 0.κ19 eV/atom 

(endothermic Mo(s) + σ2(g) = Moσ2(s) reaction), while, in other transition metal nitrides, the 

ground-state structures usually have negative formation enthalpies, and even for high-pressure 

pernitrides the positive formation enthalpies at zero pressure are much lower (ΔHf < 0.64 

eV/atom). The thermodynamic, dynamical, and mechanical instabilities of layered R3m Moσ2 

motivated us to search for other possible ground-state structures at both atmospheric and high 

pressures. While the use of vdW-D2 correction is shown to be crucial to describe the structural 

properties of layered compounds, we show that the experimental bond lengths in bulk Mo2σ and 

Moσ are well reproduced at the GGA-PBE level of theory; therefore, we still used the GGA-PBE 

level of theory for all bulk Mo-σ based structures. 

 

4.3.2 NiAs-type MoN2 pernitride and other metastable structures at ambient 

pressure 

We started to perform fixed-composition structure searches at ambient pressure. The 12 

predicted structures with lowest energies are shown in Figure 4.β. Almost all of the pernitride 

structures which contain discrete σ2 units (1-6) lie lower in energy than the structures with 

isolated nitrogen anions (ι-κ) and the ones with layered structures (10-12). The lowest pernitride 

(σ2
x-, x = 2-4) is more stable by at least 0.34 eV/atom than the dinitrides (2σ3-). The energetic 

preference of the pernitride over the dinitride could be related to (i) covalent σ-σ bonds being 

more energetic than Mo-Mo and Mo-σ ones and (ii) the high Mo oxidation state (VI) in the latter, 

as proposed for other transition metal Mσ2 phases (Feσ2
216, Reσ2

21ι). Mo (VI) can only be found 

in solid-state extended structures under extremely oxidizing conditions such as in Moτ3 and 

polymolybdates.21κ In addition, the three van der Waals-type structures, Cm, P63/mmc, and R3m 

(10-12), are by far the less stable ones in our predicted Moσ2 structures (ΔH > 0.6 eV/atom). This 

result confirms that R3m Moσ2 is definitively not a viable structure. Recently, Wu et al.219 
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proposed a nonmagnetic 2D T-type Moσ2 structure which contains octahedral Mo atoms. τur 

evolutionary searches locate the corresponding 3D T-type phase (space group C2/m) at 0.ι01 

eV/atom higher in energy than the ground-state one. Moreover, its phonon dispersion curves 

present strong imaginary frequencies; thus, this octahedral Mo-containing layered structure is 

dynamically unstable. 

 

 

Figure ϰ.Ϯ PƌediĐted staďle aŶd ŵetastaďle MoNϮ stƌuĐtuƌes aŶd theiƌ ĐoƌƌespoŶdiŶg eŶeƌgies. 

 

At atmospheric pressure, the lowest-energy Moσ2 phase adopts a σiAs-type hexagonal 

structure (P63/mmc, if one considers σ2 groups as a single entity, Figure 4.γa). Its calculated 



152 

 

phonon spectrum indicates no imaginary phonon frequencies in the whole Brillion zone, which 

confirms its dynamical stability. This hexagonal P63/mmc structure may also be described as 

stacking of the MoS2-type Moσ2 sheets formed by σ-Mo-σ sandwiches (Mo-σ = 2.103 Å; Mo-

Mo = 2.92ι Å). These Moσ2 sheets exhibit an AB stacking sequence but layers are bound not by 

weak van der Waals interactions as found in MoS2-type structures. They are linked to each other 

through covalent σ-σ bonds. Thus, P63/mmc Moσ2 contains discrete σ2 units, and is a transition 

metal pernitride. The molecular axis of σ2 is oriented parallel to the c axis, and the shortest σ2-

σ2 separation is 2.504 Å. 

 

 

Figure ϰ.ϯ ;aͿ CƌǇstal stƌuĐtuƌes of the gƌouŶd-state Pϲϯ/ŵŵĐ MoNϮ. ;ďͿ The ĐoƌƌespoŶdiŶg ďaŶd stƌuĐtuƌe, DO“, 

aŶd -COHP plots Đoŵputed at Ϭ GPa. The ƌight paƌt shoǁs a sĐheŵatiĐ ŵoleĐulaƌ oƌďital eŶeƌgǇ leǀel diagƌaŵ of 

NϮϰ- uŶit. 

 

The calculated σ-σ distance of 1.3ιι Å is close to the value found in σ2H4 (1.45 Å) and 

Ptσ2 (1.41 Å) but much longer than that in σ2F2 (1.21 Å) and Baσ2 (1.23 Å) where a formal 

σ═σ double bond is assigned. Therefore, one may assign to the dinitrogen unit a formal charge 

of -4 leading to the singly bonded σ2
4- diatomic species. With fourteen valence electrons σ2

4- 
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would be isoelectronic with F2 (1.412 Å) and disulfide anion (S2
2-), which is found in pyrite FeS2 

with four electrons in the antibonding 1πg
* orbitals. Formally, one could assign Moσ2 as 

Mo4+(σ2
4-), i.e., Mo is a d2 metal, in agreement with the experimental results of Wang et al.1 They 

noticed “the determined valence state for Mo is +3.5..., inferring a peculiar 4d2.5 electronic 

structure.” 

 

Figure ϰ.ϰ “ĐheŵatiĐ ŵoleĐulaƌ oƌďital diagƌaŵ of NϮϰ-. The solid aŶd dashed liŶes iŶdiĐate the pƌiŵaƌǇ aŶd 

seĐoŶdaƌǇ paƌeŶtage of the oƌďitals, ƌespeĐtiǀelǇ ;Ϯs-Ϯpz ŵiǆiŶgͿ. OŶlǇ the ǀaleŶĐe oƌďitals aƌe shoǁŶ. NϮϰ- aŶioŶ 

has ϭϰ ǀaleŶĐe eleĐtƌoŶs aŶd the ďoŶd oƌdeƌ is oŶe. 

 

To confirm these electron counting and oxidation state assignments, the electronic properties 

of P63/mmc Moσ2 were analyzed (Figure 4.γ). Band structure and the density of states (DτS) 

show that the P63/mmc phase is a semiconductor. Around -20 eV, the lowest states are dominated 

by σ-2s states and correspond mainly to the bonding 1ıg orbitals of diatomic σ2 units (see the 

molecular orbital interaction diagram of σ2
4- in Figure 4.4). Between -12 and -14 eV, the states 
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are the nonbonding out-of-phase 1ıu orbitals, which interact strongly with d orbitals. Below the 

Fermi level, the states are dominated by strong orbital mixing between 4d Mo and 2p σ orbitals. 

σotice that the 2p σ states located between -5 eV and the Fermi level are occupied and the 

associated crystal orbitals possess σ-σ antibonding character. They correspond to the occupied 

1πg
* levels of the 14 electrons diatomic σ2

4- species. 

 

 

Figure ϰ.ϱ CƌǇstal field splittiŶg of the d leǀels of the Mo atoŵs ;dϮ ĐoŶfiguƌatioŶͿ iŶ a tƌigoŶal pƌisŵatiĐ MoNϲ 

eŶǀiƌoŶŵeŶt of the Pϲϯ/ŵŵĐ MoNϮ. EaĐh Mo atoŵ is ĐooƌdiŶated to siǆ N atoŵs, foƌŵiŶg a tƌigoŶal pƌisŵatiĐ MoNϲ 

eŶǀiƌoŶŵeŶt. 

 

As mentioned previously, the formulation of Mo4+σ2
4- refers to a d2 electron count for 

molybdenum atoms located in a trigonal prismatic coordination environment. According to 

crystal field theory, in a low-spin configuration -strong field ligands- these two d electrons occupy 

the dz
2 orbital while the four remaining d orbitals must be empty and higher in energy (Figure 

4.5). Because pernitride P63/mmc Moσ2 has a filled dz
2 band and unfilled dxy/dx

2-y
2 bands, Moσ2 

should be a semiconductor, consistent with an energy gap found at the Fermi level (DτS, indirect 

gap, Figure 4.γ). Moreover, an analysis of the chemical bonding between Mo and σ in the crystal 

orbital Hamilton population (CτHP) plots displayed in Figure 4.γ shows that all bonding levels 

have been filled with electrons, and all Mo-σ antibonding states show up in the unoccupied 
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crystal orbitals, well above the Fermi level. With respect to Mo-σ bonding and the octet rule for 

σ2
4-, P63/mmc pernitride structure is ideal. 

Even though the formation enthalpy of P63/mmc Moσ2 is negative at 0 K and ambient 

pressure (ΔHf = -0.29ι eV/atom), this criterion is not sufficient to claim that the P63/mmc 

pernitride phase is thermodynamically stable. In fact, a thermodynamically stable compound 

must be more stable than any isochemical mixture of the elements or other Moxσy stoichiometries 

at a given pressure. A truly stable structure must lie on the convex hull constructed on the plot of 

the formation enthalpy versus composition x = σ/(σ + Mo). For all possible phases of the Mo-σ 

system, we generated the Mo-σ convex hulls by using the variable-composition evolutionary 

algorithm combined with first-principles calculations and the results are shown in Figure 4.6. 

Formation enthalpies per atom of the Moxσy phass. 

 

 

Figure ϰ.ϲ CoŶǀeǆ hull diagƌaŵs of the Mo-N sǇsteŵ at Ϭ aŶd ϰϬ GPa ĐoŶsideƌiŶg zeƌo-poiŶt eŶeƌgǇ ĐoƌƌeĐtioŶ ;solid 

sƋuaƌes, staďle; opeŶ sƋuaƌes, ŵetastaďleͿ. 

 

τne may clearly see that, at both atmospheric pressure and 40 GPa, P63/mmc Moσ2 lies on 

the convex hull. Therefore, pernitride Moσ2 is a truly stable structure, stable against 

decomposition into its elements and other Moxσy phases at both ambient and high-pressure 

conditions. τur predicted pernitride phase should stimulate experimentalists to look for its 

synthesis and characterization. Besides Moσ2 and the experimentally well-known P63/mc-Moσ, 
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we also found a stable compound Mo4σ3 which crystallizes in the Imm2 symmetry, while Mo2σ, 

Mo3σ2, and Mo5σ6 are metastable in the whole studied pressure range (Figure 4.7). 

 

 

Figure ϰ.ϳ CƌǇstal stƌuĐtuƌes of the MoǆNǇ. ;aͿ PŵŵŶ-MoϮN, ;ďͿ IŵŵϮ-MoϰNϯ, ;ĐͿ Pϲϯ/ŵĐ-MoN aŶd ;dͿ Rϯŵ-MoϯNϮ. 

The laƌge puƌple aŶd sŵall ďlue spheƌes ƌepƌeseŶt Mo aŶd N atoŵs, ƌespeĐtiǀelǇ. 

 

4.3.3 Pressure effect on MoN2 

As transition metal nitrides are usually experimentally obtained under high pressure, we 

studied the relative enthalpies of different Moσ2 structures compared with the experimental 

claimed R3m structure as a function of pressure. For comparison, the structures discussed in 

MoS2-type (P63/mmc), τsσ2-type (P6/mmm),220 Cm, and Reσ2-type (C2/m)21ι were considered 

in our study. The thermodynamic stability of Moσ2 with respect to decomposition into elemental 

Mo + σ2 and reactants Moσ + 1/2σ2 was also discussed. The body-centered-cubic Mo (Im-3m), 

hexagonal Moσ (P63/mc),221 and depending on the applied pressures, α, P41212, cg phases of σ 

were chosen as reference states.κ,222 

It is seen from Figure 4.8 that P63/mmc pernitride is thermodynamically stable against 

decomposition into the mixture of Mo + σ2 or Moσ + 1/2σ2 over the whole pressure range. The 

experimental R3m Moσ2 is thermodynamically unstable with respect to decomposition into Mo 

+ σ2 below roughly 20 GPa. Moreover, it is seen that, for all phases with layered structures 
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(P6/mmm, MoS2-type P63/mmc, Cm, and R3m), their formation enthalpies are positive below 10 

GPa and become negative under high pressure. However, they all have much higher enthalpies 

than our P63/mmc pernitride phase and the Moσ + 1/2σ2 reactants over the whole pressure range, 

indicating their chemical instability. It is noteworthy that we also found a Wσ2-type (P6-m2)221 

structure with enthalpy only 9 meV/atom higher at ambient pressure and 13 meV/atom at 100 

GPa than the P63/mmc Moσ2. Also, our calculations show that the fully optimized R3m Moσ2 

structure is nonmagnetic, thus considering the magnetic corrections will not affect the relative 

stability of Moσ2. 

 

 

Figure ϰ.ϴ ;aͿ The ĐalĐulated eŶthalpǇ diffeƌeŶĐes of ǀaƌious MoNϮ stƌuĐtuƌes ƌelatiǀe to the Đlaiŵed Rϯŵ stƌuĐtuƌe 

as a fuŶĐtioŶ of pƌessuƌe togetheƌ ǁith deĐoŵpositioŶ iŶto the ŵiǆtuƌe of Mo+NϮ aŶd MoN+ϭ/ϮNϮ. ;ďͿ EŶeƌgǇ 

diffeƌeŶĐe of P-ϲŵϮ aŶd Pϲϯ/ŵŵĐ stƌuĐtuƌes as a fuŶĐtioŶ of pƌessuƌe. 

 

Previous studies proposed that the P6/mmm structure is a universal ground-state structure for 

all Mσ2 compounds at low pressures (M = τs, Ir, Ru, and Rh),220 a statement that could not be 

applied for the Moσ2 system. σevertheless, Moσ2 adopts the same tetragonal P4/mbm structure 

proposed for these nitrides at high pressures, and it can be obtained through the phase 

transformation via the marcasite structure. Starting from ambient pressure, the σiAs-type 

P63/mmc structure remains competitive up to κ2 GPa. Above, we found the tetragonal P4/mbm 
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structure as a ground state (Figure 4.8). The calculated phonon spectrum of the predicted P4/mbm 

Moσ2 confirms its dynamical stability. The crystal structure of P4/mbm Moσ2 is shown in Figure 

4.9. The P4/mbm phase contains Moσκ edge-sharing cuboids stacking along the c axis with a 

Mo-σ bond length of 2.091 Å at 100 GPa. Here we have σ2 dumbbells encapsulated in the 

slightly elongated Moκ cube. The σ-σ bond length is calculated at 1.324 Å at 100 GPa and 1.369 

Å at atmospheric pressure, a value close to the one discovered in the P63/mmc structure (1.3ιι Å 

at 0 GPa). Thus, the singly bonded σ2 unit remains and the P4/mbm phase is also a pernitride 

structure. 

 

 

Figure ϰ.ϵ ;aͿ CƌǇstal stƌuĐtuƌe of Pϰ/ŵďŵ MoNϮ at ϭϬϬ GPa. ;ďͿ JahŶ-Telleƌ eloŶgatioŶ of the MoNϴ Đuďoids. ;ĐͿ 

BaŶd stƌuĐtuƌe aŶd DO“ of Pϰ/ŵďŵ MoNϮ at ϭϬϬ GPa. ;dͿ A sĐheŵatiĐ eǆplaŶatioŶ of the ĐƌǇstal field splittiŶg of 

the dMo oƌďital. 

 

The structural features of the P4/mbm Moσ2 are mirrored in the electronic properties, shown 

in Figure 4.9. As DτS in the pernitride P63/mmc phase, σ2 states are clearly identified in P4/mbm 

DτS: 1ıg around -22 eV, 1ıu
* at -14 eV, 1πu levels between -ι and -11 eV, 2ıg between -5 and -

ι eV, and the fully occupied 1πg
* located above the Fermi level. Consequently, for electron 

counting purposes, the dinitrogen unit should be formally considered as σ2
4-, a pernitride unit 

isoelectronic to F2 molecules. Its electronic ground-state configuration is 
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(1ıg)2(1ıu
*)2(1πu)4(2ıg)2(1πg

*)4 for 14 valence electrons, and its bond order is one (Figure 4.4). 

σote that the discrete σ2 units point directly toward the square faces of the eight-coordinate 

polyhedra of the molybdenum atoms (Mo-σ bonding length is 2.091 Å at 100 GPa) and are 

perpendicular to each other in order to minimize the steric repulsion between the nitrogen ı-lone 

pairs (Pauli repulsions). Formally, this leaves the molybdenum atoms of Moσ2 in a d2 

configuration (Mo4+). In a cubic crystal field, the five d orbitals split into doubly degenerate levels, 

e(dz
2, dx

2
-y

2) and triply degenerate ones, t2(dxy, dxz, dyz), leading to half-filled e levels. 

This degenerate electronic configuration e2 is Jahn-Teller unstable: the cubic Moσκ 

complexes should undergo a geometric distortion to remove this degeneracy. Effectively, a weak 

Jahn-Teller effect is observed in the P4/mbm phase (Figure 4.9b) with the σ-σ distances in 

tetragonal Moσκ units 2.330 and 2.59ι Å at 100 GPa. As the Jahn-Teller effect is very weak for 

a low-spin d2 configuration, a small dz
2/dx

2
-y

2 splitting occurs (Figure 4.9d). σevertheless, the 

tetragonal P4/mbm phase is expected to be a metal due to the overlap of the filled dz
2 and unfilled 

dx
2

-y
2 bands, as confirmed by the calculated DτS (Figure 4.9c). Moreover, the covalent nature of 

the bonding is manifested by the significant penetration of the metal d levels into the nitrogen p 

block, and the Mo-σ bonding states are all fully occupied while the antibonding ones are 

unoccupied. This electronic situation explains well the stability of ground-state P4/mbm under 

high pressure. 

 

4.3.4 Mechanical properties 

The mechanical properties of the Moσ2 structures were further studied. The elastic constants 

Cij, bulk modulus B, shear modulus G, and Young’s modulus E were calculated. We noticed that 

the calculated elastic constants of P63/mmc and P4/mbm structures satisfy the mechanical 

stability criteria.223 Furthermore, P63/mmc Moσ2 possesses a remarkably high C33 value (952 

GPa) which is comparable to diamond (C33 = 10ι9 GPa),224 revealing its extremely high stiffness 

along the c axis, which could be well understood by the strong directional Mo-σ and σ-σ 

covalent bonds along the c axis. τn the basis of the Voigt-Reuss-Hill (VRH) approximation,225,226 

the calculated B and G of P63/mmc Moσ2 are 33κ and 206 GPa, respectively, comparable to τsσ2 
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(B = 353 GPa and G = 222 GPa) and Irσ2 (B = 333 GPa and G = 205 GPa).21ι The high-pressure 

P4/mbm structure has a comparable bulk modulus (B = 345 GPa) but exhibits a much larger shear 

modulus (G = 251 GPa) than τsσ2 and Irσ2. 

Figure 4.10 illustrates the directional dependence of Young’s modulus for the two novel 

Moσ2 structures. The degree of deviation of its shape from spherical indicates the degree of 

anisotropy. From Figure 4.10, one can find that the P63/mmc structure is much more anisotropic 

than the P4/mbm structure, due to the σ-Mo-σ sandwich stacking and strong directional Mo-σ 

and σ-σ covalent bonds along the c direction (large C33). For tetragonal P4/mbm Moσ2, the 

comparable C11, C22, and C33 make Young’s modulus more isotropic, consistent with the atomic 

arrangements in the two novel structures. Moreover, the Poisson’s ratios υ for P63/mmc and 

P4/mbm structures are 0.24ι and 0.20ι, respectively, close to 0.2. A low Poisson’s ratio results 

from directional bonds, which increases the shear modulus and limits the motion of dislocations, 

thereby increasing the material’s hardness. The theoretical Vickers hardness Hv was estimated by 

using Chen’s model,22ι Hv = 2(ț2G)0.5κ5-3. The estimated hardness values for P63/mmc and 

P4/mbm structures are 22.3 and 32 GPa, respectively, making them potentially interesting for 

applications as hard coating materials. 

 

 

Figure ϰ.ϭϬ DiƌeĐtioŶal depeŶdeŶĐe of YouŶg’s ŵodulus foƌ MoNϮ at aŵďieŶt pƌessuƌe: ;aͿ Pϲϯ/ŵŵĐ; ;ďͿ Pϰ/ŵďŵ. 
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4.3.5 Conclusion 

In summary, we have found that the experimentally proposed MoS2-type Moσ2 structure is 

unstable, as indicated by the negative C44 value, imaginary phonon frequencies, and positive 

enthalpy of formation based on first-principles calculations. By using the evolutionary 

methodology USPEX for crystal structure prediction, we have extensively explored the 

potentially stable structures of Moσ2 in the pressure range 0-100 GPa. Two energetically more 

stable pernitride phases were discovered. Enthalpy calculations demonstrate that the hexagonal 

P63/mmc Moσ2 will transform into a tetragonal P4/mbm structure above κ2 GPa. The P63/mmc 

phase is a narrow-gap semiconductor, while the high-pressure P4/mbm structure is metallic. Both 

pernitride Moσ2 structures are mechanically and dynamically stable. The atmospheric ground-

state structure has a high bulk modulus (B = 33κ GPa) and shear modulus (G = 206 GPa), and is 

predicted to be a hard material. Further chemical bonding analyses reveal that the two Moσ2 

structures incorporate a tetravalent metal (Mo4+, d2) and a σ2
4- species with a covalent σ-σ single 

bond. 
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4.4 Zr-N compounds 

According to the phase diagram provided by Gribaudo et al.210, Zrσ and Zr3σ4 can be stable 

at ambient conditions. In 2003, c-Zr3σ4 with a Th3P4 structure was synthesized by Zerr et al.201 

using diamond-anvil cell experiments at 16 GPa and 2500 K. This compound was expected to 

exhibit a very high Vickers hardness around 30 GPa, similar to that of Ȗ-Si3σ4. However, Kroll 

showed that hardness is just slightly harder than 14 GPa.209 Besides c-Zr3σ4, an orthorhombic 

Pnma modification of Zr3σ4 has been proposed. First-principles calculations show that o-Zr3σ4 

are energetically more stable than c-Zr3σ4. However, both structures are metastable considering 

decomposition into Zrσ and σ2. Besides, two nitrogen-rich phases Zrσx (1.06 < x < 1.23) with 

σaCl-type structures was claimed by Juza et al.206 in 1964. However, precise stoichiometries and 

crystal structures are not known for their synthesized samples. Here, we apply recently developed 

evolutionary algorithm USPEX to extensively explore the crystal structures and stoichiometries 

in the Zr-σ system at ambient conditions, and then their phase stability at finite temperatures are 

evaluated.  

 

4.4.1 Phase stability of the Zr-N system at finite temperatures 

Thermodynamic stability of zirconium nitrides in the temperature range of 0-2000 K was 

quantified by constructing the thermodynamic convex hull, which is defined as the Gibbs free 

energy of formation of the most stable phases at each composition: 

ΔG(Zrxσy) = [G(Zrxσy) - xG(Zr) - yG(σ)]/(x + y) 

Any phase located on the convex hull is considered to be thermodynamically stable (at T = 

0 K, G = H) and at least in principle synthesizable.210 In the case of zirconium nitrides, a series 

of stable compounds at various Zr:σ ratios, i.e., 2:1, 4:3, 6:5, κ:ι, 1:1, 15:16, ι:κ, 4:5 have been 

discovered by our evolutionary searches at 0 K, shown in Figure 4.11. The rocksalt Zrσ with 

space group (SG) Fm-3m was found to have the lowest enthalpy of formation. Besides Zrσ, 

substoichiometric Zr2σ (SG: P42/mnm), Zr4σ3 (SG: C2/m), Zr6σ5 (SG: C2/m) and Zrκσι (SG: 

C2/m) have also been found to be thermodynamically stable. For the missing composition Zr3σ2, 
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the lowest-energy structure is Immm with the enthalpy of formation lying very close to the convex 

hull at only 0.005 eV per atom, i.e., Zr3σ2 is a metastable phase at 0 K. 

 

 

Figure ϰ.ϭϭ CoŶǀeǆ hulls of the )ƌ-N sǇsteŵ iŶ the teŵpeƌatuƌe ƌaŶge of Ϭ-ϮϬϬϬ K at aŵďieŶt pƌessuƌe. The solid 

sƋuaƌes ƌepƌeseŶt staďle stƌuĐtuƌes, ǁhile opeŶ oŶes deŶote ŵetastaďle stƌuĐtuƌes. The solid Pϲϯ/ŵŵĐ phase of )ƌ, 

α-NϮ ;T = Ϭ KͿ aŶd NϮ gas ;T ш ϯϬϬ KͿ ǁeƌe adopted as ƌefeƌeŶĐe states.  

 

Additionally, Juza et al. in 1964 have discovered two nitrogen-rich phases with rocksalt 

structures. Unfortunately, detailed stoichiometries and crystallographic information were not 

determined. From our evolutionary searches, we found these two compounds could be Zr15σ16 (x 

= 1.0ι, SG: P-1) and Zr4σ5 (x = 1.25, SG: C2/m). Their structures are composed of edge-sharing 

Zrσ6 and □σ6 (□ means Zr vacancy) octahedra, similar to the rocksalt Zrσ structure. To the best 

of our knowledge, such nitrogen-rich nitrides have never been reported in other TM-σ systems. 

For Zr3σ4, the most stable structure has the orthorhombic Pnma symmetry,22κ which is 

energetically more favorable than the Th3P4-type structure by 0.019 eV per atom at 0 GPa and 0 

K. We found it is thermodynamically metastable considering decomposition into Zrσ and σ2 at 

ambient conditions. First-principles calculation shows that o-Zr3σ4 will transform into c-Zr3σ4 

at 2 GPa. 
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We have carefully calculated the temperature contribution to the phase stability of the new 

discovered zirconium nitrides from 0 K to 2000 K within the quasiharmonic approximation, as 

shown in Figure 4.11. σote that for each stoichiometry, the space group/structure found at 0 K is 

kept at higher temperatures. The free energies of formation increase with increasing temperatures 

for all phases but at different rates, yielding a convex hull which changes with temperature. τur 

results show that Zr2σ, Zrκσι, Zrσ and Zr15σ16 will not lose their stability in the whole studied 

temperature range. The unstable Zr3σ2 at 0 K will become stable at temperatures higher than 900 

K, while for Zr4σ3, Zr6σ5, Zrισκ and Zr4σ5, the temperature contributions have a negative effect 

on their structural stability. For example, the formation enthalpy of reaction  

2Zr4σ5 (s) = κZrσ (s) + σ2 (g) 

will become negative above 300 K, which means Zr4σ5 should decompose into Zrσ and σ2 

gas at roughly room temperature if associated kinetic barrier allows this process, perfectly 

consistent with the results of Juza et al.206 

Crystal structures of the representative zirconium-rich Zr6σ5 and nitrogen-rich Zr4σ5 are 

schematically shown in Figure 4.1β. σo imaginary phonon frequencies are found, indicating their 

dynamical stability. The computed lattice parameters for Zrσ and Zr3σ4 are in good agreement 

with those obtained from other theoretical and experimental investigations, which confirms the 

accuracy of our calculations. From the structural point of view, Zrσ has the ideal cubic rocksalt 

structure, while Zrn+1σn (n = 2, 3, 5, ι) and Zrmσm+1 (m = 4, ι, 15) are versions of the rocksalt 

structure with ordered nitrogen or zirconium vacancies (Zr2σ has rutile-type structure).  

In the structures of Zr-rich phases, the metal atoms form hexagonal close-packed (hcp) 

sublattices with σ atoms filled in the octahedral voids, thus each σ atom is coordinated by six Zr 

atoms, forming σZr6 octahedra. However, the concentration of filled octahedral voids in various 

Zrn+1σn structures is different. Two thirds of them are filled in Zr3σ2; while seven eighths in Zrκσι. 

Similar nitrogen vacancy-ordered structures were also reported earlier to be stable for transition 

metal carbides Mn+1Cn (M = Hf and n = 2, 5;229 M = Zr and n = 1, 2, 3, 6;229 M = Ti and n = 1, 2, 

5)230 and nitrides Mn+1σn (M = Ti and n = 1, 2, 3, 5).231 For σ-rich phases, one eighth of the metal 

atoms are replaced with vacancies in Zrισκ, while one fifth in Zr4σ5. 
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Figure ϰ.ϭϮ CƌǇstal stƌuĐtuƌes of the ƌepƌeseŶtatiǀe ;aͿ )ƌϲNϱ aŶd ;ďͿ )ƌϰNϱ ĐoŵpouŶds.  

 

The formation of such σ-rich phases could be attributed to the enhanced stability of the +4 

oxidation state of Zr and Hf compared to Ti due to the relativistic effects, leading to the 

coexistence of +3 in Mσ and +4 in M3σ4, while in the Ti-σ system, Tiσ has the highest nitrogen 

content under normal conditions. In the structures of Zr3σ4, the hcp metal framework of the 

rocksalt structure is significantly distorted. For o-Zr3σ4, there are three nonequivalent types of Zr 

atoms, one of them is octahedrally coordinated to six σ atoms, one resides at the center of a 

trigonal prism, and the last one is located inside of a heavily distorted octahedron. Thus, the 

second and third nonequivalent Zr atoms are sevenfold coordinated, while in c-Zr3σ4, each Zr 

atom is coordinated to eight σ atoms. 

 

4.4.2 Electronic properties and chemical bonding 

We calculated the electronic properties (density of states, DτS, See Figure 4.1γ) of 

zirconium nitrides at ambient conditions in order to study their chemical bonding. Let us start 

first with Zr3σ4 and then discuss the effect of zirconium or nitrogen vacancies on the electronic 

properties of rocksalt based-structures. In DτS of o-Zr3σ4 displayed in Figure 4.1γa, three main 

regions may be described with three kinds of molecular orbital overlaps: nonbonding, bonding 
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and antibonding.231 Firstly, a rather sharp peak at roughly -13 eV appears and it is mainly of σ(2s) 

character although with some Zr(4d) character. This sharp peak reflects the localized character of 

the nonbonding σ(2s)-based levels; secondly, from -6 eV to 4 eV, a very broad structure with two 

well-defined main peaks originates from mixing of Zr(4d) and σ(2p) orbitals. The lower peak 

corresponds to the bonding states, and the antibonding counterparts appear just above the Fermi 

level. These bonding and antibonding peaks exhibit a clear mixing of metal 4d and nitrogen 2p 

states, although the latter has a stronger Zr(4d) character. In o-Zr3σ4, the gap separates bonding 

and antibonding states, thus Zr3σ4 is a semiconductor and possesses a remarkable stability. Its 

calculated band gap (0.6κ eV) is consistent with previous theoretical results.209,232 These findings 

are understandable if one considers the following Zintl picture: Zr is in a formal oxidation state 

of +4 (Zr4+, d0), and σ3- follows the octet rule.  

For the well-known stoichiometric rocksalt Zrxσy, we will first briefly discuss their 

electronic properties, then analyze the electronic perturbation due to the creation of nitrogen or 

zirconium vacancies - empty octahedral sites in the fcc network - leading to symmetry-broken 

Zrn+1σn and Zrmσm+1 structures. Similarly to o-Zr3σ4, DτS of Zrxσy phases can be decomposed 

into three well-separated energy regions as shown in Figure 4.1γ, but here no gap separates the 

valence and conducting bands: (1) a deep lowest valence band, sσ; (2) hybridized Zr(4d)/σ(2p) 

band, dMpσ; (3) a partially filled higher-energy Zr(4d) band, dM. The sσ band is dominated by the 

2s orbitals of the nitrogen atoms and is nonbonding. The next group of valence bands, dMpσ, 

results from strong hybridization of the 4d states of zirconium atoms with 2p states of nitrogen 

atoms. Also, one may see that for Zrxσy the bottom of the dM band, dominated by 4d orbitals of 

zirconium atoms, responsible for metallicity. 

When nitrogen vacancies are created in substoichiometric Zrn+1σn (n = 1, 2, 3, 5 and ι), 

notice that obviously the formal oxidation state of Zr decreases as the number of nitrogen 

vacancies increases, going from Zr3+ d1 in Zrσ to Zr1.5+ d2.5 in Zr2σ. Therefore, one may expect 

the occupation of the Zr 4d levels in substoichiometric Zrn+1σn compounds. This is what happens: 

Zr-Zr bonding and nonbonding (slightly antibonding) Zr-σ levels appear just below the Fermi 

level, mainly metal 4d in character (See Figure 4.1γd). In Zrn+1σn, Zr atoms are no longer all in 

the Mσ6 octahedral environment; some of them are in Mσ5 square pyramidal configurations. 
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Therefore, one may expect the stabilization of antibonding Zr-σ levels when going from formally 

octahedral Zrσ6 to square pyramidal Zrσ5 environment due to the lack of a Zr(4d)-σ(2p) 

antibonding component. The occupation of these Zr-σ nonbonding levels may explain the 

mechanical properties of these substoichiometric Zrn+1σn compounds. 

 

 

Figure ϰ.ϭϯ The ĐalĐulated eleĐtƌoŶiĐ deŶsitǇ of states of ;aͿ o-)ƌϯNϰ, ;ďͿ )ƌN aŶd ;ĐͿ )ƌϮN. ;dͿ CƌǇstal oƌďital HaŵiltoŶ 

populatioŶ ;-COHPͿ Đuƌǀes of )ƌϮN.  

 

Figure 4.1γc displays the total and projected DτS of Zr2σ, but also the projected d states of 

a hypothetical Zrσ structure within the Zr2σ structure (all σ vacancies are filled in the so-called 

perfect structure). τne can see that nitrogen vacancies give rise to additional states just below the 

Fermi level compared to its corresponding perfect structure, which originates from the Zr-Zr 

bonds passing through a nitrogen vacancy site. Such “vacancy states” usually lead to a drastic 

increase in the density of states at the Fermi level (0.0ι6 in Zrσ; 0.090 in Zr6σ5; 0.112 in Zr2σ, 

states per eV per electron). The increasing density of the d state at the Fermi level can be 

interpreted as an increase in the Zr(4dı)-Zr(4dı) bonding or metallic bonds between the zirconium 

atoms. 
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4.4.3 Conclusion 

By using the variable-composition ab initio evolutionary algorithm USPEX, we explored 

stable and metastable compounds in the Zr-σ system at ambient pressure. τur calculations 

revealed that Zrσ, Zr2σ, Zr4σ3, Zr6σ5, Zrκσι, Zr15σ16, Zrισκ and Zr4σ5 are thermodynamically 

stable compounds at low temperatures, while Zr3σ2 is marginally metastable and could be stable 

at high temperatures. Particularly, we found the two controversial compounds discovered by Juza 

et al. could be Zr15σ16 and Zr4σ5. The newly discovered compounds have defective rocksalt 

structures with ordered nitrogen or zirconium vacancies. Besides, we found hardness of bulk 

Zr3σ4 is below 15 GPa. 
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5. Silica-like compounds under pressure: GaPO4 and 
SiS2 
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5.1 Pressure-induced transitions in GaPO4 

The discovery of the pressure-induced amorphization of α-quartz at pressures above 15 

GPa233 generated a great deal of interest in the origin of this phenomenon, which has been the 

subject of numerous experimental and theoretical studies. Amorphous material has also been 

reported to be present in addition to high-pressure crystalline phases,234 which highlights the 

competition between transitions to crystalline and amorphous forms235 and the different transition 

pathways available at high pressure, many involving metastable states. α-quartz homeotypes 

(Geτ2, BeF2, Pτσ, ABτ4: A = B, Al, Ga, Fe; B = P, As) provide models for the high-pressure 

behavior of silica and are also potential new materials with improved properties (e.g., 

piezoelectrics).236 Starting from the α-quartz- or α-berlinite-type structure (space group P3121, Z 

= 3) for Aτ2 or ABτ4 compounds, respectively, transitions to amorphous and/or crystalline 

phases have been reported for various α-quartz homeotypes.236,23ι In the case of FePτ4,23κ for 

example, simultaneous transitions to a CrVτ4 structure and an amorphous form were observed 

at 2.5 GPa. This CrVτ4 structure with mixed 6:4 cation coordination is also the stable high-

pressure form for AlPτ4 and GaPτ4;23κ–240 however, thermal activation is often necessary to 

obtain this form. The CrVτ4-type form is also obtained at room temperature from α-cristobalite-

type GaPτ4;241 however, the behavior at ambient temperature starting with the α-berlinite-type 

form is less clear with the materials obtained at high pressure not always being well 

crystallized.242–245 Several solid solutions exist between α-quartz homeotypes. In the case of the 

AlPτ4-GaPτ4, an x-ray diffraction study indicated that there is complete static Al/Ga disorder, 

which may open the way to design materials with tunable piezoelectric properties.246–24κ Up to 

the present, it is not known what influence preexistent static disorder has on the competition 

between transitions to crystalline or amorphous high-pressure phases.  

Therefore, in this work, we cooperated with the experimental group and indicated, in addition 

to the presence of a CrVτ4-type phase, the formation of a new, unidentified, poorly crystallized 

phase in the Ga-rich region of the AlPτ4-GaPτ4 solid solution.249 The combined use of x-ray 

absorption spectroscopy (XAS) and x-ray diffraction (XRD) as a function of pressure and 

temperature along with Raman scattering and first-principles calculations in the present study has 
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enabled us to better understand the competition between this new phase and other crystalline or 

amorphous forms. The detail of experiments can be found in the appendix. 

 

5.1.1 Computational details 

To identify the (meta)stable structures in the GaPτ4 system, we have employed the first-

principles evolutionary structure prediction method USPEX. κ,13,30 It searches for the global 

minimum of free energy of the crystal concerning its structural parameters. At a given pressure 

(P = 5 and 20 GPa), a fixed stoichiometry crystal structure search is performed using up to 4 

formula units per primitive unit cell. The first generation had κ0 randomly produced candidate 

structures; all subsequent generations contained 60 structures. Evolutionary variation operators 

were applied to search for the global energy minimum; 50% of the new structures were produced 

by heredity, with the remaining structures were produced by atomic mutation (10%), lattice 

mutation (10%), permutation (10%), and random generator (20%). Density functional total 

energy calculations and geometry optimizations were performed using the VASP program4κ with 

the Perdew-Burke-Ernzerhof parametrization of the generalized gradient approximation 

(GGA/PBE).41 We used projector-augmented wave (PAW) potentials49 for Ga (Ga_d), P, and τ 

with radii 2.3 a.u. for Ga ([Ar] core), 1.9 a.u. for P ([σe] core), and 1.52 a.u. for τ ([He] core). A 

plane-wave basis set with a kinetic energy cutoff of 520 eV was employed. We used uniform Γ-

centered meshes with a reciprocal space resolution of 2π × 0.06 Å-1 for Brillouin zone sampling 

to ensure the error bars of the total energies were less than 1 meV/atom. Structure relaxations 

proceeded until all forces on atoms were less than 1meV/Å and the total stress tensor had 

deviations from target pressure within 0.01 GPa. 
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5.1.2 Results and discussions 

5.1.2.1 Compression of the α-berlinite-type phase and high-pressure phase transition 

From the experiment of view, the initial compression behavior of the α-berlinite-type phase 

(P3121) was in good agreement with previous work.249 Beginning at between 9 and 12 GPa, new 

diffraction features were observed (Figure 5.1). A new crystalline phase was obtained, which was 

characterized by broad diffraction lines with a highly inhomogeneous intensity distribution in the 

2D diffraction images indicating poor crystallinity and strongly preferred orientation effects. This 

renders structural determination difficult. The most prominent diffraction lines of this phase at 21 

GPa and are distinct from those expected for an orthorhombic CrVτ4-type structure. However, 

above 20 GPa, some very weak diffraction lines at positions where those of an orthorhombic 

CrVτ4-type form could be expected were observed. This phase remained at an impurity level 

concerning the new unidentified phase even after heating to 340 ℃ at 25 GPa. Upon pressure 

release, the sample retransformed to the α-berlinite-type phase. To determine the effect of 

temperature on the competition between these two structures GaPτ4 was studied isothermally at 

320 ℃ up to 32 GPa. σew diffraction features appeared beginning near 9 GPa, which is slightly 

lower than in previous ambient-temperature studies. Again, the data exhibited poor crystallinity 

and strong preferred orientation. However, in contrast to Al0.3Ga0.ιPτ4, strong diffraction features 

corresponding to the orthorhombic CrVτ4-type form were observed in addition to the principal 

lines of the new unidentified phase observed for the solid solution. The unit cell of the CrVτ4-

type form at 32GPa and 320 ℃ was refined, and the following values obtained: space group 

Cmcm, a = 5.15ι(1ι) Å, b = ι.030(14) Å, c = 5.6κ0(12) Å. This is consistent with previous 

measurements on this phase.240,241,250 The pressure was decreased to 15 GPa at 320 ℃ and then 

final decompression was performed at ambient temperature. τn pressure release, a mixture of the 

berlinite-type and these two high-pressure phases was retained. 
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phases. The increase in Ga-τ bond length, by about ι% due to the increase in coordination 

number of gallium from 4 to 6 is consistent with previous work on GaAsτ4 at high pressure.23ι,244 

 

5.1.2.2 First-principles evolutionary crystal structure prediction 

We used the evolutionary algorithm USPEX to investigate candidates for high-pressure 

(meta)stable structures of gallium orthophosphate (GaPτ4). We performed fully unconstrained 

variable-cell USPEX simulations at 5 and 20 GPa, using no experimental information such as 

lattice parameters, space group symmetry, etc. Among the predicted structures at 5 and 20 GPa, 

the structures with the lowest enthalpies are used to investigate their relative stability as a function 

of pressure (See Figure 5.β). Lattice constants and structural parameters of the most interesting 

candidate structures are given in the Appendix.  

 

Taďle ϱ.ϭ LattiĐe paƌaŵeteƌs of CŵĐŵ phase at ϯϮ GPa. 

 

Pƌessuƌe “ouƌĐe LattiĐe paƌaŵeteƌs 

ϯϮ GPa U“PEX 
a =ϱ.ϭϬϰ, ď = ϳ.ϭϯϮ, Đ = ϱ.ϳϵϮ 

α = β = γ = ϵϬ° 

ϯϮ GPa EǆpeƌiŵeŶt 
a =ϱ.ϭϱϳ, ď = ϳ.ϬϯϬ, Đ = ϱ.ϲϴϬ 

α = β = γ = ϵϬ° 

 

σote that the calculated lattice constant of the CrVτ4-type Cmcm phase at 32 GPa (T = 0 K) 

is in excellent agreement with the experimental value (T = 593 K), which gives a benchmark of 

the typical accuracy to expect of density functional theory (DFT) simulations for this system (See 

Table 5.1).   
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Figure ϱ.Ϯ “tatiĐ gƌouŶd-state eŶthalpies ;peƌ atoŵͿ of ǀaƌious GaPOϰ stƌuĐtuƌes ƌelatiǀe to the CƌVOϰ-tǇpe CŵĐŵ 

phase as a fuŶĐtioŶ of pƌessuƌe. “tƌuĐtuƌes ĐoŶtaiŶ ϰ-ĐooƌdiŶated ;dashed liŶeͿ oƌ ϲ-ĐooƌdiŶated Ga atoŵs ;solid 

liŶesͿ.  

 

τur theoretical study indicates that the CrVτ4-type form of GaPτ4 (space group Cmcm) has 

the lowest enthalpy (G = H at T = 0 K) from roughly 5 to at least 20 GPa. At 5 GPa, we note a 

tiny enthalpy difference between orthorhombic Cmcm and α-berlinite-type P3121 phases. τur 

calculated phase transition pressure from P3121 to Cmcm is 4.ι GPa at T = 0 K, but one has to be 

reminded that the possibility of a large kinetic barrier for the α-berlinite-type P3121 phase to 

Cmcm phase transformation has to be considered. Even if the Cmcm phase is calculated to be 

ground state at 5 GPa, higher pressure and/or thermal activation may be needed to reach it. As 

shown in Figure 5.β, the α-berlinite-type phase P3121 becomes thermodynamically unstable 

relative to all proposed low-enthalpy structures when external pressure is higher than roughly 12 

GPa. Recall that the P3121 phase contains 4-fold coordinated Ga atoms (Gaτ4 units) while the 

other predicted structures possess octahedral Gaτ6 units. The Pτ4 tetrahedra remain unaltered 

from 4 to 20 GPa, in agreement with the well-known rigidity of these Pτ4 units. As we are looking 

for metastable phases at high pressure, we focus our attention on the low-enthalpy structures 

located on the potential energy surface of GaPτ4 at 20 GPa. At 20 GPa, the second lowest 

structure is P-1, located at +9 meV/atom (+20 meV/atom at 10 GPa) from Cmcm. This phase 

becomes lower in energy than Cmcm above 30 GPa. This P-1 structure consists of stacked infinite 
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chains of edge-sharing distorted Gaτ6 octahedra and the linkage between Gaτ6-based chains is 

made by Pτ4 tetrahedra (See Figure 5.3).  

 

 

Figure ϱ.ϯ P-ϭ GaPOϰ ĐƌǇstal stƌuĐtuƌe aŶd GaOϲ-ďased ĐhaiŶs iŶ P-ϭ phase at ϮϬ GPa. 

 

;aͿ  ;ďͿ  ;ĐͿ  

Figure ϱ.ϰ GaOϲ ďased ŵotifs eŶĐouŶteƌed iŶ Đoŵputed loǁ-eŶthalpǇ stƌuĐtuƌes of GaPOϰ at ϮϬ GPa. ;aͿ edge-

shaƌiŶg, ;ďͿ liŶked paiƌs of edge-shaƌiŶg, aŶd ;ĐͿ laǇeƌ of ĐoƌŶeƌ-shaƌiŶg GaOϲ oĐtahedƌa. 

 

At 20 GPa, four other low-enthalpy structures are located in the energy range from +32 to 

+43 meV/atom to the ground state Cmcm, namely Pmn21, C2/m, Imma, and C2 structures. As 

previously mentioned, all of them contain 6-fold coordinated gallium and 4-fold coordinated 

phosphorus atoms. These structures mainly differ by the connectivity of the Gaτ6 octahedral 

building units (See Figure 5.4). Cmcm, C2/m, and Imma structures are built up of chains of edge-

sharing Gaτ6 octahedra. P-1 and C2 Ga-τ networks contain linked pairs of edge-sharing Gaτ6 

octahedra which form infinite chains. Finally, layers of corner-sharing Gaτ6 octahedra are present 

in Pmn21 structure. τur evolutionary crystal structure searches lead to four competitive 

metastable structures for GaPτ4 at 20 GPa. In the next section, we will turn our discussion to the 

comparison of theoretical x-ray diffraction patterns obtained from our in silica high-pressure 

metastable crystal structures with experimental XRD results. 
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structure is built up of layers of corner-sharing Gaτ6 octahedra in the yz plane linked by Pτ4 

tetrahedra with one shared edge between tetrahedra and octahedra in the a direction. This is very 

different from the Cmcm structure, which is built up of chains of edge-sharing Gaτ6 octahedra in 

the c direction linked by corner-sharing by Pτ4 tetrahedra in the other directions. It can be noted 

that in the low-pressure α-berlinite-type structure all tetrahedra share corners. The stable high-

pressure phase with the CrVτ4 structure is obtained on heating at high pressure from berlinite-

type GaPτ4. In contrast, α-cristobalite GaPτ4, which is based on a cubic close-packed oxygen 

sublattice, can transform to the CrVτ4 phase at ambient temperature via a displacive mechanism. 

The present results show that starting from the berlinite-type phase, a new orthorhombic Pmn21 

structure is obtained at high pressure and ambient temperature or with moderate heating. This 

transition can be expected to be less reconstructive than the berlinite-CrVτ4 transition. This is 

similar to what occurs in α-quartz, where at ambient temperature transitions occur to metastable 

monoclinic P21/c and P2/c phases via diffusion less pathways. As the phase is metastable, its 

presence in a given experiment will depend on time (transition kinetics), temperature (in the 

absence of enough thermal activation to obtain the stable high-pressure form), and nonhydrostatic 

stress, which could favor certain energetic pathways. 

 

5.1.3 Conclusion 

A combination of experiment and first-principles calculations was used to investigate the 

high-pressure phase transitions in GaPτ4 and the AlPτ4-GaPτ4 solid solution. X-ray absorption 

and Raman spectroscopy are consistent with an increase in the coordination number of Ga to 6 

with the phosphorus remaining in 4-fold coordination. Raman spectroscopy and x-ray diffraction 

provide evidence for a new metastable high-pressure phase in addition to the stable CrVτ4-type 

form. In the case of the solid solution, the sample consisted essentially of the new metastable 

phase, indicating that cation disorder or the smaller cation size of aluminum are favorable factors 

for its metastability. First-principles calculations and the evolutionary algorithm USPEX were 

used to predict possible high-pressure structures in this system. The experimental data were 

consistent with one predicted metastable orthorhombic structure, space group Pmn21. This 
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structure is found to be present at ambient temperature and after heating at moderate temperatures 

up to 320-340 ℃ indicating the presence of a non-negligible activation energy for a reconstructive 

phase transition to the stable CrVτ4-type form. This can be understood by the major difference 

between the structures of the CrVτ4-type form based on chains of edge-sharing Gaτ6 octahedra 

and the orthorhombic Pmn21 structure built up of layers of corner-sharing Gaτ6 octahedra. 
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5.2 From 4- to 8-coordinated silicon atoms in solid-state SiS2 under 

pressure 

At ambiant conditions, the 16-valence electron triatomic species have different ground-state 

covalent structures. Examples are given in Scheme 5.1.  

 

SĐheŵe ϱ.ϭ ϭϲ ǀaleŶĐe eleĐtƌoŶ tƌiatoŵiĐ ABϮ sǇsteŵs. CN, ĐooƌdiŶatioŶ Ŷuŵďeƌ ; ϬD, ŵoleĐulaƌ; ϭD polǇŵeƌiĐ; 

aŶd ϯD eǆteŶded sǇsteŵs. 

 

Cτ2 is a molecular (0 D) linear structure with 2-coordinated C atoms, while Siτ2 is a solid-

state compound with an extended three-dimensional Si-τ net containing four-coordinated silicon 

centers. Besides these two compounds, others structural properties have been experimentally 

observed and predicted in 16-ve AB2. In 2000, Frapper and Saillard proposed a polymeric form 

of Cτ2, isostructural to 1D CS2 as well as other molecular and extended polymorphs of carbon 

dioxide and carbon disulfide.64 Following this work, and others, we studied silicon disulfide SiS2 

under high pressure. We expect that such a compound may have new and original structures under 

pressure, with high Si and S coordination numbers, due to their atomic size (Cσ > 4).  

In autumn 2015, we started to develop the CSP of SiS2 under pressure using evolutionary 

technics and DFT calculations. A σorthwestern Polytechnical University (σPU) exchange 
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program student has been trained in this research field under the direction of G. Frapper and under 

my supervision. Mr. Shipeng Gong wrote a training research report in April 2016 on our 

preliminary results. Then, in σovember 2016, while we were writing our SiS2 manuscrit, 

Plašienka, Mortonak and Tosatti259 published an article entitled “Creating new layered structures 

at high pressures: SiSβ”. They presented predictive ab initio calculations combined with an 

evolutionary structure search (UPSEX code) of SiS2 up to 100 GPa. And, of course, all of their 

predicted phases are identical with ours. Thus, we decided here to focus our discussion on results 

of high pressure SiS2 phases from 100 to 500 GPa.    

In 1935, the ambient pressure (σP) phase of silicon disulfide had been reported by Zintl and 

Loosen and Büssem et al.253,254 σP-SiS2 structure presents 1-dimensional infinite chains which 

interact via weak van der Waals forces (orthorhombic Ibam space group, Z=4 ).255,256 Each 

extended SiS2 chain consists of distorted, edge-sharing SiS4 tetrahedra that run in the same 

direction, as displayed in Figure 5.8. This “covalent” topology is encountered in isoelectronic 

BeCl2 phase shown in Scheme 5.1.   

In 1965, Silverman et al.25ι reported the first high pressure phase HP3 at 6.0-6.5 GPa and 

114κ-15ι3 K (tetragonal space group I-42d , Z = 4). This experimental crystal structure is shown 

in Figure 5.8. It consists of distorted, corner-sharing SiS4 tetrahedra. This HP polypmorph is 

similar to that of silica-like 3D phases with a silicon coordination number of 4 and is quenchable 

at ambient conditions.  

Forty years later, two novel high-pressure phases have been characterized by Evers, 

Schnöckel and co-workers.25κ These structures are claimed to be the “missing links between the 

extremes of only edge-sharing and only corner-sharing tetrahedra”. A monoclinic P21/c-I phase 

emerges at 2.κ GPa as the ground state phase. This structure may be viewed as the interconnection 

of polymeric tetrahedral SiS4/2 chains through Si-S bonds. Here, a 2D layer is formed and silicon 

is four-coordinated. At slightly elevated pressure (3.5 GPa), a phase transition occurs, again with 

P21/c space group. P21/c–II has a covalent Si-S net with edge- and corner-sharing tetrahedral, as 

found in P21/c–I, however, with a 3D connectivity net with voids.  
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Finally, in September 2016, Evers, Schnöckel, Medvedev et al submitted an article in 

Inorganic Chemistry entitled “More Than 50 Years After Its Discovery in Siτβ, τctahedral 

Coordination Has Also Been Established in SiSβ at High Pressure”.260 Their high-pressure phase 

is one that we predicted a few weeks before (space group P-3m1, Z=1, CdI2 type), among others 
259. Then, at 2ι.5 GPa, a CdIβ-type structure is characterized by X-ray powder diffraction as well 

as by Raman spectroscopy. This structure features octahedral SiS6 coordination. σote that these 

authors claimed that the “σP-SiSβ phase remains stable up to approximately 7 GPa, at which 

pressure, the appearance of the new diffraction peaks indicates the onset of the structural phase 

transition”. Moreover, in their conclusion, they wrote: “a SiSβ polymorph with FeSβ structure 

(Cσ 6 + β) could probably be synthesized in a diamond anvil at less rigorous experimental 

conditions than for Siτβ”. The authors proposed this phase by making an analogy with post-

stishovite Siτ2 phase proposed by τganov et al.261 in February 2005, and characterized above 

26κ GPa and 1κ00 K by Kuwayama et al.262 a few months later (August 2005). Let’s say right 

now that our CSP searches did not confirm their hypothesis; no FeS2 pyrite-like phase has been 

located on the SiS2 PES as a global minimum. Above ~45 GPa, the phase diagram of SiS2 has 

not been explored experimentally. 

 

Figure ϱ.ϳ Pa-ϯ pǇƌite Fe“Ϯ phase. CooƌdiŶatioŶ polǇhedƌa of “ atoŵs aƌouŶd Fe atoŵs aƌe shoǁŶ as oĐtahedƌal, 

ǁhile “Ϯ duŵďďells aƌe iŶ Ǉelloǁ.  

 

To summarize the experimental SiS2 phases, the claimed transition phase sequence is: 

  Ibam σP → P21/c-I HP1 → P21/c-II HP2 → P-3m1 HP4 

  2.κ GPa  3.5 GPa  4 GPa 
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Figure ϱ.ϴ CƌǇstalliŶe stƌuĐtuƌes of the eǆpeƌiŵeŶtal “i“Ϯ phases. ;aͿ Iďaŵ ;NPͿ, ;ďͿ PϮϭ/Đ-I ;HPϭͿ, ;ĐͿ PϮϭ/Đ-II ;HPϮͿ. 

;dͿ I-ϰϮd ;HPϯͿ. 

 

 In Autumn 2015, we hypothesized that a 6-fold coordinated phase, and even an κ-fold 

coordinated phase, may dominate the higher-pressure range. Since, this “6-fold” hypothesis has 

been double-checked by both numerical simulations and experimental data,259,260 let’s see if our 

κ-fold hypothesis is valid by scrutinizing the 40-500 GPa pressure range. In this study, we used 

ab initio electronic structure calculations, combined with an evolutionary search for crystal 

structure prediction, to explore the high-pressure phases of SiS2 up to 500 GPa. In addition to the 

presence of the known low-pressure phases, we predicted several structures with 6-fold 

coordination and κ-fold coordination at higher pressures. In the following, we will detail our 

results obtained in the 100-500 GPa pressure range, as previous theoretical work has been 

published recently which looksat the 0-100 GPa region. 

 

5.2.1 Computational details 

The search for ground stable SiS2 structures was performed using the evolutionary algorithm, 

as implemented in the USPEX code. κ,13,30 The lowest-energy structures were determined at 0, 20, 

50, 100, 150, 250, 300, 400, and 500 GPa with systems containing up to 12 formula units (f.u.), 

thus up to 36 atoms per primitive unit cell. The first generation of κ0 structures was produced 
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randomly; all subsequent generations contained 60 structures and were produced using variation 

operators such as heredity (50%), softmutation (15%), lattice mutation (15%), 20% of each new 

generation was produced randomly.  

Each structure was fully relaxed to an energy minimum within the framework of DFT 

embedded in the VASP package. 4κ We employed the all-electron PAW method49 and the PBE 

version of the GGA functional. 41,42 A plane-wave basis set, with a kinetic energy cutoff of 600 

eV, was employed. We used uniform Γ-centered k-points meshes with a reciprocal space 

resolution of 2π × 0.04 Å-1 for Brillouin zone sampling. These settings enable the great 

convergence of total energies, forces, and stress tensors. 

The dynamical stability of the statically relaxed structures was established by the absence of 

imaginary phonon frequencies, which were computed using the finite-displacement approach, as 

implemented in the PHτστPY code9ι.  

 

5.2.2 Results and discussions 

First of all, the experimentally known σP-SiS2 Ibam phase was successfully found as a 

ground-state at 1 atm in our CSP searches, which validated the reliability of our methodology. 

Above 0 GPa, the P21/c-I HP1 phase was the lowest phase thermodymically, and contains both 

edge- and corner-sharing SiS4 tetrahedra. At 4 GPa, 4-fold P21/c-II HP2 transforms to a 2-

dimensional layered P-3m1 phase (See Figure 5.9). However, the previous found HP3 phase was 

never a ground stable phase in our calculation. The P-3m1 exhibits an excellent pressure stability 

up to 1ι1 GPa. The dynamic stability of this structure at 20 and 100 GPa has been verified by 

phonon calculations, which showed no imaginary frequency in the entire Brillouin zone (see in 

Appendix). P-3m1 SiS2 is a layered structure, formed by separate sheets of edge-sharing SiS6 

octahedra (Si-S bond lengths of 2.24 and 2.02 Å, at 20 GPa and 1κ0 GPa, respectively). σote that 

this CdIβ-type structure has already been reported in isovalent SnS2 and SnTe2 systems. This 

layered character is of potential interest given the possible facile frictional sliding under high-
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pressure shear. The stacking pattern within each SiS2 slab is /AbC/ (A, C: sulfur atoms; b, 

hexagonally packed silicon atoms), and is illustrated in Figure 5.9.  

 

   

;aͿ         ;ďͿ      ;ĐͿ 

Figure ϱ.ϵ CƌǇstal stƌuĐtuƌe of P-ϯŵϭ “i“Ϯ. ;aͿ staĐked “i“Ϯ slaďs; ;ďͿ heǆagoŶallǇ paĐked siliĐoŶ laǇeƌ ;ďlue stiĐks: “i-

“i sepaƌatioŶ of Ϯ.ϴϴ Å at ϭϬϬ GPaͿ, aŶd ;ĐͿ CdIϮ-tǇpe stƌuĐtuƌe. CooƌdiŶatioŶ polǇhedƌa of “ atoŵs aƌouŶd “i atoŵs 

aƌe shoǁŶ as oĐtahedƌal ;ďlueͿ. 

 

The interlayer separation is calculated at 5.04 Å (20 GPa) and 4.15 Å (1κ0 GPa). The DτS 

of P-3m1 SiS2 at 20 GPa is displayed in Figure 5.10. This phase is semiconducting, with a 

calculated PBE band gap of 0.4κ eV at 20 GPa. This electrical property is understandable if one 

considers the Lewis structure of SiS6/3 building blocks, shown in Scheme 5.β. Here, we 

deliberately chose to display one Lewis formula, whereas several resonant structures exist. A 

precise electron count is observed, where each interatomic contact is associated to a localized 

2electron-2 center bond. The local structural environment around each atom may be rationalized 

by looking at Lewis structures and using simple VSEPR rules. The formal (Si2-)(-S)6/3 unit is 

reminiscent to classical stable octahedral SF6 species, whereas the (S+)(-Si)3 unit is isovalent and 

isotructural to σH3. As expected, when pressure increases, a band gap closure is observed; the 

valence and conduction bands overlap. The interlayer spacing decreases, thus lone pairs of sulfur 

atoms interact (4 electrons/2 center interaction = destabilizing interaction); this contributes to the 

destabilization of the valence band (the occupied out-of-phase pz - pz orbital is destabilized when 

pressure increases).264 Moreover, the conduction band is decreasing (Si in character) = band gap 

closure. A weak density of states is computed around the Fermi level, characteristic of a poor 
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metal (See Figure 5.10, DτS of SiS2 at 50 GPa). σote that PBE DFT levels underestimate the 

band gap, therefore this band gap closure may have appeared at higher pressure. 

 

 

Figure ϱ.ϭϬ DeŶsities of states ;DO“Ϳ foƌ the ϲ-fold ĐooƌdiŶated P-ϯŵϭ phase at ϮϬ GPa aŶd ϱϬ GPa. 

 

 

SĐheŵe ϱ.Ϯ Leǁis stƌuĐtuƌe of “i“ϲ/ϯ uŶit iŶ solid-state HPϰ P-ϯŵϭ “i“Ϯ. The V“EPR AXŶEŵ ŶotatioŶ is iŶdiĐated, as 

ǁell as the loĐal stƌuĐtuƌal eŶǀiƌoŶŵeŶt of “i aŶd “. 

 

Moreover, our CSP searches determined several low-energy metastable phases in 20-100 

GPa pressure range, all of them present layered /AbC/ SiS2 slabs, but with different packing. 

Therefore, a van de Waals correction was introduced to consider the long-term interactions 

between these slabs. Thus, we performed a full structural optimization by using the vdW-D2 

method of Grimme.215 Taking into account such vdW correction, the enthalpy difference between 

P-3m1 and low enthalpy metastable phases is reduced by roughly 50 %, but the P-3m1 phase still 
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remains the ground stable phase. As we mentioned previously, both experimental and theoretical 

results by Plašienka et al.259 and Evers et al.260 were published in late 2016, while we were writing 

down our own results. These authors reported the P-3m1 phase, both predicted and 

experimentally characterized. τur predicted phase and transition pressure is in very good 

agreement with their results.  

Let’s now focus on the SiS2 phase diagram above 100 GPa (and T=0K). τur predicted 

lowest-enthalpy phases are displayed in Figure 5.11, where the enthalpy-pressure curve of each 

selected phase is plotted. Figure 5.1β shows the evolution of the unit cell volume of solid SiS2 

upon pressure. The dynamic stability of each structure is verified by phonon calculations (see 

Appendix). 

a. ď.  

Đ.  

Figure ϱ.ϭϭ EŶthalpǇ-pƌessuƌe ƌelatioŶs foƌ solid “i“Ϯ: ;aͿ Ϭ-Ϯϴϱ GPa ƌaŶge; eŶthalpies aƌe shoǁŶ peƌ atoŵ aŶd 

ƌelatiǀe to the ϲ-fold ĐooƌdiŶated P-ϯŵϭ phase; ;ďͿ ϭϲϬ-ϮϵϬ GPa ƌaŶge ; eŶthalpies aƌe shoǁŶ peƌ atoŵ aŶd ƌelatiǀe 

to the ϲ-fold ĐooƌdiŶated P-ϭ phase; ;ĐͿ foĐus of the ϯϬϬ-ϱϬϬ GPa ƌaŶge; eŶthalpies aƌe shoǁŶ peƌ atoŵ aŶd ƌelatiǀe 

to the ϴ-fold ĐooƌdiŶated Pŵŵŵ phase. 



190 

 

 

 

Figure ϱ.ϭϮ Voluŵe eǀolutioŶ upoŶ pƌessuƌe foƌ pƌediĐted solid-sate “i“Ϯ phases fƌoŵ ϭϬϬ to ϱϬϬ GPa: The ǀoluŵe 

diffeƌeŶĐe ;ΔVͿ of Cŵ, PϮϭ/ŵ aŶd Pŵŵŵ is slightlǇ loǁeƌ thaŶ ouƌ aĐĐuƌaĐǇ ( ΔV < 0.02 Å3). Voluŵe is giǀeŶ iŶ Åϯ 

aŶd pƌessuƌe iŶ GPa.  

 

From 0 to 500 GPa, the following transition phase sequence is computed for silicon disulfide 

(transition pressure in GPa): 

 

 

  4-fold to κ-fold Si coordinated structures are observed. σote that three high-density phases 

compete in energy between 200 and 400 GPa within an energy window of only ~20 meV/atom 

(See Figure 5.11b), namely Cm, P21/m and Pmmm. 

  P-3m1 SiS2 transforms to P-1 phase at 1ι1 GPa (Z=κ). Figure 5.11 shows that this P-1 

phase stabilized as ground state in a concise pressure range (1ι1-199 GPa). P-1 structure is based 

on separate sheets of edge-sharing SiS6 octahedra (See Figure 5.1γa). Meanwhile, due to the 

compression at high pressure, the inter-layer distance is reduced to 1.30 Å, and silicon-sulfur 

single bonds are present (2.22 Å at 200 GPa). In P-1, ι-fold silicon atoms are observed, leading 

to a 3-dimensional network. Therefore, we propose that this P-1 SiS2 phase is the transition phase 

that connects the “6-fold” and “8-fold” phases. Further works are needed to support our 

Ibam 

(NP) 
→ 

2.5 

P21/c-I 

(HP1) 
→ 

3.5 

P21/c-II 

(HP2) 
→ 

4 

P-3m1 

(HP4) 
→ 

171 
P-1 

→ 

199 
Cm 

→ 

263 
P21/m 

→ 

384 
Pmmm 
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hypothesis, such as the exploration of the transition phase pathways using Variable-Cell σudged-

Elastic-Band (VCσEB) method, implemented in USPEX.263 

 

 

Figure ϱ.ϭϯ CƌǇstal stƌuĐtuƌe of “i“Ϯ P-ϭ stƌuĐtuƌe at ϮϬϬ GPa. ;aͿ Ŷet ǁithout iŶteƌlaǇeƌ “i-“ ďoŶd ;“i-“< Ϯ.ϮϮ ÅͿ; ;ďͿ 

Ŷet ǁith the “i-“ iŶteƌlaǇeƌ ďoŶds ;“i-“ < Ϯ.Ϯϯ ÅͿ. 

 

At 199 GPa, the P-1 structure undergoes a transition into a Cm phase where Si and S atoms 

form SiSκ decahedral units linked by S atoms at the corners (Figure 5.14). The Si-S bond distance 

is 2.1ι Å at 200 GPa. In this case, silicon atoms, located at the cubic center, and sulfur atoms at 

the corners, and the bcc like SiSκ unit, connected with each other according to face sharing. 

However, there is one remaining sulfur atom per SiS2 formula. Hence, these extra sulfur atoms 

form bonds with other sulfur atoms to have a SSκ bcc like unit (see the red distorted cubic in 

Figure 5.14c). As a consequence, the Cm SiS2 phase consists of two type of bcc nets. Unlike the 

previous 6-fold structures, it is composed of a three-dimensional network of decahedral units with 

high-density packing.  

A distorted cubic unit, where silicon or sulfur atoms are coordinated with κ sulfur atoms, is 

pressure favorable stacking than octahedrons. This indicates that the higher densities achieved in 

Cm arise from the higher coordination and denser polyhedral packings. Volume compression 

curves (Figure 5.1β) show that the Cm unit cell volume is smaller than the P-1 phase volume 

across all pressures studied. However, there are so far, no experimental and theoretical reports 

available. Between 263 and 3κ4 GPa, a ground stable phase with space group P21/m is the lowest 

structure (See Figure 5.15). The P21/m phase has similar sublattice to that found in Cm phase, 
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thus κ-fold Si atoms are observed. Interestingly, the eight coordinated P21/m phase will transform 

into a layered P-3m1 like phase when pressure is released.  

 

 

;aͿ        ;ďͿ       ;ĐͿ 

Figure ϱ.ϭϰ CƌǇstal stƌuĐtuƌe of Cŵ “i“Ϯ phase at ϮϱϬ GPa. ;aͿ ďall&stiĐk ǀieǁ, ;ďͿ ĐooƌdiŶatioŶ polǇhedƌa of “ atoŵs 

aƌouŶd “i atoŵs aƌe shoǁŶ as distoƌted “ϴ Đuďes ;ďlueͿ, aŶd ;ĐͿ the ƌed liŶe iŶdiĐates the ““ϴ Đuďes. 

 

At 3κ4 GPa, an even higher density structure with space group Pmmm becomes the most 

stable phase. The crystal structures of the Pmmm are shown in Figure 5.15b. Each unit shares its 

face with others. Unlike the other high-pressure phases, i.e., Cm and P21/m, there is no SSκ and 

SiSκ unit overlapping. Each single unit packed analog to bcc stacking, and all of the atoms 

occupied an equivalent position. The volume compression curves show that the Pmmm unit cell 

volume is smaller than the Cm and P21/m volume across all pressures studied. The more 

significant density of Pmmm leads directly to higher stability than Cm and P21/m at sufficiently 

high pressures. 
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;aͿ       ;ďͿ  

Figure ϱ.ϭϱ CƌǇstal stƌuĐtuƌes of “i“Ϯ: ;aͿ PϮϭ/ŵ at ϯϬϬ GPa aŶd ;ďͿ Pŵŵŵ at ϱϬϬ GPa ;Yelloǁ aŶd gƌaǇ ƌepƌeseŶt “ 

atoŵs aŶd ďlue ƌepƌeseŶts “i atoŵs. 

 

The calculated DτS, P-1, Cm and Pmmm, are displayed in Figure 5.16. All high-pressure 

phases with decahedral units (P-1, Cm and Pmmm) are metallic.   

 

Figure ϱ.ϭϲ DeŶsities of states ;DO“Ϳ foƌ the P-ϭ, Cŵ PϮϭ/ŵ aŶd Pŵŵŵ phase at ϮϬϬ GPa, ϮϬϬ GPa, aŶd ϱϬϬ GPa, 

ƌespeĐtiǀelǇ. 

 

5.2.3 Conclusion 

In summary, a high-pressure P-3m1 phase has been predicted as the stable phase 

thermodynamically above 4 GPa and up to 1ι1 GPa. As was experimentally characterized before 

the publication of this USPEX CSP result. Its structure presents hypercoordinated silicon atoms 

(6-fold) and a layered character of CdIβ-type. Between 1ι1 and 199 GPa, a P-1 phase is the stable 

form and has ι-coordinated silicon atoms. P-1 topology links the 6-fold and κ-fold coordinated 
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Si atom families in SiS2. Finally, above 199 GPa, three stable structures are based on compact 

SiSκ and SSκ cubic units. These phases are metallic.  

With the increase of pressure, SiS2 undergoes an interesting evolution. The covalent 

dimensionality changes from 1D to 2D to 3D. The associated high barriers, and the substantial 

reorganization demanded by the transformation, suggests that the P-3m1 phase may recover back 

to ambient conditions as a metastable phase, in contradiction with experiments. However, all of 

the other predicted phases have been proved to be unstable at ambient pressure. Also, the P-3m1 

phase is a semiconductor with a band gap of 0.4κ eV at 20 GPa. It metallized around 50 GPa and 

remains a relatively poor metal up to the 100 GPa.   

Finally, according to current knowledge, high-pressure phases of SiS2 do not present a 

thermodynamically stable pyrite-like structure.260 Further investigations are underway to 

complete the following results – including a comparison with Siτ2. τur aim is to present a 

definitive and clearer picture of SiS2 structural evolution upon pressure. 
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General conclusion 

 

The discovery of novel crystalline compounds by numerical simulation is a major challenge 

in Materials Science. Three families have been studied: compounds consisting of lithium and 

carbon dioxide; the Mxσy nitride phases with M = Mg, Ba, Mo and Zr; the GaPτ4 and SiS2 

systems. The crystallographic structures are determined in silico using the evolutionary algorithm 

USPEX coupled with DFT calculations (VASP). The study of polymorphism as a function of 

pressure has been carried out, whereas the analysis of structural and electronic properties 

constitutes the heart of this thesis. τur work clearly presents the effect of pressure on the 

emergence of unexpected stoichiometries, such as Li2(Cτ2), Mgσ4, and Baσ10. Some of these 

hypothetical materials remain stable at atmospheric pressure. It has been shown that the addition 

of the s-block element allows the "polymerization" of the unsaturated molecules Cτ2 and σ2 to 

be carried out at lower pressures. Thus, oxalate C2τ4
2- polymerizes in an infinite poly-dioxane 

chain in LiCτ2 at 33 GPa; the new Li2Cτ2 composition presents the ethene like (-τ)2C=C(τ-)2 

motif; σ2, σ3 and σ4 finite chains, σ5-pentazolate anions, and σ6 rings are identified in the Aexσy 

phases, as well as, infinite covalent (1D) chains stabilized by the alkaline earth cations (Ae); the 

Ba3σ2 compound is a conductive electride at ambient pressure and an insulator above 5 GPa; the 

ground stable structure of Moσ2 has encapsulated σ2 units, and is not the MoS2 type arrangement 

proposed by experimentalists; our predictions coupled with the XRD data allow the elucidation 

of the GaPτ4 structure at 20 GPa. 
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Appendixes 

Appendix 1. VASP input files & Constraints 

1.1 INCAR for USPEX 

To have accurate relaxation and low computational costs, I adopted the 5 steps of relaxation 

for each structure, i.e., five IσCAR files. The initial steps only relax atoms and cell shape at 

constant volume. I then performed full optimization with very accurate criterions. Below, I 

provide an example of IσCAR files for Ba-σ systems. 

 

  

“Y“TEM = INCAR_ϭ 

PREC = LOW 

EDIFF = ϭe-Ϯ 

IBRION = Ϯ 

I“IF = ϰ 

N“W = ϭϬϬ 

I“MEAR = ϭ ; “IGMA = Ϭ.ϭϬ 

I“TART = Ϭ 

#Cƌude optiŵisatioŶ 

LCHARG = FAL“E 

LWAVE = FAL“E 

NCORE = ϰ 

“Y“TEM = INCAR_Ϯ 

PREC = Noƌŵal 

EDIFF = ϭe-ϯ 

IBRION = ϭ 

I“IF = ϰ 

N“W = ϭϬϬ 

I“MEAR = ϭ ; “IGMA = Ϭ.Ϭϴ 

POTIM = Ϭ.ϯϬ 

LCHARG = FAL“E 

LWAVE = FAL“E 

#Cƌude optiŵisatioŶ 

NCORE = ϰ 

“Y“TEM = INCAR_ϯ 

PREC = Noƌŵal 

EDIFF = ϭe-ϯ 

IBRION = Ϯ 

I“IF = ϯ 

N“W = ϭϬϬ 

I“MEAR = ϭ ; “IGMA = Ϭ.Ϭϳ 

POTIM = Ϭ.ϮϬ         

I“TART = Ϭ 

LCHARG = FAL“E 

LWAVE = FAL“E 

NCORE = ϰ 

“Y“TEM = INCAR_ϰ 

PREC = Noƌŵal 

ENCUT = ϱϬϬ.ϬϬ 

EDIFF = ϭe-ϰ 

IBRION = Ϯ 

I“IF = ϯ 

N“W = ϭϬϬ 

I“MEAR = ϭ ; “IGMA = Ϭ.Ϭϲ 

POTIM = Ϭ.ϭϬ 

I“TART = Ϭ 

LCHARG = FAL“E 

LWAVE = FAL“E 

NCORE = ϰ 

“Y“TEM = INCAR_ϱ 

PREC = AĐĐuƌate 

ENCUT = ϱϱϬ.ϬϬ 

EDIFF = ϭe-ϰ 

IBRION = Ϯ 

I“IF = ϯ 

N“W = ϭϬϬ 

I“MEAR = ϭ ; “IGMA = Ϭ.Ϭϱ 

POTIM = Ϭ.Ϭϱ 

I“TART = Ϭ 

LCHARG = FAL“E 

LWAVE = FAL“E 

NCORE = ϰ 
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1.2 INCAR and POSCAR for projected DOS of empty sphere (Chapter 3.2) 

To plot the projected DτS in a vacuum sphese, the IσCAR and PτSCAR are provided below. 

The projected vacuum DτS is in the last column of DτSCAR. You may use split_dos.py from 

http://theory.cm.utexas.edu/vtsttools/ to get the split DτS. 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

“Y“TEM = BaϯNϮ 

PREC = AĐĐuƌate 

ENCUT = ϲϬϬ.ϬϬ 

EDIFF = ϭe-ϱ 

IBRION = -ϭ 

I“IF = ϯ 

N“W = Ϭ 

I“MEAR = ϭ 

“IGMA = Ϭ.Ϭϱ 

I“TART = Ϭ 

P“TRE““ = Ϭ 

NCORE = ϰ 

LORBIT = ϭ 

# The ϭst, ϮŶd ƌepƌeseŶt the RWIG“ of 

eleŵeŶts aŶd ϯƌd oŶe is foƌ eŵptǇ 

spheƌe ;uŶit = AŶgstƌoŵͿ 

RWIG“ = ϭ.ϴϰϬϱ ϭ.ϮϬ ϭ.ϲ 

NEDO“ = ϴϬϭ 

PO“CAR 

ϭ.ϬϬϬϬ 

ϳ.Ϭϭϵϴ    Ϭ.ϬϭϭϮ    Ϭ.ϯϬϰϰ 

ϯ.Ϭϴϭϱ    ϲ.ϯϭϯϭ    Ϭ.ϭϰϭϲ 

-ϭ.ϴϵϮϭ    Ϯ.ϰϴϮϬ    ϳ.ϲϮϳϲ 

Ba   N 

ϲ    ϰ 

DiƌeĐt 

Ϭ.ϯϵϵϭ  Ϭ.ϵϯϰϮ  Ϭ.ϭϴϱϰ Ba 

Ϭ.ϲϬϬϴ  Ϭ.Ϭϲϱϳ  Ϭ.ϴϭϰϱ Ba 

Ϭ.ϵϯϰϭ  Ϭ.ϯϵϵϬ  Ϭ.ϴϭϰϱ Ba 

Ϭ.Ϭϲϱϴ  Ϭ.ϲϬϬϵ  Ϭ.ϭϴϱϰ Ba 

Ϭ.ϳϭϮϭ  Ϭ.Ϯϴϳϴ  Ϭ.ϮϬϴϯ Ba 

Ϭ.Ϯϴϳϴ  Ϭ.ϳϭϮϭ  Ϭ.ϳϵϭϲ Ba 

Ϭ.ϬϱϱϬ  Ϭ.ϵϰϰϵ  Ϭ.ϵϱϬϰ N 

Ϭ.ϵϰϰϵ  Ϭ.ϬϱϱϬ  Ϭ.Ϭϰϵϱ N 

Ϭ.ϯϮϴϮ  Ϭ.ϯϮϴϮ  Ϭ.ϬϬϬϬ N 

Ϭ.ϲϳϭϳ  Ϭ.ϲϳϭϳ  Ϭ.ϵϵϵϵ N 

EŵptǇ ;ǀaĐuuŵ spheƌe positioŶͿ 

ϯ 

Ϭ.ϱϬϬϬ   Ϭ.ϱϬϬϬ  Ϭ.ϱϬϬϬ 

Ϭ.ϭϴϵϵ   Ϭ.ϭϴϵϵ  Ϭ.ϱϬϬϬ 

Ϭ.ϴϬϬϬ   Ϭ.ϴϬϬϬ  Ϭ.ϱϬϬϬ 

http://theory.cm.utexas.edu/vtsttools/
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 1.3 INCAR for phonopy 

In this work, first principles phonon calculations with a finite displacement method at quasi-

harmonic level were performed, using the open source package Phonopy. Supercell structures 

with displacements are created from a unit cell fully considering crystal symmetry. Force 

constants are calculated using the structure files PτSCAR (VASP code). The IσCAR files to 

calculate the phonon frequency are shown below. The first step is to get a highly optimized 

structure. People should use force, not energy, as the converge criterion. τnce the structural 

optimization is completed, copy the CτσTCAR to PτSCAR into a new folder, and use (phonopy 

-d –dim= “a b c”, where a, b and c represent the number of supercells in each direction). σormally, 

the lattice parameter of the supercell around 10 Å is large enough. Then Phonopy will generate 

numerous supercells with different displacements. σow use the second IσCAR and Gamma point 

only to calculate these supercells. 

 

 

 

 

 

 

 

 

 

 

 

 

 

“Y“TEM = PhoŶoŶ_opt 

PREC = AĐĐuƌate 

ENCUT = ϲϬϬ.ϬϬ 

EDIFF = ϭe-ϴ 

EDIFFG = -ϭe-ϴ 

IBRION = Ϯ 

I“IF = ϯ 

N“W = ϮϬϬ 

I“MEAR = -ϱ ; “IGMA = Ϭ.Ϭϱ 

I“TART = Ϭ 

LCHARG = FAL“E 

LWAVE = FAL“E 

NCORE = ϰ 

P“TRE““= Ϭ 

K“PACING = Ϭ.Ϯ 

 

“Y“TEM = PhoŶoŶ 

PREC = AĐĐuƌate 

ENCUT = ϲϬϬ.ϬϬ 

EDIFF = ϭe-ϴ 

IBRION = -ϭ 

N“W = Ϭ 

I“MEAR = ϭ ; “IGMA = Ϭ.Ϭϱ 

I“TART = Ϭ 

LCHARG = FAL“E 

LWAVE = FAL“E 

P“TRE““= Ϭ 

IALGO = ϯϴ 

LREAL = .FAL“E. 

ADDGRID = .TRUE. 

NCORE = ϰ 

K“PACING = ϭ 
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1.4 INCAR for projected DOS 

The calculation can be divided into two steps. First, perform a static, selfconsistent 

calculation. σote that the ICHARG option should be true. In the second step, a non-selfconsistent 

calculation can be performed by using the precalculated CHGCAR file from the selfconsistent..  

 

 

 

 

 

 

 

 

 

 

1.5 INCAR file for Lobster 

In this case, the calculation is similar, with a single point calculation. The difference is that 

the number of bands has to be set up (σBAσDS). It’s meaningless if the number of bands is too 

low. And the symmetry has to be turned off completely, i.e., ISYM=-1. 

 

 

 

 

 

“Y“TEM = DO“_self 

PREC = AĐĐuƌate 

ENCUT = ϲϬϬ.ϬϬ 

EDIFF = ϭe-ϱ 

IBRION = -ϭ 

N“W = Ϭ 

I“MEAR = -ϱ ; “IGMA = Ϭ.Ϭϱ 

I“TART = Ϭ 

NCORE = ϰ 

P“TRE““=Ϭ 

LORBIT = ϭϭ 

#ICHARG = ϭϭ 

LCHARG = TRUE 

LWAVE = TRUE 

“Y“TEM = DO“_self 

PREC = AĐĐuƌate 

ENCUT = ϲϬϬ.ϬϬ 

EDIFF = ϭe-ϱ 

IBRION = -ϭ 

N“W = Ϭ 

I“MEAR = -ϱ ; “IGMA = Ϭ.Ϭϱ 

I“TART = ϭ 

NCORE = ϰ 

P“TRE““=Ϭ 

LORBIT = ϭϭ 

ICHARG = ϭϭ 

LCHARG = TRUE 

LWAVE = TRUE 
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1.6 INCAR file for HSE06 calculation 

σormally, I perform a static standard DFT calculation first, then start Hartree-Fock type 

calculations from a preconverged WAVECAR file. 

 

 

 

  

“Y“TEM = H“EϬϲ 

PREC = AĐĐuƌate 

ENCUT = ϲϬϬ.ϬϬ 

EDIFF = ϭe-ϰ 

IBRION = -ϭ 

I“IF = ϯ 

N“W = Ϭ 

I“MEAR = -ϱ 

“IGMA = Ϭ.Ϭϱ 

I“TART = ϭ 

LCHARG = TRUE 

LWAVE = TRUE 

P“TRE““ = ϭϬϬ 

NPAR = ϰ 

LHFCALC = TRUE 

HF“CREEN = Ϭ.Ϯ 

ALGO = Daŵped 

IALGO = ϱϯ 

TIME = Ϭ.ϰ 
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1.7 Structural constraint in Li-CO2 (Chapter 2) 

# Oǀito Ϯ.ϱ.ϭ ;https://oǀito.oƌg/Ϳ 

fƌoŵ oǀito.io iŵpoƌt iŵpoƌt_file 

fƌoŵ oǀito.data iŵpoƌt CutoffNeighďoƌFiŶdeƌ 

iŵpoƌt os 

 

# Load iŶput siŵulatioŶ file. 

Ŷode = iŵpoƌt_file;'CONTCAR'Ϳ 

data = Ŷode.souƌĐe 

Ŷuŵ_paƌtiĐles = data.positioŶ.size 

# IŶitialize Ŷeighďoƌ fiŶdeƌ oďjeĐt: 

Đutoff = ϯ 

dis_AX = ϭ.Ϯ 

dis_BB = ϭ.ϱ 

dis_CC = ϭ.ϰ 

dis_BC = ϭ.ϱ 

fiŶdeƌ = CutoffNeighďoƌFiŶdeƌ;Đutoff, dataͿ 

# Iteƌate oǀeƌ all iŶput paƌtiĐles: 

ƌaǁ_list = list;Ϳ 

foƌ iŶdeǆ iŶ ƌaŶge;Ŷuŵ_paƌtiĐlesͿ: 

# Iteƌate oǀeƌ the Ŷeighďoƌs of the ĐuƌƌeŶt paƌtiĐle: 

foƌ Ŷeigh iŶ fiŶdeƌ.fiŶd;iŶdeǆͿ: 

ƌaǁliŶe = '%ϬϮd       %ϬϮd       %.ϱf       %s\Ŷ'%;iŶdeǆ,Ŷeigh[Ϭ],Ŷeigh[ϭ],Ŷeigh[ϯ]Ϳ 

ƌaǁ_list.appeŶd;ƌaǁliŶeͿ 

# Read the PO“CAR to Get the Ŷuŵďeƌ of eaĐh eleŵeŶt 

#This step is oŶlǇ foƌ Na-C-O sǇsteŵ 

posĐaƌ = opeŶ;'CONTCAR', 'ƌ'Ϳ 

pos_ĐoŶt = posĐaƌ.ƌeadliŶes;Ϳ 

liŶe_Ŷuŵ = pos_ĐoŶt[ϲ]  

eleŵ_Ŷuŵ = liŶe_Ŷuŵ.split;Ϳ 

if leŶ;eleŵ_ŶuŵͿ == ϯ: 

A = iŶt;eleŵ_Ŷuŵ[Ϭ]Ϳ- ϭ 

B = iŶt;eleŵ_Ŷuŵ[ϭ]Ϳ+ A 

C = iŶt;eleŵ_Ŷuŵ[Ϯ]Ϳ+ B 

else: 

A = -ϭϬ 

B = -ϭϬ 

C = -ϭϬ 

posĐaƌ.Đlose;Ϳ 

#FiŶal OUTPUT 
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output = opeŶ;'OUTPUT.tǆt','ǁ'Ϳ 

#foƌ ďoŶdlist iŶ iŶdiǀi: 

#    output.ǁƌite;ďoŶdlistͿ 

#CalĐulate the ďoŶds of eaĐh atoŵ 

TF = Ϭ 

TFϭ = Ϭ 

TFϮ = Ϭ 

TFϯ = Ϭ 

TFϰ = Ϭ 

foƌ atoŵ_id iŶ ƌaŶge;Ŷuŵ_paƌtiĐlesͿ: 

ďoŶd_BB = Ϭ 

ďoŶd_CC = Ϭ 

ďoŶd_AX = Ϭ 

ďoŶd_BC = Ϭ 

CƌiteƌioŶ = Ϭ 

foƌ eleŵ iŶ ƌaǁ_list: 

eleŵ_ϭ = iŶt;eleŵ.split;Ϳ[Ϭ]Ϳ 

eleŵ_Ϯ = iŶt;eleŵ.split;Ϳ[ϭ]Ϳ 

distaŶĐe = float;eleŵ.split;Ϳ[Ϯ]Ϳ 

# Foƌ atoŵ_id;iͿ, if theƌe is Ŷo ďoŶd ǁith atoŵ_id;iͿ, ĐoŶtiŶue 

if atoŵ_id != eleŵ_ϭ: 

ĐoŶtiŶue 

# I doŶ't Đaƌe the puƌe A oƌ puƌe BC. 

elif A == -ϭϬ aŶd B == -ϭϬ aŶd C == -ϭϬ: 

ĐoŶtiŶue 

else: 

# Ŷuŵďeƌ of Li--X ďoŶd 

if eleŵ_ϭ <= A aŶd distaŶĐe < dis_AX: 

ďoŶd_AX = ďoŶd_AX + ϭ 

output.ǁƌite;eleŵͿ 

# Ŷuŵďeƌ of O--O ďoŶd 

elif eleŵ_ϭ > B aŶd eleŵ_Ϯ > B aŶd distaŶĐe < dis_CC: 

ďoŶd_CC = ďoŶd_CC + ϭ 

output.ǁƌite;eleŵͿ 

# Ŷuŵďeƌ of C--C ďoŶd 

elif eleŵ_ϭ <= B aŶd eleŵ_ϭ > A aŶd eleŵ_Ϯ <= B aŶd eleŵ_Ϯ > A aŶd distaŶĐe < dis_BB: 

ďoŶd_BB = ďoŶd_BB + ϭ 

output.ǁƌite;eleŵͿ 

# Ŷuŵďeƌ of C--O ďoŶd 

elif eleŵ_ϭ <= B aŶd eleŵ_ϭ > A aŶd eleŵ_Ϯ > B aŶd distaŶĐe < dis_BC: 

ďoŶd_BC = ďoŶd_BC + ϭ 
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output.ǁƌite;eleŵͿ 

elif eleŵ_ϭ > B aŶd eleŵ_Ϯ <= B aŶd eleŵ_Ϯ > A aŶd distaŶĐe < dis_BC: 

ďoŶd_BC = ďoŶd_BC + ϭ 

output.ǁƌite;eleŵͿ 

else:  

ĐoŶtiŶue    

if ďoŶd_AX > Ϭ: 

CƌiteƌioŶ = ϭ 

TFϭ = CƌiteƌioŶ + TFϭ 

if ďoŶd_CC > Ϭ: 

CƌiteƌioŶ = ϭ 

TFϮ = CƌiteƌioŶ + TFϮ 

if ďoŶd_BB > ϯ: 

CƌiteƌioŶ = ϭ 

TFϯ = CƌiteƌioŶ + TFϯ 

if ďoŶd_BB == ϯ aŶd ďoŶd_BC == Ϭ: 

CƌiteƌioŶ = ϭ 

TFϰ = CƌiteƌioŶ + TFϰ 

TF = TFϭ + TFϮ + TFϯ + TFϰ 

if ďoŶd_BB != Ϭ oƌ ďoŶd_CC != Ϭ oƌ ďoŶd_AX != Ϭ oƌ ďoŶd_BC != Ϭ: 

output.ǁƌite;'Atoŵ ID:|%ϬϮd|  O-O:|%ϬϮd|  C-C:|%ϬϮd|  C-O:|%ϬϮd| Li-X|%ϬϮd| 

\Ŷ'%;atoŵ_id,ďoŶd_CC,ďoŶd_BB,ďoŶd_BC,ďoŶd_AXͿͿ 

output.Đlose;Ϳ 

feedďaĐk = opeŶ;'distNuŵ','ǁ'Ϳ 

if TF > Ϭ :     

feedďaĐk.ǁƌite;'False'Ϳ  

else: 

feedďaĐk.Đlose;Ϳ 
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Appendix 2. Crystal structures information 

 

Taďle Aϭ. “tƌuĐtuƌal paƌaŵeteƌs of the pƌediĐted Liǆ;COϮͿǇ ĐoŵpouŶds at seleĐted pƌessuƌes ;Chapteƌ ϮͿ 

;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ. 

 

Phase Z P 
Space 

Group 
Lattice Parameters Atomic coordinates (fractional) 

Li2CO2 4 0 C2/m 
a=4.261, b=9.269, c=4.097 

α=ϵϬ.Ϭ, β=86.9, γ=ϵϬ.Ϭ 
Li (0.209, 0.158, 0.240); C (0.618, 0.000, 

0.375); O (0.740, 0.873, 0.253) 

Li3(CO2)2 2 0 P-1 
a=5.101, b=6.519, c=5.273 

α=ϵϬ.9, β=ϭϬϰ.Ϯ, γ=ϭϬϴ.ϴ 

Li (0.245, 0.044, 0.946), (0.252, 0.559, 0.883), 

(0.997, 0.800, 0.493); C (0.469, 0.103, 0.421), 

(0.574, 0.292, 0.645); O (0.159, 0.602, 0.273), 

(0.391, 0.328, 0.755), (0.361, 0.843, 0.755), 

(0.823, 0.948, 0.700) 

LiCO2 4 0 P21/c (I) 

a=4.202, b=4.651, 

c=10.044 

α=ϵϬ.Ϭ, β=ϭ15.5, γ=ϵϬ.Ϭ 

Li (0.786, 0.997, 0.787); C (0.623, 0.873, 

0.500); O (0.833, 0.777, 0.626), (0.591, 0.785, 

0.376) 

LiCO2 4 10 P21/c (II) 
a=5.566, b=5.833, c=4.948 

α=ϵϬ.Ϭ, β=ϭ25.4, γ=ϵϬ.Ϭ 

Li (0.022, 0.130, 0.260); C (0.498, 0.433, 

0.634); O (0.246, 0.389, 0.567), (0.742, 0.380, 

0.895) 

Li2CO2 4 50 Pnma 
a=5.380, b=2.581, c=8.301 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Li (0.887, 0.250, 0.894), (0.784, 0.250, 0.200); 

C (0.950, 0.250, 0.540); O (0.524, 0.250, 

0.801), (0.802, 0.750, 0.025) 

Li3(CO2)2 2 50 P-1 
a=4.790, b=5.305, c=4.790 

α=ϳϲ.ϱ, β=ϭϬϱ.ϵ, γ=ϭϭϮ.Ϭ 

Li (0.218, 0.993, 0.952), (0.239, 0.450, 0.995), 

(0.989, 0.757, 0.512); C (0.478, 0.134, 0.400), 

(0.583, 0.306, 0.633); O (0.134, 0.620, 0.253), 

(0.387, 0.344, 0.735), (0.339, 0.797, 0.790), 

(0.824, 0.892, 0.730) 

LiCO2 4 50 P2/c 
a=6.207, b=4.939, c=4.070 

α=ϵϬ.Ϭ, β=ϭϯϭ.ϵ, γ=ϵϬ.Ϭ 

Li (0.000, 0.114, 0.250), (0.500, 0.121, 0.750); 

C (0.163, 0.627, 0.424); O (0.261, 0.391, 

0.695), (0.750, 0.149, 0.354) 

Li3(CO2)4 4 50 C2 
a=8.949, b=9.767, c=6.209 

α=ϵϬ.Ϭ, β=ϭϯϲ.ϴ, γ=ϵϬ.Ϭ 

Li (0.717, 0.222, 0.434), (0.794, 0.282, 0.008), 

(0.000, 0.309, 0.500), (0.500, 0.312, 0.500); C 

(0.400, 0.436, 0.960), (0.103, 0.442, 0.176), 

(0.959, 0.059, 0.570), (0.616, 0.064, 0.773); O 

(0.281, 0.058, 0.712), (0.227, 0.059, 0.205), 

(0.462, 0.439, 0.247), (0.971, 0.448, 0.258), 

(0.294, 0.326, 0.807), (0.203, 0.329, 0.266), 

(0.453, 0.177, 0.249), (1.000, 0.172, 0.291) 
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Li(CO2)2 4 50 P1 
a=4.410, b=7.965, c=5.121 

α=ϴϭ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϬϮ.ϲ 

Li (0.756, 0.514, 0.061), (0.743, 0.488, 0.569), 

(0.244, 0.507, 0.875), (0.254, 0.494, 0.383); C 

(0.953, 0.200, 0.297), (0.546, 0.805, 0.647), 

(0.955, 0.203, 0.804), (0.542, 0.795, 0.154), 

(0.040, 0.787, 0.630), (0.460, 0.217, 0.270), 

(0.036, 0.777, 0.320), (0.461, 0.223, 0.957); O 

(0.010, 0.342, 0.146), (0.490, 0.662, 0.568), 

(0.011, 0.341, 0.650), (0.485, 0.657, 0.069), 

(0.979, 0.639, 0.776), (0.520, 0.366, 0.341), 

(0.978, 0.620, 0.292), (0.520, 0.379, 0.849), 

(0.675, 0.117, 0.379), (0.825, 0.889, 0.687), 

(0.167, 0.117, 0.890), (0.331, 0.882, 0.196), 

(0.335, 0.890, 0.686), (0.165, 0.115, 0.379), 

(0.824, 0.878, 0.198), (0.674, 0.119, 0.889) 

Li3(CO2)2 2 100 C2/m 
a=8.756, b=2.328, c=7.591 

α=ϵϬ.Ϭ, β=143.3, γ=ϵϬ.Ϭ 

Li (0.144, 0.000, 0.028), (0.000, 0.500, 0.500); 

C (0.179, 0.500, 0.388); O (0.055, 0.500, 

0.781), (0.731, 0.000, 0.270) 

Li3(CO2)4 2 100 P1 
a=4.352, b=7.850, c=4.688 

α=89.5, β=90.4, γ=89.9 

Li ( 0.420, 0.244, 0.364), (0.921, 0.234, 0.380), 

(0.415, 0.750, 0.355), (0.416, 0.995, 0.591), 

(0.420, 0.494, 0.588), (0.919, 0.497, 0.590); C 

(0.753, 0.986, 0.129), (0.085, 0.003, 0.104), 

(0.086, 0.502, 0.113), (0.753, 0.488, 0.104), 

(0.248, 0.248, 0.851), (0.583, 0.233, 0.852), 

(0.668, 0.744, 0.851), (0.160, 0.755, 0.839); O 

(0.185, 0.069, 0.328), (0.172, 0.333, 0.100), 

(0.665, 0.419, 0.334), (0.665, 0.157, 0.105), 

(0.658, 0.662, 0.092), (0.178, 0.828, 0.082), 

(0.174, 0.576, 0.335), (0.675, 0.913, 0.351), 

(0.150, 0.824, 0.609), (0.656, 0.906, 0.863), 

(0.674, 0.163, 0.628), (0.149, 0.081, 0.851), 

(0.175, 0.587, 0.855), (0.671, 0.409, 0.859), 

(0.164, 0.325, 0.622), (0.665, 0.672, 0.622) 

Li(CO2)2 4 100 P-1 
a=4.314, b=7.542, c=4.582 

α=ϴϭ.ϯ, β=ϴϵ.ϵ, γ=ϵϴ.Ϯ 

Li (0.498, 0.505, 0.248), (0.995, 0.495, 0.751); 

C (0.177, 0.210, 0.575), (0.822, 0.791, 0.929), 

(0.321, 0.783, 0.845), (0.679, 0.218, 0.486); O 

(0.206, 0.322, 0.295), (0.205, 0.322, 0.795), 

(0.278, 0.616, 0.972), (0.720, 0.385, 0.529), 

(0.900, 0.113, 0.601), (0.099, 0.888, 0.906), 

(0.406, 0.113, 0.093), (0.595, 0.887, 0.400) 

Li2CO2 4 0 
Quench Pnma 

a=5.896, b=2.813, c=8.833 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Li (0.892, 0.250, 0.901), (0.794, 0.250, 0.205); 

C (0.950, 0.250, 0.540); O (0.510, 0.250, 

0.805), (0.789, 0.750, 0.023) 

LiCO2 4 0 
Quench P2/c 

a=7.298, b=5.559, c=4.257 

α=ϵϬ.Ϭ, β=ϭϯϭ.ϵ, γ=ϵϬ.Ϭ 

Li (0.000, 0.102, 0.750), (0.500, 0.205, 0.250); 

C (0.143, 0.623, 0.923); O (0.233, 0.409, 

0.204), (0.775, 0.172, 0.866) 
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Taďle AϮ. “tƌuĐtuƌal paƌaŵeteƌs of lithiuŵ, ĐaƌďoŶ, oǆǇgeŶ, ĐaƌďoŶ dioǆide, lithiuŵ oǆide LiϮO, lithiuŵ ĐaƌďoŶate 

LiϮ;COϯͿ ĐoŵpouŶds at seleĐted pƌessuƌes. ;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ  ;Chapteƌ ϮͿ 

Phase ) P 
SpaĐe 
Group 

LattiĐe Paraŵeters AtoŵiĐ ĐoordiŶates ;fraĐtioŶalͿ 

C ϰ Ϭ Pϲϯ/ŵŵĐ 
a=Ϯ.ϰϲϳ, ď=Ϯ.ϰϲϳ, Đ=ϳ.ϴϬϲ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 

C ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, Ϭ.ϮϱϬͿ, ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, 
Ϭ.ϮϱϬͿ 

C ϴ ϭϬ Fd-ϯŵ 
a=ϯ.ϱϰϲ, ď=ϯ.ϱϰ6, Đ=ϯ.ϱϰ6 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
C ;Ϭ.ϬϬϬ, Ϭ.ϱϬϬ, Ϭ.ϱϬϬͿ 

COϮ ϰ Ϭ Pa-ϯ 
a=ϱ.ϴϱϴ, ď=ϱ.ϴϱϴ, Đ=ϱ.ϴϱϴ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

C ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, Ϭ.ϬϬϬͿ; O ; Ϭ.ϭϭϲ, Ϭ.ϭϭϲ, 
Ϭ.ϭϭϲͿ 

COϮ 

 
ϰ ϱϬ I-ϰϮd 

a=ϯ.ϱϯϮ, ď=ϯ.ϱϯϮ, Đ=ϯ.ϱϯϮ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

C ;Ϭ.ϱϬϬ, Ϭ.ϱϬϬ, Ϭ.ϬϬϬͿ; O ;Ϭ.ϳϬϱ, Ϭ.ϳϱϬ, 
Ϭ.ϭϮϱͿ 

LiϮO ϰ Ϭ Fŵ-ϯŵ 
a=ϰ.ϲϭϵ, ď=ϰ.ϲϭϵ, Đ=ϰ.ϲϭϵ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Li ;Ϭ.ϮϱϬ, Ϭ.ϳϱϬ, Ϭ.ϳϱϬͿ; O ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, 
Ϭ.ϬϬϬͿ 

LiϮO ϰ ϱϬ PŶŵa 
a=ϰ.ϱϱϭ, ď=Ϯ.ϳϵϲ, Đ=ϱ.ϯϬϵ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Li ;-Ϭ.ϵϳϴ, Ϭ.ϳϱϬ, Ϭ.ϭϳϳͿ, ;-Ϭ.ϴϱϬ, Ϭ.ϳϱϬ, 
Ϭ.ϱϳϱͿ; O ;-Ϭ.ϳϱϱ, Ϭ.ϮϱϬ, Ϭ.ϯϵϯͿ 

LiϮCOϯ ϰ Ϭ CϮ/Đ 
a=ϴ.ϯϲϰ, ď=ϱ.ϬϬϵ, Đ=ϲ.ϯϭϮ 

α=ϵϬ.Ϭ, β=ϭϭϰ.Ϯ, γ=ϵϬ.Ϭ 

Li ;Ϭ.ϲϵϵ, Ϭ.Ϭϱϭ, Ϭ.ϴϯϵͿ; C ;Ϭ.ϬϬϬ, Ϭ.ϵϯϱ, 
Ϭ.ϮϱϬͿ; O ;Ϭ.ϭϰϴ, Ϭ.Ϭϲϱ, Ϭ.ϯϭϱͿ, ;Ϭ.ϬϬϬ, 
Ϭ.ϲϳϴ, Ϭ.ϮϱϬͿ 

LiϮCOϯ Ϯ ϭϬ Pϲϯ/ŵĐŵ 
a=ϰ.ϰϵϰ, ď=ϰ.ϰϵϰ, Đ=ϱ.ϭϮϵ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 

Li ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϱϬϬͿ; C ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, 
ϭ.ϮϱϬͿ; O ;Ϭ.ϳϭϮ, Ϭ.ϳϭϮ, Ϭ.ϳϱϬͿ 

Li Ϯ Ϭ Iŵ-ϯŵ 
a=ϯ.ϰϮϳ, ď=ϯ.ϰϮϳ, Đ=ϯ.ϰϮϳ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
Li ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, Ϭ.ϬϬϬͿ 

Li ϰ ϭϬ Fŵ-ϯŵ 
a=ϯ.ϳϵϵ, ď=ϯ.ϳϵϵ, Đ=ϯ.ϳϵϵ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
Li ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, Ϭ.ϬϬϬͿ 

Li ϭϲ ϱϬ I-ϰϯd 
a=ϱ.ϭϬϱ, ď=ϱ.ϭϬϱ, Đ=ϱ.ϭϬϱ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
Li ;Ϭ.ϯϬϳ, Ϭ.ϭϵϯ, Ϭ.ϴϬϳͿ 

Li Ϯϰ ϭϬϬ CŵĐa 
a=ϳ.ϴϮϱ, ď=ϰ.Ϯϵϳ, Đ=ϰ.Ϯϵϳ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Li ;Ϭ.ϯϯϰ, Ϭ.ϴϵϭ, Ϭ.ϲϱϳͿ, ;Ϭ.ϱϬϬ, Ϭ.ϲϳϰ, 
Ϭ.ϱϲϮͿ 

O ϰ Ϭ CϮ/ŵ 
a=ϴ.ϭϴϲ, ď=ϯ.ϲϳϳ, Đ=ϱ.ϰϱϮ 

α=ϵϬ.Ϭ, β=,ϭϰϴ.ϲ γ=ϵϬ.Ϭ 
O ;ϭ.ϬϬϬ, Ϭ.Ϭϴϵ, Ϭ.ϬϬϬͿ 

O ϭϲ ϭϬ CϮ/ŵ 
a=ϳ.ϳϰϭ, ď=ϱ.ϲϯϬ, Đ=ϯ.ϴϰϵ 

α=ϵϬ.Ϭ, β=ϭϭϰ.ϴ, γ=ϵϬ.Ϭ 

O ;Ϭ.Ϭϯϰ, Ϭ.Ϯϲϯ, Ϭ.ϭϳϱͿ, ;Ϭ.Ϯϯϭ, Ϭ.ϬϬϬ, 
Ϭ.ϭϴϳͿ, ;Ϭ.ϭϲϭ, Ϭ.ϬϬϬ, Ϭ.ϴϯϲͿ 
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Taďle Aϯ. “tƌuĐtuƌal paƌaŵeteƌs of the ďaƌiuŵ aŶd ŶitƌogeŶ gƌouŶd staďle ĐoŵpouŶds at seleĐted pƌessuƌes  

;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ. ;Chapteƌ ϯ.ϯ aŶd ϯ.ϰͿ 

 

Phase P SpaĐe Group LattiĐe Paraŵeters AtoŵiĐ ĐoordiŶates ;fraĐtioŶalͿ 

Mg Ϭ Pϲϯ/ŵŵĐ 
a=ϯ.ϮϬϯ, ď=ϯ.ϮϬϯ, Đ=ϱ.ϭϬϱ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 
Mg;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϮϱϬͿ, ;Ϭ.ϲϲϳ, Ϭ.ϯϯϯ, Ϭ.ϳϱϬͿ 

Mg ϭϬϬ Iŵ-ϯŵ 
a=Ϯ.ϴϮϳ, ď=Ϯ.ϴϮϳ, Đ=Ϯ.ϴϮϳ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
Mg;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, Ϭ.ϬϬϬͿ, ;Ϭ.ϱϬϬ, Ϭ.ϱϬϬ, Ϭ.ϱϬϬͿ 

Ba Ϭ Iŵ-ϯŵ 
a=ϱ.Ϭϰϭ, ď=ϱ.Ϭϰϭ, Đ=ϱ.Ϭϰϭ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
Ba;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, Ϭ.ϬϬϬͿ 

Ba ϭϬ Pϲϯ/ŵŵĐ 
a=ϯ.ϳϳϵ, ď=ϯ.ϳϳϵ, Đ=ϱ.ϳϮϴ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 
Ba;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϳϱϬͿ 

N Ϭ Pa-ϯ 
a=ϱ.ϴϱϲ, ď=ϱ.ϴϱϲ, Đ=ϱ.ϴϱϲ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
N ;Ϭ.Ϭϱϱ, Ϭ.Ϭϱϱ, Ϭ.ϬϱϱͿ 

N ϭϬ PϮϭ/Đ 
a=ϯ.Ϯϴϯ, ď=ϯ.Ϯϱϲ, Đ=ϱ.Ϯϲϲ 

α=ϵϬ.Ϭ, β=ϭϭϳ.ϲ, γ=ϵϬ.Ϭ 
N ;Ϭ.ϴϱϱ, Ϭ.ϲϭϭ, Ϭ.ϰϱϴͿ 

N ϭϬ PϰϭϮϭϮ 
a=ϯ.Ϯϲϳ, ď=ϯ.Ϯϲϳ, Đ=ϵ.ϯϮϴ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
N ;Ϭ.ϰϱϴ, Ϭ.ϯϭϳ, Ϭ.ϳϮϵͿ 

N ϭϬ PďĐŶ 
a=ϯ.Ϯϰϴ, ď=ϱ.ϮϰϮ, Đ=ϱ.ϳϵϯ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
N ;Ϭ.ϭϭϮ, Ϭ.ϴϱϳ, Ϭ.ϴϮϯͿ 

N ϭϬϬ IϮϭϯ 
a=ϯ.ϱϭϯ, ď=ϯ.ϱϭϯ, Đ=ϯ.ϱϭϯ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
N ;Ϭ.ϲϳϲ, Ϭ.ϯϮϰ, Ϭ.ϴϮϰͿ 

N ϮϱϬ PďaϮ 
a=ϰ.ϭϳϴ, ď=ϰ.ϭϲϰ, Đ=ϯ.ϵϳϬ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

N ;Ϭ.Ϯϵϯ, Ϭ.Ϯϭϳ, Ϭ.ϲϲϭͿ ;Ϭ.ϳϴϱ, Ϭ.Ϯϭϳ, Ϭ.ϯϰϬͿ, 
;Ϭ.ϬϮϭ, Ϭ.ϯϯϲ, Ϭ.ϭϳϳͿ, ;Ϭ.ϴϯϴ, Ϭ.Ϭϭϳ, Ϭ.ϴϮϮͿ 

N ϯϬϬ I-ϰϯŵ 
a=ϰ.Ϯϴϳ, ď=ϰ.Ϯϴϳ, Đ=ϰ.Ϯϴϳ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 
N ;Ϭ.ϯϱϯ, Ϭ.ϬϬϬ, Ϭ.ϬϬϬͿ, ;Ϭ.ϲϳϱ, Ϭ.ϲϳϱ, Ϭ.ϲϳϱͿ 

 

 

 

Taďle Aϰ. CalĐulated eŶthalpies of the Mg, Ba aŶd N at diffeƌeŶt pƌessuƌe. ;Chapteƌ ϯ.ϯ aŶd ϯ.ϰͿ 

 

Phase P 
SpaĐe 
Group 

EŶthalpǇ 

;eV/atoŵͿ 

Mg Ϭ Pϲϯ/ŵŵĐ -ϭ.ϱϰϮ 

Mg ϭϬϬ Iŵ-ϯŵ ϳ.ϱϰϰ 

Ba Ϭ Iŵ-ϯŵ -ϭ.ϵϮϰ 

Ba ϭϬ Pϲϯ/ŵŵĐ Ϭ.ϵϮϬ 

N Ϭ Pa-ϯ -ϴ.ϯϮϬ 

N ϭϬ PϮϭ/Đ 

-ϳ.ϯϰϭ N ϭϬ PϰϭϮϭϮ 

N ϭϬ PďĐŶ 

N ϭϬϬ IϮϭϯ -ϯ.Ϭϲϳ 

N ϮϱϬ PďaϮ ϭ.ϰϱϳ 

N ϯϬϬ I-ϰϯŵ Ϯ.ϳϮϳ 
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Taďle Aϱ. “tƌuĐtuƌal paƌaŵeteƌs of the pƌediĐted MgǆNǇ ĐoŵpouŶds at seleĐted pƌessuƌes ;Chapteƌ ϯ.ϯͿ 

;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ. 

 

Phase ) P 
SpaĐe 
Group 

LattiĐe paraŵeters AtoŵiĐ ĐoordiŶates ;fraĐtioŶalͿ 

Staďle ĐoŵpouŶds 

MgϱNϯ Ϯ ϭϱϬ Pϲϯ/ŵĐŵ a=ϱ.ϰϳϮ, Đ=ϰ.Ϯϰϲ 
Mg ;Ϭ, Ϭ.ϳϰϵ, Ϭ.ϳϱͿ ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, ϭͿ; N ;Ϭ, 
Ϭ.ϯϴϴ, Ϭ.ϳϱͿ 

MgϯNϮ ϭϲ Ϭ Ia-ϯ a=ϵ.ϵϵϮ 
Mg ;Ϭ.ϭϭϴ, Ϭ.ϯϴϵ, Ϭ.ϴϰϳͿ; N ;Ϭ.Ϯϱ, Ϭ.Ϯϱ, Ϭ.ϳϱͿ 
;Ϭ.Ϭϯϭ, Ϭ.ϱ, Ϭ.ϮϱͿ 

MgϯNϮ ϰ ϯϬ PďĐŶ 
a=ϳ.ϯϱϯ, ď=ϱ.ϭϰϭ 

Đ=ϱ.ϮϰϮ 

Mg ;Ϭ.ϭϱϮ, Ϭ.ϭϬϲ, Ϭ.ϲϬϳͿ ;Ϭ, Ϭ.ϱϰϳ, Ϭ.ϳϱϬͿ; N 
;Ϭ.ϲϭϱ, Ϭ.ϳϱϯ, Ϭ.ϱϯϮͿ 

MgϯNϮ ϲ ϱϬ CϮ/ŵ 
a=ϭϭ.ϵϯϭ,ď=ϯ.Ϭϳϰ, 

Đ=ϳ.ϰϴϱ, β=ϵϵ.ϭ 

Mg ;Ϭ.ϭϯϬ, Ϭ.ϱ, Ϭ.ϮϴϴͿ ;Ϭ.ϳϵϳ, Ϭ.ϱ, Ϭ.ϯϲϵͿ 
;Ϭ.ϴϮϴ, Ϭ.ϱ, Ϭ.ϬϯͿ ;Ϭ.ϵϳϭ, Ϭ, Ϭ.ϯϰͿ ;Ϭ, Ϭ, ϬͿ N 
;Ϭ.Ϭϯϯ, Ϭ.ϱ, Ϭ.ϴϭϰͿ ;Ϭ.ϴϲϯ, Ϭ, Ϭ.ϱϭϱͿ ;Ϭ.ϴϭϱ, 
Ϭ, Ϭ.ϴϲϯͿ 

MgϯNϮ ϰ ϰϬ PŶŵa 
a=ϱ.ϮϴϬ, ď=Ϯ.ϵϲϳ 

Đ=ϭϭ.ϰϮϳ 

Mg ;Ϭ.ϯϲϭ, Ϭ.ϮϱϬ, Ϭ.ϱϲϭͿ ;Ϭ.ϱϮϱ, Ϭ.ϮϱϬ, 
Ϭ.ϭϬϲͿ ;Ϭ.ϲϯϲ, Ϭ.ϮϱϬ, Ϭ.ϳϭϴͿ; N ;Ϭ.ϭϲϴ, 
Ϭ.ϮϱϬ, Ϭ.ϭϵϳͿ ;Ϭ.Ϯϯϴ, Ϭ.ϳϱϬ, Ϭ.ϰϱϮͿ 

MgϰNϯ ϰ ϭϬϬ I-ϰϯd a=ϱ.ϴϳϯ 
Mg ;Ϭ.ϯϮϭ, Ϭ.ϭϳϵ, Ϭ.ϴϮϭͿ 
N ;Ϭ.ϲϮϱ, Ϭ, Ϭ.ϳϱͿ 

MgϱNϰ ϰ ϮϬϬ CŵĐa 
a=ϵ.ϰϴϳ, ď=ϰ.ϳϵϯ 

Đ=ϰ.ϴϭϭ 

Mg ;Ϭ.ϭϰϳ, Ϭ.ϯϮϰ, Ϭ.ϲϳϭͿ ;Ϭ, Ϭ.ϱ, ϭͿ 
N ;Ϭ, Ϭ.ϭϭ, Ϭ.ϴϴϵͿ ;Ϭ.Ϯ, Ϭ.ϱ, ϭͿ 

MgϱNϳ Ϯ ϮϱϬ CϮ 
a=ϱ.ϲϳ, ď=ϰ.ϱϭϳ 

Đ=ϱ.ϬϬϱ, β=ϵϴ.ϲ 

Mg ;Ϭ.ϳϯϵ, Ϭ, Ϭ.ϮϭϯͿ ;Ϭ.ϯϮϯ, Ϭ.ϱϬϮ, Ϭ.ϳϵͿ ;Ϭ, 
Ϭ.ϯϲϯ, Ϭ.ϱͿ;N ;Ϭ.ϱϲϭ, Ϭ.ϮϮ, Ϭ.ϵϬϲͿ ;Ϭ.ϴϭϮ, 
Ϭ.ϳϯϭ, Ϭ.ϱϬϭͿ ;Ϭ.ϱϱϲ, Ϭ.ϳϴϱ, Ϭ.ϴϵϰͿ ;Ϭ, Ϭ.ϵϭϳ, 
Ϭ.ϱͿ 

MgϮNϯ Ϯ ϱϬ PŵŵŶ 
a=ϵ.ϭϬϰ,ď=Ϯ.ϳϮϴ 

Đ=ϯ.Ϭϳϭ 

Mg ;Ϭ.ϭϰϳ, Ϭ, Ϭ.ϳϮϲͿ 
N ;Ϭ.ϴϲϴ, Ϭ.ϱ, Ϭ.ϮϭϯͿ ;Ϭ, Ϭ.ϱ, Ϭ.ϰϮϴͿ 

MgNϮ ϰ ϰϬ CŵĐŵ a=ϯ.ϴϬϱ,ď=ϳ.ϳϳϳ,Đ=ϯ.ϭϵϮ 
Mg ;Ϭ, Ϭ.ϯϲϯ, Ϭ.ϳϱͿ 
N ;Ϭ.ϲϲϰ, Ϭ.ϲϬϯ, Ϭ.ϳϱͿ 

MgNϮ ϰ ϭϬϬ Pϲϯ/ŵĐŵ a=ϰ.ϯϴϳ, Đ=ϰ.ϳϴϮ 
Mg ;Ϭ.ϲϲϳ, Ϭ.ϯϯϯ, ϬͿ 
N ;Ϭ, Ϭ, Ϭ.ϮϱͿ ;Ϭ, Ϭ.ϮϵϮ, Ϭ.ϮϱͿ 

MgNϯ Ϯ ϮϬϬ P-ϭ ;IIͿ 
a=ϯ.ϱϳϰ, ď=ϯ.ϱϱϭ 

Đ=ϯ.ϱϵϴ, α=ϭϬϭ 

β=ϲϵ.ϰ, γ=ϭϬϱ 

Mg ;Ϭ.ϭϮϮ, Ϭ.ϴϮϰ, Ϭ.ϭϯϱͿ; 
N ;Ϭ.ϯϯϱ, Ϭ.ϯϳϯ, Ϭ.ϭϭͿ ;Ϭ.ϯϭϰ, Ϭ.ϱϭϱ, Ϭ.ϰϴϳͿ 
;Ϭ.ϯϬϲ, Ϭ.ϴϵϱ, Ϭ.ϱϴͿ 

MgNϯ Ϯ ϱϬ P-ϭ ;IͿ 
a=ϰ.ϴϲϲ, ď=ϰ.ϴϯϬ 

Đ=Ϯ.ϳϲϴ, α=ϳϴ.ϳ 

β=ϳϴ.ϳ, γ=ϲϭ.Ϯ 

Mg ;Ϭ.ϲϲϳ, Ϭ.ϲϳϭ, Ϭ.ϰϳϴͿ 
N ;Ϭ.ϳϵϲ, Ϭ.ϯϬϲ, Ϭ.ϬϱϰͿ ;Ϭ.ϲϵϮ, Ϭ.ϭϬϲ, Ϭ.ϵϴϭͿ 
;Ϭ.ϵϬϯ, Ϭ.ϴϭϰ, Ϭ.ϴϱϲͿ 

MgNϰ Ϯ ϭϬϬ Cŵŵŵ 
a=ϯ.ϱϮϭ, ď=ϳ.ϯϭϮ 

Đ=Ϯ.ϯϵϯ 

Mg ;Ϭ.ϲϲϳ, Ϭ, ϬͿ 
N ;Ϭ.ϲϴϰ, Ϭ.ϭϲϲ, Ϭ.ϱͿ 

MgNϰ ϭ ϭϬ P-ϭ 

a=ϯ.Ϭϱϵ, ď=ϯ.ϴϭϮ 

Đ=ϰ.Ϭϳϱ, α=ϭϬϭ.ϳ 

β=ϴϲ.Ϯ, γ=ϲϵ.ϰ 

Mg ;Ϭ, Ϭ,Ϭ.ϱͿ; N ;Ϭ.ϱϳϴ, Ϭ.ϱϭϲ, Ϭ.ϴϱϮͿ ;Ϭ.ϰϰϯ, 
Ϭ.ϭϮϲ, Ϭ.ϭϱϵͿ 

Metastaďle ĐoŵpouŶds 

MgϱNϯ ϰ Ϭ CŵĐŵ 

a=ϰ.ϭϭϯ, 
ď=ϭϬ.ϰϭϰ, 
Đ=ϭϬ.ϱϱϴ 

Mg ;ϭ, Ϭ.ϭϵϭ, Ϭ.ϱϳϱͿ ;ϭ, Ϭ.Ϯϱϵ, Ϭ.ϮϱͿ ;ϭ, 
Ϭ.ϱϰϴ, Ϭ.ϭϭϲͿ; N ;ϭ, Ϭ.ϯϬϲ, Ϭ.ϳϱͿ ;ϭ, Ϭ.ϯϱϲ, 
Ϭ.ϰϯϳͿ 

MgϯNϮ ϭ ϭϬϬ P-ϯŵϭ 
a=ϯ.ϭϰ, Đ=ϰ.ϱϮϴ 

a=ϯ.ϭϳϳ, Đ=ϰ.ϳϴϰ 

Mg ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϲϲϱͿ ;Ϭ, Ϭ, ϬͿ 
N ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϮϮϳͿ 

MgϰNϯ ϰ Ϭ CϮ 
a=ϵ.ϵϯϳ, ď=ϱ.ϱϬϮ 

Đ=ϭϯ.ϱϵϵ, 
Mg ;Ϭ, Ϭ.ϭϲϮ, ϭͿ ;Ϭ.ϭϭϱ, Ϭ.ϯϭϰ, Ϭ.ϴϲϭͿ ;Ϭ.Ϯϲϲ, 
Ϭ.ϭϬϱ, Ϭ.ϳϳϯͿ ;Ϭ.ϯϲϬ, Ϭ.Ϯϲϱ, Ϭ.ϲϬϱͿ ;Ϭ, Ϭ.ϲ, 
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β=ϭϱϰ.ϭ Ϭ.ϱͿ; N ;Ϭ.Ϯϱϰ, Ϭ.ϵϱϴ, Ϭ.ϵϭϳͿ ;Ϭ.ϭϬϱ, Ϭ.ϰϱϰ, 
Ϭ.ϳϬϰͿ ;Ϭ.ϭϰϴ, Ϭ.ϵϱϮ, Ϭ.ϱϱϲͿ 

MgϱNϰ ϯ Ϭ Rϯŵ 
a=ϯ.ϰϮϬ 

Đ=ϯϭ.ϮϬϴ 

Mg ;Ϭ, Ϭ, Ϭ.ϲϭϭͿ ;Ϭ, Ϭ, Ϭ.ϯϰϬͿ ;Ϭ, Ϭ, Ϭ.ϰϳϳͿ ;Ϭ, 
Ϭ, Ϭ.ϬϳϲͿ ;Ϭ, Ϭ, Ϭ.ϴϴϭͿ; N ;Ϭ, Ϭ, Ϭ.ϱϰϭͿ ;Ϭ, Ϭ, 
Ϭ.ϵϳϬͿ ;Ϭ, Ϭ, Ϭ.ϳϳϴͿ ;Ϭ, Ϭ, Ϭ.ϳϮϭͿ 

MgϱNϳ Ϯ Ϭ IŵŵϮ 
a=ϮϮ.ϴϮϭ 

ď=ϯ.ϯϴϵ, Đ=ϰ.ϭϯϯ 

Mg ;Ϭ.ϭϯϮ, Ϭ.ϱ, Ϭ.ϭϵϵͿ ;Ϭ.ϱϱϴ, Ϭ.ϱ, Ϭ.ϮϭϬͿ 
;Ϭ.ϱ, Ϭ, Ϭ.ϳϭϭͿ; N ;Ϭ.Ϯϭϴ, Ϭ.ϱ, Ϭ.ϱϲϭͿ ;Ϭ.ϭϵϬ, 
Ϭ.ϱ, Ϭ.ϳϵϬͿ ;Ϭ.ϰϭϰ, Ϭ.ϱ, Ϭ.ϳϭϮͿ ;Ϭ.ϱ, Ϭ, Ϭ.ϮϭϭͿ 

MgϮNϯ Ϯ Ϭ CϮ/ŵ 
a=ϱ.ϲϯϭ, ď=ϯ.ϭϯϭ 

Đ=ϳ.ϯϭϬ, β=ϭϭϯ.ϳ 

Mg ;Ϭ.Ϭϴϵ, Ϭ.ϱ, Ϭ.ϴϰϲͿ; N ;Ϭ.ϵϱϲ, Ϭ, Ϭ.ϰϭϮͿ 
;Ϭ.ϱ, Ϭ.ϱ, ϬͿ 

MgNϮ ϰ Ϭ Cŵ 
a=ϱ.ϲϴϲ, ď=ϯ.Ϯϳϰ 

Đ=ϭϬ.ϬϮϲ, β=ϭϮϴ.Ϯ 

Mg ;Ϭ.ϳϯϱ, Ϭ, Ϭ.ϰϰϮͿ ;Ϭ.ϭϴϬ, Ϭ.ϱ, Ϭ.ϲϵϵͿ; N 
;Ϭ.ϰϲϱ, Ϭ.ϱ, Ϭ.ϵϲϱͿ ;Ϭ.ϮϮϬ, Ϭ, Ϭ.ϱϴϮͿ ;Ϭ.ϭϴϲ, 
Ϭ, Ϭ.ϮϱϳͿ ;Ϭ.Ϭϳϭ, Ϭ, Ϭ.ϭϬϵͿ 

MgNϯ ϰ Ϭ CϮ/ŵ 
a=ϵ.Ϯϴϱ, ď=ϯ.ϭϬϰ 

Đ=ϲ.ϮϮϵ, β=ϭϬϬ.ϯ 

Mg ;Ϭ.ϯϳϵ, Ϭ.ϱ, Ϭ.ϳϱϱͿ; N ;Ϭ.ϮϴϮ, Ϭ.ϱ, Ϭ.ϮϭϮͿ 
;Ϭ.ϯϴϮ, Ϭ.ϱ, Ϭ.ϭϭϲͿ ;Ϭ.ϰϱϭ, Ϭ, Ϭ.ϱϱϭͿ 

MgNϰ ϭ Ϭ PϮ/ŵ 
a=ϱ.ϰϴϰ, ď=ϯ.Ϭϵϳ 

Đ=ϰ.ϭϵϵ, β=ϵϰ.ϰ 

Mg ;Ϭ, Ϭ, ϬͿ; N ;Ϭ.ϵϵϵ, Ϭ.ϱ, Ϭ.ϲϰϰͿ ;Ϭ.ϯϵϳ, Ϭ, 
Ϭ.ϬϭϰͿ 

MgNϰ ϰ ϮϬϱ CϮ/Đ 
a=ϱ.ϵϭϮ, ď=ϯ.ϲϳϴ 

Đ=ϰ.ϲϵϳ, β=ϵϳ.ϲ 

Mg ;Ϭ, Ϭ.Ϭϰϳ, Ϭ.ϳϱͿ; N ;Ϭ.Ϭϳϵ, Ϭ.ϱϵϳ, Ϭ.ϵϱϲͿ 
;Ϭ.Ϯϰϲ, Ϭ.ϯϵϮ, Ϭ.ϵϭϰͿ 
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Taďle Aϲ. “tƌuĐtuƌal paƌaŵeteƌs of the pƌediĐted BaǆNǇ ĐoŵpouŶds at seleĐted pƌessuƌes ;Chapteƌ ϯ.ϰͿ 

;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ. 

 

Phase P ) 
SpaĐe 
Group 

LattiĐe Paraŵeters AtoŵiĐ ĐoordiŶates ;fraĐtioŶalͿ 

GrouŶd staďle phase 

BaϯN Ϭ Ϯ Pϲϯ/ŵĐŵ 
a=ϳ.ϳϮϴ, ď=ϳ.ϳϮϴ, Đ=ϳ.Ϭϵϲ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 

Ba ;Ϭ.ϬϬϬ, Ϭ.Ϯϳϯ, Ϭ.ϮϱϬͿ; N ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, 
Ϭ.ϱϬϬͿ 

BaϮN Ϭ ϯ R-ϯŵ 
a=ϰ.Ϭϱϵ, ď=ϰ.Ϭϱϵ, Đ=ϮϮ.ϴϱϰ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 

Ba ;Ϭ.ϲϲϳ, Ϭ.ϯϯϯ, Ϭ.ϭϬϭͿ; N ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, 
Ϭ.ϭϲϳͿ 

BaϮN ϭϬ ϭ P-ϯŵϭ 
a=ϯ.ϳϮϰ, ď=ϯ.ϳϮϰ, Đ=ϱ.ϴϯϳ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 

Ba ;Ϭ.ϲϲϳ, Ϭ.ϯϯϯ, Ϭ.ϮϱϲͿ; N ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, 
Ϭ.ϬϬϬͿ 

BaϮN ϭϬϬ Ϯ Iϰ/ŵŵŵ 
a=Ϯ.ϵϵϲ, ď=Ϯ.ϵϵϲ, Đ=ϵ.ϱϭϰ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, Ϭ.ϴϱϳͿ; N ;Ϭ.ϱϬϬ, Ϭ.ϱϬϬ, 
Ϭ.ϬϬϬͿ 

BaϯNϮ ϭϬ Ϯ P-ϭ 
a=ϯ.ϴϯϳ, ď=ϲ.ϲϬϳ, Đ=ϵ.Ϭϭϴ 

α=ϵϲ.Ϭ, β=ϵϴ.ϵ, γ=ϴϬ.ϭ 

Ba ;Ϭ.ϲϲϴ, Ϭ.Ϯϯϭ, Ϭ.ϵϱϮͿ, ;Ϭ.ϳϳϬ, Ϭ.ϬϱϮ, 
Ϭ.ϯϰϰͿ, ;Ϭ.ϭϯϴ, Ϭ.ϰϵϵ, Ϭ.ϯϯϭͿ; N ;Ϭ.Ϯϰϵ, Ϭ.ϭϲϱ, 
Ϭ.ϭϮϰͿ, ;Ϭ.ϰϭϴ, Ϭ.Ϯϲϱ, Ϭ.ϱϱϳͿ 

BaϯNϮ ϱϬ ϰ CϮ/Đ 
a=ϭϲ.ϮϰϬ, ď=ϯ.ϮϬϰ, Đ=ϲ.ϮϮϳ 

α=ϵϬ.Ϭ, β=ϳϴ.ϱ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϭϴϬ, Ϭ.ϱϰϱ, Ϭ.ϭϲϲͿ, ;Ϭ.ϱϬϬ, Ϭ.ϭϱϯ, 
Ϭ.ϳϱϬͿ; N ;Ϭ.ϲϬϴ, Ϭ.ϰϵϲ, Ϭ.ϵϰϳͿ 

BaN ϭϬ ϰ PϮϭ/Đ 
a=ϲ.ϴϴϯ, ď=ϰ.ϲϴϴ, Đ=ϳ.ϬϮϵ 

α=ϵϬ.Ϭ, β=ϭϯϲ.Ϯ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.Ϯϰϭ, Ϭ.ϰϮϮ, Ϭ.ϵϵϰͿ; N ;Ϭ.ϯϵϵ, Ϭ.ϱϵϴ, 
Ϭ.ϰϱϵͿ 

BaN ϱϬ ϰ PϮϭ/ŵ 
a=ϯ.Ϯϵϱ, ď=ϱ.ϱϭϮ, Đ=ϲ.ϰϰϵ 

α=ϵϬ.Ϭ, β=ϳϲ.ϯ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϯϬϬ, Ϭ.ϮϱϬ, Ϭ.ϱϭϭͿ, ;Ϭ.ϯϵϳ, Ϭ.ϳϱϬ, 
Ϭ.ϬϳϮͿ; N ;Ϭ.ϵϰϰ, Ϭ.ϭϮϮ, Ϭ.ϮϮϳͿ 

BaN ϭϬϬ ϰ CϮ/ŵ 
a=ϴ.ϴϮϳ, ď=ϯ.ϭϴϭ, Đ=ϯ.ϰϵϭ 

α=ϵϬ.Ϭ, β=ϵϴ.Ϯ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϯϱϭ, Ϭ.ϱϬϬ, Ϭ.ϳϴϳͿ; N ;Ϭ.ϰϰϱ, Ϭ.ϬϬϬ, 
Ϭ.ϯϯϴͿ 

BaϮNϯ ϱϬ ϰ CϮ/ŵ 
a=ϭϬ.ϴϬϳ, ď=ϱ.ϴϬϲ, Đ=ϲ.ϳϵϱ 

α=ϵϬ.Ϭ, β=ϭϰϮ.ϳ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϳϱϭ, Ϭ.ϬϬϬ, Ϭ.ϵϱϯͿ, ;Ϭ.ϲϴϬ, Ϭ.ϬϬϬ, 
Ϭ.ϯϳϲͿ,;Ϭ.ϬϬϬ, Ϭ.ϴϴϱ, Ϭ.ϬϬϬͿ; N ;Ϭ.ϵϯϳ, Ϭ.ϭϵϵ, 
Ϭ.ϰϵϭͿ 

BaNϮ Ϭ ϰ CϮ/Đ 
a=ϳ.ϮϮϳ, ď=ϰ.ϰϴϱ, Đ=ϴ.ϴϳϵ 

α=ϵϬ.Ϭ, β=ϭϮϲ.ϵ, γ=ϵϬ.Ϭ 

N ;Ϭ.ϰϵϵ, Ϭ.ϭϬϮ, Ϭ.ϱϰϲͿ; Ba ;Ϭ.ϬϬϬ, Ϭ.Ϭϯϳ, 
Ϭ.ϳϱϬͿ 

BaNϮ ϱϬ ϰ CϮ/ŵ 
a=ϲ.ϵϱϯ, ď=ϲ.ϭϬϮ, Đ=ϯ.ϰϳϬ 

α=ϵϬ.Ϭ, β=ϭϬϱ.Ϯ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϮϮϯ, Ϭ.ϬϬϬ, Ϭ.ϰϲϵͿ; N ;Ϭ.ϰϰϰ, Ϭ.ϮϬϮ, 
Ϭ.ϭϭϮͿ 

BaNϮ ϭϬϬ ϰ PϮϭ/Đ 
a=Ϯ.ϵϰϱ, ď=ϳ.ϴϱϵ, Đ=ϱ.Ϯϱϭ 

α=ϵϬ.Ϭ, β=ϴϳ.ϵ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϵϴϮ, Ϭ.ϴϰϮ, Ϭ.ϲϱϳͿ; N ;Ϭ.ϰϴϴ, Ϭ.ϰϬϯ, 
Ϭ.ϮϭϯͿ, ;Ϭ.ϱϱϯ, Ϭ.ϰϮϰ, Ϭ.ϰϱϰͿ 

BaϯNϴ ϱϬ Ϯ Cŵŵŵ 
a=ϱ.ϰϴϲ, ď=ϴ.ϱϱϳ, Đ=ϱ.ϯϮϴ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϬϬϬ, Ϭ.ϲϴϯ, Ϭ.ϱϬϬͿ, ;Ϭ.ϱϬϬ, Ϭ.ϱϬϬ, 
Ϭ.ϬϬϬͿ; N ;Ϭ.ϬϬϬ, Ϭ.ϱϬϬ, Ϭ.ϴϵϭͿ, ;Ϭ.ϮϱϬ, Ϭ.ϮϱϬ, 
Ϭ.ϭϭϭͿ, ;Ϭ.ϯϴϴ, Ϭ.ϱϬϬ, Ϭ.ϱϬϬͿ 

BaNϰ ϭϬ ϭ Pϲ/ŵŵŵ 
a=ϰ.ϯϮϲ, ď=ϰ.ϯϮϲ, Đ=ϰ.ϭϰϱ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 

Ba ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, Ϭ.ϬϬϬͿ; N ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, 
Ϭ.ϯϱϴͿ 

BaNϰ ϱϬ ϰ PϰϭϮϭϮ 
a=ϯ.ϲϲϬ, ď=ϯ.ϲϲϬ, Đ=ϭϱ.ϭϳϯ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϴϰϰ, Ϭ.ϴϰϰ, Ϭ.ϬϬϬͿ; N ;Ϭ.ϲϯϵ, Ϭ.ϴϯϭ, 
Ϭ.ϱϵϰͿ, ;Ϭ.ϵϳϬ, Ϭ.ϴϲϬ, Ϭ.ϯϰϰͿ 

BaNϰ ϭϬϬ ϰ CϮ/Đ 
a=ϰ.ϳϭϵ, ď=ϱ.ϵϯϰ, Đ=ϴ.ϰϴϴ 

α=ϵϬ.Ϭ, β=ϭϯϰ.ϴ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϱϬϬ, Ϭ.ϴϴϲ, Ϭ.ϮϱϬͿ; N ;Ϭ.Ϯϰϯ, Ϭ.Ϯϴϯ, 
Ϭ.ϬϲϵͿ, ;Ϭ.ϯϴϮ, Ϭ.ϰϵϬ, Ϭ.ϭϯϴͿ 

BaNϱ ϱϬ ϰ Iŵŵa 
a=ϴ.ϴϵϳ, ď=ϰ.ϱϱϳ, Đ=ϱ.ϲϮϮ 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϳϱϬ, Ϭ.ϮϱϬ, Ϭ.ϳϱϬͿ; N ;Ϭ.ϴϴϭ, Ϭ.ϳϱϬ, 
Ϭ.ϲϱϰͿ, ;Ϭ.ϵϮϱ, Ϭ.ϳϱϬ, Ϭ.ϴϴϯͿ, ;Ϭ.ϱϬϬ, Ϭ.ϮϱϬ, 
Ϭ.ϬϭϵͿ 

BaϮNϭϭ ϭϬ ϭ P-ϭ 
a=ϱ.ϯϯϵ, ď=ϱ.ϲϮϳ, Đ=ϲ.ϲϰϵ 

α=ϵϲ.ϲ, β=ϵϴ.ϰ, γ=ϭϭϴ.ϭ 

Ba ;Ϭ.Ϭϲϯ, Ϭ.ϳϴϰ, Ϭ.ϮϲϲͿ; N ;Ϭ.ϱϲϯ, Ϭ.Ϯϳϲ, 
Ϭ.ϵϱϱͿ, ;Ϭ.ϰϲϰ, Ϭ.ϮϱϮ, Ϭ.ϬϵϴͿ, ;Ϭ.ϬϴϮ, Ϭ.ϳϳϳ, 
Ϭ.ϲϵϱͿ,;Ϭ.ϰϱϯ, Ϭ.Ϯϴϲ, Ϭ.ϱϰϬͿ, ;Ϭ.Ϭϭϵ, Ϭ.ϳϲϰ, 
Ϭ.ϴϱϱͿ,;Ϭ.ϱϬϬ, Ϭ.ϱϬϬ, Ϭ.ϱϬϬͿ 
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BaNϲ Ϭ Ϯ PϮϭ/ŵ 
a=ϱ.ϱϮϳ, ď=ϰ.ϰϰϮ, Đ=ϵ.ϴϬϲ 

α=ϵϬ.Ϭ, β=ϵϵ.ϭ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϲϳϭ, Ϭ.ϳϱϬ, Ϭ.ϮϭϵͿ; N ;Ϭ.ϮϬϴ, Ϭ.ϳϱϬ, 
Ϭ.ϯϯϴͿ, ;Ϭ.ϯϱϵ, Ϭ.ϮϱϬ, Ϭ.ϬϵϲͿ, ;Ϭ.ϭϰϵ, Ϭ.ϮϱϬ, 
Ϭ.ϭϭϬͿ, ;Ϭ.ϵϰϬ, Ϭ.ϮϱϬ, Ϭ.ϭϮϮͿ, ;Ϭ.ϳϮϭ, Ϭ.ϮϱϬ, 
Ϭ.ϰϭϳͿ, ;Ϭ.ϳϱϲ, Ϭ.ϮϱϬ, Ϭ.ϱϯϵͿ 

BaNϭϬ ϱϬ Ϯ P-ϭ 
a=ϰ.ϴϮϮ, ď=ϰ.ϲϱϲ, Đ=ϴ.ϴϭϳ 

α=ϵϭ.ϳ, β=ϳϳ.Ϭ, γ=ϳϲ.Ϯ 

Ba ;Ϭ.ϱϭϬ, Ϭ.ϬϬϮ, Ϭ.ϮϰϯͿ; N ;Ϭ.ϴϭϭ, Ϭ.ϭϰϮ, 
Ϭ.ϰϱϰͿ,;Ϭ.ϴϯϬ, Ϭ.ϮϮϱ, Ϭ.ϬϭϵͿ,;Ϭ.ϴϲϭ, Ϭ.Ϯϴϳ, 
Ϭ.ϯϯϬͿ,;Ϭ.ϴϲϵ, Ϭ.ϮϮϳ, Ϭ.ϴϲϴͿ,;Ϭ.ϳϯϭ, Ϭ.ϰϵϱ, 
Ϭ.ϬϴϮͿ,;Ϭ.ϴϬϯ, Ϭ.ϱϲϴ, Ϭ.ϯϳϴͿ,;Ϭ.ϳϴϲ, Ϭ.ϱϬϮ, 
Ϭ.ϴϯϵͿ,;Ϭ.ϳϮϳ, Ϭ.ϱϵϰ, Ϭ.ϱϮϵͿ,;Ϭ.ϳϬϳ, Ϭ.ϲϲϵ, 
Ϭ.ϵϲϵͿ,;Ϭ.Ϯϲϱ, Ϭ.ϲϲϵ, Ϭ.ϰϮϰͿ 

Metastaďle phase 

BaϰNϯ ϭϬ Ϯ Pϭ 
a=ϲ.ϵϯϰ, ď=ϳ.ϬϴϬ, Đ=ϳ.ϯϴϰ 

α=ϭϬϳ.ϲ, β=ϳϭ.Ϭ, γ=ϳϰ.ϲ 

Ba ;Ϭ.ϯϯϮ, Ϭ.ϰϳϯ, Ϭ.ϰϮϰͿ,;Ϭ.ϳϴϮ, Ϭ.ϭϮϴ, 
Ϭ.ϰϵϯͿ, ;Ϭ.ϵϲϲ, Ϭ.Ϭϴϴ, Ϭ.ϵϰϱͿ,;Ϭ.ϯϯϴ, Ϭ.ϲϬϲ, 
Ϭ.ϵϮϱͿ,;Ϭ.ϯϭϴ, Ϭ.ϵϲϮ, Ϭ.ϯϵϴͿ,;Ϭ.ϰϲϵ, Ϭ.Ϭϳϳ, 
Ϭ.ϵϮϵͿ,;Ϭ.ϴϮϱ, Ϭ.ϲϬϲ, Ϭ.ϯϱϰͿ,;Ϭ.ϴϴϯ, Ϭ.ϱϯϰ, 
Ϭ.ϴϭϰͿ; N ; Ϭ.ϮϯϬ, Ϭ.Ϯϲϯ, Ϭ.ϳϭϵͿ,;Ϭ.ϭϬϱ, Ϭ.ϮϲϮ, 
Ϭ.ϯϭϱͿ,;Ϭ.ϱϵϰ, Ϭ.ϯϵϮ, Ϭ.ϬϯϳͿ,;Ϭ.ϳϭϬ, Ϭ.ϵϭϬ, 
Ϭ.ϭϳϱͿ,;Ϭ.ϵϮϵϬ, Ϭ.ϴϬϴ, Ϭ.ϭϬϳͿ,;Ϭ.ϵϰϵ, Ϭ.ϴϮϳ, 
Ϭ.ϲϭϯͿ 

BaϰNϯ ϭϬϬ Ϯ CϮ/ŵ 
a=ϭϬ.ϮϳϮ, ď=ϯ.ϬϴϮ, Đ=ϵ.Ϯϱϳ 

α=ϵϬ.Ϭ, β=ϭϰϭ.ϱ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϲϮϳ, Ϭ.ϬϬϬ, Ϭ.ϮϵϬͿ,;Ϭ.ϭϳϵ, Ϭ.ϬϬϬ, 
Ϭ.ϴϬϳͿ; N ; Ϭ.ϱϴϱ, Ϭ.ϬϬϬ, Ϭ.ϱϮϳͿ,;Ϭ.ϱϬϬ, Ϭ.ϱϬϬ, 
Ϭ.ϬϬϬͿ 

BaNϯ ϭϬϬ ϰ CϮ/Đ 
a=ϱ.ϬϮϳ, ď=ϳ.ϴϮϭ, Đ=ϰ.ϭϲϰ 

α=ϵϬ.Ϭ, β=ϲϬ.Ϭ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϱϬϬϬϬ, Ϭ.ϯϲϭϭϳ, Ϭ.ϳϱϬϬϬͿ; N ;Ϭ.ϬϵϭϮϳ, 
Ϭ.ϰϮϳϱϰ, Ϭ.ϰϱϬϰϳͿ; N ;Ϭ.ϬϬϬϬϬ, Ϭ.ϯϮϴϵϭ, 
Ϭ.ϳϱϬϬϬͿ 

BaNϱ ϭϬϬ Ϯ Pϭ 
a=ϰ.ϲϯϰ, ď=ϱ.ϰϰϲ, Đ=ϰ.ϭϳϱ 

α=ϳϭ.ϯ, β=ϭϬϳ.ϳ, γ=ϵϰ.ϯ 

Ba ;Ϭ.ϯϳϯ, Ϭ.ϴϯϵ, Ϭ.ϵϭϳͿ, ;Ϭ.ϴϴϳ, Ϭ.ϰϳϳ, 
Ϭ.ϬϴϱͿ; N ;Ϭ.Ϭϲϱ, Ϭ.ϵϰϲ, Ϭ.ϮϲϱͿ,;Ϭ.ϯϲϭ, Ϭ.ϱϮϰ, 
Ϭ.ϱϵϵͿ,;Ϭ.ϰϰϵ, Ϭ.ϮϬϬ, Ϭ.ϰϲϵͿ,;Ϭ.ϱϬϱ, Ϭ.ϰϯϯ, 
Ϭ.ϰϯϴͿ,;Ϭ.ϲϭϴ, Ϭ.ϭϬϲ, Ϭ.ϯϮϴͿ,;Ϭ.Ϭϭϳ, Ϭ.ϮϮϮ, 
Ϭ.ϳϮϬͿ,;Ϭ.ϲϵϱ, Ϭ.ϴϳϯ, Ϭ.ϱϮϬͿ,;Ϭ.ϵϬϰ, Ϭ.ϳϳϯ, 
Ϭ.ϰϱϯͿ,;Ϭ.Ϯϱϵ, Ϭ.ϯϰϴ, Ϭ.ϴϰϯͿ,;Ϭ.ϴϵϴ, Ϭ.Ϭϱϴ, 
Ϭ.ϵϰϬͿ 

BaNϲ 

;LoǁestͿ ϱϬ Ϯ P-ϭ;IͿ a=ϱ.Ϯϳϰ, ď=ϲ.Ϭϲϴ, Đ=ϰ.ϲϲϰ 

α=ϵϵ.ϱ, β=ϭϬϮ.ϳ, γ=ϭϭϱ.ϰ 

Ba ;Ϭ.ϮϮϬ, Ϭ.ϴϴϲ, Ϭ.ϭϱϯͿ; N ;Ϭ.Ϯϴϳ, Ϭ.ϲϱϰ, 
Ϭ.ϲϲϱͿ, ;Ϭ.ϳϰϬ, Ϭ.ϳϬϴ, Ϭ.ϯϱϬͿ, ;Ϭ.ϮϮϬ, Ϭ.ϯϭϵ, 
Ϭ.ϯϱϵͿ, ;Ϭ.ϳϱϴ, Ϭ.ϰϱϵ, Ϭ.ϲϭϲͿ, ;Ϭ.Ϯϵϯ, Ϭ.ϱϬϱ, 
Ϭ.ϴϯϴͿ, ;Ϭ.Ϯϲϯ, Ϭ.ϭϬϲ, Ϭ.ϳϮϭͿ 

BaNϲ 

;“eĐoŶd 
loǁestͿ 

ϱϬ ϭ P-ϭ;IIͿ a=ϯ.ϲϬϲ, ď=ϯ.ϲϱϰ, Đ=ϰ.ϵϰ 

α=ϵϳ.Ϯ, β=ϴϴ.ϲ, γ=ϳϳ.ϭ 

Ba ;Ϭ.ϬϬϬ, Ϭ.ϬϬϬ, Ϭ.ϬϬϬͿ; N ;Ϭ.ϯϳϳ, Ϭ.ϰϰϱ, 
Ϭ.ϮϱϰͿ, ;Ϭ.ϳϰϱ, Ϭ.ϳϭϳ, Ϭ.ϱϰϳͿ, ;Ϭ.ϯϴϴ, Ϭ.ϯϮϲ, 
Ϭ.ϲϵϰͿ 

BaNϲ ϭϬϬ Ϯ CϮ/ŵ 
a=ϰ.ϯϭϭ, ď=ϰ.ϱϳϴ, Đ=ϲ.ϭϬϬ 

α=ϵϬ.Ϭ, β=ϭϮϭ.ϭ, γ=ϵϬ.Ϭ 

Ba ;Ϭ.ϱϬϬ, Ϭ.ϬϬϬ, Ϭ.ϱϬϬͿ, ;Ϭ.ϯϬϳ, Ϭ.ϱϬϬ, 
Ϭ.ϮϯϮͿ; N ;Ϭ.ϴϭϳ, Ϭ.Ϯϱϵ, Ϭ.ϵϭϳͿ 
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Taďle Aϳ. “tƌuĐtuƌal paƌaŵeteƌs of the pƌediĐted alkaliŶe eaƌth ŵetal - peŶtazolate ĐoŵpouŶds at seleĐted 

pƌessuƌes ;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ. ;Chapteƌ ϯ.ϱͿ 

 

Phase P ) 
SpaĐe 
Group 

LattiĐe Paraŵeters AtoŵiĐ ĐoordiŶates ;fraĐtioŶalͿ 

BeN10 0 4 I-42d 
a=ϴ.Ϭϯϰ, ď=8.034, Đ=13.774 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Be (0.500, 0.500, 0.000); N (0.750, 0.524, 

0.875), (0.655, 1.424, 0.927), (0.691, 1.264, 

0.907) 

BeN10 50 4 Fdd2 
a=9.498, ď=8.822, Đ=7.058 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Be (0.250, -0.750, 0.219) ; N (0.317, -0.499,  -

0.028), (0.244, -0.382, -0.076), (0.126, -0.384, 

0.016), (0.126, -0.504, 0.119), (0.242, -0.576, 

0.090) 

MgN10 0 4 P43212 
a=6.662, ď=6.662, Đ=11.881 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Mg (0.244, 0.245, 0.000); N (0.414, 0.760, 

0.497), (0.352, 0.781, 0.391), (0.094, 0.761, 

0.498), (0.255, 0.748, -0.436), (0.155, 0.781, 

0.392) 

MgN10 50 4 I-42d 
a=6.909, ď=6.909, Đ=6.821 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Mg (-0.000, 0.500, 1.250); N (0.180, 0.288, 

1.313), (0.135, 0.111, 1.274), (0.250, 0.000, 

1.375) 

CaN10 0 4 I-42d 
a=8.307, ď=8.307, Đ=7.966 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Ca (1.000, -0.500, 0.250) ; N (0.774, -0.309, 

0.180), (1.122, 0.154, 0.715), (1.028, 0.250, 

0.625) 

CaN10 50 4 Ibam 
a=5.573, ď=8.141, Đ=7.453 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Ca (0.500, 0.500, 0.750) ; N (0.838, 0.377, 

1.141), (0.429, 0.741, 1.412), (0.280, 0.963, 

0.500) 

SrN10 0 4 I-42d 
a=8.665, ď= 8.665, Đ= 8.093 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Sr (0.500, 0.000, 0.750); N (0.264, 0.193, 

0.679), (0.618, 0.658, 1.213), (0.528, 0.750, 

1.125) 

SrN10 50 4 Ibam 
a=8.222, ď=5.731, Đ=7.641 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Sr (0.500, -0.500, 0.250) ; N (1.118, -0.348, 

0.862), (1.247, -0.452, 0.914), (0.536, 0.217, 

0.500) 

BaN10 0 4 I-42d 
a=9.107, ď= 9.107, Đ=8.296 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Ba (0.500, 0.500, 1.000) ; N (0.663, 0.116, 

0.961), (0.696, 0.255, 0.928), (0.750, 0.031, 

0.875) 

BaN10 50 2 P-1 
a=ϰ.ϴϮϮ, ď=ϰ.ϲϱϲ, Đ=ϴ.ϴϭϳ 

α=ϵϭ.ϳ, β=ϳϳ.Ϭ, γ=ϳϲ.Ϯ 

Ba ;Ϭ.ϱϭϬ, Ϭ.ϬϬϮ, Ϭ.ϮϰϯͿ; N ;Ϭ.ϴϭϭ, Ϭ.ϭϰϮ, 
Ϭ.ϰϱϰͿ,;Ϭ.ϴϯϬ, Ϭ.ϮϮϱ, Ϭ.ϬϭϵͿ,;Ϭ.ϴϲϭ, Ϭ.Ϯϴϳ, 
Ϭ.ϯϯϬͿ,;Ϭ.ϴϲϵ, Ϭ.ϮϮϳ, Ϭ.ϴϲϴͿ,;Ϭ.ϳϯϭ, Ϭ.ϰϵϱ, 
Ϭ.ϬϴϮͿ,;Ϭ.ϴϬϯ, Ϭ.ϱϲϴ, Ϭ.ϯϳϴͿ,;Ϭ.ϳϴϲ, Ϭ.ϱϬϮ, 
Ϭ.ϴϯϵͿ,;Ϭ.ϳϮϳ, Ϭ.ϱϵϰ, Ϭ.ϱϮϵͿ,;Ϭ.ϳϬϳ, Ϭ.ϲϲϵ, 
Ϭ.ϵϲϵͿ,;Ϭ.Ϯϲϱ, Ϭ.ϲϲϵ, Ϭ.ϰϮϰͿ 
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Taďle Aϴ. “tƌuĐtuƌal paƌaŵeteƌs of the pƌediĐted ŵolǇďdeŶuŵ diŶitƌides at Ϭ GPa ;Chapteƌ ϰ.ϯͿ 

;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ. 

 

Phase ) LattiĐe paraŵeters Atomic coordinates (fractional) 

Pϲϯ/ŵŵĐ ;IͿ Ϯ a=ď=Ϯ.ϵϮϳ, Đ=ϳ.ϳϲϮ Mo ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϳϱͿ ; N ;Ϭ, Ϭ, Ϭ.ϬϴϵͿ 
P-ϲŵϮ Ϯ a=ď=Ϯ.ϵϮ, Đ=ϯ.ϵϬϭ Mo ;Ϭ, Ϭ, ϬͿ ; N ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϲϳϴͿ 

PϮϭ/ŵ Ϯ 
a=ϰ.ϮϱϮ, ď=Ϯ.ϴϵ, 
Đ=ϱ.ϮϭϮ, β=ϭϭϯ.ϵ 

Mo ;Ϭ.Ϭϭϭ, Ϭ.Ϯϱ, Ϭ.ϳϭϳͿ; N ;Ϭ.ϯϲϯ, Ϭ.ϳϱ, Ϭ.ϳϬϱͿ, 
;Ϭ.ϳϬϲ, Ϭ.ϳϱ, Ϭ.ϴϮϳͿ 

R-ϯŵ ϯ 
a=ď=Ϯ.ϵϬϰ, 
Đ=ϭϭ.ϴϵϮ 

Mo ;Ϭ, Ϭ, ϬͿ ;N ;Ϭ, Ϭ, Ϭ.ϱϱϲͿ 

CϮ/ŵ ϰ 
a=ϲ.ϳϯϵ, ď=ϯ.Ϭϴϯ, 
Đ=ϴ.ϭϭϬ, β=ϭϯϳ.Ϭ 

Mo ;Ϭ.ϵϰϭ, Ϭ.ϱ, Ϭ.ϳϳϲͿ; N ;Ϭ.Ϯϭϭ, Ϭ, Ϭ.ϴϱͿ, ;Ϭ.ϭϮϵ, Ϭ.ϱ, 
Ϭ.ϱϯϲͿ 

Pϲϯ/ŵŵĐ ;IIͿ Ϯ a=ď=Ϯ.ϴϴϳ, Đ=ϴ.ϬϬϰ Mo ;Ϭ, Ϭ, ϬͿ; N ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϴϯϯͿ 

PϰϮŶŵ Ϯ 
a=ď=ϰ.ϴϴϮ, 

Đ=ϯ.Ϭϰϰ 
Mo ;Ϭ, Ϭ, ϬͿ; N ;Ϭ.Ϯϵϲ, Ϭ.ϳϬϰ, Ϭ.ϴϴϭͿ 

PŶŵa ϰ 
a=ϱ.ϳϵϳ, ď=ϯ.ϲϮϴ, 

Đ=ϵ.ϳϯϭ 

Mo ;Ϭ.ϱϰϮ, Ϭ.ϳϱ, Ϭ.ϯϳϯͿ; N ;Ϭ.ϲϮϱ, Ϭ.Ϯϱ, Ϭ.ϰϯϳͿ, ;Ϭ.ϲϴ, 
Ϭ.Ϯϱ, Ϭ.ϳϱͿ 

Pϰ/ŵďŵ Ϯ a=ď=ϰ.ϯϰϯ, Đ=Ϯ.ϳϱϮ Mo ;Ϭ, Ϭ, ϬͿ; N ;Ϭ.ϭϭϭ, Ϭ.ϲϭϭ, Ϭ.ϱͿ 
Pϲ/ŵŵŵ ϭ a=ď=Ϯ.ϴϱ, Đ=ϱ.ϭϱϲ Mo ;Ϭ, Ϭ, ϬͿ; N ;Ϭ, Ϭ, Ϭ.ϯϴϴͿ 

Cŵ Ϯ 
a=ϱ.ϱϮϭ, ď=ϯ.Ϭϭϰ, 
Đ=ϱ.ϴϮϮ, β=ϭϭϭ.ϱ 

Mo ;Ϭ, Ϭ, ϬͿ; N ;Ϭ.ϭϱϰ, Ϭ.ϱ, Ϭ.ϮϬϮͿ, ;Ϭ.ϳϬϵ, Ϭ.ϱ, Ϭ.ϴϭϮͿ 

Pϲϯ/ŵŵĐ ;IIIͿ Ϯ 
a=ď=ϯ.ϬϱϮ, 

Đ=ϳ.ϴϬϲ 
Mo ;Ϭ.ϲϲϳ, Ϭ.ϯϯϯ, Ϭ.ϳϱͿ; N ;Ϭ.ϯϯϯ, Ϭ.ϲϲϳ, Ϭ.ϴϴϵͿ 

Rϯŵ ϯ 
a=ď=ϯ.ϬϭϮ, 
Đ=ϭϯ.ϴϲϵ 

Mo ;Ϭ, Ϭ, ϬͿ; N ;Ϭ, Ϭ, Ϭ.ϮϱϯͿ, ;Ϭ, Ϭ, Ϭ.ϰϭϭͿ 
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Taďle Aϵ. “tƌuĐtuƌal paƌaŵeteƌs of the pƌediĐted )ƌǆNǇ at Ϭ GPa ;Chapteƌ ϰ.ϰͿ 

;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ. 

 

Phase SpaĐe group LattiĐe paraŵeter PositioŶ 

)ƌϮN PϰϮ/ŵŶŵ a=ϱ.ϰϮϲ, Đ=ϯ.ϯϭϵ 
)ƌ ;Ϭ.ϳϬϰ, Ϭ.Ϯϵϲ, ϭͿ 
N ;Ϭ.ϱ, Ϭ.ϱ, Ϭ.ϱͿ 

)ƌϯNϮ Iŵŵŵ a=ϵ.ϵϮϭ, ď=ϯ.ϮϵϮ, Đ=ϰ.ϱϰϮ 
)ƌ ;Ϭ.ϯϭϵ, Ϭ, ϭͿ; ;Ϭ, Ϭ, ϭͿ 
N ;Ϭ.ϯϯϳ, Ϭ, Ϭ.ϱͿ 

)ƌϰNϯ CϮ/ŵ 
a=ϭϬ.ϴϯϲ,ď=ϯ.Ϯϲϳ 

Đ=ϱ.ϲϰϱ, β=ϭϬϬ.ϳ 

)ƌ ;Ϭ.ϭϮϳ, Ϭ, Ϭ.ϴϴϯͿ; ;Ϭ.ϭϯϮ, Ϭ.ϱ, Ϭ.ϯϲϴͿ 
N ;Ϭ.ϳϱϭ, Ϭ.ϱ, Ϭ.ϮϰϵͿ; ;Ϭ, Ϭ.ϱ, ϬͿ 

)ƌϲNϱ CϮ/ŵ 
a=ϱ.ϲϱϵ, ď=ϵ.ϳϲϯ 

Đ=ϱ.ϲϱϰ, β=ϭϬϵ.ϱ 

)ƌ ;Ϭ.ϳϱϲ, Ϭ.ϲϳϯ, Ϭ.ϮϱϯͿ; ;Ϭ.ϳϱϵ, Ϭ.ϱ, Ϭ.ϳϰϮͿ N 

;Ϭ.ϱ, Ϭ.ϭϲϱ, ϬͿ; ;Ϭ.ϱ, Ϭ.ϯϯϰ, Ϭ.ϱͿ; 
;Ϭ, Ϭ.ϱ, Ϭ.ϱͿ 

)ƌϴNϳ CϮ/ŵ 
a=ϭϭ.ϯϬϮ,ď=ϲ.ϱϯϰ 

Đ=ϱ.ϲϯϵ, β=ϭϬϵ.ϴ 

)ƌ ;Ϭ.ϯϳϮ, Ϭ.Ϯϱϲ, Ϭ.ϮϰϯͿ; ;Ϭ.ϲϮϴ, Ϭ, Ϭ.ϮϰϭͿ; 
;Ϭ.ϴϳϱ, Ϭ, Ϭ.ϳϱϭͿ N ;Ϭ.Ϯϰϵ, Ϭ, Ϭ.ϵϵϵͿ; 
;Ϭ.Ϯϱ, Ϭ.Ϯϱ, Ϭ.ϱͿ; ;Ϭ, Ϭ, Ϭ.ϱͿ; ;Ϭ, Ϭ.Ϯϰϵ, ϭͿ 

)ƌN Fŵ-ϯŵ a=ϰ.ϲϬϴ 
)ƌ ;Ϭ, Ϭ, ϬͿ 
N ;Ϭ.ϱ, Ϭ.ϱ, Ϭ.ϱͿ 

)ƌϭϱNϭϲ P-ϭ 
a=ϱ.ϲϰϬ,ď=ϴ.ϱϵϬ,Đ=ϴ.ϱϴϰ,  

α=ϭϬϲ.ϯ,β=ϵϬ.Ϭ, γ=ϳϳ.ϯ 

)ƌ ;Ϭ.ϭϴϵ, Ϭ.ϰϯϵ, Ϭ.ϭϮϲͿ;;Ϭ.ϲϴϱ, Ϭ.ϵϯϴ, Ϭ.ϭϯϯͿ; 
;Ϭ.ϲϮϮ, Ϭ.ϲϯϱ, Ϭ.ϮϱϳͿ; ;Ϭ.ϭϰϰ, Ϭ.ϭϮϰ, Ϭ.ϮϱϲͿ; 
;Ϭ.ϱϲϵ, Ϭ.ϯϬϲ, Ϭ.ϯϳϴͿ; ;Ϭ.Ϭϲ, Ϭ.ϴϮ, Ϭ.ϯϳϴͿ; 
;Ϭ, Ϭ.ϱ, Ϭ.ϱͿ; ;Ϭ.Ϯϰϲ, Ϭ.ϳϰϵ, Ϭ.ϵϵϰͿ; 
N ;Ϭ.ϯϳϬ, Ϭ.ϴϳϭ, Ϭ.ϮϰϭͿ; ;Ϭ.ϰϰϮ, Ϭ.ϭϴϴ, Ϭ.ϭϮϯͿ; 
;Ϭ.ϯϭϭ, Ϭ.ϱϲϯ, Ϭ.ϯϳϱͿ; ;Ϭ.ϭϳϰ, Ϭ.ϵϯϱ, Ϭ.ϲϯͿ; 
;Ϭ.Ϯϰϲ, Ϭ.Ϯϱϰ, Ϭ.ϱͿ; ;Ϭ, ϭ, ϬͿ;;Ϭ.ϱ, Ϭ.ϱ, ϬͿ; 
;Ϭ.ϬϲϮ, Ϭ.ϯϭϮ, Ϭ.ϴϳϰͿ; ;Ϭ.ϭϮϮ, Ϭ.ϲϮϰ, Ϭ.ϳϰϳͿ 

)ƌϳNϴ P-ϭ 
a=ϲ.ϰϵϵ, ď=ϱ.ϲϭϳ,Đ=ϱ.ϲϬϭ, 

α=ϴϬ.ϯ,β=ϳϯ.ϭ, γ=ϵϬ.Ϭ 

)ƌ ;Ϭ.ϴϲϳ, Ϭ.ϳϰϵ, Ϭ.ϱϮϬͿ; ;Ϭ.Ϯϱϴ, Ϭ.ϵϵϵ, 
Ϭ.ϵϵϲͿ; ;Ϭ.ϯϳϳ, Ϭ.ϳϯϲ, Ϭ.ϱϬϳͿ; ;Ϭ, Ϭ.ϱ, ϬͿ 
N ;Ϭ.Ϭϲϱ, Ϭ.ϴϳϳ, Ϭ.ϳϱϭͿ; ;Ϭ.ϱϲϯ, Ϭ.ϴϵϭ, Ϭ.ϳϰϮͿ; 
;Ϭ.ϯϬϱ, Ϭ.ϯϲϱ, Ϭ.ϳϰϭͿ; ;Ϭ.ϭϳϰ, Ϭ.ϲϯϬ, Ϭ.ϮϲϮͿ 

)ƌϰNϱ CϮ/ŵ 
a=ϭϬ.ϴϮϬ, ď=ϯ.Ϯϯϵ,Đ=ϴ.ϭϱϴ, 

β=ϭϮϮ.Ϯ 

)ƌ ;Ϭ.ϳϳϭ, Ϭ, Ϭ.ϲϴϰͿ; ;Ϭ.ϵϭϯ, Ϭ.ϱ, Ϭ.ϭϭϱͿ 
N ;Ϭ.ϭϮϭ, Ϭ.ϱ, Ϭ.ϯϳϵͿ; ;Ϭ.ϯϬϮ, Ϭ.ϱ, Ϭ.ϭϴϵͿ; 
;Ϭ, Ϭ, ϬͿ 

)ƌϯNϰ PŶŵa a=ϵ.ϴϳϱ, ď=ϯ.Ϯϵϳ,Đ=ϭϬ.ϵϬϰ 

)ƌ ;Ϭ.ϳϳϮ, Ϭ.ϳϱ, Ϭ.ϲϰϴͿ; ;Ϭ.ϴϵϮ, Ϭ.ϳϱ, Ϭ.ϵϬϳͿ; 
;Ϭ.ϵϯϬ, Ϭ.ϳϱ, Ϭ.ϯϳϳͿ N ;Ϭ.ϭϬϯ, Ϭ.ϳϱ, Ϭ.ϵϳϬͿ; 
;Ϭ.ϰϵϰ, Ϭ.ϳϱ, Ϭ.ϳϳϱͿ; ;Ϭ.ϲϰϯ, Ϭ.ϳϱ, Ϭ.ϬϭϴͿ; 
;Ϭ.ϳϲϰ, Ϭ.Ϯϱ, Ϭ.ϳϴϳͿ 

)ƌϯNϰ I-ϰϯd a=ϲ.ϳϴϰ 
)ƌ ;Ϭ.ϯϳϱ, Ϭ, Ϭ.ϮϱͿ 
N ;Ϭ.Ϭϲϯ, Ϭ.Ϭϲϯ, Ϭ.ϬϲϯͿ 
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Taďle AϭϬ. “tƌuĐtuƌal paƌaŵeteƌs of the pƌediĐted GaPOϰ at seleĐted pƌessuƌes ;Chapteƌ ϱ.ϭͿ 

;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ. 

 

Phase P LattiĐe paraŵeters Atomic coordinates (fractional) 

CŵĐŵ ϮϬ 
a =ϱ.ϯϭϳ, ď = ϳ.ϯϲϬ, Đ = ϱ.ϵϮϳ 

α = β =γ= ϵϬ 

Ga ;Ϭ.ϱ Ϭ.ϱ Ϭ.ϱͿ; P ;Ϭ.ϱ Ϭ.ϭϰϮ Ϭ.ϳϱͿ; O ;Ϭ.Ϯϰϱ Ϭ.ϱϭϳ 
Ϭ.ϳϱͿ, ;Ϭ.ϱ Ϭ.Ϯϰϲ Ϭ.ϰϲϵͿ 

CŵĐŵ ϯϮ 
a =ϱ.ϭϬϰ, ď = ϳ.ϭϯϮ, Đ = ϱ.ϳϵϮ 

α=β=γ=ϵϬ 

Ga ;Ϭ.ϱ Ϭ.ϱ Ϭ.ϱͿ; P ;Ϭ.ϱ Ϭ.ϭϯϱ Ϭ.ϳϱͿ; O ;Ϭ.Ϯϰϲ Ϭ.ϱϬϴ 
Ϭ.ϳϱͿ, ;Ϭ.ϱ Ϭ.ϮϰϬ Ϭ.ϰϳϱͿ 

P-ϭ ϮϬ 
a=ϰ.ϰϲϴ, ď=ϱ.ϯϵϳ, Đ=ϰ.ϴϮϮ 

α=ϵϬ, β=ϳϵ.ϴ, γ=ϳϯ.ϵ 

Ga ;Ϭ.ϱϭϬ -Ϭ.ϭϲϵ Ϭ.ϳϰϱͿ; P ;Ϭ.ϴϲϴ Ϭ.Ϯϳϵ Ϭ.ϲϵϲͿ; O 
;Ϭ.Ϯϲϯ -Ϭ.Ϭϳϳ Ϭ.ϭϮϯͿ, ;Ϭ.Ϯϯϲ Ϭ.ϭϳϭ Ϭ.ϲϯϱͿ, ;Ϭ.ϳϲϰ Ϭ.ϯϬϴ 
Ϭ.ϰϭϯͿ, ;Ϭ.Ϯϯϯ Ϭ.ϰϲϳ Ϭ.ϭϯϱͿ 

PŵŶϮϭ ϮϬ 
a=ϱ.ϰϳϵ, ď=ϰ.ϱϮϵ, Đ=ϰ.ϰϬϴ 

α=β=γ=ϵϬ 

Ga ;Ϭ. Ϭ.ϰϰϴ Ϭ.ϮϰϲͿ; P ;Ϭ.ϱ Ϭ.ϭϯϴ Ϭ.ϭϴϰͿ; O ;Ϭ.ϳϴϮ Ϭ.ϲϴϳ 
Ϭ.ϱϯϵͿ, ;Ϭ. Ϭ.ϭϳϯ Ϭ.ϱϳϮͿ, ;Ϭ. Ϭ.ϴϭϵ Ϭ.ϬϮϰͿ 

CϮ/ŵ ϮϬ 
a=ϴ.ϴϮϲ, ď=ϱ.ϵϳϰ, Đ=ϰ.ϯϳϰ 

α=γ=ϵϬ, β=ϭϬϳ.ϰ 

Ga ;Ϭ. Ϭ.Ϯϰϴ Ϭ.ϬͿ; P ;-Ϭ.ϯϭϬ Ϭ.ϱ Ϭ.ϲϯϯͿ; O ;-Ϭ.ϭϯϰ Ϭ.Ϯϭϴ 
Ϭ.ϮϲϯͿ, ;Ϭ.ϭϮϯ Ϭ.ϱ Ϭ.ϮϯϵͿ, ;Ϭ.ϭϯϵ Ϭ. Ϭ.ϮϲϬͿ 

Iŵŵa ϮϬ 
a=ϲ.Ϯϰϴ, ď=ϱ.ϬϮϰ, Đ=ϲ.ϱϱϲ 

α=β=γ=ϵϬ 

Ga ;Ϭ. Ϭ.ϬϬϯ -Ϭ.ϱͿ, ;Ϭ.ϱ Ϭ.ϭϱϵ Ϭ.ϬͿ; P ;Ϭ.ϲϵϮ -Ϭ.ϬϯϮ -
Ϭ.ϯϲϬͿ; O ;Ϭ.ϯϳϰ Ϭ.ϮϬϴ -Ϭ.ϳϰϴͿ, ;Ϭ.ϯϲϴ -Ϭ.Ϯϱϵ -Ϭ.ϳϲϭͿ, 
;Ϭ.ϯϱϵ -Ϭ.Ϭϯϰ -Ϭ.ϯϬϯͿ, ;Ϭ.ϭϮϱ -Ϭ.Ϭϯϵ -Ϭ.ϳϲϮͿ 

CϮ ϮϬ 
a=ϵ.Ϭϵϱ, ď=ϱ.ϯϬϰ, Đ=ϰ.ϳϳϵ 

α=γ=ϵϬ, β=ϭϭϬ.ϲ 

Ga ;Ϭ. Ϭ.ϬϬϯ -Ϭ.ϱͿ, ;Ϭ.ϱ Ϭ.ϭϱϵ Ϭ.ϬͿ; P ;Ϭ.ϲϵϮ -Ϭ.ϬϯϮ -
Ϭ.ϯϱϵͿ; O ;Ϭ.ϯϳϰ Ϭ.ϮϬϴ -Ϭ.ϳϰϴͿ, ;Ϭ.ϯϲϴ -Ϭ.Ϯϱϵ -Ϭ.ϳϲϭͿ, 
;Ϭ.ϯϱϵ -Ϭ.Ϭϯϵ -Ϭ.ϳϲϮͿ, ;Ϭ.ϭϮϱ -Ϭ.Ϭϯϵ -Ϭ.ϳϲϮͿ 

 

Taďle Aϭϭ. “tƌuĐtuƌal paƌaŵeteƌs of the pƌediĐted “i“Ϯ at seleĐted pƌessuƌes ;Chapteƌ ϱ.ϮͿ 

;distaŶĐes iŶ Å, aŶgles iŶ °, pƌessuƌe iŶ GPaͿ.  

 
Phase P LattiĐe paraŵeters Atomic coordinates (fractional) 

P-ϯŵϭ ϮϬ 
a= 3.153, ď=3.153, Đ= 5.041 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϭϮϬ.Ϭ 
Si (0.000, 0.000, 0.500); S (0.333, 0.667, 0.240) 

P-ϭ ϮϬϬ 
a=2.584, ď=3.918, Đ=5.115 

α=78.8, β=79.2, γ=77.2 

Si (-1.066, -0.902, -1.297); S (0.260, -0.721, -0.032), 

(0.421, -0.672, -0.621) 

Cŵ ϮϱϬ 
a=10.405, ď=3.476, Đ= 12.770 

α=90.0, β=144.5, γ=90.0 

Si (0.667, -0.000, 0.888), (0.333, -0.000, 0.443), (0.166, -

0.500, 0.553), (0.500, -0.500, 0.662), (0.164, -0.500, 

0.217), (0.001, -1.000, 0.329); S (0.000, -0.000, 0.161), 

(0.660, -0.000, 0.715), (0.833, -0.500, 0.944), (-0.166, -

0.500, 0.279), (0.501, -0.500, 0.827), (0.496, -0.500, 

0.985), (0.174, -0.500, 0.392), (-0.154, -0.500, 0.124), 

(0.321, -1.000, 0.767), (-0.333, -1.000, 0.052), (0.333, -

1.000, 0.608), (-0.006, -1.000, 0.490) 

PϮϭ/ŵ ϯϬϬ 
a=4.168, ď= 3.442, Đ=5.894 

α=ϵϬ.Ϭ, β=90.0, γ=ϵϬ.Ϭ 

Si (0.665, 0.250, 0.582), (0.003, 0.250, 0.250); S (0.844, 

0.250, 0.917), (0.501, 0.250, 0.25308), (0.349, 0.250, 

0.91291), (0.164, 0.250, 0.581) 

Pŵŵŵ ϱϬϬ 
a=6.877, ď=2.283, Đ= 4.577 

α=ϵϬ.Ϭ, β=ϵϬ.Ϭ, γ=ϵϬ.Ϭ 

Si (0.337, -0.000, 0.500), (0.000, 0.000, 0.000), (0.000, 

0.000, 0.500); S (0.326, -0.000, 0.000), (0.166, 0.500, 

0.253), (0.500, 0.500, 0.242) 
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Appendix 3. Energy information 

 

Taďle AϭϮ. CalĐulated eŶthalpies of the pƌediĐted Liǆ;COϮͿǇ ĐoŵpouŶds at diffeƌeŶt pƌessuƌe. ;Chapteƌ ϮͿ 

StruĐture 
SpaĐe 

Group 

Pressure 

;GPaͿ 
EŶthalpǇ 

;eV/atoŵͿ 
)PE 

;eV/atoŵͿ 

ForŵatioŶ 
EŶthalpǇa  

;eV/atoŵͿ 

ReaĐtioŶ 
EŶthalpǇď 

;eV/atoŵͿ 

DistaŶĐe to 
the true 

ĐoŶǀeǆ hull 
;eV/atoŵͿ 

LiϮCOϮ CϮ/ŵ Ϭ -ϲ.Ϭϵϳ Ϭ.Ϭϵϰ -ϭ.ϱϭϲ -Ϭ.ϳϮϰ Ϭ.ϮϬϬ 

Liϯ;COϮͿϮ P-ϭ Ϭ -ϲ.ϰϳϰ Ϭ.ϭϬϭ -ϭ.ϱϵϲ -Ϭ.ϳϭϱ Ϭ.ϭϲϲ 

LiCOϮ PϮϭ/Đ ;IͿ Ϭ -ϲ.ϴϵϰ Ϭ.ϭϬϴ -ϭ.ϲϰϰ -Ϭ.ϲϱϰ Ϭ.Ϭϰϵ 

LiϮCOϮ CϮ/ŵ ϭϬ -ϱ.ϲϭϰ Ϭ.ϭϬϯ -ϭ.ϴϬϵ -ϭ.ϭϮϭ Ϭ.ϭϰϳ 

LiCOϮ PϮϭ/Đ ;IIͿ ϭϬ -ϲ.ϯϭϬ Ϭ.ϭϭϮ -ϭ.ϳϳϳ -Ϭ.ϵϭϳ Ϭ.ϬϮϳ 

LiϮCOϮ PŶŵa ϱϬ -ϰ.Ϭϯϵ Ϭ.ϭϮϱ -Ϯ.ϯϰϰ -ϭ.ϲϳϴ Ϭ.ϭϬϯ 

Liϯ;COϮͿϮ P-ϭ ϱϬ -ϰ.ϯϬϬ Ϭ.ϭϮϲ -Ϯ.ϮϮϴ -ϭ.ϰϴϳ Ϭ.ϭϱϮ 

LiCOϮ PϮ/Đ ϱϬ -ϰ.ϲϬϭ Ϭ.ϭϯϲ -Ϯ.Ϭϱϲ -ϭ.ϮϮϯ Ϭ.Ϭϲϰ 

Liϯ;COϮͿϰ CϮ ϱϬ -ϰ.ϱϳϵ Ϭ.ϭϯϲ -ϭ.ϳϱϬ -Ϭ.ϴϲϭ Ϭ.ϭϲϴ 

Li;COϮͿϮ Pϭ ϱϬ -ϰ.ϳϮϱ Ϭ.ϭϰϬ -ϭ.ϱϳϯ -Ϭ.ϲϮϬ Ϭ.ϭϭϱ 

Liϯ;COϮͿϮ CϮ/ŵ ϭϬϬ -Ϯ.ϱϴϮ Ϭ.ϭϰϭ -Ϯ.ϰϳϴ -ϭ.ϳϬϴ Ϭ.ϭϰϳ 

LiCOϮ PϮ/Đ ϭϬϬ -Ϯ.ϵϬϯ Ϭ.ϭϱϯ -Ϯ.Ϯϵϵ -ϭ.ϰϯϭ Ϭ.Ϭϭϰ 

Liϯ;COϮͿϰ Pϭ ϭϬϬ -Ϯ.ϴϭϳ Ϭ.ϭϱϮ -ϭ.ϳϵϮ -Ϭ.ϴϲϳ Ϭ.ϭϲϵ 

Li;COϮͿϮ P-ϭ ϭϬϬ -Ϯ.ϵϵϮ Ϭ.ϭϱϳ -ϭ.ϳϰϰ -Ϭ.ϳϱϮ Ϭ.Ϭϳϰ 

LiCOϮ PϮ/Đ Ϭ ƋueŶĐh -ϲ.ϲϱϭ Ϭ.ϭϬϳ -ϭ.ϰϬϭ -Ϭ.ϰϭϭ  

LiϮCOϮ PŶŵa Ϭ ƋueŶĐh -ϲ.Ϭϰϰ Ϭ.Ϭϵϳ -ϭ.ϰϲϯ -Ϭ.ϲϳϭ  

  

ĐLiϮCOϯ CϮ/Đ Ϭ -ϲ.ϱϲϳ  -ϭ.ϵϮϳ -Ϭ.ϴϬϴ  

LiϮCOϯ Pϲϯ/ŵĐŵ ϭϬ -ϱ.ϵϵϴ  -Ϯ.ϭϭϵ -ϭ.ϭϬϱ  

LiϮCOϯ Pϲϯ/ŵĐŵ ϱϬ -ϰ.ϯϯϱ  -Ϯ.ϱϰϵ -ϭ.ϱϮϮ  

LiϮCOϯ Pϲϯ/ŵĐŵ ϭϬϬ -Ϯ.ϱϴϲ  -Ϯ.ϳϵϰ -ϭ.ϳϭϮ  

dCOϮ Pa-ϯ Ϭ -ϳ.ϲϴϲ  -ϭ.ϯϮϬ   

COϮ Pa-ϯ ϭϬ -ϲ.ϴϵϯ  -ϭ.ϭϰϲ   

COϮ I-ϰϮd  ϱϬ -ϱ.Ϭϳϰ  -ϭ.ϭϭϭ   

COϮ I-ϰϮd  ϭϬϬ -ϯ.Ϯϲϰ  -ϭ.ϭϱϳ   

aFoƌŵatioŶ eŶthalpǇ of ǆLi+ǇC+ϮǇO = Liǆ;COϮͿǇ 

ďReaĐtioŶ eŶthalpǇ of ǆLi+ǇCOϮ = Liǆ;COϮͿǇ 

ĐEǆpeƌiŵeŶtal staŶdaƌd foƌŵatioŶ eŶthalpǇ foƌ LiϮCOϯ solid phase=-ϭϮ.ϲϬϯ eV/atoŵ 

dEǆpeƌiŵeŶtal staŶdaƌd foƌŵatioŶ eŶthalpǇ foƌ COϮ gas phase=-ϰ.Ϭϳϵ eV/atoŵ 
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Taďle Aϭϯ. CalĐulated eŶthalpies of lithiuŵ, ĐaƌďoŶ, oǆǇgeŶ, ĐaƌďoŶ dioǆide, lithiuŵ oǆide LiϮO, lithiuŵ ĐaƌďoŶate 

LiϮ;COϯͿ phases at diffeƌeŶt pƌessuƌe. ;Chapteƌ ϮͿ 

 

 

 

 

 

 

 

 

 

Taďle Aϭϰ. GƌaǀiŵetƌiĐ eŶeƌgǇ deŶsities foƌ ŶitƌogeŶ-ďased ŵateƌials ;Chapteƌ ϯ.ϯͿ 

 

StoiĐhioŵetrǇ SpaĐe group EŶthalpǇ ;eV/atoŵͿ 
EŶergǇ deŶsitǇ 

;eV/f.uͿ ;kJ/gͿ 
MgNϰ PϮ/ŵ -ϳ.Ϭϭϯ ϭ.Ϭϲϱ ϭ.Ϯϳϵ 

MgNϰ P-ϭ -ϲ.ϴϳϵ ϭ.ϳϯϱ Ϯ.Ϭϴϰ 

MgNϰ Cŵŵŵ -ϲ.ϴϮϬ Ϯ.ϬϯϬ Ϯ.ϰϯϴ 

MgNϯ CϮ/ŵ -ϲ.ϳϱϯ Ϭ.ϳϵϴ ϭ.ϭϲϭ 

MgNϯ P-ϭ ;IͿ -ϲ.ϰϱϵ ϭ.ϵϳϰ Ϯ.ϴϳϮ 

MgNϮ CŵĐŵ -ϲ.ϮϮϰ Ϭ.ϴϭϴ ϭ.ϱϬϵ 

MgNϮ Pϲϯ/ŵĐŵ -ϲ.ϭϰϰ ϭ.Ϭϱϴ ϭ.ϵϱϭ 

MgϮNϯ Pŵŵŵ -ϱ.ϳϳϲ ϭ.ϳϴϬ ϭ.ϴϵϱ 

MgϮNϯ CϮ/ŵ -ϲ.ϬϮϯ Ϭ.ϱϰϱ Ϭ.ϱϴϬ 

NitƌogeŶ Pa-ϯ -ϴ.ϯϮϬ - - 

MgϯNϮ Ia-ϯ -ϱ.Ϭϯϴ - - 

 

 

 

 

CoŵpouŶds 
EŶthalpies ;eV/atoŵͿ 

Ϭ GPa ϭϬ GPa ϱϬ GPa ϭϬϬ GPa 

Li 
Iŵ-ϯŵ;BCCͿ Fŵ-ϯŵ;FCCͿ I-ϰϯd CŵĐa 

-ϭ.ϵϬϰ -Ϭ.ϴϵϯ ϭ.ϳϬϴ ϯ.ϵϬϱ 

C 
Pϲϯ/ŵŵĐ Fd-ϯŵ Fd-ϯŵ Fd-ϯŵ 

-ϵ.ϮϮϯ -ϴ.ϳϰϬ -ϳ.ϯϵϵ -ϱ.ϴϰϮ 

O 
CϮ/ŵ ;OϰͿ CϮ/ŵ ;O8Ϳ CϮ/ŵ ;O8Ϳ CϮ/ŵ ;O8Ϳ 

-ϰ.ϵϯϳ -ϰ.ϮϱϬ -Ϯ.Ϯϰϱ -Ϭ.ϮϰϬ 

LiϮO 
Fŵ-ϯŵ Fŵ-ϯŵ PŶŵa PŶŵa 

-ϰ.ϳϴϯ -ϰ.Ϯϵϰ -Ϯ.ϲϳϭ -ϭ.Ϭϰϴ 

LiϮCOϯ 
CϮ/Đ Pϲϯ/ŵĐŵ Pϲϯ/ŵĐŵ Pϲϯ/ŵĐŵ 

-ϲ.ϱϲϳ -ϱ.ϵϵϴ -ϰ.ϯϯϱ -Ϯ.ϱϴϲ 

COϮ 
Pa-ϯ Pa-ϯ I-ϰϮd  I-ϰϮd 

-ϳ.ϲϴϲ -ϲ.ϴϵϯ -ϱ.Ϭϳϰ -ϯ.Ϯϲϰ 
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Taďle Aϭϱ. CalĐulated eŶthalpies of the pƌediĐted BaǆNǇ ĐoŵpouŶds at diffeƌeŶt pƌessuƌe. ;Chapteƌ ϯ.ϰͿ 

 

 

 

 

 

StruĐture 
SpaĐe 

Group 

Pressure 

;GPaͿ 
EŶthalpǇ 

;eV/atoŵͿ 
)PE 

;eV/atoŵͿ 
ForŵatioŶ EŶthalpǇ 

;eV/atoŵͿ 

GrouŶd staďle phase 

BaϯN Pϲϯ/ŵĐŵ Ϭ -ϯ.ϴϮϵ Ϭ.ϬϮϭ -Ϭ.ϯϬϲ 

BaϮN R-ϯŵ Ϭ -ϰ.ϰϲϬ Ϭ.ϬϮϰ -Ϭ.ϰϬϰ 

BaϮN P-ϯŵϭ ϭϬ -Ϯ.ϲϭϭ Ϭ.Ϭϯϯ -Ϭ.ϳϳϳ 

BaϮN Iϰ/ŵŵŵ ϭϬϬ ϳ.ϭϬϮ Ϭ.Ϭϱϱ -ϭ.Ϭϴϰ 

BaϯNϮ P-ϭ ϭϬ -ϯ.Ϯϳϱ Ϭ.Ϭϯϲ -Ϭ.ϴϵϭ 

BaϯNϮ CϮ/Đ ϱϬ ϭ.ϮϳϬ Ϭ.ϬϱϬ -ϭ.Ϯϲϳ 

BaN PϮϭ/Đ ϭϬ -ϰ.ϭϯϯ Ϭ.Ϭϱϭ -Ϭ.ϵϮϯ 

BaN PϮϭ/ŵ ϱϬ -Ϭ.ϭϬϳ Ϭ.Ϭϲϯ -ϭ.ϰϬϬ 

BaN CϮ/ŵ ϭϬϬ ϯ.ϵϲϰ Ϭ.Ϭϳϯ -ϭ.ϰϬϵ 

BaϮNϯ CϮ/ŵ ϱϬ -ϭ.ϯϵϯ Ϭ.Ϭϳϴ -ϭ.ϰϰϯ 

BaNϮ CϮ/Đ Ϭ -ϲ.ϳϭϬ Ϭ.Ϭϲϯ -Ϭ.ϱϮϮ 

BaNϮ CϮ/ŵ ϱϬ -Ϯ.ϭϵϬ Ϭ.ϬϴϮ -ϭ.ϰϭϮ 

BaNϮ PϮϭ/Đ ϭϬϬ ϭ.ϭϵϵ Ϭ.Ϭϵϵ -ϭ.ϯϲϭ 

BaϯNϴ Cŵŵŵ ϱϬ -Ϯ.ϴϯϱ Ϭ.Ϭϵϰ -ϭ.ϯϬϯ 

BaNϰ Pϲ/ŵŵŵ ϭϬ -ϲ.ϯϳϮ Ϭ.Ϭϴϵ -Ϭ.ϲϴϯ 

BaNϰ PϰϭϮϭϮ ϱϬ -ϯ.ϱϭϭ Ϭ.ϭϭϳ -ϭ.Ϭϳϱ 

BaNϰ CϮ/Đ ϭϬϬ -Ϭ.ϳϬϰ Ϭ.ϭϮϱ -ϭ.Ϭϭϯ 

BaNϱ Iŵŵa ϱϬ -ϯ.ϴϰϭ Ϭ.ϭϭϲ -Ϭ.ϵϵϭ 

BaϮNϭϭ P-ϭ ϭϬ -ϲ.ϲϬϮ Ϭ.Ϭϵϰ -Ϭ.ϱϯϮ 

BaNϲ Eǆp PϮϭ/ŵ Ϭ -ϳ.ϲϬϯ Ϭ.ϭϬϭ -Ϭ.ϭϵϳ 

BaNϭϬ P-ϭ ϱϬ -ϰ.ϰϴϮ Ϭ.ϭϯϲ -Ϭ.ϲϵϬ 

Metastaďle phase 

BaϰNϯ Pϭ ϭϬ -ϯ.ϱϭϭ Ϭ.ϬϰϬ -Ϭ.ϴϵϭ 

BaϰNϯ CϮ/ŵ ϭϬϬ ϱ.ϯϬϲ Ϭ.Ϭϲϳ -ϭ.ϮϳϮ 

BaNϯ CϮ/Đ ϭϬϬ Ϭ.ϬϬϵ Ϭ.ϭϭϱ -ϭ.ϭϰϰ 

BaNϱ Pϭ ϭϬϬ -ϭ.Ϭϲϳ Ϭ.ϭϯϬ -Ϭ.ϴϭϰ 

BaNϲ P-ϭ;IͿ ϱϬ -ϯ.ϵϵϲ Ϭ.ϭϮϳ -Ϭ.ϴϰϵ 

BaNϲ P-ϭ;IIͿ ϱϬ -ϯ.ϴϴϭ Ϭ.ϭϭϰ -Ϭ.ϳϯϱ 

BaNϲ CϮ/ŵ ϭϬϬ -ϭ.ϯϵϬ Ϭ.ϭϰϮ -Ϭ.ϳϯϱ 
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Appendix 4. DOS and band structure 

Figure Aϭ. DO“ foƌ Li-COϮ phases ;Chapteƌ ϮͿ 
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Figure AϮ. DeŶsitǇ of states ;DO“Ϳ foƌ Ba-N phases ;Chapteƌ ϯ.ϰͿ 
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Figure Aϯ. DO“ aŶd ďaŶd stƌuĐtuƌe foƌ BaǆNǇ eleĐtƌide phases ĐalĐulated ďǇ loĐal fuŶĐtioŶ ŵethod ;CRY“TAL ϭϳͿ 

;Chapteƌ ϯ.ϰͿ 
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Figure Aϰ. DeŶsitǇ of states ;DO“Ϳ foƌ MNϭϬ phases ;Chapteƌ ϯ.ϱͿ 
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Appendix 5. Phonon frequency 

Figure Aϱ. PhoŶoŶ dispeƌsioŶ Đuƌǀes of the Liǆ;COϮͿǇ ĐoŵpouŶds at seleĐted pƌessuƌes. No iŵagiŶaƌǇ phoŶoŶ ŵodes 

aƌe fouŶd iŶ the ǁhole BƌillouiŶ zoŶe, ǁhiĐh ĐoŶfiƌŵs theiƌ dǇŶaŵiĐal staďilitǇ. ;Chapteƌ ϮͿ 
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Figure Aϲ. PhoŶoŶ dispeƌsioŶ Đuƌǀes of the BaǆNǇ ĐoŵpouŶds at seleĐted pƌessuƌes. No iŵagiŶaƌǇ phoŶoŶ ŵodes 

aƌe fouŶd iŶ the ǁhole BƌillouiŶ zoŶe, ǁhiĐh ĐoŶfiƌŵs theiƌ dǇŶaŵiĐal staďilitǇ. ;Chapteƌ ϯ.ϰͿ 
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Figure Aϳ. PhoŶoŶ dispeƌsioŶ Đuƌǀes of the “i“Ϯ ĐoŵpouŶds at seleĐted pƌessuƌes. No iŵagiŶaƌǇ phoŶoŶ ŵodes aƌe 

fouŶd iŶ the ǁhole BƌillouiŶ zoŶe, ǁhiĐh ĐoŶfiƌŵs theiƌ dǇŶaŵiĐal staďilitǇ. ;Chapteƌ ϱ.ϮͿ 
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Appendix 6. AIMD simulations (Chapter 3 and 4) 

 

In our DFT calculations on Lix(Cτ2)y phases, the PBE functional is used throughout this 

work. The projector-augmented wave (PAW) method was used for the core-electron 

representation. After preliminary convergence tests, we used a cutoff energy Ecut= 550 eV for the 

valence basis set. ab initio (DFT) molecular dynamics simulations were performed with VASP 

for the periodic supercell of three phases. Starting from each structure at ambient pressure, AIMD 

calculations were performed at 300 K, 600 K, 900, and 1200 K. The timestep was 1 fs, and the 

total simulation time was as long as 10 ps. Brillouin zone integration is restricted to the Γ point 

of the supercell.  

Structure Space Group Supercell Number of atoms 

LiCO2 P2/c 2*3*3 288 

Li3(CO2)2 P-1 2*2*2 144 

Li2CO2 Pnma 2*4*2 320 

 

(b) (c) (d) (e)  

Figure Aϴ. “Ŷapshots of the Ϯ*ϰ*Ϯ supeƌĐell at ϭ atŵ ;aͿ ďefoƌe AIMD ;LiϮCOϮ PŶŵa phase at Ϭ KͿ, aŶd at the eŶd 

of ϭϬ ps AIMD siŵulatioŶs at ;ďͿ ϯϬϬ K, ;ĐͿ ϲϬϬ K, ;dͿ ϵϬϬ K aŶd ;eͿ ϭϮϬϬ K. Laƌge gƌeeŶ spheƌes aƌe lithiuŵ atoŵs, 

ŵediuŵ ďƌoǁŶ spheƌes aƌe ĐaƌďoŶ atoŵs aŶd ŵediuŵ ƌed spheƌes aƌe oǆǇgeŶ atoŵs. 
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Figure Aϵ. Radial distƌiďutioŶ fuŶĐtioŶs ;RDFͿ foƌ the ;aͿ C-C, ;ďͿ C-O, aŶd ;ĐͿ Li-O sepaƌatioŶs oďseƌǀed duƌiŶg AIMD 

siŵulatioŶs foƌ Ϯ*ϰ*Ϯ-ďased supeƌĐell at aŵďieŶt pƌessuƌe aŶd T = Ϭ K ;LiϮCOϮ PŶŵa phaseͿ, ϯϬϬ K, ϲϬϬ K, ϵϬϬ K 

aŶd ϭϮϬϬ K. 

 

(a) (b) (c) (d) (e)  

Figure AϭϬ. “Ŷapshots of the Ϯ*Ϯ*Ϯ supeƌĐell at ϭ atŵ ;aͿ ďefoƌe AIMD ;Liϯ;COϮͿϮ P-ϭ phase at Ϭ KͿ, aŶd at the eŶd 

of ϭϬ ps AIMD siŵulatioŶs at ;ďͿ ϯϬϬ K, ;ĐͿ ϲϬϬ K, ;dͿ ϵϬϬ K aŶd ;eͿ ϭϮϬϬ K. Laƌge gƌeeŶ spheƌes aƌe lithiuŵ atoŵs, 

ŵediuŵ ďƌoǁŶ spheƌes aƌe ĐaƌďoŶ atoŵs aŶd ŵediuŵ ƌed spheƌes aƌe oǆǇgeŶ atoŵs. 

 

 

Figure Aϭϭ. Radial distƌiďutioŶ fuŶĐtioŶs ;RDFͿ foƌ the ;aͿ C-C, ;ďͿ C-O, aŶd ;ĐͿ Li-O sepaƌatioŶs oďseƌǀed duƌiŶg 

AIMD siŵulatioŶs foƌ Ϯ*Ϯ*Ϯ-ďased supeƌĐell at aŵďieŶt pƌessuƌe aŶd T = Ϭ K;Liϯ;COϮͿϮ P-ϭ phaseͿ, ϯϬϬ K, ϲϬϬ K, ϵϬϬ 

K aŶd ϭϮϬϬ K. 
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(a) (b) (c) (d) (e)  

Figure AϭϮ. “Ŷapshots of the Ϯ*ϯ*ϯ supeƌĐell at ϭ atŵ ;aͿ ďefoƌe AIMD ;LiCOϮ PϮ/Đ phase at Ϭ KͿ, aŶd at the eŶd of 

ϭϬ ps AIMD siŵulatioŶs at ;ďͿ ϯϬϬ K, ;ĐͿ ϲϬϬ K, ;dͿ ϵϬϬ K aŶd ;eͿ ϭϮϬϬ K. Laƌge gƌeeŶ spheƌes aƌe lithiuŵ atoŵs, 

ŵediuŵ ďƌoǁŶ spheƌes aƌe ĐaƌďoŶ atoŵs aŶd ŵediuŵ ƌed spheƌes aƌe oǆǇgeŶ atoŵs. 

 

 

Figure Aϭϯ. Radial distƌiďutioŶ fuŶĐtioŶs ;RDFͿ foƌ the ;aͿ C-C, ;ďͿ C-O, aŶd ;ĐͿ Li-O sepaƌatioŶs oďseƌǀed duƌiŶg 

AIMD siŵulatioŶs foƌ Ϯ*ϯ*ϯ-ďased supeƌĐell at aŵďieŶt pƌessuƌe aŶd T = Ϭ K ;LiCOϮ PϮ/Đ phaseͿ, ϯϬϬ K, ϲϬϬ K, ϵϬϬ 

K aŶd ϭϮϬϬ K. 

 

Ab initio (DFT) molecular dynamics simulations were performed with VASP for the case of 

a 3×2×4 (4κ Mg and 192 σ atoms; 240 atoms) Cmmm Mgσ4-based periodic supercell. Starting 

from the Cmmm Mgσ4 structure at ambient pressure, AIMD calculations were performed at 300 

K, 600 K and 900 K. The timestep was 1 fs, and the total simulation time was as long as 10 ps. 

Brillouin zone integration is restricted to the Γ point of the supercell. A canonical σVT (σ: 

constant number of particles, V: constant volume, and T: constant temperature) ensemble was 

adopted for the AIMD calculations using the algorithm of σose, as implemented in the VASP 

code. 
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In our DFT calculations on Mgxσy phases, the PBE functional is used throughout this work. 

The projector-augmented wave (PAW) method was used for the core−electron representation. 

After preliminary convergence tests, we used a cutoff energy Ecut= 550 eV for the valence basis 

set. 

 

;aͿ      ;ďͿ      ;ĐͿ      ;dͿ 

Figure Aϭϰ. “Ŷapshots of the MgNϰ supeƌĐell at ϭ atŵ ;aͿ ďefoƌe AIMD ;Cŵŵŵ phase at Ϭ KͿ, aŶd at the eŶd of ϭϬ 

ps AIMD siŵulatioŶs at ;ďͿ ϯϬϬ K, ;ĐͿ ϲϬϬ K, aŶd ;dͿ ϵϬϬ K. “ŵall gƌeǇ spheƌes aƌe ŶitƌogeŶ atoŵs aŶd laƌge ďƌoǁŶ 

spheƌes aƌe ŵagŶesiuŵ atoŵs. 

 

 

Figure Aϭϱ. Radial distƌiďutioŶ fuŶĐtioŶs ;RDFͿ foƌ the ;aͿ N-N, ;ďͿ Mg-N, aŶd ;ĐͿ Mg-Mg sepaƌatioŶs oďseƌǀed 

duƌiŶg AIMD siŵulatioŶs foƌ Cŵŵŵ MgNϰ-ďased supeƌĐell at aŵďieŶt pƌessuƌe aŶd T = Ϭ K, ϯϬϬ K, ϲϬϬ K, aŶd ϵϬϬ 

K. 
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AďstraĐt 

 

The disĐoǀeƌǇ of Ŷoǀel ĐƌǇstalliŶe ĐoŵpouŶds ďǇ ŶuŵeƌiĐal siŵulatioŶ is a ŵajoƌ ĐhalleŶge iŶ 
Mateƌials “ĐieŶĐe. Thƌee faŵilies haǀe ďeeŶ studied: ĐoŵpouŶds ĐoŶsistiŶg of lithiuŵ aŶd 
ĐaƌďoŶ dioǆide; the MǆNǇ Ŷitƌide phases ǁith M = Mg, Ba, Mo aŶd )ƌ; the GaPOϰ aŶd “i“ϮsǇsteŵs. 
The ĐƌǇstallogƌaphiĐ stƌuĐtuƌes aƌe deteƌŵiŶed iŶ siliĐo usiŶg the eǀolutioŶaƌǇ algoƌithŵ U“PEX, 
Đoupled ǁith DFT ĐalĐulatioŶs ;VA“PͿ. The studǇ of polǇŵoƌphisŵ as a fuŶĐtioŶ of pƌessuƌe has 
ďeeŶ Đaƌƌied out, ǁheƌeas the aŶalǇsis of stƌuĐtuƌal aŶd eleĐtƌoŶiĐ pƌopeƌties ĐoŶstitutes the 
heaƌt of this thesis.  

Ouƌ ǁoƌk ĐleaƌlǇ pƌeseŶts the effeĐt of pƌessuƌe oŶ the eŵeƌgeŶĐe of uŶeǆpeĐted 
stoiĐhioŵetƌies, suĐh as LiϮ;COϮͿ, MgNϰ, aŶd BaNϭϬ. “oŵe of these hǇpothetiĐal ŵateƌials ƌeŵaiŶ 
staďle at atŵospheƌiĐ pƌessuƌe. It is shoǁŶ that the additioŶ of the s-ďloĐk eleŵeŶt alloǁs the 
"polǇŵeƌizatioŶ" of the uŶsatuƌated ŵoleĐules COϮ aŶd NϮ to ďe Đaƌƌied out at loǁeƌ pƌessuƌes. 
Thus, oǆalate CϮOϰϮ- polǇŵeƌizes iŶ aŶ iŶfiŶite polǇ-dioǆaŶe ĐhaiŶ iŶ LiCOϮ at ϯϯ GPa; the Ŷeǁ 
LiϮCOϮ ĐoŵpositioŶ pƌeseŶts the etheŶe like ;-OͿϮC=C;O-ͿϮ ŵotif; NϮ, Nϯ aŶd Nϰ fiŶite ĐhaiŶs, Nϱ-

peŶtazolate aŶioŶs, aŶd Nϲ ƌiŶgs aƌe ideŶtified iŶ the AeǆNǇ phases, as ǁell as iŶfiŶite ĐoǀaleŶt 
;ϭDͿ ĐhaiŶs, staďilized ďǇ the alkaliŶe eaƌth ĐatioŶs ;AeͿ; the BaϯNϮ ĐoŵpouŶd is a ĐoŶduĐtiǀe 
eleĐtƌide at aŵďieŶt pƌessuƌe aŶd aŶ iŶsulatoƌ aďoǀe ϱ GPa; the gƌouŶd staďle stƌuĐtuƌe of MoNϮ 
has eŶĐapsulated NϮ uŶits, aŶd is Ŷot the Mo“Ϯ tǇpe aƌƌaŶgeŵeŶt pƌoposed ďǇ eǆpeƌiŵeŶtalists; 
ouƌ pƌediĐtioŶs Đoupled ǁith the XRD data alloǁ the eluĐidatioŶ of the GaPOϰ stƌuĐtuƌe at ϮϬ 
GPa. 
 

 

KeǇǁords : alkaliŶe eaƌth, eǀolutioŶaƌǇ algoƌithŵ, oƌďital aŶalǇsis, theoƌetiĐal ĐalĐulatioŶ, COϮ, 

DFT, ĐaƌďoŶ dioǆide, GaPOϰ, high pƌessuƌe, iŶ siliĐo, ĐheŵiĐal ďoŶd, MoNϮ, Ŷitƌides, peŶtazolate, 
ĐƌǇstalliŶe phase pƌediĐtioŶ, eleĐtƌoŶiĐ stƌuĐtuƌe, “i“Ϯ, U“PEX, )ƌNϮ 

 

  



 

 

Résuŵé 

La dĠĐouǀeƌte de Ŷouǀeauǆ ĐoŵposĠs ĐƌistalliŶs paƌ siŵulatioŶ ŶuŵĠƌiƋue est uŶ dĠfi ŵajeuƌ 
eŶ “ĐieŶĐe des MatĠƌiauǆ. Aussi, tƌois faŵilles soŶt à l’Ġtude : les ĐoŵposĠs ĐoŶstituĠs de lithiuŵ 
et de dioǆǇde de ĐaƌďoŶe ; les phases Ŷitƌuƌes MǆNǇ aǀeĐ M = Mg, Ba, Mo et )ƌ ; les sǇstğŵes 
GaPOϰ et “i“Ϯ. Les stƌuĐtuƌes ĐƌistallogƌaphiƋues soŶt dĠteƌŵiŶĠes iŶ siliĐo à l’aide de 
l’algoƌithŵe ĠǀolutioŶŶaiƌe U“PEX ĐouplĠ à des ĐalĐuls DFT ;VA“PͿ. L’Ġtude du polǇŵoƌphisŵe 
eŶ foŶĐtioŶ de la pƌessioŶ est ĐoŶduite taŶdis Ƌue l’aŶalǇse des pƌopƌiĠtĠs stƌuĐtuƌales et 
ĠleĐtƌoŶiƋues ĐoŶstitue le Đœuƌ de Đette thğse. Nos tƌaǀauǆ ŵetteŶt ĐlaiƌeŵeŶt eŶ ĠǀideŶĐe 
l’effet de la pƌessioŶ daŶs l’ĠŵeƌgeŶĐe de stoiĐhioŵĠtƌies iŶhaďituelles telles Ƌue LiϮ;COϮͿ, MgNϰ, 
et BaNϭϬ. CeƌtaiŶs de Đes ŵatĠƌiauǆ hǇpothĠtiƋues ƌesteŶt staďles à pƌessioŶ atŵosphĠƌiƋue. Il 
est ŵoŶtƌĠ Ƌue l’ajout d’uŶ ĠlĠŵeŶt du ďloĐ s autoƌise la « polǇŵĠƌisatioŶ » des ŵolĠĐules 
iŶsatuƌĠes COϮ et NϮ à des pƌessioŶs plus ďasses. AiŶsi, l’oǆalate CϮOϰϮ- polǇŵĠƌise eŶ ĐhaiŶe 
iŶfiŶie polǇ-dioǆaŶe à ϯϯ GPa daŶs LiCOϮ ; la Ŷouǀelle ĐoŵpositioŶ LiϮCOϮ pƌĠseŶte des ŵotifs de 
tǇpe ĠthğŶe ;-OͿϮC=C;O-ͿϮ ; des ĐhaîŶoŶs NϮ, Nϯ et Nϰ, des aŶioŶs peŶtazolates Nϱ- et des ĐǇĐles 
Nϲ soŶt ideŶtifiĠs daŶs les phases AeǆNǇ, aiŶsi Ƌue des ĐhaiŶes ĐoǀaleŶtes iŶfiŶies ;ϭDͿ staďilisĠs 
paƌ les ĐatioŶs alĐaliŶo-teƌƌeuǆ Ae ; le ĐoŵposĠ BaϯNϮ est uŶ ĠleĐtƌide ĐoŶduĐteuƌ à pƌessioŶ 
aŵďiaŶte et uŶ isolaŶt au-dessus de ϱ GPa ; la stƌuĐtuƌe staďle de MoNϮ a des eŶtitĠs NϮ 
eŶĐapsulĠes, et ŶoŶ l’aƌƌaŶgeŵeŶt eŶ feuillet de tǇpe Mo“Ϯ pƌoposĠ paƌ des eǆpĠƌiŵeŶtateuƌs ; 
Ŷos pƌĠdiĐtioŶs ĐouplĠes auǆ doŶŶĠes DRX peƌŵetteŶt l’ĠluĐidatioŶ de la stƌuĐtuƌe de GaPOϰ à 
ϮϬ GPa. 

 

Mots-Đlés : alĐaliŶo-teƌƌeuǆ, algoƌithŵe ĠǀolutioŶŶaiƌe, aŶalǇse oƌďitalaiƌe, ĐalĐuls thĠoƌiƋues, 
COϮ, DFT, dioǆǇde de ĐaƌďoŶe, GaPOϰ, haute pƌessioŶ, iŶ siliĐo, liaisoŶ ĐhiŵiƋue,  MoNϮ, 
Ŷitƌuƌes, peŶtazolate, pƌĠdiĐtioŶ de phases ĐƌistalliŶes, stƌuĐtuƌe ĠleĐtƌoŶiƋue, “i“Ϯ, U“PEX, )ƌNϮ 
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