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Introduction

Nanoparticles have been extensively studied during the last decades, with fundamental work
being performed as well as research oriented towards applications. Indeed, the physical prop-
erties of nano-objects, such as their optical, electronic, magnetic, mechanical and thermal ones,
present many remarkable features, in contrast with those of bulk materials. Metal nanoparticles
exhibit for instance optical extinction spectra largely affected by Surface Plasmon Resonances
(SPR) [1], which originate from the collective oscillation of the electrons of the metal induced
by an incident electromagnetic field. Importantly, Surface Plasmon Resonance features highly
depend on the nanoparticle size, shape, composition, and environment.

The optical properties of nano-objects can be used to study ultrafast phenomena associated
to non-optical properties (e.g. mechanical or thermal ones) through dedicated optical techniques.
Ultrafast phenomena impacting the optical response of a nanoparticle can for example be studied
at timescales ranging from a few femtoseconds to nanoseconds using an optical technique called
time-resolved pump-probe spectroscopy. Such technique allows to investigate topics linked to
energy transfers at the nanoscale, such as the decay of the thermal or acoustic energy injected in
a nano-object. In this context, resonances in the optical response of nanoparticles (e.g., Surface
Plasmon Resonances for metal ones) constitute an advantage, as they allow to more sensitively
probe the ultrafast dynamics. The fundamental work performed in order to investigate the
modalities of nanoscale energy transfer may be helpful for applications in the fields of sensing,
thermoelectric devices or photothermal therapy [2–6].

This thesis, conducted in the FemtoNanoOptics group at the Institut Lumière Matière (ILM)
and funded by the ULTRASINGLE ANR project, aimed at understanding the cooling dynam-
ics and the acoustic vibrations of metal nanoparticles, as well as the optical detection of those
phenomena. To do so, single gold nanodisks deposited on various transparent substrates were
studied using the combination of two optical techniques, namely the spatial modulation spec-
troscopy (SMS) [7, 8] and single-particle time-resolved optical spectroscopy [9, 10].

This manuscript is composed of five chapters. The first chapter is dedicated to the description
of the electronic, optical and thermal properties of metallic nano-objects, which are relevant for
the understanding of the work presented in the following chapters. First, the physical origins of
the heat capacity of bulk noble metals are presented, as well as their optical response. The impact
of dielectric confinement on this optical response and the Surface Plasmon Resonances of metal
nanoparticles are then discussed, focusing on the simple case of nanoellipsoids. The physical
phenomena contributing to the experimental signals obtained via pump-probe spectroscopy are
subsequently described. Finally, the different types of thermal transfers by which a suddenly
heated supported nanodisk cools down are presented.

Chapter 2 describes the experimental and modeling tools used in this work. The first section
focuses on the chemical synthesis and deposition of gold nanodisks, a work performed by S.
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Marguet from CEA in the context of the ANR-funded ULTRASINGLE project. Then the
optical techniques used in experiments are presented: the spatial modulation spectroscopy,
which allows to detect a single supported nano-object and to measure its extinction spectrum,
and the time-resolved pump-probe spectroscopy, which gives access to the temporal variations
of the extinction cross-section of a single nanoparticle following its excitation by a femtosecond
laser pulse. Finally, we introduce the optical and thermal modeling, which were used in this
work to complement and interpret optical measurements.

The third chapter focuses on the experimental and theoretical study of the cooling dynamics
of single gold nanodisks deposited on substrates with different compositions and thicknesses.
This work aimed at providing a better understanding of the link between the cooling dynamics
of a single gold nanodisk and the characteristics of its substrate. In particular, a large effect of
the supporting substrate thickness and composition on the cooling dynamics was demonstrated.
The reduction of substrate thickness to the nanometric range was seen to considerably slow down
the nanodisk cooling dynamics and to induce accumulation effects associated to the repeated
character of the optical excitation in experiments.

The fourth chapter presents experimental and theoretical results obtained about the quan-
titative optical detection of the cooling dynamics of single gold nanodisks supported on a thin
membrane. The sensitivity of time-resolved signals to nanodisk heating was measured and suc-
cessfully modeled. Additionally, a contribution of membrane heating to these signals could be
demonstrated.

Chapter 5 presents experimental findings about the acoustic vibrations of single gold nan-
odisks supported on thin membranes. The goal of this study was to extend previous work
performed within the FemtoNanoOptics group on supported single gold nanodisks synthesized
by physical methods, which showed that the measured quality factors were strongly influenced
by the diameter/thickness ratio range. In the present work, frequencies and quality factors
obtained experimentally are shown and compared with numerical modeling and previous re-
sults. The measured frequencies and quality factors presented a marked dependence on the
diameter/thickness ratio of the nanodisks. Finally, experimental measurements of the transient
optical response induced by acoustic vibrations are presented.
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Chapter 1

Electronic, optical and thermal
properties of metallic nanoparticles

The work of this PhD thesis, whose results are presented in Chapters 3, 4, and 5 of this
manuscript, was focused on the study of the thermal and vibrational properties of single nanopar-
ticles, specifically nanodisks made of gold. This chapter aims at providing a general background
regarding the physical properties of bulk metals and metal nanoparticles.

In this chapter, the electronic, thermal, and optical properties of bulk noble metals will
first be presented. The second section will focus on the linear optical response of noble metal
nanoparticles and their specificities compared to bulk metal, as well as on the physical processes
involved after the excitation of a single nano-object by a femtosecond laser pulse. The last
section will present the relevant thermal mechanisms involved in the cooling dynamics of a
single nanodisk supported by a substrate.

1.1 Physical properties of bulk noble metals

1.1.1 Electronic and thermal properties of bulk noble metals
Noble metals, like copper (Cu), silver (Ag) or gold (Au), are characterized by electronic struc-
tures with completely filled (n − 1)d orbitals as well as one n(s − p) hybridized external orbital
containing a single electron, thus making them monovalent (Figure 1.1). In bulk materials, these
atoms are organized in a face-centered cubic (fcc) crystalline structure (Figure 1.2a), its main
parameters being summarized in Table 1.1.

Metal Electronic structure a (Å) ne (1022 cm−3)
Cu [Ar]3d104s1 3.61 8.47
Ag [Kr]4d105s1 4.09 5.86
Au [Xe]4f 145d106s1 4.08 5.90

Table 1.1 – Table of the electronic structure, lattice parameter a, and electron
density ne of noble metals Cu, Ag and Au [12, 13].

Electrons of a single atom have discrete energy levels, each one corresponding to an atomic
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Group
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Figure 1.1 – Position (red rectangle) of Cu, Ag, and Au in the periodic table
of elements [11].

d band

a) b)

Figure 1.2 – a) Schematic of a face-centered cubic (fcc) crystalline structure
with lattice parameter a and b) Schematic of the band structure of a metal
with a low-dispersed valence band (d band) and a conduction band (s-p band).
In b), an interband transition between the d and s-p bands can be caused by the absorption
of a photon with high enough energy by an electron of the d band. The transition of
a conduction electron to a higher state of the same band, an intraband transition, can
happen via the absorption of a photon and the involvement of additional particle (phonon
or electron) so as to conserve both energy and momentum.

orbital. In a solid, the strong interaction between atomic orbitals leads to a broadening of the
quantized energy levels and to a continuum of electronic states, named electronic bands. The
understanding of these bands is crucial as its characteristics determine many physical properties
of the material. Notably, it is useful to define two major bands:
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1.1. Physical properties of bulk noble metals

• The valence band, the highest energy band completely filled with electrons at zero tem-
perature.

• The conduction band, the lowest energy band partially filled. In particular, the highest
occupied energy level in this band at zero temperature is called the Fermi level, with
energy EF .

Electrons in the conduction band are delocalized and are responsible of most of the electronic
and thermal properties of metals, while electrons in the valence band weakly contribute to these
properties. A schematic of the electronic bands structure is presented in Figure 1.2b. As each
atom contributes to the conduction band with a single electron in noble metals (ns1), the density
of conductions electrons ne (see Table 1.1) is defined as

ne = NA
ρ

M
(1.1)

with NA the Avogadro number, ρ the density, and M the molar mass of the material.

1.1.1.1 Electrons in the conduction band

The quasi-parabolic dispersion of the conduction band allows to describe conduction electrons,
as in the Sommerfeld model, as free electrons with effective mass m∗ (which takes into account
the effects of the interactions between the electrons and the ionic lattice), with a dispersion
relation linking the energy E and wavevector k⃗ written as:

E(k⃗) = ℏ2k2

2m∗ . (1.2)

with ℏ = h/2π, h = 6.62 10−34 J s being the Plank constant. The density of states ge(E) of
these electrons for a tridimensional system with volume V is then given by:

ge(E) = V

2π2

(2m∗

ℏ2

) 3
2 √

E. (1.3)

The Fermi energy EF is the one corresponding to the Fermi level and is expressed as

EF = ℏ2

2m∗ (3πne)
2
3 , (1.4)

from which can also be defined the Fermi wave vector kF =
√

2m∗EF /ℏ and the Fermi tem-
perature TF = EF /kB, with kB the Boltzmann constant. The values of the main parameters
describing the free electrons in the conduction band is presented are summarized in Table 1.2
for copper, silver, and gold.

At electronic temperature Te the probability of an electronic state with energy E to be
occupied follows the Fermi-Dirac distribution:

f(E) =
1

exp
(

E−EF
kBTe

)
+ 1

, (1.5)

where kB is the Boltzmann constant and the chemical potential µ(Te) has been replaced by
the Fermi energy EF . This assumption can be done when Te ≪ TF , which is the case at
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Chapter 1. Electronic, optical and thermal properties of metallic nanoparticles

Metal m∗/me EF (eV) kF (108 cm−1) TF (104 K)
Cu 1.3 4.67 1.36 5.44
Ag 1.1 5.49 1.20 6.38
Cu 1.1 5.53 1.21 6.42

Table 1.2 – Table of the effective electron mass m∗ normalized by the electron
rest mass me, Fermi energy EF , Fermi wave vector kF , and Fermi temperature
TF for Cu, Ag, and Au [13].

room temperature for noble metals (see Table 1.2). In particular, it means that the electronic
distributions at room temperature and at 0 K are very similar except around the Fermi energy.

One can then calculate the volumetric specific heat of free electrons ce(Te) through the
temperature derivative of the electron volumetric internal energy ue:

ce(Te) = ∂ue

∂Te
= 1

V

∫ ∞

0
Ege(E)∂f(E)

∂Te
dE = π2nekB

2TF
Te = aeTe, (1.6)

with ge(E) given by Equation 1.3 and a proportionality constant ae = π2nekB
2TF

≈ 65 J K−2 m−3

in gold [13].

1.1.1.2 Volumetric lattice heat capacity

In noble metals the primitive cell of the cristalline structure contains a single atom, which
only allows acoustic vibrational modes of the ionic lattice (of which energy vanishes for a zero
wave vector q⃗). The corresponding phonon band structure is composed of acoustic branches
(associated to transverse or longitudinal vibrations), each containing Ni modes, with Ni the
number of ions in the lattice.

The Debye model (introduced in 1912 to estimate the lattice heat capacity of crystals [14])
considers a simplified phononic band structure by assuming that all the acoustic modes are
described by a linear dispersion relation (whereas this might not be the case for the real dispersion
relation), linking the pulsation ω to the wave vector q⃗ through [15]:

ω(q⃗) = cs|q⃗|, (1.7)

with cs the average sound velocity, defined as:

3
c3

s

= 1
c3

l

+ 2
c3

t

, (1.8)

cl and ct being the longitudinal and transverse sound velocities of the acoustic modes, respec-
tively.

In the context of the Debye model, the phonon density of states can be written, as a function
of energy E, as:

gph(E) = 12πV

c2
sh3 E2 (1.9)

with V the volume of the system.
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1.1. Physical properties of bulk noble metals

The Debye energy ED, which corresponds to the maximal energy of phonons in the crystal,
and the associated Debye temperature TD = ED/kB are defined so that the total number of
modes is 3Ni:

12πV

c3
sh3

∫ ED

0
E2dE = 3Ni, (1.10)

leading to:

TD =
( 3Ni

4πV

)1/3 csh

kB
. (1.11)

At lattice temperature TL the average number of phonons with energy ℏωs(q⃗) is given by
the Bose-Einstein distribution:

nBE(q⃗, TL) =
1

exp
(
ℏωs(q⃗)
kBTL

)
− 1

. (1.12)

Similarly to Equation 1.6, the volumetric lattice heat capacity can be computed using the
equilibrium phonon occupation number in Equation 1.12 via:

cL = −kBβ2 ∂uL

∂β
= 12kBβ2π

c3
sh3

∫ ED

0

E4eβE

(eβE − 1)2 dE, (1.13)

with β = 1/kBTL and uL the volumetric lattice energy. Using the dimensionless variable x = βE,
this expression becomes:

cL = 9nikB
T 3

L

T 3
D

∫ TD/TL

0

x4ex

(ex − 1)2 dx, (1.14)

with ni = Ni
V the volumetric density of modes.
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Figure 1.3 – Experimental measurement of the volumetric heat capacity of
solid gold cAu as a function of temperature T from ref. [16].

In the case of gold TD ≈ 170 K [13], which is largely inferior to the temperature at which
our experiments are performed (room temperature at ≈ 300 K). In such conditions, TD ≪ TL,
a first-order development of Equation 1.14 allows to retrieve the classical Dulong-Petit law:

cL ≈ 3nikB. (1.15)
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Chapter 1. Electronic, optical and thermal properties of metallic nanoparticles

In the case of gold the volumetric lattice heat capacity has a cL ≈ 2.5 106 J m−3 K−1 value.
The comparison with ce (see Equation 1.6) leads to a cL/ce ratio of the order of 100 at 300 K:
as a result, the heat capacity of metals is mostly given by the volumetric heat capacity of the
lattice cL at temperatures of the order of 300 K and weakly depends on temperature in this
range. This theoretical prediction is in good agreement with experimental measurements of the
volumetric heat capacity of gold, shown in Figure 1.3, where a monotonic increase is observed
at low temperatures and a weak dependence of the specific heat on temperature for T > 200 K,
with values close to that predicted by the Dulong-Petit law.

1.1.2 Optical behavior of bulk noble metals
1.1.2.1 Electromagnetism in a noble metal

Let us consider a monochromatic electromagnetic field, whose associated electric field writes:

E⃗(r⃗, t) = Re[E⃗0ei(k⃗·r⃗−ωt)], (1.16)

with wave vector k⃗ and angular frequency ω. When such field interacts with a material, its
bound positive charges move in the same direction while negative charges are displaced in an
opposite direction, thus creating a polarization density P⃗ . For a homogeneous, linear and
isotropic material, the polarization P⃗ can be related to the incident field, using the electric
susceptibility χ(ω) and vacuum permittivity ϵ0, as:

P⃗ = ϵ0χE⃗. (1.17)

The electric displacement field D⃗ can be written as:

D⃗ = ϵ0E⃗ + P⃗ = ϵ0ϵE⃗, (1.18)

where ϵ = 1 + χ corresponds to the dielectric function (relative permittivity, equivalently) of the
material. The dielectric function is typically decomposed into its real and imaginary parts via

ϵ = ϵ1(ω) + iϵ2(ω), (1.19)

with ϵ1 and ϵ2 real.
Another way to describe the optical properties of the material is to use the complex optical

index
ñ = n + iκ, (1.20)

which is linked to the dielectric function ϵ via

ñ2 = ϵ. (1.21)

The real part n is the refraction index, a quantity which intervenes in the definition of the
phase velocity of light in the material v via v = c/n. The imaginary part κ is the extinction
coefficient and describes to what extent the solid can absorb electromagnetic energy. This can
be illustrated by the intensity It of an electromagnetic wave after a propagation over a distance
L in the material, which is written as:

It = I0e−αL with α(ω) = 2ω

c
κ(ω) (1.22)
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1.1. Physical properties of bulk noble metals

One can link the (ϵ1, ϵ2) and (n, κ) quantities via the following explicit relations:
ϵ1 = n2 − κ2

ϵ2 = 2nκ

(1.23)

In the case of transparent material, κ = 0 (i.e. it doesn’t absorb light), which thus corresponds
to ϵ2 = 0 and ϵ1 = n2.
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 δε i b
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Figure 1.4 – Dependence of a) the real part ϵ1 and b) imaginary part ϵ2 of
the dielectric function of gold on the photon energy. Black squares correspond to
experimental data from ref. [17]. Red full lines represent the contributions from intraband
electronic transitions ϵD

1,2 computed via the Drude model. The dashed green lines was
obtained from δϵib = ϵ − ϵD and are thus estimations of the contributions of interband
transitions. The ϵib quantity can then derived from ϵib = δϵib + 1.

The dielectric function ϵ results from the sum of the contributions from two different light
absorption mechanisms (a simplified description is presented in Figure 1.2b):

• Intraband transitions : these occur between electronic states within the conduction band.
Well-described by the classical Drude model of free electrons, they involve the absorption
of a photon as well as interaction with another object, such as a second electron, a phonon,
or a lattice defect, in order to respect the conservation of momentum (Figure 1.2b).

• Interband transitions : the absorption of a photon with an energy exceeding the interband
energy threshold (2.4 eV in gold, corresponding to a 520 nm wavelength) induces an
electronic transition between the valence band and the conduction band. In contrast with
intraband transitions, a quantum theory is necessary to describe this mechanism.

The total electric susceptibility χ is the sum of both effects and can written as χ = χD + χib.
Similarly, the contributions to the dielectric function ϵ are defined as ϵD,ib = 1 + χD,ib. These
quantities also verify the following relation:

ϵ = 1 + χ = 1 + χD + χib = ϵD + ϵib − 1. (1.24)

The dependence of the dielectric functions of gold, ϵ1 and ϵ2, as well the associated intraband
and interband contributions, are presented in Figure 1.4.
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Chapter 1. Electronic, optical and thermal properties of metallic nanoparticles

1.1.2.2 Intraband transitions

The contribution of the intraband transitions (Figure 1.2b) can be calculated using the Drude
model, in which the electron motion is described classically, driven by the electromagnetic force
−eE⃗ and in the presence of electron collisions (with the ionic lattice and other electrons) de-
scribed by a single scattering rate γ0 = 1/τ0 (τ0 being the characteristic collision time, i.e. the
average time between one collision and the next). After each collision electrons move in random
directions with random velocities that follow Maxwell-Boltzmann’s distribution. Equivalently,
such collisions can be modelized via a friction force F⃗ = −m∗γ0v⃗ applied to each electron with
v⃗ the velocity of the electron and m∗ its effective mass (see discussion in Section 1.1.1.1).

The dynamics of an electron submitted to an external electric field E⃗(t) = E⃗0e−iωt + c.c. are
described by:

m∗ d2r⃗

dt2 = −m∗γ0
dr⃗

dt
− eE⃗, (1.25)

with r⃗ the position of the electron and e the elementary charge. The polarization P⃗ resulting
from the movement of the electrons is then obtained from the solution r⃗ of the previous equation
in the stationary regime and is given by P⃗ = −neer⃗. Equation 1.17, P⃗ = ϵ0χDE⃗ then allows to
calculate the Drude contribution to the dielectric function:

ϵD = 1 + χD = 1 −
ω2

p

ω(ω + iγ0) (1.26)

with ωp =
√

nee2

m∗ϵ0
the plasma frequency. The corresponding real and imaginary parts of ϵD are:

ϵD
1 = 1 − ω2

p

ω2+γ2
0

≈ 1 − ω2
p

ω2 for γ0 ≪ ω

ϵD
2 = γ0ω2

p

ω(ω2+γ2
0) ≈ γ0

ω2
p

ω3 for γ0 ≪ ω

(1.27)

The plasma frequency ωp and optical scattering rate γ0 can be estimated thanks to fits of
experimental measurements of the gold dielectric functions ϵ1 and ϵ2 using the previous formulas.
Such fits lead to ℏωp ≈ 9.01 eV and ℏγ0 ≈ 70 eV (see Figure 1.4 [17]). In the visible and near-
infrared ranges (corresponding to a photon energy ℏω in the 1-3 eV range), the γ0 ≪ ω condition
is thus valid for gold and approximations in Equation 1.27 can be used.

The case ω = 0 corresponds to two-bodies interaction processes. γ(ω = 0) is the static
damping rate and is linked to scattering occurring between electrons and lattice (electron-phonon
scattering) or other electrons (electron-electron scattering). In contrast, for ω ̸= 0, γ(ω ̸= 0) is
the optical scattering rate and takes into account the absorption of a photon with energy ℏω by
a conduction electron. The momentum of the photon being negligible, the intraband transition
requires an additional body (electron or phonon) to fully respect the energy and momentum
conservation.

1.1.2.3 Interband transitions

The contribution of intraband transitions to the dielectric function is not sufficient to correctly
describe the spectral dependence of ϵ2 (at high energy mostly), as shown in Figure 1.4. As a
consequence the contribution of interband transitions, from the valence band to the conduc-
tion band, above the Fermi level, must be taken into account. Such transitions can only be
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1.2. Optical properties of metallic nanoparticles

described by a quantum approach : the corresponding dielectric function contribution ϵib is
usually calculated using Lindhard’s theory [18].

Moreover, the interband energy threshold, which corresponds to the energy difference be-
tween the top of the valence band and the Fermi energy EF , is around 2.4 eV (i.e. 520 nm
wavelength) in gold, providing an explanation for the yellow color of gold. Similarly, the inter-
band energy threshold occurs around 4 eV for silver (i.e. ultraviolet domain), which leads to a
weak absorption in the visible range and explains the fact that bulk silver is colorless.

1.2 Optical properties of metallic nanoparticles
Noble metal nano-objects have optical responses which differ from bulk metals. Indeed, the
dielectric confinement of electrons within nanometric boundaries induces resonances in their
absorption and scattering spectra, called Surface Plasmon Resonances (SPR). The character-
istics of these resonances (i.e. amplitude, central position, and width) strongly depend on the
nanoparticles size, geometry, composition as well as on their local environment.

1.2.1 Energetic considerations

Incident field 𝐸0

Scattered field 𝐸𝑠𝑐𝑎𝑡 Nano-object

Figure 1.5 – Schematic of a nano-object shined by an incident electromagnetic
field E⃗0, generating via their interaction a scattered electromagnetic field E⃗scat.

We consider a single metallic nanoparticle surrounded by a transparent environment and
shined by an incident oscillating electromagnetic wave (E⃗0, H⃗0), as illustrated in Figure 1.5. In
this context the nanoparticle electrons oscillate at the frequency of E⃗0, which induces a scattered
electromagnetic field at the same frequency (E⃗scat, H⃗scat) propagating from the nano-object to
the surrounding medium. The total external electromagnetic field corresponds to:

E⃗tot = E⃗0 + E⃗scat

H⃗tot = H⃗0 + H⃗scat

(1.28)
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Chapter 1. Electronic, optical and thermal properties of metallic nanoparticles

The associated time-averaged Poynting vector can be decomposed into three terms [7]:

Π⃗tot = 1
2Re(E⃗tot × H⃗∗

tot) = Π⃗0 + Π⃗scat + Π⃗ext (1.29)

with 

Π⃗0 = 1
2Re(E⃗0 × H⃗∗

0 )

Π⃗scat = 1
2Re(E⃗scat × H⃗∗

scat)

Π⃗ext = 1
2Re(E⃗0 × H⃗∗

scat + E⃗scat × H⃗∗
0 )

(1.30)

In the case of a homogeneous environment one can write the power absorbed by the nano-
object, Pabs, as:

Pabs = −
{

S

Π⃗tot · n⃗ dS, (1.31)

i.e. the flux of the total Poynting vector Π⃗tot through the surface S of the nanoparticle (here n⃗

is a unitary vector directed from the inside to the outside of the nano-object and normal to its
surface). Similarly, the scattering and extinction powers, Pscat and Pext, can be defined as:

Pscat =
v

S Π⃗scat · n⃗ dS

Pext = −
v

S Π⃗ext · n⃗ dS

(1.32)

As the environment is transparent, a simple relation links Pext, the power attenuation of the
incident field due to to absorption and scattering of the nanoparticle, to Pabs and Pscat:

Pext = Pabs + Pscat. (1.33)

Useful quantities can then be defined from these powers: the extinction, absorption and
scattering cross-sections, σext, σabs and σscat. These are the ratios between the different powers
and the intensity of the incident field at the position of the nanoparticle, I0:

σext = Pext
I0

σabs = Pabs
I0

σscat = Pscat
I0

,

(1.34)

As a consequence of Equation 1.33, they are linked via:

σext = σabs + σscat. (1.35)

However, experimental techniques used to measure the extinction of a single nanoparticle
(e.g. Spatial Modulation Spectroscopy and single-particle time-resolved spectroscopy, both pre-
sented in Chapter 2) include a photodetector placed in the incident light beam path. For a
photodetector of surface SD, the power measured by it, PSD

=
v

SD
Π⃗tot · n⃗ dS, can be written

as:
PSD

= P0,SD
− Pext,SD

+ Pscat,SD
(1.36)
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1.2. Optical properties of metallic nanoparticles

with 

P0,SD
=

v
SD

Π⃗0 · n⃗ dS

Pscat,SD
=

v
SD

Π⃗scat · n⃗ dS

Pext,SD
= −

v
SD

Π⃗ext · n⃗ dS

(1.37)

For a photodetector with a surface SD sufficiently large to fully collect the incident light (which
is the case in practice) P0,SD

= P0 and Pext,SD
= Pext. Thanks to Equation 1.36, the attenuation

of power caused by the presence of the nanoparticle, ∆P = P0 − PSD
, can thus be written as:

∆P = Pext − Pscat,SD
= σextI0 − Pscat,SD

. (1.38)

This equation means that collection of scattered light by the photodetector disturbs the mea-
surement of the extinction power and thus of the extinction cross-section. In practice, the
surface of the detector SD is chosen larger than the surface of the incident laser beam while
being small enough to limit the effect of scattered light recollection. Moreover, in the context of
optical measurements on small nanoparticles the associated scattered power becomes negligible
compared to the extinction one (see discussion in next section).

Under these conditions, the power attenuation can be expressed as:

∆P = P0 − PSD
≈ Pext = σextI0, (1.39)

an assumption which was made in this work.

1.2.2 Optical response of a nanoellipsoid: quasi-static approxi-
mation

In this section a metallic nanoparticle with dielectric function ϵ = ϵ1 + iϵ2, immersed in a
homogeneous transparent medium of real weakly dispersed dielectric function ϵm, and shined by
an oscillating electric field E⃗0 of wavelength λ is considered (see Figure 1.6a). A simple case is
the one where the size of the nanoparticle is small compared to the wavelength λ of the electric
field: in this context, a quasi-static approximation can be done, i.e. the spatial variations of E⃗0
are neglected at the length scale of the nanoparticle and E⃗0 is thus considered homogeneous (left
side of Figure 1.6a). The oscillating electric field induces a collective motion of the electrons of
the nano-object, which can be described thanks to the dipolar approximation, with an induced
dipole p⃗(ω) with the same orientation as the external electric field E⃗0, as [19]:

p⃗(ω) = ϵ0ϵmα̃(ω)E⃗0(ω), (1.40)

with α̃ the linear polarizability of the nanoparticle.
This quantity can be expressed analytically only for a few simple nanoparticle shapes: in

particular, it can be done for a sphere or an ellipsoid characterized by semi-axes a, b, c (see
Figure 1.6b), which is the configuration that will be considered here due to its proximity with
the geometry of the nanoparticles investigated in this work, i.e. nanodisks. For such ellipsoid
the polarizability can be expressed as [20]:

α̃(ω) = V

Li

ϵ(ω) − ϵm

ϵ(ω) + 1−Li
Li

ϵm

, (1.41)
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Figure 1.6 – a) Schematic of nanospheres of dielectric function ϵ = ϵ1 + iϵ2

in a transparent matrix submitted to an electric field E⃗0 and b) schematic of
an oblate spheroid of semi-axes a, b, and c. The environment is characterized by a
real dielectric function ϵm. The electric field E⃗0 leads to the creation of a polarization P⃗

associated to the collective motion of the electrons of the nanosphere. For a nanosphere of
diameter D smaller than wavelength λ of the electric field, the resulting charge distribution
corresponds to that of a dipole. For a nanosphere with D ∼ λ, taking into account higher-
order multipolar electromagnetic mode is necessary.

with V = 4
3πabc the volume of the ellipsoid and Li a factor depending on both the geometry of

the nano-object (i.e on the a, b, and c parameters of the ellipsoid) and the linear polarization of
the incident light (along the i= x, y or z axis). The simple case of a nanosphere (i.e. a = b = c)
leads to a Li = 1

3 value and a polarizability α̃ independent on the light polarization. In the case
of an oblate nanospheroid (i.e. a = b > c) and a polarization along the x or y axis (see Figure
1.6b), the geometrical factors Lx, Ly, and Lz are written as [20]:

Lx = Ly = 1
2(1 − Lz) = g(e)

2e2

[
π

2 − arctan g(e)
]

− g2(e)
2 , (1.42)

with

g(e) =
(

1 − e2

e2

) 1
2

(1.43)

and
e = (1 − c2

a2 )
1
2 (1.44)

the ellipsoid eccentricity. Note that this configuration and the one studied in the experiments
presented in this work are quite close: indeed, measurements were performed on single gold
nanodisks with diameters always larger than thicknesses and an incident light beam polarized
in the plane of their diameter.

Having an analytical expression for the polarizability α̃ allows to deduce the absorption and
scattering cross-sections (Section 1.2.1) of the nanoellipsoid:

σabs = kIm(α̃) = ωV
cL2

i

ϵ
3
2
mϵ2(ω)

|ϵ(ω)+Hiϵm|

σscat = k4

6π |α̃|2 = ω4V 2

6πc4L2
i
ϵ2
m

|ϵ(ω)−ϵm|2
|ϵ(ω)+Hiϵm|2 ,

(1.45)
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1.2. Optical properties of metallic nanoparticles

with k = ω ϵ
1/2
m
c the modulus of the wave vector of the incident electric field and Hi = (1−Li)/Li.

Equation 1.45 shows that the extinction cross-section σext = σabs+σscat, as well as the absorption
and scattering ones, depend on the dielectric function of the material of the nanoparticle, via
ϵ1 and ϵ2, on its shape, via Hi, and on the dielectric function of the material ϵm. These
expressions also show that the absorption cross-section is proportional to V , the volume of
the nanoellipsoid, whereas the scattering one is proportional to V 2, which implies that for a
sufficiently small nanoellipsoid scattering becomes negligible compared to absorption. For such
small nanoparticle one can do the following approximation:

σext ≈ σabs = ωV

cL2
i

ϵ
3
2
mϵ2(ω)

(ϵ1(ω) + Hiϵm)2 + ϵ2
2(ω) . (1.46)

The Surface Plasmon Resonance (SPR) corresponds to a strong enhancement of the extinc-
tion cross-section σext. Assuming a weak or quasi-constant imaginary part ϵ2 of the dielectric
function ϵ, this resonance occurs when:

ϵ1(ω) + Hiϵm = 0. (1.47)

This condition leads to the following expression for the resonance frequency ωSP R, using ϵ1 =
ϵD
1 + ϵib

1 − 1 = −ω2
p

ω2 + ϵib
1 for γ0 ≪ ω (see Equation 1.27):

ωSP R = ωp√
ϵib
1 (ωR) + Hiϵm

(1.48)

Equation 1.48 shows that, in the dipolar approximation, the central frequency of the Surface
Plasmon Resonance, ωSP R, depends on the composition of the nanoellipsoid (via ωp and ϵib

1 ) and
of its environment (ϵm) as well as on the geometry of the nanoparticle and on the polarization
of light (Hi). One can also remark that its expression, valid in the small size regime, is fully
independent of the volume V of the nanoellipsoid.

Moreover, in the case of a small or weakly-dispersed ϵib near the resonance frequency ωSP R

(which is the case if ωSP R is below the interband transition threshold in noble metals, a valid
assumption for silver nanospheres or elongated gold nanoparticles), it is possible to show that the
extinction cross-section of the nano-object is a quasi-Lorentzian function of the photon frequency
ℏω, whose central position is ωSP R, and with a Full Width at Half-Maximum (FWHM) written
as [21]:

Γ ≈ γ0(ωSP R) + ω2
SP R

ω2
p

ϵib
2 (ωSP R). (1.49)

It is composed of two distinct contributions: one linked to electron scattering processes in intra-
band transitions, γ0(ωSP R) (see Section 1.1.2.2), and another damping contribution originating
from interband transitions, ω2

SP R
ω2

p
ϵib
2 (ωSP R) (Section 1.1.2.3).

Figure 1.7 presents the extinction, absorption, and scattering spectra of two gold oblate
nanoellipsoids with 2c = 20 nm and 2a = 50 or 100 nm computed using the dipolar approxima-
tion. In the case of the smaller ellipsoid, in Figure 1.7a, the extinction of the nano-object mainly
originates from its absorption while the scattering contribution is almost negligible. In contrast,
in the case of the larger ellipsoid, in Figure 1.7b, the absorption and scattering cross-sections
are of the same order and both are required to fully determine the extinction spectra of the
nano-object.
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Figure 1.7 – Extinction (full line), absorption (dotted line), and scattering
(dashed line) spectra of two gold oblate nanoellipsoids with 2c = 20 nm and
a) 2a = 50 and b) 100 nm, respectively. The incident light is polarized along
one of the major axes (a or b), the refractive index of the environment is nm = 1.5 and
gold dielectric function ϵ1,2 is taken from ref. [17]. Schematic 2D representations of the
ellipsoids with their dimensions are included.
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Figure 1.8 – a) Effect of the refraction index of an homogeneous environment
and b) effect of the aspect ratio η = a/c on the extinction spectra of gold
oblate nanoellipsoids. For both figures, the incident light is polarized along one of the
major axes (a or b) and gold dielectric function ϵ1,2 is taken from ref. [17]. a) Extinction
spectra are calculated using the dipolar approximation for a gold oblate spheroid with
2a = 100 nm and 2c = 10 nm for an environment of refraction index nm = 1.0 (black),
1.3 (blue), 1.7 (red), and 2.0 (green). b) Extinction spectra for gold oblate nanoellipsoids
with 2c = 20 nm and aspect ratios η = a/c = 2.5 (brown), 3.75 (purple), and 5 (light
blue). The environment refraction index is nm = 1.5. Schematic 2D representations of
the ellipsoids with their dimensions are included.

As shown in Equation 1.48, the position of the Surface Plasmon Resonance of the nanopar-
ticle depends on the refraction index of the environment nm = √

ϵm. This effect is illustrated in
Figure 1.8a, with significantly different central positions of the resonance of a single gold oblate
nanoellipsoid, from 570 nm to 850 nm, computed using the dipolar approximation for different

16



1.2. Optical properties of metallic nanoparticles

values of the refraction index of the surrounding homogeneous environment (n being chosen
between 1 and 2, values close to the ones of the supporting substrates described in the next
chapters). This figure also shows that the amplitudes of the resonances also greatly depend on
the environment properties.

Moreover, the morphology of the nanoparticle impacts its optical properties. As shown in
Figure 1.8b, the extinction spectra of gold oblate nanoellipsoids with 2c = 20 nm but varied
aspect ratios (η = a/c, ranging from 2.5 to 5), computed using the dipolar approximation,
exhibit significantly different central positions. This morphology effect can be explained, in the
dipolar approximation, by the fact that the Hi geometrical factor depends on the aspect ratio
η of the nanoellipsoid (see Equations 1.42, 1.43, and 1.44).

1.2.3 Transient optical response of a single metallic nanoparticle
after excitation by a laser pulse

Figure 1.9 – Ultrafast phenomena occurring after the excitation by a fem-
tosecond laser pulse of a metallic nanoparticle. The little circles with indices e and
L correspond to the electron gas and the ionic lattice, respectively, of the nanoparticle,
which is represented via the bigger circle. Color indicates the temperature, ranging from
low (white) to high temperatures (red). Figure from ref. [7].

A technique described in Chapter 2 Section 2.2.3, the time-resolved spectroscopy, was used
in this work to study the transient properties of single gold nanoparticles. In such experiments,
a femtosecond light pulse (denoted as the pump pulse) excites a single nano-object and induces
several ultrafast phenomena before a return to equilibrium. A second light pulse (the probe
pulse) allows to monitor the temporal variations of the extinction cross-section of the nano-
object thanks to a controllable time delay between the pump and the probe. Figure 1.9 presents
the associated processes as well as the typical timescales over which they occur. Before the arrival
of the pump pulse the nanoparticle, as well as its electron gas and ionic lattice, are thermalized at
temperature T0. The femtosecond pump pulse then excites the electron gas while leaving intact
the ionic lattice, which leads, after an internal thermalization of the electron gas via electron-
electron scattering processes (happening in a time τ th

e−e of a few hundreds of fs in gold [22]), to an
electronic temperature Te. This is followed by electron-phonon scattering processes (in a time
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Figure 1.10 – Typical pump-probe signal for a single gold nanodisk obtained
using pump-probe spectroscopy. The experimental signal, represented as a function
of the time delay between the pump and the probe (a zero delay corresponding to tem-
porally superimposed beams), corresponds to the transient variations of the extinction
cross-section of the gold nanodisk ∆σext and is normalized here but more details can be
found in Chapter 2 Section 2.2.3. The numbers alongside the data correspond to the ones
in Figure 1.9 and indicate the sections of the curve corresponding to each phenomena
following the excitation of the single nano-object by a pump pulse.

τe−L around 1 ps in gold [22]) which allow the temperatures of both the electron gas and the
ionic lattic, Te and TL, respectively, to equilibrate. This allows the nanoparticle to thermalize
at a temperature Teq > T0 a few ps after the excitation by the pump light pulse. Another
phenomenon can then occur due to this fast heating : acoustic vibrations resulting from the
dilation of the nanoparticle. The associated vibrational modes exhibit periods that depend on
the size of the nano-object and are in the 1-100 ps range range, while their quality factors are
of the order of 10. In parallel to this phenomenon, the nanoparticle begins to cool down (with
a temperature TNP (t)) as heat is being transferred to its environment over time. This process
allows the nanoparticle to return to equilibrium at temperature T0 after a time depending on
its dimension and its environment, typically ranging from several hundred ps to several ns.

All these phenomena can be observed in measurements performed using pump-probe spec-
troscopy, as shown in Figure 1.10, which represents the typical signal obtained experimentally
for a single gold nanoparticle. Indeed, time-resolved spectroscopy allows to measure the tran-
sient variations of the extinction cross-section ∆σext(λ, t) (see Chapter 2 Section 2.2.3), which,
for an ultrafast process only affecting the nanoparticle dielectric function, can be linked to the
transient changes of the real and imaginary part of the dielectric function of the nanoparticle
∆ϵ1(λ, t) and ∆ϵ2(λ, t), respectively. The equation linking these quantities can be written, at
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1.3. Thermal dynamics of a supported metal nanodisk

first order, as:
∆σext(λ, t) = ∂σext

∂ϵ1
(λ)∆ϵ1(λ, t) + ∂σext

∂ϵ2
(λ)∆ϵ2(λ, t). (1.50)

As the different physical phenomena shown in Figure 1.9 affect differently the transient changes
of the dielectric function ∆ϵ1,2(λ, t), Equation 1.50 shows that the analysis of the temporal vari-
ations of the extinction cross-section of the nano-object ∆σext(λ, t) allows to study the ultrafast
phenomena induced by the excitation of a single nano-object by a pump pulse. Equation 1.50
presents a simplified vision of the reality by neglecting the contribution of transient modifica-
tions of the dielectric function ϵm of the environment, which will be further explored in Chapter
4. As a side note, the non-vanishing value of the signal at negative delays in Figure 1.10 reflects
the occurrence of accumulation effects related to the periodical excitation of the nano-object by
multiple pump pulses (see Chapter 3).

Two of the physical processes, the cooling of the nanoparticle as well as its acoustic vibrations,
will be more thoroughly described and studied in Chapters 3 and 4 for the former, and Chapter
5 for the latter.

1.3 Thermal dynamics of a supported metal nanodisk

Interface flux:
Ԧ𝐽𝑖𝑛𝑡(Ԧ𝑟, 𝑡)

Matrix flux:
Ԧ𝐽𝑚(Ԧ𝑟, 𝑡)

Au nanodisk
𝑇𝑁𝐷 𝑡

Substrate

𝑇𝑚 𝑟, 𝑡

𝐷

ℎ

Figure 1.11 – Schematic of the heat transfer processes considered in the exper-
imental geometry. The geometry consists of a gold nanodisk (diameter D, thickness
h) of temperature TND(t) supported on a transparent substrate of temperature Tm(r⃗, t).
Heat transfers at the nanodisk-substrate interface and in the substrate are represented
via red and blue arrows (corresponding to heat current densities J⃗int(r⃗, t) and J⃗m(r⃗, t),
respectively).

We consider in this section the nanosystem described in Figure 1.11, i.e. a single gold nan-
odisk supported on a solid and transparent substrate, as it will be the configuration studied in
Chapters 3, 4 and 5. The initial configuration assumed here corresponds to the selective excita-
tion of the nanodisk by a femtosecond laser pulse, which leads, after its internal thermalization
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(see Section 1.2.3) to TND > Tref , with TND the nanodisk temperature and Tref the room
temperature, assumed at equilibrium. This temperature difference initiates thermal dynamics
involving two processes:

• Interfacial heat transfer (see Section 1.3.1.1).

• Heat conduction, via thermal diffusion in the supporting medium (see Section 1.3.2.1).

In practice, other thermal processes, such as convection or radiation, occur but can be neglected,
as discussed below.

1.3.1 Heat transfers through the nanodisk surface
1.3.1.1 Kapitza resistance at nanodisk-substrate interface

Medium 1 Medium 2

Δ𝑇
=

𝑅𝐾 𝐽1→2

Ԧ𝐽1→2 = 𝐺Δ𝑇𝑢

𝑇

𝐿𝐾−1

𝑢

Heat 
source

Heat 
sink

Figure 1.12 – Schematic of the interfacial heat transfer between media 1 and 2,
in contact with a heat source on the left and a heat sink on the right. Interface
between media 1 and 2 is an infinite plane and J⃗1→2 the heat flow at the interface, u⃗

being a unit vector perpendicular to the interface and oriented from 1 to 2. RK and
G are the Kapitza resistance and conductance, respectively, while LK−1 is the Kapitza
length associated to the first medium. The evolution of temperature in the two media is
indicated via the red lines in arbitrary unit.

P. Kapitza proposed in 1941 to define the thermal boundary resistance RK (also called
Kapitza resistance), or alternatively the thermal boundary conductance G = 1/RK (in W m−2

K−1), to describe the heat flux originating from the partial transmission of phonons between
a copper heater and liquid helium, for which a linear relation to the temperature difference
between the two media was observed at their interface [23,24]. In the configuration represented
in Figure 1.12, i.e. an infinite plane interface between two media with a heat source on the left
and a heat sink on the right, the thermal boundary conductance G links linearly the heat flux at
the interface J⃗1→2 and the temperature difference between the two media at the interface ∆T ,
as:

J⃗1→2 = G∆T u⃗. (1.51)
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1.3. Thermal dynamics of a supported metal nanodisk

with u⃗ a unit vector defined in Figure 1.12.
Additionally, another useful quantity, called the Kapitza length LK , can be introduced. This

parameter, which can defined for both media, is defined through:

LK−1,2 = RKΛ1,2, (1.52)

where Λ1,2 is the thermal conductivity of one of the two media (see next section). It can be
interpreted as the thickness of medium 1 or 2 that would be thermally equivalent to the interface
(see Figure 1.12). The interest of the Kapitza length lies in the fact that if the characteristic
dimension of a system is of the order of or smaller than the Kapitza length then the interfaces
play a significant role in the heat processes occurring in the system. As an example, the Kapitza
length for a gold-sapphire interface associated to the sapphire medium LK−Al2O3 is around 400
nm, using the interface conductance G = 60 MW m−2 K−1 obtained in previous work of the
FemtoNanoOptics group [25].

Materials G (MW m−2 K−1)
AuPd alloy-Toluene 5

Bi-Si 10-20
Au-SiO2 40-140

Au-Ethanol 110
Pt-Water 130
TiN-MgO 700

Table 1.3 – Table of the typical interfacial conductances G for interfaces be-
tween different materials. Values of the interfacial conductances are from refs. [26–33]
and were all measured around 300 K.

G values largely differ from an interface to another, as shown in Table 1.3, which presents the
typical experimental values of the interfacial conductance G for a few systems. The conductance
G of Au-SiO2 interfaces (which will be present in the nanosystems that will be studied in the next
chapters) ranges from 40 to 140 MW m−2 K−1, according to previous measurements [30–32].

1.3.1.2 Heat transfer in air: convection

Convective heat transfers occur between a solid and a fluid, the movements of the latter allowing
the energy to be transferred from the solid to the fluid. This phenomenon is described using
Newton’s law:

Jconv = hconv(TS − TF ) (1.53)

with Jconv the convective heat flux density, hconv the convective heat transfer coefficient, and
TS and TF the temperatures of the solid and the surrounding fluid at the interface, respectively.
In the case of natural convection (as opposed to forced convection, which will not be the case of
the experiments presented in the next chapters), the convective heat transfer coefficient hconv

in air is of the order of 10 W m−2 K−1 for bulk solids.
In the case of the nanosystem studied in this work, a single gold nanodisk supported on a

solid substrate (Figure 1.11), the typical value of the interfacial heat conductance G is several
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orders of magnitude larger than the value of hconv (see G value for Au-SiO2 in Table 1.3).
Convective heat processes were thus neglected in this work.

1.3.1.3 Radiative heat transfer

Radiative heat transfer originates from the fact that all materials emit electromagnetic radiation
if their temperature is greater than absolute zero. Thermal radiation is induced by thermal
agitation and occurs both in matter and vacuum. A black body (i.e. an object absorbing all
incident light, an ideal emitter) follows the Stefan-Boltzmann law which writes:

Jrad = σT 4
S (1.54)

with Jrad the radiative heat flux density, σ = 5.67 10−8 W m−2 K−1 the Stefan constant,
and TS the temperature of the black body. In practice, real materials are characterized by an
emissivity ϵ (between 0 and 1) that depends on the composition and shape of the object, and
which describes their radiative behavior on a scale ranging from the one of a black body (ϵ = 1)
and a white body (ϵ = 0, an object that neither absorbs or emits light). The Stefan-Boltzmann’s
law, corrected by this emissivity, becomes:

Jrad = σϵradT 4
S . (1.55)

A simple way to compare the efficiency of radiative heat transfers with the ones of other
thermal processes is to use the radiative heat flux density between two planar surfaces S1 and
S2 at temperatures T1 and T2 with emissivities ϵrad−1 and ϵrad−2, respectively, which is written
as [34]:

Jrad,S1→S2 = σ(T 4
1 − T 4

2 )
1

ϵrad−1
+ 1

ϵrad−2
− 1

. (1.56)

For small temperature differences this expression can be linearized in order to make it resemble
Equation 1.53 and introduce a radiative heat transfer coefficient hrad:

Jrad,S1→S2 = hrad(T1 − T2) (1.57)

with
hrad = σ(T 2

1 + T 2
2 )(T1 + T2)

1
ϵrad−1

+ 1
ϵrad−2

− 1
. (1.58)

The radiative heat transfer coefficient hrad is of course not a constant and largely depends on
the temperatures of the two surfaces T1 and T2. Nevertheless, it allows us to compare the
efficiency of the convective and radiative heat transfers around 300 K (e.g. T1 = T2 ≈ 300 K).
In this context, the value of hrad, assuming optical radiative transfer (i.e. ϵrad−1 = ϵrad−2 = 1),
is estimated to be of the order of 1 W m−2 K−1, several orders of magnitude lower than the
interfacial conductances values for Au-SiO2 interface (see Section 1.3.1.1). As a result, radiative
heat transfers can be also be neglected for our system.

1.3.2 Heat conduction in solids
Different modes of heat conduction can intervene inside solids, depending on the considered
temperature and length scale. As such, the next sections present the Fourier diffusion, which will
be the heat conduction regime considered in the substrate supporting the single gold nanodisk,
as well as the hydrodynamic and ballistic heat conduction regimes.
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1.3. Thermal dynamics of a supported metal nanodisk

1.3.2.1 Fourier diffusion

Heat conduction is a heat transport regime occurring in a material originating from a tempera-
ture gradient and without any bulk matter movement. In this context heat propagates thanks to
the vibrations of atoms and molecules of the material (phonons) and, for metals, via conduction
electrons (see Section 1.1.1). Heat conduction occurs from regions with high temperatures to
ones with low temperatures and can usually be described using the Fourier law [35]:

J⃗diff = −Λm∇⃗T, (1.59)

with J⃗diff the diffusive heat flux density, Λm the thermal conductivity of the material, and T

the temperature of the material (∇⃗T being the temperature gradient).
For a homogeneous material, calculating the energy balance in a small volume in the absence

of heat source within the solid allows to write:

cm
∂T

∂t
= −∇⃗ · J⃗diff (1.60)

where cm is the volumetric heat capacity of the material. Assuming a temperature-independent
thermal conductivity Λm (valid for small temperature gradients), one can write the Fourier heat
equation

∂T

∂t
= αm∇2T (1.61)

with
αm = Λm

cm
(1.62)

the thermal diffusivity.
A fundamental solution of the Fourier heat equation is the one for a infinite 3D medium

heated by a point source at position (0, 0, 0) (the solution for a semi-infinite medium being
almost identical). The corresponding temporal temperature evolution ∆T at position (x, y, z)
is given by:

∆T (t, x, y, z) = e−(x2+y2+z2)/4αmt

cm(4παmt)3/2 . (1.63)

This solution can also be expressed in the frequency domain as:

∆T̃ (ω, x, y, z) = e−i
√

−iω(x2+y2+z2)/αm

2Λm

√
x2 + y2 + z2 (1.64)

with Λm the thermal conductivity of the material and ω the frequency.
Figure 1.13 illustrates the temporal evolution of temperature at differents positions as well

as the temperature profiles along the x axis at several instants in the case of infinite medium
composed of gold heated by a point source located at (0,0,0).

1.3.2.2 Other conduction regimes

Heat conduction originates, at the microscopic scale, from the random collisions of heat carriers
(e.g. phonons), which are characterized by a mean free path (describing the average distance
over which they propagate before any collision). At macroscopic scales the Fourier heat law,
previously described, correctly describes heat diffusion in a material. However, at scales of the
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Figure 1.13 – a) Evolution of temperature at different positions and b) tem-
perature profiles at different instants for a infinite medium heated by a point
source at position (0, 0, 0). a) Temperature evolutions at positions x = 0.5 (blue line),
1 (orange), 2 (green), and 3 µm (red), normalized by maximum temperature at position
x = 1 µm. b) Temperature profiles along the x axis in the 0-5 µm range at instants t =
1 (blue line), 2 (orange), and 3 ps (green) normalized by maximum temperature of the
first profile. The diffusivity of gold αAu was used (see Table 3.1).

Diffusive regime Hydrodynamic regime Ballistic regime

Figure 1.14 – Schematic representation of the three main heat conduction
regimes : diffusive, hydrodynamic, and ballistic. Red arrows represent the motion
of heat carriers.

order of or smaller than the mean free path of the heat carriers of the material, the motion of
heat carriers can become more complex than in diffusive case, requiring other heat conduction
regimes (see Figure 1.14) to accurately describe experimental results [36].

The hydrodynamic regime corresponds to a case where the behavior of the phonons of
the material is best described using a fluid-like approach [37]. Phonon hydrodynamics use a
macroscopic heat transport equation to describe phonons, the Guyer–Krumhansl equation, in
a similar way to the Navier-Stokes equation for fluids. Different phenomena, such as wavelike
propagation of thermal energy (or second sound) or Poiseuille’s phonon flow can occur within
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1.3. Thermal dynamics of a supported metal nanodisk

this heat conduction regime.
The ballistic regime is a heat conduction regime where heat carriers are able to move freely

inside the material without being scattered by impurities of defects. Such regime can be observed
if the mean free path of heat carriers exceeds the characteristic length of the object that is
studied.

Non diffusive effects, such as those linked to the ballistic and hydrodynamic regimes, have
been initially observed in low temperature systems [38]. Their role in the context of nanoscale
heat transfer has been more recently demonstrated [39,40] and is currently the object of a large
interest in this scientific community. However, invoking such effects was not required in this
work (see discussion in Chapter 3).

1.3.3 Quasi-uniformity of nanodisk temperature
The heat transfer within a single gold nanodisk and at the nanodisk-substrate interface (see
Figure 1.11) can be compared by introducing the Biot number Bi, a dimensionless number which
allows, in this configuration, to compare the interfacial heat transfer at the nanodisk-substrate
interface and the heat conduction inside the nanodisk. In this system, the Biot number can
be defined as the ratio between the maximal temperature variation inside the gold nanodisk,
∆TND, and the temperature difference at the nanodisk-substrate interface, ∆TND→sub. Using
the conservation of heat flux at the nanodisk-substrate interface, one can write:

JND→sub = JND|int, (1.65)

JND→sub being the heat flux density at the nanodisk-substrate interface, linked to an interfacial
Kapitza conductance G (Equation 1.51), and JND|int the heat flux density in the nanodisk taken
at the interface, obeying to the Fourier diffusion law (Equation 1.59). These two terms can be
written as:

JND→sub = G∆TND→sub (1.66)

and
JND|int = ΛAu||(∇⃗TND)|int|| ≈ ΛAu

|∆TND|
h

, (1.67)

respectively, with TND the temperature in the nanodisk, ΛAu the thermal conductivity of gold,
and h the thickness of the nanodisk. The Biot number can thus be expressed as:

Bi = ∆TND

∆TND→sub
= hG

ΛAu
. (1.68)

The value of the Biot number in our experimental conditions can be estimated in the case
of a single gold nanodisk with a thickness h = 10 nm and thermal conductivity ΛAu = 317 W
m−1 K−1 supported on a thick sapphire substrate. For this estimation we use a G = 50 MW
m−2 K−, consistent with previous measurements for gold-sapphire interfaces [41–45] (and close
to the G values of the other interfaces studied experimentally in the next chapters), and obtain
a Bi = 2 10−3 ≪ 1 value. This implies that the temperature variations in the gold nanodisk
are much smaller than the ones at the nanodisk-sapphire interface, and thus that the nanodisk
remains nearly isothermal during its thermal cooling.
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Chapter 2

Experimental and modeling methods

The study of the physical properties of nanoparticles generally requires three main tools :

• The synthesis of the investigated nanoparticles, which can be achieved using a variety of
different methods (physical or chemical, bottom-up or top-down), including laser ablation,
lithography and colloidal synthesis.

• Experimental techniques allowing to study the physical properties of the nanoparticles
(e.g. optical, mechanical, thermal or magnetic properties), of their local environment
(e.g. substrate or surrounding medium, molecules), and of the nanoparticles-environment
interface. There are many techniques available for this. They are based on different
principles, including the interaction of the nanoparticles with light beams (measuring for
instance the absorption, scattering, photoluminescence or Raman scattering resulting from
nanoparticle illumination [46–50]), with electron beams (e.g. detecting the diffraction or
energy loss of electrons [51, 52]), electric currents (as in the 3ω technique [53]) or with
local probes (as in AFM or STM [54,55]).

• Numerical methods allowing to simulate the investigated system and its properties. These
modeling tools are in particular helpful for extracting physical information from indirect
measurements (e.g. to determine quantities such as temperature or pressure from optical
measurements).

Regarding the activities of our FemtoNanoOptics group, nanoparticle synthesis is performed
by external partners, while nano-objects are investigated using a combination of optical studies
and finite-element multiphysics modeling. The optical properties of nanoparticles thus stand at
the core of the group’s activities. These optical properties have been studied for a long time, as
far as the middle of the 19th century, with the study of colloidal gold by Faraday in 1857 [56].
However, techniques were first limited to the study of ensembles of nanoparticles: in this context,
experimental measurements could only give access to quantities averaged over all the individual
responses of the nano-objects, which always exhibit some dispersion of their internal character-
istics (e.g. size, morphology, composition), and external environment (substrate, molecules). A
schematic illustration of the effect of this dispersion on an extinction spectrum is represented
in Figure 2.1. This effect constitutes a strong limitation for quantitative investigations of the
physical properties of nanosystems.
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Figure 2.1 – Schematic illustrating the influence of the dispersion of the char-
acteristics of the nano-objects on the extinction (or other optical properties)
associated to the ensemble of nanoparticles. a) An ensemble of nanometric el-
lipsoids with different sizes. b) Extinction spectrum (see Chapter 1 Section 1.2) of the
ensemble of nanoellipsoids (dashed line) and extinction spectra associated to each nano-
object (same color code as in a).

Thus, single-particle spectroscopy techniques were developed and helped to further under-
stand the properties of nanosystems. The first successful detection of a single molecule was
based on the detection of its absorption, using modulation of the wavelength of the incident
laser around one of the absorption lines of the studied molecule [57]. Further developments
allowed to perform near-field [58] or far-field [59] detection and spectroscopy of single nano-
objects, based on their luminescence, scattering or absorption. Different approaches involved
the modulation of the polarization of the incident light [60] or of the position of the nanopar-
ticle [8, 61] (see Spatial Modulation Spectroscopy in Section 2.2.2), and single-particle ultrafast
time-resolved spectroscopy [9, 10] (see Section 2.2.3).

In the first section of this chapter, the process used to synthesize the investigated nanopar-
ticles (gold nanodisks), performed by our collaborators (Sylvie Marguet, CEA Saclay), will be
briefly presented. The second section will detail the two optical techniques used in this work :

• Spatial modulation spectroscopy (SMS), a microscopy/spectroscopy technique allowing to
detect single nano-objects and measure quantitatively their extinction spectra

• Single-particle ultrafast time-resolved spectroscopy, also referred to as pump-probe spec-
troscopy in the following, which gives access to the temporal variations of the extinction
cross-section of a nano-object following its initial excitation by a laser pulse.

The last section will present the finite element modeling (FEM) simulations, performed in our
group (Dr Aurélien Crut), of the optical response of a single gold nanodisk supported by a solid
substrate as well as its cooling dynamics. These two types of simulations were also combined
to study the optical detection of nanodisk thermal dynamics in the context of single-particle
time-resolved experiments (as described in Chapter 4).

2.1 Gold nanodisks: synthesis and deposition
Gold nanodisks were chosen for this work as model nano-objects because they present a rather
simple geometry characterized by only two parameters (diameter D and thickness h, see Figure
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2.1. Gold nanodisks: synthesis and deposition

2.2a). Lithographed gold nanodisks had been used in the context of several previous studies in
the FemtoNanoOptics group [25, 62–64]. The nanodisks used in this work were prepared using
colloidal chemistry by Sylvie Marguet (CEA Saclay, our partner in the context of the ULTRA-
SINGLE project), following an already published protocol [65]. Syntheses were performed in
aqueous solution in the presence of the cetyltrimethylammonium bromide (CTAB) surfactant.
In a first step, gold nanoplates were obtained using a method initially proposed by Mirkin’s
group to produce triangular nanoplates [66]. A high percentage of hexagonal nanoplates (≈
90%) was obtained to the detriment of triangular shapes (≈ 10%) by optimizing the concentra-
tions of the reactants in the growth solution, i.e. CTAB 0.1 M, HAuCl4 0.7 mM, and ascorbic
acid 1.6 mM. Au nanodisks were obtained in a second step, by mild oxidation of these hexagonal
and triangular nanoplates smoothing their vertices and edges, using the Au(III)/CTAB oxidant
complex [67,68].
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Figure 2.2 – Geometry, electron microscopy images, and histogram of the
average diameters of the synthesized gold nanodisks. a) Ideal cylindrical geometry
of a nanodisk, characterized by its diameter D and thickness h. b) SEM images of the
synthesized gold nanodisks deposited on an ITO substrate. c) Histogram of the average
diameters of 45 gold nanodisks, measured via SEM images. d) TEM images of the gold
nanodisks supported on a 15 nm thick Si3N4 membrane.

The morphological distribution of the Au nanodisks synthesized by this 2-step procedure
was investigated using SEM imaging (Figure 2.2b), following nanodisk deposition on an ITO
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substrate. Close to circular sections were observed for a majority of the produced nano-objects,
a fraction of them however still presenting quasi-hexagonal or triangular sections. Statistics
on the obtained SEM images yielded an average nanodisk diameter of D = (97 ± 12) nm (see
histogram of average diameters in Figure 2.2c). The occasional observation of a few nanodisks
contacting the substrate via their lateral surface rather than via one of their parallel bases also
showed that their thickness h was of the order of 10 nm. A precise estimation of the average
value of h could however not be performed using SEM, due to the weak number of nanodisks
in this configuration and to uncertainties about their precise orientation. These nanodisks
were used in thermal and thermo-optical studies, which are presented in Chapter 3 and 4, and
vibrational studies, presented in Chapter 5, and were also observed via TEM imaging (Figure
2.2d). Moreover, others gold nanodisks, with different aspect ratio η = D/h were also synthesized
to study its impact on the vibrational response of single gold nanodisks, presented in Chapter
5.

2.2 Linear and ultrafast single-particle optical spec-
troscopy techniques

2.2.1 Laser sources

 1040375

Electromagnetic spectrum (nm)

Ti:Sapphire laserFrequency-doubled Ti:Sapphire

OPO

375 520 690  1040

500 750

 1040375 520

Figure 2.3 – Spectral ranges covered by the three light sources used in exper-
iments.

The measurement of the extinction linear spectra of single nanoparticles as well as their
study through time-resolved experiments necessitated light sources with a broad spectral range,
from the near ultraviolet to the near infrared. Several light sources were used in our experiments,
allowing to cover the whole 375-1040 nm range (Figure 2.3):

• a Ti:Sapphire laser (emission in the 690-1040 nm range)

• a non-linear crystal allowing frequency doubling of the Ti:Sapphire beam (generation of
light in the 375-520 nm range)

• an Optical Parametric Oscillator (OPO, 500-750 nm range)

The Ti:Sapphire laser is a tunable commercial mode-locked oscillator with an average out-
put power of 2 W and giving access to the 690-1040 nm range. It uses a sapphire (Al2O3)
crystal doped with trivalent titanium ions Ti3+ for its amplifying medium. A continuous wave
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2.2. Linear and ultrafast single-particle optical spectroscopy techniques

Nd : YVO4 laser, which generates a 1064 nm wavelength, is used to produce the population
inversion within the titanium ions. This is frequency-doubled by a non-linear lithium triborate
crystal (LBO) to create a 532 nm wavelength close to the absorption peak of the Ti:Sapphire
crystal. The longitudinal modes of the cavity allow the generation of short pulses of the order
of 150 fs with a repetition frequency frep of 80 MHz (corresponding to a pulse repetition period
Trep = 12.5 ns).

The UV-blue part of the spectral range (375-520 nm) is produced through the frequency-
doubling of the Ti:Sapphire laser beam using the Second-Harmonic Generation (SHG) of a 100
µm thick barium beta-borate (β − BaB2O4) crystal (BBO). This light source can technically
reach wavelengths as low as the 345-375 nm range but using them in our experiments is prevented
by the low reflectivity of the mirrors as well as the poor transmission of the objectives at such
wavelength range.

The last light source is an automated optical parametric oscillator (OPO) covering the 500-
750 nm wavelength range. Inside, the incident pump beam, provided by the Ti:Sapphire laser at
820 nm, is first frequency-doubled through a SHG crystal. This 410 nm beam is combined with
a birefringent crystal to perform a non-linear optical process called parametric amplification. In
the birefringent medium a photon of frequency and wavevector (ωp , k⃗p) (pump wave) is converted
into two photons with (ωs , k⃗s) and (ωi , k⃗i) (denoted as signal and idler waves). These quantities
respect the energy and momentum conservation with (ωp = ωs+ωi , k⃗p = k⃗s+k⃗i). The frequency
ωs of the signal wave can be tuned through the rotation of the birefringent crystal and covers the
500-750 nm range. This is finally amplified in a resonant cavity to generate coherent ultrashort
light pulses with durations similar to the ones of the Ti:Sapphire pulses.

2.2.2 Spatial Modulation Spectroscopy (SMS)
2.2.2.1 Principle

Spatial Modulation Spectroscopy is a far-field optical spectroscopy technique that permits a
quantitative measurement of the extinction cross-section σext (see Chapter 1 Section 1.2) in
the case of nano-objects with sizes larger than ∼ 5 nm (Au) or ∼ 2 nm (Ag) [8] deposited on
transparent or thin absorbing substrates. In our work, it was used to localize single nanodisks
randomly deposited on a solid transparent substrate and measure their extinction cross-sections
as a function of wavelength and polarization of the incident light.

This technique exploits the attenuation (by both absorption and scattering phenomena, see
Chapter 1) of a light beam induced by the presence of a nanoparticle. As presented in Chapter
1 Section 1.2.1, the power attenuation measured by a photodetector of surface SD placed in
the direction of propagation of light is written, for a small nanoparticle shined by a beam with
intensity profile I(x, y) (see Equation 1.39 in Chapter 1), as:

∆P = P0 − PSD
≈ Pext = σextI(x0, y0), (2.1)

with P0, PSD
, and Pext the incident, detected and extinction powers, respectively, and I(x0, y0)

the intensity of the incident light beam at the position of the nanoparticle (here assumed punc-
tiform).

The direct measurement of ∆P for nanoparticles with sizes much smaller than that of the
light beam can be quite challenging as the ∆P

P0
ratio is small. Indeed, this ratio is for instance of
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the order of 10−3 for a 20 nm diameter gold nanosphere shined by a diffraction-limited Gaussian
beam, making the sought signal dominated by the power fluctuations of the laser source.

Increasing the signal-to-noise ratio was thus critical to be able to detect small nanoparticles
based on their extinction. In this context a powerful general method consists in forcing ∆P to
oscillate in time. This has been done by modulating the polarization of the light beam [60], the
light wavelength [57], or the position of the nano-object relatively to the light beam [10,69]. Then
the synchronous detection of ∆P (t) at the modulation frequency f (or one of its harmonics like
2f or 3f , typically done via a lock-in amplifier (LIA)), allows one to considerably enhance the
sensitivity of the measurement of the attenuation of the light beam caused by the nanoparticle,
by removing all the noise components at frequencies different from the modulating one.

ΔV|
ΔV|

f, δy

P0

Pd (t)
F

F

V

dFWHM

0,DMM

V0,DMM

δy

y0

lock-in
amplifier

(LIA)

digital
multimeter 

(DMM)

Figure 2.4 – Principle of Spatial Modulation Spectroscopy. A laser beam is
strongly focused via an objective on a single nano-object supported on a transparent
substrate. The sample position is modulated along the y direction via a periodic vibration
of spatial amplitude δy thanks to a piezoelectric actuator. The periodic displacement leads
to a modulation of the transmitted power Pd = P0−∆P , with P0 the incident power of the
light beam. The transmitted light is recollected by a second objective and then detected
thanks to a photodiode. Two quantities are extracted from the measured output voltage
of the photodiode: a lock-in amplifier demodulates the signal and gives access to its
oscillating component at frequency F induced by the piezoelectric actuation ∆V |F while
the average voltage signal V0,DMM is measured by a digital multimeter (DMM) and is
linked to < Pd > (≈ P0 in the case of a small nanoparticle).

The third approach has been developed in the FemtoNanoOptics group and is denoted as
Spatial Modulation Spectroscopy (SMS). In the SMS technique, whose principle is schematized
in Figure 2.4, the position of a single nanoparticle is periodically modulated in the focal plane
of a strongly focused light beam, of Full Width at Half-Maximum (FWHM) dF W HM , through a
vibration generated by a piezoelectric actuator. A XY piezoelectric stage also allows to position
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2.2. Linear and ultrafast single-particle optical spectroscopy techniques

the nanoparticle under the light beam. In the case of a vibration along the y direction with
spatial amplitude δy and frequency f , the position of the nano-object, relatively to the beam, is
(x0, y(t)) with

y(t) = y0 + δy sin(2πft). (2.2)
The power attenuation from Equation 2.1 then becomes:

∆P (t, x0, y0) = σextI(x0, y0 + δy sin(2πft)). (2.3)

Some insight about the process used to measure σext in practice can be gained by assuming
that the vibration amplitude is much smaller than the FWHM (δy ≪ dF W HM ). In that case
Equation 2.3 can be expressed, via a second-order development, as:

∆P (t, x0, y0) ≈ ∆P0(x0, y0) + ∆P |f (x0, y0) sin(2πft) + ∆P |2f (x0, y0) cos(4πft) + o
(
δ2

y

)
(2.4)

with 

∆P0(x0, y0) = σext

[
I(x0, y0) +

δ2
y

4
∂2I

∂y2(x0, y0)
]

∆P |f (x0, y0) = σextδy

∂I

∂y
(x0, y0)

∆P |2f (x0, y0) = −
1
4σextδ

2
y

∂2I

∂y2(x0, y0).

(2.5)

As a consequence, the modulated power ∆P (t) is a combination of constant and sinusoidal
terms that are all proportional to the extinction cross-section of the nanoparticle σext. The first
harmonic and second harmonic components, ∆P |f (x0, y0) and ∆P |2f (x0, y0), respectively, are
proportional to the first and second derivatives of the intensity profile of the light beam with
respect to the y coordinate (vibrational axis) and evaluated in (x0, y0).

In the general case, even without the previous δy ≪ dF W HM condition, the Fourier compo-
nents of the modulated power ∆P (t) (from Equation 2.3) detected by the lock-in amplifier in
our experiments at frequencies nf (n an integer) can be expressed as:

∆P |nf (x0, y0) =
2
T

σext
∫ T

2
− T

2
I (x0, y0 + δy sin (2πft)) sin(2πnft) dt n odd

∆P |nf (x0, y0) =
2
T

σext
∫ T

2
− T

2
I (x0, y0 + δy sin (2πft)) cos(2πnft) dt n even

(2.6)

with T = 1/f .
Similarly to Equation 2.5, all Fourier components are proportional to the extinction cross-

section σext of the nano-object. In practice, however, only the F = f (n = 1) or 2f (n = 2)
components are exploited as the n ≥ 3 harmonics present significantly lower amplitudes. The
associated Fourier components, deduced from Equation 2.6, write:

∆P |f (x0, y0) =
2
T

σext
∫ T

2
− T

2
I (x0, y0 + δy sin (2πft)) sin(2π(f)t) dt

∆P |2f (x0, y0) =
2
T

σext
∫ T

2
− T

2
I (x0, y0 + δy sin (2πft)) cos(2π(2f)t) dt.

(2.7)
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In SMS experiments performed in this work only the second harmonic was used (a theoretical
SMS image corresponding to the f component can however be found in Figure 2.6).

Experimentally, the Gaussian laser beam entering the focusing objective (top one in Figure
2.4) is diaphragmed by the entrance pupil of this objective. This quasi plane wave leads to an
intensity profile I(x, y) in the sample plane closer to an Airy distribution than to a Gaussian
one [70]. The associated intensity profile centered at (0,0) appearing in Equation 2.7 can thus
be written as:

I(r) = I0


2J1

(
1.62 ·

2r

dF W HM

)

1.62 ·
2r

dF W HM


2

, (2.8)

with J1 the Bessel function of the first kind of order one, r =
√

x2 + y2 the distance to the
center, and dF W HM the FWHM of the Airy profile. The power P0 of a light beam (incident
power) with such intensity profile can then be expressed as:

P0 =
x

I(x, y) dxdy, (2.9)

from which one can deduce the relation:

I0 ≈ 0.8316
P0

d2
F W HM

. (2.10)

In practice (see Figure 2.4), an avalanche photodiode (APD) is used to detect the power
transmitted through the sample Pd = P0 − ∆P . A lock-in amplifier, connected to it, is used
to demodulate the signal and retrieve the ∆P |F component. For small nanoparticles, for which
max(|∆P (t)|) ≪ P0, the assumption about the average power detected by the photodiode
< Pd >=< P0 − ∆P > ≈ P0 can therefore be done. Practically, a digital multimeter (DMM)
is also connected to the photodiode and allows to directly measure P0 in the presence of the
nanoparticle, for a small one, and in the absence of the nanoparticle for a larger one, as the
previous assumption is no longer valid.

Moreover, the photodiode used in practice is not perfect and is characterized by a frequency-
dependent gain G(F ) in its linear regime (which is the case in our experiments), typically
corresponding to the response of a low-frequency filter. More precisely, the F -component V |F
of a voltage output V of the photodiode can be linked to P |F , the F -component of the detected
power P , through:

V |F = G(F )P |F (2.11)
with G(F ) the gain of the photodiode at frequency F in its linear regime. We also define the
normalized gain of the photodiode as:

g(F ) = G(F )
G(0) . (2.12)

The voltage ∆V |F measured by the photodiode (Figure 2.4) depends not only on the optical
properties of the investigated nanoparticle, but also on the laser intensity and on the detector
characteristics. An experimental quantity (refered to as "SMS signal" in the following) indepen-
dent of the two latter characteristics can be defined as:

SMS signal = ∆V |F
V0|F

(2.13)
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• ∆V |F the Fourier component extracted by a lock-in amplifier at operating frequency
F (= 2f in the experiments reported here) originating from the demodulation of the
voltage signal of the photodiode linked to the detected power Pd (the modulation being
generated by the piezoelectric actuator with a sinusoidal oscillation of the position of the
nanoparticle). This quantity is proportional to σext, the sought optical property of the
studied nanoparticle.

• V0|F the F -component of the voltage signal obtained using the same acquisition chain when
modulating the incident power P0 with a mechanical chopper at operating frequency F

(yielding square power oscillations).

This choice of convention:

• Guarantees a quantity that is independent from the intensity of the incident light beam
(provided the photodiode is used in its linear range).

• Allows to get rid of the spectral response of the photodiode at operating frequency F (see
G(F ) frequency-dependent gain in Equation 2.11).

The normalized quantity in Equation 2.13 can be written as:

∆V |F
V0|F

= ∆P |F
P0|F

= π

2
∆P |F

P0
(2.14)

where the π/2 factor takes into account the temporal square shape of the modulated power P0(t)
from which is extracted P0|F (of which definition is similar to the one of V0|F ).
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Figure 2.5 – Continuous and fundamental sinusoidal Fourier components of a
square signal. A square signal oscillating between 0 and 1 with an arbitrary frequency
is plotted (blue line). Its mean value is represented (dashed orange line) as well as its
first Fourier component, a pure sinusoid with a 4

π
amplitude (red line).
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Indeed, as shown in Figure 2.5 (with normalized amplitude), the modulation of P0 via a
square signal using a mechanical chopper produces a P0(t) signal (blue signal) composed of a
constant part of amplitude P0

2 (dashed orange line) and of a zero-mean square wave component
that oscillates between −P0

2 and P0
2 (red line). The fundamental Fourier component of a square

signal oscillating between 0 and P0 has a 2
π P0 amplitude (Figure 2.5). As a consequence, P0 and

P0|F can be linked via:
P0|F = 2

π
· P0, (2.15)

justifying the corresponding factor in Equation 2.14.
Using Equations 2.7, 2.10, and 2.14, one can express the SMS signals at F = f and F = 2f :

∆V |f
V0|f

= σext

0.8316π

d2
F W HM

1
T

∫ T
2

− T
2

I (x0, y0 + δy sin (2πft))
I0

sin(2π(f)t) dt

∆V |2f

V0|2f
= σext

0.8316π

d2
F W HM

1
T

∫ T
2

− T
2

I (x0, y0 + δy sin (2πft))
I0

cos(2π(2f)t) dt

(2.16)

A practical drawback of the ∆V |F
V0|F ratio appearing in Equations 2.13, 2.14 and 2.16 is that its

measurement requires frequent mounting/unmounting of a chopper on the path of the incident
light. To avoid this, the denominator V0|F can be deduced from a measurement via a DMM
of the continuous voltage signal V0,DMM associated to the unmodulated power P0 (Figure 2.4).
This however requires to take into account the frequency-dependent gain of the photodiode
(Equation 2.11) and the effect of different measurement devices (DMM vs LIA).

To do this a calibration protocol is effectuated. A photodiode shined in direct transmission
with a light beam is considered. In this context, P0, the average power of the incident light
beam, corresponds to a continuous voltage signal read on the DMM, V0,DMM . Then a mechanical
chopper at the operating frequency F is placed in the light beam, producing a modulated voltage
signal V0(t), which is a square wave oscillating between 0 and V0,DMM . After that the lock-in
amplifier is used to extract the first harmonic of the modulated signal V0(t) at frequency F ,
V0|F .

First, the demodulation process leads to a 2
π factor, identically to what was explained in

Equation 2.14. Secondly, the lock-in amplifier gives Root Mean Square (RMS) values leading
to an additional 1√

2 factor. Finally, as the photodiode is submitted to a modulated signal, its
normalized gain at frequency F , g(F ), must be taken into account. Thanks to these steps one
can define the αSMS coefficient:

αSMS = V0,DMM

V0|F
= π√

2
1

g(F ) (2.17)

The SMS signal ∆V |F
V0|F (Equations 2.13 and 2.16) can thus be linked to the experimentally

measured quantity ∆V |F
V0,DMM

through:

∆V |F
V0|F

= αSMS
∆V |F

V0,DMM
(2.18)

In the case of an ideal photodiode (with g(F ) = 1) as well as a perfect chopper with a 50%
duty cycle and a small incident beam, the theoretical value of the α coefficient would be:

αSMS−th = π√
2

≈ 2.22. (2.19)
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In practice, the modulation of the incident beam by the mechanical chopper does not lead
to a perfect square temporal profile and the spectral response of the photodiode is not perfectly
flat either, leading to αSMS values differing from that of Equation 2.19. The experimental value
of the αSMS coefficient is obtained via the measurement of the two quantities involved in its
definition (see Equation 2.17). A laser beam of power P0 is shined on the photodiode, leading to
the evaluation of V0,DMM via the DMM. Then a chopper at frequency F is placed on the beam
path and the lock-in amplifier is used to extract the first Fourier component of the modulated
signal at frequency F , V0|F . The ratio of these two quantities gives access to the experimental
value of αSMS .

In the experimental conditions of most of my experiments (including the use of an avalanche
fast photodiode), an αSMS value very close to the theoretical one was achieved: αSMS−exp =
2.24. In contrast, previous measurements performed in the group using standard photodiodes
with less performant spectral responses involved much higher αSMS values (of the order of 5).

Thus, an initial calibration of the αSMS coefficient allows to convert the experimentally
measured quantity ∆V |F

V0,DMM
into the SMS signal ∆V |F

V0|F , which will be the only quantity used in
the following.
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Figure 2.6 – Theoretical SMS signal of a small nano-object for a demodulation
at a) F = f or b) 2f as a function of the position of the nanoparticle (x0, y0).

2D maps of the ∆V |2f (x0,y0)
V0|2f

and ∆V |f (x0,y0)
V0|f quantities can be computed using the expressions

in Equation 2.16. They are plotted in Figures 2.6a and 2.6b using the previously defined Airy
profile, centered at (0, 0), as a function of the average position of the nanoparticle (x0, y0). These
images correspond to the theoretical SMS signal for a single punctual nanoparticle obtained
through the spatial scanning of the surface of the sample. For this computation the values
used for the spatial modulation and FWHM of the light beam were similar to the experimental
values (δy = 300 nm and dF W HM = 430 nm). In Figure 2.6a, the SMS signal at frequency f

presents two identical lobes along the y axis (direction of modulation) with opposite signs. In
contrast, the signal at 2f is characterized by a central peak with maximum amplitude and two
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lower negative lobes on each side of it. The position of the nanoparticle coincides with a signal
maximum in this case, in contrast with a vanishing at f , making the demodulation at 2f the
most pratical one and thus the chosen configuration in our experiments.

In order to link the SMS signal ∆V |F
V0|F to the extinction cross-section of the nano-object σext,

a response function R(F, δy, dF W HM , x0, y0) is defined as:

∆V |F
V0|F

= σext ∗ R(F, δy, dF W HM ). (2.20)

Its expression depends on the operating frequency F , the amplitude of the spatial modulation
δy, the FWHM of the light beam dF W HM , and the position of the nanoparticle relatively to the
beam (x0, y0).

For spectroscopy purposes, the proportionality coefficient R(F, δy, dF W HM ) between the SMS
signal ∆V |F

V0|F measured for a laser beam centered on the investigated nanoparticle ((x0, y0) =
(0, 0)) and the extinction cross-section σext of this nanoparticle must be known. According to
Equation 2.16, this coefficient writes, for F = 2f (the only configuration used in our spectroscopy
measurements):

R(2f, δy, dF W HM ) =
0.8316π

d2
F W HM

1
T

∫ T
2

− T
2

I (0, δy sin (2πft))
I0

cos(2π(2f)t) dt (2.21)

The integral can also be written, using the Mathematica software, as:

1
T

∫ T
2

− T
2

I (0, δy sin (2πft))
I0

cos(2π(2f)t) dt =[
2F 3

(
0.5, 1.5; 1, 2, 3; −10.45

δ2
y

d2
F W HM

)
− 2F 3

(
1.5, 1.5; 2, 2, 3; −10.45

δ2
y

d2
F W HM

)]
, (2.22)

where pF q(a1, ..., ap; b1, ..., bq; z) are the generalized hypergeometric functions [71], leading to
an analytical expression of the response function:

R(2f, δy, dF W HM ) =
0.8316π

d2
F W HM

[
2F 3

(
0.5, 1.5; 1, 2, 3; −10.45

δ2
y

d2
F W HM

)
− 2F 3

(
1.5, 1.5; 2, 2, 3; −10.45

δ2
y

d2
F W HM

)]
.

(2.23)

As a side note, in the case of a Gaussian profile, whose intensity profile can be written as:

IGaussian(r) = I0 exp
(

−2r2

w2

)
, (2.24)

with I0 = 2P0
πw2 and w the Gaussian width, linked to its Full Width at Half-Maximum dF W HM

through w = dF W HM /
√

2 ln 2, the corresponding response function can be analytically computed
and is expressed as:

RGaussian(2f, δy, dF W HM ) = 4 ln 2
d2

F W HM

J1

(
2 ln 2

δ2
y

d2
F W HM

)
exp

(
−2 ln 2

δ2
y

d2
F W HM

)
. (2.25)

The next section will illustrate, via Figure 2.9, the minor differences in the response functions
resulting from the precise light beam profile.
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2.2. Linear and ultrafast single-particle optical spectroscopy techniques

Figure 2.7 – Schematic of the experimental configuration of the light sources
used for SMS measurements. In SMS configuration, movable mirrors allow to select
one of the three available light sources.

2.2.2.2 Experimental setup and calibration

The SMS experimental setup used in this work consists of a manual XY stage allowing to
position the sample, a solid substrate on which the nano-objects are present, in the horizontal
(x, y) plane. This coarse motion is complemented by a XY piezoelectric stage with a 100×100
µm2 window range and 0.3 nm spatial resolution. A piezoelectric actuator is used to produce
the spatial modulation of the sample in the y direction with tunable amplitude and frequency
(typically f = 1.5 kHz and δy ≈ 300 nm in our experiments). In order to guarantee a selective
illumination of a single nanoparticle by a strongly focused laser beam a ≥ 2 µm minimal distance
from other nano-objects is necessary. A laser beam, with wavelength in the 375-1040 nm range
and produced by one of the three aforementioned sources (see Section 2.2.1 and Figure 2.7), is
focused on the surface of the sample using a 100X apochromatic infinity-corrected objective of
numerical aperture N.A. = 0.95. The incident beam is also enlarged by a telescope before the
objective to obtain a quasi plane wave at the entrance pupil of the objective. In this configuration
the intensity profile in the focal plane is an Airy profile with a FWHM dF W HM close to the
theoretical diffraction limit, which corresponds to:

dF W HM = 0.515 λ

N.A.
≈ 0.55λ, (2.26)

with λ the wavelength of the light beam. Additionally, another piezoelectric actuator mounted
on the focusing objective allows to precisely set the vertical position (z axis) of the focal plane
of the incident beam.

After transmission through the sample the laser beam is collected by a second objective
with 100X magnification and numerical aperture N.A.′ = 0.75 smaller than N.A.. Finally, the
collected light is sent to an avalanche photodiode and the measured signal is demodulated by a
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lock-in amplifier at frequency F = 2f while its average value is measured by a digital multimeter
(see Figure 2.4). These signals are then sent to a computer to gives access to the instantaneous
value of

∣∣∣ ∆V |2f

V0,DMM

∣∣∣, which is converted into
∣∣∣∆V |2f

V0|F

∣∣∣ via the αSMS coefficient and Equation 2.18
before being saved in data files.

The detection of single nanoparticles is achieved through a combination of the scanning of
the sample of the surface using the XY piezoelectric stage and preliminary identification via mi-
croscopy images (Scanning or Tunneling Electronic Microscopy). An example of an experimental
SMS 2D map, obtained for a single gold nanodisk, can be seen in Figure 2.8a.

83.2 83.4 83.6 83.8 84.0 84.2

x0 ( m)

28.6

28.8

29.0

29.2

29.4

29.6

y
0

(
m

)

a) Exp

83.2 83.4 83.6 83.8 84.0 84.2

x0 ( m)

28.6

28.8

29.0

29.2

29.4

29.6

y
0

(
m

)
b) Fit

0.000

0.005

0.010

0.015

0.020

0.025

V|2f
V0|2f

Figure 2.8 – Fit of the 2D SMS scan of a nanoparticle. a) Experimental SMS
scan of a single gold nanodisk with a diameter D ≈ 100 nm and height h ≈ 10 nm for a
laser beam with a λ = 410 nm wavelength. b) Fit of experimental scan a) through the
numerical evaluation of ∆V |2f

V0|2f
(x0, y0) from Equation 2.16 with a fixed δy = 300 nm value

and dF W HM left as a free parameter (leading to a fitted value dF W HM = 280 nm). Both
images share the same color code.

Once a single nano-object is localized its extinction cross-section for a given wavelength and
polarization (controlled through the use of a wire-grid polarizer allowing to tune the direction of
linear polarization of the light beam) can be obtained by measuring the value of the SMS signal
with the nanoparticle at the center of the beam, ∆V |2f

V0|2f
(0, 0), and converting the measured signal

into σext using the response function R(2f, δy, dF W HM ) (the calibration of which is described
below). The extinction cross-section of the nanoparticle is thus obtained via

σext =

∆V |2f

V0|2f
(0, 0)

R(2f, δy, dF W HM ), (2.27)

allowing to perform experimental measurements of the extinction spectra of single nanoparticles
(polarization-dependent extinction spectra of single nanodisks will be presented in the next
chapter).
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2.2. Linear and ultrafast single-particle optical spectroscopy techniques

The expression for the experimental response function in Equation 2.27 depends on two
parameters : the amplitude of the spatial modulation δy and the FWHM of the laser beam in
the plane of the nanoparticle dF W HM .

In order to determine them, SMS images of a small nano-object were acquired with different
wavelengths. These 2D maps were then fitted using the theoretical expression of the SMS signal
∆V |F
V0|F (see Equation 2.16) with δy and dF W HM left as free parameters. In this context the

FWHM dF W HM depends linearly on the wavelength through a coefficient

c = dF W HM

λ
(2.28)

(see Equation 2.26), while δy is a constant and was thus chosen to be a shared parameter
between all fits. This calibration lead to δy = 300 nm and cT i:Sa = 0.66. Distinct values
of the last coefficient were obtained for the two other light sources used in the experiments:
cOP O = 0.70 and cBBO = 0.75. These are relatively close to the diffraction limit one, cth = 0.55,
except for the blue range where optical aberrations begin to have a significant impact on the
light beam. Additionally, fits of SMS images of a small nanoparticle were regularly performed at
different wavelengths with a fixed δy = 300 nm (operating with a fixed piezoelectric voltage of
0.4 V and at modulation frequency f = 1.5 kHz) and dF W HM left as a free parameter in order
to take into account changes of the c coefficient linked to a modification of the light beam (e.g.
by new lenses or different positioning of current lenses). An example of such fit is represented
in Figure 2.8.
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Figure 2.9 – Response function R at operating frequency F = 2f dependence
on a) the amplitude of spatial modulation δy (for λ = 500 nm and dF W HM =
330 nm) and b) on the wavelength of the laser beam λ for a Gaussian (blue
line) and an Airy (red line) beam profile. The two curves were plotted using the
experimental proportionality factor between FWHM and wavelength, c = 0.66 (only the
factor for the Ti:Sapphire light source was used for simplicity). b) δy = 300 nm was used
for this plot.

Figure 2.9a shows the response function R(2f, δy, dF W HM ) computed as a function of the
amplitude of the spatial modulation δy at λ = 500 nm (and using cT i:Sa = 0.66) for a Gaussian
and an Airy beam profile. It presents a maximum around δy ≈ dF W HM that consequently
depends on the wavelength. The δy = 300 nm value used in all experiments corresponds to
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an optimum of the response function for λ = 500 nm but it provides good signal values for all
the used wavelength range. Moreover, the response function R is plotted as a function of λ

for Gaussian and Airy profiles in Figure 2.9b. It presents a decreasing behavior at increasing
wavelengths : as the raw SMS signal must be divided by this function in order to obtain the
extinction cross-section σext (see Equation 2.27), this means that SMS is more sensitive to the
extinction cross-section at shorter wavelengths, which is related to the smaller sizes of focused
light beam in this range.

The uncertainty about the determination of the response function R, combined with the
one coming from experimental measurements, lead to an estimated 10% uncertainty on the
measured extinction cross-section σext values. However, this uncertainty has a weak impact on
the positions and widths of the LSPR of nanoparticles, as it similarly affects measurements at
different wavelengths.

2.2.3 Single particle ultrafast time-resolved pump-probe spec-
troscopy

2.2.3.1 Principle

Pump

Probe

𝑡

𝑡

Figure 2.10 – Principle of single-particle time-resolved spectroscopy (pump-
probe technique). Two strongly focused and spatially superimposed but temporally
shifted pulsed laser beams are used. First, a pump pulse (in blue) excites the nanoparticle.
Then a probe pulse (in red), whose temporal delay is controlled by a mechanical delay
line, allows to monitor the relaxation processes induced by the initial excitation by the
pump through the measurement of the variations of transmission of the second beam.

Figure 2.10 presents the general principle of a pump-probe experiment in a transmission
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2.2. Linear and ultrafast single-particle optical spectroscopy techniques

and single-particle configuration [9, 10]. In such single-particle time-resolved experiment two
femtosecond laser beams are strongly focused and spatially superimposed on a single nano-
object. A first light pulse, the pump pulse, excites the nanoparticle and induces different ultrafast
relaxation mechanisms (see Chapter 1 Section 1.2.3) which produce temporal variations of the
extinction cross-section of the nano-object. Then a second pulse, the probe pulse, reaches it after
a controllable time delay t and allows to probe the state of the system at instant t after the initial
excitation. The study of the pump-induced variations of probe pulse transmission, which are
linked to the temporal extinction cross-section changes ∆σext(t), can thus provide information
on the electronic, vibrational and thermal relaxation dynamics occurring in the system.

2.2.3.2 Experimental configuration

The setup used in our pump-probe experiments corresponds to a two-color pump-probe spec-
troscopy configuration (see Figure 2.11). The pump and probe beams were femtosecond pulsed
lasers beams with the same repetition rate and of different wavelengths, λpp and λpr, respec-
tively, and generated via the light sources described in Section 2.2.1. In particular, the output
pulse train from the Ti:Sapphire oscillator was used to generate both the pump and probe beams
by splitting it in two parts. In my thesis experiments on single gold nanodisks the first one was
frequency-doubled using second harmonic generation (in a BBO crystal) to produce the pump
beam (λpp = 375 − 520 nm). This spectral range is in the domain of gold interband absorption,
and thus allowing nanodisk excitation. The second part of the Ti:Sapphire light beam was ei-
ther left unaltered (λpr = 690 − 1040 nm) or converted into the OPO beam (λpr = 500 − 750
nm) to produce the probe beam (allowing to probe nanodisks at wavelengths in the spectral
domain of their LSPRs). The pump and probe beams were then injected in the same objectives
as in the SMS experiments, and strongly focused on a single nanoparticle. SMS was used to
achieve superposition of both beams on the nano-object and position it in the center of the
focal spots (see next section for the detailed procedure). An edgepass filter was used to only
select the transmitted probe beam, allowing it to reach the avalanche photodiode. A motorized
linear translation stage was used to modify the length of the optical path of the probe beam
and allowed to control the time delay t between the pump and probe pulses.

The experimentally measured quantity is the probe relative transmission change, ∆T r
T r (t), as

a function of the time-delay t between the excitation of the nano-object by the pump pulse and
the probing by the second pulse. This allows to quantitatively determine the temporal variations
of the extinction cross-section of the nanoparticle, ∆σext(λpr, t), through:

∆Tr

Tr
(t) = −∆σext(λpr, t)

Spr
, (2.29)

with

Spr = π
d2

F W HM,pr

4 ln 2 (2.30)

the equivalent area of the probe beam (defined as Spr = P0,pr/I0,pr) for a Gaussian beam with
FWHM dF W HM [9]. In order to detect these variations with a sufficient sensitivity the pump
beam was modulated at fchopper = 30 kHz using a mechanical chopper placed in the beam path
(see Figure 2.11). The temporal variations of the transmitted probe beam, ∆Tr induced by
the modulated pump beam and detected by the avalanche photodiode, were demodulated at
frequency fchopper by the lock-in amplifier.
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Similarly to the SMS technique, the two quantities composing the left side of equation 2.29
must be acquired through the same acquisition chain to avoid a dependence on illumination
and detection parameters, e.g. by demodulation through the lock-in amplifier at frequency
fchopper = 30 kHz. The normalized transmission changes ∆T r

T r can then be expressed as:

∆Tr

Tr
=

∆V |fchopper

V0|fchopper

= αP P

∆V |fchopper

V0,DMM
(2.31)

with the αP P coefficient being defined as

αP P = V0,DMM

V0|fchopper

= π√
2

1
g(fchopper) , (2.32)

an expression identical to the SMS case (Equation 2.17) and resulting from the same analysis.
Its theoretical value (for ideal photodiode and chopper) is αP P −th = 2.22 (same as in the

SMS case, see Equation 2.19). To determine its experimental value, one must measure the
voltage output of the DMM for a probe beam without any modulation and divide it by the
Fourier component at frequency fchopper extracted by the lock-in amplifier from the probe beam
modulated by a chopper at fchopper. In practice, an αP P −exp = 2.55 value was obtained (the
higher value, as compared to αSMS−exp = 2.22 (Equation 2.19) , can be ascribed to the higher
operating frequency in time-resolved measurements, fchopper = 30 kHz, as compared to the one
used in SMS, F = 2f = 3 kHz), leading to a decreased g(f) value in Equation 2.32.

Figure 2.11 – Schematic of the experimental configuration used in pump-probe
measurements and the three light sources available. In the measurements de-
scribed in this manuscript the pump beam was the frequency-doubled output of the
Ti:Sapphire oscillator (wavelength in 375-520 nm range), while the probe beam was ei-
ther provided by the Ti:Sapphire laser (690-1040 nm) or generated by the OPO (500-750
nm).

2.2.3.3 Procedure for signal acquisition

In order to realize the sought time-resolved measurements on a single nano-object a precise
procedure was followed. First, an initial alignment of the pump and probe beams was performed
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in order to have them roughly aligned on the surface of the sample, close to the nanoparticle.
The nanoparticle was placed at the center of the pump beam by optimizing the SMS signal
with the XY piezo stage (the probe beam being blocked). Next, the transmitted light beam
was switched from the pump beam to the probe beam. The final alignment of the probe beam
onto the nanoparticle was achieved through the use of the micrometric adjustment screws of
two injection mirrors controlling the beam angle and position. This allowed to optimize the
associated SMS signal while also verifying the correct injection of the probe beam using its
back-reflection on the sample, which was detected by a CCD camera. Thanks to these steps the
axial superposition and centering on the nanoparticle of the two laser beams was achieved.

However, note that chromatic aberrations induced by the objective lead to focal planes that
did not necessarily coincide. The x and y positions being already constrained, the vertical posi-
tion z of the objective was set by maximizing the pump-probe signal, which usually corresponded
to an intermediate position of the nano-object between the focal planes of the two beams. In-
stability of the XY piezo stage leads to a gradual shift of the position of the sample, which was
corrected by frequent realignments. Fluctuations of air density along laser paths induced by the
air conditioning system was also prevented by opaque tubes and plates protecting the beams.

Long-delay time-resolved signals were typically acquired with a 1 to 4 ps time step and a
100 ms lock-in time constant. The available time delay t window between the pump and probe
beam was set by the length of the translation stage (15 cm) combined with multiples passes
in the stage (3 round trips), leading to a 3 ns total time window. The repartition of the data
points before and after temporal superposition of the pump and probe beams, corresponding to
t = 0, was not symetrical : in particular, there was a ∼ 100 ps window at negative time-delays
for a Ti:Sapphire probe beam, and ∼ 300 ps window in the case of an OPO probe beam. Signals
were averaged over multiple measurements in order to increase the signal-to-noise ratio (S/N).
This ratio, which scales as

√
n, with n the number of individual measurements, was optimized

by the acquisition of n = 3 to 50 traces, depending on the signal amplitude. Finally, pump and
probe beam powers have a different impact on the signal level. In particular, the relative probe
beam transmission ∆T r

T r (t) is independent from the probe power : as a consequence, the latter
was tuned in a range ensuring that the measured voltages fell within the range of the linear
regime of the avalanche photodiode. In contrast, the amplitude of the signal (after internal
thermalization of the nanoparticle) is roughly proportional to the pump power : thus, the pump
fluences used in experiments resulted from a compromise between an optimization of the signal
and moderate increase of the temperature of the nano-object (≤ 20 K), as higher temperature
rises were previously seen to be associated with irreversible modifications of the nano-object’s
optical properties [25].

2.2.3.4 Signal processing

As shown in Chapter 1 Section 1.2.3, the typical raw pump-probe signal exhibits an initial peak
linked to the excitation and internal thermalization of the nanoparticle, oscillations associated
to its acoustic vibrations and a decay at longer time scales related to the thermal cooling of the
nanoparticle. An example of such signal is shown in Figure 2.12a.

The initial peak is taken as origin for the time axis as it roughly corresponds to a situation
where the pump and probe pulses are synchronized and reach the nano-object at the same
instant. As the initial peak won’t be analyzed in this work, only the signal for long time delay
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Figure 2.12 – Fitting of experimental time-resolved signals and conversion
to variations of extinction cross-section of the nano-object ∆σext(t). a) Raw
transient variations of the transmission change ∆T r

T r
(t) for a single gold nanodisk, with

diameter D ≈ 100 nm and h ≈ 10 nm, supported on a 40 nm thick SiO2 membrane,
measured with λpp = 385 nm and λpr = 770 nm pump and probe wavelengths (black
line). The red line corresponds to a fit of the raw signal after t = 4 ps (e.g. after the
nanodisk internal thermalization) with the function defined in Equation 2.33, with in this
case Nth = 2 and Nvib = 1. b) Raw signal from a) to which the oscillatory part of the
total fit was subtracted, thus extracting the thermal part (black), and its biexponential
fit (red) c) Raw signal from a) to which the two decaying exponentials of the total fit
were subtracted, leading to the isolation of the contribution of the acoustic vibrations
(black), and its fit by a damped sinusoid with period ≈ 48 ps and damping time ≈ 203
ps (red). d) Temporal variations of extinction cross-section ∆σext computed from the raw
transmission changes ∆T r

T r
(t) via Equation 2.29).

t ≥ 5-20 ps (e.g. after complete internal thermalization of the nano-object) will be considered in
the following. This signal is fitted by the sum of 2-4 exponential decays, linked to the thermal
cooling of the nano-object, and 0-2 damped sinusoids, each associated to the contribution of a
different vibrational mode. The total fit function is thus expressed as:

ffit(t) = ffit−th(t) + ffit−vib(t) =
Nth∑
i=1

Aie
−t/τ th

i +
Nvib∑
j=1

Bje−t/τvib
j sin

(
2π

Tj
t + ϕj

)
(2.33)

with Ai and Bj , τ th
i and τvib

j the thermal and vibrational amplitudes and time constants, re-
spectively, Tj and ϕj the period and the phase of the vibrational modes. The multi-exponential
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expression used to reproduce the thermal component is not associated to a physical model (a
numerical modeling of these dynamics will be presented in Chapter 3) and was only used here
as it allows a good reproduction of experimental signals (provided Nth is sufficiently high), thus
enabling the separation of its thermal and acoustic components, which will be extensively an-
alyzed in Chapters 3, 4 (thermal component), and 5 (vibrational component). The amplitudes
(Ai and Bj) deduced from the fitting procedures are strongly dependent on probe wavelength,
as discussed in Chapters 4 and 5. In contrast, the periods (Tj , typically of the order of 40 ps
in my experiments) and damping times (τj , typically in the 100-500 ps range) of vibrational
modes are intrinsic characteristics of these modes, and do not display a dependence on probe
wavelength.

The thermal component composing the raw time-resolved signal is obtained by subtracting
from it the damped sinusoids defined in the total fit function ffit(t). Similarly, the vibrational
component, which may be composed of several acoustic modes, is extracted by subtracting to
the raw pump-probe signal the sum of the decaying exponentials. The total fit as well as the
extracted thermal and vibrational components are illustrated in Figure 2.12 in the case of a
raw time-resolved signal obtained for a single gold nanodisk deposited on a 40 nm thick SiO2
membrane.

The measured relative transmission changes ∆T r
T r (t) can be converted in transient extinction

changes ∆σext(t) (Equation 2.29), as shown in Figure 2.12d for the total signal.

2.2.3.5 Characterization of pump and probe beams

A quantity that will be relevant for the results presented in Chapter 3, 4, and 5 is the initial heat-
ing of the nanoparticle induced by a pump pulse. It depends on the pump beam characteristics,
that needs to determined, as well as the physical properties of the studied nano-object.

The first quantity needed is the average power of the pump beam Ppp seen by the nanopar-
ticle: as the values used in the experiments were quite low, it was measured via a powermeter
placed right before the focusing objective. Ideally, the powermeter should have been placed
between the two objectives (to measure the power on the sample) but it could not be done due
to, first, the size of the powermeter and of the sample-holder and, secondly, the transmission
coefficient of the focusing objective cobj (determined at higher powers without any sample) that
greatly reduces the already low power. The transmission coefficient of the focusing objective was
experimentally measured in the 390-450nm range and varied from 0.3 to 0.7. This attenuation
can be explained by a size of the pump spot larger than the entrance pupil of the top objective,
as needed for an optimal light focusing.

Practically, the average power of the pump was measured thanks to the powermeter in
the presence of the mechanical chopper (at a frequency fchopper = 30 kHz) present on the pump
path (to avoid frequent mounting/unmounting of the chopper required for time-resolved studies).
One must be careful about the power that the studied nanoparticle is actually submitted to.
The measured dynamics occur in the range of picoseconds to nanoseconds while the temporal
modulation accomplished through the chopper occurs every 1/fchopper = 33 ms : as a result the
power seen by the nanoparticle corresponds to a pump beam not impacted by the chopper. The
associated coefficient linking the effect of the chopper at the frequency fchopper = 30 kHz on the
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pump power can thus be defined as:

cchopper = Pno−chopper

Pchopper
(2.34)

where Pno−chopper and Pchopper are the powers measured with a powermeter right before the top
objective respectively without and with the mechanical chopper. An ideal chopper should block
the pump beam half of the time and lead to cchopper−th = 2 but in practice the chopper is not
ideal and the experimental value of cchopper, obtained by comparing the powers measured by the
powermeter with and without the chopper in the beam path (as in Equation 2.34), is found to
be around 2.55.

Thus, the pump power seen by the nanoparticle can be written as:

Ppp = Pchoppercchoppercobj . (2.35)

Another important characteristic of the pump beam is its area Spp in the XY plane: as seen in
section 2.2.2 the SMS technique provides 2D maps of the studied nanoparticle that contains the
characteristics of the laser beam shining the nano-object. In particular these maps give access
to the Full Width at Half-Maximum (FWHM) dpp of the beam : its equivalent area (defined as
Spp = Ppp/I0,pp) can then be calculated (for a Gaussian beam) through

Spp =
πd2

pp

4ln2 . (2.36)

SMS maps with the pump beam were acquired alongside time-resolved measurements in order
to have a measurement of the pump area for each configuration. As a reminder, the probe
area was also necessary to convert the raw measurements into the variations of the extinction
cross-section of the nano-object, using the previous formula ∆T r

T r = −∆σext(λpr)
Spr

, and was also
systematically deduced from SMS maps using 2.36.

The fluence of the pump beam Fpp, corresponding to the optical energy delivered per unit
area of a single pulse, can then be deduced from the previous quantities via

Fpp = TrepPpp

Spp
(2.37)

with Trep = 1/frep = 1/(80 MHz) = 12.5 ns the repetition period of the pulsed laser. The
volumetric density of energy absorbed by the nanoparticle uabs can then be estimated thanks to

uabs = σabs(λpp)Fpp

V
(2.38)

where σabs(λpp) is the absorption cross-section of the nano-object at the pump wavelength, Fpp

the fluence previously calculated and V the volume of the nanoparticle. σabs(λpp) and V are
deduced from optical simulations leading to a good reproduction of SMS-measured extinction
spectra. Moreover, uabs can be linked to the initial heating of the nanoparticle (after internal
thermalization) ∆T0 through uabs = cAu(Tf − T0) = cAu∆T0 with cAu = 2.5 J cm−3 K−1

the volumetric heat capacity of bulk gold and Tf the excitation temperature of the internally
thermalized nanoparticle (after internal electron-lattice relaxation). Combining Equations 2.37
and 2.38, one can estimate the initial temperature increase of the nanoparticle following the
excitation by a pump pulse by

∆T0 = σabs(λpp)TrepPpp

cAuV Spp
. (2.39)

In the experiments, the fluence Fpp was of the order of a few J m−2 and the initial heating of
the nanodisk of the order of 10-20 K.
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2.3 Optical and thermal modeling
In this work, the experimental study of nanoparticles, specifically single gold nanodisks sup-
ported by a solid transparent substrate, was completed by the computation by Finite-Element
Method (FEM) of both the optical response of a single nanodisk and the thermal dynamics
induced by its pulsed excitation. This work was developed in our group by Aurélien Crut based
on a commercial software (COMSOL).

FEM is based on approximating the exact solution of a problem involving partial differential
equations within a finite-dimensional vector space. The approximate solution is expressed as a
combination of basis functions defined over finite elements, which are small, discrete subdomains
of the problem’s domain. The coefficients of these basis functions are determined by solving a
finite system of linear equations derived from the problem’s governing equations and boundary
conditions.

2.3.1 FEM optical modeling
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Figure 2.13 – 2D view of the geometry used in the optical FEM calculations.
a) Single gold nanodisk with half-space substrate under it, with a radius Rsub, and air on
top. b) Single gold nanodisk supported by a membrane of thickness hm and surrounded by
air both under and on top of it. In both cases the gold nanodisk is modeled as a cylinder
characterized by a diameter D and thickness h. A perfectly-matched layer (PML), of
internal radius R1 and external radius R2, is placed at the border of the simulation
domain.
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In optical simulations, FEM is used to compute the electromagnetic field in and around the
investigated nanoparticle. In this context the following steps are required prior to the calculation:

1. Definition of the geometry (and building of a mesh by the software).

2. Definition of the optical properties (dielectric function in particular) in all the specific
geometry domains.

3. Definition of the incident electromagnetic wave.

4. Definition of the boundary conditions.

The procedure followed by the program is then to solve Maxwell’s equations in space with
the indicated boundary conditions. This calculation is performed successively for multiple wave-
lengths of the incident light. In the context of optical FEM one must be careful about the
definition of the mesh, as the finite elements need to be small enough. Mesh elements must
be significantly smaller than wavelength in homogeneous regions. The mesh must also allow to
accurately describe the rapid changes of the electromagnetic fields occurring around the sharp
features of the geometry.

The geometry used in simulations consisted in two versions corresponding to the two cate-
gories of situations encountered in the experimental measurements:

• a single gold nanodisk surrounded by air and substrate half-spaces, shown in Figure 2.13a

• a single gold nanodisk supported by a membrane of thickness hm and air above and below
it, shown in Figure 2.13b.

In both cases the gold nanodisk was modelized as a perfect cylinder with a diameter D and height
h and a Perfectly Matched Layer (PML) enclosing the simulation domain (typically with an
interior radius R1 = 300 nm and external radius R2 = 400 nm) was used to avoid spurious effects
associated to the reflection of electromagnetic waves at the border of the simulation domain.
The material composing the substrate was alternatively sapphire, SiO2 or Si3N4 depending on
the investigated sample (see next chapter). A refractive index of 1 was used for the air, while
the ones used for the different substrates can be found in Table 2.1.

Material nm

SiO2 1.45
Si3N4 2.02

Sapphire Al2O3 1.33

Table 2.1 – Refractive indices at room temperature of the materials composing
the substrates used in experiments.

As discussed in Chapter 1 Section 1.1.2, the dielectric function ϵ = ϵ1 + iϵ2 of bulk gold
in the visible/near-infrared range can be written as the sum of interband (ib) and intraband
(Drude-like) components as [1, 7, 72]

ϵ(ω) = ϵib(ω) + ϵD(ω) − 1 = ϵib(ω) −
ω2

p

ω(ω + iγ) , (2.40)
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2.3. Optical and thermal modeling

with ωp the plasma frequency and γ the optical scattering rate of the conduction electrons (ℏωp

= 9.01 eV and ℏγ ≈ 70 meV for bulk gold). In this work, we used bulk ωp and ϵib values (the
latter being deduced from Johnson and Christy tables [17]) and ℏγ values larger (typically by
≈ 100 meV) than the bulk gold value, as required to reproduce the Surface Plasmon Resonance
widths measured on single nano-objects. This corresponds to taking into account additional
non-radiative plasmon damping mechanisms in metal nano-objects as compared to the bulk
metal case [73–76].
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Figure 2.14 – Absorption, scattered, and extinction cross-sections spectra com-
puted for a single gold nanodisk supported on a 15 nm thick Si3N4 membrane.
A gold nanodisk with a diameter D = 96.2 nm and height h = 10.8 nm is considered.
A 87 meV broadening of ℏγ as compared to its bulk value (see Equation 2.40) was used.
Three quantities are represented : the absorption cross-section σabs (dashed black line),
scattered cross-section σscat (dotted red line), and extinction cross-section σext (full blue
line). The Surface Plasmon Resonance is located around 790 nm.

Nanodisk illumination by a linearly polarized plane wave E⃗0 arriving with normal incidence
was considered. As presented in Chapter 1 Section 1.2.1, the total electric field E⃗tot considered
in the simulation domain is the sum of the incident field E⃗0, defined by the user and solution of
Maxwell’s equations in the absence of the nanodisk, and of the field scattered by the nanodisk
E⃗scat. The program then calculates the internal field in the nanodisk and the scattered field E⃗scat,
from which absorption and scattering cross-sections are deduced. In particular, the integration
of the Joule dissipated power density over the nanodisk volume V gives access to the absorption
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cross-section σabs through:
σabs = 1

I0

y

V

Re(⃗j · E⃗∗
tot) dV (2.41)

with I0 the intensity of the transmitted plane wave at the position of the particle and j⃗ the
current density in the metal (also computed by the FEM software).

Moreover, integrating the flux of the Poynting vector of the scattered field through a surface
A enclosing the nanodisk gives access to the scattered extinction cross-section σscat:

σscat = 1
I0

{

A

1
2Re(E⃗scat × H⃗∗

scat) · d⃗S. (2.42)

In pratice a closed spherical surface located between the nanodisk and the PML is chosen for A.
Finally, the extinction cross-section σext is given by the sum of the previously computed

absorption cross-section and the scattered cross-section (Equation 1.35 in Chapter 1 Section
1.2.1). An example of the absorption, scattering, and extinction spectra of a single gold nanodisk
supported on a 15 nm thick Si3N4 membrane (well reproducing that measured for one of the
investigated nanodisks) is represented in Figure 2.14. For this system, the absorption cross-
section is dominant compared to the scattered one, in contrast to the case of larger nanodisks.

Additionally, it is also possible to compute the sensitivity of the extinction cross-section of
the nanodisk to the dielectric functions of gold, ∂σext

∂ϵ1,2
(λpr), and of the substrate ∂σext

∂ϵm
(λpr) from

the previous calculation. The strategy is to compute the extinction cross-section σext for slightly
modified ϵ1,2,m values and to deduce the ∂σext

∂ϵ1,2
(λpr) and ∂σext

∂ϵm
(λpr) values by performing discrete

derivation (see Chapter 4).

2.3.2 FEM thermal modeling
The cooling dynamics of the single gold nanodisk and its supporting substrate were also com-
puted by FEM. In this context the procedure is the same as the one for optical FEM with the
exception a few differences. Indeed, the thermal properties and heat sources need to defined in
the geometry domains. As before, the single gold nanodisk was described by a perfect cylinder
with a diameter D and height h.

Heat diffusion in all materials was described by Fourier’s law with a diffusion coefficient in
each material (heat diffusivity α) equal to the ratio of its thermal conductivity Λm and volumetric
heat capacity cm (see Chapter 1 Section 1.3.2.1). The nanodisk-substrate interface was described
by a thermal interface conductance G, left as a free parameter (see Kapitza resistance in Chapter
1 Section 1.3.1.1). The case of small variations of temperature is considered, allowing to neglect
the temperature-dependence of the thermal properties of the materials.

Similarly to FEM optical modeling, two geometries were considered:

• a single gold nanodisk supported on a half-sphere substrate, shown in Figure 2.15a

• a single gold nanodisk supported by a membrane of thickness hm, shown in Figure 2.15b.

Simulations were performed in 2D, exploiting the perfect rotational symmetry of the consid-
ered problems. In the case of the half-sphere substrate, thermal insulation boundary conditions
were applied on the top of the substrate and constant temperatures conditions on the border
of the simulation domain (at reference temperature Tref ). In the case of a membrane, thermal

52



2.3. Optical and thermal modeling

Au

Membrane

ℎ

ℎ𝑚

𝐷/2

Au

Thick
substrate

ℎ

𝐷/2

𝑅𝑚

𝑅𝑠𝑢𝑏

a) b)

Axis of 
revolution
symmetry

Thermal 
insulation

Constant 
temperature

𝑇𝑟𝑒𝑓

Figure 2.15 – 2D geometry used in the thermal FEM calculations taking ad-
vantage of the revolution symmetry of the problem. a) Single gold nanodisk with
half-space substrate under it, with a radius Rsub. b) Single gold nanodisk supported
by a membrane of thickness hm and lateral extension Rm. In both cases the gold nan-
odisk is modeled as a cylinder characterized by a diameter D and thickness h. Boundary
conditions for the half-sphere substrate and membrane are indicated in red and blue, cor-
responding to thermal insulation and to a constant temperature Tref , respectively.

insulation boundary conditions were applied this time on the upper and lower circular bases
of the cylindrical membranes and similar constant temperature ones (at reference temperature
Tref ) on their lateral surface. The boundary conditions at the lateral surfaces of the substrates
allowed a thermal flux out of the simulation system, which is important for avoiding divergence
of nanodisk temperature. In both cases, thermal insulation boundary conditions were applied
on the upper and lateral sides of the gold nanodisk

The present model doesn’t take into account several sources of heat dissipation much less
efficient than conduction in the gold nanodisk and its substrate (see details in Chapter 1, Sections
1.3.1.2 and 1.3.1.3). First, it neglects heat dissipation to the surrounding air, a phenomenon
whose efficiency is low for bulk systems (the convective heat transfer coefficient being of the
order of 10 W m−2 K−1 for natural convection in air, i.e., more than 106 times smaller than
typical G values) but which may become more significant for micro- and nanometric systems [77]
and has been previously demonstrated to influence the thermal dynamics of some suspended 2D
systems [78–80]. Radiative heat transfer from gold to its environment was also not taken into
account as its efficiency is even lower (radiative heat transfer coefficient of the order of 1 W m−2

K−1).

Time domain and frequency domain calculations, described in the next sections, were used
to modelize the thermal dynamics in the nanodisk and its supporting substrate or membrane
resulting from different excitation processes. Both models used the geometries and boundary
conditions previously described.
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2.3.2.1 Time domain modeling (single nanodisk excitation)

The first type of FEM calculation is operated in the time domain to compute the spatially-
dependent temperature rises in both a nanodisk and its supporting substrate from a single
excitation of the nanodisk resulting from its sudden heating. The initial excitation of the gold
nanodisk by a single pump pulse was transcripted as an initial temperature rise of the nanodisk
∆Tini. The extension of the substrate/membrane was chosen sufficiently large so that the
temperature changes did not reach the boundaries in the simulated time-interval (Rsub = Rm = 1
µm in simulations, making the results weakly dependent on the choice of Rsub/Rm).

2.3.2.2 Frequency domain modeling (multiple nanodisk excitations)

Time

fs ps ns µs ms s

10-310-610-910-1210-15 1

Duration of a 
pump pulse

10-13 s
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modulation

period
33 µs

Repetition
period of laser

12.5 ns
Equipment and 

experimental setup

Internal
thermalization

1 ps

Nanodisk 
cooling

100 ps - 50 ns

Physical 
phenomena

Figure 2.16 – Schematic of the relevant timescales in time-resolved measure-
ments. In red, timescales linked to the equipment used and the experimental setup
(characteristics of the laser and mechanical chopper) and, in green, the ones associated
to the physical phenomena occuring in the gold nanodisk.

The nanodisk excitation process in our time-resolved experiments, described below by q̃(f)
in Equation 2.43, involves several very different time scales, ranging from ≈ 10−13 s (duration
of pump pulses) to ≈ 10−5 s (pump beam modulation, with a period Tchopper = 1

fchopper
=

1/(30 kHz) ≈ 33 µs) which are however not all relevant to describe the measured nanodisk
temperature evolution. On the one hand, with modulation of the pump beam being performed at
a low frequency (30 kHz), more than 2000 times smaller than the repetition frequency of the used
laser source (80 MHz) in our experiments, its effect was neglected in the model. Time-resolved
measurements were performed on a single gold nanodisk with different chopper frequencies in
order to verify the absence of influence on the measured dynamics. The associated signals,
measured at three different values of fchopper and represented in Figure 2.17, clearly superpose
and confirm that there was no significant effect on the measured dynamics, considering the level
of noise present in these measurements, supporting the previous simplification.
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On the other hand, with the duration of the used laser pulses (≈ 150 fs) and that of internal
nanodisk thermalization by energy exchanges between electrons and the ionic lattice (about 1
ps [64]) being both much smaller than the characteristic times of nanodisk cooling (of the order
of a few hundreds of ps to several ns, see Chapter 1 Section 1.2.3), excitation by each pump
pulse was supposed to be instantaneous.
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Figure 2.17 – Raw temporal variations of transmission ∆T r
T r

for a single gold
nanodisk with different values of the chopper frequency. Blue, red, and black full
lines correspond to time-resolved signals obtained with fchopper = 15 kHz, 20 kHz, and 30
kHz, respectively. The mean value at negative time delay of each signal was subtracted
before plotting.

In most of the experiments described in this work, the time separating two successive pump
pulses (Trep = 12.5 ns) is not sufficient for complete cooling of the nanodisks, in contrast with
previous works in the FemtoNanoOptics group [25]. This gives rise to accumulation effects which
can be adequately described only by considering the periodical character of the nanodisk exci-
tation in our experiments. This was done by using a different modeling approach allowing, in
the linear regime, computation of the thermal dynamics of a substrate-supported nanodisk for
any time-dependent heating process. This approach was largely inspired by previous works in
the field of time-domain thermoreflectance [3,81,82]. Its main idea consists in decomposing (by
Fourier transform) the considered time-dependent excitation process as a sum of sinusoidal exci-
tations with well-defined frequency and computing the associated thermal dynamics by summing
the sinusoidal temperature evolutions induced by each of these individual sinusoidal excitations.
The core of this approach is the calculation of the complex frequency-domain impulse response
h̃(f) of the investigated system (here performed numerically, using FEM), whose modulus and
argument respectively describe the amplitude and phase of the temperature oscillations at each
point of the system with respect to a time-harmonic heating at frequency f .

The Fourier transform ∆T̃ (f) of the spatially-dependent thermal dynamics induced by any
time-dependent excitation process q(t), of Fourier transform q̃(f), is then given by

∆T̃ (f) = h̃(f)q̃(f), (2.43)
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Figure 2.18 – Modeling steps required to perform frequency domain com-
putation of the cooling dynamics of a single gold nanodisk supported on a
substrate. The geometry and boundary conditions represented are identical to the ones
in Figure 2.13. FEM calculations are used to deduce the amplitude and phase of the
complex response function h̃(f) of the system for a sinusoidal thermal excitation at fre-
quency f . The excitation process of the system in the frequency domain is q̃(f), Fourier
transform of the temporal excitation q(t). The product of these two quantities give access
to the Fourier transform of the thermal dynamics of the system ∆T̃ (f) resulting from the
excitation process q(t). Computing the inverse Fourier transform then allows to retrieve
the temporal cooling dynamics of the system ∆T (t).

allowing deduction of the corresponding temporal dynamics ∆T (t) by reverse Fourier transform.
In frequency-domain simulations, we considered a nanodisk excitation process described in

the time domain by a periodic train of delta pulses, describing the light impulsive excitation at
the repetition rate 1/Trep of the femtosecond laser:

q(t) ∝
+∞∑

n=−∞
δ(t − nTrep) (2.44)

to which is associated the Fourier transform

q̃(f) ∝
+∞∑

n=−∞
δ(f − nfrep). (2.45)

The combination of the frequency-domain impulse response h̃(f) of the nanodisk-substrate
system with this excitation process q̃(f) thus allowed to compute the cooling dynamics of the
nanodisk and in the substrate for a periodic excitation by pump pulses.

2.3.3 FEM thermo-optical modeling
It is possible to combine the previous FEM thermal and optical modeling in order to compute the
transient optical response of the nanoparticle ∆σext(λpr, t) that depends on the cooling dynamics
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of the nanodisk-substrate system. Such thermo-optical modeling is described in Chapter 4
Section 4.2.7.
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Chapter 3

Cooling dynamics of deposited gold
nanodisks

3.1 General context

a) b)

Figure 3.1 – Examples of applications benefiting from a better understanding of
the thermal dynamics of nanosystems. Artistic representations of a) an overheating
processor and b) photothermal therapy with a cancer cell being destroyed via a laser
[83,84] .

Investigating the thermal dynamics of nanosystems is of great interest for many technological
applications. It is for instance essential in modern electronics for meeting the challenges set by
the heating of densely packed nanometric transistors : a better control of heat fluxes in processors
would help reduce the power consumption used to cool them in data centers for example. Others
applications are related to the design of efficient nanostructured thermoelectric devices or the
development of imaging and therapeutic approaches exploiting the photothermal properties of
nanoparticles to treat pathologies like cancers [2,5,6,33,85] (see Figure 3.1). Understanding the
cooling dynamics of nanosystems is thus crucial to be able to further develop these applications.

Notably, the cooling dynamics of nano-systems are characterized by two main phenomena:

• The increased role played by interfaces, which induce thermal resistances often referred
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Chapter 3. Cooling dynamics of deposited gold nanodisks

to as "Kapitza resistances" [24, 41] (see Chapter 1 Section 1.3.1.1 and Figure 1.12). They
can have a great influence on the cooling dynamics for systems with dimensions in the
nanoscale range, as the surface over volume ratio increases with decreasing size.

• The limited validity of Fourier’s law, which efficiently describes heat diffusion at macro-
scopic scales. Indeed, assuming a diffusive motion of heat carriers becomes question-
able at length scales of the order of (or even smaller than) their characteristic mean free
paths [39,86]. In that case hydrodynamic or even ballistic regimes can be encountered for
heat propagation (see Chapter 1 Section 1.3.2.2 and Figure 1.14).

Pump Probe

Heat

ProbePump ProbePump

a) b) d)c)
Probe

Pump

Figure 3.2 – Schematic of some of the pump-probe configurations used in
experiments. a) Spatially shifted pump and probe beams are focused on an absorbing
sample. The size of the spot of the pump beam defines the heated area, typically of the
order of few hundred nm. b) Ensemble of nanoparticles immersed in a liquid or embedded
in glass. The nano-objects located in the spot of the pump beam are heated while heat
propagates to the surrounding transparent medium as well as the unheated nanoparticles.
c) Superimposed pump and probe beams focused on a single nanoparticle supported on a
transparent substrate. The volume heated by the pump pulse corresponds to the one of
the nanoparticle. d) Single nanohybrid composed of two differents nanoparticles, which
are used as heater and thermometer, respectively, an approach not yet reported in the
literature, but currently explored in the FemtoNanoOptics group in the context of the
ULTRASINGLE project. All the presented configurations are in transmission.

A large part of the current understanding of nanoscale heat transfer has been obtained using
far-field optical pump-probe techniques working in the time or frequency domains [87–89] (see
Chapter 2 Section 2.2.3 for the description of the pump-probe technique). These noncontact
approaches rely on the selective heating of the absorbing parts of a sample using a pump pulse
and on the optical monitoring of the induced thermal dynamics with a probe beam, whose
propagation is modified by the pump-induced heating due to the temperature-dependence of
the dielectric function of materials. Different configurations, illustrated in Figure 3.2, have been
developed to study, for example, heat transfers in absorbing media via overlapped or spatially
separated pump and probe beams or between metallic nanoheaters and a dielectric medium.
This approach has for instance been successfully applied to study the thermal dynamics of bulk
systems, layered structures, and suspended nanometric membranes [3, 27,89–91].
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Figure 3.3 – Examples of previous thermal investigations in FemtoNanoOptics
group, performed a) by Vincent Juvé [92], b) Tatjana Stoll [29], and c) by
Romain Rouxel [25]. Figures adapted from aforementioned references. a)
Normalized nanoparticle temperature rise for gold nanospheres with a diameter D =
9 nm embedded in glass. The experimental black line corresponds to a 890 nm probe
wavelength ensuring probing of nanoparticle temperature rise. Full red line is a fit using
an analytical model taking into account interface thermal resistance and heat diffusion
with GAu−Glass = 100 MW m−2 K−1 and ΛGlass = 0.9 W m−1 K−1 while the dashed blue
line corresponds to a modeling using only interface thermal resistance. b) Raw time-
resolved signal for gold nanospheres with a diameter D = 19 nm immersed in ethanol.
The experimental black line corresponds to a 820 nm probe wavelength. Full red line is
a fit with a model taking into account the thermal dynamics in both the nanoparticle
and its environement, using an interface thermal resistance value of GAu−Ethanol = 110
MW m−2 K−1. c) Normalized thermal components of experimental time-resolved signals
measured on single gold nanodisks with h = 18 nm thickness (estimated by AFM) and
diameters of about 60 (black), 120 (blue) and 180 nm (cyan), and h = 40 nm thickness
and diameters of about 70 (red), 120 (purple) and 180 nm (yellow) (estimated by SEM).

Composite materials involving absorbing nanoparticles (e.g., metal ones) in a dielectric envi-
ronment are highly relevant for investigating nanoscale heat transfer, as the heated and probed
volumes in such experiments, set by the geometrical size of the used nanoparticles, can be
much smaller than the diffraction-limited lateral size of optical beams (a few hundreds of nm).
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Evacuation of the energy optically injected in a nanoparticle away from it requires two suc-
cessive processes: heat transfer at the interface between the nanoparticle and its environment
and heat propagation in the latter as previously described (see Chapter 1 Section 1.3. The
kinetics of these two processes (and therefore their relative contributions to the cooling dy-
namics) depend on many characteristics of the nanoparticle and of its environment, such as
their thermal properties, morphologies, and initial and transient temperatures, as well as on
the nature of their interface. Depending on the investigated system, measurement of the cool-
ing dynamics of metal nanoparticles is thus able to provide information about interface thermal
conductances [26,29,93–96] (e.g., determining how their values depend on nanoparticle, environ-
ment, and interface compositions) and/or about the modalities of heat conduction in the close
environment of the nanoparticles [39, 97–102], where Fourier’s law can become invalid because
of ballistic and hydrodynamic effects (see Chapter 1 Section 1.14).

Historically, the FemtoNanoOptics group focused its work on the optical study of ensem-
bles of metallic nano-objects or single metallic nanoparticles (the second aspect constituting a
specificity of the group on the international research scene). This has led to a number of results
helping to understand the thermal behavior of metallic nanosystems and their environment.
Specifically, time-resolved experiments conducted on gold nanospheres with a diameter D ≈ 9
nm embedded in glass have shown that the observed cooling dynamics were controlled by both
the thermal resistance at the nanosphere-glass interface and Fourier heat diffusion in the glass
matrix, as shown in Figure 3.3a [92]. Reproducing these experiments for different nanopar-
ticle/glass compositions, a connection between interface conductance and interfacial acoustic
mismatch could be established. Experiments were also conducted on gold nanospheres with a
diameter D ≈ 9 nm in water. A numerical model taking into account the thermal dynamics in
both the nanoparticle and its environment allowed to fit the experimental data and give access
to the value of the interfacial thermal conductance between them (Figure 3.3b). Another work,
performed on single gold nanodisks with thicknesses h = 18 nm or h = 40 nm and diameters D

ranging from 60 to 190 nm that were lithographed on a thick sapphire substrate, has shown that
the measured cooling dynamics were exponential and limited by the heat transfer at the gold-
sapphire interface with a decay time strongly dependent on nanodisk thickness, as illustrated
by Figure 3.3c.

The main motivation behind the experiments described in the following of this chapter was
to clarify the dependence of the cooling dynamics of single supported nanoparticles on the
properties of their underlying substrate. All investigated gold nanodisks came from the same
colloidal solution (see synthesis in Chapter 2 Section 2.1) in order to focus the analysis on
the potential dependence of the optical time-resolved signals on the substrates. Fundamentally
different supporting substrates were used in the experiments : a thick sapphire substrate, which
has a relatively high thermal conductivity, was studied, while thin and ultrathin membranes
made of Si3N4 and SiO2 with thermal conductivities much lower than the sapphire one were
also investigated (see Table 3.1).

During my PhD, I performed these experiments, which are described in detail in this chapter
and the subsequent ones, with the help of Noelle Lascoux, a CNRS researcher working in the
FemtoNanoOptics group.
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3.2 Investigated samples

Si3N4

SiO2 40 nm

50 nm

Si3N4 15 nmAl2O3 480 µm

Thick
substrate

Thin
membranes

Ultrathin
membrane

Figure 3.4 – Schematic of the investigated categories of substrates: thick, thin
and ultrathin substrates.

In this chapter time-resolved experiments performed on single gold nanodisks supported on
transparent substrates with different compositions and thicknesses will be presented. These
substrates, presented in Figure 3.4, consist of:

• A thick crystalline substrate (a 480 µm thick (0001) α − Al2O3 (sapphire) single-crystal
substrate).

• Thin amorphous membranes (a 40 nm thick silica (SiO2) membrane and a 50 nm thick
silicon nitride (Si3N4) membrane).

• An ultrathin amorphous membrane (a 15 nm thick silicon nitride (Si3N4) membrane).

These substrates were purchased from commercial suppliers selling them for electron mi-
croscopy applications. In the FemtoNanoOptics group, such thin transparent membranes are
often used for the deposition of colloidal nano-objects in view of single-particle investigations,
as they allow the combination of optical investigations and electronic imaging of the samples.
Images taken by Scanning Electron Microscopy (SEM) illustrating the structure of the grids
supporting the thin and ultrathin membranes can be seen in Figure 3.5. The values of the ther-
mal constants (cm, Λm, and αm = Λm

cm
, see Chapter 1 Section 1.3.2.1) of gold and the materials

composing the different substrates are presented in Table 3.1.

Material Au Al2O3 SiO2 Si3N4

Volumetric heat capacity cm (MJ m−3 K−1) 2.49 3.1 1.59 2.13
Thermal conductivity Λm (W m−1 K−1) 317 25 1.4 0.3-10

Thermal diffusivity αm (m2 s−1) 1.27 10−4 8.1 10−6 8.8 10−7 (0.14-4.7) 10−6

Table 3.1 – Table of thermal properties for Au, crystalline Al2O3, amorphous
SiO2 and Si3N4. The values are given for bulk materials except for the conductivity of
Si3N4, given for thin films, with a large dispersion in the literature [103–108].

63



Chapter 3. Cooling dynamics of deposited gold nanodisks
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Si3N4 mesh

Si Si
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c) d)

Figure 3.5 – Scanning Electron Microscopy images of commercial grids sup-
porting a) a 40 nm thick SiO2 membrane and b) a 15 nm thick Si3N4 and
schematics of the associated geometries in c) and d), respectively. Grids are
patterned with 50X50 µm (silica) or 100X100 µm (silicon nitride) apertures etched in a
200 nm thick support mesh.

3.3 Optical experiments and data treatments

3.3.1 Nanodisk optical characterization by linear optical spec-
troscopy and numerical modeling

Experiments were performed on nanodisk samples synthesized and deposited by Sylvie Marguet
(CEA Saclay, our partner in the context of the ULTRASINGLE project). Following their synthe-
sis (see Chapter 2 Section 2.1), the immobilization of nanodisks at the surface of the substrates
listed above was performed by depositing a drop of a very diluted solution of gold nanodisks
which was left to dry, leading to a low density of deposited nanodisks (<1 nanodisk/µm2) as
needed for performing far-field single-particle optical studies. Several copious ethanol rinsings
followed by a UV/Ozone treatment were applied to remove any organic residues, as previously
detailed in Mosvesyan et al. [109]. It can be noted that these deposition steps are by no means
trivial, and greatly benefited from the expertise acquired by Sylvie Marguet in this field. The
surfaces of the substrates were then imaged using SEM (at CEA), allowing to estimate the di-
mensions of the nanodisks (D = 97 ± 12 nm, h of the order of 10 nm, see Chapter 2 Section
2.1).

In this work, SMS (see Chapter 2 section 2.2.2) was first used to localize individual gold
nanodisks, which are randomly distributed over the substrate surface following the deposition
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Figure 3.6 – Measured extinction spectrum of one of the investigated single
gold nanodisks. The full and empty markers in the data points correspond to the two
orthogonal polarizations of incident light beam. The solid blue line is the result of a FEM
simulation with D = 112 nm and h = 7.8 nm.

step. Their σext spectra presented a resonance associated with their in-plane dipolar Surface
Plasmon Resonance, with a central position λSP R varying from 700 to 900 nm. For some of the
investigated nano-objects, a weak dependence of σext on the polarization angle of the beam of
light and a slight dipolar SPR degeneracy lift, signatures of a moderate in-plane morphological
anisotropy [63] were observed. Individual estimations of nanodisk diameter D and thickness h

were performed by comparing the integrated spectral area Ξ, the width Γ and the central posi-
tion ΩR of the quasi-Lorentzian experimental σext spectra (see Chapter 2) with those obtained
in optical FEM simulations considering substrate-supported circular nanodisks. D and h values
respectively in the 85-115 nm and 7-12 nm ranges were deduced from this analysis for the inves-
tigated nanodisks. FEM modeling of extinction spectra thus leads to D values consistent with
those deduced from SEM imaging of the synthesized nanodisks, while allowing a quantitative
estimation of h, whose evaluation using SEM is challenging. Moreover, only nanodisks with an
extinction spectrum weakly dependent on polarization, consistent with quasi-circular geomet-
rical section, were selected for further time-resolved investigations. As an example, Figure 3.6
represents the experimental extinction cross-section spectra of one of the investigated nanodisks
as well as the associated FEM modeling.

3.3.2 Experimental strategy

Single-particle time-resolved measurements were conducted on 4-5 gold nanodisks on each type
of substrate. In this work, a probe wavelength λpr close to λSP R was chosen for each investigated
nanodisk. This choice was based on previous numerical and experimental studies of the thermo-
optical dynamics of single metal nanoparticles in dielectric environments [25, 110, 111]. Indeed,
these investigations have shown that the sensitivity of time-resolved signals to nanoparticle
heating is maximal when λpr ≈ λSP R, while the contribution of environment heating to the
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measured signals simultaneously vanishes in these conditions, ensuring specific probing of the
nanoparticle temperature evolution. Measurements using different probe wavelengths will be
presented in the next chapter.

3.3.3 Raw time-resolved measurements
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Figure 3.7 – Raw temporal variations of the extinction cross-section ∆σext(t)
for 4 single gold nanodisks supported on the 4 substrates considered in this
work. The corresponding substrate is indicated on each panel.

The raw time-resolved signals measured on 4 single gold nanodisks deposited on the 4 sub-
strates considered in this study (Figure 3.4) are presented in Figure 3.7. They illustrate the
general shape of the measured signals for nanodisks in all cases: as described in Chapter 1
Section 1.2.3, the signals are composed of three components which are an initial peak associ-
ated to the excitation and the internal thermalization of the nano-objects, oscillations linked to
acoustic vibrations, and, finally, relaxation of the signal corresponding to thermal cooling of the
nanodisks. A quick look at the different curves already shows that there is some variability of
the average value of the optical signal at negative time delay: in the sapphire case this value
is close to 0 while on thin membranes it reaches a few tens of nm2 and even >100 nm2 for the
ultrathin membrane. The temporal dynamics measured at positive delays are also significantly
different, as will be detailed in the next sections.
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3.3.4 Data treatment
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Figure 3.8 – a) ∆σext(t), b) ∆σext,th(t), c) ∆TND(t) and d) ∆T ′
ND(t) quantities

extracted from time-resolved measurements for a single gold nanodisk sup-
ported by a 40 nm SiO2 thick membrane. c) The mean value at negative time
delay ∆TND(0−) used to compute ∆T ′

ND in d) is indicated in red.

The analysis of the thermal dynamics from raw measured transient extinction changes
∆σext(t) (Figure 3.7) was performed by applying successive data treatments and lead to 3
new quantities: ∆σext,th(t), ∆TND(t) and ∆T ′

ND(t), of which calculation is described in the
following. They are all presented in Figure 3.8 in the case of an optical signal measured on a
single gold nanodisk supported by a 40 nm thick SiO2 membrane.

First, the acoustic component was fitted and subtracted from the raw optical signals ∆σext(t)
(Figure 3.8a) using the method described in Chapter 2 Section 2.2.3.4. The remaining signal
∆σext,th(t), represented in Figure 3.8b, is composed of an initial peak associated to the excita-
tion and internal thermalization of the nanoparticle by electron-electron and electron-phonon
interactions (typically 5-10 ps corresponding to 1-3 data points) as well as a thermal component
linked to the cooling of the nano-object. The value of the thermal component after excitation
being inaccessible due to the initial peak, a monoexponential fit of the thermal component, over
50-100 ps and after the initial peak, was performed and used to extrapolate the initial value
of the thermal component. As discussed in Section 3.3.2, experiments were done in conditions
ensuring that the thermal component is solely linked to the heating of the nanodisk and pro-
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portional to it. This allowed to more easily compare signals measured for different nanodisks,
which exhibit different absolute variations of their extinction cross-sections. As a consequence
the ∆σext,th(t) quantity, once normalized by the initial value of the thermal component, was
denoted as ∆TND(t), i.e. the temporal variations of the temperature increase in the nanodisk.
It is represented in Figure 3.8c for the considered gold nanodisk (note that the 1-3 data points
associated to the initial peak were not removed as they appeared outside of the 0-1 normalized
window used to plot ∆TND(t)). Finally, the mean value at negative time delays ∆TND(0−) was
subtracted from the previous signal leading to a new quantity ∆T ′

ND(t) = ∆TND(t)−∆TND(0−),
which was then renormalized and represented with a semilogarithmic scale in Figure 3.8d.

3.4 Thermal dynamics of single gold nanodisks de-
posited on a thick sapphire substrate

3.4.1 Experimental results
First, time-resolved experiments were conducted on 4 gold nanodisks deposited on a thick sap-
phire substrate. The normalized temporal dynamics of the ∆TND(t) temperature rises (or
thermal components) extracted from the measured signals are shown in Figure 3.9 as well as
the ∆T ′

ND(t) quantity in Figure 3.10. Here each trace corresponds to a measurement done on a
single gold nanodisk.
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Figure 3.9 – Normalized ∆TND(t) temperature rise for the 4 single gold nan-
odisks deposited on a thick sapphire substrate.

The normalized ∆TND(t) signals present low values at negative pump-probe delays that are
< 0.02 except for one signal, where this value is of the order of 0.1 : this is an indication that
the cooling process is almost finished after Trep = 12.5 ns. Indeed in our experiments nanodisks
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are excited by a pump pulse every Trep = 12.5 ns: values at negative time delays thus also
correspond to the values at time delays t ≈ 12.5 ns. If the time necessary for the nanodisk
to cool down to the ambient temperature is smaller than 12.5 ns then the values measured at
negative time delays will be close to 0, as it is the case here (see Section 3.5.2 for more details
about accumulation effects).
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Figure 3.10 – ∆T ′
ND(t) quantity for the 4 gold nanodisks deposited on a thick

sapphire substrate and FEM modelization with an interfacial conductance G

= 65 MW m−2 K−1.

The ∆T ′
ND curves for all investigated nanodisks are highly similar and all overlap in Figure

3.10. They exhibit biexponential dynamics characterized by time constants τ1 ≈ 0.4 ns and τ2 ≈
50−100 ps. Similar dynamics were already observed within work done in the FemtoNanoOptics
group in the case of gold nanodisks with thicknesses around h = 18 nm and 40 nm and diameter D

range from 60 to 190 nm, synthesized by electron beam lithography on a sapphire substrate, that
were studied using the same single-particle time-resolved spectroscopy approach and investigated
in the context of Romain Rouxel’s PhD work [25,112] (see Figure 3.3).

The second exponential, with a short time constant τ2, is still not fully understood, especially
in terms of physical origin. The fact that these fast dynamics have been observed in the case of
both colloidal and lithographed nanodisks indicates that their origin is not associated to a specific
synthesis procedure. Such a fast exponential appears in numerical models when considering a
nanodisk covered by a transparent impurity such as an ultrathin water layer, leading to a fast
internal thermalization of the nanodisk-impurity system following selective nanodisk heating
(see Romain Rouxel’s PhD work [112]).

Similarly to what was done in previous work in the FemtoNanoOptics group [25], the first
exponential dynamic, with a time constant τ1, is attributed to interface-limited cooling dynamics
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of the nanodisk [26,92].

Interface flux:
𝐽𝑖𝑛𝑡(Ԧ𝑟, 𝑡)
= 𝐺 (𝑇𝑁𝐷 𝑡 − 𝑇𝑚 Ԧ𝑟, 𝑡 )

Matrix flux:
Ԧ𝐽𝑚 Ԧ𝑟, 𝑡 = −Λ𝑚𝑔𝑟𝑎𝑑(𝑇𝑚 Ԧ𝑟, 𝑡 )

Au nanodisk
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𝑇𝑚 Ԧ𝑟, 𝑡

D

h

Figure 3.11 – Schematic of the Au nanodisk-Sapphire substrate system with
heat fluxes considered at the interface and in the substrate, described by the
interface conductance G and thermal conductivity of Sapphire ΛAl2O3 respec-
tively.

Indeed, in the case of a Biot number Bi = hG/ΛAu ≪ 1 (with h the height of the nanodisk,
G the interface conductance, and ΛAu the gold nanodisk thermal conductivity, see Chapter 1
Section 1.3.3), which guarantees that the nanodisk remains isothermal throughout its thermal
cooling, and of a substrate heat conductivity ΛAl2O3 high enough to ensure negligible modifica-
tion of substrate temperature near the nanodisk being cooled (two relevant assumptions in the
case of Au nanodisks on sapphire), integrating the interfacial heat current density Jint = G∆TND

(see Figure 3.11) over the nanodisk surface S in contact with the substrate leads to

V cAu
d∆TND

dt
= GS∆TND (3.1)

with V being the volume of the nanodisk and cAu the volumetric heat capacity of gold and
G the Kapitza thermal conductance of the nanostructure-substrate interface. The solution is
then simply an exponential decay of ∆TND with a characteristic time τ = cAuh/G [113]. This
relation can be used to estimate the value of G in the time-resolved experiments through

G = cAuh

τ
. (3.2)

Using the previous τ1 ≈ 0.4 ns value, the estimated value for the interface conductance G is of
the order of 60 MW m−2 K−1.

3.4.2 Comparison with numerical simulations
In order to have a more precise determination of the interface conductance G, the time-domain
FEM thermal model described in Chapter 2 Section 2.3.2.1 is used to simulate the thermal
dynamics in this system. As a reminder, this model takes into account a single gold nan-
odisk excited and heated by a unique pump pulse, the Kapitza thermal resistance linked to
the nanodisk-substrate interface as well as Fourier’s law to describe heat diffusion in the two
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objects. The value used for the thermal conductivity of the sapphire substrate was the bulk one
(see value in 3.1) : however, this hypothesis is questionable because heat conduction in sapphire
at the vicinity of the nanodisk may be affected by hydrodynamic/ballistic effects. Nevertheless,
it has a small impact on the computed thermal dynamics, which are weakly sensitive to substrate
conductivity value for an interface-limited cooling. Finally, the only parameter left free in the
model was the interface conductance G.

The model was able to reproduce the observed time constant τ1 ≈ 0.4 ns using G ≈ (65±10)
MW m−2 K−1 (see Figure 3.10), close to the value obtained previously with the simple analytic
model (Equation 3.1). The obtained value for G is also close to the ones deduced for two samples
of lithographed nanodisks, G ≈ (60 ± 10) and ≈ (75 ± 10) MW m−2 K−1 studied in previous
work done in the FemtoNanoOptics team [25]. The deduction of similar interface conductance
values in this work and the previous one, done in the context of Romain Rouxel’s PhD thesis was
by no means granted, as the different nanodisk synthesis could have resulted in gold-sapphire
interfaces with different contact and thermal properties.

As a side note, including the repeated character of the excitation with the frequency-domain
thermal model described in Chapter 2 Section 2.3.2.2 had almost no influence on the ∆T ′

ND(t)
dynamics computed for a thick sapphire substrate (as expected from the full cooling of nanodisks
after Trep), the monoexponential decay of the experimental signals after >0.2 ns delays being
still well reproduced using G = 65 MW m−2 K−1 in the simulations.

3.5 Thermal behavior of single gold nanodisks de-
posited on thin amorphous membranes

3.5.1 Experimental results
Pump-probe experiments were also done on thinner substrates: a 40 nm thick SiO2 membrane
and a 50 nm thick Si3N4 membrane. 4 gold nanodisks deposited on the SiO2 membrane and 5 on
the Si3N4 membrane were studied using time-resolved experiments. The normalized temporal
dynamics of the ∆TND(t) temperature rises extracted from the measured signals as well as the
∆T ′

ND(t) quantity for the two thin membranes and also sapphire substrate are shown in Figures
3.12 and 3.13. For measurements on thin membranes, the ∆TND(t) values preceding the pump
excitation, at negative time delays, are around 0.1-0.2 and larger than what was observed in
the case of nanodisks deposited on thick sapphire (Figure 3.9). Note that the main difference
between the ∆TND(t) signals for the 40 nm thick SiO2 membrane and the 50 nm thick Si3N4
membrane lies in their values at negative time delays, the former exhibiting ∼ 0.15 values while
∼ 0.08 values are observed for the latter. However, the ∆T ′

ND(t) normalized curves are almost
identical for nanodisks deposited on silica and silicon nitride membranes, showing that they
present similar cooling dynamics, which is not surprising in view of their similar thicknesses and
thermal properties (Table 3.1).

The comparison of the time-resolved signals ∆TND(t) and ∆T ′
ND(t) between all the three

aforementioned substrates leads to several observations. First, on each substrate the ∆T ′
ND(t)

curves overlap, meaning that there is a great repeatability of the dynamics between different gold
nanodisks. Secondly, the cooling dynamics differ greatly between, on one part, the nanodisks
deposited on sapphire, and, on the other part, the nanodisks deposited on thin membranes. The

71



Chapter 3. Cooling dynamics of deposited gold nanodisks

∆T ′
ND(t) dynamics in the case of membranes are much slower than the ones observed in the

sapphire case. As an example, ∆T ′
ND(t) is reduced to 10% of its maximum value after 0.7-0.8 ns

in experiments done in the sapphire substrate case whereas for the studied membranes the time
needed almost exceeds 2 ns, a 3 times larger value. Moreover, contrary to what was observed in
the sapphire substrate case, the ∆T ′

ND(t) signals exhibit nonexponential dynamics for nanodisks
on the two membranes (as observable from their non-linear variations in the semilog plot shown
in Figure 3.13).
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Figure 3.12 – Comparison of the normalized ∆TND(t) temperature rises for
single gold nanodisks deposited on thick sapphire (green), 40 nm thick SiO2

membrane (blue) and 50 nm thick Si3N4 membrane (red) respectively.

The observation of the nonexponential decay of ∆T ′
ND(t) for nanodisks supported on thin

membranes is a clear indicator that, in contrast with the thick sapphire case, the cooling dy-
namics are not solely ruled by interfacial heat tranfer and also that heat propagation inside
the membranes is slow enough to have a strong effect on the measured dynamics. Two reasons
explain the reduction of the efficiency of heat transfer in thin membranes:

• A composition effect: indeed, the thermal conductivities of silica and silicon nitride are
almost 10 times lower than the one of sapphire, as shown in Table 3.1.

• A thickness effect: heat diffusion in membranes away from a nanoheater becomes a two-
dimensional process at time scales exceeding those required for heat to propagate over
the membrane thickness (see below). This greatly reduces the efficiency of heat spreading
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Figure 3.13 – Comparison of the quantity ∆T ′

ND(t) for single gold nanodisks
deposited on thick sapphire (green), 40 nm thick SiO2 membrane (blue) and
50 nm thick Si3N4 membrane (red) respectively.

around the nanodisk as compared to the case of thick substrates, where diffusion remains
three-dimensional at all experimentally relevant time scales.

Finally, the non-vanishing normalized ∆TND(t) values at negative time delays indicate that,
conversely to the thick sapphire case, the time separating two successive pump pulses, Trep = 12.5
ns, is not sufficient for complete cooling of the nanodisks. This accumulation effect is illustrated
via arbitrary time-resolved signals in Figure 3.14. This makes therefore the comparison of the
nanodisks cooling dynamics with time-domain simulations involving a single pump pulse less
relevant than in the bulk substrate case and underlines the need of a more complete model
taking into account the periodic excitation by pump pulses.

3.5.2 Modeling the accumulation effects
A different thermal modeling approach allowing to compute the thermal dynamics of the nanodisk-
membrane system for any time-dependent heating process was thus performed by Aurélien
Crut. The core concept of this model (already used in the literature for modeling different
systems [3, 81, 82]) is the calculation of the complex frequency domain impulse response h̃(f)
of the system which is then used to compute the frequency domain thermal dynamics ∆T̃ (f)
through Equation 2.43 for a periodic train of delta pulses (see Chapter 2 Section 2.3.2.2) corre-
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Figure 3.14 – Schematic illustration of accumulation effects in the context of
time-resolved pump-probe experiments. Full black line corresponds to a case where
the signal reaches its base value after a delay > Trep while the red line illustrates an
accumulation effect, for systems presenting characteristic relaxation times of the order of
or large than Trep.
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Figure 3.15 – a) Schematic description of the FEM model used for computing
the spatio-temporal temperature variations induced by a sinusoidal excitation
of a gold nanodisk supported on a thin membrane. b) Temperature rise (mod-
ulus) in and near the gold nanodisk computed for excitation at the frequency
f = frep = 80 MHz.

sponding to the periodic excitation of the nanodisk-membrane system by pump pulses. The final
step consists in the calculation of the temporal dynamics ∆TND(t) from the frequency domain
dynamics ∆T̃ (f) by reverse Fourier transform.

It should be noted that the system considered in the simulations differs from the actual
experimental configuration. Contrary to the simulation case, where a nanodisk at the center
of a homogeneous, 2 µm diameter cylindrical membrane is considered, in our experiments,
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Figure 3.16 – Numerical modeling of the effect of the modification of hm,
Dm, Λm, and G on the frequency domain response h̃(f) of a gold nanodisk
supported by a thin membrane. a) Frequency-dependent nanodisk temperature rise
induced by a sinusoidal nanodisk excitation (modulus and phase of the frequency-domain
response h̃(f)). The case of a D = 100 nm, h = 10 nm gold nanodisk supported on a hm =
40 nm, Dm = 2 µm silica membrane with a G = 100 MW m−2 K−1 thermal conductance at
their interface was first considered (plain black line). Simulations were then reproduced
with hm, Dm, Λm and G values reduced one by one by a factor 2 as compared to the
reference situation (dashed colored lines, see legend). The vertical dashed line indicates
the 80 MHz repetition frequency in our experiments. b) Sensitivity of nanodisk heating
to hm, Dm, Λm and G values, deduced from the computations shown in a) by calculating
the associated relative modulus change and absolute phase change of nanodisk heating
(same color code as in a)).

nanodisks are located at various positions on large square membrane windows (50 and 100 µm
side length for silica and silicon nitride membranes, respectively). Moreover, this model does not
take into account heat dissipation to the surrounding air, as discussed in Chapter 2 Section 2.3.2.
Nevertheless, these differences between the systems considered in experiments and simulations
are not relevant here because, as discussed below, they only affect the nanodisk temperature rise
preceding each pulse (Figure 3.12), which presents large variations from one nanodisk to another
and that we did not attempt to quantitatively model, but not the ∆T ′

ND(t) cooling dynamics
obtained after subtraction of this offset value (Figure 3.13).
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Chapter 3. Cooling dynamics of deposited gold nanodisks

The results of frequency-domain FEM simulations performed for the reference case of a
D = 100 nm, h = 10 nm gold nanodisk located on a thin silica membrane with Dm = 2
µm diameter and hm = 40 nm thickness are shown in Figure 3.16a. The values used for the
thermal conductivities of Au and SiO2 were the bulk ones (see Table 3.1 in Section 3.2). The
computed response globally evokes that of a low-pass filter, with the amplitude of the response
being constant at low frequencies and decaying at high ones, and the phase shift between the
excitation and the response going from 0 at low frequencies to −π/2 values at high ones.

In order to clarify the influence of the key parameters of our thermal model on this frequency
reponse, FEM calculations were reproduced with modified values of the interface conductance
(G) and of some of the membrane characteristics (Λm, Dm, and hm) (Figure 3.16b). The induced
changes of the response function are also shown in Figure 3.16b. As can be seen in this figure (and
as previously noticed in the context of thermoreflectance investigations on thin films [82, 114]),
the sensitivities to interface and membrane characteristics have a different frequency depen-
dence, which is essential to allow their independent determination. For a membrane-supported
nanodisk, the low-frequency part of the response function mostly depends on membrane geo-
metrical and thermal characteristics, while its high-frequency component is essentially sensitive
to the G value. This can be ascribed to the fact that temperature oscillations in the membrane
occur on a smaller volume as frequency increases, giving more importance to interfacial effects.
The effect of G, which takes place over a broad frequency range, can be better understood by
considering the simplified case of isothermal nanodisk and membrane (obtained in the limit of
very high membrane conductivities and thus strongly differing from the situation addressed in
Figure 3.16).

The nanodisk temperature evolution ∆TND(t) for a sinusoidal heating Aexp(iωt) (with ω =
2πf) is then described by the differential equation

cAuV
d∆TND

dt
+ GS∆TND = Aexp(iωt) (3.3)

with cAu, V , and S the nanodisk volumetric heat capacity, volume, and surface in contact with
the substrate (with V/S = h). The response function is in this case a low-pass filter one,

h̃(f) ∝ 1
G

1
1 + i2πτf

, (3.4)

with τ = hcAu/G (=0.25 ns in the reference case considered in Figure 3.16), whose low-frequency
limit and cutoff frequency fc = 1/(2πτ) are both affected by G, which thus impacts the response
function over a broad frequency range (frequencies of the order of and above fc).

It can also be observed in Figure 3.16 that membrane characteristics (Λm, hm, and Dm)
affect the response function a different way, the effects of a reduction of hm and Dm by a factor
of 2 as compared to the reference case being in particular limited to the <1 GHz and <5 MHz
frequency ranges, respectively. The existence of such frequency thresholds for the effects of hm

and Dm can be understood by considering the frequency-dependent thermal penetration length
in a material

Lp =
√

αm

πf
, (3.5)

with αm = Λm/cm the membrane diffusivity (αm = 9 × 10−7 m2 s−1 for silica) [115]. The
finite thickness of the membrane thus has an influence at frequencies low enough for hm to
be smaller than Lp, i.e. for f < α/(πh2

m) (about 200 and 800 MHz for the 40 and 20 nm
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3.5. Thermal behavior of single gold nanodisks deposited on thin amorphous membranes

thicknesses considered in Figure 3.16), respectively). This simple analysis thus explains why the
2× reduction of hm investigated in Figure 3.16) is without effect at >1 GHz frequencies. It also
predicts a non-negligible effect of hm on the nanodisk temperature dynamics in our experiments,
which involve a periodic excitation with 80 MHz frequency. A similar analysis shows that the
lateral size of the membrane impacts the response function only at frequencies lower than about
4 MHz for Dm = 1 µm, making a decrease of Dm from 2 to 1 µm without effect for frequencies
exceeding a few MHz (Figure 3.16)).
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Figure 3.17 – Numerical modeling of the effect of the modification of hm, Dm,
Λm, and G on the computed cooling dynamics ∆TND(t) and ∆T ′

ND(t). a)
Normalized ∆TND(t) cooling dynamics deduced from the frequency calculations shown
in 3.16a for nanodisk excitation by a periodic Dirac pulse train. b) Normalized ∆T ′

ND(t)
cooling dynamics deduced from a). Note that modification of Dm (dashed green line)
does not modify the ∆T ′

ND(t) dynamics as compared to the reference case (plain black
line). The computed cooling dynamics following nanodisk excitation by a single pump
pulse are also shown for comparison in panels a) and b) (plain gray line).

The temporal evolution of nanodisk temperature rise following each pump pulse, in the
reference case of Figure 3.15a, and for modified values of G, Λm, hm, and Dm, is presented in
Figure 3.17a. ∆T ′

ND(t) signals obtained after subtraction of the value at t = 0− (i.e., the same
treatment as in the case of experimental signals, to go from Figure 3.15a) to Figure 3.15b) are
shown in Figure 3.17b. Results obtained by time-domain simulations with a single pump pulse
are also shown for comparison.

While the main effect of a periodical nanodisk excitation is a nonvanishing ∆TND(0−) value,
the ∆T ′

ND(t) signals obtained for excitation by single (gray line in Figure 3.17b) and multiple
pump pulses (black line in Figure 3.17b) also differ at time scales exceeding 1 ns, justifying the
use of the complete model presented here to analyze our experimental results (note that the
discrepancy between the two signals would be greater for membranes thinner than those consid-
ered in this work, as in the next section of this chapter). G, Λm, and hm are shown to impact
the normalized signals both before and after offset subtraction, while Dm only affects the offset
value. This can be easily understood from the frequency-domain investigations discussed above,
as Dm has an impact only at frequencies much smaller than frep, while excitation is performed
with frequencies multiple of frep (see q̃(f) expression above). Therefore, Dm only affects the
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Chapter 3. Cooling dynamics of deposited gold nanodisks

zero-frequency component of the dynamics, i.e. the average nanodisk heating. Conversely, G,
Λm, and hm affect not only the average temperature rise but also (and in different ways) the
∆T ′

ND(t) cooling dynamics as they impact the response function at many frequencies multiple
of frep.

The average nanodisk temperature rise is thus sensitive to the far environment of the nan-
odisks, while conversely, the normalized cooling dynamics ∆T ′

ND(t) after offset subtraction is
affected only by the characteristics of the close environment of the nanodisk, i.e. in the small
region around the nanodisk where thermal energy penetrates at frep frequency (Figure 3.15b).
Therefore, the ∆T ′

ND(t) dynamics can be quantitatively analyzed even without precise knowl-
edge of the membrane geometry and thermal properties over large scales.

3.5.3 Comparison between experiments and frequency-domain
thermal model
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Figure 3.18 – Comparison between measured and modeled cooling dynamics
of gold nanodisks supported on a 40 nm thick SiO2 membrane. The measured
signals (plain lines) correspond to those of Figure 3.13. The results of simulations based
on the frequency-domain thermal model described in Chapter 2 Section 2.3.2.2 are shown
as dashed orange lines. They were performed for D = 100 nm, h = 10 nm gold nanodisk,
using G = 120 MW m−2 K−1 and ΛSiO2 = 1.4 W m−1 K−1 for SiO2 thermal conductivity.

Direct comparisons between measured and modeled ∆T ′
ND(t) dynamics are shown in Figure

3.18 and 3.19 for the two membranes considered in this work. As the signals measured on
each membrane for different nanodisks were very similar, they were collectively compared to
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Figure 3.19 – Comparison between measured and modeled cooling dynamics
of gold nanodisks supported on a 50 nm thick Si3N4 membrane. The measured
signals (plain lines) correspond to those of Figure 3.13. The results of simulations based
on the frequency-domain thermal model described in Chapter 2 Section 2.3.2.2 are shown
as dashed orange lines. They were performed for D = 100 nm, h = 10 nm gold nanodisk,
using G = 150 MW m−2 K−1 and Λm = 1 W m−1 K−1 for Si3N4 thermal conductivity.

simulations performed for a D = 100 nm, h = 10 nm nanodisk, i.e. D and h values close to the
average ones determined using SEM imaging and/or FEM modeling of extinction spectra (see
Section 3.3.1 in this chapter and Section 2.1 in Chapter 2). The cooling dynamics of nanodisks
deposited on a 40 nm thick silica membrane were well reproduced using G = 120 MW m−2 K−1

together with the Λm value of bulk silica (Figure 3.18). This G value stands at the upper end
of the 40-140 MW m−2 K−1 range of G values obtained for gold-silica interfaces in previous
measurements and atomistic simulations [30–32,116], which have also shown a large dependence
of G on silica growth procedure and crystalline or amorphous character. The determined G value
is also close to the G = 105 MW m−2 K−1 one previously obtained in the FemtoNanoOptics group
in the context of thermal measurements on ensembles of gold nanospheres embedded in a glass
with a large silica content [92]. The cooling dynamics of nanodisks deposited on a 50 nm thick
silicon nitride membrane were also well reproduced by our simulations using slightly different
parameters as in the silica case, namely G = 150 MW m−2 K−1 and Λm = 1 W m−1 K−1 (Figure
3.19). Here too, the deduced values of G and Λm are compatible with previous reports. Indeed,
the deduced G value is close to the only (to our knowledge) value reported in the literature
for Au/ Si3N4 interfaces, G = 120 MW m−2 K−1 [117], while the Λm value used for fitting
our data falls within the broad 0.3-10 W m−1 K−1 range of previous measurements on silicon
nitride membranes with different stoichiometries and thicknesses [103–108]. The proximity of

79



Chapter 3. Cooling dynamics of deposited gold nanodisks

the G and Λm values that we used for reproducing the ∆T ′
ND(t) dynamics on silica and silicon

nitride membranes reflects the similarity of the experimental signals measured on these two
membranes, whose thicknesses are also close. Not taking into account the periodical character
of the excitation, which affects the ∆T ′

ND(t) dynamics (Figure 3.17b)), would have translated
into slightly different (by about 15%) optimal values of the fitting parameters G and Λm.

3.6 Thermal behavior of single gold nanodisks de-
posited on an ultrathin amorphous membrane
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Figure 3.20 – Thermal dynamics of single Au nanodisks on ultrathin Si3N4

membranes. (a) Normalized ∆TND(t) temperature rise dynamics measured on two
distinct gold nanodisks supported by a 15 nm thick Si3N4 membrane (black and red
traces) and ∆TND(t) dynamics simulated with (solid purple line) and without (dashed
line) inclusion of repetition effects in the modeling. (b) ∆T ′

ND(t) quantity presented with
a logarithmic scale (same color code). The signals previously measured for two different
nanodisks (blue and green traces) and modeled (solid and dashed orange lines) for a 50
nm thick membrane are also shown for comparison.
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To more precisely analyze the membrane thickness effect on nanodisk cooling dynamics,
additional time-resolved measurements were conducted on single gold nanodisks deposited on a
15 nm thick Si3N4 membrane using a probe wavelength close to their Surface Plasmon Resonance.
The normalized thermal components of the signals measured on two distinct nanodisks in these
specific conditions are shown in Figure 3.20a. The normalized ∆TND(t) dynamics of the two
nanodisks exhibit slightly different average values at negative times (0.3 and 0.35). These values
significantly exceed the ≈ 0.1 ones measured on nanodisks stemming from the same colloidal
solution but deposited on a thicker (50 nm thick) Si3N4 membrane (see Section 3.5.1 and Figure
3.12). This considerable increase of the normalized value of ∆TND(0−), i.e., the temperature rise
at the end of the interval separating two successive pump pulses, constitutes a first indication of
the slowing down of nanodisk cooling dynamics with decreasing membrane thickness, discussed
in more detail below.

The nanodisk cooling dynamics shown in Figure 3.20a become very similar if temperature
rises are defined relatively to the nanodisk temperature before each pump excitation, rather
than to that in the absence of any excitation. This is shown in Fig. 3.20b, where the normalized
∆T ′

ND(t) dynamics are plotted alongside previous measurements on nanodisks supported on a 50
nm thick Si3N4 membrane, highlighting ∆T ′

ND(t) strong dependence on membrane thickness.
The ∆T ′

ND(t) dynamics measured for nanodisks deposited on 15 nm thick Si3N4 membranes
exhibit a non-exponential behavior, indicating that they are not solely ruled by heat transfer
at the nanodisk-membrane interface [92]. While they resemble those previously recorded on
50 nm thick membrane at <0.5 ns delays, they become much slower at larger delays (Figure
3.20b), presenting for example 3× higher normalized ∆T ′

ND(t) values after 2.7 ns, the largest
pump–probe delays achievable in our experiments.
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Figure 3.21 – Schematic of a) a membrane of thickness hm and infinite lateral
extension heated by a point source located at (0, 0, 0) on its surface and b) a
3D semi-infinite medium heated by an infinite number of virtual point sources
at locations (0, 0, 2nhm). In both cases, there is an insulation boundary condition at
the top surface of the two medium with ∂T

∂z
(z = 0) = 0 while there is an additional one

at the bottom surface of the membrane with ∂T
∂z

(hm) = 0.

The observed membrane thickness effect on ∆T ′
ND(t) dynamics can be qualitatively under-

stood by considering the solutions of the Fourier heat equation (see Equation 1.61 in Chapter 1
Section 1.3.2.1) for a point source located at (0,0,0) on the surface of a membrane of thickness

81



Chapter 3. Cooling dynamics of deposited gold nanodisks

hm (0 < z < hm) and of infinite lateral extension, initially at a uniform temperature, with
insulation boundary conditions on the membrane surfaces (∂T

∂z (z = 0) = ∂T
∂z (z = hm) = 0) (see

Figure 3.21). The time- and position-dependent temperature rise ∆T in the membrane can be
deduced from the solution of the heat equation in a 3D semi-infinite medium

∆T (x, y, z, t) ∝ t− 3
2 exp

(
−(x2 + y2 + z2)

4αmt

)
(3.6)

by adding the effect of an infinity of virtual sources at positions (0,0,2nhm), with n an integer
[118,119] (Figure 3.21), and writes

∆T (x, y, z, t) ∝ t− 3
2 exp

(
−(x2 + y2)

4αmt

) ∞∑
n=−∞

exp
(

−(z − 2nhm)2

4αmt

)
. (3.7)

The temperature rise ∆T is thus obtained by multiplying the solution for a point source at
the surface of an infinite 2D medium (Gaussian distribution with a width increasing as t1/2) by
the solution for a point source on a 1D finite slab (Jacobi theta function). At short time scales
(αmt ≪ h2

m), the sum is dominated by its n = 0 term, and ∆T approximately coincides with
the solution for a 3D semi-infinite substrate, with a t−3/2 dependence at the source position.
Conversely, at long time scales (αmt ≫ h2

m, so that the sum can be approximated by an integral),
∆T ∝ 1

thm
exp

(
−(x2+y2)

4αmt

)
, which corresponds to a uniform temperature along the membrane

thickness and a lateral 2D diffusion of heat. The transition between the two regimes occurs for
αmt ≈ h2

m, i.e., for a Si3N4 membrane (αm = 5 × 10−7 m2 s−1, assuming a Λm = 1 W m−1 K−1

thermal conductivity) at times of the order of 0.5 ns and 5 ns for hm = 15 nm and hm = 50 nm,
respectively. Although based on a simplified analysis, the 0.5 ns transition time for a hm = 15
nm membrane corresponds well with that at which experimental signals measured on the two
membranes start to significantly deviate (Figure 3.20b).

The ∆T ′
ND(t) dynamics of nanodisks deposited on 15 nm thick membranes can be accurately

reproduced using the same values of G and Λm as in the case of 50 nm thick membranes, namely
G = 150 MW m−2 K−1 and Λm = 1 W m−1 K−1. This is illustrated in Figure 3.20b, which shows
the ∆T ′

ND(t) dynamics computed for nanodisks supported on Si3N4 membranes using these G

and Λm values (solid purple and orange lines). The excellent reproduction of experimental
signals at <0.5 ns delays (at which ∆T ′

ND dynamics are mostly controlled by G and Λm) using
G = 150 MW m−2 K−1 and Λm = 1 W m−1 K−1 indicates that these values constitute accurate
estimations of G and Λm (with uncertainties of the order of 10%) for both 50 and 15 nm thick
membranes. The slight shift between the measured and modeled ∆T ′

ND(t) dynamics at >1 ns
delays could have several causes, including a slight difference between the nominal and actual
values of the membrane thickness.

Regarding the ∆TND(t) dynamics (Figure 3.20a), one can observe that the ∆TND(0−) tem-
perature rises predicted by the model are higher by about 50% than the measured ones, similarly
to previous observations for ≈50 nm thick membranes. This difference, which would increase
with the use in the modeling of larger Dm values, closer to the actual membrane size, suggests
that the thermal coupling of the membrane with ambient air taking place at the top and bottom
planar surfaces of the membrane (not included in the modeling where dissipation only occurs
at the membrane lateral ends) plays a significant role in large-scale membrane cooling. The
deduction of similar Λm values from the analysis of the ∆T ′

ND(t) dynamics measured on 50 nm
and 15 nm thick membranes stands in stark contrast to findings on silicon membranes of similar
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thickness, whose thermal conductivity was seen to be strongly thickness-dependent and up to
≈5 times smaller than the bulk silicon one [120]. This disparity in the thickness-dependence
of the thermal properties of Si3N4 and Si membranes can be attributed to the large difference
between the heat conductivity and phonon mean free paths of these two materials in the bulk
form. Indeed, amorphous media such as silica and silicon nitride have a ≈1 nm room tempera-
ture phonon mean free path, while in crystalline silicon a large fraction of phonons have >100×
longer mean free paths [27, 81, 91]. Experimental observations are thus consistent with the fact
that membrane thickness reduction in the tens of nm range should significantly diminish the
mean free path of phonons in Si, but not in Si3N4.

=Δ / 0

0

0

0.1

1

Q
Q T ΔT

max

Q

=1Qmax
=1Qmax

=15 nmhm =50 nmhm

=0.72max

=0.72Qmax

=0.34Qmax
=0.23Qmax

=0.03Qmax=0.1Qmax10

(ns)Time

Figure 3.22 – Temperature profiles computed using FEM at time delays of 0,
0.1, 1 and 10 ns after the sudden optical excitation of a nanodisk located on
a 15 nm (left) or 50 nm (right) thick Si3N4 membrane. The Q = ∆T/∆T0 ratios
are plotted using a color scale ranging from 0 to Qmax, which corresponds to the Q value
inside the nanodisk at each considered time (indicated).

The ∆TND(t) dynamics were also computed in the case of nanodisk excitation by a single
pump pulse, which corresponds to discarding accumulation effects (dashed lines in Figure 3.20).
These complementary calculations allow to appreciate the respectively strong and relatively weak
influences of a repeated nanodisk excitation on the ∆TND(t) and ∆T ′

ND(t) dynamics. They also
enable a clear visualization of the transition from a 3D to a 2D heat diffusion in a membrane
heated by a source located at its surface, discussed above based on analytical expressions. This
transition is illustrated in Figure 3.22, which presents snapshots of the temperature profiles com-
puted for single pulse excitation of a nanodisk positioned on a 15 nm or 50 nm thick membrane.
At t = 0.1 ns heat diffusion presents a distinct 3D character, with only regions less than 10 nm
away from the nanodisk being significantly heated. Conversely, at t = 1 ns the temperature
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profile has become independent of depth for a 15 nm thick membrane (but not for a 50 nm thick
one). At t = 10 ns (a delay exceeding the experimentally accessible ones) diffusion has evolved
into a 2D process in both cases, resulting in depth-independent temperature distributions.

3.7 Conclusion
In this chapter time-resolved experiments conducted on single gold nanodisks deposited on
different substrates have shown, firstly, that on a given substrate the cooling dynamics from
one nanodisk to another were reproducible. However, the observed dynamics highly depended
on the substrate and especially on its thickness. The measurements were also well reproduced
with FEM models with a unique excitation (sapphire substrate) or periodic excitation (thin
and ultrathin membranes) using bulk values for the thermal conductivities of sapphire and SiO2
leading to reasonable interface conductance G deduced values for the gold-substrates interfaces
(and thermal conductivity value for Si3N4).

Experiments have also shown that, even for the ultrathin membrane, there were no clear
signatures of non-diffusive heat propagation in the studied substrates. Indeed, FEM models
were successful at reproducing the experimental data without having to introduce a thickness-
dependent conductivity. This could be explained, in the case of the sapphire substrate, by
the interface-limited dynamics, which are weakly sensitive to the way heat propagates in the
substrate. Note that previous studies have shown that the effective value of the conductivity of
the sapphire substrate could be modified near nanoheaters with lateral sizes around 100 nm by
ballistic effects [39] [101]. Moreover, the absence of signature for thin membranes could result
from the fact that their thicknesses were still much larger than their average phonon mean free
paths.

The results presented in this chapter have been described in papers entitled "Cooling Dynam-
ics of Individual Gold Nanodisks Deposited on Thick Substrates and Nanometric Membranes"
and "Impact of supporting nanometric membranes on the thermo-optical dynamics of individ-
ual plasmonic nanodisks" published in Journal of Physical Chemistry Letters in 2023 and in
Nanoscale in 2024, respectively [121,122].

Future work could aim to reproduce these experiments on other thin membranes like silicon
for example, for which non diffusive effects have been demonstrated [91,97].
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Chapter 4

Optical detection of the cooling
dynamics of single plasmonic
nanoparticles

4.1 General context
In optical time-resolved spectroscopy, the ultrafast phenomena following the sudden excitation
of a nanosystem, such as its thermal cooling or acoustic vibrations, are indirectly detected
from the changes of the optical response they induce. The pump-probe technique used in our
FemtoNanoOptics group gives in particular access to the temporal variations of the extinction
cross-section of a single nanoparticle following its initial excitation by a femtosecond pump pulse
(see Chapter 1 Section 2.2.3). In the previous chapter, probing of the thermal dynamics of single
nanodisks was performed using a specific probe wavelength coinciding with the central position
of the nanodisk Surface Plasmon Resonance, ensuring a proportionality between the measured
time-resolved signals and the transient nanodisk temperature rise.

In this chapter a more complete characterization of the transient optical response of single
gold nanodisks, based on the reproduction of time-resolved experiments with multiple probe
wavelengths, will be presented. This work aims at a better understanding of the link between
the signals measured in the context of optical time-resolved measurements on metal nanoparticles
and the thermal dynamics in these nano-objects and at their vicinity. It also aims at determining
the optimal working conditions to probe the thermal dynamics in nanosystems and at their
vicinity with maximal sensitivity.

4.1.1 Link between optical measurements and heating of the
nanoparticle and its environment

The situation considered throughout this chapter will be that of a single metallic nanodisk
supported on a solid substrate, specifically a thin transparent membrane as represented in Fig-
ure 4.1. As a starting point, the case of uniform temperatures in both the nanodisk and the
membrane will be considered with their temperatures being noted TND and Tm, respectively.
However, a more advanced model able to account for non-uniform temperature distributions
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will be presented later in this chapter (see thermo-optical model in Section 4.2.7). The complex
dielectric function of the metal composing the nanodisk is denoted as ϵ = ϵ1 + iϵ2 and ϵm the
real one of the transparent membrane.

TND , ε = ε1 + iε2

Tm , εm

Figure 4.1 – Schematic of the metallic nanodisk-thin membrane system con-
sidered in this chapter. The nanodisk is characterized by its temperature TND and
complex dielectric function ϵ = ϵ1 + iϵ2 while the thin transparent membrane is described
by its temperature Tm and real dielectric function ϵm.

The interaction of a nanodisk with light can be described by the nanodisk extinction cross-
section σext, that depends on the wavelength and on the dielectric functions of the nanodisk
and the membrane, as previously explained in Chapter 1 Section 1.2. If the two components
of this system see their temperatures vary by quantities ∆TND and ∆Tm, as compared to a
reference temperature (e.g. ambient temperature around 300 K) then their dielectric functions
will change accordingly. Indeed, the dielectric functions generally depend on the temperature of
the material. The result of these changes will then be a variation of the extinction cross-section
of the nanodisk, from σext to σext + ∆σext.

In the case of small temperature variations, the transient extinction changes can be linearly
linked to the variations of temperature of both the nanodisk and the membrane via

∆σext(λ, t) = AND(λ)∆TND(t) + Am(λ)∆Tm(t) (4.1)

with
AND(λ) = ∂σext

∂ϵ1
(λ) ∂ϵ1

∂TND
(λ) + ∂σext

∂ϵ2
(λ) ∂ϵ2

∂TND
(λ) (4.2)

Am(λ) = ∂σext

∂ϵm
(λ) ∂ϵm

∂Tm
(λ). (4.3)

The AND and Am quantities represent the sensitivities of the nanodisk optical response (more
precisely, of its extinction cross-section) to heating in the nanodisk and in its local environment,
respectively. They involve products between two types of terms:

• First, the sensitivity of the extinction cross-section of the nanodisk to the dielectric func-
tions of the nanodisk and its environment (∂σext

∂ϵ1,2
(λ) and ∂σext

∂ϵm
(λ) terms, which will be

referred to in the following as plasmonic derivatives). This sensitivity depends on the
composition, morphology and environment of the considered nano-object (see Chapter 1
Section 1.2).
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• Secondly, the sensitivities of the nanodisk and environment dielectric functions to temper-
ature changes ( ∂ϵ1,2

∂TND
(λ) and ∂ϵm

∂Tm
(λ) terms). These terms only depend on the compositions

of the nano-objects and of their environment (respectively gold and silicon nitride in the
experimental work described in this chapter).

Equation 4.1 shows that, in general, the optical signal measured in the context of time-
resolved measurements, in our case the temporal variations of the extinction cross-section of the
nanodisk ∆σext(λpr, t), is the sum of two distinct contributions: one coming from the heating
of the nanodisk and another one originating from the heating of the membrane.

The environment heating contribution (Am(λ)∆Tm(t) term in Equation 4.1) is often weak,
and the assumption of a proportionality between the measured pump-probe signals and the
temperature rise of the investigated nanosystems has often been implicitly performed in the
literature. It is generally justified for metal nanoparticles as

∣∣∣∂ϵ1,2
∂T

∣∣∣ is of the order of 10−3 K−1

(see refs. [19, 123] for gold) while
∣∣∣∂ϵm

∂T

∣∣∣ is of the order of 10−5 K−1 to 10−4 K−1 in the case of
a solid dielectric (e.g. Si3N4 or SiO2, see Table 4.1). However, some transparent materials are
known to possess a stronger sensitivity of their dielectric function to temperature, like ethanol
for example where

∣∣∣∂ϵm
∂T

∣∣∣ is of the order of 10−3 K−1 [124], i.e. of the same order as the |∂ϵ1,2
∂T |

value in gold (see Table 4.1).

ϵm

∣∣∣∂ϵm

∂T

∣∣∣ (K−1)
SiO2 2.1 0.96 · 10−5

Si3N4 4.1 2.51 · 10−5

Sapphire Al2O3 1.77 5 · 10−5

Water 1.77 2.4 · 10−4

Ethanol 1.86 1.1 · 10−3

Table 4.1 – Dielectric constants and sensitivities of the dielectric function to
temperature for several solids and liquids [124–127].

4.1.2 Previous study: ensembles of Au nanospheres in ethanol
Work done previously in the FemtoNanoOptics group, in the framework of Tatjana Stoll’s PhD
work, demonstrated a strong contribution of environment heating to the time-resolved signals
measured on gold nanospheres immersed in ethanol [29,128]. The gold nanospheres investigated
in this study had a diameter D close to 20 nm and displayed a Surface Plasmon Resonance
centered at 525 nm in ethanol (see Figure 4.2a)

The time-resolved signals measured using different probe wavelengths displayed very different
temporal dynamics, an observation inconsistent with a probing in all cases of the nanospheres
heating (by pump pulses) and cooling (by heat dissipation in ethanol). A thermo-optical model
more advanced than the one described in section 4.1.1 was developed to clarify the contributions
of gold and ethanol heating to the measured time-resolved signals. The modelization took into
account the thermal processes (nanosphere and ethanol cooling dynamics with interface heat
transfer and thermal diffusion mechanisms) and optics (temporal probe transmission changes
induced by the thermal processes) involved. In particular the formalism described in equation 4.1
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Figure 4.2 – Time-resolved investigations and modeling of the thermo-optical
dynamics of ensembles of gold nanospheres in ethanol. Figure adapted from
previous work done in the FemtoNanoOptics group [29, 128]. a) Normalized
extinction spectrum of gold nanospheres in ethanol (with a diameter D = (18.5 ± 3.0)
nm) and fit with Mie theory in dipolar approximation (respectively full black line and
dashed red line) b) Normalized transient variations of the extinction cross-section ∆σext

for an ensemble of gold nanospheres in ethanol with a probe wavelength λpr = 560 nm
(black). The colored lines correspond to the results of a semi-analytical thermo-optical
model. The solid pink line corresponds to the total extinction change computed using this
model, while the dashed red and dotted blue lines correspond to the contributions of gold
and ethanol heating to these extinction changes, respectively. c) Plasmonic derivatives
∂σext

∂ϵ1
(full black line), ∂σext

∂ϵ2
(dashed black line) and ∂σext

∂ϵeth
(dash-dotted red line) obtained

via Mie theory for a single Au nanosphere in ethanol with D = 18.5 nm. d) Dielectric
function temperature dependences for gold with ∂ϵ1

∂TNS
as the cyan line and ∂ϵ2

∂TNS
as the

dashed green line (data from [19]). e) Sensitivities of the Au nanospheres optical response
to nanospheres heating ANS and to ethanol heating Aeth (dashed red line and dotted blue
ligne, respectively) deduced from 4.2 and 4.3. The inset represents the ANS/Aeth ratio
(full purple line).

was extended through the decomposition of the nanosphere’s environment into N concentric thin
shells with different temperatures, allowing to take into account the inhomogeneous temperature
in the surrounding ethanol. The equation describing the transient extinction changes becomes

∆σext(λ, t) = ANS(λ)∆TNS(t) +
N∑

k=1
A

(k)
eth(λ)∆T

(k)
eth (t) (4.4)
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with
A

(k)
eth(λ) = ∂σext

∂ϵ
(k)
eth

(λ) ∂ϵeth

∂Teth
(4.5)

where ∆T
(k)
eth is the variation of temperature in the kth shell, A

(k)
eth the associated optical sensitivity

and ϵ
(k)
eth the local dielectric function. The measured pump-probe signal with a probe at λ =

λpr = 560 nm as well as the deduced contributions from the gold nanospheres and the ethanol
(ANS(λ)∆TNS(t) and ∑N

k=1 A
(k)
eth(λ)∆T

(k)
eth (t) terms in Equation 4.4) are shown in Figure 4.2b.

As shown by this figure, the heating of the ethanol leads to a significant contribution to
the time-resolved measurements at the probe wavelength λpr = 560 nm. The weights of the
contribution from the heating of the gold nanospheres and from the ethanol highly depend on
the probe wavelength: indeed, the plasmonic derivatives (∂σext

∂ϵ1,2
(λ) and ∂σext

∂ϵm
(λ), shown in Figure

4.2c) as well as the sensitivity of the dielectric function of gold to temperature ( ∂ϵ1,2
∂TNS

(λ), see
Figure 4.2d) both exhibit a clear dependence on the probe wavelength. In terms of absolute
values, the sensitivity of the dielectric functions of gold to temperature is of the same order (10−3

K−1) as the sensitivity of the dielectric function of ethanol to temperature (with ∂ϵm
∂Tm

= -1.1 10−3

K−1), while the maximal absolute value of ∂σext
∂ϵm

(λ) is 6 times larger than the maximal absolute
values of ∂σext

∂ϵ1,2
(λ). Finally, the optical sensitivities to gold heating ANS and to ethanol heating

Aeth, which are represented in Figure 4.2e (with an inset showing the ANS/Aeth ratio), were
deduced from the previous quantities through Equations 4.2 and 4.3. The optical sensitivity to
ethanol heating Aeth was found to be always larger (in absolute value) that the optical sensitivity
to gold spheres heating ANS . A sufficient heating of the ethanol was thus able to produce a
contribution of the ethanol to the optical signal that could not be neglected compared to the
contribution of the gold nanospheres, as it is the case at λpr = 560 nm in Figure 4.2b for
example. Figure 4.2e also shows that Aeth is always negative while ANS can be either positive
or negative depending on the probe wavelength and especially crosses 0 around λpr = 550 nm:
the contribution of the nanospheres heating to the optical signal can thus vanish.

4.1.3 Previous study: single gold nanodisk lithographed on a
thick sapphire substrate

Another work performed in the FemtoNanoOptics group, in the framework of Romain Rouxel’s
PhD work, illustrated the other extreme case of a negligible contribution of environment heating
to time-resolved signals, with in this case a proportionality between the measured optical signals
and the temperature rise of the studied system (see equation 4.1), in that case a single gold
nanodisk produced by electron beam lithography on a thick sapphire substrate [25,112]. In this
work, time-resolved experiments with tunable probe wavelength were performed on a single gold
nanodisk exhibiting a Surface Plasmon Resonance near 700 nm wavelength. The raw signals
obtained via these experiments using a large probe wavelength window, normalized by the initial
temperature rise of the nanodisk induced by each pump pulse ∆T0, are represented in Figure
4.3. These signals exhibit a clear and high dependence on the probe wavelength linked to the
wavelength dependence of the AND term in Equation 4.1. As described in Chapter 1 Section
1.2.3, the time-resolved signals display features associated to three distinct physical phenomena:
an electronic excitation and internal thermalization, damped acoustic vibrations, and thermal
cooling. The component associated to the first process was not considered while the acoustic
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Figure 4.3 – Transient variations of the extinction cross-section normalized by
the initial heating of the nanodisk and normalized thermal components (inset,
in semi-logscale) for a single gold nanodisk deposited on thick sapphire with
D = 101 nm and h = 21 nm. Figure adapted from previous work done in
the FemtoNanoOptics group [25]. Measurements were done using λpr − λSP R = -180
nm (black), -40 nm (red), -25 nm (green), +18 nm (blue), +30 nm (orange), +90 nm
(purple).

one was subtracted from the raw time-resolved signals in order to get the normalized thermal
parts of the signals which are plotted in the inset of Figure 4.3 (see data treatment steps in
Chapter 3 section 3.3.4).

Figure 4.3 shows that all the normalized components overlap and present a monotonic decay,
which is consistent with probing of the nanodisk temperature only with a probe wavelength-
dependent sensitivity, i.e.:

∆σext(λpr, t) ∝ ∆TND(t). (4.6)

4.2 Optical investigations on single Au nanodisks de-
posited on a thin silicon nitride membrane

4.2.1 Relevance of the studied system
As discussed above, the case of gold nanoparticles in ethanol is very favorable for observ-
ing the environment heating contribution to time-resolved optical signals because of the large
temperature-dependence of the ethanol dielectric constant. This temperature dependence is
much lower in most solid media (see Table 4.1). As far as we know, no demonstration of envi-
ronment heating contribution to time-resolved signals had been reported yet in this case.
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membrane

In order to be able to detect the contribution of the solid medium in experiments this sub-
strate has to present several characteristics: first, a refraction index largely dependent on tem-
perature and, secondly, a significant temperature rise during time-resolved experiments. In this
regard, one of the solid substrates investigated in the previous chapter is especially promising:
the 15 nm thick Si3N4 membrane. Indeed this substrate exhibits a relatively high dependence of
its dielectric function to temperature with ∂ϵm

∂Tm
= 10−4 K−1, compared to other transparent ma-

terials. Additionally, the previous chapter has shown that time-resolved experiments conducted
on single gold nanodisks supported by a thin amorphous membrane and specifically a 15 nm
thick Si3N4 membrane lead to slower cooling dynamics than for the other substrates, meaning
that the most significant temperature increase was found for experiments done on single nan-
odisks supported by this ultrathin membrane. The last specificity of the experiments that were
done here is the choice of single-particle measurements as opposed to the measurements done in
ensembles for the gold nanospheres in ethanol. The absence of heterogeneous broadening effects
in such experiments can effectively help to observe the contribution of membrane heating which,
as discussed below, manifests only in a narrow spectral range.

4.2.2 Optical measurements and time-resolved signals
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Figure 4.4 – Extinction spectra of the gold nanodisks a) ND1 and b) ND2. The
full and empty markers in the data points correspond to the two orthogonal polarizations
of the two nanodisk. The solid blue lines are the FEM simulations with D = 96.2 nm and
h = 10.8 nm for ND1 and D = 93 nm and h = 9.5 nm for ND2.

In this work, we performed time-resolved measurements with tunable probe wavelength on
two distinct individual nanodisks (referred to in the following as ND1 and ND2). The extinction
spectra obtained by Spatial Modulation Spectroscopy (see Chapter 2 Section 2.2.2) of the gold
nanodisks ND1 and ND2 are shown in Figure 4.4. These measurements were performed with
two orthogonal polarizations of the incident light. The spectra, which are quasi-Lorentzian as
a function of energy, present Surface Plasmon Resonances located around 800 nm for ND1 and
810 nm for ND2. There is also a slight shift of the central wavelength of the resonance (≈ 10 nm)
between the two orthogonal polarizations for ND1, an observation consistent with quasi-circular
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sections for the two investigated nanodisks [63]. As described in chapter 3, optical FEM was used
to simulate the nanodisk extinction spectra and determine, for each nanodisk, the dimensions
leading to a good reproduction of the experimental extinction spectra. The dimensions obtained
via this method are D ≈ 96.2 nm and h ≈ 10.8 nm for ND1 and D ≈ 93 nm and h ≈ 9.5 nm for
ND2. These values are close to the average diameter of the synthesized nanodisks with D ≈ 100
nm which was measured thanks to electron microscopy (as described in Chapter 2 Section 2.1).
The deduced thicknesses are also of the same order than what was deduced from SEM images
of nanodisks contacting the substrate via their lateral surface, i.e. h ≈ 10 nm.
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Figure 4.5 – Time-resolved changes of the extinction cross-section normalized
by initial heating for a) ND1 and b) ND2. Each color corresponds to a different
probe wavelength, indicated relatively to the Surface Plasmon Resonance of the nanodisk.
All measurements were done using the same polarization for the probe beam, correspond-
ing to full black circles symbols for both nanodisks in Figure 4.4.

Time-resolved experiments were conducted on the two selected gold nanodisks, ND1 and
ND2 (see pump-probe technique in Chapter 2 Section 2.2.3), with a probe beam provided by a
Ti:Sapphire pulsed laser (MaiTai) while the pump beam was generated from the same source
using second harmonic generation by a frequency-doubling BBO crystal. The probe wavelength
was in the 790-900 nm range, corresponding to λpr − λSP R ≈ -10/+100 nm and -20/+90 nm for
ND1 and ND2, respectively, with λSP R, the central position of the Surface Plasmon Resonance of
the investigated nanodisks (λSP R = 800 nm for ND1 and λSP R = 810 nm for ND2). Additionally,
the initial heating ∆T0 of the nanodisk was evaluated (its value being of the order of 10 K, see
Chapter 2 Section 2.2.3.5 for its determination) and used to normalize the time-resolved signals
in order to be able to compare them despite the fact that pump beam features were not constant
throughout the measurements.

The temporal variations of the extinction cross-section normalized by the initial heating of
the nanoparticle are plotted for ND1 and ND2 in Figures 4.5a and 4.5b. These graphs show that
the time-resolved signals, even normalized by the initial heating of the nanodisk, highly depend
on the probe wavelength used in the experiments. As discussed in Chapter 1 Section 1.2.3, the
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optical signals are composed of a thermal component, linked to the cooling of the nano-object,
and of a vibrational component coming from acoustic vibrations. Noticeably, the amplitudes of
both these components exhibit a high dependence on the probe wavelength, with cases where
the thermal part is dominant and vibrations have small amplitudes (e.g. at λpr − λSP R = +2
nm in Figure 4.5a) while in other cases acoustic vibrations are largely dominant as compared to
the thermal part (e.g. at λpr − λSP R = +22 nm in Figure 4.5a).

4.2.3 Experimental determination of the optical sensitivity to
nanodisk heating

a)

b)

Δ
Δ
σ

1) 2) 3) 4)

TND

Tm

Pump

Time

TND+ΔTND(t) 

Tm +ΔTm(t)

TND+ΔT0

Tm

TND

Tm

Figure 4.6 – a) Schematic illustrating the successive physical phenomena oc-
curring during time-resolved measurements for a single gold nanodisk and b)
associated time-resolved signal with deduced optical sensitivity to nanodisk
heating. 1) Initial situation (prior to excitation) 2) Arrival of the pump pulse 3) Situ-
ation after a delay of a few picoseconds allowing internal thermalization of the nanodisk
but much shorter than the characteristic times of nanodisk-membrane heat exchanges
4) At longer time time delays heat exchanges between the nanodisk and the supporting
membrane as well as heat evacuation far away from the nanodisk occur. The dotted blue
line aims to help the visualization of the initial rise of the optical signal but does not
correspond to any meaningful data.

As described in Chapter 1 Section 1.2.3 the measured time-resolved signal is the sum of three
contributions associated to distinct physical phenomena: excitation and internal thermalization
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of the nanodiks, acoustic vibrations and thermal relaxation. The initial peak associated to
nanoparticle excitation and internal thermalization by electron-electron and electron-phonon
interactions has not been analyzed and the associated data points affected by this phenomenon
(over 5-10 ps typically) won’t be plotted in the following. The data points at negative time-delays
were kept in order to extract an average value used as a reference. The acoustic component was
fitted and extracted from the time-resolved signals (see signal processing in Chapter 2 Section
2.2.3.4). The signals resulting from this processing thus purely reflect the thermal dynamics of
the nanodisks.

Figures 4.6a and 4.6b illustrate the physical state of the nanodisk-membrane system associ-
ated to each temporal portion of the optical signal linked to the excitation by the pump pulse.
What happens over time is the following (see the different timescales involved in Figure 2.16 in
Chapter 2):

1. At negative time delay (i.e. about 12.5 ns after the last excitation by a pump pulse)
most signals present a non-vanishing value. This is because the cooling dynamics of the
nanodisk are not finished after such a 12.5 ns delay, as thoroughly discussed in the previous
chapter.

2. The pump pulse encounters the gold nanodisk and excites it

3. The electronic excitation and internal thermalization of the nanodisk occur within a few
picoseconds, a duration much shorter than the time required to significantly change the
temperature of the supporting membrane through heat diffusion from the nanodisk

4. Nanodisk-membrane heat exchanges and heat evacuation far away from the nanodisk take
place at subsequent delays (see section 3.6 in previous chapter).

As each pump pulse deposits energy in the nanodisk only, the extinction modification immedi-
ately following nanodisk excitation and internal thermalization is solely due to an increase of
nanodisk temperature. This enables experimental extraction of the wavelength-dependent AND

coefficient appearing in Equation 4.1, by evaluating the variation of the thermal components of
∆σext/∆T0 (see Figure 4.6b) following nanodisk excitation by the pump pulse. Figures 4.7a and
4.7b present the optical sensitivity to nanodisk heating AND for ND1 and ND2 determined by
the aforementioned method.

The values obtained for ND1 and ND2 present similar values and evolutions: both reach
their maximal absolute value at λpr = λSP R (around 40 nm2 K−1) and change their sign on the
red flank of the nanodisk Surface Plasmon Resonance.

4.2.4 Modelization of the optical sensitivity to nanodisk heating
and membrane heating

The AND values deduced from the experiments were compared with simulated ones based on
Equation 4.2.

First, the plasmonic derivatives ∂σext
∂ϵ1,2,m

(λpr), meaning the sensitivity of the extinction cross-
section of the gold nanodisk to the dielectric functions of gold (ϵ1,ϵ2) and of the membrane
(ϵm), were estimated using FEM modeling and are shown in Figure 4.8. To do so, optical
FEM simulations were performed using D = 100 nm, h = 10 nm, and ℏγ = 100 meV in order to
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Figure 4.7 – Experimental values of the optical sensitivity to nanodisk heating
AND for the investigated nanodisks a) ND1 (black markers) and b) ND2 (red
markers). Similarly to Figure 4.4, full and empty markers correspond to measurements
performed using two different orthogonal polarizations of the probe beam.

calculate the extinction cross-section σext. This quantity was then computed for slightly different
values of ϵ1, ϵ2, and ϵm. The plasmonic derivatives were then deduced by discrete derivation.
The distinct profiles for ϵ1 and ϵ2 are a clear indicator that their effect on the surface plasmon
resonance is quite different ; ϵ1 mainly affects the position of the Surface Plasmon Resonance
while ϵ2 mainly impacts the width of the resonance.
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Figure 4.8 – Plasmonic derivatives ∂σext

∂ϵ1
(full black line), ∂σext
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(full red line)

and ∂σext

∂ϵm
(full blue line) of a Au nanodisk supported by a 15nm thick Si3N4

membrane.
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Figure 4.9 – Dielectric function temperature dependences ∂ϵ1

∂T
(in blue) and ∂ϵ2

∂T

(in red) of gold respectively from ref. [123] (solid lines) and ref. [19] (dashed
lines).

Secondly, the sensitivity of the dielectric functions of gold to temperature ∂ϵ1,2
∂TND

(λpr), can be
found in the literature. Several tables based on either experimental measurements or theoretical
modeling have been reported for these derivatives. Two of them are presented in Figure 4.9:
one coming from ellipsometry experiments performed at different temperatures in the Cahill
group [123], and one stemming from theoretical modeling by the FemtoNanoOptics group [19].
These two tables, and more generally those reported in the literature, present some variability,
which results, in the experiments, from the dispersion in synthesis means, morphology, and
cristallinity of the samples used and, in simulations, from the assumptions of the models.

The simulated AND sensitivities (and the extent of their match with experimental values of
this quantity) thus depend on the table choice. In this work the ∂ϵ1,2

∂T values reported in [19]
were used. Due to the variability between the tables, a perfect match between experiments
and simulations was not expected. Nevertheless, the next section will show that a quite good
agreement has been achieved.

The sensitivity of the nanodisk extinction cross-section to the heating of the Si3N4 membrane
Am (see Equation 4.3) was estimated similarly to AND. The first term, ∂σext

∂ϵm
, was deduced from

the same FEM computation as ∂σext
∂ϵ1,2

and is represented in Figure 4.8. A fixed value was used
for the second term, the sensitivity of the dielectric function of Si3N4 to temperature, with ∂ϵm

∂T

= 10−4 K−1, coherently with previous measurements by Elshaari et al. [125].

4.2.5 Comparison between measured and modeled sensitivities
Figure 4.10 presents both the experimental values and the simulated ones obtained for the optical
sensitivity to nanodisk heating AND.
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Figure 4.10 – a) Experimental values of the optical sensitivity to nanodisk
heating AND for the nanodisks studied ND1 (black markers) and ND2 (red
markers) b) Simulated values of AND and Am (respectively solid and dashed
lines). a) Similarly to Figure 4.4, full and empty markers correspond to measurements
performed using two different orthogonal polarizations of the probe beam.

A quite good agreement is achieved between experiments and simulations for the optical
sensitivity to nanodisk heating AND: similar variations and absolute values are observed in
both cases. In particular:

• |AND| is maximal around the Surface Plasmon Resonance of the nanodisk and close values
are found in experiments and simulations.

• The variations follow a similar pattern: a decline, followed by growth, then another decline
as wavelengths increase from short to long.

• At higher probe wavelengths there is a change of sign leading to a vanishing of AND.

The single discrepancy between the measured and modeled values of AND regards the wavelength
on the blue flank of the Surface Plasmon Resonance at which they vanish, exceeding the central
Surface Plasmon Resonance position by 20-30 nm for experiments and 40 nm in simulations.
This difference may result, at least in part, from the uncertainties affecting the ∂ϵ1,2

∂TND
(λpr) tables

already discussed above. The computed sensitivity to membrane heating Am spectrum is also
shown in Figure 4.10b. Its spectral shape largely differs from the AND one (originating from
the spectral dependence of ϵ2), which is due to the fact that membrane heating mostly affects
Surface Plasmon Resonance position (similarly to ϵ1). |Am| is usually much smaller than |AND|
(Figure 4.10b). However, this is not the case in the ≈ 20 nm broad spectral range around the
wavelength where AND vanishes, suggesting that measurements with λpr in this spectral range
should be very significantly affected by membrane heating.
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Chapter 4. Optical detection of the cooling dynamics of single plasmonic nanoparticles

4.2.6 Analyzing the temporal profiles of the time-resolved mea-
surements

A contribution of membrane heating to time-resolved signals is expected to modify they temporal
dynamics, as the thermal dynamics of the nanodisk and of its supporting membrane are very
different (see Equation 4.1 and previous chapter).

To more easily compare the temporal variations of the thermal components of the measured
time-resolved signals, they were normalized to present the same initial value. The normalized
thermal components for ND1 and ND2, extracted from the raw signals shown in Figure 4.5a
and 4.5b, are plotted in semi-logscale in Figures 4.11a and 4.11b (for clarity only a few signals
are shown for each nanodisk).
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Figure 4.11 – Normalized thermal components extracted from time-resolved
measurements for a) ND1 and b) ND2. As before, each color corresponds to a
different probe wavelength indicated relatively to the surface plasmon resonance of each
gold nanodisk. Measurements were performed using the same probe polarization than the
one corresponding to full markers in Figure 4.4.

A quick analysis of the Figure 4.11 shows that there is a clear dependence of the normalized
thermal components on the probe wavelength for ND1 and ND2, demonstrating the existence
of a significant contribution of the heating of the 15 nm thick Si3N4 membrane to the optical
signals for both nanodisks. This is coherent with what was shown in Chapter 3 Section 3.6,
where relatively slow cooling dynamics, associated to relatively high temperature elevations were
observed in this thin Si3N4 membrane compared to the other investigated substrates: with higher
∆Tm the contribution of the membrane becomes easier to detect. Thus, the non-overlapping of
normalized curves in Figure 4.11 demonstrates the presence of a non-negligible contribution from
the membrane heating affecting the optical signals. An additional visualization of the different
dynamics has been done: for each probe wavelength the average value of the optical signal
at maximum pump-probe delay (i.e. about 3 ns time delay) is plotted for both nanodisks in
Figures 4.12a and 4.12b. These graphs confirm the high dependence of the normalized thermal
components on the probe wavelength that was observed in Figure 4.11.
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Figure 4.12 – Average value of the normalized thermal component at maximum
pump-probe delay (≈ 2.7 ns) a) for ND1 and b) for ND2. Similarly to Figure
4.4, full and empty markers correspond to measurements performed using two different
orthogonal polarizations of the probe beam.

4.2.7 Thermo-optical modeling of the transient optical response
of a single supported gold nanodisk

This part aims to describe the numerical model, adapted from previous work done in the Fem-
toNanoOptics group [110], used to simulate the temporal dynamics observed for ∆σext(λpr, t)
in the Figure 4.11. It is described as a "thermo-optical" model as it combines simulations of the
thermal dynamics and transient optical response of a nano-object to determine the ∆σext(λpr, t)
profiles.

𝛥𝑇𝑁𝐷(Ԧ𝑟, 𝑡)

𝛥𝑇𝑚(Ԧ𝑟, 𝑡)

𝛥ε1,2(Ԧ𝑟, 𝑡)

𝛥ε𝑚(Ԧ𝑟, 𝑡)
𝛥σ𝑒𝑥𝑡(λ𝑝𝑟, 𝑡)

Thermal model Optical model

Figure 4.13 – Schematic of the computation steps involved in the thermo-
optical model. The variations of temperature of the nanodisk and the membrane,
computed by the thermal model, are used to define variations of the dielectric functions
of both objects. These quantities are finally injected in the optical model to compute the
out-of-equilibrium variations of extinction cross-section of the nanodisk ∆σext(λpr, t).

The articulation between the different modelizations is presented in the Figure 4.13. First,
the temperature profiles in the gold nanodisk TND(r⃗, t) and in the 15 nm thick Si3N4 membrane
Tm(r⃗, t) were computed using the frequency domain thermal model described in Chapter 2
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Chapter 4. Optical detection of the cooling dynamics of single plasmonic nanoparticles

Section 2.3.2.2. Time-dependent and locally modified (compared to room-temperature) dielectric
functions were defined to take into account these temperature profiles in the nanodisk and the
membrane :

∆ϵ1,2(r⃗, t) = ∂ϵ1,2
∂TND

∆TND(r⃗, t), (4.7)

∆ϵm(r⃗, t) = ∂ϵm

∂Tm
∆Tm(r⃗, t). (4.8)

In a final step, the optical model described in Chapter 2 Section 2.3.1 was used to compute
the out-of-equilibrium variations of extinction cross-section ∆σext(λpr, t) of the gold nanodisk
associated to the previously defined, spatially inhomogeneous, dielectric functions.

Thanks to this thermo-optical model it was possible to compute the simulated temporal
profiles of the extinction cross-section changes ∆σext(λpr, t) in the nanodisk-membrane system
as well as the average values of the optical signal at maximal time delay.

4.2.8 Normalized temporal profiles: comparison between exper-
iments and simulations

In Figure 4.14 are represented the normalized thermal components as well as average values of
the optical signals at maximal time delay coming from experiments and simulations, respectively.

The comparison between experimental data and simulations yields a good agreement overall
with similar trends observed. In both experiments and modelization significantly slowed down
dynamics were found at wavelengths larger than the surface plasmon resonance of the nanodisk,
coherently with the location of the vanishing of the optical sensitivity to nanodisk heating AND

previously discussed. The experimental curves at λpr − λSP R = 25 and 30 nm as well as the
simulated ones at λpr − λSP R = 47 nm especially illustrates this phenomenon in the Figures
4.14a and 4.14b. This can also be seen in Figures 4.14c and 4.14d at λpr − λSP R ≈ 20-30 nm
and λpr − λSP R ≈ 40-50 nm respectively. The wavelength dependence of the average value
of the optical signal at maximal time delay observed in the experiments (Figure 4.14c) is also
well reproduced in simulations (Figure 4.14d). In particular, this quantity doesn’t change much
around the Surface Plasmon Resonance central wavelength of the nanodisk, for λpr − λSP R =
0 nm, and far from it, for λpr − λSP R > 60 nm. Around the wavelength where AND vanishes
the average value of the optical signal at maximal time delay is drastically reduced and then
highly increased at wavelengths increasingly far from the Surface Plasmon Resonance. Indeed,
slower dynamics lead to higher values at maximal time delay while faster dynamics lead to the
opposite effect.

Finally, the simulations predicted faster dynamics, located around λpr − λSP R ≈ 40 nm in
simulations in Figure 4.14d, but these could not be experimentally observed (see next section
for details about the associated measurements).

The discrepancies about the vanishing wavelength for AND previously discussed are once
again present here: the wavelengths where slower and faster dynamics occur are not the same
between experiments (around λpr − λSP R = 20-30 nm) and simulations (λpr − λSP R ≈ 40-50
nm). This gap is attributed to the same origin as before: the variability existing in the literature
among the tables for the dielectric function temperature dependences for gold ∂ϵ1,2

∂T .
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Figure 4.14 – Temporal variations of the normalized thermal components a)
for ND2 and b) for the thermo-optical model, complemented with the average
values of the normalized thermal components at maximum pump-probe delay
c) in experiments and d) in simulations. In all subfigures the probe wavelength
λpr is indicated relatively to the Surface Plasmon Resonance central wavelength λSP R.
In a) and b) 4 probe wavelengths are selected, illustrating that slower and faster cooling
dynamics can be observed in both cases. a) Measurements were performed with a probe
beam polarization associated to full markers in Figure 4.4. c) Same color code as in Figure
4.10. For c) and d) plots the maximal pump-probe delay was around 2.7 ns.

4.2.9 Signals measured in the spectral range of weak sensitivity
to nanodisk heating

Signals measured at probe wavelengths close to the spectral range where the optical sensitivity to
nanodisk heating AND vanishes are potentially very interesting as they could provide selective
access to the dynamics of membrane heating. This would correspond to using nanodisks as
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Figure 4.15 – Time-resolved changes of the extinction cross-section normalized
by initial heating for ND2 with a probe wavelength such that λpr − λSP R =
20 nm. This optical signal corresponds to the green curve in Figure 4.5b.

thermometers measuring the temperature of their local environment instead of their own.
However, the experimental signals measured in these conditions simultaneously present a

thermal component of low amplitude and signal to noise ratio (as expected from the small
values of AND and Am in this spectral range) and an oscillatory component of large amplitude,
reflecting sensitive probing of the nanodisk vibrations. An example of such signal for ND2 is
represented in Figure 4.15.

These effects make extraction of the thermal component challenging, and despite several
attempts (e.g. based on filtering in the frequency domain) we could not succeed in extracting a
signal with a signal to noise ratio sufficient for further analysis.

4.3 Conclusion
In this chapter the study of single gold nanodisks supported by a thin glass membrane, a 15 nm
thick Si3N4 membrane, through ultrafast time-resolved experiments with a probe wavelength
varied across their Surface Plasmon Resonance, allowed to perform experimental measurements
of the optical sensitivity to nanodisk heating AND. The maximum absolute value of this quan-
tity is located around the Surface Plasmon Resonance of the nanodisk and exhibits a clear
dependence on the probe wavelength with a characteristic vanishing 20-30 nm on the red flank
of the resonance, all features being well reproduced by simulations obtained via a thermo-optical
model.

This work also demonstrated the large dependence of the nanodisks transient optical re-
sponses on probe wavelength in terms of amplitude and temporal dynamics. These transient
responses exhibited significant variations and in particular slower decays of the thermal com-
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ponent of the optical signals have been observed. These observations were found in a narrow
wavelength range surrounding that at which the contribution of nanodisk heating to extinction
changes vanishes, in which the membrane heating contribution becomes of the same order of (or
even larger than) the other one. As far as we know, these results represent the first experimental
demonstration of a detection of environment heating in the context of time-resolved experiments
performed on nano-objects located in a solid environment. The results presented in this chap-
ter have been described in a paper entitled "Impact of supporting nanometric membranes on
the thermo-optical dynamics of individual plasmonic nanodisks" and published in Nanoscale in
2024 [122].

Finally, the applicative interest of these results can be found in the use of metallic nanopar-
ticles as local probes for measuring temperature or the thermal properties of thin membranes.
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Chapter 5

Vibrations of single gold nanodisks
deposited on thin membranes

Understanding the vibrational properties of nano-objects is essential for many applications, such
as, for example, mass sensing. Among the different experimental approaches available to address
the vibrational properties of nanostructures, optical techniques (e.g. ultrafast time-resolved
spectroscopy) allow to detect vibrational modes via the modification of optical response that
they induce, providing access to their frequencies (f = 1/T , T being the corresponding period),
damping times (τ), and quality factors (Q = π τ

T ). The influence of the nanoparticule size,
composition, shape, and environment on the vibrational periods has been extensively studied
and is now quite well understood [129]. In particular, it has been demonstrated that these
periods can be accurately reproduced using the laws of continuum mechanics and the bulk elastic
constants of materials even for ultrasmall nanoparticles with sizes of the order of 1 nm [130,131].

In contrast, the mechanisms involved in the damping of acoustic vibrations of nanoparticles
are currently less well understood, notably due to the fact that the lifetime of vibrational modes
can be radically altered by small modifications of the nanoparticle structure, morphology and
environment. Moreover, damping times not only depend on the intrinsic properties of the
nanoparticle (e.g. composition, morphology, and crystallinity) but are also greatly affected
by the properties of the nanoparticle-environment interface, which determines the efficiency
of the transmission of acoustic energy between the two media. Finally, the dispersion in size
and shape of the nanoparticles leads to inhomogeneous effects making evaluation of vibrational
damping times challenging in the context of ensemble experiments. Fully quantitative analyses of
vibrational damping can thus be done only using a single-particle approach. The first attempt at
time-resolved measurements of the vibrations of a single nano-object was performed successfully
in 2005 on single gold nanospheres using time-resolved interferometry by M. Orrit et al. [133].
Several research teams then studied the vibrational properties of a number of single nanosystems
(nanospheres, nanoplates, nanorods, nanoprisms, etc) [129,134–137]. Single-particle experiments
using Raman spectroscopy have also been demonstrated more recently in the case of single
isolated and dimerized gold nanoparticles [138]. Figure 5.1 illustrates the sharp differences that
can be observed between signals obtained via ensembles and single-particle experiments for silver
nanocubes deposited on glass [132], the former presenting a much faster damping originating
from the progressive dephasing of the vibrations of the different nanoparticles of the probed
ensemble.
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Figure 5.1 – Time-resolved signal measured in the case of silver nanocubes
deposited on glass for an ensemble of nano-objects (red) and a single nanopar-
ticule (blue). Figure taken from ref. [132].

In the work presented in this chapter the main objective was the study of the vibrational
properties of single gold nanodisks and, in particular, their vibrational quality factors. Pre-
vious measurements performed in the group in the context of F. Medeghini’s PhD work [21]
demonstrated the large impact of nanodisk morphology (diameter over thickness ratio) on their
vibrational quality factors. Here two aspects of the previous work were modified in these new
studies: first, the nanodisks were produced using colloidal chemistry (see Chapter 2) rather
than electron beam lithography, a synthesis procedure expected to induce less crystalline de-
fects. Second, the supporting substrate was here a thin membrane rather than a bulk substrate.
In addition, we performed a systematic study of the optical detection of acoustic vibrations
(similarly to that of the thermal dynamics reported in the previous chapter).

5.1 Vibrational properties of nano-objects: Navier
equation, eigenmodes and quality factors

5.1.1 Navier equation
The mechanical deformation of an elastically isotropic solid material is described by the Navier
equation, which reads:

ρ
∂2u⃗

∂t2 = (λ + 2µ)∇⃗(∇⃗ · u⃗) − µ∇⃗ × (∇⃗ × u⃗), (5.1)

with u⃗ the displacement field, ρ the density of the material, and λ and µ its Lamé constants.
These constants are related to the Young modulus E and Poisson’s ratio ν via

E = µ
3λ + 2µ

λ + µ
and ν = λ

2(λ + µ) , (5.2)

106



5.1. Vibrational properties of nano-objects: Navier equation, eigenmodes and quality
factors

and to the longitudinal speed of sound cL and transversal speed of sound cT via

cL =
√

λ + 2µ

ρ
and cT =

√
µ

ρ
. (5.3)

5.1.2 Eigenmodes and quality factors
The vibrational eigenmodes of a nano-object correspond to the harmonic solutions of Equation
5.1, which can be written as:

u⃗(r⃗, t) = u⃗0(r⃗) exp(i2πf̃t) + c.c. (5.4)

with f̃ the frequency of the vibrational mode [129]. Two main configurations can be considered.
The first one consists of a nano-object in vacuum, which is characterized by a vanishing stress
condition on the surface of the nano-object and leading to undamped vibrations modes with real
frequencies f̃ . The second one involves a nano-object in contact with an infinite environment
(e.g. matrix, substrate). In this context the displacement field u⃗ must be the solution of the
Navier equation in both the nano-object and its surrounding medium, with boundary conditions
being the continuity of the displacement and stress fields at the nanoparticle-matrix interface.
This leads to damped vibrational modes, characterized by complex frequencies f̃ , whose damping
originates from the emission of acoustic waves in the matrix. For a given mode, denoted as the
nth, its complex frequency f̃n is expressed as:

f̃n = fn + i
αn

2π
(5.5)

with the real frequency fn = 1/Tn associated to the oscillation period Tn, and αn = 1/τn with τn

the lifetime of the vibration mode. The vibration mode can be fully described using its complex
frequency f̃n = fn + i iαn

2π , and the normalized displacement field u⃗0,n(r⃗):

u⃗n(r⃗, t) = u⃗0,n(r⃗) cos(2πfnt) exp(−αnt). (5.6)

The damping of a vibration mode is usually characterized by its dimensionless quality factor
Qn, which is defined as:

Qn = π
fn

αn
= π

τn

Tn
. (5.7)

Alternatively, αn
π corresponds to the bandwith ∆fn of the vibration mode in the spectral domain,

allowing to also write the quality factor as:

Qn = fn

∆fn
. (5.8)

Apart from the extrinsic origin of damping discussed above (emission of acoustic waves in the
environment), vibrational modes can also be damped by intrinsic processes (e.g. thermoelastic
attenuation, scattering of acoustic waves by randomly oriented grains in polycrystalline materials
[139]). A general expression of the quality factor of an acoustic mode, accounting for these two
independent damping sources, is thus:

1
Q

= 1
Qintrinsic

+ 1
Qextrinsic

, (5.9)

with Qintrinsic and Qextrinsic are the quality factors associated to intrinsic and extrinsic damping
mechanisms, respectively.
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5.2 Vibrational dynamics of single colloidal gold nan-
odisks deposited on membranes
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Figure 5.2 – Vibrational periods and quality factors measured using single-
particle time-resolved spectroscopy on supported gold nano-objects with dif-
ferent morphologies and synthesis methods. Figure adapted from ULTRA-
SINGLE project. Experimental data were obtained for nanospheres (red circles),
nanoprisms (black triangles), nanorods (blue squares), and nanodisks (green circles), 2
modes being detected for the two latter types of nano-objects [62,136,140,141].

A number of experiments aimed to study the vibrational quality factors of single nano-
objects. Among them, experiments conducted on nano-objects obtained by chemical synthesis
deposited on substrates lead to measured quality factors Q in the 5-50 range for the detected
acoustic modes, mainly limited by the acoustic coupling between the nano-object and its envi-
ronment [129,132,142]. For lithographed nano-objects smaller quality factors, explained by lower
values of the intrinsic quality factor Qintrinsic for such objects, have been reported [141,143–145].
Figure 5.2 presents some examples of vibrational periods and quality factors obtained experi-
mentally for a variety of single gold nano-objects.

However, previous work conducted in the FemtoNanoOptics group in the framework of
Fabio Medeghini’s PhD work demonstrated that the quality factors of single gold nanodisks,
lithographed on a thick sapphire substrate, exhibited a strong dependence on the nanodisk as-
pect ratio η (diameter D over height h ratio with η = D/h) [21, 62]. In particular, a maximal
quality factor of Q ≈ 70 was observed near η ≈ 2.5, a value higher than what had been previously
observed for nanoparticles deposited on substrates (see Figure 5.3). This observation was later
ascribed to radiative coupling effects between two acoustic modes of the nanodisk presenting
close frequencies in a narrow η range [146].

In this section we present experiments whose goal was to further extend this work by studying
the influence of the deposition on a thin membrane and of a colloidal synthesis on the previous
result, i.e. the dependence of the vibrational properties of single gold nanodisks on their aspect
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Figure 5.3 – Quality factors of the experimentally detected acoustic modes as
a function of the aspect ratio of the single gold nanodisks. Figure reproduced
from previous work done in the FemtoNanoOptics group [21, 62]. Each dot
corresponds to a single nanodisk measurement.

ratio.

5.2.1 Experimental strategy
The gold nanodisks required for this study were synthesized by Sylvie Marguet (CEA Saclay)
via colloidal chemistry, similarly to the ones described in Chapter 2 Section 2.1. Several nan-
odisks solutions characterized by different average nanodisk aspect ratios (in the 2-5 range) were
specially synthesized for this study. 3 of them were used in our experiments:

• η = 2.3, corresponding to average dimensions D ≈ 49 nm and h ≈ 21 nm.

• η = 3.5, corresponding to average dimensions D ≈ 73 nm and h ≈ 21 nm.

• η = 4.5, corresponding to average dimensions D ≈ 95 nm and h ≈ 21 nm.

Figure 5.4 presents the normalized extinction spectra of each previous solution (5.4d) as well
as some scanning electron microscopy images of gold nanodisks from each solution deposited on
a 40 nm thick SiO2 membrane (5.4a, b and c).

These nanoparticles were then deposited on 40 nm thick SiO2 membranes using the protocol
described in Chapter 3 (see Section 3.3.1). Additionally, gold nanodisks with D ≈ 100 nm and
h ≈ 10 nm (corresponding to large aspect ratios, in the 9-14 range), coming from the solution
used for the thermal studies of Chapters 3 and 4 (see synthesis in Chapter 2 Section 2.1), were
deposited on the same substrate and studied.
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Figure 5.4 – a), b) and c) scanning electron microscopy images of gold nan-
odisks deposited on a 40 nm thick SiO2 membrane from solutions with h ≈
20 nm and η = 2.3, η = 3.5, and η = 4.5 average aspect ratios, respectively.
d) Normalized extinction spectra of the three solutions of gold nanodisks in
water. e) Measured extinction spectrum of a single gold nanodisk from solu-
tion with average aspect ratio η = 3.5. Gold nanodisks in a), b), and c) come from
the solutions with average aspect ratios η = 2.3 (blue line), 3.5 (red line), and 4.5 (black
line), respectively. In e), the full and empty markers in the data points correspond to
two orthogonal polarizations of incident light beam. The solid blue line is the result of
an optical FEM simulation with D = 77.8 nm and h = 23.1 nm.

Extinction spectra of single nanodisks were acquired thanks to the SMS technique and
compared with optical FEM modeling for perfect cylindrical shape in order to estimate their
diameter D and height h as well as the corresponding aspect ratio η (whose increase leads to
a red shift of the nanodisk Surface Plasmon Resonance). The experimental extinction spectra
of a single gold nanodisk, originating from the colloidal solutions with average aspect ratio η =
3.5, as well as optical FEM simulation reproducing this spectra, are represented in Figure 5.4e.

Single-particle time-resolved measurements were conducted on 5-7 gold nanodisks of each
solution. The extinction spectrum of each of these nanodisks was measured prior to time-resolved
measurements, allowing estimation of its diameter and thickness as in the example provided
above (Figure 5.4e). In this section, probe wavelengths λpr on the side of the Surface Plasmon
Resonances of the single gold nanodisks were chosen, i.e. λpr ± 10-40 nm, for each investigated
nanodisk. This choice was based on previous experimental studies that have empirically shown
that such configuration leads to higher amplitudes of the oscillatory components of the time-
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resolved signals [21,112] (see Section 5.3 for more detailed investigations of the probe wavelength-
dependence of the oscillatory amplitudes of time-resolved signals).
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Figure 5.5 – Examples of oscillatory components (black lines) extracted from
raw time-resolved measurements and fit (red lines) on 4 single nanodisks with
different aspect ratios. The estimated aspect ratios for the 4 nanodisks are a) η = 12.6,
b) η = 4.7, c) η = 3.3, and d) η = 2.2. The quality factors determined by time-domain
fitting of the measured signals are indicated in each panel. The nanodisk corresponding
to panel a) originates from the synthesis described in Chapter 2 Section 2.1 (thickness of
about 10 nm) while the three other nanodisks come from the synthesis described in this
chapter (Section 5.2.1, thickness of about 20 nm), all of them being supported by a 40
nm thick SiO2 membrane.
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5.2.2 Experimental signals
Subsequently to time-resolved experiments, extraction of their oscillatory components was per-
formed using the protocol detailed in Chapter 2 Section 2.2.3.4 (only one mode was detected
in each case). A variety of acoustic components, with diverse amplitudes, frequencies, damping
rates and quality factors were obtained. Figure 5.5 present a few examples of the measured
oscillations (left side) as well as the corresponding Fourier transforms (right side), the quality
factor values being evaluated from the optimal fits through Equation 5.7.

5.2.3 Experimental frequencies and quality factors
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Figure 5.6 – a) Reduced frequencies fred = fh and b) quality factors Q, ex-
tracted from experimentally detected vibrational components, as a function
of the aspect ratio η of the corresponding single gold nanodisks. Thicknesses h

of the nanodisks came from the previous optical FEM characterization.

As the investigated nanodisks had different thicknesses, reduced frequencies fred defined
as fred = fh (expected to be relatively independent of nanodisk thickness) were considered for
comparing all measurements. Figure 5.6 presents the reduced frequencies fred and quality factors
Q deduced from the fit of the oscillatory components obtained via time-resolved experiments
performed on single gold nanodisks coming from the synthesis procedure described in Chapter
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2 Section 2.1 (η in 9-15 range) as well as the one presented in Section 5.2.1 (η = 2-5). The
uncertainty on the experimental quality factor values is estimated to be of the order of 20 %.

The extracted reduced frequencies present a quasi monotonic evolution in the η = 2-5 range
(Figure 5.6a). Deduced quality factors values are in the 5-15 range for nanodisks with η =
9-15, corresponding to a low number of oscillations observed in time-resolved experiments. In
contrast, the quality factors obtained for aspect ratios in the 2-5 range present increasing values
for smaller η values and reach significantly higher values, with a maximum Q ≈ 50. Figure 5.6b
thus demonstrates a clear dependence of the quality factors of the detected vibrational modes
on the aspect ratio η of single gold nanodisks supported on a 40 nm thick SiO2 membrane,
similarly to what was previously observed for a substrate made of sapphire [62]. However, a
large dispersion of the quality factors is observed for nanodisks with close aspect ratio values,
possibly linked to the morphological differences (e.g. more or less important deviations from a
perfectly cylindrical shape) between gold nanodisks as well as the dispersion in the quality of
the mechanical contacts between gold nanodisks and their supporting substrate.

5.2.4 Numerical modeling via FEM

Au

SiO2
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Axis of 
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symmetry 40 nm PML

ℎ
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Figure 5.7 – 2D geometry used in the vibrational FEM calculations taking
advantage of the revolution symmetry of the problem. A single gold nanodisk
with a diameter D and thickness h supported on a 40 nm thick SiO2 membrane of radius
Rm is considered. A perfectly-matched layer is placed at the border of the simulation
domain.

Finite-element modeling, based on 2D axisymmetric eigenmode numerical resolution of the
Navier equation (see Equation 5.1), was performed to numerically obtain the vibrational modes
of a single gold nanodisk supported by a 40 nm thick SiO2 membrane and the associated frequen-
cies and quality factors via the Structural Mechanics module of the COMSOL software. The
considered FEM configuration is presented in Figure 5.7. A Perfectly Matched Layer (PML) was
defined at its border in order to avoid the associated reflections and to simulate an open domain.
The radius of the PML was chosen to be 10 times larger than the nanodisk thickness while the
size of the mesh was about 10 times smaller. At the nanodisk-membrane interface a perfect
mechanical contact, corresponding to a continuity of displacement and stress, was assumed. As
for the damping of the vibrational modes, only radiative damping, linked to Qextrinsic quality
factor in Equation 5.9 and originating from the damping of the emission of acoustic waves in the
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environment, was considered. The performed calculation not only yields nanodisk vibrational
modes, but also modes associated to the substrate and the PML (whose properties depend on
the simulation parameters). The latter typically display much lower quality factor allowing a
simple selection of the nanodisk modes (at the exception of those displaying very low quality
factors) [146].

These simulations are preliminary and will be completed in future work with the computa-
tion of excitation spectra as well as the use of different modelizations of the intrinsic damping
contributions (Qintrinsic in Equation 5.9).

5.2.5 Comparison between experimental results and FEM mod-
elization

Due to the dispersion of the thicknesses of the investigated nanodisks with low aspect ratios, in
the 20-25 nm range, FEM calculations of reduced frequencies and quality factors were performed
both for h = 20 nm and h = 25 nm, as shown in Figure 5.8 (simulations were also performed
for h = 10 nm and lead to similar results in the large aspect ratio η range). Moreover, only the
two relevant vibrational modes, corresponding to those detected in Fabio Medeghini’s work [62]
were represented. Further work will be needed to determine their relative excitation amplitudes
in the context of our experiments.

Figure 5.8a shows that experimental reduced frequencies are qualitatively reproduced by
FEM simulations with little difference between h = 20 nm and h = 25 nm computations.
In particular, the monotonic behavior, i.e. increasing reduced frequencies for decreasing aspect
ratios, is observed both experimentally and numerically (for the two computed modes, displaying
similar frequency evolutions). The difference between experimental and modeled frequencies, of
the order of 20 − 30%, may result from the non-perfectly cylindrical nanodisk shape or from
uncertainties associated to the optical determination of nanodisks dimensions. Further work,
about the modelization of the optical detection of vibrations as well as the frequency content
linked to the excitation by the pump pulse, is needed to determine if the detected acoustic
vibrations correspond to a single vibrational mode or to a combination of both modes.

However, as shown in Figures 5.8b and 5.8c, FEM computations of quality factors differ from
experimental data for both computed modes. Despite a relatively good agreement at large η

values for the mode represented with a full line in Figure 5.9b, significantly different behaviors
are found in the 2-5 aspect ratio range, with numerical quality factors reaching up to 200 and
300 values while experimental ones are limited to a 10-50 range.

The vibrational FEM model used for these computations estimates Qextrinsic and does not
take into account any form of intrinsic damping : the differences observed between numerical
calculations and experimental data are thus not surprising especially in the aspect ratio range
where acoustic emission in the membrane is predicted to be inefficient. A simple empirical
way to add an intrinsic damping to the computed quality factors is to use Equation 5.9 with
a constant Qintrinsic (neglecting the possible frequency dependence of this quantity). These
new FEM quality factors are represented in Figure 5.9 with pale orange (h = 20 nm) and
light blue curves (h = 25 nm). In the 2-5 aspect ratio range the mode represented with a
dashed line presents a relatively good agreement with the experimental quality factors, with
similar maximum value (35-45 range). This observation suggests that the quality factors of
single colloidal gold nanodisks supported on a 40 nm thick SiO2 membrane can be successfully
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Figure 5.8 – a) Reduced frequencies fred = fh and b) quality factors Q from
experimental measurements and FEM simulations as a function of the aspect
ratio η of the corresponding single gold nanodisks. c) FEM simulations from b)
are shown on a larger Q scale. FEM simulations were performed for single gold nanodisks
with variable diameters D and thicknesses h = 20 nm (red lines) or 25 nm (blue lines),
always supported on a 40 nm thick SiO2 membrane. The two main vibrational modes
playing a role in time-resolved experiments [62] are shown as solid and dashed lines,
respectively.

explained by a radiative damping, computed by the FEM model and linked to the emission of
acoustic waves in the membrane, as well as intrinsic damping with Qintrinsic ≈ 50, a value of the
same order than what was observed for lithographed gold nanodisks deposited on sapphire [62].
Further studies will be needed to confirm this Qintrinsic value and investigate its possible size
and/or frequency dependence. Importantly, compared to what was observed for single gold
nanodisks supported on bulk sapphire, for which quality factors Q > 50 were observed in a
narrow 2.3-2.5 aspect ratio range [62], the present work demonstrates quality factors Q > 30 in
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Figure 5.9 – Quality factors Q from experimental measurements and FEM
simulations including intrinsic damping, as a function of the aspect ratio η

of the corresponding single gold nanodisks. Vibrational FEM simulations with an
constant intrinsic damping (Qintrinsic = 50, taken into account via Equation 5.9) were
performed for single gold nanodisks supported on a 40 nm thick SiO2 membrane with
variable nanodisks diameters D and thicknesses h = 20 nm (pink lines) or 25 nm (light
blue lines). The two corresponding vibrations modes are represented in solid and dashed
lines, respectively.

a 2.3-3.3 aspect ratio range for single gold nanodisks supported on a 40 nm thick SiO2 membrane,
i.e. lower quality factors but on a wider η range. This could be partially explained by the larger
acoustic mismatch between the gold nanodisk and its substrate in the case of the SiO2 substrate
than in the sapphire one (ZSiO2/ZAu ≈ 0.2 < ZAl2O3/ZAu ≈ 0.7), as previous modeling work has
shown that it could lead to an enhancement of Q factors in a reduced aspect ratio range [146].
However these results were demonstrated in the case of bulk substrates (which is valid for the
sapphire substrate but not for the silica one): therefore, further investigations will be performed
to understand the impact of the thickness of the substrate on the vibrational dynamics of single
supprted gold nanodisks.

5.3 Optical detection of the acoustic vibrations of
single gold nanodisks

Similarly to work presented in Chapter 4, i.e. the characterization of the transient optical
response of single gold nanodisks linked to the cooling dynamics of such objects, a relevant re-
search axis here is to study the optical aspects in the detection of the acoustic vibrations of single
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nano-objects. Indeed, understanding how the characteristics of the time-resolved experiments,
the probe wavelength notably, influence the detection of vibrations modes can help determine
optimal working conditions for studying such acoustic modes. In this section such work on the
same gold nanodisks than the ones presented in Chapter 4 will be presented.

5.3.1 Experimental strategy and acoustic signals
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Figure 5.10 – Examples of oscillatory components (black lines) extracted from
raw time-resolved measurements and fit (red lines) performed on a single
gold nanodisk (ND1) using 4 different λpr values. Raw acoustic components were
converted into variations of extinction cross-section normalized by the initial heating of the
nanodisk ∆T0 (of the order of 10-20 K). Experimental signals correspond to λpr −λSP R =
a) -20 nm, b) 0 nm, c) 40 nm, and d) 90 nm, respectively.

Single-particle time-resolved measurements were conducted on the 2 gold nanodisks ND1
and ND2 described in Chapter 4, with diameters D = 96.2 nm and 93 nm and thicknesses h

= 10.8 nm and 9.5 nm, respectively. In this section, experiments were performed with a probe
wavelength λpr that was varied across the Surface Plasmon Resonances of the nano-objects,
similarly to the strategy used in the previous chapter. In practice, the probe wavelength was in
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the same range, i.e. in the 790-900 nm range, corresponding to λpr − λSP R ≈ -10/+100 nm and
-20/+90 nm for ND1 and ND2, respectively. Performing experiments with a probe wavelength
below 790 nm is quite difficult with our experimental setup as it leads to a pump beam with
a wavelength in the UV-blue range, where optical aberrations and light transmission through
the microscope objectives significantly alter and attenuate the light beam. Acoustic components
were extracted from raw time-resolved signals using the method described in Chapter 2 Section
2.12.

Figure 5.10 presents some of the acoustic signals obtained from time-resolved experiments
at different probe wavelengths for the gold nanodisk ND1. These few examples show that the
amplitudes of the measured acoustic components present significantly different values depending
on the probe wavelength λpr, with in particular different signs at their origin, the signals in
Figures 5.10a and 5.10b starting with positive values, while the ones in Figures 5.10c and 5.10d
begin with negative values. In contrast, the frequencies and quality factors of the modes detected
in experimental measurements (which are intrinsic properties of the vibrational modes of the
nanodisk) don’t exhibit any dependence on the probe wavelength.

5.3.2 Experimental results
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Figure 5.11 – Experimental values of the amplitudes of measured acoustic
components as a function of λpr − λSP R for the investigated gold nanodisks
a) ND1 (black markers) and b) ND2 (red markers). Similarly to Figure 4.4 in
Chapter 4, full and empty markers correspond to measurements performed using two
different orthogonal polarizations of the probe beam.

The amplitudes of the acoustic components experimentally measured for the two gold nan-
odisks ND1 and ND2 are represented in Figure 5.11a and 5.11b as a function of λpr − λSP R,
respectively.
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5.4. Conclusion

Figure 5.11 demonstrates a clear dependence of the amplitude of the detected acoustic vi-
brations on the probe wavelength. In particular, the optical sensitivity to vibrations is minimal
close to the Surface Plasmon Resonance of the gold nanodisks, in opposition to what was ob-
served for optical sensitivity to nanodisk heating. In contrast, maximal sensitivity to acoustic
vibrations is observed on the flank of the Surface Plasmon Resonance at λpr − λSP R ≈ 20-40
nm for ND1 and λpr − λSP R ≈ 20-50 nm for ND2.

The spectral shape of Figure 5.11 is characteristic of the detection of a process predominantly
affecting Surface Plasmon Resonance position. It strongly contrasts with that obtained in the
context of the study of the optical detection of nano-object heating, which is mostly detected
through the Surface Plasmon Resonance broadening that it induces (see Chapter 4, Section
4.2.5, Figure 4.10). Two reasons can be invoked to qualitatively explain this difference:

1. Conversely to nanoparticle heating, vibrational modes generally modify the shape of a
nano-object, which has a strong influence on Surface Plasmon Resonance position (see for
instance Chapter 1, Section 1.2.2, Equation 1.48).

2. Even if they both induce density changes, vibrations and heating differently modify the real
and imaginary parts of the gold dielectric function, which respectively influence Surface
Plasmon Resonance spectral position and width (see Chapter 1, Section 1.2.2). Gold
heating leads to dominant modifications of ϵ2 over ϵ1 ones, in the investigated spectral
range (see Figure 4.8 of Chapter 4). Conversely, strain induces larger variations of ϵ1 in
most of the visible spectrum [147].

These results thus constitute a new illustration of the possibility to selectively probe distinct dy-
namics in the context of time-resolved measurements, by an accurate choice of probe wavelength.
They will be further investigated in future research.

5.4 Conclusion
In this chapter the study of the vibrations of single gold nanodisks was performed. First, the
experimental measurement of the reduced frequencies and quality factors of acoustic vibrations
detected for single colloidal gold nanodisks with different aspect ratios supported on a 15 nm
thick Si3N4 membrane was done and maximum Q values around 50 were observed for η in the
2-5 range, largely exceeding the typical Q ≈ 10 values obtained for nanodisks with η ≈ 10. These
results confirm the morphology dependence of Q factors of nano-objects already observed for
bulk substrates [62]. They suggest that Q enhancement can be obtained on a broader aspect ratio
range in the case of thin membranes as compared to thick substrates. Comparison with FEM
simulations lead to a relatively good agreement for the reduced frequencies. Experimental quality
factors could be approximately reproduced by the inclusion of intrinsic damping with Qintrinsic of
the order of 50. This value does not exceed that measured for lithographed nanodisks, suggesting
that either our nanodisks did not present much less crystalline defects than lithographed ones,
or that these defects do not constitute the dominant contribution to intrinsic damping.

Measurements with a broad probe wavelength range were also performed in order to char-
acterize the link between the amplitude of the detected acoustic vibrations and the optical
detection. The optical sensitivity to vibrations was found to be significantly dependent on the
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probe wavelength and exhibited, for the two investigated gold nanodisks, ND1 and ND2, min-
ima around the Surface Plasmon Resonance and maxima on its flank, in stark contrast with the
probing of thermal dynamics. Thus, the optimal conditions for probing the heating and vibra-
tions of nano-object strongly differ from each other, which result from the different dominant
dielectric changes induced by these two phenomena and from the additional transient shape
changes induced by acoustic vibrations.

Further investigations of the vibrational properties of single gold nanodisks will include
numerical modelization of the amplitudes of the detected acoustic modes (in progress), of the
optical response of a vibrating nanoparticle (already started in other groups [148, 149]) as well
as time-resolved experiments with a probe wavelength covering the whole spectral range around
the resonance of the gold nanodisk. As for the study of the dependence of quality factors on the
aspect ratio of the gold nanodisks, it would be interesting to perform additional experiments
on single colloidal gold nanodisks deposited on thick sapphire in order to compare them to the
results obtained for lithographed gold nanodisks supported on the same substrate thus allowing
to more directly address the impact of the nanodisk synthesis procedure (see ref. [62]).
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Conclusion and Perspectives

In this thesis, the thermal and vibrational dynamics of single gold nanodisks supported on
different transparent substrates, as well as the induced transient optical response that they
induce, were studied using the combination of spatial modulation spectroscopy and ultrafast
time-resolved spectroscopy.

Time-resolved experiments performed on single gold nanodisks deposited on substrates dif-
fering via their compositions and thicknesses illustrated that the observed cooling dynamics
largely depended on the characteristics of the substrate, while showing good reproducibility be-
tween different individual nanodisks on a given substrate. These findings have been interpreted
and well reproduced via FEM thermal modelization (taking into account interfacial heat trans-
fer at the nanodisk-substrate interface and heat diffusion in the substrate) with bulk substrate
thermal conductivity values, a periodic excitation model being required for thin and ultrathin
membranes. The observed cooling dynamics could be quantitatively reproduced using a simple
diffusive model of heat conduction in the nanodisk environment. The absence of a clear signature
of non-diffusive heat propagation can be explained, in the bulk sapphire case, by the interface-
limited dynamics, and, for nanometric membranes, by an average phonon mean free path being
much smaller than the thicknesses of the membranes. While the temporal dynamics of nanodisk
cooling could be quantitatively reproduced by simulations, the measured average heating of the
nanodisks was only qualitatively explained. To achieve a fully quantitative description of time-
resolved signals, the work described in this manuscript could be complemented by experimental
measurements aiming at clarifying the heat exchanges occurring at the interface of the mem-
branes with air and at their ends. This could be attempted through experiments involving longer
time scales, or by investigating the possible dependence of the cooling dynamics of nanodisks on
the distance separating them from the membrane edge. In the future, these experiments could
be reproduced on thin membranes with different composition, silicon for example, in order to
observe non-diffusive heat propagation, as such effects have been demonstrated in the case of
networks or metal nanowires on bulk silicon [97].

Vibrational properties of single gold nanodisks deposited on thin membranes have been in-
vestigated both from experimental and modeling points of view. First, the frequencies and
quality factors of the detected acoustic vibrations of colloidal single gold nanodisks with dif-
ferent aspect ratios were measured experimentally, with quality factors reaching up to 50 in a
specific aspect ratio range. Observations confirm the morphology dependence of quality factors
of nanoparticles demonstrated in previous work of the FemtoNanoOptics group, while suggest-
ing that an enhancement of quality factors can be obtained in a broader aspect ratio range
for thin supporting membranes, as compared to thick sapphire. Experimental frequencies were
relatively well reproduced by vibrational FEM simulations, whereas a qualitative agreement for
the quality factors of single colloidal gold nanodisks could be achieved by including an intrinsic
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damping contribution, associated with a quality factor of the same order as that previously ob-
tained for lithographed nanodisks. The similarity of these two values, despite the large difference
between the used synthesis procedures, suggests that either crystalline defects are similar for
the two samples or they do not constitute the dominant source of intrinsic damping. Additional
characterizations of nanodisk crystallinity would thus be interesting to refine the interpretation
of our experimental results. The understanding of the dependence of quality factors on the
aspect ratio of the gold nanodisks could benefit from experiments on single colloidal gold nan-
odisks supported on thick sapphire, allowing to compare them with previous results obtained for
lithographed nanodisks supported on the same substrate and to further understand the effect
of the nanodisk synthesis procedure on the quality factors. As a result, experiments and simu-
lations allowed to further understand the thermal and vibrational dynamics of single supported
gold nanodisks by underlining in particular the influence of the characteristics of the supporting
substrate.

Another essential part of this work was the study of the optical detection of the thermal
and vibrational dynamics. First, we focused on the study of the optical detection of the cooling
dynamics of membrane-supported single gold nanodisks. To achieve this, time-resolved exper-
iments were conducted with a probe wavelength varied across the Surface Plasmon Resonance
of the single nanodisks and gave access to an experimental measurement of the optical sensi-
tivity to nanodisk heating. This quantity was shown to present a maximum value around the
resonance of the nano-object, as well as a significant spectral dependence, complemented with a
vanishing on the red flank of the resonance. A thermo-optical model allowed to well reproduce
the experimental data and its characteristic features. Moreover, the amplitudes and tempo-
ral dynamics of the transient variations of the extinction cross-section of the single nanodisks
were shown to largely depend on the probe wavelength. Slower decays, as well as noticeable
variations, of the transient optical responses were observed experimentally in a narrow spectral
range enclosing the one where the contribution of nanodisk heating to extinction vanishes, the
membrane heating contribution becoming of the same order of (or larger than) the latter. To
our knowledge, these results constitute the first experimental demonstration, in the context of
ultrafast time-resolved spectroscopy measurements, of a detection of the heating of the environ-
ment for nanoparticules supported on a solid environment. Such results could contribute to the
development of some applications using metallic nano-objects as local probes of temperature. In
parallel, the optical detection of acoustic vibrations of single gold nanodisks deposited on thin
membranes was also investigated. Time-resolved measurements were performed using a broad
wavelength range and demonstrated a large dependence of the optical sensitivity to vibrations on
the probe wavelength with the observation of minimum around the Surface Plasmon Resonance
and maximum on its flank, a spectral shape largely different from the one of the thermal dynam-
ics. Future work about the vibrational properties of single gold nanodisks could aim to perform
numerical modelization of the amplitudes of the detected acoustic modes as well as ultrafast
time-resolved experiments with a probe wavelength covering the whole spectral range around
the resonance of the gold nanodisk. Thus, the conditions for optimal probing of the heating
and the acoustic vibrations of a nanoparticle present strong differences, a fact that could be
explained by the dissimilar dielectric changes induced by these two phenomena and also from
the shape modifications linked to acoustic vibrations. Further investigations will be required for
a more quantitative understanding of the transient optical response induced by vibrations.
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Abstract:

This thesis work focuses on the optical study of the thermal and vibrational properties of
metallic nano-objects. Two optical techniques operating at the scale of a single nano-object
(spatial modulation spectroscopy and time-resolved pump-probe spectroscopy) were used to
localize single gold nanodisks randomly deposited on a solid substrate, characterize their optical
properties, and study their ultrafast dynamics.

The first part of this work describes the optical study of the cooling of colloidal gold nanodisks
deposited on substrates of different compositions and thicknesses, complemented by numerical
simulations. Experiments and simulations demonstrated that the thermal dynamics, governed
by thermal transfer at the nanodisk-substrate interface and heat diffusion in the substrate,
strongly depend on the characteristics of the substrate, with a significant slowdown in the case
of nanometric membranes.

The second part of this work allowed to characterize the transient optical response of a single
gold nanodisk induced by its thermal dynamics. A strong dependence of the sensitivity of the
optical measurements to nanodisk heating on the wavelength of the light beam used to probe
this heating was demonstrated and quantified. A dependence of the temporal dynamics of the
measured optical signals on the probe wavelength was also observed in the spectral range where
the contribution of the heating of the membrane is not negligible compared to that associated
with nanodisk heating, and was quantitatively reproduced by a thermo-optical model.

The final section of this thesis focuses on the study of the vibrational properties of single
gold nanodisks. The experiments carried out allowed to confirm the strong dependence of
the vibrational quality factors of deposited nano-objects on their morphology, demonstrated
in previous work. In particular, improved quality factors were observed for nanodisks with a
diameter/thickness ratios between 2 and 5. The sensitivity of measured optical signals to the
vibrations of a nanodisk was also measured. It strongly depends on the probe wavelength, while
presenting a very different spectral shape from that of optical sensitivity to nanodisk heating.

This research work has thus led to a better understanding of the cooling and vibrational
dynamics of single gold nanodisks deposited on nanometer-thick membranes, and has allowed
to precisely quantify the sensitivity of signals measured by optical pump-probe spectroscopy to
these dynamics. Future work could focus on studying nanoparticles deposited on membranes
of different compositions that are more favorable for demonstrating non-diffusive modes of heat
transfer, or investigate the nature of internal vibrational damping phenomena, which determine
the vibrational quality factors of nano-objects in the absence of coupling with the environment.

Keywords:
Single metallic nanoparticles, Nanothermics, Pump-probe spectroscopy, Thermoplasmonics, Spa-
tial modulation spectroscopy, Vibrational eigenmodes
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Résumé :

Ce travail de thèse porte sur l’étude optique des propriétés thermiques et vibrationnelles de
nano-objets métalliques. Deux techniques optiques opérant à l’échelle du nano-objet unique (la
spectroscopie par modulation spatiale et la spectroscopie pompe-sonde résolue en temps) ont été
utilisées pour localiser des nanodisques d’or individuels déposés aléatoirement sur un substrat
solide, caractériser leurs propriétés optiques et étudier leur dynamique ultrarapide.

La première partie de ce travail décrit l’étude optique du refroidissement de nanodisques
d’or colloïdaux déposés sur des substrats de différentes compositions et épaisseurs, complétée
par des simulations numériques. Les expériences et simulations réalisées ont démontré que la
dynamique thermique, régie par le transfert thermique à l’interface nanodisque-substrat et la
diffusion de la chaleur dans le substrat, dépend fortement des caractéristiques du substrat, avec
notamment un ralentissement marqué dans le cas de membranes nanométriques.

La deuxième partie de ce travail a permis de caractériser la réponse optique transitoire
d’un nanodisque d’or unique induite par sa dynamique thermique. Une forte dépendance de la
sensibilité des mesures optiques à l’échauffement du nanodisque vis-à-vis de la longueur d’onde
du faisceau lumineux utilisé pour sonder cet échauffement a pu être démontrée et quantifiée.
Une dépendance de la dynamique temporelle des signaux optiques mesurés en fonction de la
longueur d’onde de sonde a également été observée dans la gamme spectrale où la contribution
de l’échauffement de la membrane n’est pas négligeable devant celle associée à l’échauffement
du nanodisque, et a pu être reproduite quantitativement par un modèle thermo-optique.

La dernière section de cette thèse se concentre sur l’étude des propriétés vibrationnelles de
nanodisques d’or uniques. Les expériences menées ont permis de confirmer la dépendance mar-
quée des facteurs de qualité vibrationnels de nano-objets déposés vis-à-vis de leur morphologie,
démontrée dans des travaux antérieurs. En particulier, des facteurs de qualité améliorés ont
été observés pour des nanodisques avec des rapports diamètre/épaisseur compris entre 2 et 5.
La sensibilité des signaux optiques mesurés aux vibrations d’un nanodisque a également été
mesurée. Elle dépend fortement de la longueur d’onde de la sonde, tout en présentant une forme
spectrale très différente de celle de la sensibilité optique à l’échauffement du nanodisque.

Ce travail de recherche a ainsi permis de mieux comprendre les dynamiques de refroidisse-
ment et vibrationnelle de nanodisques d’or individuels déposés sur des membranes d’épaisseur
nanométrique, et de quantifier précisément la sensibilité des signaux mesurés par spectroscopie
optique pompe-sonde à ces dynamiques. Des travaux ultérieurs pourraient se focaliser sur l’étude
de nanoparticules déposées sur des membranes de composition différente et plus favorable à la
mise en évidence de modalités non-diffusives de transfert thermique, ou encore chercher à préciser
la nature des phénomènes internes d’amortissement vibrationnels, qui déterminent les facteurs
de qualité vibrationnels des nano-objets en l’absence de couplage avec l’environnement.

Mots-clés :
Nanoparticules métalliques individuelles, Nanothermique, Spectroscopie pompe-sonde, Thermo-
plasmonique, Spectroscopie par modulation spatiale, Modes propres de vibration

137


	Introduction
	Electronic, optical and thermal properties of metallic nanoparticles
	Physical properties of bulk noble metals
	Electronic and thermal properties of bulk noble metals
	Electrons in the conduction band
	Volumetric lattice heat capacity

	Optical behavior of bulk noble metals
	Electromagnetism in a noble metal
	Intraband transitions
	Interband transitions


	Optical properties of metallic nanoparticles
	Energetic considerations
	Optical response of a nanoellipsoid: quasi-static approximation
	Transient optical response of a single metallic nanoparticle after excitation by a laser pulse

	Thermal dynamics of a supported metal nanodisk
	Heat transfers through the nanodisk surface
	Kapitza resistance at nanodisk-substrate interface
	Heat transfer in air: convection
	Radiative heat transfer

	Heat conduction in solids
	Fourier diffusion
	Other conduction regimes

	Quasi-uniformity of nanodisk temperature


	Experimental and modeling methods
	Gold nanodisks: synthesis and deposition
	Linear and ultrafast single-particle optical spectroscopy techniques
	Laser sources
	Spatial Modulation Spectroscopy (SMS)
	Principle
	Experimental setup and calibration

	Single particle ultrafast time-resolved pump-probe spectroscopy
	Principle
	Experimental configuration
	Procedure for signal acquisition
	Signal processing
	Characterization of pump and probe beams


	Optical and thermal modeling
	FEM optical modeling
	FEM thermal modeling
	Time domain modeling (single nanodisk excitation)
	Frequency domain modeling (multiple nanodisk excitations)

	FEM thermo-optical modeling


	Cooling dynamics of deposited gold nanodisks
	General context
	Investigated samples
	Optical experiments and data treatments
	Nanodisk optical characterization by linear optical spectroscopy and numerical modeling
	Experimental strategy
	Raw time-resolved measurements
	Data treatment

	Thermal dynamics of single gold nanodisks deposited on a thick sapphire substrate
	Experimental results
	Comparison with numerical simulations

	Thermal behavior of single gold nanodisks deposited on thin amorphous membranes
	Experimental results
	Modeling the accumulation effects
	Comparison between experiments and frequency-domain thermal model

	Thermal behavior of single gold nanodisks deposited on an ultrathin amorphous membrane
	Conclusion

	Optical detection of the cooling dynamics of single plasmonic nanoparticles
	General context
	Link between optical measurements and heating of the nanoparticle and its environment
	Previous study: ensembles of Au nanospheres in ethanol
	Previous study: single gold nanodisk lithographed on a thick sapphire substrate

	Optical investigations on single Au nanodisks deposited on a thin silicon nitride membrane
	Relevance of the studied system
	Optical measurements and time-resolved signals
	Experimental determination of the optical sensitivity to nanodisk heating
	Modelization of the optical sensitivity to nanodisk heating and membrane heating
	Comparison between measured and modeled sensitivities
	Analyzing the temporal profiles of the time-resolved measurements
	Thermo-optical modeling of the transient optical response of a single supported gold nanodisk
	Normalized temporal profiles: comparison between experiments and simulations
	Signals measured in the spectral range of weak sensitivity to nanodisk heating

	Conclusion

	Vibrations of single gold nanodisks deposited on thin membranes
	Vibrational properties of nano-objects: Navier equation, eigenmodes and quality factors
	Navier equation
	Eigenmodes and quality factors

	Vibrational dynamics of single colloidal gold nanodisks deposited on membranes
	Experimental strategy
	Experimental signals
	Experimental frequencies and quality factors
	Numerical modeling via FEM
	Comparison between experimental results and FEM modelization

	Optical detection of the acoustic vibrations of single gold nanodisks
	Experimental strategy and acoustic signals
	Experimental results

	Conclusion

	Conclusion and Perspectives
	Bibliography

