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THÈSE de DOCTORAT DE L’UNIVERSITÉ DE LYON
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Abstract

In a rotating machinery system like turbine engine, high speed rolling element bear-
ings play an important role in supporting the rotating shaft or rotor, and need lubrication
to insure their function. Except a small quantity of oil is needed to form the elastohydro-
dynamic lubricant film in the contact zone, most of lubricant remains in suspension in air,
forming an oil/air mixture. This phenomenon leads to excessive parasitic hydraulic losses
when rolling elements translate and rotate into the fluid environment, which may consti-
tute a relatively large portion of the bearing’s total power loss, named windage drag and
churning losses. For high speed applications, i.e. for rotational speed up to 3×106 Ndm,
the contribution of drag/windage loss to the total one may reach up to 50%. However, so
far there are few approaches used directly for drag and churning losses estimation, which
could only provide a rather gross approximation.

In this thesis, the Computational Fluid Dynamics (CFD) method is employed to an-
alyze first the flow around one finite-length circular cylinder with two free ends in an
open space. Then the model is changed to several in-line circular cylinders sandwiched
by two flat walls, which represents a simplified approach. The fluid here is regarded as
incompressible, representing an equivalent one-phase fluid for the oil/air two-phase flow
inside the bearing cavity with specified fluid properties. The results indicate that the flow
around the finite length roller element is perturbed by its two free ends, the surrounding
rings, the cage and other rolling elements. A relationship between the drag coefficient
and the Reynolds number suitable for circular cylinder in roller bearings (1 < L/D < 6)
is proposed, as well as a formulation for churning losses prediction.

The oil/air two phase flow inside the bearing cavity with under-race lubrication is
also studied in this work. The coupled level-set volume of fluid (CLS-VOF) method is
employed to demonstrate the lubricant distribution along the bearing circumference. The
effect of various factors is studied, e.g. the oil injection velocity, the nozzle diameter, the
oil properties, and the oil injecting angle. Rotational speed of all the bearing components
are studied particularly to quantify their influence to the oil volume fraction inside the
bearing cavity. The results demonstrate that not only the inner-ring relative rotational
speed, but the cage speed itself could change the oil distribution. The results can be used
for the precise lubrication design to optimate the oil distribution inside the bearing.

KEYWORDS: Numerical simulation, Rolling element bearing, Drag coefficient, Churn-
ing moment, Finite length, Free ends, Reynolds number, Oil volume fraction, Two-phase
flow
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General introduction

Rolling Element Bearings (REB) are key elements in turbine engines since they support
the main-shaft(s), interact with the rotor dynamics through their stiffness and damping,
and contribute to the safety of the whole engine in case of catastrophic events such as
blade loss [HON 16]. In addition, their reliability should be optimized since the turbine
engine can’t operate with a broken or deteriorated bearing. This is to say that REBs in
aerospace applications are very critical mechanical components that should require more
attention [RUM 73]. Understanding heat generation mechanisms is a major issue for high-
speed rolling element bearings (such that Ndm > 106) in consideration that additional
heat generation and higher temperature due to excessive power losses within bearings
adversely impact its contact fatigue and scuffing failure modes. Besides, the REBs play
an important role for the fuel consumption and the CO2 emission since they contribute up
to 10kW per bearing to the total power losses within the engine [FER 93]. The amount
of heat generated also dictates the quantity of lubricant required, as well as the capacity
of the lubrication system. So that, a more efficient rotating shaft supporting system is
pursued all the time, with less heat generation and hence, a better overall performance.

Sources of power loss in rolling element bearings can be classified into two groups
[NEL 94]. (1) The load-dependent (friction induced) mechanical power losses are mainly
due to friction losses at the loaded bearing contacts. (2) The load-independent (viscous)
spin losses are caused by a host of factors including oil windage drag and churning that
are present as a result of oil/air drag force and churning moment on the bearing ele-
ment’s surface. While there has been a large body of work dealing with load-dependent
power losses [HOU 09][HUT 17], there are only a few studies available on modeling the
windage drag and churning losses in rolling element bearings, which have been proven to
be 50% approximately of the total power losses in bearings [FER 15].

Windage drag and churning losses are two different components of load-independent
losses, or named hydraulic losses, caused by lubricant oil displacement in rolling element
bearings [GUP 79]. Generally, the force exerted on the bearing element as it translates
through the lubricant with the cage is called drag. It results from the shear stress by the
lubricant viscosity and the compressive stress on the element [TRA 00]. Those stresses
are exerted contrary to the rolling direction of the element and form the drag force. This
drag force corresponds to the drag losses. And the moment imposed due to rotation of the
element in the lubricant is called churning. It is mainly caused by the shearing of the oil
at the rolling element surface. This churning torque corresponds to the churning losses
[LIE 15].
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General introduction

For drag force acting on the rolling element, historically, it was taken into account
using the result of one isolated element in an infinite medium by Harris [HAR 73], with
a specified drag coefficient corresponding with the Reynolds number. The ball bearing
is modeled by flowing past a sphere and the roller bearing is replaced by flowing past
a two-dimensional cylinder, both of which are classical models in fluid dynamics. But,
for ball bearing, a recent research carried by Yann and Pouly [POU 10a] contradicts this
procedure as the physical behavior of high-speed REBs does not seem to be well repre-
sented. Experiments with several sets of in-line spheres show that the drag coefficient
for one sphere of gap ratio similar to that in bearings was nearly divided by a factor 5 in
comparison with the results for an isolated sphere.

For cylinder elements in roller bearing, this procedure is not suitable either. The model
of flowing past a cylinder is two-dimensional and free of end effects. In other words, the
wake structure, properties, and velocities do not change along the cylinder span. But,
the circular cylinder in roller bearings is finite-length and there are two free-side ends
submerged in the fluid. The flow that separates from the free ends interacts strongly with
that on the cylindrical surface and results in a three-dimensional flow. Not only that, but
the cylinder is sandwiched by two rings with micron-size clearance so that the air-oil
mixture in bearing cavity could only flow bypass the free ends rather than the cylindrical
surface. Besides, flow past several in-line cylinders could interact with each other, as
found in ball bearings. As a result, drag coefficient for the cylinder in roller bearings has
to be modeled with a fully-three-dimensional method and take the interference from all
surroundings into consideration [YAN 15].

While for churning moments in rolling element bearings, the problem is even worse.
Realistic estimates for churning moments on the various elements in a rolling bearing is an
extremely difficult task and the various approaches used could only provide a rather gross
approximation. In view of its difficulty, there is only one model proposed for cylindrical
elements. Rumbarger and Filetti [RUM 73] provided an estimation of churning moment
on cylindrical surface of rollers. And the churning moment on the sides of rollers is
characterized by the flow over a rotating disk by von Karman. These formulas are referred
by P. Gupta [GUP 12] and subsequent researchers [QIA 13][NIC 17]. However, it should
be noted that in the model mentioned above, the fluid is initially assumed at rest and
there is no relative translational motion between the roller and the fluid, which is entirely
different with the case in an actual bearing. The interference from surrounding rings and
rollers is ignored either, which has obvious effect on the flow around the rollers.

Finally, another important assumption in all the above models is that the bearing ele-
ment is completely submerged in a uniform fluid having a specific viscosity and density.
However, for most bearing applications, only a small fraction of the bearing cavity is
filled with the lubricant oil, therefore, the effective contribution to drag and churning ef-
fects is made by an oil-air mixture. Traditionally, in rolling element bearing analysis,
the two-phase mixture is equivalent to a one-phase fluid with an effective viscosity and
density, relied on the oil/air volume fraction, which is difficult to be measured directly by
experiments.

To sum up, most of the published models or formulas to predict windage drag and
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General introduction

churning losses are dependent on dimensional analysis of experiments or approximate
hydrodynamic formulations. They provide only a first approximation to the actual losses
in a bearing and the values predicted by the formulas are intended to be used only to
establish general trends in a parametric design study. Knowing that 50% approximately
of the power losses in rolling element bearings is due to churning and windage drag
forces and torques, only empirically estimated nowadays, one can see the great advantage
of developing a more reliable method to deeper understand where these losses come from.

It should be emphasized that, in view of the complicated internal geometry of the
bearing and the operating conditions, a direct testing of hydraulic losses or visualization
of the oil flow in rolling element bearings is difficult as yet [WU 16]. But, thanks to
the recent developments in the computer science [KAJ 16], simulations are becoming an
increasingly approach that can help the investigation. In last decade, a series of numerical
studies are reported on the fluid dynamics in rolling element bearings and transmission
gears with reliable results[CON 15][WU 17]. It demonstrates that the computational fluid
dynamics (CFD) method is effective and efficient for this type of problem. In response
to these facts, an aim is set to develop a more reliable and accurate estimation formulas
for drag force and churning moments calculation in rolling element bearings with the
numerical method. Besides, the oil/air two-phase flow inside the bearing cavity will be
revealed as well, based on a numerical two-phase flow simulation. And in this thesis, the
research is focused on the high-speed cylindrical roller bearings.

The first part of this work aims at proposing a more appropriate calculation model for
drag force and churning moments on the cylinder element in roller bearings in a uniform
flow environment. In roller bearings investigation, drag losses and churning losses, two
parts of hydraulic losses, are often confused and it’s difficult to distinguish them by ex-
perimental test. Besides, most available classical fluid dynamics models are not suitable
directly for roller elements in bearings, which run in a special condition. Consequently,
it’s necessary and valuable to build one numerical model especially for roller bearings
analysis and develop a more suitable estimation model for windage drag force and churn-
ing moments in roller bearings.

In Chapter 2, a simplified configuration is studied initially, with one isolated finite-
length circular cylinder with two free ends in open space. The SST-based Scale-Adaptive
Simulation (SST-SAS) model is used to solve this unsteady turbulent flow. This numerical
model is then validated with a series of experimental test data. The effect of two free ends
is demonstrated and for the application of roller bearings, the effect of the cylinder’s
aspect ratio to the flow is studied, together with the Reynolds number. The simulation
results show that, the flow structure is changed completely by two free ends, compared
with the infinite-length cylinder and the mounted cylinder with one free end.

In Chapter 3, the calculation configuration is changed to close to a real bearing, with
several in-line circular cylinders sandwiched by two flat walls. With the periodic boundary
condition, endless orbiting rollers sandwiched by two rings in bearing are represented.
Then, the CFD method developed in Chapter 2 is conducted to quantify the influence
of various factors on drag coefficient and churning moments on the cylinder, including
operating conditions, roller geometry parameters, and fluid properties. A new relationship
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General introduction

of drag coefficient vs Reynolds number is obtained suitable for roller bearings. And a
numerical-based formulaion is proposed for churning loss prediction in roller bearings.

The second part of this work focuses on the oil/air two-phase flow inside the bearing
cavity. Motion of the many moving parts within the bearing cavity, in particular the pump-
ing action of the rollers, will tend to induce an oil/air mixture within the bearing cavity,
however its oil phase volume fraction is unknown. In Chapter 4, the numerical domain of
the flow field inside the bearing cavity is built and a preliminary attempt is carried to ana-
lyze oil distribution after injecting from the rotating inner ring with the Coupled Level-Set
Volume Of Fluid (CLS-VOF) model. As the simulation result is sensitive to the geometry
structure and boundary conditions, only changing tendency of oil volume fraction versus
different factors is valuable in view of the absence of experimental validation.

A general conclusion and perspectives of this work will be given at the end of this
manuscript.
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Chapter 1

State of the art

This chapter contains three parts, it presents the current
situation of drag force, churning moments, and two phase

flow research in high speed roller bearings. And its problem is
put forward as well.
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Windage drag force in roller bearings

In a rotating machinery system like turbine engine, roller bearings play an important
part to support the rotating shaft or rotor. To keep its long time steady running, lubricant
oil is needed to lubricate the friction contact and cool bearing components to a required
temperature. In bearing cavity, only a small quantity of oil is needed to form the elastohy-
drodynamic lubricant (EHL) film in the contact zone, the EHL film thickness being less
than a few tenth of micrometer. Most of lubricant remains in suspension in air, forming
an oil/air mixture like a fog, which contributes to cool down the bearing components –
with an effect somewhat proportional to the oil flow – but also acts as a heat source for
high speed applications with an increase of dissipation roughly proportional to the square
of the rotational speed. This phenomenon leads to excessive parasitic hydraulic losses
when rolling elements translate and rotate into the fluid environment, which may consti-
tute a relatively large portion of the bearing’s total power loss, named windage drag and
churning losses. For high speed applications, i.e. for rotational speed up to 3×106 Ndm,
the contribution of drag/churning loss to the total one may reach up to 50%. This can be
easily observed with a test bench by measuring the input shaft torque when shutting off
the oil feed.

As has been mentioned at the Introduction, the force exerted on the bearing element
as it translates through the lubricant causes the windage drag loss, and the moment im-
posed due to rotation of the element in the fluid environment leads to the churning loss.
Up to now, several formulas have been proposed for computing drag force and churning
moments in roller bearings, based on either classical fluid dynamics theories or experi-
mental tests, and they could provide a first approximation to the actual hydraulic losses in
bearings.

1.1 Windage drag force in roller bearings

For drag force acting on roller elements in bearings, Harris used the results for one isolated
circular cylinder immersed in a uniform flow, which is one of classical problems in fluid
mechanics [HAR 06]. The oil/air mixture in the bearing cavity is replaced by a fluid
with specified characteristics and the effect of all surroundings is ignored. When the
roller moves through the fluid environment, a shear stress is produced by the gradients of
velocity at the surface of the roller with the no-slip condition. The shear stress sums to
one part of the total drag force on the roller, called the viscous drag. Besides, the pressure
of the fluid is greater on the front of the roller than on the back, which introduces the
other part, called the pressure drag or form drag [MAL 14]. It should be emphasized that
the model Harris used is two-dimensional which means that the cylinder is infinite-length
and without free-ends effect.

1.1.1 Drag coefficient of the cylinder

The drag force acting on the cylinder is often non-dimensionalized as a function of
Reynolds number. At very low Reynolds numbers (Re), the drag is mainly due to friction.
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1. State of the art

Figure 1.1: Drag coefficient of isolated sphere and cylinder

With the increase of Re, the contribution of the inertia forces begins to grow so that at
high Reynolds numbers, the skin friction constitutes just a few percent of the total drag.
A dimensionless expression of the total drag force is the drag coefficient defined by

Cd =
Fd

1
2ρV 2A

(1.1)

Where ρ is the fluid density and A is the frontal area expressed by the body to the flow
direction.

The relationship between the drag coefficient and the Reynolds number for one single
element in the flow has been showed analytically and confirmed experimentally by many
researchers [ABR 70][PAR 98]. As shown in the Figure1.1, the full line is for one isolated
sphere and the dash line is for the two-dimensiaonal cylinder. Up to now, these two lines
are referred by most researchers in the drag force calculation of rolling element bearings
[LEB 09].

These two lines are seperated to a series of flow regimes when going from small to
large Reynolds numbers [PAT 85]. In the low Reynolds number range, Cd decreases sig-
nificantly with increasing Reynolds number, mostly due to the skin friction contribution.
In the subcritical regime, the drag coefficient changes insignificantly with Re. As the
critical flow regime is reached, the drag coefficient decreases sharply with increasing Re.
The wake becomes narrower by the turbulent boundary layer and the associated delayed
separation. At higher Re, Cd is increasing again probably due to the development of a
turbulent boundary layer already close to the front stagnation point.

1.1.2 Flow behavior around the two-dimensional cylinder
The changing of drag coefficient is corresponding with the flow structure developing
around the cylinder, which is of fundamental importance for this fluid problem. The
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Windage drag force in roller bearings

Figure 1.2: Regimes of flow past a smooth two-dimensional cylinder

flow pattern around the two-dimensional cylinder is complicated and the relative impor-
tance is expressed by the Reynolds number, as well, relied on the cylinder diameter d, the
kinematic viscosity of the fluid µ, and the undisturbed free-stream velocity V. Recall that
the Reynolds number represents the ratio of inertial to viscous forces in the flow, which
reads

Re =
ρV d

µ
(1.2)

As the fluid approaches the front side of the cylinder, the fluid pressure rises from
the freestream value to the stagnation point value. The high pressure forces the fluid to
move along the cylinder surface and boundary layers develop on both sides. The pressure
force is counteracted by viscous forces and the fluid cannot follow the cylinder surface
to the rear side but separate from both sides of the cylinder and form two shear layers.
The innermost part of the shear layers is in contact with the cylinder surface and moves
slower than the outermost part. As a result, the shear layers roll up. The flow pattern is
dependent on the Reynolds number, and in Figure 1.2 principal description of the various
occurring flow phenomena is provided [GOH 14].

At Reynolds numbers below 1, no separation occurs. The viscous forces cause the
streamlines to move further apart on the downstream side than on the upstream side of the
cylinder. In the Reynolds number range of 5 ≤ Re ≤ 45, the flow separates from the rear
side of the cylinder and a symmetric pair of vortices is formed in the near wake [SCH 96].

As the Reynolds number is further increased the wake becomes unstable and vortex
shedding is initiated. At first, one of the two vortices breaks away and then the second is
shed because of the nonsymmetric pressure in the wake. The intermittently shed vortices
form a laminar periodic wake of staggered vortices of opposite sign. This phenomenon
is often called the Karman vortex street [SUN 09]. Von Karman showed analytically and
confirmed experimentally that the pattern of vortices in a vortex street follows a mathe-
matical relationship, namely,
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1. State of the art

Figure 1.3: Model of a Karman Vortex Street

h
l
=

1
π

sinh−1 {1}= 0.281 (1.3)

where h and l are explained in Figure 1.3.
In the Reynolds number range 150 < Re < 300, periodic irregular disturbances are

found in the wake. The flow is transitional and gradually becomes turbulent as the
Reynolds number is increased.

The Reynolds number range 300 < Re < 1.5× 105 is called subcritical (the upper
limit is sometimes given as 2× 105) [ROS 61]. The laminar boundary layer separates
at about 80 degrees downstream of the front stagnation point and the vortex shedding is
strong and periodic.

With a further increase of Re, the flow enters the critical regime [KAW 84b]. The
laminar boundary layer separates on the front side of the cylinder, forms a separation
bubble and later reattaches on the cylinder surface. Reattachment is followed by a tur-
bulent boundary layer and the separation point is moved to the rear side, to about 140
degrees downstream the front stagnation point. As an effect the drag coefficient is de-
creased sharply.

For Re > 6×105, the laminar to turbulent transition occurs in a nonseparated boundary
layer, and the transition point is shifted upstream [KIM 15].

Corresponding with the different flow regimes, the various flow phenomena are re-
flected in the pressure distribution on the cylinder surface. Figure 1.4 provides a few dis-
tributions of the pressure coefficient Cp and the changes in the distributions are explained
by the flow mechanisms described previously [SUN ].

Particularly for Re = 6.7× 105, the separation of the laminar boundary layer and the
reattachment is believed to be reflected in the behavior between θ ≈ 100-110 degrees
downstream the front stagnation point.

The nonsymmetrical pressure distribution results in a net force on the cylinder, and
the existence of this force is the main cause of the pressure drop across the cylinder.
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Windage drag force in roller bearings

Figure 1.4: Pressure distribution around the two-dimensional cylinder with different
Reynolds numbers

1.1.3 Flow behavior around the finite-length circular cylinder

Despite the two-dimensional infinite circular cylinder in a steady cross-flow is well-
studied and a wealth of information about the flow behavior has been presented by many
researchers, its results could not be used for the cylinder element in roller bearings di-
rectly, which is finite-length with two free ends [KUM 18]. Like the cylindrical element
in roller bearings, in most practical applications there is at least one free end (chimney
stacks, gas and oil storage reservoirs, etc), and sometimes two free ends (ship radar aeri-
als, submerged vehicles, fibres, etc) [SUM 13][VAK 09]. When the cylinder is referred as
finite length, its flow is effected by the end and then, the wake structure, properties, and
velocities would change along the cylinder span [PAR 00].

For the flow around a finite circular cylinder mounted on the flat plate, remarkable
research has been devoted to understand its characteristics [HES 03]. This finite-length
circular cylinder has only one free end and a junction region between the cylinder and
the flat wall. The flow pattern around the finite circular cylinder involves a horseshoe
vortex system in the body-plate junction with its development downstream near the wall,
a Karman-type vortex shedding in the main wake, and a three-dimensional separated flow
structure around the free end surface [LEV 12].

Horseshoe vortices
Some of the early experimental studies of the flow around a wall-mounted cylinder

was carried out by Baker [BAK 85]. He identified a horseshoe vortex system consisting of
multiple vortices originating from the front of the wall-cylinder junction. These vortices
wrap around the body moving downstream and forming a U-shaped vortex system. In
the laminar case Baker identified vortex systems with 2, 4 and 6 individual vortices for
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1. State of the art

increasing Reynolds number.
Trailing vortices
Kawamura et al. [KAW 84a] focused their experimental investigations on the free end

of a wall-mounted finite cylinder. They identified two trailing vortices emerging from the
free end of the cylinder. For aspect ratios less than a critical ratio (L/D), these vortices, in
conjunction with the horseshoe vortex system, suppress the von Karman vortex street.

It was suggested by Roh and Park [ROH 03] that there actually are four trailing vor-
tices originating from the free end. From visualisation experiments they drew two pairs of
counter-rotating vortices, where each vortex pair contains one vortex originating from the
free end edge and one from the focal point at the free end surface. This proposition has
been disputed by Pattenden et al. [PAT 05], Palau-Salvador et al. [PAL 10] and Krajnovia
[KRA 11] who all show that there is only a single pair of vortices originating from the
free end.

Arch vortex
Pattenden et al. [PAT 07] identified, experimentally and numerically, a pair of tip

vortices and an arch vortex in the near wake of a short wall-mounted cylinder. This is
shown in Figure 1.5 as a schematic drawing by Pattenden et al.

Frohlich and Rodi [FRÖ 04] showed that the tip vortices are joined together into the
arch vortex just below the free end. This is not shown in Pattenden’s figure, which other-
wise gives a good summary of the flow features around a low aspect-ratio wall-mounted
cylinder.

It has been found that the three-dimensional flow around the top surface developing
into the wake considerably influences the wake flow pattern of the finite circular cylinder
(Figure1.5). The shedding frequency in the wake changes along the cylinder span and
has minimum value in the tip region. It is caused by the existence of a cellular wake
oscillating up and down in the tip region. The cellular wake originated from the vortical
flow generated by the free end surface region. The fluctuating force acting on the cylinder
in the traverse direction is also found to vary along the cylinder axis, as a result of the
unsteady separated flow emanating from the top edge of the cylinder [KIA 16]. It is
validated that the three-dimensional separated flow around the free end surface is a key
element which determines the wake behavior of the finite cylinder.

For flow around a circular cylinder with two free ends, three-dimensional separated
shear flow around two free ends makes the flow pattern more complex, while relatively
scant attention has been attracted so far.

Okamoto & Yagita [OKA 73] assumed that an equivalent cylinder with two free ends
is double of a cantilevered cylinder with one free end and it was symmetric about the plane
boundary. But they ignored the combined action of two shear flow from two free ends.
Without the boundary layer effect on the plate wall, the horseshoe vortex and arch-shaped
vortex may change or disappear. After that, Wieselsberger and Zdravkovich [ZDR 03]
experimentally measured drag coefficient and pressure distribution of one finite circular
cylinder in the range 400 < Re < 8×105. G.J.Sheard [SHE 04] employed numerical
methods to study flow past cylinder with free hemispherical ends and found that the quasi-
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Windage drag force in roller bearings

Figure 1.5: Schematic overview of flow behind a short wall mounted cylinder from Pat-
tenden et al. [PAT 07]

Figure 1.6: Model of the flow field for a surface-mounted finite-height circular cylinder
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1. State of the art

Figure 1.7: Flow structure around the cylinder with two free ends [ZDR 89]

two-dimensional wake behind the cylinder is deformed by the three-dimensional effects
induced by the flow around the hemispherical ends, as shown in Figure 1.8.

It is demonstrated that the effect of two free ends on the flow past the cylinder is dra-
matical. Despite this, a detailed discussion on the flow around one finite circular cylinder
with two free ends does not currently exist, which will be the main content of Chapter 2.

1.1.4 Drag coefficient of circular cylinder in roller bearings
Different with the isolated infinite-length or finite-length circular cylinder model, in real
roller bearings, roller elements are not isolated and each one is adjacent with another
two elements in up-stream and down-stream. And all rollers are sandwiched by two rings
with micro-sized gap (Figure 1.9). It means that the fluid could only flow bypass the sharp
edges circular ends, rather than passing through the cylindrical surface. And the vortex
developing in rear side of the cylinder may be disturbed by other cylinders. As a result, for
the drag force investigation, except for the two free ends, the effects from surroundings,
such as the rings and adjacent rollers, should be considered as well [FLO 06].

The effect from adjacent elements has been verified in ball bearings. Yann and Pouly
[MAR 14a] tested drag coefficient experimentally with several sets of in-line spheres and
results show that the drag coefficient for one sphere of gap ratio similar to that in bearings
was nearly divided by a factor 5 in comparison with the results for an isolated sphere, as
shown in Figure1.10 and Figure1.11. Similar conclusion is also found in cylindrical roller
bearings [HAR 10], with a two-dimensional model as show in Figure1.12. For the case
of flow past three cylinders in tandem, it is observed that the downstream cylinder which
lies in the wake of the upper cylinder experiences very large unsteady forces that can give
rise to wake-induced flutter. This phenomenon is likely to be changed by the longitudinal
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Windage drag force in roller bearings

Figure 1.8: Isosurface plots of the vortical structure of the wakes behind cylinders with
free hemispherical ends [SHE 04]

Figure 1.9: A simplified roller element bearing model

Figure 1.10: Drag coefficient estimated numerically and experimentally (L=1.16D)
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1. State of the art

Figure 1.11: Influence of the gap between consecutive balls on drag coefficient

Figure 1.12: Vorticity contours and streamlines of flow past three circular cylinders in
tandem (L= 5D) at Re = 100

gap.
Above all, drag coefficient for cylindrical elements in roller bearings has to be in-

vestigated with a three-dimensional model and consider the surrounding rings and rollers
together, which is the main content of Chapter 3.

1.2 Churning moments in roller bearings

Churning losses in roller bearings are overlooked for a long time and few attention are
focused on it individually. Like churning losses in a transmission gear pair, the rotating
roller elements in bearings may cause remarkable churning losses. Generally, the moment
imposed due to rotation of the cylinder element in the lubricant is called churning, which
corresponds to the churning loss. Due to the difficulty in directly experimental testing,
realistic estimates for churning moments in roller bearings is an extremely difficult task
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Churning moments in roller bearings

and the various approaches used only provide a rather gross approximation [QIA 13].
Churning losses on a cylindrical body occur on both the cylindrical and free-end surfaces.
Respectively, Rumbarger and Filetti provided an estimate of churning moment on cylin-
drical surface, and churning moment on the sides of rollers is characterized by the flow
over a rotating disk by von Karman [VON 46]. These two models are refered by the
well known computer program ADORE (Advanced Dynamics Of Rolling Elements) and
bearing analysis program SHABERTH (Shaft Bearing Thermal Analysis) [NIC 17].

1.2.1 Churning moment on the cylinder cylindrical surface
From the standpoint of the dynamic solution of the interacting rollers, the most important
factor is the calculation of the friction wall shear stresses on the element surfaces. In
general, the moment on the cylindrical surface is described by an equation of the form:

Mc = τAr (1.4)

Where A is the surface area; r is the reference radius from the center of rotation.
The wall shear stress, τ, is a function of the fluid properties, the motion of the surface

with respect to the fluid body, and the proximity of other surfaces influenced by the same
fluid. Fritz has investigated the wall shear stress phenomenon in journal bearings with
vortex turbulent flow [FRI 70]. Examination of typical roller-cage clearance to roller
radius ratios, and Reynolds and Taylor numbers representative of 1×106 DN and higher
bearing operation clearly place such fluid flows in the turbulent vortex regime as defined
by Fritz.

Then wall shear stress for a surface rotating in a viscous fluid is defined by the relation:

τ =
1
2

f ρU2 (1.5)

Where ρ is the mass density; U is the mass average velocity of the fluid; and f is the
friction factor which is defined for two types of flow conditions:

Vortex turbulent flow:

f
fL

= 1.3(
Ta
41

)0.539474
Ta>41 (1.6)

Couette turbulent flow:
f
fL

= 1.3(
Re

2500
)0.85596

Re>2500 (1.7)

Where Re is the Reynolds number. Ta is the Taylor number.
And fL = 16/Re is the laminar friction factor for Re < 2500 or Ta < 41.
Should calculation yield a Reynolds number less than 2500, or a Tayor number less

than 41, a circumstance virtually impossible in high speed roller bearings, the appropriate
friction factor then can be taken as the laminar friction factor fL. For typical high-speed
roller bearings, the flow on the roller surfaces is generally best assumed as vortex turbu-
lent.
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1. State of the art

Figure 1.13: Boundary layer on a flat plate

Figure 1.14: Fluid element with the thickness of δ

1.2.2 Churning moment on the cylinder circular ends

In addition to the fluid churning on the cylindrical surface, the roller ends provide an
additional source of churning moment. The churning moment on the ends of rollers is
characterized by the flow over a disk rotating in a fluid initially at rest [APP 15], and the
boundary layer is three dimensional as shown in the Figure 1.14. As the disk begins to
rotate, the fluid near the surface of the disk is strongly affected by the friction between the
fluid layer, which adheres to the disk surface, and the layers of fluid which make up the
boundary layer [CHU 10a].

To understand what forces contribute to the moment on a disk rotating in a viscous
fluid, a disk force balance is undertaken [NEL 73].

Equations 1.8 and 1.9, are the steady-state momentum equations in the radial and
circumferential directions for a differential fluid element of thickness δ. Higher order
differentials have been neglected, and p = p(z) has been assumed.

Radial direction

d
dr

Ç
2πrρ

∫
δ

0
u2dz

å
dr−2πrρ

[∫
δ

0

v2

r
dz
]

dr =−2πrτrdr (1.8)

Where ρ is the density of the fluid, and τ is the shear in radial direction.
Circumferential direction
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Churning moments in roller bearings

Figure 1.15: Boundary layer flow on a disk rotating in a fluid initially at rest [NEL 73]

d
dr

Ç
2πr2

ρ

∫
δ

0
uvdz

å
dr =−2πr2

τΦdr =−dM (1.9)

It is seen from Equation 1.9 that the resisting torque of a disk rotating in a fluid which
is initially at rest is a measure of the circumferential shear forces acting on the disk surface
and can be calculated if the radial and tangential velocities are known throughout the
whole boundary layer.

By applying the boundary conditions of the flow around a rotating disk to the Navier-
Stokes equations and continuity equation, von Karman and Cochran get the expression of
the moment on one side of the disk:

Me =
1
2

ρωr5Cn (1.10)

Where

Cn =

®
3.87/Re0.5 Re < 300,000
0.146/Re0.2 Re > 300,000

(1.11)

And the Reynolds number

Re =
ρr2ω

µ
(1.12)

1.2.3 Churning moments in roller bearings
In roller bearings, each roller element rotates by its own axis, and transfers along the
circle runway together with the cage at the same time. Except for causing drag effect,
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1. State of the art

the roller’s translational motion may change flow structure around it and then affect its
churning moments. While for the models mentioned above, it should be noted that the
fluid is all initially assumed at rest and there is no relative translational motion between
the roller and the fluid, which is entirely different with the case in an actual bearing.
Besides, similar with the drag coefficient modelling, the interference from surrounding
walls and rollers is ignored either, which has remarkable effect on the flow around the
roller. Therefore, a deeper understanding of the physical responsible of churning losses
in roller bearings is needed to propose a more reliable estimation formula. Different
parameters, e.g. roller rotational speed, roller translational speed (or called orbital speed),
fluid properties, and roller geometry parameters, should be studied to quantify their effects
individually, which will be presented in detail in Chapter 3.

1.3 Two-phase flow in roller bearings

Finally, another important assumption in all the above models is that the bearing element
is completely flooded in a uniform fluid. It should be realized that high speed roller bear-
ings never are completely flooded with lubricant oil, and seldom are more than 15 to 20
percent full of oil within the bearing for very high speed operation [ADE 15]. Motion of
the many moving parts within the bearing, in particular the pumping action of the rollers,
will tend to induce an oil/air mixture within the bearing cavity. It can be argued that for
pure viscosity effects in a turbulent regime, this phenomenon will have little tendency to
change the fluid behavior from that of a flooded bearing, since in general such effects are
confined to relatively thin boundary layers adjacent to the surfaces.

This problem has been awared for a long time but in most bearing performance simu-
lation tools, it’s simply based on an empirical adjustment factor, to adjust the applicable
density.

Fd =
1
2

ΦdCdρV 2A (1.13)

Based on experimental experience, a value of 0.05 is typically used for many appli-
cations, like the SHABERTH [NIC 17]. Later, to improve the analytical description, an
effective or equivalent air-oil density and viscosity are suggested.

ρe f f = (ρoil×oilvolume+ρair×airvolume)/totalvolume

∼= ρoil×
oilvolume

totalvolume
= ρoil×XCAV

µe f f = (µoil×oilvolume+µair×airvolume)/totalvolume

∼= µoil×
oilvolume

totalvolume
= µoil×XCAV
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Two-phase flow in roller bearings

Then, XCAV, the lubricating oil volume fraction in the bearing cavity, is used to in-
stead the empircal adjustment factor Φd .

This method demonstrated significantly better correlation with existing experimental
data than did the original Harris model. However, using of these formulas has to base
on the value of oil volume fraction in bearing cavity, while the value of drag coefficients
and corresponding oil volume fraction could only be adjusted together and artificially to
correlate with experimental data. The calculation result is extremely sensitive to the oil
volume fraction that a difference of 10 percent in oil/air ratio may produce a 2 percent
difference in cage slip [SEL 11]. This may lead a significant error.

In previous, Parker [PAR 84] deduced an equation to calculate the oil percent vol-
ume in bearing cavity based on a range of experimental test. The computer program
SHABERTH was used to calculate the thermal performance of three selected ball bear-
ings for the comparison. The oil volume fraction was derived as a function of lubricant
flow rate, shaft speed, and bearing pitch diameter.

XCAV = 10.0×106W 0.37

nd1.7 (1.14)

Where W is the inlet oil flow (cm3/min), n is the inner shaft speed (rpm), and d is the
bearing pitch diameter (mm).

The predicted bearing heat generation, the inner- and outer-race temperatures, and oil-
out temperatures agreed well with the experimental data, which proves that the predicted
XCAV is reasonable. But in the program SHABERTH [RAG 80], drag coefficient used for
the drag force calculation was still obtained from the model of flowing past one isolated
element, which has been negated by descendants for its application in roller bearings.
So that in Pouly’s work [POU 10b], when drag coefficient of spheres in rolling element
bearings was found to be 1/5 of that for one isolated element, the Parker’s formula had to
be multiplied by a factor of 5 at the same time.

Cdbearing = 0.2∗Cdsphere

XCAV = 5∗10.0×106 W 0.37

nd1.7
m

(1.15)

Obviously, it is unreliable to correlate drag coefficient with the oil volume fraction,
which are both uncertain so far. Hence, the oil volume fraction in bearing cavity has to
be studied individually, with an oil/air two-phase flow investigation, regardless of other
unknown.

Except that, in Parker’s model, only the inner ring is rotating and the lubricant oil is
supplied from an fixed jet. Physically, the cage speed should be more important than the
inner-ring rotational speed. This is of particular importance when cage skidding occurs or
when the outer ring is also rotating. To account for an oil feeding through the inner ring
or by an external jet that is fixed, it may be useful to consider not the absolute cage speed
but the relative speed between the cage and the incident oil jet. Finally, Parker’s model
does not consider the effect of the roller guidance type, which should significantly affect
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1. State of the art

the quantity of oil, especially that entrapped in the bearing cavity. Therefore, the original
Parker formula has been modified in the following way by G.Cavallaro [CAV 05].

XCAV = KOFT 107 W 0.37

nc
dm

dm/2−r d1.7
m

(1.16)

Where nc, is the relative cage speed (i.e., the real cage speed if the lubricant is provided
through an external and fixed pipe or the difference between the inner ring speed and the
cage speed if the lubricant is provided through the inner ring) and KOFT is the oil feed
type coefficient that equals 1 when the ring roller guides are located on the outer ring and
equals 0.5 when the rollers are guided by the inner ring.

According to this definition of oil/air mixture ratio, it becomes clear that the air-oleo-
dynamic force acts to drag the rollers when the lubricant is provided by an external jet
and conversely acts to propel the rollers when the lubricant is provided through the inner
ring. It should be mentioned that, the modification proposed by G.Cavallaro is reasonable,
however, the coefficient in the changed formula lacks experimental or theoretical support.

In view of the difficulty in testing the oil flow inside the bearing cavity experimentally,
the CFD method looks more feasible. The effect of the relative cage speed should be
investigated in detail, no matter how the oil is supplied or how the bearing’s two rings
rotate.

1.3.1 Two phase flow investigation in bearing chamber

In lubrication system of turbomachinery, two phase flow exists widely, like roller bear-
ings, gearbox, the scavenge pipe, etc. For roller bearings, the two phase flow in
bearing chamber has been investigated a lot experimentally and numerically (Figure
1.16)[ZHA 15]. And the works mainly focus on oil film formation, droplet adhesion,
and thermal convection. Peduto et al. [PED 11] employed the volume of fluid method
(VOF) to calculate the lubricating oil movement on bearing chamber and oil return pipe
wall. Chengxin and Gosman [BAI 96] and O’Rourke and Amsden [O’R 96] established
oil film motion calculation models taking into account of the oil droplet/oil film interac-
tion, evaporation of the high temperature lubricating oil, air shearing and heat transfer
of air/oil film/wall, combination with the experimental results. Simmons et al. [SIM 02]
applied Euler-Lagrange model as implemented in the commercial CFD package CFX4.2
to calculate the oil-gas two-phase flow and droplet trajectories in the bearing chamber
(Figure 1.17), and they also analyzed the effect of shear forces to the droplet motion.

1.3.2 Two phase flow investigation in bearing cavity

Comparing to the oil/air two-phase flow in bearing chamber, the flow field inside the
bearing cavity is complicated because of the strong interaction between the air flow and
the lubricant oil flow which is greatly affected by the bearing rotating components. To
predict the influence of lubricant displacement on the total friction torque, the Institute for
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Two-phase flow in roller bearings

Figure 1.16: Schematic of physical phenomena in bearing chamber [ZHA 15]

Figure 1.17: Velocity magnitude streamlines in bearing chamber [SIM 02]

Machine Elements, Gears and Transmissions (MEGT) and the Institute for Tribology and
Energy Conversion Machinery (ITR) investigate the effects associated with oil lubrication
on axially loaded bearings with a vertical axis of rotation [LIE 15], as shown in Figure
1.18. The solution for complex fluid mechanical tasks inside a bearing is based on the
volume-of-fluid method (VOF).

Additionally, Wei Wu et al. built two experimental apparatuses for the flow pattern
and temperature distribution test of the ball bearing [WU 16]. The oil/air two-phase flow
in bearing cavity is numerically simulated as well, to investigate the air-oil flow inside
jet cooling ball bearings and to optimize the lubrication system (Figure 1.19). The VOF
method is used to track the oil distribution and the oil volume fraction. Several parameters,
like the rotating speed, nozzle number, and oil volume flow rate, are tested numerically
and experimentally [HU 14].

Besides, Akinola A.Adeniyi et al. [ADE 17] present a computational fluid dynamics
transient simulation of the oil/air two-phase flow in the bearing cavity with an attempt
boundary condition using a coupled level-set VOF approach (Figure 1.20). It is found
that the rate at which oil exits in the bearings is directly proportional to the shaft speed
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1. State of the art

Figure 1.18: Instantaneous oil volume fraction in a tapered roller bearing

Figure 1.19: The circumferential distribution of bearing cavity with different nozzle: (a)
single-nozzle with seal (b) dual-nozzle with seal

and decreases with the oil inlet flow rate, as shown in Figure 1.21.

1.3.3 Two phase flow investigation in gearbox

For the VOF method, it has been applied widely in the churning losses prediction in
gear transmission system, as shown in Figure 1.22 and Figure 1.23 [FER 15][LAR 17].
Marchesse et al. [MAR 14b], Hill et al. [HIL 11], and Gorla et al. applied the
VOF method in the computational fluid dynamic (CFD) simulation for studying load-
independent losses of gearboxes. The results of different researchers have shown the
effectiveness of the CFD approach for the characterization and the optimization of the oil
distribution around gears [LIU 17a].

The validated capability developed in the earlier work has motivated the focus of the
present study: to use a CFD model to interrogate the oil distribution within the bearing
cavity with oil feeding through the inner ring. Thus, in the thesis, the VOF method is used
to track the oil/air two-phase flow and obtain the changing rule of oil volume fraction in
bearing cavity.
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Two-phase flow in roller bearings

Figure 1.20: Modelled geometry and
boundary conditions[ADE 15]

Figure 1.21: Oil breakup into bearing
chamber[ADE 15]

Figure 1.22: Simulation result of oil distribution around the gear
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Figure 1.23: Simulation result of oil distribution in the gearbox

1.3.4 The volume of fluid (VOF) model

Like the oil/air flow in the bearing cavity, a large number of flows encountered in nature
and technology are a mixture of phases. In the roller bearing cavity, the lubrication oil
is injected to the gas environment and impacts on the bearing’s components, splashing
to countless droplets. The flow regime is gas-liquid two-phase mixture flow. Advances
in computational fluid mechanics have provided the basis for further insight into the dy-
namics of multiphase flows. Currently there are two approaches for the numerical cal-
culation of multiphase flows: the Euler-Lagrange approach and the Eular-Eular approach
[MIC 16]. And the VOF model is one of the Euler-Euler approach models.

In the Euler-Euler approach, the different phases are treated mathematically as inter-
penetrating continua. Since the volume of a phase cannot be occupied by the other phases,
the concept of phasic volume fraction is introduced. These volume fractions are assumed
to be continuous functions of space and time and their sum is equal to one. Conserva-
tion equations for each phase are derived to obtain a set of equations, which have similar
structure for all phases.

The VOF model was developed by Hirt and Nichols [HIR 81] in 1981. It can model
two or more immiscible fluids by solving a single set of momentum equations and tracking
the volume fraction of each of the fluids throughout the domain. It relies on the fact that
two or more fluids (or phases) are not interpenetrating. For each additional phase that
you add to your model, a variable is introduced: the volume fraction of the phase in the
computational cell [KLE 05]. In each control volume, the volume fractions of all phases
sum to unity. The fields for all variables and properties are shared by the phases and
represent volume-averaged values, as long as the volume fraction of each of the phases
is known at each location. Thus the variables and properties in any given cell are either
purely representative of one of the phases, or representative of a mixture of the phases,
depending upon the volume fraction values. In other words, if the qth fluid’s volume
fraction in the cell is denoted as αq, then the following three conditions are possible:

αq = 0 : The cell is empty (of the fluid).
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Two-phase flow in roller bearings

αq = 1 : The cell is full (of the fluid).
0 < αq < 1 : The cell contains the interface between the fluid and one or more other

fluids.
Based on the local value of αq, the appropriate properties and variables will be as-

signed to each control volume within the domain.
The continuity equation
The tracking of the interface(s) between the phases is accomplished by the solution of

a continuity equation for the volume fraction of one (or more) of the phases. For the qth
phase, this equation has the following form:

1
ρq

ñ
∂

∂t

Ä
αqρq

ä
+nabla ·

Ä
αqρq~νq

äô
= Sαq +

n∑
p=1

Ä
ṁpq− ṁqp

ä
(1.17)

where ṁqp is the mass transfer from phase q to phase p and ṁpq is the mass transfer
from phase p to phase q.

The volume fraction equqtion will not be solved for the primary phase; the primary
phase volume fraction will be computed based on the following constraint:

n∑
q=1

αq = 1 (1.18)

Noting that the properties appearing in the transport equations are determined by the
presence of the component phases in each control volume. In a two-phase system, for
example, if the phases are represented by the subscripts 1 and 2, and if the volume fraction
of the second of these is being tracked, the density in each cell is given by

ρ = α2ρ2 +(1−α2)ρ1 (1.19)

All other properties (e.g., viscosity) are computed in this manner.
The Momentum Equation
A single momentum equation is solved throughout the domain, and the resulting ve-

locity field is shared among the phases. The momentum equation, shown below, is depen-
dent on the volume fractions of all phases through the properties ρ and µ.

∂

∂t
(ρ~v)+∇ · (ρ~v~v) =−∇p+∇ ·

î
µ
Ä
∇~v+∇~vT äó+ρ~g+~F (1.20)

One limitation of the shared-fields approximation is that in cases where large velocity
differences exist between the phases, the accuracy of the velocities computed near the
interface can be adversely affected.

The Energy Equation
The energy equation, also shared among the phases, is shown below.

∂

∂t
(ρE)+∇ · (~v(ρE + p)) = ∇ · (k∇T )+Sh (1.21)
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The properties ρ and k (effective thermal conductivity) are shared by the phases. The
source term, Sh, contains contributions from radiation, as well as any other volumetric
heat sources.

As with the velocity field, the accuracy of the temperature near the interface is limited
in cases where large temperature differences exist between the phases. Such problems
also arise in cases where the properties vary by several orders of magnitude. For example,
if a model includes liquid metal in combination with air, the conductivities of the materials
can differ by as much as four orders of magnitude. Such large discrepancies in properties
lead to equation sets with anisotropic coefficients, which in turn can lead to convergence
and precision limitations [KOL 11].

1.3.5 Oil volume fraction in roller bearings
With regard to the reviewed numerical work, it can be concluded that the application
of the VOF method is considered to be the suitable tool for the simulation of oil flow
distribution in roller bearings. In Chapter 4, a roller bearing model is established with the
flow field inside the bearing cavity. The lubricant oil flow injected from the inner ring is
analyzed with the VOF method, and different paramters are tested numerically to reveal
the changing rule of the oil volume fraction inside the bearing cavity.

1.4 Novelty of this work

Rolling Element Bearings (REB) are very critical mechanical components in rotating
machinery, that should require deep understanding of its heat generation mechanisms.
Windage drag and churning losses are a major issue for high-speed rolling element bear-
ings (such that Ndm > 106) in consideration that they may represent up to 50% of the
total power dissipated.

Both measurement and prediction of windage drag and churning losses in high speed
rolling bearings are extremely difficult tasks. Except several empirical total hydraulic
losses prediction formulas, there are few approaches used directly for the windage drag
or churning losses prediction, which could only provide a rather gross approximation.

The Computational Fluid Dynamics (CFD) method has been becoming an effective
and efficient approach for this fluid mechanics problem. The numerical approach can be
of considerable value to quantify the interaction between the fluid and roller elements,
to demonstrate oil/air flow pattern inside the bearing cavity, and furthermore, to analyze
influencing factors such as running conditions, fluid properties, the geometry parameters.

The objective of this PhD work is to develop a reliable and accurate estimation for-
mulas for drag force and churning moments calculation in rolling element bearings with
the numerical method. Three main points addressed in this thesis are:

1. The development of an accurate numerical simulation method to analyze the flow
around roller elements, which is a special finite cylinder with two free ends, and sur-
rounded by two rings and adjacent rollers.
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Novelty of this work

2. The development of accurate and reliable formulas for drag coefficient and churn-
ing moments on the roller in high speed rolling bearings, in an equivalent one-phase
environment.

3. The development of an accurate numerical simulation method to analyze the oil/air
two-phase flow inside the bearing cavity, to illustrate the oil volume fraction varying with
factors such as oil volume flow rate, oil property, bearing rotational speed, etc.

Point 1 and 2 will be addressed in Chapter 2 and 3. Chapter 2 presents the develop-
ment of the numerical model in the CFD approach. The flow structure around one isolated
finite circular cylinder with two free ends in open space is investigated in a wide range of
aspect ratios and Reynolds numbers, with the SST-SAS turbulent model. Vortex structure
around the cylinder is represented. This is of basic for the windage drag and churning
losses investigation in roller bearings. Chapter 3 conducts the CFD method developped in
Chapter 2 to predict drag coefficient and churning moments on the roller elements. A con-
figuration with several in-line circular cylinders sandwiched by two flat walls is studied in
one-phase environment, which represents a simplified approach. A relationship between
drag coefficient and Reynolds number is summarized and a formulation for churning mo-
ments prediction is proposed, based on a series of tests to various factors, e.g. operating
conditions, roller geometry parameters, and fluid properties.

Point 3 will be addressed in Chapter 4. In Chapter 4, the CLS-VOF method is pro-
posed to track the oil/air two-phase flow inside the bearing cavity with the under-race
lubrication, and furthermore, to predict the oil volume fraction, which is necessary for
the one-phase flow equivalent conversion. The influence of different factors, such as the
oil volume flow rate, the oil injection velocity, the lubricant oil property, and especially
the bearing components rotational speed (Inner ring, the cage, outer ring, respectively).
The effect of the nozzle scheme to the oil distribution along the bearing circumference is
discussed as well.

The manuscript ends with a conclusion and perspectives for this work.
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1. State of the art
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Chapter 2

Flow structure around one circular
cylinder with two free ends

In this chapter a numerical investigation is conducted to reveal
flow structure around one circular cylinder with two free ends,

which is the basic for analysing of windage and churning
losses in roller bearings.
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Introduction

2.1 Introduction

As pointed out in Chapter 1, windage drag loss in roller bearings is estimated with the
model of flow around one circular cylinder in a disturbance-free stream , which has at-
tracted a great deal of attention over the years. This approach is however too simplified
since the model used previously is two-dimensional which is infinite-length and free of
end effect. While the circular cylinder in roller bearing is finite-length and there are two
free-side ends immersed in the oil/air two-phase fluid environment. The flow that sepa-
rates from free ends may interact strongly with that from the cylindrical surface and result
in a three-dimensional flow phenomena [KIA 16]. Using results of two-dimensional infi-
nite model cannot truly capture phenomena such as alternating vortex shedding, and may
cause large fluctuating pressure forces, noise, vibrations and even structural failure when
the vortex shedding frequency coincides with the body’s own natural frequency [KIA 16].
In fact, though the two-dimensional infinite circular cylinder in a steady cross-flow has
been one of the classical problems in fluid mechanics, the flow around short circular
cylinder with two free ends remains relatively unexplored.

Investigation results of flow around one mounted circular cylinder show that, the ex-
isting of free end makes the problem more complicated, with highly turbulent vertical
structures in the flow field around the cylinder [BLA 15]. For circular cylinder with two
free ends, despite the geometry is simple, the interaction between the flow separating from
two free ends and the wake separating from the cylindrical surface is not well understood.
In addition, as the roller in bearings, in most practical applications there is at least one free
end and sometimes two free ends, such as ship radar aerials, etc [SUM 13]. Such a flow
configuration represents a more realistic situation. Therefore, understanding the dynam-
ics of three-dimensional flow around one circular cylinder with two free ends can provide
valuable basic fluid mechanical knowledge, accompanying with both fundamental and
practical importance.

So far, a detailed discussion on the flow around one finite circular cylinder with two
free ends does not currently exist. Hence in this chapter, a numerical modelling method
is presented to explore its flow pattern and turbulent structure primarily, to build the basic
for windage drag and churning losses investigation in roller bearings [JAV 14]. Turbu-
lent flow over the cylinder with different Reynolds numbers and different aspect ratios is
studied and compared with previous work. The influence of two free ends on the pressure
distribution and drag coefficient is analyzed. The present numerical study will add signif-
icantly to our understanding of the flow around one finite circular cylinder with two free
ends.

This chapter is structured as following. Section 2.2 presents the numerical method for
the flow simulation. The computation domain is defined with corresponding boundary
conditions. The SST-based Scale-Adaptive Simulation (SST-SAS) model is introduced,
which is used to catch the detail of vortices in the fluid field in acceptable calculation time.
Some setup to solve the complicated problem is presented in the employed commercial
software ANSYS Fluent.

In section 2.3, the CFD simulations are carried out to model flow structure around the
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2. Flow structure around one circular cylinder with two free ends

Tableau 2.1: Roller bearing specifications

Pitch diameter(mm) 48.5
Bearing width (mm) 14

Number of rollers 16
Roller diameter(mm) 7.14
Roller length(mm) 10

finite-length circular cylinder with two free ends. Experimental data from other literatures
is used to validate the numerical model. Then flow structure and pressure distribution
around the cylinder are demonstrated. Its characteristics with different aspect ratios are
discussed and explained. This work builds the foundation for numerical investigation of
windage drag and churning losses in roller bearings in the following chapters.

2.2 Numerical model

2.2.1 Problem definiation and computational domain
To simulate flow structure around one finite circular cylinder with two free ends, a sim-
plified ideal model is built, with one isolated finite-length circular cylinder in a domain
without wall effects. The geometry of calculation fluid domain and the boundary con-
dition are shown in Figure 2.1. The cylinder center is placed 5 times diameter of the
cylinder (5D) downstream of the inlet and 15D upstream of the outlet. The other four
sides are 5D far from the center of the cylinder, far enough away from the cylinder to
have a uniform far field flow. The aspect ratio is defined as the length to diameter ratio
L/D. The roller and corresponding bearing specification used in the numerical investiga-
tion is listed in Table 2.1. The fluid domain is dispersed with structured hexahedron grid
with the software ANSYS ICEM 16.9.

2.2.2 The SST-SAS model and governing equations
The classical Navier-Stokes equations are solved for this incompressible flow, to discribe
the fluid behavior [CHU 10b]. The finite volume discretization method is used to approx-
imate the N-S equations by a system of algebraic equations for the variables at some set
of discrete locations in space.

To catch the detail of vortices in the fluid field in acceptable calculation time, the SST-
based Scale-adaptive Simulation (SAS) model is used [MEN 10]. The SAS approach
represents a new class of the URANS models. Different from the conventional RANS
formulations, the SAS model adjusts the turbulence length scale to the local flow inhomo-
geneities [LIU 17b]. As a measure of the local flow length scale, a classic boundary layer
length scale introduced by von Karman is generalised for arbitrary three-dimensional

34

Cette thèse est accessible à l'adresse : http://theses.insa-lyon.fr/publication/2018LYSEI048/these.pdf 
© [W. Gao], [2018], INSA Lyon, tous droits réservés 



Numerical model

Inlet

OutletD

L

No-slip Wall

20D

10D

10D

Symmetry

5D
15D

Figure 2.1: Geometry and boundary condition of the calculation domain

Figure 2.2: Cylinder in cross flow at Reynolds number of 3×106: left - URANS, right -
SAS, L - length scale of turbulence, D - cylinder diameter

flows [ZAC 16]. The von Karman length scale explicitly enters the transport equations of
the turbulence model. The resulting model remains a RANS model, as it delivers proper
RANS solutions for stationary flows and maintains these solutions through grid refine-
ment. On the other hand, for flows with transient instabilities like those in the massive
separation zones, the model reduces its eddy viscosity according to the locally resolved
vortex size represented by the von Karman length scale. The SAS model can under those
conditions resolve the turbulent spectrum down to the grid limit and avoids RANS-typical
single-mode vortex structure as shown in Figure2.2.

The governing equations of the SST SAS model are followed,

∂ρk
∂t

+∇ · (ρUk) = Pk−ρcµkω+∇ · [(µ+ µt

σk
)∇k] (2.1)
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2. Flow structure around one circular cylinder with two free ends

∂ρω

∂t
+∇ · (ρUω) = α

ω

k
Pk−ρβω

2 +QSAS +∇ · [(µ+ µt

σω

)∇ω]+ (1−F1)
2ρ

σω2

1
ω

∇k∇ω

(2.2)
The equations of the SST-SAS model equations differ from those of the RANS model

by the additional SAS source term QSAS in the transport equation for the turbulence eddy
frequency, ω. The additional source term QSAS reads

QSAS = max[ρζ2κS2(
L

Lνk
)2−C · 2ρk

σΦ

max(
|∇ω|2

ω2 ,
|∇k|2

k2 ),0] (2.3)

In homogeneous turbulence, the SAS source term QSAS is zero and the model param-
eters in the SAS source term are:

ζ2 = 3.51,σΦ = 2/3,C = 2 (2.4)

The value L in the SAS source term is the length scale of the modelled turbulence,
and the Von Karman length scale Lvk is a three-dimensional generalization of the classic
boundary layer, which imposes the limiter to prevent the SAS equilibrium eddy viscosity
from decreasing below the LES subgrid-scale eddy viscosity.

L =
√

k/
(
c1/4

µ ·ω
)

(2.5)

Lvk = k
∣∣∣∣∣U ′U ′′

∣∣∣∣∣ (2.6)

µeq
t ≥ µLES

t (2.7)

The first velocity derivative ∂U
∂y is represented in Lvk by U’, which is equal to S, a scalar

invariant of the strain rate tensor S, j:

U ′ = S =
»

2 ·S, jS, j;S, j =
1
2

Ç
∂Ui

∂x j
+

∂U j

∂xi

å
(2.8)

Note that the same S also directly participates in QSAS and in turbulence production
term Pk = µtS2. The second velocity derivative U” is generalized to 3D using the magni-
tude of the velocity Laplancian:

U ′′ =

Ã
∂2Ui∂2Ui

∂x2
k∂x2

j
(2.9)

The model also provides a direct control of the high wave number damping. This is
realized by a lower constraint on the Lvk value in the following way:

Lvk = max

Ñ
k
∣∣∣∣∣U ′U ′′

∣∣∣∣∣ ,CS

Ã
kη2

(β/cµ)−α
·∆

é
,∆ = Ω

1/3
CV (2.10)
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Numerical model

This limiter is proportional to the mesh cell size , which is calculated as the cubic
root of the control volume size ωCV . The purpose of this limiter is to control damping
of the finest resolved turbulent fluctuations. The structure of the limiter is derived from
analyzing the equilibrium eddy viscosity of the SST-SAS model.

The SST SAS model has been proven to be reliable enough for the unsteady flow with
complex turbulence structure.

2.2.3 Fluid properties
In view of the running conditions in roller bearings, the oil used to lubricate the contact-
ing surface is generally scattered by the movement of the solids. A mixture of air and oil
is then supposed to exist around the rollers. In a steady running bearing, the fluid envi-
ronment into the bearing cavity could also be regarded as steady. So that the rollers are
assumed to be flooded in a uniform one-phase flow. Since the average oil volume fraction
in high speed small bore roller bearing is usually less than 5%, the fluid property is set the
same as air in normal pressure and temperature (1.225 kg/m3, 1.789×10−5 kg/m-s).

2.2.4 Boundary conditions
As shown in the Figure 2.1, the inlet boundary condition consists of uniform velocity, tur-
bulent intensity, and turbulence length respectively equal to 1% of one cylinder diameter.
To compare the numerical results with previous experiment tests, the Reynolds number
is respected to the value of Re=8.8×104 at the beginning. The average pressure is main-
tained constant over the downstream surface, with four side surfaces as symmetry. The
inlet velocity value is set to match a required Reynolds number.

V =
Re∗µ

ρd
(2.11)

2.2.5 Mesh dependence
The transient state equations are solved on inhomogeneous structured meshes for the flow
domain with a strong clustering close to the walls. To capture the near-wall turbulent
region with the turbulence model chosen here, the dimensionless wall distance y+ is re-
quired to be less than 5 [WEH 15]. It is defined as y+ = ρyur/µ, where y is the distance
from the center of the first cell to the wall and ur is the wall friction velocity. To match
this requirement for all calculation cases, much finer cells are used around the cylinder,
with a total cell number of approximately 1.25 million. It appears that using smaller cells
does not significantly change the numerical solution.

2.2.6 Numerical methods
The commercial software ANSYS Fluent code is employed in this study to figure out
the complicated flow problem [FLU 11][WIL 93] with the finite volume method to solve
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2. Flow structure around one circular cylinder with two free ends

Figure 2.3: View of the mesh around the short cylinder

the governing equation. The second-order upwind difference is adopted for the momen-
tum equation and turbulent kinetic energy. The pressure is adopted for the second order
format. The semi-implicit method for pressure-linked equations-consistent (SIMPLEC)
method is adopted for the coupling solution of pressure and velocity. The convergence
is reached when both the normalized residuals of the equations fall below 10−5 and the
three aerodynamic components behave periodically in accordance with structure detach-
ments. Then a time-averaged estimation of all the data (streamlines, drag coefficient, etc.)
is made using one single period. By changing different inlet velocity and fluid proper-
ties, the flow pattern with different Reynolds number is calculated. The effect of aspect
ratio is explored with different geometry structures as well. The simulation results will be
presented in detail.

2.3 Simulation results

2.3.1 Model validation

Before analysing flow behavior around the finite circular cylinder with two free ends, the
numerical simulation method should be evaluated primarily, by comparing with available
experimental and numerical results in the literature.

M.M.Zdravkovich [ZDR 89] built a test set to measure the drag force acting on short
circular cylinders with two free ends. In the experimental arrangement, a circular cylinder
with different length-diameter ratios is supported by two fixed vertical struts in the work-
ing section of the wind tunnel, which could provide continuous variation of velocity in the
range of 15m/s to 35 m/s. The free stream longitudinal turbulence intensity in the empty
working section was 0.3%. A six-component balance is situated immediately above the
working section and is capable of measuring all three forces and three moments by using
a set of load cells. The test section is shown in Figure2.4 and the drag force, pressure
distribution are measured in the experimental investigation and are used to validate the
CFD calculation results. Among them, the measured drag force was reduced to a drag
coefficient by dividing drag by the free stream dynamic pressure and the area, taken to
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Simulation results

Figure 2.4: Experiment test section of circular cylinder in wind tunnel [ZDR 89]

be length times diameter of the cylinder. The free stream velocity was expressed by the
Reynolds number based on the cylinder diameter.

In this regard, Figure 2.5 illustrates drag coefficient of cylinders for a various of aspect
ratios and its comparison with other researchers’ data at Re=8.8×104. Also, Figure 2.6
compares the pressure distribution around the cylinder for the aspect ratio L/D=1.5 at
Re=2.55×105. As it can be seen, the simulation results are perfectly matched with the
experimental results, demonstrating that the numerical method is sufficient to resolve flow
structure around one finite circular cylinder with two free ends.

In Figure 2.5, it could be found that, for short cylinders, 1<L/D<6, there is a very
small change rate of drag coefficient and the trend appears almost as a horizontal line.
It could be explained that the inflow is restricted by the sharp edge of the free ends for
relative short cylinder [SUM 04]. The shape of the free end becomes a governing factor.
To highlight the influence of the separated flow from two free ends to the wake behavior
behind the cylinder, the aspect ratio in the present study is fixed to 1.5.

2.3.2 Flow pattern around the cylinder
Figure 2.7 shows the simulated streamlines around the cylinder when the flow reaches the
steady state for the case of Re = 45. Major complexity of the flow structure occurs at the
free ends of the cylinder because of the flow interaction with cylinder leading edge. For-
mation of these vortices initiates inclines upstream flow slightly over the free end, named
up-wash. As the flow passes over the cylinder tip, it is brought down into low pressure
central wake region, called down-wash. With the attraction of the low pressure region
behind the cylinder, the downwash flow turns back to the cylinder, forming the unsteady
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2. Flow structure around one circular cylinder with two free ends

Figure 2.5: Comparison between the simulation and experiment results with different
aspect ratio

Figure 2.6: Pressure distribution around the circular cylinder with aspect ratio L/D=1.5
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Simulation results

(a) The front view (b) The side view (c) The top view

Figure 2.7: Flow patterns around the circular cylinder at Re=45

Figure 2.8: Steady-state wake behind the infinite cylinder at Re = 40 [SIN 10]

recirculation flow [ZHU 17]. It can be seen clearly that there are a pair of stationary
recirculation eddies behind the cylinder. The same phenomenon was found in the two-
dimensional model, as shown in Figure 2.8. The difference is that here the eddy appears
in the axis direction of the cylinder. With symmetrical structure, the two recirculation
flows developed from two free ends are symmetrical about the cylinder mid-span.

For a higher Reynolds number, Re=450, its near wake structures are visualized with
streamlines from different directions in Figure 2.9. The flow begins to turn into unsteady,
while the recirculating region remains behind the cylinder. In contrast, the recirculating
region disappears at Reynolds numbers in excess of about 100 for the two-dimensional
cylinder [SOH 15]. Besides, it could be found that the length of the recirculating region,
which is from the nearest point of the cylinder to the end of the eddy, increases with the
Reynolds number.

Another important phenomena occurs between the downwash flow from the free ends
and the wake separated from the cylindrical surface. Shear flow from two free ends con-
verges with the wake shedding from two sides of the straight cylinder, rolling up into four
trilling spiral vortices in the flow direction, which is totally different with the Karman-type
vortex in two-dimensional infinite cylinder model or the horseshoe vortex in the mounted
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2. Flow structure around one circular cylinder with two free ends

(a) The front view (b) The side view (c) The top view

Figure 2.9: Flow patterns around the circular cylinder at Re=450

(a) The front view (b) The side view (c) The top view

Figure 2.10: Flow patterns around the circular cylinder at Re=4.5×104

finite circular cylinder with one free end. Every two adjacent vortex are counter-rotating.
If we continue to increase the Reynolds number, to the value of Re=4.5×104, the

flow becomes unsteady further as shown in Figure 2.10. The inflow of the downwash
stream is pushed to further downstream by the two-dimensional wake from the straight
cylinder. Four spiral vortexes are still symmetrical about the mid-span of the cylinder.
But the centers of the vortexes swing in the circumferential direction regularly, showing
a Karman-vortex-street-like behavior in the radial direction. The pressure distribution
around the cylinder along the axis direction is monitored in Figs. 2.11 and 2.12. It cor-
respondes with the flow pattern around the cylinder. Caused by the leakage from the free
ends, pressure around two tips of the cylinder on the backside is obviously higher than
that of the central part.

2.3.3 Flow structure on the free end
As previously mentioned, the flow structure at the free end is complex as a result of the
sharp leading edge. In order to investigate the flow on the free end surface, a detail stream
line pattern is shown in Figs. 2.13 and 2.15. The up-wash flow separates the end surface
at the leading edge, producing a low pressure zone in the fore portion of the end surface,
which attracts a wall-attached backflow from the rear portion. A crestline is formed at the
intersection position of these two flows. This phenomenon is similar with that on the free
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Figure 2.11: Pressure distribution around the circular cylinder in different axis position

Figure 2.12: Pressure distribution around the cylindrical surface
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2. Flow structure around one circular cylinder with two free ends

Figure 2.13: Side view of stream line
on the free end

Figure 2.14: Flow pattern from the laser
light visualization on the free end sur-

face [ROH 03]

Figure 2.15: Top view of stream line on the
free end

Figure 2.16: Oil streak lines on the free
end surface [ROH 03]

end of one finite mounted circular cylinder, as shown in Figs. 2.14 and 2.16 [ROH 03].
Figure 2.17 shows turbulence kinetic energy distribution on the free end with different

aspect ratios. With a higher aspect ratio, the strong vortex region moves from the rear
portion to the fore part with the intensity weakened. It means that the shear flow separating
from the circumferential leading edge of the free end is harder to turn to the recirculating
region behind the cylinder with a higher aspect ratio. It could be explained that with a
higher aspect ratio, the wake separating from the cylindrical surface pushes the down-
wash to a further position away from the cylinder.

2.3.4 Drag coefficient on the cylinder

When the fluid flows past the cylinder, a shear stress is produced by the gradients of
velocity at the surface of the cylinder with the no-slip condition. The shear stress sums to
one part of the total drag force, called the viscous drag. Besides, the pressure of the fluid
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Figure 2.17: Turbulence kinetic energy distribuion on the free end with different aspect
ratios (Re = 4.5×104)

is greater on the unwind side of the cylinder than on the backside, which introduces the
other part, called the pressure drag or form drag. A dimensionless expression of the total
drag force is the drag coefficient defined by

Cd =
Fd

1
2ρV 2A

(2.12)

Where ρ is the fluid density and A is the frontal area expressed by the body to the flow
direction.

2.3.4.1 Effection of the aspect ratio to drag coefficient

Figure 2.5 illustrates the drag coefficient of the cylinder varying with its aspect ratio.
Since the inflow or back flow could increase pressure distribution over the backside of the
cylinder (see Figure 2.19), the pressure drag is reduced obviously so that the drag coeffi-
cient is lower than that of the infinite cylinder. Additionally, it could be observed that the
reduction of the aspect ratio L/D continually decreases the drag coefficient. Figure 2.18
explains this phenomenon with vorticity magnitude around the cylinder with different as-
pect ratios. For the shorter cylinder, the three-dimensional separating flow around the
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2. Flow structure around one circular cylinder with two free ends

(a) L/D = 1 (b) L/D = 1.5

(c) L/D = 3 (d) L/D = 6

(m.s-1)

Figure 2.18: Vorticity magnitude around the circular cylinder with different aspect ratios

free ends develops to almost all the straight part of the cylinder while for the longer one,
its effect only focuses on its two tips [TUM 17]. With the increasing of aspect ratio, the
wake flow shedding from the straight cylinder becomes dominant in the flow region and
its behavior becomes closing to the two-dimensional infinite model as shown in Figure
2.19.

Noting that, the aspect ratio of the cylinder could be reduced down to zero when,
presumably, the drag coefficient won’t be zero, as a result of the viscous drag on the free
ends.

2.3.4.2 Effection of the Reynolds number to drag coefficient

In the previous section, it has been demonstrated that the flow structure around the cylin-
der with two free ends changes with the Reynolds number. The variation of drag coeffi-
cient with Reynolds number is crucial for fluid dynamic application. Up to now, typical
drag coefficient of basic shapes in cross-flow has been measured except the finite circular
cylinder with two free ends [TSU 11]. Based on the numerical simulation results with
different fluid properties or boundary conditions, a line for drag coefficient as a function
of Reynolds number suitable for short circular cylinder (L/D=1.5) with two free ends is
obtained in Figure 2.20 in the range 4.6<Re<106. Different from the two-dimensional
model, in this range, there is no critical regime where exists a quick drop of drag coeffi-
cient due to the transition from laminar to turbulent separation of the boundary layer. As
mentioned previously, the aspect ratio changes drag coefficient slightly with the aspect
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Conclusions

Figure 2.19: Pressure distribution around the circular cylinder with different aspect ratios

ratio 1< L/D <6, so that this line could be employed considerablly to all short circuler
cylinder with two free ends in this range.

2.4 Conclusions

Flow characteristics around one circuluar cylinder with two free ends is investigated in
this chapter, with a validated numerical method. With different Reynolds numbers and
aspect ratios, the effect of two free ends to the cylinder’s flow structure, pressure distribu-
tion and drag coefficient is analyzed. The results show that

(1) The flow structure around one finite circular cylinder with two free ends is totally
different from that of the infinite cylinder or the finite circular cylinder with one free end.

(2) With the decreasing aspect ratio, three-dimensional separating flow from the end
surface develops to almost all the cylinder and the wake flow shadding from the straight
cylinder is extruded and reshaped. With a bigger aspect ratio, the down-wash flow is
restricted by the wake from the cylindrical surface.

(3) A pair of recirculating eddies appears behind the cylinder in the axis direction at
low Reynolds number. With the increasing of Reynolds number, the flow turns unsteady
and four spiral vortices are formed in the stream direction by the interaction of the two
separated flows from two free ends and the wake flow.

(4) Compared with the two-dimensional cylinder model, the inflow passing from two
free ends increases pressure distribution over the backside of the cylinder and thus de-
creases its drag force. A new relationship of drag coefficient corresponding with Reynolds
numbers is proposed, especially for short circular cylinder with two free ends with the as-
pect ratio 1<L/D<6.
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Figure 2.20: Drag coefficient of one circular cylinder with two free ends as a function of
Reynolds number
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Chapter 3

Drag coefficient and churning moment
in roller bearings

In this chapter the drag coefficient and churning moment on
the cylinder element in roller bearings are investigated

numerically based on the one-phase-environment assumption.
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Introduction

3.1 Introduction

As mentioned previously, the roller element in bearings is a special finite-length circular
cylinder with two free ends. In the last chapter, a numerical simulation method is proposed
and the flow around one finite circular cylinder with two free ends is analyzed in detail.
It should be noted that this model is too simplified and could only serve as a basis for
further investigation. In a real roller bearing, except being drived or braked by the cage,
all roller elements are sandwiched by two rings with micron-size clearance. It means
that the oil-air mixture in bearing cavity could only flow bypass the roller’s free ends
rather than flowing past its cylindrical surface. Besides, each roller element is adjacent
with another two rollers in up-stream and down-stream respectively. Flow around these
endless in-line cylinders with small gap could interact with each other. In conclusion, for
the windage drag force and churning moment investigation, a three-dimensional model
with all influence factors is essential.

Except that, for churning losses in roller bearings, there are few approaches used di-
rectly for its estimation, which could only provide a rather gross approximation. It should
be emphasized that in the model mentioned in Chapter 1, the fluid is initially assumed at
rest and there is no relative translational motion between the roller and the fluid, which is
entirely different with the actual situation in a bearing. So that it’s necessary to develop
a new formula for churning losses prediction in roller bearings based on the numerical
investigation.

In this chapter, with the CFD simulation method verified in the last chapter, the con-
figuration with one single circular cylinder in open space is studied further. The circular
cylinder is set to rotate by its own axis, like the roller in bearings. Drag force and churn-
ing moments acting on the cylinder surface are monitored in the calculation. After that,
the geometry structure is changed to close to the real bearing configuration, with several
in-line rotating cylinder elements sandwiched by two flat walls. Interference between
different elements and all surroundings is presented. A new relationship of drag coeffi-
cient varying with Reynolds number suitable for cylindrical elements in roller bearings is
obtained. In the numerical investigation, different parameters, e.g. roller rotating speed,
roller orbital speed, fluid properties, and roller geometry parameters, are studied to quan-
tify their effects. Finally, a numerical-based formula is proposed suitable for churning
losses prediction in roller bearings. To our knowledge, this is the first time that the drag
force and churning moment in roller bearings are analyzed with the CFD method sepa-
rately.

3.2 Drag coefficient in roller bearings

As mentioned in Chapter 1, in high speed roller bearings, drag force acting on roller
elements by the oil-air mixture in bearing cavity is frequently obtained from a two-
dimensional model of flow past one infinite-length cylinder. Whereas in roller bearings,
all cylinder elements are sandwiched by inner and outer rings with micron-size clearance
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3. Drag coefficient and churning moment in roller bearings

so that the flow could only bypass the sharp-edge circular ends, rather than the cylindrical
surface. In addition, every cylinder is accompanied with another two cylinders in front
and rear, which may strongly interact with each other. Consequently, drag coefficient
for cylindrical elements in roller bearings has to be investigated with a three-dimensional
model and take the surroundings into account.

In this part, a numerical CFD modelling method is presented to study the flow around
circular cylinders with two free ends in roller bearings, to clarify drag force acting on
its surface. First, the numerical model with one isolated circular cylinder in open space,
which has been investigated and verified in Chapter 2, is used and studied further, to vali-
date the effect of the cylinder’s rotating and the changing rule of its drag coefficient. Then
the model is changed to close to real bearing configuration, with several in-line circular
cylinders sandwiched by two flat walls. Finally a relationship between drag coefficient
and Reynolds number suitable for circular cylinder in roller bearings is summarized. More
than that, the geometry of this research is a simple three-dimensional bluff body so that
the flow is of fundamental importance and its result could be applied to more complicated
situation.

3.2.1 The CFD model introduction

Based on the fact mentioned above, the numerical investigation is splitted into two steps
with for each of them two different configurations. Firstly, one isolated rotating circular
cylinder in an open space (Configuration 1) is studied, within a uniform stream. The
calculation configuration and the boundary conditions are shown in Fig. 3.1, which is the
same as that in Chapter 2.

After that, the configuration (Configuration 2) with three in-line rotating cylinders,
sandwiched by two flat walls with periodic boundary conditions, is investigated, to reveal
flow characteristics in roller bearings. That represents a simplified arrangement of cylin-
drical roller bearings (see Fig. 3.2). Two flat walls replace the inner and outer rings and
three in-line cylinders replace the endless rollers orbiting in the bearing cavity, with the
periodicity boundary condition. The curvature of the rings is ignored, without regard to
the cage either. In order to avoid low mesh quality, the radial clearance between rollers
and rings is assumed here two times bigger than that in a real bearing. The fluid domain is
meshed with a structured hexahedron grid with the commercial software ANSYS ICEM,
with about 2.9 million cells.

For the solution methods, the SST SAS model is used to catch the details of the vor-
tices in the fluid field within an acceptable calculation time. The second-order upwind
difference is adopted for the momentum equation and turbulent kinetic energy. The semi-
implicit method for pressure-linked equations consistent (SIMPLEC) method is adopted
for the coupling solution of pressure and velocity. In Configuration 1, the inlet velocity is
equal to the roller orbital speed along with the cage, and the cylinder rotational speed is
set as the roller rotating speed by its own axis. While in Configuration 2, the roller orbital
speed is taken place by the fluid volume flow rate of the periodic boundaries.
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Figure 3.1: Geometry and boundary condition of the configuration with one isolated
cylinder (Configuration 1)

Figure 3.2: Geometry and boundary condition of the configuration with several in-line
cylinders (Configuration 2)

3.2.2 Flow around the isolated rotating cylinder

In Chapter 2, flow around one isolated circular cylinder with two free ends is studied.
Unlike that model, in roller bearings, each roller element rotates by its own axis. This
rotation may change the flow around the cylinder. For a nominal shaft rotational speed
at 30,000 rpm, the roller rotating speed by its own axis could catch up to 100,000 rpm
and the maximum linear velocity of the roller surface could be over 30 m/s. So that the
influence of the roller’s rotating to the flow pattern around the isolated cylinder should be
put forward.

Fig. 3.4 illustrates flow pattern around the rotating cylinder with a rotating speed of
10,000 rpm and flow speed of 92 m/s. In this case, the maximum linear velocity of the
roller surface is about 3.7 m/s, which is 1/30 of the flow speed. It could be found that the
flow pattern around the rotating cylinder is similar to that of the cylinder without rotating,
which means that the effect of the roller rotating could be ignored.
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3. Drag coefficient and churning moment in roller bearings

While if we continue to increase the roller rotational speed, up to the value of 100,000
rpm. The maximum linear velocity of the cylinder surface is about 37 m/s, more than
1/3 of the flow speed. By comparing velocity pattern with different rotating speed in Fig.
3.3, it could be found that the separating position of the wake from the cylindrical surface
is deflected along the rotating direction. The faster the cylinder rotates, the greater the
deflection is.

But, as shown in Fig. 3.5, the simulated streamline around the cylinder shows that
the roller’s rotation has slight effect to its flow structure. The vortices around the cylinder
with different rotating speed are similar. These facts indicate that for one finite circular
cylinder with two free ends, the swirling vortices separating from free ends are the key
element which determines the wake behavior of the finite-length cylinder, which has been
proven in Chapter 2.

(a) Without rotating (b) Rotating speed = 10,000rpm (c) Rotating speed = 100,000rpm

Figure 3.3: Velocity pattern around the isolated cylinder with different rotating speed

Figure 3.4: Flow pattern prediction for the isolated rotating cylinder (10,000 rpm)

3.2.3 Drag coefficient of the isolated rotating cylinder
For the influence of the cylinder’s rotating to its drag coefficient, previous study demon-
strates that there is no relationship between them. This conclusion is confirmed again by
our numerical simulation results, as shown in Fig. 3.9.

In Chapter 2, the effect of aspect ratio to drag coefficient has been mentioned. For
relative short cylinders, 1 < L/D < 6, there is a very small change rate of drag coefficient
versus the aspect ratio, which is a normal range in roller bearings. So that it could be
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Figure 3.5: Flow pattern prediction for the isolated rotating cylinder (100,000 rpm)

Figure 3.6: Pressure distribution around the isolated rotating cylinder (10,000 rpm)

Figure 3.7: Velocity distribution around the isolated rotating cylinder (10,000 rpm)
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3. Drag coefficient and churning moment in roller bearings

Figure 3.8: Total pressure distribution around the isolated rotating cylinder (10,000 rpm)

Figure 3.9: The influence of the cylinder’s rotating speed to its drag coefficient
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Figure 3.10: The influence of the cylinder’s aspect ratio to its drag coefficient

assumed that in the application of roller bearings, the L/D of circular cylinder does not
change its drag coefficient and the effect of aspect ratio could be ignored (see Fig. 3.10).

Except the aspect ratio, Reynolds number is another crucial factor changing drag co-
efficient of circular cylinder. Up to now, typical drag coefficient of basic shapes in cross-
flow has been measured except the finite circular cylinder with two free ends. Based
on numerical simulation, a relationship between drag coefficient and Reynolds num-
ber suitable for circular cylinder (1 < L/D < 6) in open space is obtained in the range
4.6 < Re < 106, which is definitely different with the one for two-dimensional model
(Fig.3.11). In the zone around Re = 8.8× 104, drag coefficient keeps stable to the value
of 0.6, compared with the coefficient of 1.25 for two-dimensional circular cylinder model.
Different from the 2d model, in this range, there is no critical regime with a quick drop of
drag coefficient due to the transition from laminar to turbulent separation of the boundary
layer.

A simple expression for the drag coefficient versus the Reynolds number suitable for
drag force calculation of one finite circular cylinder with two free ends in an open space
is obtained.

Cd = 37.5×Re−0.8515 +0.5671 (3.1)

As mentioned above, the aspect ratio changes drag coefficient slightly with the as-
pect ratio 1< L/D <6, so that this line could be employed considerablly to short circuler
cylinder with two free ends in this range.
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3. Drag coefficient and churning moment in roller bearings

Figure 3.11: Drag coefficient of one isolated circular cylinder with two free ends

3.2.4 Flow around several in-line rotating cylinders
The flow pattern around several in-line circular cylinders is definitely different with the
isolated cylinder. In view that all cylinder elements are sandwiched by inner and outer
rings with micron-size clearance, the flow could only bypass the sharp-edge circular ends
rather than the cylindrical surface. Besides, with relative short gap between two adjacent
rollers, the wake cannot freely extend like the isolated cylinder, causing several local
vortex in the gap between two cylinders (Fig. 3.12). Differential pressure is almost offset
between the windward side and the leeward side of the cylinder.

(a) The cylindrical surface (b) The circular end

Figure 3.12: Flow pattern and velocity distribution of several in-line cylinders

3.2.5 Drag coefficient of several in-line rotating cylinders
In that viscous drag is mainly decided by the fluid property, the drag coefficient is thus
highly reduced compared to the isolated cylinder. When the distance between every adja-
cent cylinder centers is H = 1.4×D, drag coefficient of several in-line cylinders is about
Cd = 0.025 at Re = 8.8×104. Corresponding with the change of H, pressure distribution
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Churning moments in roller bearings

Figure 3.13: Contour of velocity distribution around the several in-line cylinders

Figure 3.14: Contour of turbulent kinetic energy around the several in-line cylinders

around these circular cylinders changes in a small range (Fig.3.15) but here it’s not men-
tioned particularly for the roller bearing application. The whole drag coefficient variation
in the range 4.6 < Re < 106 for several sandwiched in-line cylinder is demonstrated in
Fig.3.16, which is more suitable for drag force calculation in roller bearings.

Finally, a simple expression for the drag coefficient versus the Reynolds number suit-
able for drag force calculation in roller bearings (1 < L/D < 6) is finally obtained.

Cd = 35.02×Re−0.9899 +0.05975 (3.2)

3.3 Churning moments in roller bearings

In rolling bearings, each rolling element orbits along the circle runway together with
the cage, and rotates by its own axis at the same time. As the churning phenomenon
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3. Drag coefficient and churning moment in roller bearings

Figure 3.15: Pressure coefficient around the single circular cylinder

Figure 3.16: Drag coefficient of several sandwiched in-line cylinders
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Figure 3.17: Churning effects diagram of the rotating roller in the fluid

in gearbox, the rotating roller elements churn the surrounding fluid, causing considerable
churning losses, as shown in Fig. 3.17. The churning losses come from churning moments
acting on the roller surface, which have attracted least attention so far. Both measurement
and estimation of churning losses in (high-speed) rolling bearings are extremely difficult
tasks.

Rumbarger and Filetti provided an estimate of churning moment on cylindrical surface
of rollers [NIC 17]. Moreover the churning moment on the side of rollers is characterized
by the flow over a rotating disk by von Karman [APP 15]. It should be noted that in the
model mentioned above, the fluid is initially assumed at rest and there is no relative trans-
lational motion between the roller and the fluid, which is entirely different from the actual
situation in a bearing. Besides, each roller is sandwiched by two rings with micro-size
gap, and is adjacent with another two rollers in up-stream and downstream respectively.
In previous models the interference from surrounding walls and rollers is ignored either,
which has obvious effect to the flow around rollers [MAR 15]. Therefore, a deeper un-
derstanding to the physical responsible of churning losses in cylindrical roller bearings
is needed to propose a more reliable and accurate estimation formula. In last decade, a
series of numerical studies are reported on the fluid churning loss in transmission gears
with reliable results [LAR 17, LIU 17a]. It demonstrates that the Computational Fluid
Dynamics (CFD) method is effective for this type of problems.

In this section, the CFD simulation method used for the drag coefficient study is em-
ployed. The main object of this numerical investigation is to vary different operating
parameters and analyze their influence on the churning moments for a finite cylinder
moving and rotating in a uniform fluid, and propose a reliable physics-based churning
losses prediction formula suitable for cylindrical roller bearings. To evaluate the effect
of the roller orbiting motion, the first configuration is primarily tested and its results are
compared with previous empirical and theoretical results. Then, the second configura-
tion is investigated. The effect of a series of parameters are analyzed, including roller
geometry parameters such as cylinder diameter and length, lubricant properties such as
lubricant viscosity and density, and operating parameters such as cylinder rotational speed
and orbital speed (the flow inlet speed). Finally, a churning moment prediction formula
for roller element in bearings is proposed [GAO 18]. The numerical simulation results
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3. Drag coefficient and churning moment in roller bearings

will be presented in detail.

3.3.1 Churning moments on the isolated rotating cylinder
For churning moments on the isolated rotating cylinder, the formulas proposed by Rum-
barger and Von Karman indicate that the oil properties, the roller geometry parameters,
and the running condition all have a significent impact on the churning moments. But, the
roller’s orbiting motion with the cage is ignored. Besides, the fluid is initially assumed at
rest and there is no relative translational motion between the roller and the fluid, which is
entirely different from the actual situation in a bearing.

To quantify the influence of the roller’s translational motion (roller orbiting) on its
churning moment, the configuration with one isolated rotating circular cylinder in open
space is studied, with a specific-velocity uniform stream. Its results are compared with
previous empirical and theoretical work. The effect of a series of parameters are ana-
lyzed, including roller geometry parameters such as cylinder diameter and length, lubri-
cant properties such as lubricant viscosity and density, and operating parameters such as
cylinder rotating speed and orbital speed (the flow inlet speed). Finally, a churning mo-
ments prediction formula for the isolated rotating cylinder is summarized. The numerical
simulation results will be presented in detail.

3.3.1.1 Comparison of different models

In Rumbergar and Von Karman’s formulas, the effect of roller orbital speed or the cage
speed is ignored. To illustrate its difference, two numerical simulations are carried with
or without inlet speed (no translational motion), and their results are compared with the
results of Rumbergar and Von Karman’s formulas. In this regard, Fig. 3.18 demonstrates
the difference of churning moments in these two conditions on the cylindrical surface and
circular end respectively. Rumbergar and Von Karman’s result is close to the case without
translational motion, while churning moments on the rotating cylinder moving in the fluid
are obviously larger.

(a) The cylindrical surface (b) The circular end

Figure 3.18: Comparison of churning moments between different calculation models
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Churning moments in roller bearings

3.3.1.2 Parameters that effect the churning moment

Although the effect of roller orbital speed or the cage speed in rolling bearings is ignored
by previous researchers, it is an important factor that should be accounted for carefully.
This is represented by the stream flow speed in the numerical model. To quantify its in-
fluence, flow pattern around the rotating cylinder in stream flow is compared with that of
a rotating cylinder in a steady fluid. Fig. 3.19 shows flow streamline around the cylin-
der in stream flow and in a steady fluid, respectively. Compared with pure rotating in
a steady fluid, the effect of stream flow is dominant that is to say the three-dimensional
separated shear flow around the end surface turns into the wake zone downstream near the
cylindrical surface, which considerably influences the wake behavior around the cylinder.
Besides, Fig. 3.18 demonstrates the difference of churning moments in these two condi-
tions on the cylindrical surface and roller end, respectively. It illustrates that Rumbergar
and von Karman’s result is close to the case without orbiting motion, while churning
moments on the rotating cylinder moving in the fluid are obviously larger.

(a) Rotating cylinder in stream flow (b) Rotating cylinder in a steady fluid

Figure 3.19: Influence of translational motion (roller orbiting) to the flow structure
around the circular side (Configuration 1)

As shown in Fig. 3.20, churning moments on the cylindrical surface and the cylinder
end are both linear with respect to the roller orbital speed. It should be noted that when
the roller orbital speed is zero, the corresponding churning moment is not zero. Its value
should be equal to the Rumberger and von Karman’s formulas, which corresponds to the
case without translational motion. In our study, this component of churning moment is
called the static churning moment, while the other component caused by the roller orbital
speed is called the dynamic churning moment. The churning moment on the cylindrical
surface and the roller end is the sum of these two parts. So that the equations for churning
moment on the isolated circular cylinder in open space could be written as following.

For the cylindrical surface,

Mc = Mc0 +Mc1 = Mc0 +Cρ
aµbV c

ω
dLer f (3.3)
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3. Drag coefficient and churning moment in roller bearings

For the roller end,

Me = Me0 +Me1 = Me0 +Ceρ
gµhV i

ω
jLkrl (3.4)

Fig. 3.21 shows the relationship between churning moment on the isolated roller sur-
face and its rotating speed on its own axis. Similar to the roller orbital speed, churning
moment on the roller surface is proportional to its rotating speed, both for the cylindrical
surface and the roller end. The difference is that the moment would be zero when the
roller doesn’t rotate.

The effect of the roller length is first to change the area of the cylindrical surface,
which is linear to the moment in Rumberger’s formula. For the isolated finite-length
cylinder element, the linear relationship is also found for the cylindrical surface, as shown
in Fig. 3.22. Whereas, the length of the roller shows slight influence to the moment acting
on the roller end (see Fig. 3.23). For the roller with a radius r=3.57mm, with the length
changing from 1mm to 10mm, the churning moment on the end changes less than 8%,
and from 1 mm to 40 mm, the moment changes less than 20%. This phenomenon is
similar with the drag coefficient on the finite circular cylinder. As shown in Fig. 3.10, for
relative short cylinders, 1< L/D <6, there is a very small change rate of drag coefficient
and the curve appears almost as a horizontal line. So that it could be assumed that in
the application of cylindrical roller bearing which has a limited range of aspect ratio
L/D, the length of circular cylinder does not change churning moment on the roller end
significantly, so that its effect could be ignored in the formulation.

While for the radius of the roller, it changes not only the area of the cylindrical surface
and the roller end, but the Reynolds number of the flow around the cylinder. In account
that the Reynolds number is also related to the fluid property, the roller radius is outjected
and analyzed independently, instead of the dimensionless Reynolds number which is used
in Rumbarger and von Karman’s formula. It is found that the moment on the cylindrical
surface is proportional to the third power of the roller radius, while the moment on the
roller end is proportional to the four power of the roller radius, as shown in Fig. 3.24.

Similarly, for the fluid properties, in Rumbarger and von Karman’s model, the fluid
density is not only related directly in the formula, but appears also both in the dimension-
less Reynolds and Taylor numbers, together with the fluid viscosity. By comparing the
five lines in Fig. 3.25, it could be found that the churning moment on the roller cylindrical
surface is almost linear to the fluid density. It is the same for the churning moment on the
roller end.

The viscosity is one of the most important physical properties of the lubricant, which
is a key element in improving the bearing efficiency and performance. As shown in Fig-
ure 3.26, based on a series of calculations, the relationship between the churning moments
and the fluid viscosity is found to be exponential, both for the cylindrical surface and the
roller end.

To sum up, the index factors in the Eq. 3.4 are shown in Table 3.1.

64

Cette thèse est accessible à l'adresse : http://theses.insa-lyon.fr/publication/2018LYSEI048/these.pdf 
© [W. Gao], [2018], INSA Lyon, tous droits réservés 



Churning moments in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.20: Influence of the roller orbital speed (i.e. the cage speed) on the churning
moment (Configuration 1)
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3. Drag coefficient and churning moment in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.21: Influence of the roller rotational speed on the churning moment (Configura-
tion 1)
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Churning moments in roller bearings

Figure 3.22: Churning moment on the cylindrical surface as a function of the roller length
(Configuration 1)

Figure 3.23: Influence of the roller aspect ratio on the churning moment (Configuration
1)

Tableau 3.1: Index coefficient for the isolated cylinder in open space (Configuration 1)

Location ρ µ V ω L r

Cylindrical surface 1
0.263 (Re<900)
0.871 (Re>900) 1 1 1 3

Roller ends 1 0.536 1 1 0 4
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3. Drag coefficient and churning moment in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.24: Churning moment on the roller as a function of the roller radius (Configu-
ration 1)
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Churning moments in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.25: Influence of the fluid density on the churning moment (Configuration 1)
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3. Drag coefficient and churning moment in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.26: Influence of the fluid viscosity on the churning moment (Configuration 1)
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Churning moments in roller bearings

3.3.1.3 Formula fitting

With all the computational database in hand, a formula suitable for predicting churning
moments on the isolated finite-length circular cylinder in stream flow could be proposed.
In the formulation, the roller length and radius are replaced by the area surface. The for-
mula of churning moment on the cylindrical surface summarized from the CFD simulation
could be written as:

Mc = Mc0 +Mc1 (3.5)

Mc0 = τAcr (3.6)

Mc1 =

C1ρV ωAcr2µ0.263 if Re < 900
C2ρV ωAcr2µ0.871 if Re≥ 900

,C1 = 7.864×10−2,C2 = 4.2 (3.7)

And the formula of churning moment on the roller end should be

Me = Me0 +Me1 (3.8)

Me0 =
1
2

Ce0ρω
2r5 (3.9)

Me1 =Ce1ρV ωAer2µ0.536,Ce1 = 8.984 (3.10)

It should be noted that, because the Reynolds number considers several parameters,
including the density, the viscosity and the radius, it is difficult to meet the dimension
restriction and the exponential relationship at the same time. So that in the formula fitting,
the dimension restriction is given up.

3.3.2 Churning moments on several rotating cylinders
Different from the model of one isolated finite-length circular cylinder in stream flow, as
in rolling bearings, each roller element is not isolated and is surrounded by rings and other
rollers front and back. So that the configuration with three in-line finite circular cylinders
is investigated numerically to reveal the characteristics of churning moment in rolling
bearings. As the isolated circular cylinder model, different running conditions and fluid
properties are analyzed to obtain their relationship with the roller’s churning moments.

It should be emphasized that in Configuration 2, two flat walls replace the inner and
outer rings and the ring’s rotation is ignored whose influence has been proved to be slight
(see Figure 3.27). So that both the flat walls are set to be fixed in the calculation.

As shown in Figs. 3.28 and 3.29, the churning moments acting on the cylindrical
surface and the roller end are all linear with the roller orbital speed and the roller rotating
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3. Drag coefficient and churning moment in roller bearings
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Figure 3.27: Influence of the ring moving speed to churning moment on the cylindrical
surface (Configuration 2)

speed, as for the isolated cylinder model. In addition, the churning moments are not zero
when the roller orbital speed is zero, conversely to the formula by Rumberger and von
Karman’s, as for a static component.

For the roller length, the relationship is verified to be the same as that in the model of
one isolated circular cylinder, which is linear to the churning moment on the cylindrical
surface, as shown in Figure 3.30. Besides, it doesn’t change the moment acting on the
cylinder end obviously. For the effect of the radius of the roller to its churning moments,
the relationship obtained in the first configuration is proved to be suitable for the model
with several in-line circular cylinders, as shown in Figure 3.31.

While for the fluid properties, including the fluid density and viscosity, their relation-
ships with the churning moments are illustrated in Figs. 3.32 and 3.33. Respectively, the
churning moment on the rollers is linear to the fluid density and exponential to the fluid
viscosity.

To sum up, the formula suitable for churning moments prediction in rolling bearings
could be proposed. For the churning moment on the cylindrical surface,

Mc = Mc0 +Mcs (3.11)

Mc0 = τAcr (3.12)

Mcs =CcsρV ωAcr2µ0.818,Ccs = 30.745 (3.13)

And the formula of churning moment on the roller end should be

Me = Me0 +Mes (3.14)
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Churning moments in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.28: Churning moment as a function of the roller orbital speed (Configuration 2)
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3. Drag coefficient and churning moment in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.29: Churning moment as a function of the roller rotational speed (Configuration
2)
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Churning moments in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.30: Churning moment as a function of the roller length (Configuration 2)
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3. Drag coefficient and churning moment in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.31: Churning moment as a function of the roller radius (Configuration 2)
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Churning moments in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.32: Churning moment as a function of the fluid density (Configuration 2)
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3. Drag coefficient and churning moment in roller bearings

(a) Cylindrical surface

(b) Roller end

Figure 3.33: Churning moment as a function of the fluid viscosity (Configuration 2)
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Conclusion

Me0 =
1
2

Ce0ρω
2r5 (3.15)

Mes =CesρV ωAer2µ0.603,Ces = 4.174 (3.16)

It could be found that, in both configurations with different roller arrangements, the
influence of the running conditions and the fluid properties, are the same, except the index
number of the fluid viscosity. It indirectly demonstrates that appropriate simplification to
the rolling bearing geometry structure does not affect the accuracy of the numerical model
considerably.

3.4 Conclusion

Appropriate lubricant supply for roller bearing in high speed rotating machinery is essen-
tial for its efficient and reliable operation. While interaction between roller elements and
lubricant oil in bearing cavity is empirical and uncertain so far, which could change the
bearing’s behavior obviously.

In this chapter, the numerical simulation method developped in Chapter 2 is employed
to figure out drag force and churning moments acting on circular cylinder in high speed
roller bearings. For the drag coefficient, first the configuration with one isolated rotating
circular cylinder is analyzed to check the influence of the roller rotating by its own axis.
And the relationship of drag coefficient varying with Reynolds number suitable for the
circular cylinder of 1 < L/D < 6 in open space is obtained. Then the flow field is sand-
wiched by two flat walls to represent a simplified arrangement of roller bearings, with
several in-line cylinders. The flow passing the cylindrical surface is blocked, while the
inflow is restricted by the sharp ends and the presentation of other cylinders in the vortex
formation region, with local vortices limited in the gap between two adjacent cylinders.
As a consequence, pressure distribution around the cylindrical surface is evened and drag
coefficient is decreased to a low level. And the drag coefficient more suitable for drag
force calculation in roller bearings is finally obtained.

For the churning moments analyzing, the configuration with one isolated circular
cylinder is analyzed as well, to illustrate the influence of the roller orbiting motion, which
is ignored in previous empirical formulas. It is found that the roller orbital speed is a re-
markable element that has to be considered since it affects linearly the churning moments
on the roller surface. After that, the configuration with several in-line rotating cylinders
sandwiched between two flat walls is studied. Based on a series of CFD simulations,
the effects of different factors, including the roller geometrical parameters, the running
conditions and the fluid properties, are quantified in view of the application in rolling
bearings. In the end, two individual formulations are proposed for evaluating churning
moment components on the roller cylindrical surface and two circular ends, respectively.

However, it should be noted that this simulation is done in an one-phase environment,
with equivalent fluid property. And the cage is ignored in the calculation either. As a
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3. Drag coefficient and churning moment in roller bearings

result, the oil volume fraction inside the bearing cavity should be studied, which will be
the main work in Chapter 4.

Besides, our ongoing and coming work on this topic focuses on investigating the flow
in cylindrical roller bearings with other numerical methods, and taking the influnce of the
cage into account. Additionally, an experimental equipment is needed for the validation
of the numerical-based formulation.
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Chapter 4

Two-phase flow in bearing cavity

In this chapter the coupled level-set volume of fluid method is
conducted to reveal oil/air two-phase flow inside the bearing

cavity, for the quantification of oil volume fraction in different
operating conditions.
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Introduction

4.1 Introduction

High speed roller bearing is commonly used as an important component in aircraft turbine
engine, which needs lubricant oil to ensure its steady running and capability. Sufficient oil
flow rate into the bearing is essential with an increasingly severe operating environment,
to achieve sufficient lubricating and desired temperatures [GLO 11]. Larger amounts of
oil flow can definitely enhance the heat dissipation. However, it leads to larger capacity
pumps and higher power consumption of the engine. Further, larger oil feeding may in-
crease excessive parasitic losses when rolling elements translate and rotate into the fluid
environment [FLO 05]. These put increasing demands on deep understanding of oil be-
havior inside the bearing cavity, to optimize its lubricating and cooling method design.

Besides, in previous chapters, the interaction between the fluid and roller elements
have been studied. Whereas there is an important assumption used in the investigation
that the bearing element is completely flooded in a uniform fluid. The truth is that high
speed roller bearings never are completely flooded with lubricant, and seldom are more
than 15 to 20 percent full of oil within the bearing for very high speed operation [ADE 14].
Motion of the many moving parts within the bearing, in particular the pumping action of
the rollers, will tend to induce an air oil mixture within the bearing cavity.

In view of that, it becomes necessary to quantify the oil/air volume ratio when com-
paring the mixture to an one-phase fluid [WU 17]. The equivalent fluid properties are
taken as those in roller drag and churning effect calculations [NIC 17]. That’s to say, it is
of importance to select an appropriate oil volume fraction in the bearing cavity since heat
generation and bearing temperatures are dependent on this factor [CAV 05]. Therefore, a
detailed investigation of the oil/air two-phase flow inside the bearing cavity is important
and valable.

For two-phase flow investigation in bearing chamber or gearbox, the Volume of Fluid
(VOF) method is widely used, which has been validated to be reliable and reasonable by
a series of experiments [MAR 11][SEE 09]. The basic theory of the VOF model has been
introduced in Chapter 1. Due to the high speed rotating and strong impact between the
oil injection and bearing components, it is difficult to catch the oil/air interface. In view
of this, an improved Coupled-Level-Set VOF model (CLS-VOF) is employed to study the
oil-air two phase flow inside the bearing cavity [MÉN 07].

In this chapter, a numerical method is employed to investigate the oil/air two-phase
flow behavior inside the high speed roller bearing with under-race lubrication, which is
relatively unknown with somewhat scant attention. A detailed discussion of the oil dis-
tribution along the bearing circumference is proposed with different lubricating schemes
and operating conditions. Particularly bearing components rotational speeds are studied
separately to verify their effects. The results can be used for the precise lubrication design
to optimate the oil volume fraction inside the bearing.
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4. Two-phase flow in bearing cavity

Tableau 4.1: Roller bearing specifications with under-race lubrication

Pitch diameter(mm) 48.5
Bearing width (mm) 14

Number of rollers 16
Roller diameter(mm) 7.14
Roller length(mm) 10

4.2 Numerical model

4.2.1 Problem definiation and computational domain

For the under-race lubrication, the lubriant oil is supplied into the bearing cavity through
the inner race apertures by centrifugal force and high pressure. The aperture, or named the
nozzle in this work, is aimed vertically at the inner raceway surface and rotates along with
the inner ring. The rollers rotate by its own axis and orbit along the circumference runway
with the cage. Previous studies show that the oil volume fraction inside the bearing cavity
after the bearing reaches thermal and dynamical equilibrium is a function of the bearing
speed, oil property, and oil volume flow rate [YAN 16a]. In some cases, like the intershaft
supporting bearing, the outer ring rotates together with the inner ring. This also exerts an
impact on the oil distribution. After lubricating and cooling the bearing components, the
oil removes into the bearing chambers on both sides of the bearing.

To simulate the oil/air two-phase flow inside the roller bearing with under-race lubri-
cation, a simplified configuration is built, with 16 cylindrical cylinders as the rollers, two
hollow rings as the inner and outer rings, and the cage. One nozzle is set to replace the
aperures in the inner race for oil supplying. A schematic diagram of the cylindrical roller
bearing with under-race lubrication is shown in Figure 4.2. The fluid domain contains
the flow field inside the bearing cavity and the oil-inlet nozzle. The flow field hollows all
rollers and the cage between the inner and outer runways. To deal with the contact fea-
ture between rollers and raceway in practical conditions [ADE 15], there is a gap of 1/20
of roller radius between rollers and two rings in the simulation configuration. This gap
is empirical but enough for the improvement of mesh quality. As a result, the pumping
action of the rollers in the roller-raceway contact can’t be revealed [GUH 93].

In the numerical investigation, the bearing chambers on both sides of the bearing is
ignored and the bearing geometrical edge is taken as the flow field boundary, which is
however unreasonable [ZHA 14]. The oil/air flow inside the bearing cavity is undoubt-
edly affected by that in the bearing chamber which plays a role of boundary condition.
Nevertheless, the flow inside the bearing chamber is too complicated to be simulated
together, with complicated oil droplet/oil film/wall/scavenge system/sealing air mixting
interaction [LIU 13, HU 13, ZHO 14]. Thus here the flow space inside the bearing is
assumed to be directly open to the ambient air.
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Numerical model

Figure 4.1: Cylindrical roller bear-
ing structure

Figure 4.2: Configuration of the bearing with
under-race lubrication

4.2.2 Meshes and boundary conditions

The cylindrical roller bearing specification used in the numerical investigation is listed in
Table 4.1. The flow field inside the bearing is discretized with unstructured tetrahedral
mesh in view of its complicated construction. And the nozzle is discretized with structure
hexahedral mesh. The mesh density is designed following the research purpose. The total
number of the combinition element is about 472,737, with about 108,514 nodes, as shown
in Figure 4.3. The mesh is built with ANSYS-ICEM.

In the contact regions, the gap between the raceway and rollers is enlarged to avoid
mesh distortion. And there is a minimum of 3 elements between the gap at 10 levels of
refinement and average y+ (the dimensionless wall distance) in the range 7 < y+ < 21 on
the walls. A grid independence test of the numerical solutions has been made primarily,
to ensure the validity of the numerical results, which shows slight change to the results.

The nozzle in the inner ring is set as the only velocity inlet of the entire computation
domain and the velocity value is determined by different operations. Both end faces of
the outlet flow field are specified as the pressure outlet. The reference pressure is the
standard atmospheric pressure. Considering the relative rotational motion between the
flow field inside the bearing and the flow area of the nozzle, interferences are formed
between them to complete the data transfer. The standard wall function is adopted for
near wall treatment and no-slip boundary condition is adopted at the wall.
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4. Two-phase flow in bearing cavity

Figure 4.3: Computational mesh structure and boundary condition

4.2.3 The CLS-VOF model and governing equations

The analysis of the whole flow passage inside the roller bearing with under-race lubri-
cation involves the air and oil two-phase flow. To track the air-oil two-phase flow, the
coupled level-set volume of fluid (CLS-VOF) for multiphase flow is used [MÉN 07]. The
level-set method is a popular interface-tracking method for computing two-phase flows
with topo-logically complex interfaces [OSH 01]. This is similar to the interface track-
ing method of the VOF model. In the level-set method, the interface is captured and
tracked by the level-set function [TOR 00], defined as a signed distance from the inter-
face. Because the level-set function is smooth and continuous, its spatial gradients can be
accurately calculated. This in turn will produce accurate estimates of interface curvature
and surface tension force caused by the curvature. However, the level-set method is found
to have a deficiency in preserving volume conservation.

On the other hand, the VOF method is naturally volume conserved, as it computes
and tracks the volume fraction of a particular phase in each cell rather than the interface
itself [PRO 09]. The weakness of the VOF method lies in the calculation of its spatial
derivatives, since the VOF function (the volume fraction of a particular phase) is discon-
tinuous across the interface. To overcome the deficiencies of the level-set method and
the VOF method, a coupled level-set and VOF approach (CLSVOF) is advised, to take
advantage of the mass conservation of the VOF method and the sharp interface capturing
of LS method [YAN 06]. Although two separate fields are defined, the VOF advection
equation is solved instead of both the VOF and LS equations as required in the standard
CLS-VOF method.
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Numerical model

In the level set method, a smooth level-set function ϕ is defined as a signed distance to
the interface. Accordingly, the interface is the zero level-set, ϕ(x, t) and can be expressed
as Γ = {x | ϕ(x, t) = 0} in a two-phase flow system:

ϕ(x, t) =


+ |d| i f x ∈ theprimaryphase

0 i f x ∈ Γ

−|d| i f x ∈ thesecondaryphase
(4.1)

Where d is the distance from the interface. In the roller bearing, the primary phase
means the air and the secondary phase is the injected lubricant oil.

The evolution of the level-set function can be given in a similar fashion as to the VOF
model:

∂ϕ

∂t
+∇ · (~uϕ) = 0 (4.2)

where~u is the underlying velocity field.
And the momentum equation can be written as

∂(ρ~u)
∂t

+∇ · (ρ~u~u) =−∇p+∇ ·µ[∇~u+(∇~u)T ]− ~Fs f +ρ~g (4.3)

In the Eq.4.3, ~Fs f is the force arising from surface tension effects given by:

~Fs f = σkδ(ϕ)~n (4.4)

where: σ = sur f acetensioncoe f f icient k = localmeaninter f acecurvature ~n =
localinter f acenormal

and

δ(ϕ) =

{
0 |ϕ| ≥ α

1+cos(πϕ/α)
2α

|ϕ|< α
(4.5)

where α = 1.5h is the thickness of the interface and h is the grid spacing.
In some cases, applying the default surface tension force as written in Equation 4.4

can lead to spurious currents appearing in the solution [SUS 98]. To mitigate these effects,
Fluent offers two weighting functions that redistribute the surface tension force towards
the heavier phase in the interface cells.

In the density correction formulation, Equation 4.4 is modified by introducing a den-
sity ratio:

~Fs f =
ρ

0.5(ρ1 +ρ2)
σkδ(ϕ)~n (4.6)

where ρ is the volume-based density.
The normal and curvature of the interface, which is needed in the computation of the

surface tension force, can be estimated as
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4. Two-phase flow in bearing cavity

~n =
∇ϕ

|∇ϕ|
|ϕ=0 (4.7)

k = ∇ · ∇ϕ

|∇ϕ|
|ϕ=0 (4.8)

By nature of the transport equation of the level-set function equation, it is unlikely that
the distance constraint of |∇ϕ|= 1 is maintained after its solution. The reasons for the lack
of maintenance is due to the deformation of the interface, uneven profile, and thickness
across the interface. Those errors will accumulate during the iteration process and cause
large errors in mass and momentum solutions. A re-initialization process is therefore
required for each time step. The geometrical interface-front construction method is used
here. The geometrical method involves a simple concept and is reliable in producing
accurate geometrical data for the interface front. The values of the VOF and the level-set
function are both used to reconstruct the interface-front [XU 14]. Namely, the VOF model
provides the size of the cut in the cell where the likely interface passes through, and the
gradient of the level-set function determines the direction of the interface.

In this work, the coupled level-set volume of fluid method (CLS-VOF) is used for
representing the free surface of the oil-air two phase flow inside the roller bearing cav-
ity [YAG 16]. In this method the VOF method is used to capture interfaces, which can
conserve the mass and overcome the disadvantage of nonconservation of mass in level-set
method. By using the level-set function ϕ the disadvantages of VOF method, inaccuracy
of curvature and bad smoothness of discontinuous physical quantities near interfaces, can
be overcome. The performance of the CLS-VOF method has been evaluated by compar-
ing with the available numerical and experimental results, and good agreement is obtained
[ADE 14]. The CLS-VOF approach has been proven to have a very good potential and
to be suitable for sharp interface simulation in roller bearing cavity and represent its oil
distribution.

4.2.4 Fluid properties
The lubricant oil used here is respected to the MIL-L-23699 type lubricant oil with a
popular trade name Mobile Jet 2, and the air is regarded as ideal at atmospheric pres-
sure. Respectively, the lubricant oil density is 976 kg/m3 while the air density is 1.225
kg/m3. The viscosity of the oil and air are respectively 0.018 kg/(m.− s) and 1.7894
×10−5kg/(m.− s). The surface tension coefficient is taken as 0.43. During the calcu-
lations, the oil density is set as constant. With different operating conditions, the oil
viscosity is varied to evaluate its effect.

4.2.5 Numerical Methods
The rotation of the inner and outer rings drives the rolling elements and the cage. After
entering into the bearing, the lubricant oil is motivated by the orbiting rolling elements
and the cage. The rotational speed of the cage is given as
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Calculation results

ωc =
1
2

ωi(dm−dr)/2+ωo(dm +dr)/2
dm/2

(4.9)

where ωc is the rotational speed of the cage, rpm; ωi and ωo are the rotational speed
of the inner and outer rings respectively, rpm; dr is the cylinder diameter and dm is the
pitch diameter of the bearing, m.

The CFD codes ANSYS Fluent is proposed to implement the complicated two-phase
flow simulations. The finite volume method is used to discretely solve the governing equa-
tion. The central difference scheme is adopted for the diffusion and pressure terms of the
momentum equation. The second-order upwind difference was adopted for the convec-
tion terms. The pressure was adopted for the PRESTO! (PREssure STaggering Option)
format. The semi-implicit method for pressure-linked equations-consistent (SIMPLEC)
method is adopted for the coupling solution of pressure and velocity.

To model the effect of turbulence in a high-speed rotating condition, the k− e renor-
malization group (RNG) turbulence model is employed in this study. The RNG k− e
model considers the influence of high strain rate, large curvature overflowing and other
factors, which can improve the accuracy under rotational flow [XIA 12].

The explicit CLSVOF formulation with transient time-stepping is used with the Global
Courant number kept to less than 0.8 every time step. During the calculations, the con-
vergence of the governing equations is detected by the residuals and the flux conservation
of boundaries. The convergence criterion of residual of each velocity component and the
volume of fluid function is set to be 10−5, while the convergence criterion of residual of
the turbulent kinetic energy and the turbulent kinetic energy dissipation rate is set to be
10−4. In addition, the conservation of mass flow rate of inlet and outlet is monitored.
When the net mass flow rate between the inlet and outlet decreases to one percent of the
inlet flow rate, the calculation is considered to catch the convergence. The simulation
results will be presented in detail.

4.3 Calculation results

4.3.1 Nonuniform oil/air distribution

The simulated flow pattern in bearing cavity at different flow time is shown in Figure 4.4.
The bearing rotates counter-clockwise and the inner ring rotational speed is 5000 rpm.
The jet flow rate is about 2.1 L/min, with the nozzle diameter 1.5 mm and the jet velocity
20 m/s. It can been seen that with the calculation time, the oil-phase in bearing cavity
increases gradually and occupies the whole circumference. The average oil volume frac-
tion reaches a steady value finally. The nozzle circumferential position changes together
with the inner ring’s rotating. The oil distribution along the circumference of the bearing
is nonuniform. The oil volume fraction gradully increases along the bearing rotating di-
rection. And it reaches the peak in the position quite close to the nozzle. It is because that
most of the lubricant oil flows along the circumferential direction due to the rotating of
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4. Two-phase flow in bearing cavity

the inner ring and the agitation of the rolling elements and cage. The lubricant oil leaves
the bearing from the end surface. Besides, more oil is thrown to the outer ring, not only
because of the centrifugal force, but also the injecting kinetic energy [YAN 16b].

(a) flow time = 0.006s (b) flow time = 0.012s (c) flow time = 0.018s

(d) flow time = 0.024s (e) flow time = 0.030s (f) flow time = 0.036s

Figure 4.4: Oil distribution evolution inside the bearing cavity with flow time

The photographs of the flow pattern inside the bearng cavity at different rotational
speeds (inner ring rotating) are shown in Figure 4.5. The inner ring rotating speeds are
5000 rpm, 10000 rpm, 20000 rpm and 40000 rpm, respectively. The injection velocity
is 20m/s and the diameter of the inlet is 1.5mm, with a total oil volume flow rate of 2.1
L/min. It seems that the outer ring race is covered with oil phase at 5000 rpm and the
bearing is poor-lubricated for the case at 40000 rpm, with most rollers naked in the air
phase.

Figure 4.6 illustrates oil distribution along the circular of the bearing cavity at different
inner ring rotational speeds. It could be summarized that, with the increasing of the inner
ring rotating speed, oil volume fraction in bearing decreases and its distribution along
the circumference is getting uniform. The influence of bearing rotating speed will be
discussed carefully later.

4.3.2 Parameters effects to oil volume fraction

It is important to select an appropriate volume fraction of lubricant oil in the bearing cav-
ity, since heat generation and bearing temperatures are dependent on this factor [YAN 17].
In general, a higher level of oil volume fraction inside the bearing cavity has an adverse ef-
fect on the windage drag and churning losses, while it is beneficial for the heat diffusion.
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Calculation results

(a) 5000 rpm (b) 10000 rpm

(c) 20000 rpm (d) 40000 rpm

Figure 4.5: Oil volume fraction contours in the center cross-section with different rota-
tional speeds

So that a balance between these two performance should be catched in the lubrication
system design.

Thus, a reasonable estimate of the actual lubricant oil flow rate through the bearing
cavity must be made, to improve the prediction performance. In this section, different
parameters are tested numerically to quantify their effects to the oil volume fraction inside
the bearing cavity. It is expected primarily that oil volume fraction varies with the oil flow
rate, rotational speed, the nozzle design, and the oil property.

4.3.2.1 The effect of the roller rotating by its own axis

In roller bearings, each roller element tranfers along with the cage and rotates by its own
axis. It should be noted here that in the numerical investigation, the rotating of the roller
by its own axis is ignored. Its effect is tested by another configuration, as shown in Figure
4.7. The oil is injected to a straight box with seven in-line cylinders through a moving
nozzle, which represents a simplified approach. The average density of the fluid in the
box is monitored during the calculation with different cylinder rotating speeds. The oil
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4. Two-phase flow in bearing cavity

Figure 4.6: Oil volume fraction distributions around the circumference with different
inner-ring rotational speeds

property is set as 931 kg/m3, 0.00486 kg/m-s and the nozzle moving speed is 10m/s, with
a 20m/s injection velocity. As shown in Figure 4.8, it seems that the roller rotating by
its own axis slightly changes the average oil volume fraction in the cavity. So that the
treatment in the bearing model is somewhat acceptable.

4.3.2.2 Oil volume flow rate

There are two ways to change the oil volume flow rate with one single inlet nozzle, to
change the oil inlet velocity or to change the inlet nozzle diameter. Figure 4.9 and 4.10
pressent the oil volume fraction as a function of the oil volume flow rate or the oil injection
velocity with different nozzle diameters. The bearing rotating speed is 5000 rpm. From

Figure 4.7: Simulation model for roller
rotating validation

Figure 4.8: Average fluid density as a
function of roller rotating speed
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Calculation results

zero, oil volume fraction increases with the increasing of oil inlet velocity. After reaching
the peak value, it decreases with the further increasing of oil inlet velocity. This could be
explained that, at the first stage, the changing of oil inlet velocity changes the oil volume
flow rate, which is the dominant element. The oil phase occupies larger region inside
the bearing with the increasing of the oil flow rate. The effect of the impact between the
injected oil and roller elements is not obvious.

Whereas, after that, the effect of further increasing oil flow rate drops and the oil inlet
velocity is becoming the dominant element, which leads to strong fluid-structure impact.
The maximum value of oil volume fraction reaches at the oil inlet velocity about 10 m/s
for the under-race lubrication. At a lower inlet velocity, the oil is hard to enter the bearing
cavity because of the hinder of the rolling elements. At a higher inlet velocity, the oil is
fired straight to strick with the roller elements and flow outside the bearing cavity. Hence,
the oil inlet velocity needs to be optimised in the design of the bearing lubrication devices.

With different combination of oil inlet velocity and nozzle diameter, the same oil
volume flow rate could be obtained. Figure 4.11 shows oil volume fraction distributions
around the circumference with the same oil volume flow rate. The bearing rotating speed
is 5000 rpm.

With a higher inlet nozzle diameter, or a lower inlet velocity, a higher oil volume
fraction level could be obtained, and the oil distribution are more uniform, as shown in
Figure 4.12.

4.3.2.3 The oil inlet velocity

Figure 4.13 shows oil distribution around the circumference with different oil inlet veloc-
ity. The nozzle diameter is 1.5mm and the bearing rotating speed is 5000 rpm. Figure 4.14
shows turbulence kinetic energy distribution in bearing cavity, which demonstrates that
the impact between the injected oil and rolling elements interactes strong at a higher inlet
velocity. A higher oil inlet velocity could lead to a higher oil volume flow rate, while at
the same time, the impact between the roller and injected oil is heightened. As mentioned
above, there is an optimum oil inlet velocity for maximizing oil volume fraction, so that
the best way to change the oil volume fraction is to change the nozzle diameter or nozzle
number.

From Figure 4.10, it seems that for different nozzle diameters, their optimum inlet
velocity to catch the maximum oil volume fraction is similar, close to the value of 10m/s.
But if we want a lower oil retention in bearing cavity with sufficient lubrication, the inlet
velocity 20m/s may be better.

4.3.2.4 Oil inlet diameter

For the same oil inlet velocity with different inlet nozzle diameters, a bigger diameter
leads to a higher oil volume fraction in bearing cavity with the same oil-roller impacting
intension. The distribution around the circumference becomes more uniform, as shown in
Figure 4.15. The oil inlet velocity is 10 m/s and the roller rotating speed is 5000 rpm.
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4. Two-phase flow in bearing cavity

Figure 4.9: Oil volume fraction as a function of oil volume flow rate

Figure 4.10: Oil volume fraction as a function of oil inlet vecocity
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Calculation results

Figure 4.11: Oil volume fraction distributions with different oil inlet conditions

(a) Nozzle diameter = 1.06
mm, Inlet velocity = 30 m/s

(b) Nozzle diameter = 1.5 mm,
Inlet velocity = 15 m/s

(c) Nozzle diameter = 1.84
mm, Inlet velocity = 10 m/s

Figure 4.12: Oil volume fraction contours with different oil inlet conditions

95

Cette thèse est accessible à l'adresse : http://theses.insa-lyon.fr/publication/2018LYSEI048/these.pdf 
© [W. Gao], [2018], INSA Lyon, tous droits réservés 



4. Two-phase flow in bearing cavity

Figure 4.13: Oil volume fraction distributions with different oil inlet velocity

(a) Inlet velocity = 5 m/s (b) Inlet velocity = 10 m/s (c) Inlet velocity = 20 m/s

Figure 4.14: Turbulence kinetic energy distributions with different oil inlet velocity
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Calculation results

Figure 4.15: Oil volume fraction distributions with different oil inlet diameters

(a) Nozzle diameter = 1.06 mm (b) Nozzle diameter = 1.50 mm (c) Nozzle diameter = 1.84 mm

Figure 4.16: Oil volume fraction distributions around the rollers with different nozzle
diameters
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4. Two-phase flow in bearing cavity

Figure 4.17: Oil volume fraction as a function of oil inlet diameter

Figure 4.18: Oil volume fraction distri-
bution with different oil viscosities

Figure 4.19: Oil volume fraction as a
function of oil viscosity

As shown in Figure 4.17, the oil volume fraction inside the bearing cavity is propor-
tional to the oil inlet diameter or the oil volume flow rate at the same inlet velocity.

4.3.2.5 Oil viscosity

In Parker’ formula [PAR 84], all the tests and analysis were performed using MIL-L-
23699 type lubricants, and it could not be used with lubricants whose properties vary
significantly from MIL-L-23699.

The fluid viscosity is one of the most important properties for lubricant to determine its
lubrication performance. It varies obviously with the lubricant type and the temperature,
so that the effect of oil viscosity is studied numerically here.

It is illustrated in Figure 4.18 that the air/oil distribution becomes more uniform with a
higher oil viscosity and the average oil volume fraction inside the bearing cavity is about

98

Cette thèse est accessible à l'adresse : http://theses.insa-lyon.fr/publication/2018LYSEI048/these.pdf 
© [W. Gao], [2018], INSA Lyon, tous droits réservés 



Calculation results

Figure 4.20: Oil volume fraction as a
function of the bearing rotational speed

Figure 4.21: Oil volume fraction as a
function of inner ring rotational speed

linear to the oil viscosity value (as shown in Figure 4.19).

4.3.2.6 Bearing rotational speed

Bearing rotational speed could be regarded as one of the most important parameters that
change the oil volume fraction in bearing cavity. At the beginning, for the bearing with
only the inner ring rotating, it has been mentioned that the oil volume fraction becomes
lower when the bearing rotational speed increases. The oil distribution inside the bearing
tends to be uniform. But the interaction between the air/oil flow and the bearing compo-
nents becomes stronger with a higher inner ring rotating speed. In additon, it results in
the increase of the flow velocity of the air/oil phase in the bearing [HU 14].

For the bearing with inner and outer rings rotating together, the rotation of the inner
ring, the cage, and the outer ring, could change the oil volume fraction together at the
same time 4.20. To highlight their individual effect, here these rotational parameters are
studied separately. It should be noted that here the relationship different rotational speeds
of different components may not follow their relationship in a real bearing.

Inner ring rotational speed
Figure 4.21 presents the simulated oil volume fraction with different inner ring rota-

tional speed, with the same cage rotational speed (2132 rpm) and the fixed outer ring. The
oil inlet diameter is 1.5 mm and oil injection velocity is 20 m/s. It can be seen that the oil
phase occupies smaller region inside the bearing with higher inner ring rotational speed.
This can be explained that with a higher inner ring rotational speed, the relative rotational
speed between the under-race nozzle and the cage is increased and the interaction between
the injected oil and the rolling elements becomes stronger. It seems that the average oil
volume fraction is linear to the inner ring rotational speed.

Outer ring rotational speed
For inter-shaft supporting roller bearings, the outer ring rotates together with the inner

ring, which may change the air/oil distribution inside the bearing cavity.
Figure 4.22 illustrates the calculated oil volume fraction with different outer ring ro-

tational speed. In the simulation, the under-race oil nozzle rotates with the inner ring at
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4. Two-phase flow in bearing cavity

Figure 4.22: Oil volume fraction as a
function of outer ring rotational speed

Figure 4.23: Oil volume fraction as a
function of the cage rotational speed

a speed of 5000 rpm, and the cage rotational speed is fixed to 2132 rpm. The oil inlet
diameter is 1.5 mm and oil injection velocity is 20 m/s. It could be found that the oil
volume fraction decreases gradually with the increasing of the outer ring rotational speed.
Since the rotational speed of the inner ring and the cage is constant, the changing could
only be caused by the outer ring rotating. It could contribute to the exhausting of the oil
phase that gathers near the outer ring, and leads to a linear decrease of the average oil
volume fraction inside the bearing cavity.

Cage rotational speed
Except the inner and outer rings, the cage rotating may affect the oil distribution inside

the bearing. Figure 4.23 presents the relationship between the oil volume fraction and the
cage rotational speed. The inner ring rotational speed is fixed to 5000 rpm, with the inlet
nozzle diameter 1.5 mm and oil inlet velocity 20 m/s. We know that the relative rotational
speed between the inner ring and the cage determines the interaction between the oil and
the rollers. But here the relative speed decreases at first to zero and then increases with
the increasing of the cage speed. During this process, the oil volume fraction decreases
continuously. This is because that the oil flows along the circumferential direction due
to the agitation of the rolling elements. With a higher cage rotational speed, the oil flow
velocity increases and it’s easier for the oil to leave the bearing cavity. Additionally, the
increasing centrifugal force contributes to this behavior, as well.

Inner ring-cage relative rotational speed
Compared with the rotational speed of the inner ring or the cage, the effect of the inner

ring-cage relative rotational speed is a little confusing. For under-race lubrication, the
relative rotational speed is beneficial for sharing the oil phase to the whole circumference
of the bearing cavity. As shown in Figure 4.25, one calculation condition is that the inner
and outer rings rotate together at the same rotational speed 5000 rpm so that the cage
rotational speed is 5000 rpm and the relative inner ring-cage speed is zero. The other
condition is that the inner ring rotates at the speed of 5000 rpm and the cage 2132 rpm.
It could be found that without the relative speed, the oil gathers mainly near the region
close to the nozzle and the other part of the bearing is poor-lubricated (Figure 4.26).

Figure 4.24 presents the calculated oil volume fraction inside the bearing cavity with
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Calculation results

Figure 4.24: Oil volume fraction as a function of inner ring-cage relative speed

different inner ring-cage relative rotational speed. Here the outer ring is fixed. The oil
volume fraction increases when the relative rotational speed increases from zero to about
2000 rpm. With the further increase of the relative speed, the oil volume fraction de-
creases. There is a special relative rotational speed value that can achieve a highest aver-
age oil volume fraction. This can be explained that at a small relative speed, the oil is hard
to distribute to the whole circumference of the bearing cavity because of the blocking of
the rollers near the nozzle. On the other hand, at a very high relative rotational speed, the
interaction between the injected oil and the rolling elements is strong. The flow velocity
of the oil phase is also high, being easier to leave the bearing cavity.

4.3.2.7 Number of nozzles

Figure 4.18 compares oil distribution between the single-nozzle inlet and dual-nozzle
inlets, with the same oil volume flow rate and oil inlet velocity. The oil inlet velocity
is 20 m/s and the bearing rotational speed is 5000 rpm. The oil volume flow rate is 2.1
L/min. The air/oil distribution becomes more homogeneous under the dual-nozzle inlets.
The lowest volume fraction of the oil phase under both the single-nozzle inlet and the
dual-nozzle inlets appears in the upstream side near the nozzle. Further, the average oil
volume fraction is higher with the dual-nozzle inlets.

4.3.2.8 Injection deflection

Figure 4.29 illustrates oil volume fraction versus calculation time with different inlet noz-
zle deflection angle. The positive value means the injection direction is natural to the
bearing rotating direction (only inner ring rotating), while the negative value means it’s
inverted (Figure 4.30). In the numerical simulation, the oil inlet velocity is 20 m/s. The
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4. Two-phase flow in bearing cavity

Figure 4.25: Oil volume fraction distri-
bution with different relative rotational

speeds

Figure 4.26: Oil volume fraction dis-
tribution with a zero relative rotational

speed

Figure 4.27: Comparison of oil volume
distribution with different inlet nozzle

number

Figure 4.28: Oil volume fraction distri-
bution with dual-nozzle inlets
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Comparion with existing hydraulic loss models

Figure 4.29: Oil volume fraction distributions with different oil inlet deflection angle

inner ring rotational speed is 5000 rpm and the cage rotational speed is 2132 m/s, with
the relative speed of 2868 rpm. The deflection of the inlet nozzle decreases the relative
vertical speed between the injected oil and the rollers, changing their relative tangential
speed. The former has the similar effect with the changing oil inlet velocity while the
latter has the same function as the inner ring-cage relative rotational speed, as shown in
Figure 4.31.

With the conclusion for the oil inlet velocity, the decreasing of relative vertical speed
could increase the oil volume fraction in the inlet velocity range around 20 m/s, which
is corresponding with the results illustrated in Figure 4.29. For the natural deflection,
the relative tangential speed increases (roller orbiting speed minus tangential component
of oil inlet velocity), it is adverse to the increasing of oil volume fraction. While for
the reverse deflection, the relative tangential speed is minused, increasing the oil volume
fraction. It is in agreement with the conclusion about the relative rotational speed in the
range bigger than 2000 rpm.

4.4 Comparion with existing hydraulic loss models

With all these numerical-based formulas in hand, total hydraulic losses of roller bearing,
including the drag loss and the churning loss, could be predicted, and the results are
compared with three existing hydraulic losses prediction models to verify its capability,
e.g. Palmgren model, SKF model, and Parker model. Despite the existing hydraulic loss
predicting models are empirical and the windage drag losses and churning losses are not
distinguished, they are reliable and reasonable in view of its origining from a series of
experimental tests.
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4. Two-phase flow in bearing cavity

(a) Natural deflection (b) Vertical direction (c) Inverted deflection

Figure 4.30: Configurations with different oil nozzle deflection direction

(b) Natural deflection (c) Vertical direction (d) Inverted deflection

Figure 4.31: Turbulence kinetic energy distribution with different inlet nozzle deflection

4.4.1 Existing hydraulic losses prediction models

There have already been quite a few investigations of bearing friction torque. Palmgren
presented a bearing model of friction torque and divided it into load-independent torque
and load-dependent torque. SKF presented their model of bearing power loss by experi-
mental fitting and gave some recommended values for the parameters in their equations.
These models come from plenty of experimental studies and the results have been reduced
to a simple model, in which the hydraulic losses or load-independent losses are accounted
as a seperated part.

Palmgren model
According to Palmgren, the bearing friction torque is divided into two parts which

are load-independent friction torque and load-dependent friction torque. After converting
the units of load-independent friction torque from kg/mm to N/m, the equation of load-
independent friction torque of the bearing when lubricated by oil is shown in Equation
4.10.
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Comparion with existing hydraulic loss models

 M0 = 1.5572×10−6 f0 pd3
m i f ηω

p < 2×10−6

M0 = 9.81×10−3 f0 pd3
m(

ηω

p )
2
3 i f ηω

p ≥ 2×10−6 (4.10)

Then the method of Palmgren was used by Harris but the values of parameters were
updated. {

Mv = 10−10 f0(v0n)
2
3 d3

m v0n≥ 2000
Mv = 160×10−10 f0d3

m v0n < 2000
(4.11)

Where v0 is the kinematic viscosity, cSt; n is the bearing rotating speed, rpm; dm is
the pitch diameter of the bearing, mm; f0 is the factor depending on bearing design and
lubricating method in Palmgren model (for cylindrical roller bearing = 2 – 3) and Harris
model (for cylindrical roller bearing = 2.2 – 4).

SKF model
According to SKF, the friction torque of bearings can be divided into four parts. Load-

independent friction torque can be divided into friction torque of seals and friction torque
of drag losses, churning, splashing etc. Load-dependent friction torque can be divided
into rolling friction torque and sliding friction torque. And the hydraulic losses (named
drag loss by SKF) could be calculated as following.

Mdrag = 4×10−3VMKrollCwBd4
mn2 +1.093×10−10n2d3

m(
nd2

m ft
ν

)−1.379Rs (4.12)

Kroll =
KLKZ(d +D)

D−d
10−12 (4.13)

Cw = 2.789×10−10l3
D−2.786×10−4l2

D +0.0195lD +0.6439 (4.14)

lD = 5
KLB
dm

(4.15)

ft =
®

sin(0.5t) when 0≤ t ≤ π

1 when π < t < 2π
(4.16)

Rs = 0.36d2
m(t− sint) fA (4.17)

t = 2cos−1(
0.6dm−H

0.6dm
) When H ≥ dm, use H = dm (4.18)

fA = 0.05
KZ(D+d)

D−d
(4.19)

Where H is the oil level for the bearing with oil bath lubrication, while for oil jet
lubrication, H is at half of the diameter of the lowest rolling element and Mdrag should be
multiplied by a factor of two.

It should be emphasized that in the two models above, the effect of the oil volume
flow rate is not considered and the bearing is regared as full-lubricated. Theoretically,
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4. Two-phase flow in bearing cavity

with more oil flow rate, the oil phase volume fraction inside the bearing cavity is higher,
with more windage drag and churning losses.

Parker model
Parker deduced an equation to calculate the oil percent volume in bearing cavity based

on a range of experimental tests. The computer program SHABERTH was used to calcu-
late the thermal performance of three selected ball bearings for the comparison [NIC 17].
The oil volume fraction was derived as a function of lubricant flow rate, shaft speed, and
bearing pitch diameter.

XCAV = 10.0×106W 0.37

nd1.7 (4.20)

Where W is the inlet oil flow, cm3/min, n is the inner shaft speed, rpm, and d is the
bearing pitch diameter, mm. Depending on the oil/air volume ratio inside the bearing cav-
ity, the effective density and viscosity of the equivalent fluid could therefore be expressed
as

ρe f f = (ρoil×oilvolume+ρair×airvolume)/totalvolume

∼= ρoil×
oilvolume

totalvolume
= ρoil×XCAV

µe f f = (µoil×oilvolume+µair×airvolume)/totalvolume

∼= µoil×
oilvolume

totalvolume
= µoil×XCAV

In the progarm SHABERTH, all hydraulic losses are named drag loss and accounted
by the model of one isolated element in an uniform fluid.

Fr =
1
2

CdρV 2A (4.21)

Where Fr is the drag force, N, ρ the mass density of the fluid, kg/m3, V the velocity at
which the body is traveling, m/s, and A the frontal area of the body to the flow direction,
m2. Here the drag coefficient Cd plays a dominant part in the drag force calculation,
as a function of the Reynolds number, both for a smooth cylinder and a smooth sphere,
as shown in Figure 4.32. Since all the analysis are performed using MIL-L-23699 type
lubricants, the Parker model should not be used with lubricants whose properties vary
significantly from MIL-L-23699.

4.4.2 Calculation results
The cylindrical roller bearing specification used for the analysis is the same as the bear-
ing employed in the oil/air two phase flow investigation. The lubricant oil used here is
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Comparion with existing hydraulic loss models

Figure 4.32: Drag coefficient of the isolated sphere and cylinder

respected to the MIL-L-23699 type lubricant oil with a popular trade name Mobile Jet 2.
Respectively, the lubricant oil density is 976 kg/m3 and the viscosity is 0.018 kg/(m.s).
The oil is supplied through the inner ring and the oil injection velocity is 20 m/s.

The three existing models (Palmgren, SKF, Parker) were built according to a series of
experimental tests for bearing with inner ring rotating, having a certain accuracy for its
specific operating conditions. For example, the SKF model is developed for bearings lu-
bricated by the oil bath method, partially submerged or, in special situations, completely
submerged. Despite the effect of oil volume flow rate is not considered, it could be as-
sumed that the bearing is full-lubricated or, excessive-lubricated.

The effect of bearing rotating speed
The bearing rotating speed has a very significant effect on the roller bearing power

loss so that drag and churning losses changing with the rotating speed are analyzed first.
Figure 4.33 illustrates the calculation results of different drag and churning losses predic-
tion models. The oil volume flow rate is set as 2000 cm3/min and the inner ring rotating
speed ranges from 2000 to 80000 rpm. It could be found that the SKF model gets the
largest predicted hydraulic losses and Palmgren model is the lowest for most inner ring
rotating speeds. This results correspond with the fact that the bearing in the SKF model
is assumed to be full-lubricated. Noting when the bearing rotating speed reaches up to
80000 rpm, the oil flow rate 2000 cm3/min is not enough for lubricating. Thus the SKF
model has the largest predicted value. In addition, the numerical model results match
well with the Parker model, which is proposed from the comparison of bearing thermal
performance over a range of test conditions. This demonstrates that the numerical model
is reliable and valuable in terms of the total drag and churning losses prediction.

If we increase the oil volume flow rate up to 3000 cm3/min, as shown in Figure 4.34,
only the results of the Parker model and numerical model could be changed, which take
this factor into account. For the bearing rotating speed from 2000 rpm to 80000 rpm, re-
sults of the SKF model, Parker model and numerical model are similar, and larger than that
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4. Two-phase flow in bearing cavity

Figure 4.33: Hydraulic losses from different models at different inner ring rotating speed
(Oil flow rate 2000 cm3/min

of the Palmgren model. In this condition, the bearing is regarded as sufficient-lubricated.
If the oil volume flow rate is increased further to 4000 cm3/min, as shown in Figure 4.35,
the bearing is over-lubricated and the result of the numerical model is obviously larger
than the other three models. It means that larger amounts of lubricant oil flow can defi-
nitely lead to larger heat generation.

The effect of the oil flow rate
Now that a large amount of oil volume flow leads to a higher power loss and too small

oil flow may cause a lubrication failure, a sufficient assessment of the lubricated bearing
is of particular importance. Figure 4.36 shows results of these four models with a fixed
bearing rotating speed 72200 rpm, as a function of the oil volume flow rate. The SKF
model and Palmgren model are constant which are regarded as full-lubricated by default.
The results of the Parker model and the numerical model are close and increase obviously
with the increase of the oil flow rate.

Based on the above analysis, it is demonstrated that the numerical model for drag
and churning losses estimation in roller bearings is reliable and reasonable. The predicted
result of the SKF model is usually a little too high while the Palmgren model is always too
low. For the Paker model, its result is close to the numerical one, but it can’t distinguish
the drag and churning effects, and it can’t be used directly for the counter-rotating roller
bearing with under-race lubrication.

As shown in the Figure 4.37, the total hydraulic losses, caused by the roller rotating
and translating in the fluid environment, are contributed by three parts, drag loss, churning
loss on the cylindrical surface, and churning loss on the free end. The churning loss on
the cylindrical surface takes the most proportion of the total hydraulic losses and the other
two parts only take a small percentage. This is disagreed with the previous research which
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Comparion with existing hydraulic loss models

Figure 4.34: Hydraulic losses from different models at different inner ring rotating speed
(Oil flow rate 3000 cm3/min)

Figure 4.35: Hydraulic losses from different models at different inner ring rotating speed
(Oil flow rate 4000 cm3/min)
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4. Two-phase flow in bearing cavity

Figure 4.36: Hydraulic losses from different models at different oil flow rate (Inner ring
rotating 72200 rpm)

named the total hydraulic losses as drag loss.

4.5 Conclusion

In this chapter, the numerical CLS-VOF model is employed to simulate the oil/air
two-phase flow inside high speed roller bearings with under-race lubrication. The oil
distribution along the circumference between the inner and outer rings is studied with
different lubricating schemes and operating conditions. The effects of rotational speeds
of different bearing components are investigated in detail. It is found that:

(1) The oil phase distribution in the bearing is not uniform. It varies with the bearing
rotational speed, oil volume flow rate, oil viscosity, etc. There is an optimum oil injection
velocity to catch a high level of oil volume fraction inside the bearing.

(2) The average oil volume fraction inside the bearing is proportional to the oil
viscosity. With a specified oil injection velocity, it is linear to the oil inlet diameter.

(3) Rotational speeds of all bearing components could change the oil distribution
inside the bearing, e.g. the inner ring, the cage, and the outer ring, including the inner
ring-cage relative rotational speed. The results can be used for the precise lubrication
design to optimate the oil distribution inside the bearing.

(4) Based on the numerical simulation results, a formula to predict the average oil
volume fraction in roller bearings with under-race lubrication could be obtained (For oil
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Conclusion

Figure 4.37: Partial of hydraulic losses at different oil flow rate (Inner ring rotating 72200
rpm)

injection velocity 20 m/s). Noting that the bearing dimension is not analyzed in this
article, its relationship follows the Parker’s model [PAR 84].

XCAV = 2.58×104× (ωi−0.1972ωre)
1.313W 0.5µ

(ωi +ωo)(ωi +1.768ωc)d1.7
m

(4.22)

Where ωi, ωo, ωc are the inner ring, outer ring and the cage rotational speed, respectivly,
rpm. ωre is the inner ring-cage relative speed, rpm. W is the oil volum flow, cm3/min. µ
is the oil dynamic viscosity, Pa.s. And dm is the bearing pitch diameter, mm.

Finally, it should be mentioned that the results of the numerical study are sensitive
to the simulated geometry and boundary conditons, thus it could only provide a gross
approximation, with the absence of reliable experimental validation.
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General conclusions and perspectives

General conclusion

In this thesis, the numerical method is employed to explore both windage drag and churn-
ing losses in high speed rolling element bearings. The drag coefficient and churning
moments on the special finite circular cylinder with two free ends in roller bearings are
investigated using the CFD approach. Additionally, the oil/air two-phase flow inside the
bearing cavity is studied numerically to quantify the oil phase distribution in the bearing
circumference.

In Chapter 2, the flow around one finite circular cylinder with two free ends in open
space is discussed carefully. Despite relative simple geometry, scant attention has been
attracted so far to demonstrate its flow pattern and turbulent structure varying with the as-
pect ratio and Reynolds number. The results show that the drag coefficient decreases dra-
matically in comparison to the two-dimensional model and the horseshoe vortex around
the mounted cylinder with one free end disappears. Instead, a pair of stationary recircu-
lating eddies behind the cylinder is found in the axis direction at low Reynolds number.
With the increasing of Reynolds number, four spiral vortices are formed by the interaction
of the two three-dimensional separating flows from two free ends and the wake formed by
the cylindrical surface. The separated flow recirculates to the backside of the cylinder and
increases its local pressure. Additionally, an intersection zone and a backflow is found
close to the end surface, caused by the up-wash flow from the sharp leading edge of the
cylinder. The work in Chapter 2 builds a foundation for the further analysis of windage
drag and churning losses investigation in roller bearings.

A detailed numerical implementation of windage drag coefficient and churning mo-
ments is described and validated in Chapter 3. For the windage drag coefficient, it is pre-
viously accounted with a two-dimensional infinite cylinder model. Whereas the roller in
bearings is rotating finite-length, which could be interacted by its two free ends, surround-
ing rings and other rollers. Based on the CFD method developed in Chapter 2, the con-
figuration with several in-line cylinders sandwiched by two flat walls is analyzed, which
represent a simplifed approach. Finally, a new relationship between the drag coefficient
and the Reynolds number suitable for circular cylinders in roller bearings is proposed.

For the churning loss in roller bearings, there are few approaches used directly for
churning loss estimation, which could only provide a rather gross approximation. In one-
phase environment, the churning moments on the cylinder are quantified considering var-
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General conclusions and perspectives

ious factors, e.g. operating conditions, roller geometry parameters, and fluid properties. It
is also demonstrated that the roller orbital speed, the presence of adjacent rollers, and the
rings have a significant impact on the churning moments. In conclusion, a formulation is
proposed for churning losses prediction in cylindrical roller bearings. This is of particular
interest for high-speed applications where drag and churning losses may represent up to
50% of the total power dissipated.

More important, there is an assumption used in Chapter 3 that the oil/air two-phase
flow inside the bearing cavity is replaced by an equivalent fluid whereas the oil volume
fraction is unknown. In Chapter 4, the CLS-VOF model is used to study the oil flow inside
the bearing with under-race lubrication. The oil distribution around the circumference be-
tween the inner and outer rings is studied with different lubricating schemes and operating
conditions. Rotational speeds of all the bearing components are studied particularly and
the results demonstrate that not only the inner ring-cage relative rotational speed, but the
cage speed itself could change the oil distribution. A formula to predict the oil volume
fraction inside the bearing cavity is finally proposed. The results could be used for the
precise lubrication design to optimate the oil distribution inside the bearing.

Perspectives

After this thesis, the future work could be considered in these aspects:

• Experiment validations

Now that the numerical methods for the simulation of flow around several in-line
circular cylinders sandwiched by two flat walls, it would be an important step to
validate them against experimental tests. The drag force and churning moments on
the cylinder should be measured with different fluids and flow conditions to validate
the relationship between the drag coefficient and Reynolds number summarized in
this thesis, and the formulation for churning moments prediction.

For the oil/air two phase flow inside the bearing, an effective visualization technic
is needed to display the oil distribution around the bearing circumference.

• Further numerical simulations

In the thesis the drag force and churning moments are numerically simulated in
one-phase environment. The truth is that high speed roller bearings never are com-
pletely flooded with lubricant, and seldom are more than 15 to 20 percent full of
oil within the bearing for very high speed operation. Motion of the bearing com-
ponents tends to induce an oil/air two phase flow, which is more complicated. To
improve the accuracy of the windage drag and churning losses prediction model, a
further numerical simulations are needed.

Besides, for the oil/air two phase flow inside the bearing cavity, it has been proven
that the results are sensitive to the simulated geometry and boundary conditions, and
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General conclusions and perspectives

the oil flow are traced with the VOF model. We believe that there is still room to
optimise the numerical techniques in this domain, or try another numerical method,
like the SPH method.

• The effect of the cage

In Chapter 3, the effect of the cage is ignored to highlight the effects of two free
ends, the rings, and the adjacent rollers, regarding that the cage has been demon-
strated experimentally that its effect is of second order on the flow. In the next step,
the cage should be accounted in the numerical investigation and experimental test.
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Hochsch., Diss., 2013.

[RAG 80] RAGEN M., CHIU Y., DEROMEDI T., DYBA G., GASSEL S.
User’s Manual for SKF Computer Program SHABERTH. SKF Report No. AT80Y002,
US Army Contract DAAK11-79-C-0092, , 1980.

[ROH 03] ROH S., PARK S.
Vortical flow over the free end surface of a finite circular cylinder mounted on a flat
plate. Experiments in Fluids, vol. 34, no 1, 2003, p. 63–67, Springer Nature.

[ROS 61] ROSHKO A.
Experiments on the flow past a circular cylinder at very high Reynolds number. Journal
of Fluid Mechanics, vol. 10, no 3, 1961, p. 345–356, Cambridge University Press.

[RUM 73] RUMBARGER J., FILETTI E., GUBERNICK D.
Gas turbine engine mainshaft roller bearing-system analysis. Journal of lubrication
technology, vol. 95, no 4, 1973, p. 401–416, American Society of Mechanical Engi-
neers.
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